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Preface 


This book comprises the forty-second volume of the Annual Transactions 
of the American Institute of Electrical Engineers. It consists almost entirely 
of papers and discussions presented at the four national meetings of the Insti¬ 
tute during 1923 and its makeup and size follow the style first adopted with the 
1922 volume. All of the material contained in this volume has appeared in the 
monthly Journals of the A. I. E. E., except that certain of the longest papers 
were printed in abridged form in the Journal, whereas they are given complete 
m this volume. The amount of material presented before the Institute during 
this year has been so large that it was found impossible to reproduce all of it in 
this volume, owing to the necessary limitations of size and expense. It has 
therefore been a matter of grave consideration for the Publication Committee 
to select from the year's production of papers those which were considered of 
greatest value for reference purposes and to eliminate such papers as might be 
considered of more transitory interest. The Journals of the A. I. E. E. for 
the year corresponding to these Transactions also contain numerous contri¬ 
butions of merit which have been omitted from the Transactions merely for 
lack of space. In order to make these contributions and the eliminated Insti¬ 
tute papers available to the membership, they have been included in the index 
of the Transactions, referring to the issues of the Journal in which they were 
published. The arrangement of the articles in this volume is generally chrono¬ 
logical and each group or groups of papers is followed directly by the discussion 
thereon. The contents of this volume are indexed both by title and author's 
name and are cross-indexed wherever possible. In addition to the index of 
authors, the names of all those taking part in the discussions are also included. 
The volume concludes with the annual report of the Board of Directors for 
the fiscal year ending April 30,1923, together with the officers, committeemen, 
and Section and Branch officers for the corresponding year. 
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of breakdown than the stress at the surface of the 
dielectric, it seems hard to support the minimum stress 
theory. 

In all the theories which have been advanced so far, 
it has been assumed that the dielectric strength of the 
dielectric in a cable is a constant and independent of 
the shape of the electrodes after taking into account the 
shape of the electrostatic field for computing the 
dielectric strength from the theoretical law. Why is 
it not fair to assume that the dielectric strength as 
computed is not what we commonly called the ""true 
dielectric strength” of the dielectric but really the 
""apparent dielectric stren^h?” That is, we mean the 
true dielectric strength must be corrected for the shape 
and size of the electrodes and that this correction factor 
will give us a means of obtaining a constant which we 
can call the true dielectric strength of the dielectric. 

There are grounds for making the above assumption. 
We know that if a dielectric is tested for breakdown 
strength between parallel plates, it is necessary to state 
the size of the electrodes and the thickness of the 
dielectric or the results are not of great value. Mr. 
P. M. Parmer’ in a very valuable paper shows this to 
be true. The writer believes from tests he has con¬ 
ducted that the dielectric strength of a dielectric when 
tested between parallel plates is a constant, provided a 
correction factor is used. Here again it is a question 
of true or apparent dielectric strength. This correc¬ 
tion factor is very nearly the correction factor for the 
increase in capacity between two parallel plates due to 
end effect. 

Knowing that the dielectric strength for parallel 
plates is a fimction of the area and thickness of dielectric, 
suppose we assume that the dielectric strength of a 
cable is a function of the rodn or surface of the 
conductor and sheath. 

The writer, in 1914 and 1915, conducted a research® 
on the present problem. The same methods were used 
as described in the Middleton, Dawes and Davis paper, 
that is, samples of cables were studied with constant 
conductor diameter and variable sheath diameter and 
variable conductor diameter with a constant sheath 
diameter. Instead of using the commercial kind of 
dielectric, ceresine Wax was used, as it is more homo¬ 
geneous than rubber, paper or varnished csmbric, 
could be obtained free of impurities and absorbs 
practically no moisture. 

It was possible to explain the results obtained by 
means of ionization. Although a great many investi¬ 
gators do not believe in free ions in solids, if we assume 
they do exist and then apply the laws of ionization, it 
is remarkable how well computed results agree with 
experimental data. If we take the law of corona for 

7. “Dideetrio Streaigtli of Thin Insulating Materials,” by 
F. M. Parmer, Tkans. A. I. E. B,, Vol. 32, page 2097,1913. 

8. “A Study of tbe Dielectric Strengtih of Cables,” by R. J. 
Wiseman, Thesis, Electrical Engineering Department, Massa- 
ofiusetts Institute of Technology, June 1915. 
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air about a wire and apply it to a solid insulation (with 
the proper constants), we can express the dielectric 
stress at the surface of a conductor in a cable in a form 
which will give good agreement between computed 
and experimental values. This corona law is: 

K = Ko(l + -^) 

Vr 

where r is the radius of the conductor, a is a constant, 
Ko is the true dielectric strength of the dielectric, and 
K is the apparent dielectric strength of the dielectric. 
K is the value which should be used when computing 
the breakdown voltage of a cable having a conductor 
radius r. 

At the time of the research, the writer had only his 
own data to study and, consequently, was only able 
to apply the ionization theory to his data. Since the 
publication of the recent papers, a further study has 
been made along the lines described above and the 
empirical law 

K = (1+V'« 

Vr 

has been found to express the value of K in the cable 
formula 

V^KrlnR/r 

This formula for maximum stress states that the 
dielectric strength of a dielectric in a cable is a function 
of the radii of the conductor and insulation. If we 
hold the radius of the conductor r constant and increase 
the radius of insulation R, K will increase on account 
of the term If we hold the radius of insulation 

constant and decrease the conductor radius, K will in¬ 
crease. We know from data presented that this is so. 

If we should plot Kj^R^ mdiiiat. against l/V r 
as abscissas, the value of Kj^/R for various values of 
1/ V” r should fall along a straight line. 

Let us now compare the four different viewpoints, 
namely, the minimum stress, the average stress, the 
increase in conductor diameter theory when J?/r> 2.72 
and the ionization theory. 

Table I gives the value of dielectric strength com¬ 
puted for each viewpoint for the data given in Table 
II of Pemie^s paper. The minimum stress seems to 
apply very well, considering experimental data. The 
average stress, although giving a good average devia¬ 
tion from an average stress value, does not seem to ap¬ 
ply, as the average stress is decreasing with a decrease 
in the ratio R/r, whereas it should be independent of 
ratio Rfr, For the ionization theory, the equation for 
K maximum was found by plotting K/^R against 
l/V’*to be 

1.935 

K maximum = 131.6 (—= - 1) V 22 kv. per cm. 

y/ r . 

Taking this formula, the value of K maximum was 
calculated with the results given in column 7. A 
comparison of columns 6 and 7 gives an idea of the 
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TABLE I 

DATA TAKEN FROM FBRNIB, TABLE II. 


R 

mm. 

r 

mm. 

t 

mm. 

R/r 

Break 

down 

Voltage 

kv./cm. 

K max. 
Actual 
kv./cm. 

K max. 

' Oalc. 
kv./cm. 

Por coat 

Diff. 

K mill, 
kv./cm. 

KI •• 

A'aver. .'v, 4 i V 

kv./t;m. 

11.32 

17.97 

12.59 

14.16 

16.26 

11.62 

17.06 

2.43 

6.27 

3.69 

6.27 

7.37 

6.27 

8.17 

8.89 

12.70 

8.89 

8.89 

8.89 

6.36 

8.89 

4.65 

3.41 

3.40 

2.69 

2.21 

2.21 

2.09 

160 

217 

130 

134 

140 

91.5 

114 

428 

335 

288 

257 

240 

219 

189 

410 

295 

338 

202 

212 

237 

198 

- 4.2 

- 11.9 

H- 17.3 
+ 1.9 

- 11.7 

H- 8.2 
+ 4.8 

92,0 

98, .3 
84,3 
0.5.6 

108.7 

99. fi 

9f).0 

is« i 3H4 

171 j 

146 1 

181 i 

158 i 

144 i 

12« ‘ 


Average Difl. 8.6 per cent (Ool. 8) 


Average Dev. I Percent (Ool. 9) 

I 8.7 per cent (Ool. 10) 

Kmaxiinum - 131.6 ^ 1- ^^ - 1) ^ V 7?lcv. per cm. 


TABLE H 


- R 
mm. 

r 

mm. 

t 

mm. 

R/r 

Break 

down 

Voltage 

kv./cm. 

Kmax. 

Actual 

kv./cm. 

K max. 
Oalc. 
kv./cm. 

Por cent 
Dlir. 

7 

9 

11 

13 

16 

2 

3 

4 

5 

6 

5 

6 

7 . 

8 

10 

3.50 

3.00 

2.75 

2.60 

2.67 

54.3 

69.0 

65.3 

83.9 

04.2 

216 

200 

161 

175 

160 

214 

101 

170 

108 

106 

-0.9 
- 8.6 
4-0.3 
- 4.0 
+ 3.1 



Average Dev. 


K maTirniiiYi » 40.0 




! per cent (Ool. 8) 

I 0.4 per cent (Ool. 

I 7.6 per cent (Ool. 10) 


K min. 
uv./cm. 


01.8 

00.7 

08.0 

07.8 

00.1 




K AVPp. 

kv./cm. 


100 

118 

03 

108 

04 


H : «• 
8.44 V 

Vi -- «« 

/I 


I 1.111 

i 

I lfl» 


0) 


V Ji kv. per cm. 


a^ment between K maximum actual and K maximum 
calculated, assuming the corona law to hold The 
average diffaence between K maximum actual and K 
m^im c^culated is 8.6 per cent, which compai^ 
f^orably with the average deviations of niini.v....vi 
stress md average stress. The Middleton theory gives 

tte ^ maximum, as computed from 

the fomula. The stress is not constant, decreasing 
with a decrease in ratio iJ/r. -.ivaamg 

Table II contains an analysis of the various views 
for the data given m Table III of f emie’s paper. Both 
the mi^nm tod average stress theories apply well 
h^. Midifleton theory again gives decreasing 
values of sf^^th a decrease in ratio R/r. Attention 
IS directed to^he very close agreement of K maximum 
actual tod K computed from = 6 44 V/B 

eiprabon for r maximum for ionimtion theory 
^maximum = 40.0 1 V /^v^ 

'Vr 

Golunm 7 gives^ the calculated value of K maximum 

using this, equation. The average differtone 

Mun^ 6 tod 7 is 6.2 per cent, wh^t^glSSr^ 

ter ihan the average deviations for minimi 
tod average str^. mmimnm stress 


Table III IS a reproduction of Table I in tliif Middle 
ton, Dawes and Daviji paper. As in the eii.m> for tin 
P^vious tables, this table gives a <:(miitari.Ktin o 
the values of K for the different view.s. The mminmn 
stress and average stress theories do not hold. Thi 

6.44 V 

value of =« ~ ^ increa.^ a» the mtio H/r tie 
ot insulation D, J hereforci, wt? should mtm*t a tnirvi 

r 3 s tr ^their,an!:; 

^ttLd anrthfeorv^'r f 1 »''”"t«,t« Im widelj 
ot-chucerLu ana the curve lies between the 

simdar to 4 B C of Fig. 2. Although ^1 wanee 
Tt for deviations of points from true valuiw still 

JS! letter agreemenrtiito'tS 

gii^KA®„T”i Ionization theory, Column 7 

Sto value of stress after finding the 

if maximum - 710 (1 + ^ ^ ^ ^ 

Rg. 1 is a plot of K maximum/^Ti against 1 /^ to 
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show how the points fall along a straight line. This is 
given in order to compare with Fig. 11 of their paper 
which shows K maximum plotted against D/d as a 
straight line. Column 8 gives the per cent difference 
between columns 6 and 7. It shows a variation'plus 
and minus and an average difference of 4.2 per cent, 
which is a good agreement for experimental date,. 

Table IV is the same as Table II of the Middleton, 
Dawes and Davis paper. The minimum stress theory- 
does not hold. There is a constantly increasing value 
of average stress with decrease in ratio R/r but not of 
great amount. The average value is 243 volts per mil 
with a deviation from the average of 6.6 per cent. The 
authors in their paper state their empirical law, Ki = 
6.44 V/D does not hold. In this case decreases with 
a decrease in Rfr. Column 7 gives the calculated value 
of maximum stress, using the formula 

/ 2.02 \ 

K maximum = 149.21 —-==• - 1 j ^/R volts per mil, 

which was obtained from tee straight line plotted in 
Fig. 1 for K maximum/V jB against l/\/r. Column 
8 gives tee per cent difference between columns 6 and 
7. The average difference is 4.3 per cent, which is a 
good agreement and better than tee average deviation 
for tee average stress values. 



. IFia.' [1 —Relation between Ratio op Conductor Stress 
TO Square Root op Insulation Radius and Reciprocal op 
Square Root op Conductor Radius por Cables in Tables 
III AND IV, 

Table V is also taken from the Middleton, Dawes and 
Davis paper, Table III. The minimum stress and 
average stress theori^ do not hold. Instead of using 
Ki - 6.27 y/D to compute the stress according to the 
author^s views, the formula Zi = 6.44 V/D was used. 
The factor 1.16 has already been used in the develop¬ 
ment of the formula. This will not detract from the 
nature of the study as it only gives different values of 


Ki from those presented in their paper. given in the 
second last column shows reasonably consistent values 
with an average deviation from the average of 3.9 per 
cent. The last column gives the values of K maximum / 
y/Ti. Here also we get reasonably consistent values 
with an average deviation from the average of 3.2 per 
cent or a shade better than 3.9 per cent It is a question 
as to which view to choose here. Column 7 gives the 
calculate value of stress after taking the average value 
of K/^/R = 3100 and multiplying it by -y/R for each 
point. In view of the small variation in K/-y/R for 
each point from the average value, we should expect as 
good agreement in the calculated value of K maximum. 



RATIO r TO R 

Fig. 2—Relation between Rupturing Voltage and the 
Ratio por Data in Table VI 

The average difference between actual and calculated 
values of K maximum is 3.1 per cent, which is very 
close agreement. 

The date in Table VI are taken from the thesis of the 
writer. Constant diameter over insulation and vari¬ 
able conductor diameter were used. The dielectric 
strength has been computed for the various viewpoints. 
Fig. 2 is a plot of V against r/R, taking as a value of K 
the average of tee values of K for ratios R/r < 2.72 as 
was done by Middleton, Dawes and Davis for the data 
in their Table I. The actual curve for values of R/r > 
2.72 or r/R < 0.368 is slightly higher than the theoreti¬ 
cal and more nearly like the theoretical than should 
be expected according to the Middleton theory. Atten¬ 
tion is drawn to the small variation in K maximum over 
the whole range of values ofjB/r from 1.198 to 6.36. 
It would be allowable to take an average of all values 
and the average deviation is only 2.9 per cent from the 
average. This is better than the results in any other 
table. The writer believes this slight change in dielec¬ 
tric strength is due to the greater homogeneity of the 
dielectric than for dielectrics used by others. It would 
be fair to state from the values given here teat the 
dielectric strength is a constant and the theoretical 
law is coirect. However, the fact that the dielectric 
strength decreases with a decrease in ratio R/r causes 
us to modify the above statement. While studying 
the data given in the table, the writer found the law 
K = Kail a/ Vr)_to apply. It was found recently 
that the term “V R” would further improve the 
empirical equation for maximum value of dielectric 




6 

strength. Column 6 gives the calculated value of 
maximum stress from 

/ 0.0646 \ _ 

K maximum = 281 (1 +-==" ) V kv* 

\ -y/r ' 

Very close agr^ment is obtained with the actual value 
of maximum stress as given in column 5, and the average 
difference between actual and calculated values is only 
0.9 per cent. The minimum stress and average stress 
theories do not hold. 

The writer also conducted tests with a constant 
diameter of conductor (2 r) and variable diameter (2 J 2 ) 
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the geometry of the cable, for example, with d, D or 
D/d. This is necessary, as in its present form the 
formula cannot be used to determine beforehand the 
breakdown voltage of a cable, unless previous data had 
been obtained for the cable. 

The ionization theory has been applied satisfactorily 
to all the data available. Two assumptions were made 
in developing the theory; first, ionization takes place 
in a solid dielectric and the dielectric should follow the 
laws of ionization; and, second, the dielectric strength 
of a dielectric is a function of the size and shape of the 
electrodes, in the case of cables it being found a function 
of the square root of the radius of the dielectric. 
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TABLE VI. 
D s 0.952 cm. 











Ai - 




Break 

A max. 

A max. 




5.44 V 

r 

1 


down 

Actual 

Oalc. 

Per cent 

K min. 

K aver. 


cm. 

cm. 

R/r 

Voltage 

kv./cm. 

kv./cm. 

Difl. 

kv./cm. 

kv./cm. 

x> 




kv. 






kv./cm. 

0.0801 

0.387 

5.36 

34.3 

230 

229 

-0.4 

21.4 

88.6 

196 

0.1024 

0.374 

4.65 

35.8 

228 

227 


24.5 

06.0 

206 

0.1194 

0.357 

3.99 

37.0 

224 

224 


28.1 

104 

211 

0.1688 

0.317 

3.00 

37.3 

214 

220 

+2.8 

35.7 

118 

213 

0.179 

0.297 

2.66 

38.5 

220 

219 


43.3 

130 


0.2S8 

0.239 

2.00 

35.9 

218 

215 

-1.4 

64.6 

160 


0.818 

0.1586 

1.50 

27.3 

212 

212 

0.0 

71.6 

172 


0.368 

0.0785 

1.198 

16.0 

208 

211 * 

+1.4 

87.0 

191 



Average: 219 

Average Dlfl. 0.9 per cent (Ool. 7) 

Max. Dev. + 6.0 per cent (Ool. 6) 

Min. Dev. — 6.0 per cent (Ool. 5) 

Average Dev. 2.9 per cent (Ool. 5) 


K maxlmnm 281 


( 


1 + 


0.0646 \ 

/ 


Vnkv. percm. 


over insulation. The results are not given here be¬ 
cause the values of maximum dielectric strength de¬ 
creased with increase in ratio R/r and none of the 
previously expressed views were applicable. 

Considering the data which have been presented, it 
does not seem possible to state that the Tni niTmi-m stress 
theory and the average stress theory will explain the 
difference between experimental and computed values 
of voltage breakdown of a dielectric when used in a cable. 

The empirical law, which states that the voltage 
breakdown is a function of the diameter over the insu¬ 
lation when the ratio of diameter over insulation to a 
conductor diameter is greater than 2.72 and that the 
dielectric within a diameter the value of which is 
D/2/72 does not add to the insulating properties of the 
conductor, seems to have some foun<iation. Further 
investigation along this line is desirable and in con¬ 
junction with the investigation the writer suggests a 

study be made of the variation of JTi = — ^ with 


The law Ki = 5.44 V/D is limited in its application 
to cables having ratios of R/r greater than 2.7^ 

The law V = ifo (1 + — 7 = ) y/R r log R/r is ap- 

plicable to all ratios as shown very clearly in the tables. 
It may therefore be considered as a more general 
formula than Ky = 5.44 V/D. The term r log R/r 
of the mathematically developed law is retained which 
is the term involving the shape of the electrostatic 
field. 

What has been considered the dielectric strength of 
the dielectric is not the “true dielectric strength** as 
was supposed, but an “apparent dielectric strength** 
which is a function of the radii of the conductor and 
insulation, as was originally assumed. 

Thfe new viewpoint is given with the hope that others 
may consider it in connection with any data they may 
have and perhaps in time, from the various viewpoints, 
a correct understanding of what we mean by the 
“dielectric strength of a cable** will be found. 
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senting data and the writer apologizes for not including thig 
information in the paper. The tests given in Table VI from the 
writer’s previous work were made at room temperature ^■•nd an 
increase of voltage of about 1000 volts per second. We aU admit 
that very long time constant voltage tests when the voltage is 
near the rupturing voltage and varying temperatures give dif¬ 
ferent results than short time voltage tests and constant tem¬ 
perature. 

writer is unable to appreciate Mr. Del Mar’s remark that 

it is probable that a solid or semi-solid dielectric would never 
breakdown under stress if it were absolutely homogeneous.” 
The writer agrees with Mr. Del Mar that it is necessary to con¬ 
duct many tests before we can feel we have solved the problem 
in question. However it is necessary to make a start at drawing 
conclusions after a reasonable number of tests have been made. 
The data presented by Messrs. Middleton, Dawes and Davis 
are the results -of many tests at each point and the data given by 
the writer in Table VI are the result of at least 10 tests at each 
point. The average deviation for each point was low and there¬ 
fore the average value could be accepted as representing as well 
as experimental work was possible, the phenomenon taking place 
for the conditions under test. 

Considering the agreement which the new formula gives be¬ 
tween computed and actual values of K for each of the tables 
given in the paper and the fact that all but five of the tables 
were taken from papers by authors and on different dielectrics 
gives the formula more weight and that there may be something 
more worth while in it than Mr. Del Mar seems to believe. Very 
true, ceresine and impregnated paper exhibit totally dissimilar 
characteristics a nd th is is brought out in the expression K — 

Ifo (1 + a/Vj* Vjffi). The dissimilarity would be shown in the 
value for a, K and whether a positive or negative sign would 
occur. The baffling effect referred to by Mr. Del Mar is due to 
the higher amount of free ions and the greater freedom of mobil¬ 
ity of ions in petrolatum than in paper. Change the freedom 
of mobility in paper and you will change the characteristics of 
impregnated paper. 

I am very glad Mri Del Mar reports evidence of free ions in 
petrolatum. It helps to substantiate what the writer has be¬ 
lieved for many years. The writer views the problem as to 
what is a dielectric, as follows, all substances, gases, liquids, and 
solids have free ions, different substances having different 
amounts and each substance having a different mobility, both 
of which determine the dielectric strength of the substance. 
The number of free ions in gases is large and freedom of motion 
great, therefore we get low dielectric strength. Liquids may be 
classed as the next higher order of dielectric, having less free ions 
and less mobility than gases. Solids present the case of where 
free ions are few and freedom of motion greatly limited, resulting 
in high dielectric strength. The above refers to homogeneous 
materials. Where we have a non-homogeneous substance such 
as rubber each of the pure substances in the rubber has its own 
influence on the resulting material. For a substance like im¬ 
pregnated paper in a cable we have the combination of jiiquid, 
and paper imprecated with a liquid. The liquid alone has a 
property of its own but the impregnated paper is a combination 
of liquid and the solid paper. The resulting material may have 
any number of characteristics as the liquid and paper alone and 
in combination vary. It may even happen that for the same 
liquid and paper, two cables may exhibit different properties 
on account of some slight, change in the treatment or manu¬ 
facture which would change the ionic characteristics of each 
dielectric. 

The writer appreciates greatly the remarks of Mr. 
in referring to the views of Dr. Steinmetz, Dr. Wagner and 
Messrs. Peaslee and Peek. The writer’s paper was written in 
August, 1922 prior to the publication of Dr. Wagner’s ps.pw 
and the discussion of the paiiers presented at the Niagara Falls 
Convention. 
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Without being too bold, since reading Dr. Wagner’s paper and 
the remarks of Mr. Peaslee the question has arisen in the niiTid 
of the writer, are we all referring to the same thing? Is Dr. Wag¬ 
ner s conduction breakdown theory and Mr. Peaslee’s ideas the 
same as the views expressed by the writer but expressed dif¬ 
ferently. They view the subject from a c hang ing conduction 
angle whereas the writer looks upon it as an ionization phenom- 
enon. ^ Corona such as we call the visible glow in air when the 
ionization becomes great enough to make the air conducting is 
no,t necessary before we say ionization takes place. Mr. Bergen 
Davis^ in a paper presented before the Institute in 1914 showed 
tiiat ionization and corona are practically identical. Some of his 
ide^ present a good foundation for a study of the phenomenon of 
ionization. Ionization in gases takes place as soon as the voltage 
stress is great enough to cause the free ions to move and create 
other ions by impact. It seems reasonable to suppose that the 
same will be true for the free ions in a solid. Furthermore it is 
not necessary that there be any physical effects resulting from 
the formation of ions in the dielectric. If we agree to these 
statements, then it is not so difficult to explain some of the 
phenomena of the electrical breakdown of dielectrics. Taking 
Mr. Peaslee’s discussion of the papers presented at the Niagara 
Convention. Is the current he refers to partly the current due 
to ionization and not entirely a conduction current obtained from 
resistance? As the voltage increases and therefore the voltage 
stress, any free ions present will be set in motion, causing other 
ions to be formed by collision with neutral molecules. These 
ions are moving toward the positive electrode to be discharged. 
If the positive electrode is near the negative electrode, the ions 
will be discharged, and a further increase in voltage stress is 
necessary in order to produce a sufficient number of ions to 
cause the dielectric to become conducting by breakdown. If the 
positive electrode is not close to the negative electrode the ions 
do not have time to reach the positive electrode before a large 
number have been produced in the region of the negative elec- 
trode. This may result in the dielectric around the negative 
electrode exhibiting the properties of a conductor and the elec¬ 
trode has been virtually extended into the substance of the di¬ 
electric. This will result in a greater increase in the number of 
ions without further increase in voltage and finally, puncture wU 
occur. The voltage necessary to cause breakdown will not be 
proportional to the voltage required for small distances between 
the electrodes. In the caso of alternating voltages, there is the 
additional consideration that the time phase is likely to change 
before the ions have been able to discharge, so that they will 
simply accumulate around the electrodes and the dielectric will 
become conducting at the electrodes with the results previously 
stated. Is the current Mr. Peaslee refers to at different parts of 
the insulation the ionization current described above. The 
writer believes it is and that his cuirve of current density can be 
explained by ionization of the dielectric as the voltage is 
increased. 

It may be of intex’est in connection with Mr. Shanklin’s refer¬ 
ence to “energy distance” to report that calculations were made 
for the data given in the paper with the following results. 

The value of the voltage stress was computed at a radius 
equivalent to that for the energy distance as found by means of 
the ionization formula for each table. The voltage stress at the 
energy distance should be constant. 'I'he following average 
deviation was found for each table. 

Table I II HI IV VI 

Average dev. percent... ..... 10.4 6.0 0.1 7.6 0.3 

For Table I, II and IV, -the formula for K had a negative sign, 
whereas for Table III and: VI, the formula for K had a positive 
sign. Although a constant value of K was not obtained for 
the stress at the QXLevgy distance for each table, in two c£wes it 
was practical]^ obtained and for the other three, fair agreement 
obtained. 

1. Theory of Oorema, by Bergen Davis. Frocbbdiixos, A. I. B. B.i. 
Vol. 83, AprU, 1914. 
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Review of the Subject.—No means has yet been discovered 
whereby the abnormal rise of current occurring during short circuits 
is avoided. Protection against its destructive effects remains, 
therefore, a subject of major importance. Among the problems 
requiring short-circuit current determinations, the following are the 
chief ones: 

(1) Selection of oil circuit breakers of the required interrupting 
capacity. 

(£) Determination of the size of current-limiting reactors. 

(S) Determination of relay settings in relay systems depending 
on selective action from, over-current and directional relays. 

(4) Calculation of mechanical stresses in the structural elements 
of apparatus subject to short-circuit electromagnetic forces. 

Each of these problems requires the knowledge of the magnitude 
of short-circuit currents; relay problems frequently require, in 
addition, the relative phases of currents and voltages at different 
points of the system during short dircuits; in item (4) above the 
wave-form.of the short-circuit current sometimes has to be considered. 
The available information on the latter subjects, i. e. on phase 
relations and on wave form during short circuits is relatively 
meager, probably because it has been required in special cases only. 
Nevertheless, the demands for these data are increasing—on account 
of both the tendency towards increased sensitiveness of protective 


devices and the rapid increase in the magnitude of the short-circuit 
currents to be handled—and it toUl be worth while, therefore, if this 
added inf ormation is obtained. This paper is confined to the problems 
of the determination of the magnitude of short-circuit currents. 

The magnitude of short-circuit currents depends on a multiplicity 
of factors which have been enumerated and dealt with in other 
publications.^ When the impedances of all the circuit elements 
affected by the short-circuit are known together with the current-time 
decrement characteristics of all machinery capable of supplying 
current to the short circuit,'^ the problem of short-circuit-current 
determination resolves itself into one of current division in a given 
network of electrical conductors under given electromotive forces. 

In the following paper, the comparative merits of three methods — 
calculation, a-c. test, and d-c. test—of determining short-circuit 
currents in networks are briefly discussed. Two d-c. experimented 
methods applicable to the "short-circuit calculating table" are 
analyzed in detail. The accuracy of its resxdts, by both methods, 
is obtained for a variety of circuit conditions. The proper field of 
use of the short-circuit calculating table, and the best method of its 
application are determined. 

1. See Bibliography No. 1, 2. 

2. See Bibhography No. 1, 2, 3. 


Introduction 


S HORT-CIRCCJIT currents in networks may he de¬ 
termined by calculation from the circuit constants- 
and the connection diagram, or by tests with an 
experimental circuit equivalent to the system under 
consideration. The calculations for complicated net¬ 
works by the elementary procedure using Kirchhoff’s 
law. without employing simplifications or mathematical 
shortcuts are extremely lengthy and not practical. Al¬ 
though the complications are reduced by the use of 
circuit fransfoi^tions and by mathematical methods,» 
test methods in many cases give quicker results of 
sufficient accuracy for routine short-circuit-current de¬ 
terminations. 


The most obvious test method is that in which all the 
essential elements in the system under consideration 
are reproduced in a miniature system in true proportion. 
This kind of test calls for a miniature a-c. system. The 
chief disadvantages of this type of a-c. test system are 
due to the necessity of both resistor and reactor units 
and to the limitations of the low-range a-c. meters; 
the miniature apparatus has to be either of relatively 
large current rating to accommodate the available a-c. 
instruments and thus becomes quite expensive, or 
delicate low-range instruments are required. These 
conditions have brought about the d-c. miniature liiie 
in the form of the short-circuit calculating table. Its 


3. See Bibliography No. 4, 6, 6. 
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use is based on an approximation whereby the complete 
a-c. system under short-circuit conditions is reduced to 
an approximately equivalent d-c. network. The magni¬ 
tudes of the currents in the various circuit branches of 
this equivalent d-c. S 3 ^tem under short-circuit are 
determined by test, and converted by the use of the 
proper factor of proportionality into the corresponding 
a-c. currents of the original system. 

One method of employing this short-circuit calcu¬ 
lating table is to make the ohmic resistance values in the 
equivalent d-c. system proportional to the reactances 
of the various circuit elements, i. e. of generators, 
reactors, transformers, lines, etc. This method may 
be called the reactance method. 

The second method of applying the short-circuit 
calculating table is the impedance method, in which the 
impedances in all the S 3 ^tem elements are assumed to 
be in phase and set up as resistances on the calculating 
table. This method is not in general use. 

The details of construction of this apparatus and the 
customary method of its application have been fully 
described in several publications.-* 

Object 

It is the object of this paper to determine the merits 
and limita tions of the short-circuit calculating table, 

4. Des(aiptions of several forms of sbort-cirouit calculating 
table are found in the following articles: Bibliography No. 7, 

reference to the reactance method of 
short-oircmt-ourrent determination, see Bibliography No., 8, 
y fli&d 13. 
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Underground cable systems 

Systems having both aerial conductors and under¬ 
ground cables. 

Sytems of Aerial Conductors. The error most readily 
determined is that due to the impedance angles of 
generators and of distribution lines. When all the 
principal lines affected by a short circuit have equal 
impedance angles, these lines may for this purpose be 
consolidated into one equivalent impedance of the 
same angle. When, furthermore, in such circuits all 
sources of short-circuit current may be replaced by 
one equivalent generator, all short-circuit currents 
will have the same error. Circuits of this t 3 ^e will be 
considered first. The resistance of generators, when 
of the order of 1/20 of their reactance, will be neg¬ 
lected. 

The examples given apply to three-phase systems, 
and the resistance and reactance data are the values 
per conductor. Three-phase short-circuits are con¬ 
sidered. 

Example 1 

Series circuit consisting of generating station, 
transfoimer bank and aerial conductors, all in series; 
reference kv-a. = 11,000.® 

Resist.® React.® Imped, 
per per per 

cent cent cent 

Generators, total capacity 11,000 kv-a.; 


6600 volts, 60 cycles, 3-pliase. 28.0 28.0 

Transformer bank 6.eMkv. 0.9 4.8 4.9 


Lines 44 kv., of 116,000 cir. Tnil copper 
and of 179,000 cir. mil al'ummum; 
total resistance and reactance of Hnag 
to point of short circuit 124 miles from 
generating station, all lines hav¬ 
ing prjMstically the same impedance 

.... 16.5 31.0 35.1,^ 

Total impedance of all circuit elements = 17.4 
j 63.8 = 66.1 per cent. 

Scalar sum of all impedances = 68.0 per cent. 

Hence the error of the short-circuit current by 
the reactance method is indicated by the ratio w* = 

66 1 

= 1.04, meaning that the result is 4 per cent high. 


Note: The accuracy factor is the ratio of short- 
circuit current by reactance method to the correct 
short-circuit current; Ug is the corresponding ratio 
applied to the impedance method. 

It is seen that the error of the short-circuit current 
by the reactance method is not excessive and is on the 
safe side. The chief source of error is the resistance 
of the lines. It should be noted that the impedance 
angle of the lines is 62 deg., while that of generators 
and transformers is substantially 90 deg. 

Example 2 


A three-phase generating station with transformers 
supplies a 110-kv. 60-cycle aerial line. Reference 
kv-a. = 60,000. 


Resist. React. 

Imped. 


per 

per 

per 

Generatora, 60,000 kv-a. aggregate 

cent 

cent 

cent 

rating, total combined reactance.. 
Transformer unit, 13.2/110 kv.. 


12.0 

12.0 

20,000 kv-a. rating... 

Line, 110 kv., 250,000 cir. mils copper 
short-circuited 88 miles from sta- 

1.5 

19.4 

19.4 

tion. 

10.0 

35.9 

37.2/74.4 


Total impedance of all circuit elements up to point 
of short circuit = 11.6 + i 67.8 = 68.8 per cent. 
Scalar sum of all impedances = 68.6 per cent. 

For the short-circuit current by reactance method, 

= 68.3/67.8 * 1.016 

which means that the short-circuit current is 1.6 per 
cent high. Likewise, for the impedance method 
Ug = 68.3/68.6 = 0.996 

which means an error of 0.4 per cent low. The errors 
of the short-circuit current are seen to be negligible. 

Example 3 

One 60-cycle, 3-phase generating station with trans¬ 
former bank; circuits affected by short-circuit: two 
series-connected aerial lines fed from the generating 
station; reference kv-a. = 26,000. 

Resist. React. Imped, 
per per per 
cent cent cent 


The corresponding error of the impedance method, 
obtained from the impedance accuracy factor tt, = 


66.1 

68.0 


=?= 0.97, is 3 per cent low. 


^ 9. It often convenient to express resistance and reactance 
in terms of the per cent voltage drop through them; i. e. the 
percentage reactance drop—frequently called briefly the “per 
cent reaotance”-— is the voltage drop, expressed as a percentage 
of normal voltage, across the reactance when traversed by a 
ourr^t due to a specified balanced kv-a. load on the circuit. 


Ti • XT. j « « —. V** vxio VJLLUIUU* 

® w r^tance m ohms, kv-a. the reference kv-a., and kv. 
the Imejvoltage in kv. in a 3-phase circuit, the “per cent 

X (kv-a.) , 

10 (kv)® Bibliography No. 9). 


reactance” is per cent x = ?. (kV"”*’) 


Genwators with transformers 
13.2/88 kv. aggregate rating 43,750 
kv-a., impedance components of 

entire station. . 0.5 13.3 13,3 

Line 88 kv. No. 1/0 B & S copper, 

T. ... 8.1 9.5/69.4 

Line 88 kv. No. 1/0 B & S aluminum, 

51mfles.......... ..13.9 13.3 19.3 /43.8 

Both lines in series, point of short-circuit 80 miles 
from generating station. 

Total impedance of all circuit elements up to point 
of short-circuit = 19.2 -\-jBA7 = 39.7 /61.0 . 

Scalar sum of all impedances = 42.1 per cent. 

For the short-circuit current, by reactance method 
%* = 39.7/34.7 = 1.14 
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which means that the shor^ircuit current is 14 per having distribution circuits of the same impedance 
cen ig . ^likewise for the imp^ance method angle were considered. The eiTors of the reactance 

ttrw i, 39.7/42.1 = 0.94 method were on the safe side in all cases (i. e. high re- 

® en*or is 6 per cent low. The suits); in. the first two cases the error w«is below 5 

0 ew a greater ^ors m this case are caused by the per cent, but in the third case the error was 14 per <*ent 
^ impedance of the distribution because the distribution lines had impedance angles 

qbnrf ^ generating station and the point of of the order of 45 deg. and impedance magnitudes 

^ ^ J ^ amounting to as much as two thirds of the total 

impedance. In the fourth example, one of 
circSfSSnf^f!'^? occasional occurrence, parallel circuits of widely di.s- 

lareer nart nf i-hfZ constitute the similar impedance angles gave by the reactance met hod 

ex^nnle^ illus^aWfbA ^ impedance. This a permissible error for the total short-circuit current, 

bv . short-circuit but an error of slightly over 20 per cent for one of the 

shor^e4 The impedance mothod wave low 

imiSiSrLrfe * distabution hnes of an values in this case, but none more than 4 jK-r cent in 

mpedance angle in the vicinity of 46 deg. error. The conditions illustrated liy o.Kample.s :t and 

Example JL ^ considered in detail in the more general unulysis 

condihT*®^ u Und^grmnd Cal,lex. CM.le.s generally 

from the us? of unequ^ wire ^ve lower impedance angle.s than aerial lines. Wlieii 

metals, or of reactors In thp ^ short orcuite occur near a generating station, thif 

generating station with step-up transformers feSs”two due^^+bp limiting the short-circuit current is largely 

Beast. Beaot. Imped. Circuit current in the longer cable lines may however 

r* Tt Zt have greater ereors. Similarly tor remote short 

„ , . , --— , '“"J*® the impedance angle of the cal.lo,s may materi- 

G^OTators^tb Step-up transformers ^Hy lower the accuracy of the total short-circuit cur- 

total generating capacity 26,000 rent. > <-ur 

^ s copper, 60 kv.. 13 70 jg iq ig g- hajung No. 4/0 B & s 3-phase, 3-conductor, 15,0mi- 

Line^o. 2, 38 miles long. No. 4/0 ' — cables, at 60 cycles, will be illustrated by tht* 

B & s copper, 60 kv., connected in following example: 

multiple with line 1.. 4 os n sn io kk n-m 

Short-circuit at terminal of Bnes ^ R«f v Example .5 

^ “y «>e customary “• “ , 

^^e^ch currents in hues No. 1 and _p. 

Impedance Method . 

Total short-ou*omt our- ^®^weou gonorating station lunl 

' V-i ^ ^Sh 1 per cent low circuit; this im- 

rai^<^ current 1. ^ per cent high 4 per cent low Po^anoo is oquivalont to that 

Br»eh«urr«it 2..... .. 9per>eatZ iZZl Z ?'ST" “ N"' ^ « 

It is seen that the total current W +!,„ V »-phaHo ooMoh, i»eh 

nreaod is not badly in aror and is on the safe 5d? TbTC.l’T ■ -t • .*'™' »deg. 

a high result for the brunch of low impeda^i^a^ri? TT, , ® +^18 05-18,4 percent 

(44deg.), and a low result for the brancli nf Zu t**® “reuit imnedanme. ie io a 

3 remjtance mefhW ^ 

The results of the preceding four examnlffi m V i. ^ ^ ' Likewise, hy the 

—sedasfrdiowsi InesamplesUaiS 3 . 
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Example 6 

In this example, the system of example 5 will be 
considered, but the short circuit will be located 
remote from the generating station, such that the 
combined impedance of the cable circuits between 
generating station and point of short circuit is equiva¬ 
lent to 2.5 miles of No. 4/0 B & S copper 3-conductor 
cable. Using 40,000 kv-a. as the reference kv-a. the 
data are. 

Resist. React. Imped, 

per per per 

cent cent cent 

Generating station... 0..60 16.5 16.5 

Combined data for cable circuits 
. between generating station and 

point of short circuit.15.3 7.75 17.15 /27 deg. 

The total impedance to the point of short circuit is 
15.8 -f j 24.3 = 29.0 per cent 

The scalar sum of the circuit impedances is 33.7 per 
cent. 

Hence, by the reactance method, 

w* = 29.0/24.3 •= 1.19 

representing an error of 19 per cent high. Likewise by 
the impedance method: 

u, = 29.0/33.7 = 0.86 
representing an error of 14 per cent low. 

Example 7 

. In this example, the network shown in Pig. 1 will 
be considered. The data given in this diagram and 
in Table I are miniature test, data representing an 
11,000-volt, 60-cycle underground 3-conductor cable 
system, having current-limiting reactors (giving a 
3 per cent voltage drop in the cables when carrying 
full-load cable current) in each of the lines A, B, C, D, 
E, The cables are of No. 4/0 B & S and 250,000 
cir. mil copper. Those in lines F, (7, H, and 1 have no 
reactors, and therefore have low impedance angles, 
of the order of 26 to 31 deg. The results by a-c. test, 
by reactance and by impedance methods, are given 


in Table I, for a 3-phase short circuit at 6. The total 
short-circuit current by reactance method is 5 per 
cent high, that by impedance method is 4 per cent 
low. These errors are small because the impedance 
angle of the cable network from generator bus to the 
point of short-circuit is 56 deg. The three principal 
components, B, C and F of current fed into the short 
circuit have errors, by the reactance method, from 7 
per cent low to 16 per cent high, the negative error 
occurring in B, i. e. in the path of highest impedance 



Pig. 1—CiROXJiT Diagram fob Example 7 
Short-circuit current determination. Arrows Indicate direction of 
short-circuit current. Note; Figures opposite lines and generator represent 
resistance and reactance values, expressed as complex numbers; Une-to- 
neutral values in ohms per phase. Reactance of reactors induded with 
line Impedances for lines A, B, C, D, B. 

angle (67 deg.). The current in line F (error 16 per 
cent high) is partly dependent on reactances of lines 
having low impedance angles (as low as 26 deg.). 
Errors of over 20 per cent high, by reactance method, 
occur in three lines more remote from the point of 
short circuit. However, these lines have the lowest 
currents, each carrying less than 15 per cent of the 
total short-circuit current, and two of them are over 
four miles long. 

The short-circuit currents by the impedance method 
have a maximum error of 6 per cent low. In this 


TABLE I 


Circuit constants and miniature test data for short-circuit current determination in cable network of Fig. 1. The data given represent in true pro¬ 
portion the conditions of the actual network. The ohmic values given are 56 times the actual system values. 


Miniature circuit data 


Length 

miles 

Resist. 

ohms. 

React. 

ohms 

- 


26.1 

3.1 

47.6 

76.2 

2.1 

26.3 

62.0 

3.3 

42.6 

71.9 

2.4 

32.0 

66.1 

4.1 

62.3 

84.9 

1.1 

13.84 

8.34 

0.7 

10.26 

4.95 

1.0 

13.76 

7.40 

6.9 

100.8 

50.7 


Impedance 

ohms 


89.8 /68.1 

67.3 /67.0 
83.6 /59.8 

72.5 /63.8 
105.3 /53.7 

16.20 /31.1 

11.4 726.7 

16.6 728.3 
112.8 726.7 


Miniature 
a-c. test 
short-dr’t. 
current 
ampere 


' Reactance Method 

Short-circuit 

accuracy 

current 

factor 

10.13 

1.05 

1.550 

1.19 

2.766 

0.93 

2.385 

1.01 

1.99 

1.06 

1.438 

1.23 

4.98 

1.16 

1.607 

1.24 

1.480 

1.18 

0.069 

1.4 


Impedance Method 

Short-circuit Accuracy 
current factor 


9.27 

1.218 

2.876 

2.320 

1.761 

1.098 

4.076 

1.146 

1.172 

0.047 


NOTE: The reactance and Impedance values for lines A. B. C, Dand £ Include the reactances of cables and of tihe reactors in series with the cables 
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This circuit condition, while somewhat unusual, and a wide range of variation of impedance angle of 2 j 
serves to illustrate the magnitude of the errors that may from 90 deg. (pure reactance) to 0 deg. (pure resistance). 
arise from the use of the reactance method in systems The application of these curves will be illustrated by 
having parallel connected circuit elements of widely the following case employing the system of example 6: 
HifiCTTYtilar impedance angles. The circuit construction 2 g = impedance of generating station = 0.5 + 3 16.6 
of Fig. 3 has the disadvantage of giving large inter- = 16.5/88 deg. 

change currents in normal system operation and is, = impedance of distribution system to point of short- 
therefore, not common. circuit = 16.3 + 3 7.75 = 17.15/27 deg. 

Analysis of Circuits With practically no error, the angle 

From the preceding examples it is seen that, for the of may be taken as 90 deg. The 
determination of the accuracy of the short-circuit ratio of ito/zi = 0.96. In sheet 5, 
calculating table, electric power systems may be divided for an abscissa of 27^ deg. the ordi- 
into two classes: . . nate for zg = 0.96 21 is, by approxi- 

(a) those systems in which the circuit elements of mate interpolation, 1.19 (t. e. 
dissimilar impedance angles occur in series connection slightly greater than the ordinate D^qbam*^ 

for the curve zg = Zi). The error 




Fig. 3 

Full vertical lines indicate 10,000-volt 3-conductor cables. Dotted 
lines -indicate 60,000-volt aerial 3-pli^ circuits. All impedances are 
expressed in obms -with thdr impedance angles. Impedances of circuits 
A and J Include transformer Impedances. 

only; i. e. all parallel connected circuit elements are of 
the same impedance angle; systems of this class are 
illustrated by examples 1,2,3, 6, 6, and 8. 

(b) those systems in which the circuit elements of 
dissimilar imp^ance angles occur in multiple as well as 
in series. Such circuits are represented by examples 
4,7 and 9. 

The following analysis of circuits is made on the basis 
of this classification. 

, Systems in which the circuit elements of dissimilar 


by reactance method is, therefore, 19 per cent high and 
agrees with the result previously given. 

When a system of this t 3 T)e has more than two series- 
connected portions, all having different impedance 



Fig. 5 —Accxjbacy Factob 

Total current, reaotance method. Olrcult: A generator eupplying a 
aii^le circuit. Variation of magnitude of Zc and of angle of Zi; IZof 
B 0.2.0.5,1.0 and 2,0 times /Zi/; Zc angle, 00 deg. constant; Z\ angles, 
0 dog. to 00 deg.' 


impedance angles occur in series connection only. The 
simplest circuit of this type is that of Fig. 4, in which 
2 g repretents the impedance of the generating station 
and Zi represents the impedance of the distribution net¬ 
work to the point of short-circuit, all distribution lines 
having the same impedance angle. The accuracy of 
the reactance and impedance methods was determined 


angles, the data of Fig. 6 may be applied as long as all 
parallel-connected circuit elements have the same 
impedance angle. Example 8 is of this type. This 
system of five major portions' may be reduced to two 
series-connected impedances, namely: 
zg = generating station and Ti - 0.4 + j 10.0 *=10.0 


by calculation of the accuracy factors, as explained in = series combination of 110 kv. lines, T 2 and 12 kv. 
ejtample 1. These factors for the reactance method are cables = 7.8 + 3 10.3 = 12.9/^ deg. 

plotted in Fig. 6 for a ^de variety of circuit constants It follows that 2 g * (10,0/12.9) X Zi = 0.78 Zi 

covering a range of variation of zg from 0.2 zi to 2.0 Zj Correspondingly, the accuracy factor of the short- 
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circuit current by reactance method is, from Fig. 5, for Systems in which parallel-connected circuit elements 
an abscissa of 53 deg. approximately 1.08, a value have impedance angles less than 16 deg. apart may be 
identical with that found by previous calculations. considered as belonging to the class of systems under 
The shaded parts of Fig. 5 indicate circuit conditions consideration. It should be pointed 
for which errors safely below 20 per cent are obtained out here that a reactor placed 
by the reactance method in this type of system, between a distribution line and 
Typical circuit conditions resulting in errors within this the bus from which it is fed must 
limit are the following: be considered as a separate circuit 

Generating station reactance not lower than distri- element for a short circuit oc- 
bution system impedance and angle of the latter curring in the line near its junc- 
not lower than 30 deg. tion to the reactor. The reactor 

Generating station reactance not lower than one half will then he in multiple with other 
the distribution system impedance and angle of impedances, generally of lowerim- 
the latter not less than 45 deg. pedance angle, if there are other 

Generating station reactance not lower than one lines feeding short-circuit current from the bus towards 
fifth the distribution system impedance and angle i^he fault. In such cases, the results derived above for 
of the latter not less than 56 deg. ” series circuits do not apply. 

Systems having Multiple-Connected Imjmdanees of 
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TABLE n 

Circuit Conditions Covered by Acciiracy Data in Figs. 8, 9 and 10. Tbe Data Apply to Circuits of the Type Shown in Fig. 7. 


Fig. No. 

Method of short- 
circuit-current 
determination 

Constants of Generator and of Branch Circuit: 

5 fFig. 7) 

Zo 

2l 

4 


Magnitude. 

Angle 

Magnitude 

Angle 

Magnitude 

'Angle 

8A, B, O. 

8D, E. 

React, method 
Imped, method 

firom 0 to 2.6 
times 2i 


“ 22 

90 deg. 

= 2| 

from 0 deg. 
to 00 deg. 

9A, B, 0. 

9D. E. 

React, method 
Imped, method 

- 2l 

90 deg. 

-22 

firom 15 deg. 

CO 00 deg. 

= 2i 

from 0 deg. 
to 00 deg. 

10 A. B. O. 

10 D, B. 

React, method 
Imped, method 

* 

1 

90 deg.. 

- 0.2 21 

from 15 deg. 
to 90 deg. 

= 5 2i 

from 0 deg. 
to 90 deg. 


conditions include variations of magnitude of generator 
and branch-circuit impedances as well as variations 
of impedance angle for each of the branch circuits. 

Reactance Method. From an examination of the 
•curves in Figs. 8a, b, c, 9a, b, c and 10a, b, c it is 
seen that in a number of cases one of the branch 
currents is low, the current in the other branch and the 
total current being high. If on account of this fact 
the error is limited to 10 per cent above or below the 
correct value, meaning a maximum discrepancy of 20 
per cent between branch currents, the reactance method 
is limited to systems with impedance angles not materi¬ 
ally lower than 60 deg., L e. systems having impedance 
angles ranging from 60 deg. to 90 deg, in parallel-con¬ 
nected circuit elements. The shaded areas in the 
curves for 'the reactance method cover this range. 
When the error limit is 20 per cent, the permissible 
range of impedance angles under these conditions is 
from 90 deg. down to about 50 deg. For wider ranges 
of impedance angle in parallel-connected circuit ele¬ 
ments, the errors of the reactance method increase 
rapidly. 
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Fra. 8 b—A cciraACT Factor 

Branch current Ii—^Reactance method. Circuit: A generator supplying 
two parallel branch l^es. Variation of magnitude of Zg and of an gia 
of Z 2 ; /Zxl « /Zj/; /Zg/ “ 0, 0.2, 1.0 and 2.6 times /Z 2 /; Zq angle, 
90 deg. constant; Zi angle, 90 deg. constant; Z 2 angles, 0 deg. to 
90 deg. 

Impedance Method. The curves in Figs. 8d, b, 
9i), B and IOd, e indicate that some types of systems 
for which the reactance method gives excessive errors 
may be solved by the impedance method with better 
accuracy. The prevailing tendency of the impedance 


method is to give low values of short-circuit current. 
High values occur occasionally but these are only 
slightly large for impedance angles as low as 30 deg. 
For an error limit of 15 per cent, indicated by the shad- 



Branch current J 2 —Beactanc 6 method. Olrcult: A generator supplying 
two parallel branch lines. Variation of magnitude of Zcand of aw giA of 
Zi\ IZxl - IZwl /Zg/ » 0, 0.2, 1.0 and 2.6 times /Z 2 /; Zc angle, 90 
deg. constant; Zi angle, 90 deg. constant; Z 2 angles, 0 deg. to 90 deg. 

ing in Figs. 8d, b, 9d, e and IOd, b, the impedance 
method is applicable to systems with parallel-connected 
circuit elements of widely dissimilar impedance angles 
including angles as low as 30 deg. The following 
example will illustrate a case of this kind in a circuit 
similar to Fig. 7. Let the percentage values of im¬ 
pedance be as follows: 

Zc - 10./90 deg. 

Zi = 10./90deg. 

Z 2 = 10.740 deg.. 

where Zi represents a feeder reactor (the short circuit 
being just beyond the reactor in a cable), and Za the 
impedance of the other cable paths feeding into the 
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short circuit from the generator. By the impedance 
method, the accuracy factor for the total short-circuit 
current is 1.01 from Fig. 9d. This represents an error 
of 1 per cent high. For each of the two branch cur¬ 
rents, the error is 8 per cent low, obtained from Fig. 
9e from the accuracy factor 0.92 measured as the 
ordinate to the curve for an angle of Zi equal to 90 deg. 
for an abscissa of 40 deg. 

This discussion leads to the conclusion that for 




Fig. 8d—^Accuracy Factor 

Total curren'b—Impedance method. Oircult: A generatoif supplying 
two parallel branch lines. Variation of magnitude of Zq and of on glo of 
Zt; /Zi/ «/Za/; /So/ -0, 0.2, 1.0 and 2.6 times /Za/; Zq aiwcle, 
^ deg. constant; Zi angle, 90 deg. constant; Za angles, 0 deg. to 00 deg. 



Fig. 8b—^Acouract Factor 

Branch currents—-Impedance Method. Circuit: A generator supplying 
two parallel branch lines. Variation of magnitude of Zc aad of angle of 
Zi', IZ\l “/Za/: /Zc/ “0, 0.2, 1.0 and 2.6 times /Za/; Zq angle, 
00 deg. constant; Zi angle, 90 dog. constant; Za angles, 0 deg. to 90 deg. 



Fig.; 9a—^Acctiracy Factor 

Tot^ current—Beactance method. Circuit; A generator supplying two 
pandlel branch lines. Variation of angles of Zi and Za; /Zi/Z/Z^ 
m /Zg/; Zq ^le, 90 deg. constant; Zi angles, 16 deg, 30 deg., 60 deg 
90 deg.; ^2 angles, 0 deg. to 90 deg. ^ 


systems not covered by the reactance method but 
having impedance angles not materially below 30 deg. 
the impedance method ^ves errors Well below 20 per 
cent and comihonly below 10 per cent The short- 
circuit current values are generally low. When 
parallel-connected circuit elements have dissimilar 
impedance angles ranging from 90 deg. to angles materi¬ 
ally below 30 deg., excessive errors may occur. 

Additional Factors. While the results given above 
were derived from an analysis of the two simple^ types 
of circuit shown in Figs. 4 and 7, they do not apply 


Fig. 9b—Accuracy Factor 

Branch current Ji—Beactance method. Circuit: A guuoralor supplying 
two paraUel branch lines. Variation of angles of Zi and Za*. /Zt/ » /Za/ 
* /Zq/: Zq angle, 90 deg. constant; Zi angles, 16 deg.. 30 deg.. 60 deg.. 
90 deg.; Za angles. 0 deg. to 90 deg. 



Fig. 9c—^Accuracy Fac roii 

Branch current Ja—Beactance method. Circuit: A generator Bupplylng 
two paraUel branch lines. Variation of angles of Zi and Zt; /Z\/ « /Zj/ 
t.. X angle, 00 deg. constant; Z\ angles, 90 dog. constant; Zi 
angles, 16 deg., 30 deg., 00 deg., and 90 deg.; Za angles, 0 dog. to 00 deg. 



nxG. wD —accuracy Factor 

Total current—Impedance method. Circuit: A generator mnnivimr 















20 


SCHURIG: SHORT-CIRC5UIT CURRENTS Transactions A. I. E. E. 

exclusively to the simpler circuits, as will be indicated pie impedances ranging from pure reactance to pure 
in the following. - resistance, the ma-ximum errors for the impedance 

In the discussion of series-connected circuits it was method cannot exceed those determined for two multi- 
shown that the accuracy data given for the reactance pie impedances in accordance with the preceding 



Fia. 9 e—Accubact Factor 


Brancb currents—Impedance method. Olrcuit: A generator supplying 
two parallel branch lines. Variation of angles of Zi and Zi', fZ\t « JZtf 
*■ /^g/; Xg angle, 90 deg. constant, Z\ angles, 15 deg., 30 deg., 60 deg., 
90 deg.; Z 2 aisles, 0 deg. to 90 deg. 



0 16 30 45 60 75 90 

ANGLE OF Z, 



Fig. 10c—Accuracy Factor 


Fig. 10a—Accuracy Factor 

Total current—^Reactance method. Olrcuit: A generator supplying two 
parallel branch lines. Variation of angles of Z\ and Zj; /Zi/ - IZo/\ 
fZ%/ - 6/Zg/; Xg angle, 90 deg. constant; Zi angles, 16 deg. 30 d%., 
60 deg., 90 deg.; Z 3 angle, 0 d%. to 90 deg. 



Fig. 10b—^Accuracy Factor- 

Branch current Ji ^Beactance method. Olrcuit: A generator supplying 
two parallel branch lines. Variation of t^es of Z\ and Z 2 : /Zi/ » /Zq/ 
JZtf » 5 /Zq/’, Za angle, 90 deg. constant, Zi angles, 15 deg., 30 deg.. 
80 deg., 90 deg.; Zi angles, 0 deg. to 90 deg. 

method is upplic&ble to any number of series-connected 
circuit eluents as long as all parallel-connected cir¬ 
cuit elements have substantially the same impedance 
angle. 

Likewise, for parallel circuits of three or more multi- 


Branch current Ij—^Beactance method. Olrcuit: A generator supplying 
two parallel lines. Variation of angles of Zi and Zj; /Zi/ •»/Zq/; /Z*/ 
« 6 /Zq/; Zo angle, 90 deg. constant; Zi angles, 16 deg., 80 deg., 60 deg., 
90 d^.; Zg angles, Odeg. to 90 deg. 



Fig. IOd— Accuracy Factor 

Total current-impedance method. Olrcuit: A gonoratorj"supplylng 
two parjallel brancjh lines. Variation of angles of Zi and Za; /Z\/ « /Zq/; 
/Zi/ - 6 /Zq/; Zq angle, 90 deg. constant; Zt angles, 0 deg. to^90'’deg. 



Branch currents—^Impedance method. Olrcuit: A generator supplying 
two pwall^ brandh lines, Variation of angles of Zi and Zj; /Zx/ /Zq/; 
/Zi/ B /Zq/; Zq angle, 90 deg. constant; Zi angles, 15 deg. 30 deg., 
60 deg., 90 deg.; Zt angde, 0 deg. to 90 deg. 


analysis. This is due to the fact that the sum of the 
magnitudes of any number of inductive admittances 
can never be more than 1.414 times their vector sum. 
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Furthermore, the likelihood of obtaining maximum 
^ors diminishes as the number of parallel connected 
impedances in Fig. 7 increases beyond two. 

The error of currents in low-impedance tie lines 
interconnecting substations in systems having elements 
of widely dissimilar impedance angles is likely to be 
greater than that in the feeders supplsdng these stations 
on account of distorted voltage drops (such lines are 
F, G, and H in Fig. 1). 

The currents supplied to a short-circuit from different 
generating stations may be mutually out of phase. This 
condition may cause an increase Or a decrease of error. 

In view of these considerations, it is to be concluded 
that the error limits established for the circuit constants 
specified apply primarily to the principal current com¬ 
ponents from the generating stations, and only approxi¬ 
mately to tie-line currents or to minor short-circuit- 
current components. 

Conclusions 

The short-circuit calculating table is a simple practi¬ 
cal means of making approximate short-circuit-cur- 
rent determinations in networks. It is applicable to a 
large variety of electric-power networks. 

Its chief field of application is that of polyphase 
short-circuit-current calculations as employed for the 
selection of oil circuit breakers, for the determination 
of relay settings, and for the layout of distribution 
sj^tems. 

^ It is not generally applicable to phase-to-phase short- 
circuits or to phase-to-ground short-circuits on account 
of the unbalanced current division among the phases. 
These latter problems may be solved by calculation or 
bya-c. test. 


(jtenerating-station reactance not lower than dis¬ 
tribution system impedance, and angle of the latter 
not lower than 30 deg. 

Generating-station reactance not lower than one- 
half the distribution system impedance and angle 
of the latter not less than 45 deg. 

Generating-station reactance not lower than one- 
fifth of distribution system impedance and angle 
of the latter not less than 66 deg. 

(b) in S3retems not covered by (a), provided all 
impedance angles are larger than 55 deg. 

The systems covered by (a) and (b) above include 
the majority of aerial systems and a variety of cable 
systems. 

For s3rstems not covered by the range of circuit 
conditions defined in (a) and (b) above, but having 
impedance angles not materially below 30 deg., the 
impedance method is preferable and gives errors well 
below 20 per cent and commonly below 10 per cent. 
The short-circuit current values are generally low. 
Cable systems with current-limiting reactors in some 
of the lines come within this class. While the im¬ 
pedance method is particularly suited to systems 
having parallel-connected circuit elements of widely 
disamilar impedance angles within the limits stated, 
it is not a substitute for the reactance method in 
systems of type (a) and (b) above. 

Acknowledgments are due to Mr. G. B. Phillips 
and to Mr.. A. R. Miller for their assistance in the 
preparation of the data. 

A number of the publications bearing on this subject 
are listed below. 


The errors of the short-circuit calculating table are 
due to the neglect of capacity charging currents and 
due to dissimilar impedance angles occurring in the 
various elements of a network. The former error is 
almost always negligible for polyphase short-circuits, 
being smaller than 10 per cent for a three-phase short- 
circuit occurring in an aerial line 200 miles from the 
generator. 

In the follpwing, accuracy data are given. The error 
limits esteblished for the circuit conditions specified 
apply primarily to the principal current components 
from the generating stations, and only approximately 
to tie-line currents. 

In a great many systems the resistance component of 
all the impedances in the network may be entirely 
neglected for short-circuit-current determinations. 
This method, the reactance method, generally gives 
erroneously high current values. The errors are safely 
below 20 per cent, and commonly under 10 per cent, 

(a) in systems in which circuit elements of dissim¬ 
ilar impedance angles occur in series connection 
only, (i. e. parallel-connected circuit elements have 
impedance angles less than 15 deg. apart), pro¬ 
vided the circuit constants are within a definite 
railge of the following character: 
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Discussion 

R. E. Doherty: I wish to discuss two points bearing upon 
this paper: One regarding accuracy; the other, regarding the 
extension of the use of miniature models to detei’mine,in addition 
to the short-eirouit current distribution under steady state, as 
covered by the present paper, the most desirable feeder connec¬ 
tions for normal load transfer; and further, the behavior of sta¬ 
tions and generating units under transient state. 

Although the impedances of lines, cables, reactance coils, 
etc., can be calculated wdth a fair degree of accuracy, the calcu¬ 
lated value of transient reactance^ of the generators is not so 
accurate. It can, of course, be determined wdth fair accuracy 
by actual short-eirouit teats; but in calculations an error as great 
as 15 or 20 per cent may be expected in some cases. The princi¬ 
pal reason for relatively large errors in the calculated values is 
the effect of abnormal saturation of local flux paths under short 
circuit. The phenomenon of saturation is extremely complicated 
and different types of machine construction involve different 
degrees of saturation. Hence it becomes vei'y difficult to calcu¬ 
late the result. Therefore, in the calculated, or rather estimated, 
values of transient reactance, such errors as I liave mentioned 
must be expected. • 

This, of course, is no reason, as may be suggested, why the 
accuracy of the ‘‘calculating table” itself should not be better 
than 20 per cent. The former somce of error is necessary, unless 
tested results are available; but that is no reason why another 
known OTror of 20 per cent should be superposed, perhaps in the 
s^e direction. I therefore agree with the author that by the 
proper use of the various curves given in the paper, together with 
a study of the examples, excessive error from the table itself can 
be avoided. However, the possible error in generator reactance 
should be kept in mind, especially in those cases where the ex¬ 
ternal reactance is relatively low. 

Another source of error is the set of decrement curves usually 
applied in this connection. I refer to the Hewlett, Mahoney and 
Burnham curves. The calculating table gives the ‘‘initial” or the 
‘‘sustained” current, as the ease may be. In selecting oil circuit 
breakers, the time element enters; and if such curves are applied 
to determine the effect of the time element, that is, the decrease 
in current due to the transient, the possible eiTor in such curves 
should be kept in mind. As everyone knows, who has read the 
Hewlett, Mahoney and Bhrnham paper, these curves represent 
the first step in the direction of giving some basis for selection of 
switches, and combining into a single set of curves, as they do in 
the. interest of simplicity, numerical values covering such wide 
limits, they must necessarily contain sources of considerable 
error. These errors, how^ever, ai*e, 1 believe, usually on the safe 
side, thus giving current values too high. The point is, that 
having obtained the ‘‘initial” value, perhaps by the calculating 
table, there is, possible further error in applying the decrement 
curves. 

Hence, from the foregoing discussion, error may arise from 
three source s, namely: The generator reactance, the calculating 

1. The generator reactance which is active under sudden ^ort circuit. 
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table, as the author brings out, and the application of the Hewlett, 
Mahoney and Burnham curves. It has, therefore, seemed 
advisable to offer the suggestion that, in the use of the calcu¬ 
lating table, these additional sources of error be kept in mind. 

What appears to be a promising extension of the application 
of miniature models is the representation of certain isolated sec¬ 
tions of a network, including receiving circuit impedances as well 
as the feeder impedances, for the purpose of determining the 
most desirable connections of the feeders. 'This is usually a com¬ 
promise between the connection which is the most favorable for 
copper on the one hand and simplicity, relay settings, etc., on 
the other. Such an extension would obviously involve the case 
of both resistance and reactance units and to this extent would be 
more complicated than the direct-current table. This scheme 
was proposed by G. M. Armbrust of the Commomvealth 
Edison Company of Chicago, who is investigatmg the feasibility 
of such an outfit. 

Referring to the possibility of reproducing the transient 
phenomena in generating stations under short-circuit conditions, 
it may be of interest to mention that a study and detail design 
has been made of a miniature generating system, repi’oducing in 
small generators the same relation of momentum, reactance, 
armature reaction, etc., as exists in the actual large units. It 
thus appears feasible to represent with a small number of machines 
a relatively lao^e variety of combinations of units. It may bo 
of interest also that these miniature machines are not a geometri¬ 
cal reproduction of the larger machine on a small scale, since such 
a machine, even if practically feasible to build, cannot be made 
to represent the actual machines. 

G. M. Armbrust: Direct-current calculating tables have 
been used extensively in large systems to determine short- 
circuit currents for use in determining relay settings, design of 
systems, etc. A high degree of accuracy has been obtained in 
systems having considerable reactance. There has been some 
doubt, however, as to how extensively the method could be used 
on cable systems owing to errors introduced by varying impedance 
angles of the component parts of the system. 

Mr. Schurig’s paper clears up much of this doubt, and con¬ 
siderably extends the use of the calculating table by outlining its 
limitations and defining the probable degree of error under a 
classification of conditions representing most distribution 
problems. 

The Commonwealth Edison Company of Chicago operates 
some 900 miles of transmission cable, the system being pi'acti- 
eally entirely underground. Using Mr. Schurig’s method 
described in his paper, I have checked a number of typical oases 
on this system and obtained results of a reasonable degree of 
accuracy, agreeing with his conclusions. 

The layout of a system such os this, a combination of network 
and radial distribution, is determined by economy, limitations 
due to possible short-circuit currents, and feasibility of relay 
protection. Theoretically the best transmission economy is 
obtained by an extensively inter-connected network, but the 
necessity for limiting short-circuit current to the ability of exist¬ 
ing equipment to handle it, makes necessary considerable sec- 
tionalizing of the system. Determination of the economical 
design with this limitation requires the solution of many such 
oases having a wide variation of characteristics—-also the changing 
standards of equipment used, such as larger-sized cables having 
gi'eater impedance angles, use of reactors of various values, 
complicate the problem and make it a continuous one. 

These considerations make desirable the use of an altemating- 
ourrent calculating table representing both resistance and re¬ 
actance, though not to replace the direct-current table which, 
because of its simplicity of operation offers a quick and sufficiently 
accurate solution for most problems. Another valuable use of an 
altOTnating-current representation of this system could be 
obtained by desigmng the scheme to include units representing 
loads and them power factors for the purpose of determining the 
most economical arrangement of the transmission system for 
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load distribution ■within the limitations of operation, short-cir¬ 
cuit cun’onts, etc. 

O, R. Schuri^t Both Mr. Doherty and Mr. Armbrust have 
referred in their discussions to the problem of determining; 
experimentally, by miniature equivalent circuit, 'the di'^sion of 
normal current flow in a network. The following discussion is 
devoted to the question of determining whether t.biB problem 
may be solved satisfactorily by a d-c. miniatiure system such as 
the short-circuit calculating table.” There are three reasons 
why a d-c. device is not to be recommended for general applica¬ 
tion to load-current di'vision problems; ■viz: 

(1) For normal current flow in the lines of a network a higher 
degree of accuracy is generally required than for short-cu’cuit 
cmrents. 

(2) Capacity currents frequently are a material portion of 
the total current flo^wing. 

(3) Tie-line current flo^wing between generating stations or 
between substation busses may be greatly in error, when deter¬ 
mined by a d-e. method. 


busses are frequently displaced in phase from the goiicraior 
currents feeding these busses. Since a d-e. representntujn of 
these currents cannot take account of their respective phase 
relations, considerable errors in these interchange currents may 
be encountered if the d-e. method is applied. 

Similarly, the currents flowing in tie lines bet'^voen .sulKslation 
busses are likely to be greatly misrepresented by the d-c. method, 
when the power factors of the loads on these busses differ materi¬ 
ally. This will be shown by the following e.xample. Let the 
circuit be that of Fig. 1. The load currents /lj and /ls aro given 
and ■will be considered fixed in magnitude and phase. The 
problem is to determine currents 7a, /b, Ic , and Ic . by the d-c. 
method employing impedance magnitudes. Lot 
/li = 420 amperes at power factor 1.0 

Iti = 500 amperes, lagging 41 deg. behind /r.a, (i. e. at power 
factor 0.75) 

Za — 0.307 -f- j 0.599 = 0.673 / 63 deg. ohms. 

Zb = 0.276 j 0.485 — 0.558 / 60 deg. ohms. 

Zc — 0.246 •4-^0.148 = 0.287 / 31 deg. ohms. 


inotb; 



cables In multiple with a current lunitlnR 
rodiCtor in odpcli cdiblo 81*611116 S6ii6r8»tor ond. 

O^ciUt at Zb represents two cables In multiple with a current limltinK 
reactor In each cable at the generator end. umicing 

The &st point may be considered with reference to the ac- 
ouiMy presented in the paper: If, for fflcample, the power 
factors of the loads m a system range from 0.70 to 0.95, the corres¬ 
ponding range of impedance angles is from 46 deg. to 18 deg., and 
the load reactances in these two oases are 71 per cent and 31 nen 
cent, respectively, of the load impedance magnitudes. Since 
the load currents depend on impedances, rather than reactances 
It wm be seen at once that the reactance method is entirelv 
unsuitable under load conditions similar to those mentioned. 

bus the impedance method, only, comes into consideration. 
Its aceur^y for load current division will be considered below. 

Capacity currents cannot be represented together with load 
Clients in a d-e. immature system, because of the wide phase 
^erence between them. It foUows, then, that for systems 
ha\^ large capacity charging currents—such as high-voltae>6 
^ systems ^th lose lines-the d^o. method appUed to tte 

<»»hot give represop^ 

IMterohange ourriite flowing over tie lines between generator 


inese line impetiances are for 12-kv., S-coiitluctor, 
cables at 60 cycles per sec. The values of Za and Zn include 
current limiting reactors. 

The results are as follows, for the above fixed vtihios nf 7i.i 
and /i. 2 . 


Current 
symbols 
referring 
to Pig. 1 

Correct curronts 
determined by 
complete a-c. 
solution. Amp. 

Currents by cl-c. 
method omployiug 
impedance magni¬ 
tudes. Amp. 

Error of 
approxinnaUi 
currents 

^A 

406 

417 

3% too lilgli 


460 

603 

10% too lilgh 


136 

~3 

08 % too low 


863 

020 

7% too high 


It is seen that the currents over circuits A and li and in the 
generator are not over 10 per cent in oiror, wliile the tit»-llno 
current 7c is entirely misrepresented by the d-c. method. The 
large error is due to the phase displacement between load current 
Hi and tie-line current 7c, the latter current being substaiitially 
wattless.” This example, therefore, illustrates how tins d-o. 
method may gi’ossly mislead in the determination of tio-lino 
current for systems having loads of dissimilar p<jwor facliors. 

It shoidcl be pointed out here that in short-circuit c,urpeut 
determinations with the calculating table the likelihood of <*xc(<s- 
sive errors in tie-lino currents is far mont r<uuote since llu«rts is 
only one load^. c. the short-circuit—and since paralh>l lirie.s of 
widely dissimilar impedance angles are generally avoiilotl on 
account of the interchange current.s t.lmy produce in norirnd 
operation.^ 

In a strictly radial system of distribution, i. «. with iiri tit! lines 
between substations, the Inst-menlionod emu's will in.t occur in 
a d-e. representation of the system. On the other hand, it. may 
be aa-pied that m the purely radial type of distribution system 
calculation of load eiuTent division is less complicatt^d an‘<i the 
need for a miniature system loss urgent than for syaitjuis luiving 
a complex distribution network. ^ 

To bummarizo: For the detormiimtion of normal current 
division m a-c. distribution networks, the d-e. minialuro tost 
method is not generally applicable on account of errors due to 
di^milar load impedance angles {%. e. dissimilar load power 

neglect of capacity cumuits. Ifnder these 
problem by miniature test calls 
£ reactors and rcj.sistors, and 

presented by M^ASust and by MrSlert^''"’'^ 

■with Of Uno impedance angles dobs not, however, do awai 

With tie-line currents caused by the nature of tho toads on a system 
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Review of Subject.—The process proposed in this paper is 
called ‘‘Qualitative Analysis oj Transmission Lines” because of 
its similarity to chemical qualitative analysis. 

Based upon a previous .presentation by Mr. Percy H. Thomas 
the “critical load” for transmission lines is introduced with a 
simple formula for determining it and various ndes are given for 
the variation of power factor voltage, etc., of a line by relating the 
actual load to the critical load. 

The most important parts of Mr. Thomas's presentation are 
abstracted and presented showing the fundamental physical and 
mathematical basis for this method of analysis. 

The detail development of the formula fot' the critical load is then 
given and the effect of the various line constants upon it are Imcjly 
discussed. 


Working from the critical load a vector interpretaiion of the 
action of a long high-voltage transmission line is given. From this 
vector interjirctation it is possible to 2 )Tedict certain essential opera¬ 
ting characteristics of transmission linesi. 

Based on the f/revious gcncralilieH practieal examples of trans- 
miss^ion lines operating at crilical load arc then given showing how 
it is possible by the qualitative analysis to jmdict desired conditions 
of operation. Two of these examples show the operation of a 8100 
mile eopjmr transmission line of 280 kv. nominal potential. Another 
shows a SS75-mile aluminum transmission line. 

In the conclusion an appeal is made for further work along these 
lines and it is pointed out j}articulnrly that this is not an apjn'oxi- 
matc nudhod hut an exact method for “Qualitative Analysis of Trans¬ 
mission Lines.” 


Introduction 


T his paper is entitled “Qualitative Analysis of 
Transmission Lines” because of the similarity of the 
process set forth to qualitatim analysis in chemistry. 
Transmission line calculations according to the well- 
known formulas can be considered as in the class of 
qmntitative chemical analysis; results are obtained not 
only giving the character of the quantities but also 
their amounts. 

The value of qmUtative analysis of transmission lines 
lies first in the results obtainable by the simple rules 
set forth. But it has a second and greater value to one 
trying to arrive at a conception of what is really hap¬ 
pening in a transmission line; it gives a basis -for a 
mental picture and a true conception of the evolutions 
in the line and the effects upon them of changes in any 
of the constants. 


For commercial lines this can be expressed with accuracy 
within 5 per cent: 


or: 


kv-a. 


(lp.)= 

”0.4' 


kv-a. = 2.6 (kv.)“ 



If the “7” voltage is used the result is kv-a. per phase. 
If the delta voltage is used the result is total kv-a. 

For a few voltages within the ordinary commercial 
range the critical loads are as follows: 


_VDlt8 

Oil.i4‘ul Kv-a, 

20iMMKi 

.. 

141,000 

.')0,(M)l) 

100,000 

2r>,(KH) 

OO.OfK) 

0,IMM) 

20,000 

1,000 

10,000 

2r)0 


Critical Load 

The qualitative analysis proposed is based upon the 
fact that for each transmission line there is a critical 
load which at unity power factor behaves practically 
like direct current on the line. 

Analyses are made by relating the load conditions 
for a given line to this critical load. 

The critical load was first discovered and presented 
to the Institute by Mr. Percy H. Thomas in 1909'. 
Unfortunately little practical use has been made of Mr. 
Thomas's discovery. The physical concept behind the 
critical load formula can not be better given than in 
Mr. Thomas's own words which will be quoted later. 

Starting from Mr. Thomas's conclusions, the formula 
for the critical load of any transmission line has been 
derived and is as follows: 


kv-a. = 


10^ (kv.)" 



1. Output and Regulation in Long Distance Lines”; Percy 
H. Thomas, Teansaotions, A. I. E. E. 1909. 

Presented ed ihe Midwinter Convention of the A. I. E. E., New 
York, N. Y., February 14-17, 19BS. 


Some of the properties of the critical load which 
are useful in analy.sis of transmi.ssion lines of present 
commercial lengths areasfollow.s: 

(1) The critical load when placed on a tran.smis.sion 
line at unity power factor will be transmitted at unity 
power factor. The current will be constant throughout 
the line. The voltage drop will be the same as for 
direct current (/ R). The power los.s will be equal to 
the direct-current power Ios.s (PR). 

(2) If the kv-a. load i.s greater than the critical 
load, the power factor at the .sending end of the line 
will be always more lagging than the power factor at 
the receiving end of the line. 

(3) If the kv-a. load is less than the critical load, 
the power factor at the sending end of the line will 
always be more leading than the power factor at the 
receiving end of the line, 

(4) If the load is the critical kv-a. but at a leading 
power factor, the power factor at the sending end of the 
line will be still leading but nearer unity. 

(5) If the load is the critical kv-a. but at a lagging 
power factor, the power factor at the sending end will 
still be lagging but nearer unity. 


24 
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If the line is longer than any line now in com¬ 
mercial service either leading or lagging critical loads 
should finally reach the stable condition at a very 
slight leading power factor, usually better than 0.996. 

For a line of unusually large diameter at a small 
spacing or un usua lly small diameter at a large spacing 
the value of y/LIC should be taken from Fig. 1 and used 
in formula (1). The accuracy of formula (2) is however 
within 5 per cent plus or minus for present commercial 
transmission systems. 

The values of the critical kv-a. with various voltages 
may easily be read from the slide rule by setting it as 
shown in Fig. 2. Set “4** on scale B opposite ‘1’^ on 
scale A. The rider is set to the voltage on scale C and 
the critical load read on Scale A. The decimal point 
can best be determined by remembering that the 
critical load for 100 kv. is 26,000 kv-a. 

Quotations From ^'Output and Regulation in 

Long Distance Lines,” by Percy h. thomas 

As stated above the physical conception and funda¬ 
mental mathematics of the critical load of a trans¬ 
mission line were presented by Mr. Thomas in 1909. 
Nothing better can be said than what he wrote at that 
time. The more important parts of his presentation 
are as follows: 

‘^Electrical Action in the Line, The critical elec¬ 
trical feature of a transmission system is the action 
of the line itself. In the passing of energy over 
a line there is, first, the loss of energy in practical over¬ 
head work represented only by the resistance losses. 
But with- power passing over a line at high voltage, a 
certain amount of leading energy flows to charge the 
line capacity. This energy in its travel causes a 
tendency for the potential to rise along the line in the 
direction of the flow of the leading energy. Similarly 
there flows to the line a quantity of lagging energy, by 
virtue of the inductance of the line and the flow of cur¬ 
rent therein. This lagging energy tends to cause a 
drop of potential in the line in the direction of its flow. 
The resultant effect is the difference of the leading and 
lagging energy-flow, superimposed, of course, upon the 
true power transmitted and the resistance-drop. ***** 
“When. the lagging energy predominates over the 
leading energy, the tendency is for a drop in potential 
along the line in the direction of the lagging flow—the 
well known inductive drop, which is combined with the 
ohmic drop. 

“When the leading energy predominates there is a 
tendency for a rise of potential in the direction of the 
leading energy-flow, which must be combined with the 
ohmic drop as before. The rise of potential effect of the 
, leading energy will be opposed to the ohmic drop when 
the transmission of power and the flow of leading 
energy are in the same direction. ***** 

“Now consider the case when the leading and the 
lagging ener^es are equal and when they are opposite 
in phase; that is, when the load power ‘factor = 1. 


In this case there will evidently be no appearance in the 
line of demand on the generator for either lagging or 
leading energy, and no tendency either for a rise or a 
drop of voltage therefrom, and the ohmic drop is the 
only loss of voltage. This condition vrill be actually 
realized in practise if the leading and lagging energies of 
the line are equal and with a load of unity power factor. 
If, however, the load current has a lag or a lead, the 
leading and lagging energies, while they may be equal, 
will not be opposite in phase and will not neutralize 
each other. The rather remarkable conclusion follows 
—that in this case of complete neutralization the loss 
of voltage is only the ohmic drop and is independent of 
frequency and is of the same value as with the direct 
current. Thus if this condition can be realized, and 
there enters no secondary effect, there will be no further 
economy in direct-current transmission as far as energy 
loss or voltage line drop is concerned, the same effective 
line voltage being used. But the diffculty is that this 
condition of equality of the leading and the lagging 
energy in the line is usually not met with in practical 
transmission of relatively short length and often can¬ 
not be economically obtained. 

“The unfortunate condition exists that the leading 
energy, being the condenser energy, is practically 
constant, whatever the load on the line, since it depends 
only on the voltage of the line. On the other hand, 
the lagging energy depends only on the actual amount 
of power or current being transmitted, since it varies 
as the square of the line current. Thus with half load 
or no load, a line that was balanced for full load would 
have a large excess leading energy flow. 

* 4: >■> 9|( * !)t 

“It should be carefully borne in mind that the leading 
and lagging energy and energy-loss so far discussed are 
wholly confined to the line and have no necessary 
relation to the leading or lagging current in the load. 

“The factors by which the relative values of the 
leading and the lagging energy of the line are controlled 
are: the line voltage, the actual load or current, and the 
ratio of the line inductance and capacity per unit 
len^h. The energy taken by the capacity of the line 
varies as the square of the line voltage, so that this 
factor, is of extreme importance. The lagging energy 
of the load varies as the square of the current, as has 
already been mentioned. Neutralization of the lead¬ 
ing and lagging line energies can be obtianed only when 
the power factor of the load current is unity, for only 
then the leading and lagging energies are opposite in 
phase. 

“The current of the line, of course, decreases directly 
with the increase of line voltage chosen, if the power 
transmitted be kept constant. 

“The energy flowing to the capacity of the line per 
unit length is porportional to pCV^ where pCis the 
capacity susceptance and F the voltage. The lagging 
energy will be proportional to pLP, where pL is the 
inductive ohms and I the current. If these are equal 
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then y/J = which is the condition of balanced 

out-of-phase energy. It is clear that this can be 
reached for any line and voltage by properly choosing 
the current, and for any current by properly choosing 
the voltage. It is also clear that the condition is 
independent of frequency. 

“Equation (34) of the companion paper gives the 
line voltage equation when R — 0. Here if the current 

or voltage is chosen to fulfill the above condition- 

the voltage of the line is constant as it should be. The 
resistance is chosen as zero, as otherwise the change of 
voltage along the line will destroy the exact balance of 
the leading and the lagging energy. ^ 

“Thus as the net result, the ratio of the leading to 
the lagging energy varies as the fourth power of the 
voltage when the power transmitted remains the same. 
The capacity of the line can be increased by adding 
condensers in parallel across the line at regular and 
sufficiently frequent intervals; the inductance can 
similarly be increased by the addition of choke coils in 
the same manner. But these expedients have never 
found much favor. As the power and voltage are often 
fixed by the other considerations, some other method 
of altering this ratio than change of power or voltage 
would be desirable. ******** 

“It should be said that in this matter of adjustment 
of the leading and lagging line energies, a change of 
firequency is of no avail, since both elements, capacity 
and inductance, are affected in the same manner. 
Furthermore, while a certain voltage may be most 
favorable in some particular case for balancing the line 
effects and reducing the line-drop to the ohmic equiva¬ 
lent, it does not necessarily follow that this voltage will 
give the best transmission condition, for the advantage 
of a higher voltage may easily more than offset the 
favorable adjustment of the leading and lagging energy 
of the line. Furthermore, the most favorable line 
conditions will not always be the most favorable for 
other parts of the system and any complete design will 
be a compromise, as usual. * * * * 

“In the main the electrical action of the line has now 
been briefly outlined. The most notable features are: 

“1. That by properly balancing the leading or 
capacity energy and the lagging or inductive energy 
in the Um itself, the full-load transmission will* be as 
though the line had only ohmic resistance. 

“2. That a reasonable constancy of voltage con¬ 
ditions on the line for all loads may be obtained by 
supplying the leading energy in the condition when the 
load is off or light, partly or wholly from the receiving 
end. * * * * * * * * 

Summary 

“The more important definite conclusions arrived 
at may be summarized as follows: 

“1. To obtain the most economical transmission of 
power over a long-distance line, it is necessary to have 


balanced the leading and lagging energies of the line 
itself, and at the same time to have unity power factor 
in which case the transmission is similar to direct- 
current both as to voltage drop and energy loss. 

“2. The power-factor at the load end may be made 
unity or otherwise controlled by S3mchronous machines, 
generators or motors, located at the receiving end of 
the line. 

“3. To obtain satisfactory regulation for high-power 
long-distance transmission, the leading current taken 
by the line at light loads should be fed mainly from the 
receiving end. By this means the voltage rise from the 
receiving end; that is, the drop from the power house 
to the receiving end, can be kept nearly constant for 
all loads. Adjustment of the line-drop can be accom¬ 
plished at any load by varying the amounts of the lead¬ 
ing energy or charging current supplied to the respec¬ 
tive ends of the line. 

“4. The voltage regulation and line losses may be 
controlled for any commercial frequency and for any 
percentage load condition—as far as its electrical 
action is concerned—^using a conductor of sufficient 
section, by making the leading and lagging line- 
energies equal at full load, and by feeding suitable 
proportions of the charging current at other loads from 
the respective ends of the line, the greater portion 
being from the receiving end. 

“6. The adjustment of the leading and lagging 
energies taken by the line itself may be accomplished 
by the choice of voltage and load, or by adjusting the 
ratio of the capacity and inductance of the line. . . . 

“6. Calculations of these long high-voltage, high- 
power lines may be made approximately only by for¬ 
mulas founded on the assumption of localized capacity. 
The error in the voltage may be several per cent. 
The approximate formulas are especially unreliable 
when the leading and lagging energy in the line are 
equal. 

* M: * * 

“9. While it is possible by a cut-and-try method 
for any given case to arrive at the best conditions of 
capacity, resistance, inductance, and the power-factor 
at the load end of the line, yet, the best results will be 
obtained most directly by planning the line in accord¬ 
ance with the principles here explained. 

“While comparatively few high-tension power-trans¬ 
mitting systems now installed are of sufficient magni¬ 
tude to require as careful a treatment as that outlined 
here, the development of this art cannot proceed much 
further without some such method. It is the hope of 
the writer that here, either directly or, perhaps more 
likely, by suggestion, he has somewhat forwarded this 
development.” 

Evolution op Formula for Critical Load 

Mr. Thomas, as quoted above, gives the fundam ental 
relation for the critical load: Vfl = -s/ hIG. This 
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can be converted into the more convenient form given 
in the earlier part of this paper as fallows: 

Let kv-a. = total kv-a. 

(kv-a.)p = kv-a. per phase 
E = delta voltage in kv. 


e 


= ^ voltage in kv. 


I = current per phase 

Then kv-a. = 3 (kv-a.), 

el = (kv-a.)j, 

j • = (kv-a.\ 

• ® 

Substituting: 

V/7- IQOQg _ 1000 e _ 1000 

' I (kv-a.)p (kv-a.)p 

e 


y/LjG 


.*. (kv-a.)p 


1000 

^/~L^C 


(3) 


and kv-a. 


1000 

VXTC 



These last two equations, (3) and (4), are of exactly 
he same form. The difference in notation shows that 



Fig. 1—Conductors in One Plane 
s' = Distance beti^een conductors In feet; D' - Conductor diametei 

in Inches. For conductors in triangular arrangement: divide by 1 26 

D' 


and use resuit 
lines. 




■ for aU sizes and spacings of aerial hlgh-tensloi 


if the Y voltage is used the result is the critical kv^a. 
per phase, while if the delta voltage is used the result 
is the total kv-a. 

By appl3nng practical values of conductor size 
and Spacing to Pig. 1 it is found that V~L/U = 400 is 
a . fair average value. Substituting thist value in 
equation (4) gives: 


kv-a. = 


1000 

400 


kv-a. = (5) 

in which E is expressed in kilovolts. 

Discussion of Critical Load Formula 

Equation (4) for the critical load may be rewritten: 

kv-a. = 1000 (6) 

In this form it shows plainly that an increase in the 
capacitance of the transmission line will increase the 
critical load; a decrease in capacitance will decrease 
the critical load. In contrast to this, an increase in the 
reactance of a line will decrease the critical load and a 



Pig- 2 


decrease in the reactance will increase the critical load. 
Since the capacitance and reactance of transmission 
lines fundamentally bear a reciprocal relation it is seen 
that any change in size or arrangement of conductors 
will affect the reactance and inductance inversely. 
This will change the value of the quantity under the 
root sign by the square of the factor of change. But 
since this is under the root sign it will only affect the 
1^-a. directly as the change in either one of the quan¬ 
tities. For instance if it were possible to increase the 
capacitance of a circuit 60 per cent and therefore 
decrease the inductance a similar amount the critical 
load would only be increased 60 per cent. 

For very high-voltage lines the full loads will corres¬ 
pond quite closely to the critical loads. However light 
loads will depart very far from the critical loads and 
those ^erienced with such lines know that light load 
conditions often present greater problems than full 
load. Looking at equation (6) to determine what is 
necessary for light loads, it is seen that the critical load 
may be reduced by decreasing the capacitance of the 
line or by increasing the inductance. To decrease the 
capacitance of the line is a difficult thing, but remem¬ 
bering the derivation of the equation it is easy to see 
that the same result may be produced by reducing or 
neutralizing the charging current. This can be done 
by connecting reactance coils across the circuit at 
various points or by the use of synchronous phase- 
modifiers operated under-excited so as to draw a lagging 
current from the line. This second has the advantage 
that under full-load conditions the phase-modifiers 
could be over-excited to draw a leading current and 
so increase the critical load. These devices need not 
be uniformly distributed but can be lumped at different 
points as determined for each line. As a matter of fact 
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any line so long as to require modifjnng devices at other 
than the receiving end would probably have several 
distributing substations at which could be located the 
necessary modifying devices for proper operation at 
light-load, and increasing the critical load for full-load 
conditions. The decrease of the critical load for light 
load operation by increasing the inductance presents 
practical difficulties so that it will probably not be used 
for power transmission. This is the ‘loading coil” 
method used on telephone circuits where it is highly 
practical and the methods of decreasing the equivalent 
capacitance are impractical. 

Vector Interpretation of Critical Load 
Transmission 

The best conception of what is happening in a trans¬ 
mission line carrying its critical load at unity power 



Zero j-Wave |Wave fWave 1 Wave 
Length Length Length Length 
Receiving End Sending End 

Fig. 3 

factor can be obtained by following Mr. Thomas’s 
suggestion of assuming R = 0. Mr. Thomas points 
out that under these conditions the effective values of 
current and voltage will be constant throughout the 
length of the line. In addition to this it should be 
noted that the vector position will change throughout 
the line. Starting from the receiving end with the 
current and voltage in phase and traveling toward the 
sending end the vectors will advance in a counter¬ 
clockwise direction (Fig. 3). At the end of a quarter 
wave-length both current and voltage vectors will be 
90 degrees ahead of the vectors at the receiving end. 
At one-half wave-length the vectors will have advanced 
180 degrees and will be in exact opposition to those at 
the receiving end. Continuing/ at the end of one wave¬ 
length the vectors will be in phase with those at the 
receiving end but one revolution in advance. This can 
be continued indefinitely. Since electricity travels 
with the speed of light the wave-length for 60 cycles is 
3100 miles and a quarter wave-length is 775 miles. 
Since the voltage and current are in phase, at each point, 
full power is transmitted throughout. Resistance is 
then the only impediment to long distance transmission 
of alternating current electrical energy. 

It'is therefore necessary to investigate the effect of 
resistance on the transmission of the critical load. Mr. 
Thomas has pointed out that the voltage drop with the 
critical lo^ at unity power factor will be IR. That is, 
the increase in voltage from the receiving end toward 


the sending end is directly proportional to the resist¬ 
ance involved. The critical load being proportional 
to the sgmre of the voltage, it will increase at a rate 
dependent on the square of the resistance (R^). The 
actual load is increasing by the line losses which are 
involving only the first power of R. This means 
the actual load is not keeping pace with the critical 
load and there must therefore be a change in phase 
relation of the current and voltage. 

Going back to Mr. Thomas’s fundamental concep¬ 
tion, this disproportionate rise in voltage causes a flow 
of leading energy too great to be balanced by the lag¬ 
ging energy of the load current. This then must 
exhibit itself by a leading component of the current. 

Fig. 4 shows the condition. 7 l is the load current. 
Ic is the capacity current due to the increase of voltage 
above that corresponding to the actual load. is the 
resultant current causing the power loss and voltage 
drop in the line. This resultant current enters as the 
square and since it is larger than Jl in some measure 
offsets the R^ effecting increase in voltage, but the effect 
is very slight. 

The leading current /r has another effect and that 
is to decrease the voltage drop according to the familiar 
effect of a leading current flowing through inductance. 
These two actions will continue until the losses are at 
too rapid a rate for the slowly increasing potential. 
The action will then reverse and the current swing back 
in phase until the voltage is again sufficient to maintain 
the load and losses. The power factor would then 
again be near unity and the oscillation to leading would 
recur. This swinging of phase angle would continue 
until it finally settled at some value of advance which 
is very small, amounting only to from 2 to 6 degrees 
(power factor of 0.9994 to 0.9945) for commercial lines. 



It should be borne in mind that the relative condi¬ 
tions just described refer to the relation at different 
points along the line and not to varying conditions at 
one point. With the load constant the conditions at 
any point will be constant. But the phase relations 
will oscillate • as different points along the line are 
considered. 

The ideas presented in the previous paragraphs and 
some other conceptions can probably better be grasped 
by comparison with the familiar vector diagram of a 
current flowing through a lumped resistance and re¬ 
actance without appreciable capacitance. In Fig.5[6 
Br and J, indicate the voltage and current at the 
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receiving end. E, and 7* indicate the voltage and 
current at the sending end. It is to be noted that 7, and 
la are equal and in phase. Er and E, are connected by 
the impedance triangle of the reactance. The power 
factor is unity at the receiving end and lagging at the 
sending end. 

Fig. 6 shows a similar diagram for a transmission 
line having distributed inductance and capacity with 
the critical load at unity power factor. The effect 
of the distributed inductance and capacity is to curve 
the sides of the impedance triangle and reduce the 
difference between Er and Eg to an amount equal to 



Figs. 6 and 7 


7 72. From the discussion in the first part of this sec¬ 
tion it is evident that 7* Would lead Eg by an angle too 
small to be shown on the diagram. 

Proceeding from Fig. 6 it is interesting to consider 
the conditions which might produce, zero voltage drop 
in the line. It would appear that if 7r were advanced 
by a small angle equal to the small angle of the im¬ 
pedance triangle of the line that this might be accom¬ 
plished. Advancing 7r would swing the impedance 
triangle about its lower comer so that E, would be 
thrown in to the circle which has a, radius of Er. Fig. 7 
shows the resultant-conditions. The result of calcu¬ 
lations given later show this to be true for two trans¬ 
mission lines of present commercial length. 


Practical Examples op Transmission Lines 
Operating at Critical Load 

Many of the generalities discussed in the preceding 
sections of this paper can be much better appreciated 
by a few practical calculations. The results of some 
of these will therefore here be given. 

All of these calculations have been made by the use 
of the rigid h 3 q)erbolic formula and are of a high order 
of accuracy. A true sine wave has been assumed. 
The conductors have been considered as placed in one 
plane with sufficient transpositions to make them 
S3nnmetrical. - 

Critical Load for Practical Lines :—In order to show the 
relation of the critical load to various lines now in 
service Table I has been prepared for a few lines of 


table I 

Vi /c AND ••ORITIOAL KV-A." POB VARIOUS HIGH-TENSION 

LINES 


Company 

Nominal 

lev. 

VlJc 

Receiver 
Volts lev. 

Critical 

kv-a. 

Southern California Edison.... 

220 

387 

200 

103,000 

Pacific Gas and Electric. 

220 

384 

200 

104,000 

Great Western... 

165 

391 

160 

67,600 

An Sable. 

140 

420 

125 

• 37,000 

Utah Power & Light. 

130 

396 

118 

35,000 

Tennessee Power ... 

120 

404 

110 

30,000 

Connecticut Riv.. 

120 

402 

110 

30,000 

Pacific Gas & Electric. 

110 

388 

100 

26,000 

Au Sable..... 

Hydro-Electric Commission 

110 

400 

100 

25,000 

Ontario. 

110 

376 

100 

27,000 

Georgia Railway & Power. 

110 

381 

100 

26,000 


110,000 volts and above. This table shows the critical 
load to be quite within the range of operation of most 
of these lines and its use would help in analyzing and 
understanding their behaviors. 

Short Copper Transmission Line at Critical Load. 
Table II gives first the general specifications for 
a copper transmission line with very large conductors 


TABLE n 

OPERATING OHARAOTBRISTIOS OP COPPER TRANSMISSION LINE AT "ORITIOAL” LOAD 
. General Data 


Leogrtli: 193.75 miles of trave-lenstli) —n j. ^ 

NooUn.l tl..VoItw. 220,000 Voto- 

Conductor, ^PPer. stranded..... 1,000,000 Olr. Mils. Susceptend^ \ . ® 

■ —- _ There wm he no corona at nominal voltage. In the calculations It has been assumed that there Is no 

I Predicted Plat Voltage I Power Pactor 0.707 Lagging I Power Paotor 0.707 Loading 


Predicted Plat Voltage 
ReceiTdng End Sending 


Volta (d^ta.)....... 200,OCk) 

•r" 115,600 

Load kv-a. (total).. 104,400 

kw. “ .................... 104,200 

“ kv-a. (per phase).. 34,800 

.34,738 

Current (Axnperes)... , 3012 

Power Factor* .o!9976 d 

Angle (degrees)*. 4.04 d 

Critical Load (kv-a.). 104,400' 

Line Loss (kw.) (total). 

j| “ “ Ocw.) (per phase). 

Une Drop (volts) (delta). 

* • “ (Y).!! 

Per Cent Line Loss.. 

: * " * Drop...... 

*d - leading; g »■ lagging, frlse 


Power PaCtOr 0.707 Lag ging 
Receiving End Sending t! rd 


Receiving End Sending End 


2,700 

900 

0 

0 

2.69 

0 


^ 0,000 
116,600 
107,100 
106,900 
85,700 
86,633 
309.0 
0.9982 d 
3.42 d 
104,400 


200,000 241 

116,600 14? 

104,400 91 

73.800 7f 

34.800 3C 

24,600 21 

801.2 
0.707 a 
45.00a 

104,4(K) 161 

1,950 
660 
48 800 
28,200 
2.64 

__24.4 


248,800 

143.700 
91,000 
76,760 
80,830 
25,260 

211.0 
. 0.833 A* 
33.63 0' 

161.700 
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and almost 200 miles in length. The results of the 
calculations for various conditions are then given. 
The voltage, current, load, etc. are shown at the 
receiving and sending ends of the line and the losses, 
etc. .in the line. The first condition given is that for 
"^flat” voltage predicted as described in connection with 
Figs. 6 and 7. This shows the accuracy with which flat 
voltage can be predicted for shorter lengths of line. 
It - is to be noted that the critical load is constant 
throughout on account of the constaht voltage. Due 
to the line losses the load kv-a. and kw. are both in¬ 
creased at the sending end above the receiving end. 
It is then to be expected that the current would tend 
to loose some of its original angle of lead on the voltage. 
Thfe is showm by the decrease in angle from 4.04 
degrees to 3.43 degrees. 

It is interesting to note the very high power factor 


similar to Table II except that a comparatively small 
aluminum conductor has been used instead of the large 
copper conductor. 

Calculation was made for predicted flat voltage as 
before and this is practically checked by the result. 
The line power loss is 9.3 per cent. The large angles 
involved with the increased resistance are in great 
contrast to those involved with the copper line. 

The results for lagging and leading power factor also 
show the effect of the increa^d resistance on many of 
the factors. 

Characteristics of Very Long Transmission Line: 
In the general section of this paper it was shown in 
connection with Fig. 3 how the critical load could be 
carried to an infinite distance on a transmission line 
with no resistance. In connection with Fig. 4 the 
effect of resistance was discussed. 


TABLE m 

OPERATING OHARACTBRISTIOS OF ALUMINUM TRANSMISSION LINE AT •‘ORITIOAL" LOAD 

General Data 

Length: 193.75 miles (K of K wave-length) Resistance per mile at 75 deg.Pah., (62p6rcent 

Nominal Line Voltage. 220,000 Volts Conductivity).. 0.179 Ohms 

Frequency... 60 Cycles Reactance “ “ .. 0.833 Ohms 

Oonductor, aluminum, stranded. 500,000 Clr. Mils. S uscept ance “ “ . 5.09 Mi<»:o-mhos. 

* Diameter... 0.81 Inches Vl/C“ 406 

Spacing—Flat... 20 Feet 

There will be no corona at nominal voltage. In the calculations it has been assumed that there Is no leakage loss. 


Item 

Predicted Flat Voltage 

Load Power Factor 0.707 Lagging 

Load Power Factor 0.707 Leading 

Receiving End 

Sending End 

Receiving End 

Sending End 

Receiving End 

Sending End 

Volts (delta). 

200,000 

201,500 

200,000 

255,000 

200,000 

167.000 

" (V)... 

115,500 

116,300 

115,500 

147,300 

115,600 

90.700 

Load kv-a. (total). 

98,800 

107,100 

98,800 

88,800 

98,800 

95.490 

" kw. “ . 

96,600 

105,600 

60,840 

76,000 

60,840 

80.700 

“ kv-a. (per phase). 

32,933 

35,700 

32,933 

29,600 

32,933 

31.830 

“ kw. “ “ .. 

32,200 

35,200 

23,280 

25,300 

23,280 

20.000 

Ourrent (Amperes). 

285.2 

307.0 

285.2 

201.0 

285.2 

361.0 

Power Factor*. 

0.9777 d 

0.9862 d 

0.707 

0.856 0 

0.707 d 

0.845 d 

Angle (degrees)*..:, 

12.13 d 

9.58 d 

45.00 

31.25 0' 

45.00 d 

32.35 d 

Oritical Load ^-a.). 

98,800 

100,200 

98,800 

160,600 

98.800 

60.900 

Line Loss (kw.) (tot^). 

9,000 

6,060 

10.860 

“ “ (kw.) (per phase).. 

3,000 


2,020 

3.620 

Line Drop (volts) (delta). 

1,500 


55,000 

- 43.000t 


800 


31,800 

- 24.800t 

Per Cent Line Loss. 

9.3 

8.7 

16.6 

“ “ “ Drop.. 

0.7 

27.6 

-21.6t 


*d a leading: a lagging, frise 


throughout the line which shows the necessity of deal¬ 
ing with the angle ratherthan with the power factor in 
calculating at critical load. 

In order to demonstrate practically some of the 
rules given at the beginning of the paper there are 
also shown in Table II calculations for lagging and 
leading power factors. These show very plainly the 
tendency of the critical load when at lagging or leading 
power factor to increase toward unity power factor. 
The voltage, current and other conditions are well 
demonstrated in the table and can best be understood 
by a direct study of the table. 

Short Aluminum Transmission Line at Critical Load: 
As was shown in the general section of this paper 
resistance re^y is the controlling factor with critical 
loa^ transmission. In order to show the effect of 
resistance Table III has been prepar^ in every way 


In order to show these points by a practical example, 
a transmission line 3100 miles long equal to one wave 
length at 60 cycles has been calculated and the results 
are shown in Table IV. The conditions at the receiv¬ 
ing end have been chosen to give constant power factor 
and uniform relation between the voltage and current 
throughout the line. The conditions at each quarter 
wave-length have been calculated and show clearly the 
uniform conditions throughout the line. 

The changes in the different items are very interesting 
and can be followed through the table. 

The total length of this line, 3100 miles, is sufficient 
to span this country from the Atlantic to the Pacific. 

The table shows that such a line could be operated 
with practically unity-power factor throughout. With 
200,000 volts at the receiving end it would require 
only 256,300 volts at the generating end. This would 
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TABLE IV 

OPERATING OHARAOTERISTIOS OP VERY LONG OOPPBR TRANSMISSION LINE AT UNIFORM POWER FACTOR 

General Data 

Nominal line voltage. 220,000 Volte Resistance per mile at 20 deg. cent., 98 per cent 

Frequency..... 60 Cycles Conductivity.. 0.0558 Ohms 

Conductor, copper, stranded. 1.000,000 Oir. Mils. Reactance per mile.. 0.791 Ohms 

o J* (Uameter. 1.152 Inches Susceptwice" “.. 5.38 Micro-mhos 

spacing—^nat. 20 Feet VL/C-383.8 

There will be no corona at nominal voltage. In the calculations it has been assumed that there is no leakage loss. 


Point 1 

Item Receiving 

End 

Section Length (miles). 

Total Length (miles)., 

“ “ (wave lengths).... 

Volts (delta). 200,000 

" (Y). 115,600 

Angle with Potential at Point 1* 

(degrees). o 

Load kv-a. (total). 104,400 

“ hw. “ 104,340 

“ kv-a. (per phase). 34,800 

“ kw. " “ .. 34,780 

Current (amperes). 301.2 

Power Factor*. 0.9994 d 

Angle (degrees)*. 2.02 d 

Critical load (kv-a.). 104.400 

Line Loss (kw.) (total). 

“ “ “ (per phase). 

Line Drop (volts) (delta). 

" " " (Y)....,. 

Per Cent Line Loss (section).... 

“ " “ “ (total)..... 

" " tt Drop (section).... 

" " * * (total). 

*d =• leading; g - lagging. 


Section 1-2 Point 2 Section 2-3 Point 3 Section 3-4 Point 4 Section 4-5 


13,710 

4,570 

12,630 

7,290 

13.14 

13.14 

6.31 

6.31 


212,700 

122,790 

92.09 d 
118,110 
118,050 
39,370 
39,350 
320.6 
. 0.9994 d 
2.02 d 
118,000 


15,630 

6,210 

'13,760 

7,940 

13.24 

28.13 

6.47 

18.2 


226,400 

130,780 

184.17 d 
133,740 
133,680 
44,580 
44,560 
341.0 
0.9994 d 
2.03 d 
133,900 


17,520 

5,840 

14,460 

8,350 

18.12 

44.9 

6.89 

20.4 


775 

3,100 

1 


240,700 

139,080 

276.26 d 
151,290 
151,200 
50,430 
50,400 
362.9 
0.9994 d 
2.02 d 
151,050 


20,310 

6,770 

15,500 

8,950 

13.43 

64.4 

6.43 

28.1 


Points 

Sending 

End 


256,300 

148,030 

368.34 d 
171,600 
171,510 
57,200 
57,170 
386.2 
0.9994 d 
2.03 d 
171,600 


TABLE V 

OPERATING CHARACTERISTICS OP VERY LONG COPPER TRANSMISSION LINE 

General Data 

Nominal Line Voltage.. 220,000 Volts Resistance per mile at 20 deg. cent., 98 pbr cent 

.Al 'y;,. 60Cycles Conductivity... 0.0568 Ohms 

Conductor, copper, stranded. 1,000,000 CIr. Mils. Reactance per mile.. .. 0701 oiim« 

SnacJ. .... Su^tance« » .5.38 ^^mhos 

Spacing—^flat. ..•. 20 Feet V L/C—383.8 


..... 20 Feet VL/C-383.8 

There will be no corona at nominal voltage. In the calculations it has been assumed that there is no loss. 


Section Length (miles). 

Total Length (ndles)........... 

" “ (wave lengths).... 

'Volts (delta)..,.... 

“ (Y)... 

Angle with Potential at Point 1 

(degrees)*.. 

Zioad kv-a. (total).. 

“ kw. “ . 

“ kv-a. (per phase)... 

kw. “ “ .. 

Ourrent (amperes).. 

Power Factor*... 

Axigle (degrees)*... 

Critical Load (kv-a.)........,. 

liine Loss (kw.) (total)......... 

“ “ (kw.) (per phi^)...., 

“ Drop (volts) (delta )....... 

“ “ (Y).......... 

Per Cent. Line Loss (section).'... 

" “ “ • “ (total). 

« “ • Drop (section) .. 

" “ “ “ (total) 


Point 1 

Receiving Section 1-2 
End 


200,000 

115,500 

0 

104,400 
104,200 
34,800 
34,730 
301.2 
0.9976 df 
4.04 d 
104,400 

13,800 
4,600 
12,700 
7,290 
13.25 
13.25 
6.31 
6.31 


Point 2 Section 2-3 Point 3 Section 3-4 Point 4 Section 4-6 


776 

2,325 


212,700 

122,790 

94.00 d 
118,000 
118,000 
39,330 
39,330 
320.2 
1.0000 d 
0.23 d 
118,000 


15,660 

6,220 

18,600 

7,870 

13.30 

28.3 

6.41 

13.13 


226,300 

130,660 

184.38 d 
133,920 
133,650 
44,640 
44,550 
341.4 
0.9980 d 
8.62 d 
138,800 


17,850 
6,960 • 

14,800 
8,540 
13.35 

46.4 
6.53 

20.5 


241,100 

139,200 

277.97 d 
151,500 
151,600 

50.500 

50.500 
. 362.6 

i.OOOO d 
0.63 d 
161,700 


776 

3,100 

1 


19,800 

6,600 

15,100 

8,720 

13.06 

64.4 

6.26 

28.1 


Point 5 
Sending 
End 



256,200 

147,920 

368.75 d 
171,720 

171.300 
57,240 
67,100 

386.8 
0.9985 d 
3.22 d 

171.300 


• III 
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Transactions A. I. £. E. 


then indicate that by designing a line properly in re¬ 
lation to its critical load it is now possible to transmit 
at any commercial frequency many times as far it 

would be commercially practical to do so. 

It must be noted particularly that the results in this 
table are for full load only and are not set forth to show 
the operation of a line with variable load. With such 
a line as this it would be necessary from a financial 
point of view to keep the line operating at 100 per cent 
load factor so that light load conditions need not be 
considered. It would be necessary to consider how to 
get such a line into service, but this could be accom¬ 
plished in a number of ways if the line were otherwise 
commercially feasible. 

Table V shows a line in every way similar to that 
in Table IV except that the load power factor is 
slightly more leading, being the same as Table II 
for flat voltage. Table V shows that with this longer 
line there is practically no difference in the voltage 
drop. The effectM v^^:?:;/4;^ voltage on the first 200 
miles of the line by the greater drop in 

the remainder of^Sffe.5:g|7mil^ Table V does show 
the variation of t’||p|(^jangle from side to side of the 
stable angle of used in Table IV. 

To visualize the results of Tables IV and V better 
they have been plotted in Fig. 8. Near the top the 
vector position at five points on the line is given 
showing plainly the complete revolution through the 
length. Yet, at each point the current and voltage 
are practically in phase. The voltage, current and 
load rise almost imiformly from the sending end to the 


receiving end. The power factor curves show the 
uniform power factor predicted, and calculated in Table 
IV, and the oscillating power factor of Table V gradually 




260 

250 

240 


230 
; 220 . 
210 
200 


Phase 


400 
M 380 
^360 
^ 340 
1320 
300 


<3i 




0.9970 
0.9980 
0.9990 
*““• 1.0000 
^ 180,000 
0 ^ 160,000 

-^5 120,000 
^ 100,000 
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Pia. 8 —Operating Characteristics op Very Long Copper 

Transmission Line 

approaching the uniform value of Table IV. The very 
large scale used for the power factor should be ap¬ 
preciated for the variation is really very slight. 


TABLE VI 


OPERATING OHARAOTERISTIOS OP VERY LONG ALUMINUM TRANSMISSION LINE 

General Data 

.. ““’■rssL o.mo^ 

Conductor. ^‘ - 

g ^ „_flat . 20 Feet -ylL/C^^OS 

There will be no corona at nominal voltage. In the calculations It has been assumed that there la no leakage loas.___ 


Item 

Point 

1 

Receiving 

End 

Section 

1-2 

Point 

2 

Section 

2-3 

Point 

3 

Section 

3-4 

Point 

4 

Section 

4-5 

Point 

5 

Section 

6-6 

Point 

6 

Sending 

End 

fiA/tMrvn T.An0Ph1i .. 


775 


776 


776 


776 


776 


T.An0*f:Ti /Tn^lAH^ . 


775 


1,550 


2,326 


3,100 


3,876 


" * (xTA'Vti lo-noftTis^. 


H 


y2 


H 


1 


ly 

279,600 

161,470 

Volts fdeltal. 

120,000 

143,400 

170,100 


200,000 


239,100 


«" ( Y).. 

69,300 


82,800 


98,200 


116,500 


138,100 


Anglo with Potential at Point 1’*' 

MnDfAna^. 

0 


76,78 d 


176.26 d 


262.17 d 


359.62 d 


448.23 d 




50,040 


70,260 


98,800 


138,300 


193,800 

« iCTf, “ . . 



47,610 


70,200 


06,540 


138,300 


191,100 

" fnAi* .. 


16,680 


23,420 




46,100 


64,600 

« lew. “ * ..' 


15,870 


23,400 




46,100 


63,700 



201.5 


•238.5 


285.2 


33d:.0 


400.0 
0.9870d 

PowAr Paotor*... 

0.083 p 

10.67 0 
35,500 

• 

0.951 d 


0.9991 g 


0.9773 d 


0.9095 d 


Antdo between Current & Potential 

^dnOTAASl’^... 


18.05 d 


2.46 0' 


12.13 d 


1.77 d 


9.09'd 

TiAflii fkv-a.V. 


50,800 


71,600 

1 


08.800 


141,200 


193,000 

r.ino Loss (total). Opr.).. > • • 

“ “ (perphase) Ocw.).......... 

T.lnA riron Ivoltsl Ideltal. . 

12,290 

4,090 

23,400 

13.500, 

34!? 

22,590 

7,530 

26,700 

15,400 

47.4 

26,400 

8,800 

29,900 

41,700 

13,000 

39,100 


62,800. 

17,000 

40.400 


a ft " / 

Pa]* <innt.. Line Loss (section). 

. 



17,300 

37.6 


22,600 

43.2 


23,370 

38.2 


“ “ “ * (total).......... 


34.7 


98.7 


173.0 


291,0 


441.0 


« “ T.lnA "Drop (section). 


19.5 


18.6 


17.6 


10.6 


16.9 


« “ * (total)... 


19.6 


41.7 


66.6 


09.3 


133.0 



*d - leading; g — lagging. 
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Characteristics of Very Long Aluminum Line: The 
line drop and losses were so low for the copper line that 
an extra long aluminum line has been calculated to 
reach more quickly the conditions that might obtain 
with a copper line 10,000 or 15,000 miles long. Table 
VI shows the operating characteristics of this very long 
aluminum transmission line. This is in every way 
similar to Table V except that the length has been 
extended to a total of 3875, being 1}4 wave-lengths. 
The conditions were not chosen for constant power- 
factor but so that ‘Toint 4’’ with 200,000 volts would 
correspond to “Point 1" of the copper line in Table V, 
and the aluminum line in Table III for “predicted flat 
voltage.” This again shows that the flat voltage con¬ 
dition cannot be extended for a great length of line due 
to the power losses; the effort to do this just causes a 
swinging of the power factor. The decrease of swing 
of the power factor as the sending end is approached is • 
evident; the angle for stable operation is 6.06 degrees. 

Conclusion 

The formula for the critical load and various rules 
for its use were set forth at the beginning of the paper 
and therefore will not be repeated here. 

^ It is undoubtedly possible that the form of expres¬ 
sion of the rules can be improved and considerably 
extended. It is therefore hoped that this paper will 
not only lead many to a better conception of what is 
going on in a high-tension transmission line, but will 
also lead them to develop and present their thoughts so 
that others may have the benefit of a further practical 
understanding of the nature of transmission of electrical 
energy. 

Included in the paper are examples of very long 
transmission lines to show how their action may be 
predicted, rather than as examples of economical lines 
for any particular condition. 

It must be remembered that while approximate 
results can be obtained in some cases that the formulas 
are not approximate formulas but for the purpose of 
-obtaining quickly in advance of accurate calculations 
a “Qualitative Analysis of Transmission Lines.” 

Discussion 

R. D. Evans: In discussing Mr. Goodwin’s paper, we wish to 
comment on three points, as follows: L The conditions for the 
most efficient transmission of power; 2. Stable operating condi¬ 
tions for long transmission lines; 3. The desirability of the circle 
■dia^am^ for calculating performance of transmission lines. 

The first statement given under the caption of “Summary,” 
suggests that the transmission of the critical load will be most 
•efficient at unity power factor at the receiver. We wish to point 
out, however, that the most efficient transmission of power for a 
jgiven ti’ansmission line and receiver voltage occurs at a slightly 
lagging power factor. This condition can best be explained by 
means of the circle diagram. 

In Fig. 1, is shown a circle diagram for a transmission line, 125 
miles in length. In this diagram, the receiver load is plotted in 
Jew. along the X axis and in reactive kv-a. along the Y axis. 


33 

The circle with solid line, with radius Cr is a graph of the dif¬ 
ferent receiver load conditions which satisfy certain definite 
voltage cohditiohs at the supply and receiver ends of the trans- 
nussion Ime. The dotted circle represents a similar graph for a 
diffei^nt_supply voltage condition. The transmission losses for a 
definite transmission line and with constant receiver voltage may 
be represented by a series of concentric circles, only segments of 
which are plotted. It will be noted from the loss circles, that 
the line I m represents the receiver load and supply voltage con¬ 
ditions for minimum transmission loss or maximum transmission 
efficiency for the particular amount of power to be transmitted. 
The critical load for the transmission line, is indicated graphically 
as a load at the point a;. It will be observed, that lower trans¬ 
mission line losses will occur if the critical load is operated at a 
slightly lagging power factor and at a slightly higher generator 
voltage. As indicated by the condition for the point y, most 



transmission line loads are of lagging power factor and synchron¬ 
ous condensers are required to improve the power factor and thus, 
regulate the system voltage. Hence, operation of a transmission 
line at the critical load, as infficated by the point x of Fig. 1, 
will occasion gi’eater transmission losses, higher condenser losses 
and require greater condenser capacity than would occur under 
the more favorable operating condition indicated by the point y. 

The second point we wish to discuss is in reference to stable 
operating conditions of transmission lines. In Mr. Goodwin’s 
paper, there is included under the heading of “Practical Examples 
of Traimmission Lines Operating at Critical Load,” a list 
of existing lines with their critical loads; also some data as 
to very long transmission lines. By inference, it might be 
supposed that it is practicable to transmit over 100,000 kw. at 
60 cycles over a distance of 776 miles. The circle diagram for 
this very long transmission line, given in Table No. 4 of Mr. 
Goodwin’s paper, will appear as indicated in Fig. 2. The critical 
load occurs at the point x and it will be noted that the transmis- 
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sion system will not deliver any appreciable load in excess of the 
critical load. If this line supplied synchronous machinery at the 
receiver, the (^oration would be unstable and difficulty would be 
esqpetienced in maintaining synchronism. Furthermore, with 
the actual, transformers would be required which would further 
limit the amount of power that might be transmitted with satis¬ 
factory operating conditions. The circle diagram also shows 
that, in order to Tyifl.intfl.iTi the same voltage at no load as at full 
load, the reactive kv-a. required would be very nearly equal to 
the Tnfl.-iriTymTn tv-a. that might be transmitted over the trans¬ 
mission line. With a 60-cycle line of 775 miles in length, there 
would be a very real problem in limiting transmission line volt¬ 
ages, in case the load were dropped for any reason and the prob¬ 
lem of infl.Tfing the generators non-self-exciting would be ex¬ 
tremely difficult. Mr. Goodwin has pointed out that there would 
be difficulties incident to the operation of these very long trans¬ 
mission lines at light loads, but the speaker wishes to emphasize 
that the full-load operating condition would also be unsatis¬ 
factory; On such long transmission lines in order to insure 
stable operating conditions, loaded transmission lines with inter¬ 
mediate synchronous condenser stations should be employed. 

The speaker feels that there is danger in the idea which has 
been advanced in some quarters that is it possible with unloaded 
transmission lines to transmit very large amounts of power per 



circuit to almost unlimited distances and that all that is neces¬ 
sary is to build a 220-kv. line and close the switches and the 
system will operate satisfactorily. The problem, however, is not 
as simple as that although it may be solved readily enough. 
There are factors such as unstable operating conditions that 
must be given consideration because of the large amount of 
power which may be involved and which may require loading 
of thie transmission lines. 

In connection with studies of transmission line performance, 
it seems desirable to emphasize the advantages resulting from 
the use of the circle diagram method of solution. This method 
was rather fully discussed in articles by H. K. Sels and the 
speaker, published in the Electric Journal, during 1921-1922. 
The advantages of this method arise from the graphical presen¬ 
tation of the different voltage, load, and transmission loss con¬ 
ditions. This method readily shows the conditions for maxi¬ 
mum efficiency on the transmission system for different condi¬ 
tions of supply and receiver voltages. The diagram also ^ves 
directly, information as to the probable stable operation of the 
trmismission system. It is to be emphasized that a mathe¬ 
matical solution of a transmission line may not be a stable opera¬ 
ting condition.- 
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Summarizing, the maximum efficiency of a transmission line 
does not occur for the critical load at unity power factor, but 
at a slightly lagging power factor. Second, critical load condi¬ 
tions on very long transmission lines will have unstable operating 
characteristics, which may be avoided in a practical way, only 
by the use of loaded transmission Imes with intermediate con¬ 
denser stations. Third, the circle diagram method of calcu¬ 
lating transmission lines has many desirable characteristics, 
including a graphical presentation of the various conditions with 
regard to variation in generator and receiver voltages, maxi¬ 
mum transmission efficiency, and stable operating charac¬ 
teristics. 

V. Karapetoff i I should like to discuss the first page of Mr. 
Goodwin’s paper, particularly the statements regarding the 
properties of the critical load. Mr. Goodwin refers to Mr. Percy 

H. Thomas’s paper of 1909, and so I looked up that paper for a 
confirmation or a proof, of the statement made here, but I found 
none. I looked up Mr. Thomas’ companion paper, his mathe¬ 
matical discussion of the same date, but there also I could find 
no proof, and so I tried to cheek these statements mathematic¬ 
ally. They do not seem to check, and I feel that Mr. Goodwin 
owes us an appendix to the paper, proving the statements made 
on the first page. 

The general equations of a transmission line are quoted on 
p. 135 of my paper on the “Heavisidion,” and I shall only refer 
to them without repeating them here. Mr. Goodwin’s critical 
load is one for which E>i =*= Zth, so that the second term in my 
eqs. (1) and (2) is equal to zero. Thus, the critical load is 
characterized not only by the voltage and the ciu’rent, but also 
by a definite phase angle which depends on the line constants. 

In the light of this theory, I should like to quote some of Mr. 
Goodwin’s statements: “The critical load when placed on a 
transmission line at unity power factor will be transmitted'at 
unity power, factor.’’ While I realize that the phase angle of 
the surge impedance may be small, nevertheless, I feel that in a 
statement of this kind, it should be explained that this only is 
so provided that the resistance and the leakage are neglected. 

I am afraid that the above statement may later be used and 
quoted as a reference, and the fact that it is only approximate 
may not be noted. 

The second part of the statement roads: “The current will bo 
constant throughout the line.’’ This is not quite true, because 
both the current and the voltage have adecremental factor, Oi S. 
Again, neglecting the resistance and the leakage, the foregoing 
statement is true, but this limitation must be definitely stated. 

The second statement is as follows: “If the kv-a. load is greater 
than the critical load, the power factor at the sending end of the 
line will be always more lagging than the power factor at the 
receiving end of the line.’’ We cannot compare the critical 
load with any other load unless we take into account the power 
factor. Such a general statement does not seem to be true 
without further qualifications. Moreover, the power factor 
varies from loading to lagging and back, as you proceed along the 
line. If you start with a receiver condition, you can assume the 
generator end to be anywhere you please, one mile, seven hun¬ 
dred miles, or fifteen hundred miles, from the receiver end. 
There is no definite generating end in that sense, and as you pro¬ 
ceed from the receiver end, you will meet line conditions of both 
leading and lagging power factor; thus, the above statement, 
as you may see, depends on where you take the generating end. 

For all these reasons, I feel that Mr. Goodwin owes us much 
more explanation and proof than he has given us. 

G. P.Steinmetast A transmission line has four constants, two 
representing the energy dissipation, and two the energy storage, 
as depending on current and on voltage respectively. ‘ 

I. The resistance r, calculated in the usual manner from 
material and size of wire, represents the energy dissipation de¬ 
pending on the line current: r iK 
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tion occurs, the main wave and the reflected wave superimpose, 
and in the resultant wave the voltage is the sum and the current 
the difference of the component waves (or inversely), and for the 
resultant waves, this simple relation between voltage and cur¬ 
rent does not hold any more. That is, in the study of circuit 
protection, the effect of reflection (and refraction) and the volt¬ 
age rise possible thereby, must be separately studied. 

An interesting application of the conception of the surge im¬ 
pedance ro is given in the paper. 

The standard equations of the transmission line consist of 
two components; each of the current components equals the 
corresponding voltage component divided by ro, and in each of 
the components the voltage current ratio thus is constant and 
the phase relation between current and voltage constant, that 
is, the power fsrctor constant. However, in the voltage the two 
components are added, in the current subtracted (or inversely), 
so that in the resultant wave phase relation, power factor ^d 
voltage current ratio along the line change. The first compon¬ 
ent decreases, the second one increases with increasing distance 
from the power supply. The latter therefore is the reflected 
wave. If then in the load at the receiving end the current is 
chosen so that ro is the voltage current ratio, then the second 
component wave vanishes, there being no reflection at the end 
of the Une, as discussed above. This is the “critical load” re¬ 
ferred to in Mr. Goodwin’s paper. 

Thus, the “critical load” of Mr. Goodwin’s paper is given by: 
Volts divided by amperes equals surge resistance, where the surge 
resistance is given by equation (9). 

A table of surge resistances for different sizes of transmission 
conductors are given in the following, for different distances 
between the conductor and the return conductor, and for dif¬ 
ferent resistances between the conductor and the ground. ^ The 
latter is the surge resistance which comes into consideration in 
discharges to ground, such as lightning. These latter values 
are approximate only, as they depend on the conductivity of 
the ground. The assumption has been made that the neutral 
plane lies 15 feet below the ground surface. 

As seen, with very wide variations of conductor sizes and 
distance of the return conductor, the surge resistance varies 
relatively little, within the range of commercial transmission 
line porportions, so that for approximate estimate of discharge 
rates, etc,, we may assume 360 ohms as the surge impedance of a 
line conductor against another line conductor, and 600 ohms 
as the surge impedance of a line conductor agahist ground. 


TABLE OP SUBGE IMPEDANCE 
zo m 138.15 L/R ohms per conductor 


Size of Wire 
No. 

R 

Dis 

itance of Bcturn Cc 
above 

tnductx 

a^rouiK 

or, L, 

- Diet 

ance 

0.30 

1 ' 

0.60 
2 ' ■ 

1.20 

4' 

2,40 

8 ' 

4.80 

16' 

4.50 

15' 

30' 

18 m. 
60' 

3 

0.115 

278 

320 

362 

403 

446 

524 

549 

579 

1 

0.146 

264 

306 

348 

389 

430 

510 

535 

565 

00 

0.183 

2.51 

292 

333 

376 

416 

496 

521 

552 

^ f 0000 

0:250 

232 

273 

315 

357 

397 

477 

502 

533 

•§ ■! 360000 

0.325 

212 

256 

297 

339 

.381 

462 

486 

517 

o (600000 

0.390 

206 

247 

289 

330 

372 

451 

476 

505 


~ 360 ohms. • ~ SOC ohms 

1. Assuming neutral plane 15 ft. helow ground. 


C. L. Fortescue: Mr. Goodwin’s paper suggests to my mind 
old thoughts expressed in a new way. In this world we seldom 
get isomething for nothing, and this applies with particular 
truth to power transmission. In fact, a transmission line, like 
all electro-magnetic apparatus, requires for successful operation 
reactive power. As a matter of fact, reactive power on a trans¬ 
mission line is something like taxes—^you cannot get away 
from it. 


An engineer may elect to supply this reactive power entirely 
from the generator end, but his object is to transmit power from 
a locality where it is cheap to one where it is dear and to do this 
as expeditiously as possible. 

To deliver real power requires a prime mover in addition to a 
generator, butreaetivepower does not require a prime mover, but 
it may be done by that wonderful machine called the synchron¬ 
ous condenser, which we may conveniently call a wattless power 
generator. 

To transmit this wattless power is an expensive process, and 
we have to pay for it not only in the wattless power which we 
transmit to the point where it is required, but we have to produce 
more wattless power in order to transmit that amount. So that 
it is a very expensive process to transmit that power over a whole 
transmission line to the point where it is required. However, 
we can elect to transmit our wattless power or supply it at any 
point in the line where we please. 

Suppose we have a transmission line of a certain length; our 
first idea is to transmit our power and supply also the wattless 
power required from the generator. To supply the real power, 
of course, we must hav6 a prime mover, but the wattless power 
does not require a prime mover. We can use a synchronous 
condenser. 

We may divide the line into sections and supply the wattless 
power to these sections by means of a synchronous condenser. 
They have to transmit the wattless power for the section in which 
they are placed a short distance only. This arrangement is abso¬ 
lutely necessary, so that we can supply the necessary wattless 
current at the least possible cost, and in so doing we do not gum 
up our power transmission, by transmitting this wattless current 
over the line. Therefore, the supplying of this wattless energy 
at the point where it is needed, not only gives us a better opera¬ 
ting system, and a more stable transmission line, but gives us 
more economical power transmission for the same amount of 
wattless generating apparatus; in other words, with the proper 
use of synchronous condensers, we can transmit more power over 
a given distance. 

Mr. Goodwin has treated the only case where the wattless 
.power is applied at ea.ch point just as it is needed, through the 
medium of the distributed capacitance of the line that is the 
critical load condition, but for a practical operating line, we have 
to supply the necessary wattless power under aU conditions of 
load, and the synchronous condenser enables us to do that be¬ 
cause it can supply either condensive energ^y or inductive energy, 
according to the excitation. 

As an actual fact, the total amount of condenser capacity 
required for a line so supplied with its wattless energy is much 
less for a given amount of power transmitted than one supplied 
at one end only. The economical spacing of the condenser de¬ 
pends on the cost of condensers, on the cost of substations, main¬ 
tenance, etc. The idea that power can be transmitted without 
supplying the necessary magnetic energy which seems to be 
rather prevalent among some engineers does not hold. 

There is another point which I wish to emphasize which 
Mr. Evans has brought out, and that is that the mathematical 
solution of the transmission lino is not necessarily a practical 
solution. The peculiarities of the apparatus used for regulating 
the line, have to be considered as for instance, not only the syn¬ 
chronous condenser, but also the voltage regulators. Under 
certain conditions of load the system becomes unstable and is 
no longer operable. 

•. F. G. Baum: l am glad to see engineers take up the matter 
of the constant potential transmission line. This type of trans- 
• mission must finally come to be our standard for large power 
transmission because we must have (1) a safe and stable trans¬ 
mission, (2) a reversible transmission, and these can be had oidy 
with (3) a constant potential transmission system. But with 
a constant potential transmission the calculations become ex¬ 
tremely simple because the charging current per unit length of 
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and having an indeterminate proportion of restive kv-a. has 
been taken. No data are given in the paper to indicate how the 
amount of reactive kv-a. required has been determmed, so it 
was probably determined by a trial and error process. In tms 
way Mr. Goodwin has determined approxunatdy the load for 
uniform power factor along the line. The exa^ot ^formulas 
for this load will now be developed using the hyperbohc theory. 
Let: 

Ea, I a. Pa « the voltage, current and volt-amperes, re¬ 
spectively, at the point A, the sending end 
of the line, expressed in vector form. Simi¬ 
larly for any point on the line, P, and for the 
receiving end, B. 

zo = the “surge impedance” of the line. ^ 
tf = a -hi = the “hyperbolic angle” per mile of line. 
g, c =‘ the resistance, inductance, leakance,^ and 

capacitance, respectivdy, per mile of Ime. 

X — the distance from A to the point P. 

The formulas for zo and a are as follows: 


Jj: 

^ 9 


r -f j 1 “ 
+ i c <0 


a 


„ V (i* + i ^ ^ ® 

If we consider a load having an equivalent impedance equal 
to the surge impedance of the line, connected at the receivi^ 
end, we have what Dr. KehneUy has named the virtu^y m- 
finite line.® That is to say, the line behaves as if it were iniimte 
in extent. Dr. KenneUy has considered this line, and the for¬ 
mulas for this case are as follows: 

Bp =. Ba =* Ea e~“'* 

where e is the base of natural logarithms. 

Jp = Jac-"* = 

Pp = Pa 

Prom these formulas, it is seen that the magnitudes of the 
voltage and of the current fall off from A toward B according to 
a simple exponential law. Also the angle between the voltages 
at any two points varies directly as the distance between them. 
The pn-Tvift holds teue with respect to the currents. Furthermore, 
the vollramperes fall off at double the rate of the current and the 
voltage, but still in accordance with an exponential law, and the 
power factor is constant over the whole line. It. is appwently 
this load that Mr. Goodwin was searching for and he has hit upon 
a close approximation for ordinary commercial transmission 
lines. Infant, when r — O.andg 0, becomes equal to VL/C* 

The formulas for the virtually infinite line are very readily 
adaptable for use with ordinary logarithmic tables. As already 
pointed out, the change in angle is directly proportional to the 
change in distance. The length corresponding to an angle of 
360 deg. is the wave length of the line and is equal to 

2 TT 

«2 

direct proportion from this value. For the transmission line 
given in Table IV, the wave length is 3043.9 miles (4898.5 km.). 
The wave length of a line containing resistance depends not only 
on the frequency but also on the relative values of resistance, 
inductance and capacitance. 

Tn - order to determine the magnitude of the voltage at any 
point, the forrnula is Bp » Ba 6““’*. This may be trans¬ 
formed as follows: 

logft Bp =* loge Ba — ai « 
logic Bp =* logio .^A — 0. 43429 ai ». 

Ip. the last formtila, all the quantities may be determined from 
ordinary logarithmic tables, so that the calculation of the volt¬ 
age disl^bution on any transmission line for one particular load 
by means of the rigid hyperbolic theory is a very simple matter, 

• 3. “Artiadal Mectric Hues; Th^ Theory, Mode of Oonstactiou, and 
tjses^’—.A. B. KenueUy, A. M., Sc. i>., pages 43 to 46. 


and is well within the capabiUties of any electrical engineer. 
The current at any point is directly proportional to the voltage, 
and the volt-amperes is equal to the product of the current and 
the voltage. The power factor is unifo^. 

In order to illustrate the application of these formulas, the 
transmission line in Table IV has been calculated for a receiving 
end voltage of 115,500 and for a load having an impedance equal 
to the surge impedance. The computation is shown m Table A. 
In Table B, the results are tabulated in such a manner that they 
mav be compared with the results given in Table IV. It should 
be noted that the points used in Tables IV and B are not quarter 

wave length points. , . 

A comparison of the results in Tables IV and B show some dis¬ 
crepancies, but the differences are not reason. It is 

therefore not unreasonable to beHeve that Mr. Goodwm s g^eral 
conclusions respecting the quaUtative operation of transmission 
lines, loaded with the “critical load” as used m the paper, will 
apply when the load having an impedance equal to the saxge 
impedance of the line is used as the basis of the ardent, to the 
same extent as they apply to the conditions considered by Mr. 
Goodwin. The quantitative relations will, of course, be dif- 

The load mentioned in this discussion may be obtained from 
formulas which are obtained from formulas (3) and (4) of the 
paper by substituting the expression 


The angle corresponding to any other length is found by 




r + j I <a 
g -\-j c u 
(3) we obtain 


for the expression ^/L/C. Thus, from formula 
1000 c* 


(kv-a.)p 


I + J ^ “ 

■\ fif c w 


and from (4) 


kv-a. = 


1000 B* 
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TABLE A 

OPERATING OHARAOTERI8TIOS OP VERY LONG 
TRANSMISSION LINE AT UNIFORM POWER FACTOR 

- 0.0568 ohms length =.3100 miles 

-0.791 ohms == ^ 15,600 volts to neutral. 

= 6.38 X 10~* mhos 

= r +y w / » 0.0568 +./0.791 = 0 .79297/85.°96o 
- j 5^ X 10-» = 6.38 X 10-« M." 

= V z/i r 

* V z // 


383.92\2. "0176 
. 002066 5/87.*083 
» .0000721104 + 7 .0020042 


Wave length 


2 % 


.0020642 


3043.9 miles 


Power factor = 99.0375 per cent leading 

ai X for 1 wave length (3043.9 miles) = 0.21949 


Dis¬ 
tance 
from A 

Wave 

Lengths 

0.43429 
tt] X 

logio Up 

Ki> 

Angle 
with Ea 

Ip 

0 

0 

0 

5.16967 

144,430 

0“ 

376.2 

380.5 

0.125 

0.01102 

6.14776 

140,620 

46® 

366.0 

761.0 

0.26 

0.02383 

5.13583 

136,7^0 

90® 

366.1 

776 

0.2646 

0.02427 

5.13630 

136,580 

91®.66 

355.8 

1141.6 

0.376 

0.03676 

5.12392 

133,020 

136® 

346.6 

1521.9 

0.6 

0.04766 

5.11199 

129,420 

180® 

337.1 

1550 

0.5092 

0.04864 

6.11112 

129,160 

183®.32 

336.4 

1902.4 

0.625 

0.06058 

5.10009 

125,920 

226® 

828.0 

2282.9 

0.76 

0.07149 

5.08817 

122,610 

270® 

319/1 

2325 

0.7638 

0.07281 

5.08685 

122,140 

274®.98 

318.1 

2663.4 

0.876 

0.08341 

5.07616 

199,170 

315® 

310.4 

3043.9 

1 

0.09633 

5.00434 

116,970 

360® 

302.1 

3100 

1.0184 

0.09708 

5.06258 

116,500 

306®.64 

300.9 


Kv-a. 


54.340 

61.440 

48.690 

48.690 
146.090 
43,630 
43,450 
41,300 
139,090 
138,860 
36,990 
35,030 
84,760 


Kw. 


54,300 

51,400 

48,660 

48.560 

46,060 

43,600 

43,420 

41,270 

39,070 

38,830 

86,970 

35,010 

34,730 



GOODWIN: QUALITATIVE ANALYSIS OF TRANSMISSION LINES Transactions A. 1. E. E. 


40 

delay in this most helpful method generally available 

to the profession. x j 

Mr. Evans first takes exception to the first statement under the 

caption “Summary” which is in regard to the most economical 
transmission of power over a long distance line. 

Pi^-st it should be noted that this Is quoted from Mr. Thomas s 
paper and is not a direct statement by the author. It has only 
been inserted to complete better the picture which Mr. Thomas 
paints. “Qualitative Analysis” deals with the qualitative 
operating characteristics of transmission lines and carefully 
avoids quantitative statements. The author hopes to present 
something in a future paper on the subject of efficiency of te^s- 
mission which ivill develop the subject fuUy, logically and in a 
new light. But since Mr. Evans has gone to such length on 
this point it may be well here to discuss the matter further that 
others be not misled. Notice first that Mr. Thomas’s statement 
is in regard to “a long-distance line,” while Mr. Evans’ example 
is concerned only with a short line 125 miles long. 

Measuring from Mr. Evans’s Fig. 1, it would appear that ffis 
claim is that the transmission would be more economical with 
the current at the receiving end la^^ihg behind the voltage at 
an angle of 10 deg., which corresponds to a power factor of 
0.9848. This means an increase in om’rent at the receiver end 
of 1.6 per cent and a total increase in losses of about 3 per cent. 
His statement that the generator voltage would be higher under 
his conditions is correct, according to the rules of Qualitative 
Analysis.” It would therefore appeal' that Mr. Thomas’s 
statement is more accurate than Mr. Evans’s deduction from his 
diagram. 

The circle diagram for long transmission lines has often been 
called into question and various efforts have been made to cor¬ 
rect its deficiencies. It is based on assumptions. In an exposi¬ 
tion of the circle diagram in the Electric Journd for December, 
1921 by Mr. R. D. Evans and another author, there is given on 
page 533 a derivation of the “loss circle diagram.” One of the 
bases is the statement: “the losses neglected—axe practically 
constant” (italics by present author). In general, the derivation 
is so incomplete and involved as to make checking most difficult. 
But in opening this article on the circle diagram, the authors 
state: “The primary object of an approximate graphical solution 
is not one of accuracy—^the rigid mathematical solution may be 
applied to the particular case with any turther degree of accuracy 
that may be desired.” It is but natural to suggest that Mr. 
Evans apply a rigid mathematical solution to his assumed load 
-and line and prove thereby that the lagging power factor condi¬ 
tion is more efficient than the unity power factor condition sug¬ 
gested by Mr. Thomas from the simple, fundamental, physical 
conception. When he has thus demonstrated to his own satis¬ 
faction that Mr. Thomas is correct, he might try a few degrees 
leading (about half the small angle, of the impedance triangle 
of his assumed short line). Mr. Evans has not given sufficient 
data on his assumed line to allow others to do this; 

. Mr. Evans then calls upon his circle diagram as given in his 
Fig. 2 to prove the “instability” of some of the long lines given 
as examples by the author to show some of the characteristics of 
long lines operating at fixed critical loads. The author’s calcu¬ 
lations were made by the rigid mathematical formulas on which 
Mx. Evans’ circle diagram is supposed to be founded. Is it but 
reasonable to suggest that Mr. Evans again follow his own advice 
and check the conditions which he proposes and the conditions 
which the author has suggested by the rigid mathematical for¬ 
mula. Fortunately Mr. J. R. Duhb^ has in later discussion 
shown the results of repeated calculations on one of the lines 
calculated by the author which for the present piirposes check 
with very fair accuracy, particularly in, regai’d to the question 
of power factor. 

But this aside. Acknowledge that starting with certain 
receiver conditions it is possible to figure the conditions at a 


supply point 100 miles or several hundred miles distant; again 
puyk-ft this point and load the receiver conditions for pother 
length of line; repeat this as often as desired. What is there 
then to question in the result if each step has been made accur¬ 
ately? How can a “diagram.” based on very short lines and 
modified by approximation for longer lines, be called upon to 
over-throw the result with one stroke of the compasses? 

Enough bflg probably already been said to counter Mr. Evans’ 
third point of “the desirability of the circle diagram,” etc. His 
discussion rather proyes the desirability and necessity for the 
use of “Quantitative Analysis” based on simple, physical con¬ 
ceptions by all transmission engineers, even though they may be 
expert with various methods of “Qualitative Analysis.” 

Just one more point—^a warning is necessary in this connection: • 
The greatest care must be used in the application of any formulas, 
which have any assumptions whatsoever, to lines operating at 
the critical load near unity power factor. 

Mr. Karapetoff called upon the author for proof of the state¬ 
ments on the first page and suggested the possibility of proving 
them by TYift.lfing many calculations on his “Heavisidion.” 

If the section of the paper headed “Vector interpretation of 
critical load transmission” is studied sympathetically and 
thoroughly the bases of the rules given on the first page will 
readily be understood. As for the matter of checking by actual 
calculation, the author has checked these rules by numerous 
calculations and by comparing with the results of accurate cal¬ 
culations by others, and complete agreement has always been 
found. 

As for the derivation of the rules from the hyperbolic formula, 
Mr. J. R. Dunbar has very kindly contributed in discussion such 
a derivation. Mr. Dunbar notes that the rules in the paper are 
approximations for the rigid formula. This is readily agreed. 
The rules are given in a simple form and are stated as applicable 
to “transmission lines of present commercial lengths” 

The last of Mr. Karapetoff’s discussion is fully covered by 
noting again that the rules are given to apply only to “transmis¬ 
sion lines of present commercial length.” 

In regard to Dr. Steinmetz’s discussion, the author has little 
to say except to thank him for his confirmation of the author’s 
work and his fuller explanation of many of the interesting points. 
However, in his last paragraph he states “we may assume 360 
ohms as the surge impedance of a line conductor against another 
line conductor.” In view of the values given in Table I of the 
paper for various liigh-voltage transmission lines, it would 
appear that while 400 may be a very little above the average 
there are no lines which have a value so low as 360. Therefore, 
the factor 0.4 in the approximate formula for the critical load 
would seem to be entirely satisfactory. 

Mr. Portescue’s discussion, as does a section of Mr. Evans’s, 
dealing with distributing synchronous condensers along the line 
really goes by the whole point of the paper and shows again the 
necessity for “Qualitative Analysis” and understanding the 
reversal of conditions which take place when the load on a line 
passes the critical load. 

In Mr. Fortescue’s seventh paragraph he says “but for a 
practical operating line,” etc. The author maintains that the 
information which he has set forth in this paper is much more 
practical and useful than any discussion on the use of synchron¬ 
ous condensers distributed at different points on a long trans¬ 
mission line. We have with us now hundreds of transmission 
lines showing the characteristics expounded in this paper, but 
we have not as yet one transmission line with synchronous con¬ 
densers scattered along it at various points for the delivery of 
reactive power. 

The author fully appreciates the application that may be made 
of synchronous condensers in this manner and has considered 
them in certain definite applications but he maintains that their 
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Subject of the Paper,—A Hnemcdic computing device 
is described which can be set to represent vedoricdly the voltage and 
the current at any point of a long transmission line with uniformly 
distributed properties and with a given load. The device has been 
named after Oliver Heaviside who was among the first to establish 
and to solve the fundamental differential equations of such a line. 
The parts of the device are made to assume at will different positions 
corresponding to different points on the line. The constants of a 
line to be represented by the device are adjustable at wUl, and a 
complete set of performance curves of a given transmission line can 
be obtained. Conversdy, by a few simple trials, the best constants 
of a line and the necessary kv-a. of a synchronous condenser may 
be found, to give the required performance characteristics. The 
current, the voltage, and the power factor (or the phase angle) can 


A. Introduction 

The Meaning of the Word Heaviaidion. The device 
was named after the noted English scientist and engi¬ 
neer, Oliver Heaviside, Honoraiy Member of the 
A. I. E. E., who was among the first to establish and 


be read off directly on the device for any desired point of the line, 
including the generator and the load end-. 

Results of computations are shown for two transmission lines, 
1000 and SOO miles long, values having been obtained in the usual 
tedious way by means of hyperbolic functions of a complex variable, 
and also read off direcdy on the Heavisidion. The agreement is as 
good as coidd be desired, showing that the device is reliable and that 
a considerable saving in time is possible with it. The device con¬ 
sists mainly of steel and celluloid bars, proportional dividers, paral¬ 
lel double tongs, and other simple kinematic linkages. Tioo sharp- 
edged wheels are used, similar to those used in planimet^s. The 
parts are so combined as to satisfy the familiar exponential vectorial 
expressions for the sinusoidal voltage and the current, the independ¬ 
ent variable being the distance from one of the ends of the line. 


What the Heavisidion is. A combination of movable 
bars and linkages (Figs. 1 and 2) which can be set to 
represent, to a certain scale, the current and the voltage 
at any point of a line as vectors, in their proper relative 
phase position. The line constants are taken into 



Fig. 1—Thb First Experimental Heavisidion 


to solve the fundamental differential equations of an 
electric line with distributed resistance, inductance, 
capacitanc e, and leakance. 

1. The investigation upon which this paper is based was 
supported by a g^ant from the Heoksoher Foundation for the 
Advancement of Research, established by August Heokscher at 
Cornell University, . ■ 

Presented at the Midwinter Convention of the A. I. E.E., 

New York, .N. Y., February 14-17, im. 


account by properly setting the adjustable portions 
of the device. The parts of the device are kinematic¬ 
ally so constrained that when it is set corr^tly for 
one point of the line, say the receiving end, it gives 
correct values for any other point. Each degree on 
the large circular scale corresponds to a certain number 
of miles along the line. By moving the two pointers 
by the same number of degrees in the opposite direc- 
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tions, the device is reset for another desired point on account; without hyperbolic functions, without com- 
the line. plex quantities, and without short-cut approximate 

The Purposes of the Device. (1) To enable a designer methods. (2) To enable a designer or an operating 
to predetermine quickly and accurately the voltage engineer to determine quickly the effect of a proposed 



yA 




P.a. 2 -The Top V«w Sxo* Vmw Do««.,K.T.m,o 


yfttuf 

( M'l 


distributed capadtanee and leakage correctly into ing' distributio^of °(ninlnt”LI*^ ' 
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line. (3) To make it possible to select the proper 
kv-a. of a synchronous condenser at a desired point 
of the line, so as to obtain the desired line volt¬ 
age characteristics. (4) For some purposes to take 
the place of the involved analytical theory and to 
permit to visualize the actual electrical relationships 
along the line. (5) To add the judgment of the eye 
and the skill of the hands to the purely mental ability 
in studying a line problem for which the device can 
be used. (6) To enable an investigator or a student 
to familiarize himself with the line characteristics (under 
steady conditions) as if an artificial line of widely 
adjustable constants, and any desired load and volt¬ 
age, were available for tests. 

0(her Kinematic Devices. The Heavisidion is one 
of the several kinematic devices developed by the writer, 
for representing the performance characteristics of 
various kinds of electrical machinery and circuits. The 
other devices are as follows: 

1. A device for representing the performance of an 
electromagnetic clutch used in the Owen magnetic car; 
Sibley Journal of Engineering^ Jan. 1918, Vol. XXXII, 
p. 560. 


7. A device for the study of transient phenomena in 
lines (in preparation). 

Limits of Current and Voltage. Being a graphical 
device, the Heavisidion requires certain scales to be 
chosen for each particular problem. A convenient 
scale has to be selected for volts and another for am¬ 
peres. The device can therefore represent the per¬ 
formance at a small load as well as at one which runs 
into hundreds of thousands of kilowatts; of an 11-kv. 
line as well as of one designed for 560 kilovolts. As in 
any graphical device, there may be some limitations 
due to the finite lengths of the bars, necessitating a 
change in the chosen scale. However, the device 
shown in Fig. 1 has been tested for lines up to 1000 
miles long and found to be of sufficient accuracy, as 
will be seen from the second numerical example below. 

B. General Description of the Heavisidion 

The first complete Heavisidion, shown in Figs. 1 
and 2, was built in the writer’s experimental shop, in 
Cornell University, during the year 1922. Most 
parts are made of fiat steel bars, or of celluloid bars, and 
the principal dimensions are given in the table below 



Pig. 3 A Side View Showing an Improved Center Piece Sliders and Wheel Support 


2. The Secomor, a device which represents the per¬ 
formance of a polyphase series-connected commutator 
motor; A. I. E. E. Trans., 1918, Vol. XXXVII, Part 
I, p. 329. 

3. The Indumor, a device which represents the 
performance of a polyphase induction motor, and its 
modification, the Shucomor, which represents the 
performance of a shunt-connected commutator motor; 
A. L E. E. Journal, 1922, Vol. XLI, p. 107. 

4. The Blondelion, a device which represents the 
operating characteristics of a polyphase synchronous 
generator or motor. 

5. An Integraph based on parallel double-tongs, for 
a mechanical integration or differentiation of a given 
curve. This device finds its usefulness in problems of 
hunting of machinery, fly-wheel design, ship stability, 
etc. Optical Soc. of Arner. and Review of Scientific 

Instruments, Journal, 1922, YohYl,p. 97S. 

6. The C. P. S’er (named after Dr. C. P. Steinmetz), 
a device for the automatic addition of impedances and 
admittances (description in prepara-tion). 


In the writer’s opinion, the size of the device could be 
considerably reduced without impairing its accuracy, 
if the instrument were made with the precision of, say, 
a planimeter. The grooved bars and the improved 
slider, shown in Pig. 3, are of about one-half the size 
of those shown in Pigs. 1 and 2. 

THE PRINCIPAL DIMENSIONS OP THE HEAVISIDION 


Part or distance (Pig. 2) 

Length in cm. 

Oross-sec. 
in nun. 

Circular scale, radius. 

SO 


Bara A A' and B B' ... 

SO 

25 X 3 

Bara C C' and Af AI'... . . 

65 

10 X 1.6 

Bars D // and P H.. 

60 

10 X 1.6 

Bars B D, BF. K A and A If . 

30 

10 X 1.6 

Rod p g . .. 

SO 

6 (dia.) 

Sharp-edged wheels, dia.;... 


25 and 12 


The Voltage. In the side view (Figs'. 2 and 3) 0 O' 
is a vertical axis about which the guide sleeves (?« and 
Gb can revolve. In the top view the steel bars A A'and 
B B' are shown passing through these guides. Each 
guide is lined on the inside with steel balls to reduce the 
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able link D' C" F' may be added to the double parallelo¬ 
gram and the connection to the parallel double tongs 
made at C", instead of C. It is also possible to turn 
the vector 0 M by the angle 6 so as to represent the true 
phase position of the current. This can be done, for 
example, by using the generalized proportional dividera 
described in the paper on the Indumor (loe. dt., p. 111). 

C. Auxiliary Charts of Line Constants 
In order to use the Heavisidion for a line of given 


current vector 7, Figs. 2 and 7; it is proposed to call 
this angle the differerUial angle of the line. 

z», the surge impedance of the line, which determine.s 
the scale of the line current; 

the wave Imgth constant of the line. 

The angle ^ is the angle by which each of the bai*s, 
A A' and BB', must be turned (in the opposite direc¬ 
tions) in order to obtain a setting for a point of the line 
one km. or one mile distant from the given setting. 
In other words, /9 is measured in degrees (or radians) 


a i / a 

S s 7 a 4 /o 



^ ^ « x/r 


^4- as as ajt qs as 'Jt 






i n it IS necessary to determine 

the fonowmg avafliaiy constants (see^rthe W nf 
symbols at the end of the paper):' “ ^ ^ 

wper/ttoB of the Hne- tl.« 
sh^dged wh^o and 6 am set at tm t 

e, the angle between OM and the true diritim oi 


n “ 10 OBo.^ll'm^; o"/°T, ti»AKAa» 

> u.'t, To =» ,i4 DlDCI. 06 Mm. 


If d is measured in degrees then 
2^deg^//Jdeg) »ves the number of miles^wS 
^h of the bars is turned by 360 deg. The bare are 
^ apm m their original positions and the values of 

f'j i^Peat themselves. The length 

360 deg./^ d^. IS therefore called the wave wK 
the IrneMt depends upon the line constants “iS the 






Jt:6 m miMs 
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frequency. In the actual use of the Heavisidion it 
has been found convenient to compute the'value of jS 
directly for each 100 miles, so as to avoid small quanti¬ 
ties; this should be kept in mind when using the values 
of /So found from Pig. 6. 

In most practical cases of long-distance high-tension 
transmission lines the distributed leakage is negligible. 
The symbols for the foregoing four constants are then 
provided with the subscript zero. Thus, ro, 6^, Zq 
and 3q are the values corresponding to zero leakage. 
These values may be obtained directly from the charts 
shown in Pigs. 5 and 6, without any computations. In 
rare cases when the leakage has to be considered, a small 
correction is necessary, as is explained below. 



Knowing x/r, the values of 6o and ro (which are equal 
to each other for a line devoid of leakage) can be 
read off directly on the chart in Fig. 5. To find Zo, it is 
necessary first to compute the ratio x/b. Referring to 
Pig. 6, a straight edge is then placed between the known 
values of To and x/b on the corresponding scales, and the 
value of Zo is read off on the. second scale from the left. 
Then the product xbis computed and the straight edge 
is laid between the proper values of ro and x b on the 
outside scales. The corresponding value of is read 
off on the second scale from the right. 

D. The Use of the Heavisidion and Numerical 

Examples 

Example 1. On p. 103 of the above mentioned 
Reprint of Nesbit’s articles, or in the Electric Journal, 
1920, Vol. XVII, p. 300, the following example is 
^ven: A three-phase, 60-cycle, 300-mile, transmission 
line; No. 000 stranded copper conductor spaced 10 by 10 

by20ft. (equivalentdelta 12.6ft.);temperature25 deg. 

cent. The receiver load is 18,000 kv-a. at 90 per cent 
power factor, lagging; the receiver voltage is 104 kv. 
It is required to determine the voltage, the current, 
and the power factor at the generator end. The line 
leakage is to be neglected. 

Preliminary Computations, (a) The receiver voltage 
to the neutral is Pa = 104 V3 = 60.05 kv; the re¬ 
ceiver current per phase is h « 18000/(3 X 60.05) 

- 99.92amperes. The corresponding phase angle 
IS 02 = cos-10.90 = 25 deg. 50 min. 

(b) Por the given conductor and spacing we find 
by interpolation the following values per phase; 


Reprint 
No. 82. 


Electric 
Journal 1919, 
Vol. XVI. 


i^owi^ the size and the material of the line con- 

frequency of the supply, 
he follo^^ quantities per phase per mile can be either 

computed or taken directly from tables ayailable in 
various handbooks, etc.: 

r fee effective resistance, in ohms per mile; 

X the inductive reactance, in ohms per mile; 

6 the capacitive susceptance, in mhos per mile. 

u2d i^Tt Nesbit and pub- 

hV S 99 f^ Journal, 1919, Vol. XVI, pp. 317 

322, ^ be found convenient in that the ratio 

Ste ‘ Transmission 

oireui^, .Scpnnt 82, Feb. 1922, on pages 12 to 19 

fS^Sfco b Electric & Manu- 


page 18 page 317 table V z = 0.83 ohm per mile 
page 16 page 319 table VII x/r ^2 .37 num4 
page 18 page 322 table X 6 = 6.21 micTmhos. 

??m’ohmf “ ^ “ 0169 

*6e charts in 

«gs. 6 and 6, as explamed above; t, = «„ = n deg 
SVfe P® 100 miles! 

£C^ifrsi".; 

^; tighten the seteciew /. When tte point 
the b^lTld Ihemfore 

table. at C, so as not to scratch the 

whmi. *6® protractors at 4 and B set the 

wh^Is 0 and 6 at the angle t. = 11 d/a • 

(Eig. 8)that thelen^te oT^bs 

(^willmciease when the bars a.?mtaW:lL® 

(f) Set the sUde <?, at the angle 0. = n deg. 26 
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L 

miles 

1 E E' 

kilovolts 

I r 

amperes 

0 0' 

Cur¬ 

rent 

0 

50.0 

50.0 

25.0 

25.0 

25 deg. 00 min. 25 deg. 00 wiin. 

lags 

200 

48.S 

49.3 

49.8 

50.7 

58 deg. 33 min. 58 deg. 15 min. 

leads 

400 

40.7 

40.05 

94.7 

95.0 

65 deg. 09 min. 65 deg. 00 min. 

leads 

600 

28.9 

29.0 

128.5 

128.5 

50 deg. 01 min. 50 deg. 00 min. 

te 

SOO 

24.3 

24.6 

143.7 

146.0 

10 deg. 24 min. 9 deg. 00 min. 

44 

1000 

34.7 

36.0 

140.0 

142.5 

19 deg. 21 min. 18 deg. 30 min. 

lags 


surge impedance with small leakage it may be taken C C' is fastened so that it cannot move, while the cur¬ 
es equal to Zo without leakage. rent bar M M' and the bars A A' and B B' are reset 

Knowing the above constants, the Heavisidion was to take into consideration the added branch current, 
set for a given receiver load and voltage, and by moving Then the motion of the device is resumed as heretofore, 
the bars in steps of 200 miles the ‘"primed” values were to the next load, where the new current is added vec- 
obtained given in the table below. ‘ tonally, etc. 

SynchronotLS Condenser. Usually a very long trans¬ 
mission line has to have a synchronous condenser at 
the receiver end, in order to keep voltage fluctuations 
within reasonable limits. The required maximum 
kv-a. of such a condenser can be determined with the 
Heavisidion by a few simple trials. The device is set 
for the desired receiver voltage and for a reasonable 
reactive current to be supplied by the condenser, in 
. addition to the load current. Then the bars A A' and 

The unpnmed values were computed by Mr. Pemot B B' are turned into the position corresponding to the 
using raqionential expressions (ibid., p. 107). Here generator end, and the results noted. If the generator 
again the agreement between the computed and meas- voltage is not satisfactory, the device is reset at the 
ured values is quite satisfactory, especially consider- receiver end for a different reactive component and the 
mg the great len^h of the line. new generator voltage measured. In this manner 

Procedure mth Extra-Long Unes. The circular the limits of the required reactive current are found 
s^le of the Heavisidion aa actuaUy built (Pig. 1) after a few simple trials, without any complicated 
extends only up to about 100 deg. on each side of the computations, 
center zero. Therefore, for an extra-long line, or at a 

high frequency, the bars A A' and BB' (Pig. 2) may E* Theory op the Heavisidion 

wdl-known fundamental equations of the sinu- 
is ^ Heavisidion ^idal alternating cunent and voltage in a transmission 

Eeferrine aeain to Piv 1 Wfh • ® P®'”*'distant s miles from the receiver end, 

itemmng again to Fig. 1, let the pointers of the mam are as follows 

bars be somewhere on the lower (non-existing) semi- f _ n k <7 r ^ jbs , n . 
circle of the scale. Imagine a plane vertical mirror ^ -^ 2 ) « ' +0.5 (E^ - Z, /a) 

pacing through both 90 deg. points and the center line 
0 O' of the device, the reflecting plane being turned 
towards the fictitious semicircle. The optical image of 
such an impossible setting lies in the upper semi¬ 
circle, ^d therefore can be realized on the actual 
device, bemg in its real range. While the bar A A' 
moves counter-clockwise, its image moves clockwise. 

The reverse is true for the bar HH'. 

Therefore, when the bars get near or past the 90 deg. 
points, proce^^as follows: Tighten the setscrews of 
^es^G. and G., and note the amount by which the 
bars toe pas^ the 90 deg. pointe, for example, 

„ '«®P«®‘ively; Turn the wheels 

’■ of zero so that 

the lengths 0A and OS would increase if rotated 

dc^. Move the bam to the positions con^oto 

I^ti^ ^ tv previous 

hp re”8® of the device can 


-as ^..jps 


( 1 ) 

/ = 0.5 (P 2 Zr^ + L) e**" - 0.5 (Ei Zr- - I.) 

C^ccs^-JBs “ ^ 2 ) 

Por the meaning of the symbols see the list at the end 
of the paper. Multiplying eq. (2) by Z, gives 

Z,I = 0.6 (Ez + Z,Iz) 0.6 (Ez 

- z, Iz) ( 3 ) 

ComhinationofE andZsI outofVaandVb. Let us 

mtooduce, for the sake of abbreviation, component 
voltages Va and Vb, where 

Vo = (Ez + Zs Iz) ^4) 

Vb = (Ez — Z, Za) 6“"“ (5) 

For a giym point on the line, V. and V. are vectors 


E 


be increased indefinitely 

ta^l^enS th^^^ ret for the 

receiver end and then the bars A A - and R r/ v.rv+ *. j 

^ explained ablve 

thHna somewhere on 

the line. Havmg come to this point, the vo^TC 


= 0.5 (Vo+ 75) (6) 

-2'./« 0.5 (Vo-Vs) (7) 

These rela tions are shown graphically in Pig. 7. 

min “Transient Phono- 

^ Space; F. B. Pernot, “Bleo- 
tnoal Phenomena in Parallel Conductors,” pp. 96 - 98 . In the 



KARAPETOFF: THE “HBAVISIDION” 


Transactions A. I. B. E. 


52 


relationships of the various constants of a transmission 
line, in order to make clear the underlying theory of 
these charts. For the elementary theory of electric 
lines the reader is referred to numerous works on the 
subject, among others to those mentioned above. 

The Imperfection Angle Expressed Through the Line 
Constants. The factors a and jS can be expressed 
through the linear constants of the line; therefore the 
angle r, eq. (16), can also be expressed through these 
constants. Referring to Fig. 9, we introduce the 
resistance angle, Or, defined by the expression 


from which, since r is less than 90 deg., 

r = 0.6(^,+ 0^) (25) 

Thus, knowing the angles Or and 6g from eqs. (17) and 
(18), the imperfection angle r, at which the wheels a 
and 6 must be set, can be computed from eq. (25), 
without first determining the values of ot and jS. 

Surge Impedance and its Angle Expressed thrmgh the 
Line Constants. By definition, the surge impedance of 
aline _ 

Z. = (26) 


tan Or = r/x 

and the leakage angle, Og, defined by 

tan Og = g/b (18) 

For a line devoid of resistance and leakage Or = 6g0. 
For the series impedance Z and the shunted admittance 
Y of the line, per unit length, we can therefore write 

(19) 

( 20 ) 


C17; wnere z and r are expressed by eqs. aim 

respectively. Z, is a complex quantity, and is charac¬ 
terized by its magnitude z, and the phase angle 0. 
It is convenient to use the minus sign before 6, because 
in ordinary power transmission lines this operator 
turns the current vector clockwise; compare the direc¬ 
tions of Z, I and I in Figs. 2 and 7. Substituting the 
values of Z and Y in eq. (26), we get 

Z, = V 2/^ g-o-ii (*r- Oa) ^27) 

from which _ 

z. = V zfy (28) 

and 

^ = 0.5 (^r-^ff) (29) 

It is proposed to call 0 the differential angle, or the 
distortion angle of the line. It characterizes the dif¬ 
ference between the imperfection angle Or due to the 
line resistance and the imperfection angle Og due to the 
leakage. When Or = (?„(? = o, and from eqs. (17) 
and (18) we get the familiar condition used in telephone 
engineering for a distortionless line: r/L = g/C, 

It is sometimes convenient to express z, in terms of 
X and 6. Using eqs. (23) in eq. (28), we obtain 


Z = z 

Y z= y ^ (0.5 r-eg) 




Fio. 9 —The Ebsistanoe Ahom and the Leaeaob Ahole or 

the Like 


For the complex propagation constant we have 
“ +//3 = V-Z y = Vap e”'’ '-‘‘■iH’r + tai ^21) 

Hence or = Sin 0.6 (6, + $,) (22a) 

/S - Cos0.6(9, + fl,) ( 22 b) 

** “ sometimes convenient to 
use a: and 6 m place of s and g. Prom Pig. 9 we have 

2 = a:/cos 9,; g - 5/Cos 9, ^^ 3 ) 

The foregoing expression for fi then becomes 

^ - 4 




X Cos Og 
b Cos Or 


(30) 


X b 


Cos OrCosOg ^ Og) (24) 

inSSSs*’'" ^ (22) 

tan r = tan 0.6 (Or + Og) 


Case of Zero Leakage. In most practical cases of 
power transmission lines it is permissible to put g ~ 0 
unless the performance is desired in stormy weather' 
vath poor insulation, excessive corona loss, or other 
abnormal conditions. When 9 = 9, 9, is also equal to 

foregoing expressions are somewhat 
Simplified. The symbols which refer to this specific 

^es^^ with the subscript zero. Eq. (25) 

To=0.5^r (31) 

andfrom eq. (29) Og = 0.5 Or 
Consequently 

‘To = Oo = 6.5 Or = 0.5 tan-i (r/a;) ( 33 ) 

The chart in Fig. 5 is constructed to represent this 


(32) 
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relationship, and saves the time of looking up trig¬ 
onometric tables . From e g. (24) 

/3o = V {x b/Cos 2 To X Cos to (34) 

and from eq. (30) 




(x/b) 
Cos 2 To 


(35) 


The alinement chart in Pig. 6 gives values of and 
for known values of t„, (it 6), and (x/b), in accordance 
With eq. (34) and (35), and makes the actual use of 
these equations unnecessary. The scales are logarith¬ 
mic so that a product is replaced by a sum. It would 
lead too far to explain here in detail the laying out of 
an alinement chart; it suffices to state that the chart 
in Fig. 6 takes the place of eqs. (34) and (35), and thus 

saves considerable time in obtaining the values of /3n 
and 

Corrections for Small Leakage. Even under extreme 
conditions of transmipion line operation, the uniformly 
distributed leakage is comparatively small, and the 
angle is not over 2 or 3 degrees. Therefore, the 
above described charts can still be used, and then small 
theoretical corrections applied to the values read off. 
For this purpose the angle dg must be computed from 
eq. (18). Comparing eqs. (25) and (31) we have 

rrn. r = To + 0.5 dg (36) 

Thus, to the value of to obtained from Pig. 6 for the 
case of no leakage, a small angle, 0.5 must be added 
to obtain the actual value of r with the leakage. Simi¬ 
larly, comparing eqs. (29) and (32) we get 

^ Oo — 0.5 0g (37) 

We thus see that when leakage is present, the angles 
T and e are no more equal to each other. 

In eq. (30) Cos can still be assumed to be equal to 
unity, so that with a small leakage z^, = and the 
egression (35) needs no correction. It must be noted 
that m this expression the angle ro is used, and not r. 
in other words, the value of Zo obtained from Pig. 6 

may be used with small leakage as well as without leak¬ 
age. 

In eq. (24) Cos 6g may also be put equal to unity 
thus giving . 

. ^ = via: 6)/Cos 2 to X Cos r (38) 

Oompanng this expression with eq. (34), we get 

^ ~ pQ (Cos t/Cos To) (39) 

In other words, can be taken from Fig. 6 and the 
value so obtained corrected in the ratio of Cos r to 

Cos To. 

* * * * 

The writer’s assistant, Mr. 0. K. Marti, actually 
built the device shown in Pig. 1 and performed all the 
measurements described above. To him credit is also 
due for several mechanical details and for the drawings 

“ to 

ecpress to him his smcere appreciation of the valuable 

8. For the aeory of alinement charts see M. d’Ocanne Caloul 


assistance rendered. Mr. C. H. Dagnall, an instructor 
in Electrical Engineering in Cornell University, made 
a preliminary investigation of the possibilities of f;be 
proposed principle and performed some valuulde eoni- 
putations and measurements. The author i.s untU‘r 
obligation to him for his active interest in this prohlmn 
and for the use of some data from his thesis. I’rofassor 
A. E. Wells, of Mechanic Arts, Mr. D. B. Green, 
Foreman of Machine Shop, and Mr. G. A. Culligan, 
Mechanician, all of the staff of the College of Engi¬ 
neering, gave generously of their time and sl<ill in (iu* 
maldng of the parts of the device, and it is only through 
their hearty cooperation that the device was ctmvplef eil 
within a comparatively short time. 

List of SYMm)i.s 

b capacitive siisceptance, in mlms per mile 

E voltage vector at the point lUKler comsirlera- 

tion, in effective volts 
E-i same at the receiver end 
/ frequency, in cycles jier second 

ff leakage conductance (leakance), in mhos per 

mile 

I current vector at the point under eon.si<lora- 

tion, in effective ampere.s 
la same at the receiver end 

i = V~ 1 

o subscript meaning “no leakage” 

r effective resistance, in ohms per mile 

s distance from the receiver end to th(* point 

under consideration, in miles 
Vb component voltage vectors ilefimKi by oqK. 
(4) (5), in effective volts 

Vart yhr Same at the receiver end 

V / reactance, in ohms per mile 

~~ V ^ admittance of the line, in mhtKs per 

mile 

Z = M innpedance of the line, in olims p«*r 

mile 

Z, = s;. eJ" = V Z/Y, .surge impedance af the line 
in ohms 

Zo = Zo 6 same without leakage 

a attenuation constant of the line, a numeric 
per mile 

^ wave-length constant of the line, in radians 

per mile; in numerical applications and in 
r ig. 6, ^ IS m degreas per lOO miles 
same without leakage 
€ base of natural logarithms 

phase angle of the impedance Z,, with the 
minus sign, or the differential angle of the 
line, m degrees or radians 
^0 same without leakage 

a leakage angle, in degree.^ or radiaits 

r resistance angle, in degnjes or nidians 

’’ K * 

radians, defined by eq. (25). 

''0 same without leakage 
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Review of the Subject,—The usual methods of testing alt&r- 
naling-current high-voltage paper-insulated cables are based upon 
the ability of the insulating material to withstand excessive potentials 
in order to determine its condition. Accordingly, these methods are 
not suitable for routine tests imposed for the purpose of determining 
the degree of deterioration existing in any particvlar cable. 

In an effort to develop a routine test, which will serve to detect an 
impending fault, use has been made of the kenotron as the source of 
high-potential direct-current. By means of U a large volume of data 
has been secured concerning the input-current, for a cable, as a func¬ 
tion of time after complete electrification at a constant high potential. 
These data when plotted, as curves, show by their shape the condition 
of the cable insulation. 

Curves showing a sharp decrease in the magnitude of input-current 
during the first minute and a gradual hut persistent rate of decay for 
the succeeding six or seven minutes indicate that the insulation ta in 
an acceptable condition from the operating point of view. 

Curves showing little, if any, decrease or a persistent tendency to 
increase during the time interval of the test indicate that the insula¬ 
tion has deteriorated to such a point that the cable may be expected to 


fail at an early date if retained in service. The degree of deteriora¬ 
tion is indicated first: by the time which has elapsed since complete 
electrification before the increase occurrs, and second: by the sharp¬ 
ness of the upward trend of the curve in any instance. 

The value of this method of testing has been demonstrated by its 
actually homing detected a considerable number of impending cable 
faults before they became a menace in operation. 

Additioned refinements in the methods of measuring the inpul- 
current for different classes of cables may be desirable. Further 
investigations are being carried on to determine this necessity. 
Investigations of certain theoretical features are also being carried 
on. These indude, among other things, oscillographic studies of the 
input-current and voltage under test conditions. 

CONTENTS 
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Method of Testing. (425 w.) 

Data and Observations. (450 w.) 

Recognition of Apparent Solution. (136 w.) 

AddlMonal Data and Observations. (750 w.) 
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Introductory—The Problem 

W ITH the expansion of underground transmission 
alternating-current networks, as regards both 
e^ent and operating voltages, the problem of 
determining the condition of the feeders has become 
more and more complex. The size and cost of alterna¬ 
ting-current equipment for testing cables in modem 
underground systems is a matter of no small importance. 
With the high-transmission voltages and increased 
feeder lengths, these two factors approach limits which 
are almost prohibitive. 

Also, the usual alternating-current test schemes have 
only determined the ability of a specific cable to with¬ 
stand a particular test voltage; usually much in excess 
of that in normal operation. In our opinion a more 
desirable test method must include not less than the 
following features: 

1. Should, if possible, be capable of detecting 
abnormal conditions in a cable at a sufficiently early 
date to permit of their location and elimination prior 

to the time at which they would constitute a menace 
to the system. 

2. ^ It should be effective at an impressed potential 
3. Simplicity. 

to develop a test, independent of 
the actual destruction of the material, to determine its 
acceptabili ty, no consideration has been given the 

Pmenfed uf eAe Midwinter Convention of the A I E E 
New York, N. Y., February 14.17, im. ' 


question of relative effects of test voltages impressed 
on cables by the kenotron or by the usual alternating- 
current tests; i. e. the ratio of kenotron to alternating- 
current potential for equal electrical stresses on the 
cable has not been considered in this investigation. 
A]^, no attention has been given the problem of deter¬ 
mining the geographical location of any particular fault. 

Accordingly we have, for over four years, been 
investigating the possibility of developing such a test 
method. Because of certain rather outstanding con¬ 
ditions existing in the alternating-current feeders for the 
Edison system, and the necessity of safeguarding against 
interruptions due to cable failures, that portion of the 
transmission network was utilized in the study. 

At the time this study was inaugurated The Edison 
District of The Philadelphia Electric Company was 
supplied with energy principally by means of 6,000- 
volt, a-c., 60-cycle, two-phase, three-conductor under¬ 
ground transmission feeders. These feeders consti¬ 
tuted direct ties between the generating and substations. 
They had been installed for a number of years and were 
manufactured prior to the production of low dielectric 
loss cables. The cables referred to are practically all 
250,000 cir. mil cross-section, insulated with 5/32-in. 
by 5/32-in. paper impregnateci with rosin oil compound. 
Their lengths vary between 12,000 and 18,000 feet. 

The alternating-current supply system for the 
Edi^n District has been considerably augmented, be- 
i^nning the latter part of 1920, by the addition of high- 
efficiency 13,200-volt, threer-phase paper-insulated lead- 
covered transmission cables. 
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Dunng the season of 1920 there were a. number of 
unfortunate experiences with the operation of this por¬ 
tion of the transmission systems. This condition was 
brought about by several circumstances, among which 
the following may be noted: 

1. The Eidison load at that time was closely ap¬ 
proaching the rated capacity of the substations and on 
that account if trouble developed, at any point, it was 
almost certain to cause a rather general interruption in 
the Edison District by tripping out other substations. 
This condition was especially true if a transmission 
feeder failed in service, since it probably would cause 
other feeders, working in parallel with it, to trip out. 

2. The heavy loading of the alternating-current 
feeders, supplying the Edison system, tended to develop, 
through heating, inherent weaknesses in their insula¬ 
tion. Consequently, it became imperative that the 
utmost care be used in operating this portion of the 
underground system. 

Several years ago The Philadelphia Electric Company 
secured a 60-kv., 0.1-ampere single-tube kenotron set 
in order to detomine what, if any, possibility there was 
of appl 3 dng a high-voltage direct-current test to under¬ 
ground transmission feeders to ascertain the general 
operating condition of such cables. The first thought 
was to consider the kenotron as a high-voltage megger, 
and from the observed values of current and impressed 
voltage to calculate the insulation resistance. It was 
immediately^ found that the current varied over an 
extremely wide range, from a large magnitude, at the 
instant of electrifying the cable, down to a value of 1/3 
to 1/4 as g^eat after several minutes of electrification, 
^om this it was seen that a wide range of calculated 
insulation resistance values could be readily obtained 
and no decision could be made as to which of these, 
with respect to elapsed time, should be considered as 
representing the condition of the cable. 

In addition to the apparent wide deviation in insu¬ 
lation resistance just noted it was observed that the 
current for a given cable when electrified to the same 
potential, but on different days, might vary over an 
extremely wide r^ge; possibly of the order of 200 to 
300 per cent variation. This latter situation is, un¬ 
doubtedly, associated with the temperature of the in¬ 
flating material at the time of test. However, as no 
feasible method was available for determining the 
temperature of a cable throughout its length, the com- 
bmation of circumstances giving rise to wide variations 
of current seemed to preclude the use of the kenotron 

icon operating difficulties experienced in 

1920, added consideration was given to the possible 
application of the kenotron for the purpose originally 
m mind; i. e. determination of the condition of cable 
insulating material. Prom what had been done earlier 
It was apparent that another method of analysis must 
be ^veloped. Accordingly, consideration was given to 
plotting the tabular data on rectangular coordinate 
cross-section paper. It was hoped that the resulting 


curves might indicate the general character of the cable 
insulation. Here again, however, the wide variation 
between tests on successive days seemed to complicate 
the problem. 

The next step was to analyze some of the tabular 
data^ with the hopes that the equation expimsing the 
relation of the constants in the curve might be deter¬ 
mined. It was veiy soon found that these consents 
apparently obeyed no definite law. 

Another method of analysis employed wa.s to plot the 
data on semi-logarithmic paper. The results eonfimiwl 
the earlier deductions that the current-time curves were 
not represented by a simple mathematical function. 

The very high initial value of current, togc‘ther with 
its more or less uniform rate of decay, apparently 
indicated characteristics similar to those of an ek*ctri(‘a! 
condenser. Since it required a long period of time 
of the order of many minutes before the current 
reached a value which was reasonably con.stant it was 
also evident that the condenser eharacteristic.s exliibited 
were not those usually considered, but must represent 
a charge absorbed within the dielectric. Finally, the 
approximately constant value of cummt t)b.served after 
an extended period probably represents the tnu‘ leukngi' 
current through the insulation. 

From the foregoing it was concluded that t ht? slmpe. 
rather than the magnitude, of the current-time cmve.s 
for any particular cable might be indicativt* of (he con- 
dition of its insulation. 

It was then detennine<i that a large volume of data 
should be obtained with the hope tliat, po.ssihIy, its 
analysis might produce something more indii*ativ*t‘ than 
had^ been found in the limited material previously 
available. During the accumulation of thi.s added in« 
formation some rathei* interesting development's wen* 
noted in the results of the te.sts aiid it was fleemed 
advisable to follow them further. 


Methoixs of Testing 

Due to the many variables complicating ibis priddem, 
an ^rly effort was made to minimize their infi«eri<»e.s bv 
conducting the kenotron tests in a.s nearlv a uniform 
manner as po.ssible. 

In order that the data for different te-sts miKht lie 
compamble, it was deemed advisable to enereize (he 
cables to the same potential in each case. Recaus*- of 
the age of the feeders in the (iOOO-voIt system, an 
aversion to subjecting them to abnormal iMdenlinl 

•'"“vvledge us to what 
^ect the keno^on teats might have upon cable insula¬ 
tion, it^decided to useOOOO-volts, which approximates 

value of the wave for these two-pha.so eircuits 

As It had been decided that a study should be made 

“y^ing, eouW be learned from 
■ ^ “ currenUime curves, it was felt ad- 

^le to electrify the cables under tot at 

1. SteinmetK,-Engineerinir Math^matifs. 
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uniform rate. It was found that the kenotron voltage 
could be raised very , readily at a rate of 1500-volts per 
second, that is, a time interval of six seconds would be 
required in which to bring it up to test value. There¬ 
fore, this rate of electrification was adopted as standard. 
Operators making tests were accordingly instructed to 
close the high-voltage test switch at 54 seconds and to 
raise the voltage, as uniformly as possible, at a rate such 
that the test voltage, 9000 volts, would be reached at 
60 seconds exactly. See Fig. 1. 

In order to eliminate, as far as practicable, any 
unexpected effects due to adjustmenlj of the kenotron 
voltage the attention of the operator was called to the 
necessity for care in approaching the final test value. 
This was done to minimize the possibility of imposing 
upon the cable a final voltage exceeding that desired; 
thereby necessitating reduction. 

Having fixed the rate at which electrification should 
be applied, the time intervals at which readings were to 
be taken were arbitrarily set as follows: 

Initial reading upon completion of electrification and 
subsequent readings at 15, 30 and 45 seconds and at 1,2, 
3, 4, 5, 6, 7 and 8 minutes after completion of electri- 



PiG. 1 -Method op Timing and Connections Used in Deter¬ 
mination OF Cable CiraRBNT Time Curves 

fication; a complete time interval of 480 seconds after 
full test voltage had been reached. 

The sequence of tests selected, see Fis* was as 
follows: 

1. Three conductors together against sheath and 
ground. 


THE PHILADELPHIA BLEOTRIO 00. 

Date. 

Test by.. 

Kenotron Test on Cable #. 

Between Schuylkill Station and. 

Leakage Ourrent In Milliamperes at 9000-V. D.C. 

Feeder off Line..M. 

Av. amperes Load: A (/> = 

Past 5 hours : O ^ 



Time 

Time 

Time 

Time 


Schedule 

A-B-C 

A to 

B to 

Cto 


of 

to 

B-C & 

A-C & 

A-B & 


Beadhigs 

GRD 

GRD 

GRD 

GRD 

start! 





15 seconds. 





30 

M 





45 

It 





1 minute. 





2 minutes. 





3 

« 





4 

m 





5 

« 





6 

« 





7 

m 


, 



8 

n 






Note: The cable is to be electrified at the rate of 1500 volts per second. 
To do that have Kenotron bulb working and then dose high voltage d-c. 
switch 6 seconds before minute and raise voltage at uniform rate to tost 
TOlue of 9000 volts in period of time noted. When the required tost voltage 
Is reached on the minute make first reading and enter opposite ''start''. 
Make other readings 15-30 and 45 seconds and 1-2-8-4-6-6-7-8 minutes 
after voltage reached the test value. 

.Check zero reading of voltmeter and ammeter and if necessary adjust 
by means of small flat bead screw In lower flange of instrument cases before 
making t«t. 

Make note of abnormal conditions such as breakdown of spore gap. 


Fig. 2 


2. Phase A. against jB~C and sheath to ground. 

3. Phase B against A-C and sheath to ground. 

4. Phase C against A-B and sheath to ground. 

Therefore, omitting the time required in changing 

connections and other unavoidable delays, not less than 
32 minutes h^ been required to test a single feeder. 

The foregoing instructions were prepared in concise 
form for the guidance of those in the Station Operating 
Department who were responsible for routine electrical 
testmg, and mimeographed forms for tabulating the 
data were furnished. See Pig. 2. This placed the 
operation as nearly as possible on a routine basis, which 
w^ desirable for the purpose of learning how practical 
this scheme of testmg would prove. 

Upon receipt of the tabular material, for the several 
tests, from the Station Operating Department, the 


observed values of current were reduced to units of cur¬ 
rent per mile in order to facilitate direct comparison of 
results observed on different feeders. Much of the 
material has been plotted in curves similar to those 
which appear here. 

Data and Observations 
Referring to Figs. 3 and 4 which show a group of 
current-time curves from successive tests on feeder 112 
for a period of several weeks, some interesting things 
may be observed. 

These data are plotted to semi-logarithmic coordi¬ 
nates with the logarithm of the current, in milli¬ 
amperes per mile at 9000 volts, as the ordinate and the 
time, in seconds, plotted uniformly as the abscissa. It 
is observed that for the tests of February 25,1921, (Fig. 
3), there is a very shan* decrease in current, from its 
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initial value, during the first 30 seconds. For the 
remainder of the eight minutes, the current decreased 
rather slowly and at a fairly uniform rate. It is also 
interesting to note the variation in the characteristics 
of the insulation for each of the three conductor of the 
cable, as brought out by the curves representing tests 



Fig. 3—Cukrbnt-Timb Curves 
4fc 9000-yolts electrification by kenotron feeder 112; operating voltage 
, 5 X 5 in. . 

Kv.;——— unpregnated Insulation, 3 x 2S0.000 = clr. mil. conduc- 
tors; feeder length 17,487 ft. 

on each of the several conductors when measured against 
the other two connected to the sheath and to ground. 

^ The tests of March 11th (Fig. 3) show an entirely 
different situation both as to absolute value of the 
initial current and outline of the curves. Here again, 
special attention should be paid to the curves for each 
of the several conductors. It is noticed that the 
plotted data for phase H, when tested against the other 
two conductors and the sheath to ground, and phase C, 
tested in a similar fashion, have a rather uniform down¬ 
ward slope. On the other hand, the curve representing 
phase A when tested against B-C and ground, shows a 
decreasing characteristic during the first 60 seconds after 
which time the current abruptly increased. At the end 
of two minutes, after electrification of the cable, the 
value of current on phase A is only about 25 per cent less 
than its initial value and it continues for the balance of 
the eight-minute period at a magnitude not differing 
materially from this. Sufficient data had not been 


obtained, up to the time this material was plotted, to 
give a clue as to what this sharp upward trend, or in¬ 
version, of the curve indicated. Subsequent events 
seemed to bring out this matter very clearly, for on 
March 22nd, or eleven days after the test under dis¬ 
cussion, the cable failed in service. 

Tests made March 25th and April 8th, (Fig. 3), after 
the cable had been repaired and restored to service, 
showed characteristics similar to those on February 
25th; i. e. a gradual decay of the cuiTent fi’om the in¬ 
stant of electrification. 

The plotted data for tests of April 22nd, (Fig. 4), 
again showed that an abnormal condition existed. 
During the first 60 seconds the current for all three 
phases, tied together and tested against the sheath and 
ground, decreased quite sharply, but after that time the 
current arose very abruptly and at the end of 8 minutes 
was approximately 30 times its initial value. With this 
indication the kenotron test was discontinued and the 
cable was connected to the regular high-voltage a-C; 



Pig. 4— Ourrbnt-Ttmk Cuuvkh 

At OOOO-volls riectrincatlon by kimotron feciior 112; oiutralluM 
6.0 kv.; imprognatodlna illation; 3 x « dr. mil. 


tors; feeder length 17,487 ft. 

test set and it was found that the insulation on pha.se 
A broke dovm at a low impressed a-e. potential. 

Teste made again on May 30th, (Fig. 4), produced 
a senes of curves apparently free from abnormal 
characteristics. 
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TIME OF ELECTRIFiariON SECONDS TIME OF ELECTRIFIQTION SECONDS 

PlO. 5—CtTHRENT-TlMB CURVBS , 

At 9000 volts electiiflcatlon by kenotron feeder 109; openating volta«e if u ' CURVES 

«Ai.„.S X Sin. , . . e ta«e At OOOO-volts electrification by kenotron feeder lie j operating voltane 

6.0kT.i impregnated paper Insulation: 3 X 260.000 = dr. mil. «nw.5 X61n. ,_.’ 

^ — "•*'— impregnated paper insulation: 3 X 260,000 - dr. mil 

conductors: fbeder length 19,726 ft. !»<# S^, 

p-- 1 - 1 -—I____^ conductors; feeder length 12,076 ft. 

-i- J . ■: i- f I I I .I "—T-1-1-1-1-t-i 

._rTNs_i r -f. - Tesfea Joiie26. 


^•C To A-B & G rv una \ ! . --j- 

^aaJ ■ 7b3fc&Cr(?W \/B.7bAfc& Gro{/nd 


yA-v- CJoCroc/m/ 


_!_:i 


jQ _ ^*'B'txTir€rauhfd -[ 





•^^^C&ehund ].-A ToB CBe6n^~ 




— j" ■ - mzz: . r—^— - n d —— — 

time OF aECTRinCATIolfsECONDS 480 0 60 120 180 240 300 360 42o 480 

At floon. M 1 ^®* 6—Cxtrrent-Time Curves ,, TIME OF ELECTRIFICATION SECONDS 

6 Xfiln*^**^**^**^°** 109; operating voltaea 4 * 8—CuRRBNTVTiME CurVES 

lr-' “«>'«»«« Ml» ln«.l.«„.u X 250,000 . dr “8; opdotta, voltt*. 

conductow; feeder length 19,726 ft. PAper insulation; 8 X 260,000- dr. mil. 

conductors; feeder length 13,234 ft. 
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Recognition op Apparent Solution 
Referring again particularly to the tests of March 
11th, (Pig. 3), and April 22nd, (Fig. 4), it was felt that 
the sharp inversion of the curves must be indicative 
of an unsatisfactory condition of the insulation, since 
the inversion was followed by an actual breakdown of 
the particular cable a few days later in the one case, and 
in the other it was found that the insulation had little, 
if any, dielectric strength. 

Here, then, was a means by which it seemed that it 
might be possible to determine, through routine tests, 
the development of faults in cable insulation and to 
learn of their presence sufficiently early to permit 
locating them prior to their causing a failure of the 
cable while in service. The operating results which 
have been obtained through this method of testing have 
been most interesting as may be seen from the following 
test data for other feeders of the 6000-volt system as 
shown in Figs. 5, 6, 7,8 and 9. 

Additional Data and Observations 
The curves of Figs. 5 and 6 for feeder 109 show quite 
clearly the progressive nature of the development of a 
fault, even though the cable was retained in active serv¬ 
ice and there were no indications, in its operation, of 
the situation which was impending. 

Beginning with the tests for May 5th, 1922, (Fig. 5), 
the curves for the successive tests indicate more and 
more the predominance of the leakage current through 
the insulation, as disclosed by the absence of any marked 
decrease in the magnitude of the current. This repre¬ 
sents the condition where the leakage current of the 
condenser becomes larger and larger in comparison with 
the charging currents. Finally, with the test of July 
24th, (Pig. 6), the cable was found to be defective. The 
flatness of the curves, from the test following repairs to 
the cable, appeared to indicate that the feeder was not 
yet in really good condition. 

The curves of Fig. 7 for feeder 116 show that two 
impending failures were detected before their occur¬ 
rences in service. The tests of. June 1st and 15th, 
(Fig. 7), brought to light conditions in the paper in¬ 
sulation such that complete breakdown occurred at 
7600-volts on the a-c. test set. The tests of June 26th 
showed the cable to be in much better condition, fol¬ 
lowing the elimination of the faults located earlier, as 
indicated by the decrease of current with elapsed time 
when compared with the slight decrease, or even 
marked rise, detected in the tests of June 1st and 15th. 

The curves of Pigs. 8 and 9 for feeder 122 show quite 
clearly the progressive deterioration of cable insulating 
materials, as well as the wide differences that may 
develop in the characteristics of the insulation of the 
different conductors in a cable. Curve B in the tests 
of September 22nd and October 6th, (Pig. 8), shows 
quite clearly, both by the magnitude and form, that the 
condition of the insulation of that conductor is radi¬ 
cally different from that of the o her two. 


During the year 1922 twelve 6000-volt feeders have 
been subjected to a routine test by the kenotron at 
regular intervals of about two weeks. Whenever the 
test data indicated that the current had a persistent 
tendency to increase, the cable has been subjected to a 
high-voltage a-c. test after the completion of the keno¬ 
tron test. In some twenty instances it has been found 
that the insulation failed at from 2000 to 7600 volts 
under a-c. potential. In a few instances the tabular data 
have indicated a rise in the current value but the 



Fig. 9—•Cubrbnt-Timb Cvkvbs 
A t QOOO-volts elontriflcation by koobtron feeder 122; operating voltage 

6.0 kv.; — ' impregnated paper insulation; 3 x 260.000 = clr. mil. 
32 

conductors; feeder length 13,284 ft. 

incipient fault had not developed sufficiently to cause 
the cable to fail when placed under a-c. test. 

During 1922, by using this method of test, some 
twenty impending failures have been detected before 
their actual occurrence, with the net operating result 
that in only one case has a feeder actually failed while 
in service. This one instance was undoubtedly due to 
the fact that it was necessary to discontinue the routine 
kenotron tests temporarily. THe failure occurred 
during th'^ time the tests were not being made. 

Examination of a considerable number of faults which 
have been predetermined by the kenotron has not 
disclosed any eividence of over-stressing of the insulating 
material. The several faults which have been detected 
to date have had legitimate mechanical explanations, 
as for example, cracked lead, lead worn through where 
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the cable has come in contact with the edge of the duct, 
wrinkled insulating paper or non-uniformity in the 
construction of splices. 

In addition to the investigation which has been car¬ 
ried out on the 6000-volt feeder system some work has 
also been done in the application of this proposed test 
method to 13,200-volt, three-phase cables. While 
the volume of data, which has been obtained to date 
from these latter tests, is not as extensive as for the 
tests on the 6000-volt feeders, the resulting current¬ 
time curves, (Fig. 10), have not differed materially 
in shape from those under discussion. Indications are, 
therefore, that this method of test is directly applicable 
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desirable and even necessary for some cables. Also, 
since the shape of the current-time curves is indicative 
of the condition of the insulation, as has been shown, it 
is evident that any refinements possible in obtaining 
accurate test values will be of aid in detecting an im¬ 
pending fault at an earlier stage of its development than 
is now possible. 



Pig. 10 Current-Time Curves 

At 35.000-volts electrlfleation by konotron feeder 346; oprating voltage 

13.2 kv.. ___ Impregnated paper insulation; 3 X 250,000 = cir. mil. 
conductors: fpedc-r length 12.024 ft. 

nominal pressures other than 

6000-volts. 

However, due to the fact that the total current from 
the kenotron into the cable consists of three components 
VIZ. capacity current, absorption current, and leakage 



valuation m the amount of current to be measured when 
testing different classes of cables may be expected to 
occur. Accordingly, refinements in the method and 
apparatus used for reading the current values may be 


Conclusion 

The material which has been presented leads to the 
conclusion that the method of testing here outlined 
provides a means by which it is feasible to determine 
the operating condition of paper insulation on high- 
voltage alternating-current transmission cables. It 
will also be readily seen that this scheme of testing con¬ 
forms with the desired characteristics of a routine test 
method which were previously outlined. 

Since the major part of this investigation has been 
carried out on cables which were known to have been 
manufactured prior to the production of the present day 
low-dielectric-loss, high-efficiency cable it is believed 
that a large amount of supplemental information should 
be obtained- 

In the following there are listed a number of points 
which should be investigated further. They readily 
arrange themselves in two divisions, viz. practical and 
theoretical.. 


Practical Problems 

^ 1. Determine characteristic current-time curves for 
high-eflficiency cable. 

2. Make mechanical study of faults detected by 
kenotron. 

3. Determine feasibility of extending use of keno¬ 
tron to actual development of fault, without recourse to 
alternating-current test sets. 

4. ' Ascertain necessity for more sensitive indication 
of impending failure than indicated by inversion of 
current-time curves. 

5. Determine what, if any, necessity exists for a 
soOTce of energy for .the operation of the kenotron, 
independent of the station bus supply. 

Theoretical Problems 

1. Ascertain what, if any, modifications of shape or 
magnitude, of the current-time curves results from 
changes in the rate of electrification. 

2. What, if any, modification of the current-tune 
ci^es results from electrifying cables to different 
ultimate potentials? 

^ 3. Determine what modification of the current¬ 
time curves results because of different operating tem¬ 
peratures of the cables. 

4. Make comprehensive study of wave shape of the 
current and voltage as supplied by the kenotron under 
test conditions. 

5. What relation, if any, exists between milliamperes 
per unit of length and condition of cable insulation? 
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6. Determine significance and effect of fiashover of 
the protective sphere gaps, provided on kenotron sets, 
upon this method of testing. 

It is believed the results of investigations now in 
progress, along some of the lines indicated, will prove 
of great value. 

The assistance that has been received, in the prep¬ 
aration of this paper, from Dr. Steinmetz, Mr. J. L. R. 
Hayden and Mr. E. E. P. Creighton, of the General 
Electric Company, and Mr. H. P. Liversidge, Assistant 
Chief Engineer of The Philadelphia Electric Company, 
is gratefully acknowledged. We also wish to express 
our appreciation of the efforts of those in the Station 
Operating Department and Laboratory Division of The 
Philadelphia Electric Company who assisted in ob¬ 
taining the information desired. 

Discussion 

J. L. R. Haydens The great value of Messrs. Phelps and 
Tanker’s paper is its method of indicating the gradual deteriora¬ 
tion of. a cable insulation. This makes it possible to determine 
the approach of a failure sufficiently, so that the cable can be 
broken down out of service by high-potential test, and repaired 
before it gives trouble in service. 

There is probably a slow deterioration of cable insulation 
wliile in operation. It is a serious matter to have a cable fail 
in service. Therefore cables are some tines given an a-c. high- 
potential test at regular intervals, so that, if deteriorated, they 
break down in test rather than in service. But the high test 
voltage, especially when applied for some time, rapidly deterio¬ 
rates the cable insulations, so that such periodic high-potential 
testing may materially reduce the life of the cable, without guard¬ 
ing against a break down in service. The cable may fail under 
normal voltage, shortly after it was tested, if the deterioration 
occurring under the high-voltage test has almost reached the 
failure point, and then is completed to the failure point by the 
succeeding normal voltage. 

The method of testing described by Messrs. Phelps and Tanzer 
offers the advantage of not deteriorating the cable by exposure to 
abnormal voltage. 

The evidence is continuously becoming more conclusive, that 
electric failure of solid insulation, especially compound insulation 
as in a cable, is not a puncture by electric overstress by the volt¬ 
age, but is of the nature of a gradual deterioration by the com¬ 
bined action of voltage, time and temperature. Therefore a 
judgment on the progress of the deterioration should be made 
possible by methods of test showing the internal condition of the 
insulation. This is the ease with d-c. tests, but not with a-c. 
tests. The alternating current taken by the cable under test 
is the cliarge on the metal terminals of the cable as condenser, 
and does not enter or pass through the insulation thus showing 
nothing about it. The voltage merely shows why the insulation 
fails, and then destroys its evidence. 

The only feature wMoh has a bearing on the insulation, in the 
^c. test, is the power factor, which indicates the losses in the 
insulation. The power factor therefore is justly considered as 
an important feature, and low power factor specified. While 
low power factor is valuable and desirable as meaning low losses 
and therefore lower temperature, it may be questioned whether 
for instance, a cable with a somewhat higher power factor, but 
a power factor which does not vary much with voltage, time, 
teipperature, etc., may not give a better life than a cable in 
which the power factor greatly varies with voltage, time and 
temperature. 

In the d-c. test, the final value of the current is that which is 
conducted through the total resistance of the insulation, and 


depends on the latter. Therefore it has a slow transient cun’ent, 
which is the current that passes a few seconds after the iTiit.in.1 
rush of condenser charging current has ceased. This continues 
to decrease gradually for several minutes. It is a current which 
passes into the insulation, therefore passes through some of the 
resistance, and forms internal electric charges within the insu¬ 
lation. It depends on the specific capacities and the resistivi¬ 
ties of the different parts of the insulation, and its study should 
therefore afford information on what goes on inside of the 
insulation. 

D. W. Roper: According to the textbooks, the equation of 
the curve shown by these authors is as follows: 

i=do+di€-^^ ( 1 ) 

That equation, with the half transposition, and taking the 
logarithms, comes out in this form: 

= « < + log* l/5i (2) 

This equation, you will note, is in the form: 

y — mx +b, 

so tlmt it should be a straight line.* However, when we the 
readings on an underground transmission line and plot them and 
analyze them, it was discovered by one of my assistants, Mr. 
Halperin, that instead of getting one straight line, you get two 
straight lines. The curve found when plotting the points for 
the second equation seemed to be a straight steep line followed 
by a curved line in about one minute and finally a less-steep 
straight line. If you take and work backwards from the first 
part of the curve and extend it in order to see what the curve 
would be, if the curve followed the equation for a straight line, 
then you find that the current goes down to a minimum in about 
one minute. Or, if you follow the third part curve back to the 
vertical axis, the initial current reading would be only about 
one-half of what you actually get; so that apparently the equa-. 
tion as given in the text books needs some revision. 

Vie have endeavored to carry out one of these suggestions of 
Messrs. Phelps and Tanzer in applying this method of analysis 
to the modern high-efficiency cables, having a low dielectric 
loss; but unfortunately, we do not have in these cables, up to 
the present time, any dielectric loss failures; and it was failures 
of that particular kind which were discovered in advance and 
eliminated in Philadelphia. 

We have taken quite a few readings and made a number of 
analyses of tests on these high^ffieiency cables, and also on some 
of the rosin oil cables, which, sliowed very much the same shape 
of curve; but up to the present time we have not been able to 
secure practical results from the analysis, but it is interesting 
to us, at least, to know the peculiar shape of the curve we get 
upon analysis. 

Messrs. Phelps and Tanzer in their paper mentioned that the 
cables which they tested showed a maximum ratio of 405 to 1, 
between the initial reading, and the final reading. On some of 
our 33-kv. cables, we found that the pressure was as high as 160, 
the current ranging from fifteen railliamperes for the initial 
reading to 1/10 milli-ampere for the final reading, also, in some 
of the tests we noticed some interesting differences between the 
leakage through the cambric insulation and through the im¬ 
pregnated paper insulation. 

We have made a number of tests on a 15-mile 33-kv. line, with 
19/64 paper around each conductor, and 7/64 belt; and for the 
test lead between the positive side and the transmission line, we 
had about 400 ft. of cambric insulated conductor, with about 
twice the’thiclmess of insulation betwCien the copper and the 
lead. In making observation^ on this combination of 4CW ft. 
of cambric cable and the 15-mile line, we find the losses in the 
paper cable are approximately three-fifths of the total leakage, 
while there was about 46 per cent of the leakage in the 400 ft. 
of cambric insulation in the test lead. 
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Charles P. Steinmetz: Messrs. Phelps and Tanzer’s paper 
shows that from the study of the slow eable transient the de¬ 
terioration of the insulation can be estimated and its failure 
thereby anticipated. This is rational, as this slow transient 
depends on the internal conditions of the insulation. It is a 
true electrical transient, and of special interest by its long dura¬ 
tion, often many minutes, while the external transient of charg¬ 
ing the condenser terminals over an inductive supply circuit, 
usually vanishes within a fraction of a second. 

This slow cable transient (the so-called soaking in of the charge, 
etc.) does not exist if the insulation is perfectly homogeneous; 
but if the insulation consists of n dielectrics of diffei'ent specific 
capacities and resistivities, a slow transient of (n— 1) terms 
appears. 

To illustrate the nature of this transient, let us consider a 
cable as condenser, in which the dielectric consists of layers of 
two materials of different specific capacities and different resis¬ 
tivities (paper and rosin oil for instance). 

The voltage impressed upon the condenser produces an elec¬ 
trostatic fiux between the condenser terminals. A line of elec¬ 
trostatic flux must either return into itself, or terminate in an 
electrostatic chaise. At the first moment of the impressed 
voltage there can be no internal charges in the dielectric, since 
there was no time to conduct them through the high resistance 
of the dielectric. Thus in the first moment, the electrostatic 
flux density is the same in both dielectrics, and the voltage is 
distributed between the two dielectrics by their specific capacity, 
that is, the voltage gradients in the two dielectrics are inversely 
proportional to the specific capacities. 

^ Due to the finite (though extremely low) conductivity of the 
dielectric, a current is conducted, or leaks, through the dielectric, 
and the current density of this current in the two dielectrics is 
proportional to their respective conductivities, and to their volt¬ 
age gradients, which latter in the initial moment of the phenom¬ 
enon depend on the specific capacities. Unless then the resistivi¬ 
ties^ of the two dielectrics happen to be exactly proportional to 
their specific capacities, the current densities in the two compon¬ 
ent dielectrics must be different. This means that at every 


It can be shown that of the energy of this slow internal transi¬ 
ent, half is converted into heat in the resistance of the dielectric, 
the other half stored as electrostatic energy of the internal charges 
which after discharge partly appears at the terminals as 
“residual ehaige.’' 

Numerous other interesting conclusions follow, for instance 
that the r loss in the eable dielectric with alternating current 
may be many times greater than with direct current, and this 
additional r loss is independent of the frequency. The dif¬ 
ference between the effective resistance of a cable, measured with 
alternating current, and the d-c. resistance, is not all dielectric 
hysteresis, but partly at least true resistance, etc. 

As seen, this slow transient gives some information on the 
individual component dielectrics of such a compound structure 
as a cable, and in view of its importance in estimating cable 
deterioration, it may be of interest to give in a later paper the 
equations of it and thus its relation to the resistivities, capaci¬ 
ties, etc. of the different component dielectrics. 

6. B. Shanklint Messrs. Phelps and Tanzer have developed 
a method of test based on sound principles with which it is pos¬ 
sible to discover cable faults diuing their incipient stage, thereby 
filling a long felt and urgent need in underground transmission. 
They claim only that this method of test has worked out suc¬ 
cessfully on comparatively low-voltage lines (6(X)0 volts) of the 
old rosin-oil type cable and offer no predictions as to its futxiro 
usefulness on lines of other and higher voltages. 

Considering the principles upon which their method is based, 
there is no reason why it should not be just as successful on lon¬ 
ger, higher-voltage lines of the new type cable. It is a question 
of obtaining data to prove this point and such work, I under¬ 
stand, is now under way. 

The leakage current through a fault during its incipient stage 
is extremely small, even smaller than the leakage through the 
rest of the total cable length. Its detection is, therefore, very 
difficult and the success Messrs. Phelps and Tanzer have had 
can be attributed to certain factors in their test method: 

1st. The use of d-c. voltage, thereby eliminating charging 


boundary between the two dielectrics a change of current density current which would be so high in comparison with leakage cur- 
occurs, and more current flows towards the boundary from the ^ completely obscure the results, 

one side, than leaves it on the other side, and consequently, an 2nd. The use of high d-o. voltage, which has a tendency to 
^ectr^tatic charge builds up at the boundary between the two search out and penetrate weak spots, forcing more current 
cueiectries, due to the difference between the two current densi- through in proportion to leakage current over rest of line. High 
Ih boundary. This electrostatic charge d-c. voltage also brings the total current within readable values, 

gradient and thus the current density in the eliminating the possibiUty of errors introduced by stray currents. 


dielectric of higher current density, and raises it in the dielectric 
of lower current density, until the current densities in both com¬ 
ponent dielectrics have become equal and any further building 
up of internal charge ceases. 

^e final condition thus is that of uniform current density in 


etc. In view of this the curves should be taken at the highest 
volt^e compatible with safety from damage to the sound 
IKirtion of the line. 

3rd. The opportunity of comparing the current vs. time 
curves of the individual conductors. Single-conductor cable 


both comnonent diAlpptripo JT+w -^^ uuo muiviauai conauciors. Single-conductor cable 

so that the voltage gradients are does not offer this opportunity, but perhaps a comparison of tho 
proportional to the respective resistivities nf the -kmn J.T__ ••• 


proportional to the respective resistivities of the two dielectrics. 

Thus, in a condenser with a compound dielectric, like a cable, 
after initial electrification by the rapid e^ei-nal charging transi¬ 
ent, ^ internal voltage adjustment occurs, from the initial volt- 
^e distribution corresponding to the specific capacities, to the 
M volt^e distribution corresponding to the respective resis- 


curves taken on cables of the same circuit in adjacent ducts will 
do just as well. 

The above factors all tend to furnish a method of test that is 
almost unbeUevably sensitive, searching out a weak spot per¬ 
haps several inches in length in a line miles in length. A careful 
study of the conductivity of various types of cable faults during 


tivities of the two dielectrics vne conaucuvity of various types of cable faults during 

trostatie flux density and non-uniform progressive stages of formation is necessary before an exact 

form current density and ununiform flux densitiAa the efficacy of this method of test can be made. 

at internal electrostatic charges at all the boundariAB involve serious difficulties, The study would, 

two dielectrics. As t.iiA .i._ , etween the obviously, have to be made in the laboratory on short lengths. 


two ffielecW As the internal static charge's ha:;elo be“co7 
ducted through the Mgh resistance of the dielectric, this occurs 
by a very slow transient, of a duration usuaUy many thousand 
tames ^eater than the external charging 

greTtw condenser is 

than m its imtial condition, and its capacity therefore 


for It 18 impossible to locate faults on long lines during their 
initiid stages pf development, without first reducing t.bem by 
burning, thereby destroying the desired evidence. In laboratory 
study the faults would have to be artificially formed and might 
not represent the same type as those formed in service. When 
the laboratory and field experiences are combined we may, in 
time, hope to see this method of test reach its full development 
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T his paper aims to present the problems eneoun- given material lowers the time of reverberation" de- 
tered in the development of electrical systems for pends not only upon the amount of material introduced, 
amplifying the voices of public speakers and but also upon its disposition within the space, 
music; and to describe the equipment as brought to a The term “echo” applies to a similar phenomenon, 
commercial state and now in use in the United States but is generally used where there is sufficient time lag 
and various other countries. between the reflected sound and that originally emitted. 

The two main requirements of a succ^ful public so that two distinct impressions reach the ear.^ 
address or loud speaking system are, first, that it shall The troubles encountered from echoes usually occur 
reproduce the sounds, such as speech or music, faith- only in large buildings or large open spaces surrounded 
fully; and second, that this faithful reproduction shall by buildings, trees, or other obstacles and are generally 
be loud enough and suflficiently well distributed, for all associated with interferences with the reproduced 


of the audience to hear it comfortably. Most of the 
development work has been directed toward obtaining 
these .two results under the various conditions which 
surround the operation of these systems. 

The faithful and natural reproduction of sound 
depends upon many factors, of which the following are 


sound rather than with the original sound. There are 
cases, however, particularly in auditoriums, where 
some of the walls or ceiling are large curved surfaces, 
in which case localized echoes may result. The 
speaker’s voice or extraneous sounds from the audience 
may be reflected from one or more of these surfaces to 


^me of the more importent: The acoustics of the space focus spots where the volume of sound is consequently 
in which the sound ori^nates, the characteristic of the abnormally great. It is important, therefore, that the 
loud speaking system itself and the acoustics of the 1a*ansniitter which is picking up the sound i^iha ll not be 
space in which the sound is reproduced. Where the located at one of these spots. These points of localized 
sound IS picked up and reproduced in the same space, echo are particularly troublesome also when they occur 
as \s the case when the speaker is using one of these in the space occupied by the audience. Under these 
systos to address a large audience locally, there is a conditions not only is the sound intensity too grbat, but 
reaction between the horns and the transmitter or pick- the character of the sound is altered and very often 

confused. The avoidance of such difficulties 
is a matter of test and the proper arrangement of the 
reproducing mechanism, as will be seen later in some 


ditions under which the system is operated. 

Acoustics op the Space 

In connection with the acoustics of the space in 
which the sound originates, or in which it is reproduced, 
four factom stand out. These concern the effects of 
reverberation, of echo, of resonance, and of diffraction. 


detail. 

The effect of resonance seldom occurs in connection 
with the amplified and reproduced sound, inasmuch as 
the spaces dealt with are large and their natural fre- 
T J .1 •/% ', ' (]U@I 1 C 1 €S too. low to b© troublfiso m fi 

connection with 

i ^ + J m m which it onginates, another moiintmg the pick-up apparatus or transmitter It 

^wt IS encoimtoed, whi(* has generaUy been termed generaUy results from attopts to conceal the trans 
^mging” and is evidenced if sufficiently great by the mitter by placing it in soiS form oSl tcW 

WbiXn?s”iTyr^e’^tim3^‘’”®^^^ . acomstic standpoint 

that the sound from one syllable interferes with that ^ unequal amplification of sounds of various fre- 
of the succeeding svllable it i «5 nmn+ipoii * -ui fluencies and second, there is the introduction of tran- 

of the public address system. In such a case the first are most easily recognized audibly by their 

procedure is to place mt^ wKbso^s^^^ ^ ceased emitting. 

the space. The purpose of this absorbing material its tn + ^ ^ frequency characteristics which depend 

lower the time required for the sound to die awav after tu * the sound which started them but also upon 

the source ceas® to eSt. ^^^nni S «*echai^ of the resonant portion of the system. 

PremUed at tU Midwintar ConvanUan of the . 1 .^. B. K — by diffraction are seldom of 
New York, N. F., February 192 $. ' rr * ohected Papers on Acoustics, Wallace Clement Sabine, 

Harvard University Press, 1922. 
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ve^ great importance except where the sound is re¬ 
flected from regularly spaced reflectors or passed 
through re^larly spaced opening. Quite serious 
diffraction troubles have been encountered when opera¬ 
ting a loud speaker in a large field, surrounded by an 
open work board fence, the trouble being evidenced 
by very distinct areas, particularly at the outskirts of 
the audience where the sounds were badly distorted. 

The -difliculties encountered as a result of ‘"singing’* 
form one of the most troublesome problems connected 
with the actual.operation of these systems. When a 
portion of the sound emitted by the projectors reaches 
the transmitter with sufficient intensity, that its repro¬ 
duction is as great as the originally emitted sound from 
the projectors, and with such phase relation that it 
tends to aid the original sound, the system will emit a 
continuous note. Moreover, when the portion of the 
sound from the projectors which reaches the transmitter 
is not sufficient to cause a continuous note, it may be 
sufficient to cause considerable distortion of the speech 
or music. In excessively reverberant halls these con¬ 
ditions are often fulfilled when the actual amplification 
is so small that the people at the distant points .are 
scarcely able to hear the speaker. In all cases in our 
experience the difficulty has been sufficiently overcome 
by properly placing the transniitter with respect to 
the projectors. The situation is very much helped by 
the-presence of the audience, which adds considerably 
to the acoustic damping of the room. 

It will be seen, therefore, that the acoustic conditions 
of the space in which loud speakers are used are of 
considerable importance. ‘ 

Characteristics op the System 

The first requirement of the system itself is that it 
shall reproduce speech or music faithfully, A system 
is said to do this, or in other words, its quality is called 
perfect, when the reproduced sound contains all of the 
frequencies, but no others, contained in the original 
sound striking the “pick-up^* mechanism, and when 
these frequencies have the same relative intensities that 
they had in the original. 

An imperfect or* distorting system is one which fails 
to fulfill this requirement. There are two main types 
of distortion which had to be considered j the first being 
the unequal amplification of the system for the various 
frequencies constituting the sound and the second being 
the introduction of frequencies not present in the original 
sound. For simplicity of discussion, this last class will 
be divided in three parts, namely: the effect of transients 
the effect of asymmetric distortion and the effect of 
disturbing noises. 

The effect of transients has already been mentioned 
in connection with acoustics and they, of course, pro¬ 
duce the same type of distortion whether they occur in 
the acoustic or the electrical system. Transients occur 
whenever the sound changes either in pitch or intensity 
and are introduced at the beginning and ending of each 


speech sound. This modification of the chanu'tcristics 
of the speech sounds acts to lower the intelligibility. 
It probably causes more trouble in speech transmi.s.sian 
than the fact that the sound continues after the source 
ceases. 

Asymmetric distortion affects one half of the wave 
differently from its other half. This causes the intro¬ 
duction of frequencies which, in some cases, produce very 
serious disrurbances in the transmission of music anti 
speech. The most noticeable trouble.s are from the 
formation of sum and difference tones." Such tones tm* 
likely to give rise to dissonances with the other sound.*^ 
occurring in the music. In the case of .speech asym¬ 
metric distortion manifests itself by a lower intelligi¬ 
bility. 

The effect of foreign noises sometimes encountered is 
twofold. First, they influence the ability of the li.stener 
to hear the characteristic speech sounds and 
hence tend to lower the intelligibility. Bwontlly, the 
constant attempt of the hearer to sort out the siwch 
sounds or music through the disturbing noiscw tires him 
appreciably. In order that this strain shall be inap¬ 
preciable, it is desirable that the soim<l deliveretl by the 
system shall be at a power hwcd at least 10,00(1 
times that of the noise. 

The second general requirement whicdi is platu'd on 
a successful system is that it shall deliver its faithful 
reproduction loud enough for all the amlience to hear it 
co^ortably and enough above noise for good intel¬ 
ligibility. In this connection there have arisen one iir 
two interesting points bearing on the i)Hychology of 
hiring. One of the most striking of these is coneenKiti 
with the coordination between hearing and swing. 
Although the projectors are usually mounted twenty 
or more feet above the speaker’.s head, and in some 
exceptional cases, slightly to one side of him, the 
majority of the audience is conscious of only one Hource 
of sound, and that appears to he l.he speaker himself. 

This phenomenon is so marked that in stweral casi^s 
the question has been raised in the mi mis of tiie li.s- 
teners as to whether the system wu.s functioning, 'riiey 
could only be convinced that it was by having it shuf; 
down for a few seconds when their inabiliiv to hear 

made them realijje how .succo.ssfuliv l.hi* svsJfmi eoiihl 
operate. * ' 

Ano^er of these psychological phenomena deals 
with the apparent distortion of the voiet* when i(s 
intensity at the ears of the listener is too great or ion 
^na 1. If the speaker is talking in a normal conversa- 
taonal tone, his voice contains a larger percentage of 
low frequencies than is the case when he is raising his 
a considerable volume. If the loud speaker so 
amplifies this voice that it reaches the audience with 
such volume that their instinct tells them that the 
speaker should be shouting, the system appear to 
make his voice sound quite heavy and 

Circuits, E. Wactemsaa, Annafen Vol. 42. im 
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unnatural. It has been found necessary, therefore, 
to so regulate the amount of amplification that the 
people at the furthest portion of the hall can hear com¬ 
fortably and the volumeof sound should not be permitted 
to become any louder than necessaiy to meet this con¬ 
dition. On the other hand, if the volume is insuf¬ 
ficiently loud, certain of the weaker speech sounds are 
entirely lost, and it becomes difficult to understand.® 

Solution of the Problem 
With these considerations in mind it may be interest¬ 
ing to take a brief survey of the whole problem and the 
method by which the solution was reached. Two 



FREQUENCY 

Pig. 1—1-CoNDENSBH Tbansmitter with Associated 

AhFIiIFIBB 

2-Carbon Transmitter without Amplifier 

general methods of attack were considered. The first 
was to attempt to make each unit of the system faith¬ 
fully reproduce its input, while the second was to make 
any distortions of one part of the system, cancel those 
of another portion, so that the complete system would 
operate satisfactorily. In either case, it was desirable 
to keep each unit free from asymmetric distortion, as 
this t37pe of distortion cannot be easily compensated for. 

While it would probably have been simpler to follow 
the second line of attack, the greatly increased flexibil¬ 
ity of a system in which each part is correct in itself was 
of sufficient value to cause the attempt to be made that 
way. When it is realized that these systems, to be 
commercially successful, must be capable of operating 
for various sized audiences, ranging possibly from one 
thousand to several hundred thousand, that they must 
be used in connection with long distance telephone 
lines, as well as with either radio broadcasting or receiv¬ 
ing stations, the desire for flexibility can be understood.^ 

As a result of attempting the development in the 
manner already described, there has resulted a system 
which involves four functional units; a “pick-up” 
m^hanism or transmitter unit, a preliminary amplifier 
unit, commonly called the speech input equipment, 
a second amplifier unit commonly called the power 
amplifie r, and a receiver-projector unit for transform- 

3. Physical Examination of Hearing R. L. Wegel, Proceedings 

of ike National Academy of Sciences, Volume 8. Number 7 
July 1922. ’ 

4. _U8e of Public Address Systems with Telephone Lines, 
W. H. Martin and A. B. Clark. Presented before A. I. B. E. 
Feb. 14,1923. 


ing the amplified currents back into sound, and properly 
distributing it throughout the space to be covered. 

It may be interesting at this place to determine how 
successfully these various units and the system as a 
whole fulfill the requirements of equal sensitivity to 
all frequencies within the important speech or music 
range. Fig. 1 shows the relative sensitiveness of the 
transmitter as a function of frequency. The ordinates 
are proportional to the logarithm of the power delivered 
for constant sound pressure at the diaphragm and the 
abscissa to the logarithm of the frequencies employed. 
The lower of the two figures refers to the condenser 
transmitter with its associated input amplifier.® The* 
upper refers to the push-pull carbon-t 3 rpe transmitter. 
TTiese transmitters will be described in detail later. 

Fig. 2 shows a similar curve for the complete amplifier 
system, comprising a three-stage speech input amplifier, 
and a power stage capable of delivering approximately 
40 watts of speech frequency electrical power without 
distortion. In connection with these amplifiers a sharp 
distinction should be made between their gain rating, 
or amplification, and their overload or power rating. 
Gain measures the power amplification which can be 
obtained provided the input is small enough so that the 
equipment at the output end is not overloaded. Over¬ 
load or power rating refers to the maximum power which 
can be supplied by the amplifier without causing 
distortion of the currents being amplified. Although 
the power rating of power equipment is usually deter- 
ihined by the heat which can be dissipated, a marked 
distortion of wave form takes place when the iron in any 
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Pig. 2—^Public Address System Amplifiers 

of the apparatus is worked beyond the straight line 
portion of the magnetization ciuve. In the case of 
amplifiers, the maximum power obtainable is limited 
by the power output at which distortion occurs rather 
than by the heat which can be dissipated. 

Fig. 3 shows a chart for the characteristics of the 
complete system, including the carbon transmitter, the 
speech input and power amplifiers and the receiver 
projector unit. 

In co nnection with the requirements for equal 

5. The Seusitivity and-Preoisioix of the Electrostatio Trails^ 
mitter for Measuremmt of Bound Intenaties. B. C. Wente, 
Physical Review, N. S. Vol. 19, No. 5, May 1922. 
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amplification of all frequencies, it is interesting to note 
that a system, which does not fail to reproduce equally 
all frequencies in the speech range by more than a ratio 
of 10 to 1 in reproduced power, is Indistinguishable, 
from a perfect system or from the speaker, himself. 
It seems probable that this effect is, in some way, 
connected with variations in the frequency sensitiveness 
curve of normal ears. Normal ears show a sensitiveness 
variation with frequency as great as 10 to 1 and the 
frequencies of maximum sensitiveness vary materially 
from one individual to another.® 



FREQUENCY 

Pig. 3 Complete Public Address System with Carbon 

Transmitter 

It has been found that in order to transmit speech 
wth entire satisfaction for loud speaker purposes, that 
is, sufficiently well so that the audience is not aware of 
the contribution of the mechanical equipment, it is 
necessary for the system to operate with essentially 
uniform amplification over a range of frequencies from 
200 to 4000 cycles. While there are, in speech, fre¬ 
quencies slightly outside of this range, the loss in 
naturalness and intelligibility by the system’s failure to 
reproduce them, is slight.^ 

mile no such frequency range is required for intelli- 
^bility only, it has been found that systems not cover- 
mg substantially this frequency range, sound unnatural. 
When the lower frequencies are missing, the reproduction 
sornuis "’tinny.” When the higher frequencies are mis¬ 
sing It sounds heavy and muffled. The requirements 
for thoroughly natural reproduction of music are 
probably more severe, particularly in the low-frequency 
re^On, than are the similar requirements for speech 
but, at the present time, complete data are not available 
to mdicate the contribution of these frequencies to 
naturalness. 


designed to receive power at approximately this level 
and deliver it to the projector units sufficiently ampli¬ 
fied to operate them satisfactorily. 

Future Development 

In viewing the loud speaker field from the point of 
view of future development there are two lines of 
attack along which work is being done, and which give 
promise of success. These are the improvements in 
frequency characteristics and increase in the mnge <»f 
loudness which the system can accommodate satisfac¬ 
torily. 

The improvement to be expected from a more uni¬ 
form frequency characteristic is mainly an increust» in 
naturalness, especially where music is being reproduced. 
A slight increase in intelligibility may be hop(?d for, 
although this factor is of little importance, as t he pr(?.s{*nt 
system is satisfactory in this respect. 

The other improvement mentioned, namely, the 
volume range, is probably the more diilicult, but is 
necessary before music can be reproduced in a perfect 
manner. Rough experimental data indicate that the 
loudness in an orchestra selection may vary from one 
part of the selection to another by a ratio as grt;at a,s 
50,000 to 1. While the present equipment dw^s not 
operate with entire satisfaction over this range of loufl- 
ness, it has been found relatively easy to obtain gcjiod 
results by manual adjustment of the ampnrK*at,ion 
during the rendering of the selection. If i;he gain is 



_ In ^c^mection Witt the flexibflity of the system, it is 
mter^g to note ^t the speech input equipment has 
d^gned to raise the power deUvered by the trans- 
to ^ch an eirtent that it is sufficient for long 
distance tdephone transmission or for the operation of 
^ transmittmg set. The power amplifier is 

6. I^eqneney Sensitiveness of Normal Ears Kv TT 
and R. L. Wegel, Physical Review, July 1922 ’ ^ 

^7 The^Nature uf Speech and its Intei^retation^^ Haxvev 
Meteher, Jouriial of the Franklin InstUvte,Yo\. 193, No. 6, June 
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An incre^ in the loudness range would i€‘ndt‘p th#. 
manual ^justment unnecessary and would make the 
Action a faithful duplicate of tho music 

Technical Description op the Sysiem 


ments 
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system shall successfully transmit speech and music, 
the system in its commercial form will now be described. 
In order to make clear the arrangement of the equip¬ 
ment, a typical installation is shown in Fig. 4, this being 
an installation where the audience and speaker are in 
the open air, and where no connection is made with the 
long distance lines. It might be well to state here 
that with the equipment shown an audience of 700,000 
can be adequately covered. 

Some of the sound leaving the speaker’s mouth is 
picked up by the transmitter, on a reading-desk t 3 rpe 
of jiedestal, which is normally mounted at the front of 
the platform. 



Pig. 5 


The feeble currents from this transmitter are led by 
carefully shielded leads to the amplifiers in the control 
room, which is usually located directly beneath or to 
one side of the speaker’s stand. A floor space of not 
more than 126 square feet is required for this room, even 
in the case where it is desirable to transmit phonograph 
music to the audience between speeches. 

The amplifier and power supply equipment is shown 
on the two panels in the center of the control room. 
The amplified speech currents are led from these ampli¬ 
fiers to the receiver projector units, which, in this case, 
are arranged on the super-structure above the speaker’s 
platform. This position is most desirable, as the 
illusion produced is such that the voice appears to come 
from the speaker rather than from the projectors, a 
factor, the importance of which has already been men¬ 
tioned. Moreover in this position the acoustic coup¬ 
ling between the transmitter and the projector is a 
minimum, permitting the operation of the system at a 
satisfactory degree of amplification with an ample 
margin below the point where singing troubles are 
encountered. 

A public address equipment, similar to that just 
described, but with a somewhat lower power output, 
has been developed for use at the smaller open air 
meetings, and in all but the largest indoor auditoriums. 
Fig. No. 6 shows one of these equipments, mounted on 
^ automobile iruck, which has been employed at a 
n^ber of points in the eastern part of the United 
States. This smaller system has characteristics equally 


PUBLIC ADDRESS SYSTEM 

as good as the larger system in regard to faithful 
reproduction of speech and music, with a power out¬ 
put in the order of one-tenth as great. An audience 
of 60,000 can be adequately: covered at an outdoor 
meeting with this system. , 

Fig. No. 6 is a schematic arrangement of the equip¬ 
ment at an installation of the type shown in Fig. 4. 
At the extreme left are the transmitters where the sound 
waves are picked up. The output from these trans¬ 
mitters is taken to a switching panel where means are 
provided for cutting in the various transmitters. From 
this panel the transmitter currents are taken to the 
transmitter amplifier, which is capable of amplifying 
them to a power level suitable for input to the power 
amplifier, or for connection to the long distance lines, 
in those cases where the speeches are transmitted to 
distant audiences. It is also suitable where connec¬ 
tion is to be made to a radio station for broadcasting 
the speeches. The power amplifier is shown just to the 
right of the transmitter amplifier. Below it is indicated 
the power supply equipment by which the commercial 
power is converted to a form suitable for the vacuum 
tub^ in both amplifiers. The output from the power 
amplifier is taken through a panel where switches and 
a multi-step auto-transformer are provided for the 
regulation of several projector circuits. Just above 
this panel is an indicating instrument, known as the 
volume indicator, provided in order that the operator 
may know what volume output is being delivered to 
the projectors. 



The projectors, at the extreme right of the figure, 
consist of the motor or receiver unit transforming the 
speech currents into sound waves, and a horn to provide 
the proper distribution of the sound. 

It is interesting to note the power amplification 
which is obtained in the larger of the two systems from 
the transmitter to the projectors. Referring to Fig. 
No. 6, a chart will be seen which indicates the power 
levels through the system drawn to a scale based on 
miles of standard telephone cable, our usual reference 
unit. The output of the high quality transmitter is 
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of the order of 65 miles below zero le^el, this latter being 
the-out^utifrom a standard telephone set connected to 
a common battery central office by a line of zero 
resistance. Expressed in watts the output of this 
transmitter, under average conditions of use with the 
public address system is of the order of 10~® watts. 
Incidentally, this is of the same order as the speech 
power picked up by the transmitter, or in other words, 
the transmitter does not amplif 3 ?’ the speech power 
received by it as is the case with the transmitter 
used for regular telephone service. 

This very minute amount of power in passing through 
the transmitter amplifier may be amplified about 
120,000,000 times. Expressed in terms of telephone 
power levels, this is 17 miles above the zero level 
previously mentioned, or a few tenths of a watt. 

The power amplifier serves to increase this power 
from a level of 17 miles to about 40 miles, the latter 
corr^ponding to about 40 watts. This power is then 
distributed to the projectors, the amount consumed by 
each projector, of course, depending upon the number 
connected. 

An idea, of what this amount of power at speech 
fr^uencies means may be given by the statement that 
it is sufficient to operate at a volume level slightly above 
that considered commercial all of the 12,000,000 tele¬ 
phone receivers in use in the Bell system if these were 
directly connected to the amplifier. 

In describing the various pieces of equipment which 
together make up the system, we will follow the order 
in which the power is carried through the system from 
the transmitter to the receiver-projector units where the 
amplified soimd waves are propagated. 

Transmitters 

In the early work on the public address system, an 
air-damped, stretched diaphragm condenser transmitter 
was employed, having a thin steel diaphragm about 
2}4 inches in diameter, constituting one plate of the 
condenser. The other plate was a rigid disk, the dielec- 
toc being an air film 1/1000 of an inch in thickness. 
Due to the stretching of the diaphragm and the stiff- 
ne^ of the air film, the diaphragm of this transmitter 
had a natural period of approximately 8000 cycles per 
second which is well above the important frequencies 
in the voice range. This high natural period, in con¬ 
junction with the damping due to the thin film of air 
resffited in a transmitter of very high quality of repro- 
duction. However, its extremely small capacity (in 
the order of 400 micro-microfarads) made it necei^r 

to use leads of very low capacity between the trans^ 
mitter and the first amplifier, and due to the high 
impedance of the transmitter and its associated input 
circuit to voice frequency currents,' these leads were 
v^ susceptible to electrostatic and electromagbettc 

induction. It was necessary to limit them to a S 

of 25^feet, and to provide complete shielding. Mom- 
oyer the output of this transmitter was less to one 


five-thousandth of that of the transmitter now ilschI, 
and for the early installations of the system, it was 
necessary to provide a preliminary amplifier beneath 
or to one side of the speaker’s stand in order to kt*ei> 
the transmitter leads short and to provide sufiieient 
power to properly operate the main ami)lifier.s. Work 
was therefore undertaken to provide a transmitter, 
having quality practically as good as the condenser 
transmitter, volume output sufficient to operate the 
main amplifiers, and not requiring the elaborate pre¬ 
cautions as to shielding the leads. 

The high quality transmitter which was the ri?.siult 
of this development work is of the granular carlion typo 
with two variable resistance elements, one <jn oai?h 
side of the diaphragm and is commonly known a.s a 
push-pull transmitter. It has neai’ly the .same high 
quality reproduction characteristics a.s the eon<len.ser 
transmitter, due to the use of the .same stretchiKl 
diaphragm and air damping .structure. It introduces 
no appreciable distortion over the range of freciiien(*ie.s 
required for good reproduction of speech, hut it mmt 
be understood, that this quality was obtaiiK‘d only at 
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the sacrifice of sensitiveness, the latter being in the onier 
I./Ifififith that of the transmitter used ut tele|>hoiie 
stations in the Bell .sy.sttmi. With the multi-.stage 
vacuum tube amplifiers available this low volum(? i f- 
ficiency is not serious and in fact we are using ihin 
transmitter for what is known as distant talking, /. r. 
the speaker may be at a distance of fivi* or six feet fmrn 
the transmitter. Phi.s is, of course, nei’essary in any 
transmitter suitable for public address work as it is not 
possible to gi-eatly limit the movement of the spinikitrs 
nor can they be required to use a hand tmrisinitli*r 
It might be well to point out that this sacrifice in volume 
efficiency in order to gain high quality is pomlbln at 
the transmitting end of the .sy.stem, but not at the 
oiyosite end where the electrical power is titinsformwl 
into sound waves and propagated, as the device at this 
point must be capable of handling large amounts of 
power with minimum distortion. 

Referring to Fig. No. 7 which ia a eut-awav vknv of 
this push-pull high quality carbon transniitUT tho 
p^ular carbon chambers will be seen. Tho’ n,.,.. 
tncal path through each of these variable resiKUmce 
laments IS from the rear carbon electrode through the 

iSew’” ® 'liaphraRin 

of this path is about 100 oh™ 
d as the two buttons are in series for the telephone 
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currents, the transmitter is designed to work into an 
impedance of 200 ohms. The double button construc¬ 
tion almost completely eliminates the distortion caused 
by. the non-linear nature of the pressure-resistance 
characteristics of granular carbon. 

As this instrument has a practically flat frequency 
characteristic no collecting horn or mouth piece is 
used with it as resonance is introduced by such cham¬ 
bers, with accompanying distortion. To insure the 


practise, two of these being speech input or transmitter 
amplifiers with different gains and two being power 
amplifiers of different power ratings. These units and 
other equipment used with the system, are made up in 
panels, of uniform width, in order that the proper equip¬ 
ment for any installation may be assembled on two 
vertical angle iron racks arranged to be fastened to the 
control room floor. 


insulation of the transmitter from building vibrations, 
a simple spring suspension has been provided. To 
protect the transmitter from injury, two types of trans¬ 
mitter mountings have been used, both arranged for the 
suspension of the transmitter in a screen-enclosed 
space—the first adapted to take a single transmitter 
for indoor use only, while the second for outdoor use, 
mounts two transmitters within a double screen en¬ 
closure to prevent any noise effects due to winds. 
This second type is arranged to attach to a simple 
pedestal-type of reading desk, which it has been found 
desirable to provide as there is a slight tendency for the 
speaker to remain fairly close to the desk. In this 
connection it is interesting to note that we have found 
a small rug, so placed as to cover the area which the 
speaker should occupy during the delivery of his speech, 
is of great assistance in this regard, as he unconsciously 
confines himself to the area of this rug. Both of these 
measures to insure the speaker remaining in proper 
relation to the transmitter, are supplemented, wherever 
possible, by an explanation of the system to all the 
speakers previous to the actual performance. 

Transmitter Switching Panel 

Resuming the path of the speech currents through the 
system, the output from the transmitters is taken to 
a panel designed to enable the operator to switch 
quicMy from one transmitter to another, as with some 
public functions, the speeches are made at diff erent 
points during the ceremonies. This switch is arranged 
to short-circuit the output of the power amplifier when 
p^ing from one transmitter to another, to prevent 
clicks m the projectors. In certain cases, the equip¬ 
ment is arranged to permit two or more transmitters - 
to be connected to the amplifiers at one time, as is 
d^irable when solo singers and an orchestra ^e to be 

picked up in a theatre, with proper adjustment of their 
respective volumes. 

The amplifier equipment has been built in four units 
wtaA may be grouped as necessary under the various 
^ditions encountered in commercial instaUations. 
the proper amplifiers are determined, first, bv the 
Murce of the voice frequency current to be amplified, 
^t IS whethw a distant talking or a dose telkin^ 
^mtter IS to us^, or whether the speeches are 
brought in ovct a telephone line, and secondly, the size i 
of ,«ie s^e in which the amplified sounds ^re to be i 

united, fo™*! that four ] 

umts would provide for all (he conditions occurring in i 


Speech Input Amplifier—First Type 

The first of the speech input amplifiers is shown 
schematically in the upper part of Fig. 8. It is a three- 
stage amplifier. Two potentiometers provide adjust¬ 
ment of the gain over a large range, and switching ar¬ 
rangements allow the output to be connected directly 
to the input of the power amplifier, when the program is 
to be transmitted to a local audience; or to be con¬ 
nected, through a transformer of proper impedance, to 
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the long distance lines when the program is to be trans¬ 
mitted to a distant audience, or to a radio-broadcasting 
station. The filaments of the tubes are supplied from 

a 12-volt storage battery, while the plate circuits obtain 
direct current at __i_. 


for ^ng 130 volts instead of 350 volts under certain 
conditio^. The proper grid potentials are obtained 
oy utilizing the drop over a resistance in the filament 
circmte of the first two tubes, and for the third tube 
small furmsh thegridpotential. The maximum 

gam with this amplifier is 86 miles, which expressed as a 
powCT ratio IS 1.2 x 10». The maximum power out¬ 
put is^ approxunately 3/10 of a watt. The front and 
rear views of this amplifier, mounted on the supporting 
mck, ^e shown in Fig. 13, where the gain reflating 
pote^ometer, the rheostats for controUing the filament 
and transmitter cuirents, the three tube mo^n^ 
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with protective gratings and the jacks which permit the 
connection of instruments for determining the current 
flow in the filament plate and transmitter circuits, will 
be noted. Great care was taken in the design of this 
amplifier to obtain as nearly as possible equal amplifi¬ 
cation of all frequencies in the important voice 
range. The transformers, and the retardation coils in 
the plate circuits were chosen with this consideration 
in mind. 

Power Amplifiers 


under the varying conditions of commercial operation. 
This amplifier, speaking in telephone terms is 
worked at a gain of 23 miles, a power amplification ratio 
of about 200. Its maximum power output is about 
40 watts. The plate circuits of the tubes are supplied 
at a d-c. potential of 750 volts. As has been pointed 
out previously, this amplifier gives a practically uniform 
gain for all the important frequencies in the voice range. 
This high-power amplifier is shown mounted on the 
supporting rack, in Fig. 13. The apparatus on the 


For practically all of the larger installations the 
maximum power possible with the system is required 
and the output from the transmitter-amplifier is taken 
directly to the high power amplifier. Referring to Fig. 
9 it will be seen that this is a four-tube amplifier so 
connected that but one stage of amplification is obtained . 
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Pig. 9 

Usually alternating current at 12 to 14 volts is used for 
heating the filaments of these tubes, the latter being 
connected in what we know as a push-pull arrangement. 
It will be seen that each side of the push-pull arrange¬ 
ment consists of two power tubes in multiple. It is 
interesting to^ note that this push-pull arrangement of 
the tubes mil deliver somewhat more power for 
equal quaUty than the same number of tubes 
connected in the ordinary multiple arrangement, as the 
tubes may be worked beyond the straight part of their 
characteristic. The grid potential is chosen to permit 
the largest variation of current without distortion and 
is obtained from a group of small flashlight batteries. 

The output transformer at the right of the figure is 
designed to match accurately the impedance of the 
tiAes to that of the number of receiver-projector units 
which has been found to give the greatest flexibility 


rear of the panel is protected with a sheet metal cover 
and integral with this cover is a disconnecting switch, 
which, when the cover is removed, cuts off the high 
potential from all the exposed parts on the set. 

For indoor installations where the audience is small 
the power output given by the high-power amplifier is 
not required and a medium-power amplifier has been 
developed for this use. It is arranged to connect 
directly to the transmitter amplifier and the output is 
taken to the projectors through the volume control 
panel. It is worked at a gain of 17 mile.s or a power 
amplification ratio of about 33. The maximum output 
is about 4 watts, or about one-tenth of the power 
obtainable from the high-power amplifier. 

The schematic of this amplifier, is shown in Fig. 9. 
The input coil is the same as is used in the high-power 
.amplifier. The push-pull connection of the tubes is 
also used in this amplifier, although but two power tubes 
are used. The filaments of these tubes are supplied 
from a 12-volt storage battery while the plato circuits 
are supplied at 360 volts direct current from a motor 
generator set which will be described later. 

Speech Input Amplifier-Second Type 

A speaker using the system may read his speech from 
his home or office and in such cases it is unnecessary to 
use the push-pull carbon transmitter in the distant- 
talking manner. For use when this transmitter is 
spoken into from a distance of a few inches, a second 
form of spe^h input amplifier has been made available 
having a gain of the proper value to supply either of the 
power amplifiers, or a long distance line if dasired. 
This gain is relatively small as the output of the trans¬ 
mitter when used for close talking is about 10,000 times 
that when it is used for distant talking. 

Mg. 8 shows the schematic of this amplifier which m 
a single-stage one, employing one tube and having the 
same over-load characteristic as the first form of speech- 
input amplifier. A two-way switch permits the con¬ 
nection of the transmitter or an incoming long distance 
Ime to the amplifier. To the right of this switch is a 
potentiometer for regulation of the gain. To the right 
of the tube is a second two-way switch for connecting 
the oul^ut either to the power amplifier or through an 
output transformer to an outgoing long distance line. 
The power supply for the tubes and transmitters, is the 
same as was described under the first form of speech in¬ 
put amplifier. 
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The switching means provided on this amplifier allow 
it to be used in a number of whys. Announcements 
from a close talking transmitter may be made from the 
projectors through a power amplifier or may be sent 
out on the telephone lines to a distant public address 
system installation or a radio-broadcasting station. 
In addition to these uses, incoming speech over the long 
distance lines may be put out on the projectors through 
the power amplifier or may be sent out on the long 
distance lines to a distant installation. 

Volume Control 

As discussed heretofore, it is necessary to give the 
operator control of the volume put out by each pro¬ 
jector dr group of projectors. The equipment provided 
for this purpose is mounted on a panel uniform with the 
others and Consists essentially of an auto-transformer 
connected across the output of the power amplifier with 
11 taps multipled to the contacts of eight dial switches, 
the arrangement being shown schematically in Fig. 10. 
Seven of the dials control projector circuits on each of 
which one or more projectors may be grouped, the 
eighth dial being reserved for controlling the volume of 


armature is mounted between the poles of a permanent 
magnet and passes through the center of the coils 
Canying the voice currents. A light connecting link 
ties one end of this armature to the diaphragm which is 
of impregnated cloth, corrugated to permit vibrations 
of large amplitude. A stamped metal cover protects 
the parts from mechanical injury, and a cast iron case, 
in which the whole assembly mounts, is provided for 
protection against moisture. 

One of these receivers equipped with the largest pro¬ 
jector provided, will carry without serious distortion 
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Fig. 10 


or overheating, power which is about 27 miles above the 
zero level. With this output, it is possible to project 
speech a distance of 1000 feet under ordinary weather 
conditions and this has been done at several instal¬ 
lations. 

On account of the different conditions encountered 
in installations three types of horns have been used, 
• shown in Fig. 12. Where it is necessary to project the 
sound to great distances, a tapering wooden horn is 
used, of rectangular cross section, 10-1/2 feet long, the 


the operator's monitoring projector in the control room. 
A key is associated with each dial for opening the circuit 
and a master key is provided for cutting off all of the 
projectors simultaneously. 

The device shown as “Volume Indicator” in this figure 
consists of a vacuum tube detector bridged across the 
output terminals of the power amplifier. The rectified 
current is taken to a sensitive direct-current meter 
of the moving coil type, the degree of deflection of this 
meter measuring the output from the power amplifier 
when connected at a proper place in the circuit. The 
deflections of the meter therefore serve as a basis for 
determining the adjustment required on the transmitter- 
amplifier to give the required output when switching 
from one transmitter to another or for different speakers. 

Receiver—Projectors 

From the control panel the power is taken to the 
projectors, each of these consisting of a loud-speaking 
receiver mechanism to transform the speech-currents 

mto sound waves, and a horn to distribute the sound. 
The receiver IS so designed that it will carry several 
wa ^th small distortion. It is shown in Fig. 11 
where it will be seen that a light spring-supported iron 



Fig. 12 

walls being stiffened to prevent lateral vibration. For 
most installations these large horns are not required, 
and two types of fibre horns are used. One of these is 
straight in the body, with a flaring open end, while 
the other used in the control room, is bent. 

The Rouping of projector units on the volume con¬ 
trol si^tches differs with the type of installation. In 
outdoor performances, the necessity of correcting the 
volume in certain directions due to varying winds 
makes it advisable to group adjacent projectors on a 
single switch. This is nbt the case with indoor per- 
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formances, as no wind effects are possible. Instead, 
symmetrically placed projectors which will always 
require equal volume are grouped on a single switch. 
Power Supply Equipment 
In order to convert the commercial electric power 
supply to forms suitable for supplying the filament and 
plate current for the vacuum tubes in the amplifiers, 
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two types of power equipment have been made avail¬ 
able. When the installation is of a size requiring the 
high-power amplifier, a vacuum tube rectifier taking its 
supply at 110 or 220 volts, 60 cycles, and delivering 
750 volts direct current for the plate circuits is em¬ 
ployed. A potentiometer arrangement provides a 
direct-current supply at 360 volts for the speech-input 
amplifier tubes. Full wave rectification is obtained 
and a filter consisting of a large series reactance coil 



Fig, 14a 


and bridged condensers is used to render the direct- 
current output suitable for this use. Included in 
the power equipment is a step-down transformer for 
supplying the filament of the power amplifier. For 
the larger installations, employing the rectifier, the 
total power dra^ from the commercial supply is 1600 
watts. ^ 

For installations of a size hot requiring the use of 
the high-power amplifier, a compact motor generator 


set is provided consisting of a 350-volt d-c, generator 
driven by a suitable motor, the total power drawn from 
the supply mains being about 600 watts. A low-voltage 
generator for supplying direct current at 12 volts for 
the operation of the amplifier tubes is incorponited in 
this motor generator set. A filter is necessary an<l a 
reactance coil and a 12-volt storage battery is floated 
across its output. This supplies the transmititers and 
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the tube filaments. The neees.sary iiulieating meters 
are provided on a meter ])anel for observing the volt¬ 
ages and currents of all the items of etiuipmtmt which 
do not have individual meters as.sociate(l with them, 

Observing System 

In addition to the monitoring projector provided in 
the control room for the guidantR* of the operator, it 
has been found necessary in all but the simplest instaJ- 
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lations to provide obseiwing stations at various pidnt« 
in the audience, The observers stationed at iht«e 
points are equipped with portable telephone .nets, by 
which they niay immediately communicate with the 
operator, who is provided with a telephone set consislmg 
of^a head receiver and a breast transmitter. The 
value of these observation stations for regulation of 
pu^ut volume during a program will be apparent. 

In the ,case of an open air performance a variable 
wind may make it neeessaiy to increase the volume of 
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certain projectors and decrease the volume of others 
in order to cover the audience uniformly. Without the 
observers, the control operator would be unable to 
take care of these changes. 

Considerable preparation is required where the equip¬ 
ment is being used for the fimt time, in order that the 
performance of the public address system installation 
will be of the highest order. Where the acoustic con¬ 
ditions are unfavorable it is necessary to make tests 


plete circle whose diameter is 2000 feet when the 
projector units are placed at the center. 

One of the largest and most successful uses to which 
this equipment has been put took place on Armistice 
Day in 1921 when 20,000 people in San Francisco, 
35,000 people at Madison Square Garden, New York 
City, and approximately 100,000 people at Arlington 
Cemetery near Washington joined in the impressive 
ceremonies which took place at the burial of the Un- 
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with various arrangements of the projectors, in ordei’ 
to determine the most satisfactory one.. It has been 
found advisable to carry out the entire program pre¬ 
vious to the performance in order that the operating 
force may become familiar with the sequence. 

Conclusion 

The usefulness of such systems is very well illustrated 
by a few of the results which have actually been ob- 
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known Soldier. Figs. 16, 16 and 17 are views at the 
three cities, during the ceremonies. 

Some of the other uses which have been made of the 
public address system are the Republican and Demo¬ 
cratic Conventions prior to the last presidential elec¬ 
tion, after-dinner speaking in large ballrooms and in 
halls where speakers have to address large audiences. 



Fig. 16b 

^ approximately 

m,(m pMp e, ev^ one of whom was able to hear 
cl^ anf totoetly all of the words spoken in Presi- 
dent Hardmg s maugural address in March 1921. This 
crowd was relatively small, compared with the crowd 
which could be accommodated by one of the la^ 
tj^syst^ Some insight into the numb® of people 

^ accommodated can be gained from the 
fact that such a system will cov® comfortably a com- 



Fig. 17a 

Thera is one more application of this type of equipmei 
^ich IS gaming rapidly in its use. This last is tl 
apph^tion of the speech input equipment to rad 
broad^ng The bmadcasting of “er^ 

Armory, and of the Philharmon 
Con^from the Great HaU of the College of Stt 
of New York are two of the successful uses m^ 
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and speech were concered, while broadcasting of the 
results of the football games from the various distant 
cities indicate possibilities for the dissemination of 
interesting information®. 

The social and economic possibilities of the system 
are scarcely realized by the public as a whole at the 
present time, when the method resorted to for reaching 
large numbers of people is usually the printed word. 
While this method is effective, it leaves much to be 
desired in that the personal touch between the man with 
ideas and the people to receive them is entirely lost. 
The difficulty for any but those possessing the strongest 
voices to reach an appreciable number of people at one 
time has led to a decline in oratory as a means of 
conveying public m^sages to large numbers, for it is not 
always the man with the best ideas or the best ability 
of presenting them, who is blessed with a powerful voice. 

8 . Use of Public Address Systems with Telephone Lines. 
W. H. Martin and A. B. Clark. 
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A system such as the one which has just been described 
enables the speaker, even though his voice be relatively 
weak, to address at one time and in one gathering, 
several hundred thousand persons, and if the sy.steni 
be used in connection with long distance telephone lines 
or radio broadcasting, the number which may be reached 
is increased almost indefinitely. The value of such a| 
situation, can hardly be overrated in times of natii)na 
emergency or stress, when it is necessary for those in 
responsible positions in the Government to gel; their 
message to the people directly. 

The development of the apparatus just described ha.s 
been.the result of the efforts of such a large number 
fo investigators working cooperatively that no 
attempt hasbeen made to acknowledge thein dividual 
contributions. 

Discussion 

For discussion of this paper see p. 8*?. 
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The combination of the public addreae ayatem and the telephone line makes it possible for a speaker to adtlrrss 
taneoualy audiences located at a number of places. This paper discusses various applications of this combination, states 
the requirements for the lines, shows the circuit arrangements used and describes epme of the important operating fmlurm. 

A description is given of the ayatem used on Armistice Day, 19St, when large audiences at Arlington, Nctc York 
and San Francisco joined in the ceremonies attending the Burial of the Unknown Soldier at the National Cemeterii at 
Arlington, Virginia. 

The application of the public address system apparatus and methods to radio hrondvasling is also briejly disemmtl. 


T he public address system which is described in 
a paper by I. W. Green and J. P, Maxfield, was 
developed and first used for the purpose of extend¬ 
ing the range of the voice of a speaker addressing an 
audience. With the aid of this system enormous 
crowds extending from the speaker's stand to points 
a thousand feet and more distant have in reality be¬ 
come an audience and have easily understood the 
speaker whose unaided voice covered only that portion 
of the crowd within a hundred feet or so from him. 

When this system, consisting of a high quality tele¬ 
phone transmitter, distortionless multi-stage vacuum 
tube amplifiers, powerful loud speaking receivers and 
projectors, had so shown its capabilities, in reproducing 
speech sounds, a logical extension of its application 
was to use it with telephone lines. By connecting the 
tr:ansmitting and receiving elements of the public 
address system through a suitable telephone line a 

Presanied at the Midwint^ Convention of the A. I. E. E 
New York, N. Y., February 14-17,19^8. * 


system is provided whereby a speaker can ad<lres.s 
an audience at a distant point. Also with a eoinpleU? 
public address system at the point where the speaker 
is located, connected by lines to receiving element.H of 
the public address system located at one or more dis¬ 
tant points, the speaker is enabled to addrcfss a large 
local audience and to be heard simultamKmsly by audi¬ 
ences at one or more remote points. This last arrange¬ 
ment was first used on Armistice Day, when 

audiences at Arlington, New York and San Francisco 
joined together in the ceremonies attending the burial 
of the Unknown Soldier at the National Cemeterv at 
Arlington, Virginia. 

^By means of the public address system, the meeting 
of this Institute at New York, at which this paper Is 
presented is attended and participated in by Institute 
members at a meeting in Chicago. This m the first 
occaaon on which complete public addr^ systems 
installed at meetings in two cities have been connected 
together by telephone lines so that speakers at each 
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meeting address the local and distant audiences 
simultaneously. 

With the transmitting element of the public address 
system working into the radio transmitter of a broad¬ 
casting station and with the receiving elements of the 
system connected to the output of the radio receiving 
sets, a system is provided whereby a number of people 
can be reached by each radio receiver. 

The combination of these wire and radio communica¬ 
tion channels with the elements of the public address 
system is, therefore, without limit in the number of 
persons who may be reached simultaneously by one 
speaker. Such combinations may prove extremely 
serviceable for occasions of nation-wide interest and 
importance. 

The public address system apparatus has been used 
not only for transmitting speech sounds but also for 
music, both vocal and instrumental. The paper^ 
describing the public address system has pointed out 
that the requirements for such a system are that for 
a wide frequency range it be practically distortionless, 
that is, transmit and reproduce with equal efficiency 
all frequencies in that range. This requirement must 
apply likewise to lines which are used with the loud 
speaker system. It has been found that a circuit which 
transmits without material distortion the frequency 
range from about 400 to 2000 cycles, can be used with 
the public address system to reproduce speech sounds 
which are fairly understandable under favorable condi¬ 
tions, although sounding unnatural. In general it is 
important to extend this range at both ends in order 
to improve the intelligibility of the sounds and 
increase the naturalness. For vocal and for some types 
of instrumental music the melody can be reproduced 
with the above frequency range, but these tones also 
^e lacking in naturalness. Since some of the musical 
instruments are used to produce tones three and even 
four octaves below middle C, it is evident that the 
proper reproduction of music requires a further exten¬ 
sion of the lower limit of the transmitted band than 
does speech, ’^^ile the fundamentals of the higher 
musical tones lie in general in the range mentioned 
above, it is the harmonics in musical tones which dis¬ 
tinguish those produced by different instruments and 
which give what musicians term “brilliance.” The 
true reproduction of many musical selections requires 
the distortionless transmission of a frequency band of 
from about 16 cycles to above 5000 cycles. Many 
musical selections, however, employ only a part of this 
mnge and accordingly can be satisfactorily reproduced 
by systems not transmitting the whole range. Also, 
even with slight distortion obtained with somewhat 
narrower ranges, reproductions may be given which 
are agreeable to many popular audiences. 

Line Requirements 

_ In gen eral the same line requirements which m ak e for 

L Green and Maxfleld, “Public Address System." 


satisfactory transmission of speech over commercial 
telephone circuits also make for satisfactory transmis¬ 
sion when telephone circuits are associated with loud 
speakers. There is this difference however. The 
loud speakers tend to make the line distortion much 
more noticeable and serious. Speech transmitted 
over a particular telephone line is, in general, more 
difficult to understand when listening to loud speakers 
than when listening to telephone receivers. 

In commercial telephone service the main require¬ 
ment is intelligibility while, with the loud speaker, 
the naturalness of the reproduced speech sounds is 
very important. People are accustomed to hearing 
transmission through the air with very little distortion 
and naturally expect the same results with loud 
speakers. 

The above constitute the reasons why, for trans¬ 
mitting voice currents over telephone lines with loud 
speakers, it is necessary to pay unusual attention to the 
electrical characteristics of the lines. Evidently when 
music is to be transmitted, particularly music of a 
fairly high grade, it is necessary to place even more 
severe electrical requirements on the lines. 

An analysis of what constitutes the electrical require¬ 
ments of a telephone line which make for good trans¬ 
mission, particularly when loud speakers are employed, 
will now be given. 

In the first place, as explained above, it is essential 
that a sufficiently broad frequency range be trans¬ 
mitted. As explained in another paper^ it is not suf¬ 
ficient that a telephone circuit transmit sustained 
altOTnating currents within a given frequency range. 
It must also transmit short pulses of alternating 
currents within the proper frequency range without 
introducing oscillations of its own or “transient effects.” 
This requires that loaded circuits for loud speaker use 
have a high cut-off frequency and hence have the fre¬ 
quencies of the predominant natural oscillations high. 
It has been found that when the cut-off frequency of 
loaded circuits is about 5000 cycles, good re.sults are 
secured with loud speakers. 

The two types of telephone circuit which best meet 
the requirements of transmitting a broad band of 
frequencies, both when sustained and when applied 
in short pulses, are non-loaded open-wire lines and 
extra-light loaded cable circuits. These are suitable 
for transmission over very long distances. For trans¬ 
mission over short distances, say from one point in 
a city to another point in the same city, non-loaded 
cable circuits equipped with distortion networks or 
attenuation equalizers for equalizing the attenuation, 
give good results. 

A good idea of the range of frequencies which can be 
transmitted over high grade telephone circuits can be 
secured from Fig. 1, which shows the transmission 
efficiency at different frequencies for the New York- 

2. Clark, Telephone Transmission over Long Cable Circuits, 
see p, 86. 
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intermediate points in the circuit will also be kept 
within proper limits. Long telephone lines are designed 
with special emphasis on this matter of constant 
efficiency so that, in general, no special precautions are 
required when using these circuits in connection with 
loud speakers. 

In another paper,* the ‘‘echo’’ effects which may 
occur on long telephone circuits are explained. When 
setting up two-way circuits for loud speako* use, it is 
necessary to pay particular attention to effects of this 
sort. Furthermore, there is another source tending to 
produce echoes in circuits arranged for two-way use with 
loud speakers. This isthetendencyforthe sound deliv¬ 
ered from the loud speaker projectors to enter the sen¬ 
sitive transmitter and be returned to the distant end of 
the circuit as an echo. Owing to the relatively slow 
velocity of transmission of sound through air the lag in 
such an echo may begreat enough to be serious, although 
the line is a short one with high transmission velocity. 
It is, therefore, evident that this coupling through the 
air between the loud speaker projector and the trans- 
naitter must be kept small. If a very sensitive trans¬ 
mitter arranged so that a speaker may stand several feet 
away from it is employed, this problem becomes even 
more difficult. 

There is one thing more that remains to be considered: 
the necessity for special operation. When a large 
number of people are assembled at some point to hear 
an address delivered at a distant point, it is evident that 
delay in establishing the connections cannot be tolerated. 
It is, therefore, necessary to establish such connections 
ahead of time and it is usually also necessary to set up 
spare circuits for use in case of failure of the regular 
circuits. A special operating force is required for 
checking up the circuits, establishing the connections 
when required, and making the necessary adjustments. 



Pig. 3—One-Way Connection to Point in Same City 

Rehearsals are necessary oh important occasions to in¬ 
sure proper functioning of the circuits and proper co¬ 
ordination of the handling of the circuits with the 
programs at different points. 

Typical Circuit Combinations op Public Address 
System and Lines 

Following are a number of typical combinations of 
the public address system and telephone lines. The 
combinations by means of which one-way service may 
be rendered, are given first, following which certain 
combinations for giving two-way service are discussed. 

By one-way service is meant service in which no 
provision is made for anyone in the distant audience to 
8. dssck. loc. cit. 


talk to the place where the speaker is located. Two- 
way service provides for speakers at either of two or 
more points addressing all of the other points. This is 
siTnilar to the two-way service rendered by regular 
telephone circuits. 

Fig. 3 shows the circuit arrangement which would 
be used when a speaker at one point in a city, for exam¬ 
ple, at his office, is to address an audience at another 
point in the same city. A high quality close talking 
transmitter T, together with a fixed gain single-stage 
amplifier A, are provided at the point where the speaker 
is located. This combination is designed to deliver to 
the line the same amount of power as a commercial 
type substation set. Connecting this point with the 



Pig. 4—One-way Connection to Point in Distant City 

point at which the audience is gathered is a non-loaded 
cable circuit. To correct for the distortion in this cable 
circuit, an attenuation equalizer E is provided. The 
apparatus at the point where the audience is located is 
the equipment of the public address system without the 
transmitter and its associated amplifier. In Fig. 3, B 
is the amplifier for delivering sufficient power to the 
group of loud speaker projectors indicated by R. A 
volume indicator V associated with the amplifier B is 
used in maintaining constant the volume of sound 
delivered from the projectors. 

Fig. 4 shows the circuit combination required when 
a connection is to be established to a distant city where 
the loud speaking receivers are located. In the city 
where the speaker is located, connection is made to the 
toll office by means of a non-loaded cable circuit equip¬ 
ped with an equalizer similar to Fig. 3. A volume 
indicator Vi is associated with the amplifier Ci at the 
toll office to enable proper adjustment of amplifier Ci 
to be made so that the power delivered to the toll line 
will be within the proper limits. As explained above 
if the volume at the toll office is allowed to become too 
great, the telephone repeaters on the toll line will be 
over-loaded and serious distortion will result, while if 
the volume is allowed to become too weak, extraneous 
noise and crosstalk will tend to obliterate the direct 
transmission. If a distant talking transmitter is used 
for the speaker, a multi-stage adjustable amplifier is 
^ociated with it. In this case the volume indicator 
is located at the output of this amplifier as shown by 
the dotted lines in Fig. 4. When the volume indicator 
is employed at this point it is necessary to take into 
account the loss introduced by the non-loaded cable and 
the equalizer Ei, together with the gain of the repeater 
Ci, in order to deliver volume within proper limits to the 
toll line. The toll line, shown equipped with repeaters 
Elf Eif etc., extends to the toll office in the distant city. 
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At this point the amplifier C 2 is located, together with 
another equalizer E^y for correcting the distortion in the 
local non-loaded cable circuit. The apparatus at the 
point where the audience is located is similar to that 
shown in Fig. 3. 

Fig. 5 shows the circuit combination employed when 
a local address is to be given, while at the same time the 
same address is delivered to one or more distant points. 
In order to allow the local audience to hear the address 
by means of the loud speakers, the power amplifier B 



of the output of each transmitter to pass into the local 
loud speakers. These by-pass connections are so 
arranged that transmission can pass only in the proper 
direction. Two volume indicators are provided at each 
end. Referring to the left-hand terminal, volume 
indicator Vi is provided to insure that power is supplied 
to the toll line within the proper limits of volume, as 
ejcpiained above. Vz is provided to facilitate adjust¬ 
ment of the by-pass circuit Fx and of amplifier so as 
to deliver proper volume from Ri both for the local 
talking and for the reception of the addresses from the 
distant end of the circuit. The volume indicators Vq 
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Pig. 5—One-way Connection for Addressing Local and 
Distant Audiences Simultaneously 



Fig. 7—Two-way Two-wirk Connection fou Aoouewinu 
Local and Di.stant AiTDiBNcif:.*!} 


supplying energy to these is bridged across the output and y 4 at the right-hand end of the circuit have func- 
of the amplifier A associated with the transmitter T. tions similar to those of V, and Va respectively. 

A volume indicator V, connected across the circuit at Fig. 7 is similar to Fig. 6 with the exiieption that the 
the point where the bridge is made, makes it possible toll line is of the two-wire tyi>e. At each end of the 
to maintain constant volume both for the local loud toll line, which may, or may not, (iontain two-way 
speakers and for the transmission applied to the toll repeaters, transformers and networks A7, and AT., are 
lines by suitable adjustrnent of amplifier A, At the placed for converting the two-wire (drcuit into a four- 
toll office means are indicated for connection to two wire circuit. The equalized cable <rircuit;s at the two 
distant points X and Y. Owing to the fact that ends thus form two sides of short four-wire circuits, 
amphfiers Ci and Ca are one-way devices, no inter- The conditions of balance between the networks and 
^tions can occur between lines X and Y or between these the toll lines prevent more than a very small amount of 
lines and the local loud speaking system. The arrange¬ 
ments for reaching the distant points X and Y are 
similar to the one illustrated in Fig. 4. 

All of the circuit arrangements which have so far been 
described are arranged simply so that a speaker may 
address one or more local or distant points. When it is 


Fig. 6—Two-way Four-Wire Connection for Addressing 
Local and Distant Audiences 
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desired that the speaker and the audience at the sending 
end be able to hear, also, a speaker at the distant point, 
more complicated arrangements are required. 

Fig. 6 shows a circuit arranged for Such two-way 
service, the line being operated on the four-wire princi¬ 
ple, i. e.y two separate transmission paths are provided, 
one for “transmission in each direction. The circuits 
connecting transmitter Ti with the projector group Rz 
and transmitter 3^2 with the projector group are 
similar to the circuit in Fig. 4. Byrpass connections 
Fi and Fz are added at the two ends which allow part 


Fig. 8 —Aiirangemenv for Comnecti.vu Tiiird |V»int to 

CiRCiriT OF Fig. 7 

the direct transmission from each local transmitter 
froni entering the local loud speaking receiver circuit 
at the points where the local circuits connect to the 
toll line. Practically all of the transmission from trana- 
mitter Ti to projector group Ri and from transmitter 
ia to projector group Ra is delivered through the ad- 
ju^able by-pass circuits Fi and Fg, respectively. 

For connections requiring to and fro conversations 
between thr^ or more points, all of which may be 
equipped with loud speakers, intermediate points may 
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be connected to a two-wire telephone circuit by employ¬ 
ing the arrangement shown in Fig. 8. A three-winding 
transformer is inserted in the toll line which is so con¬ 
structed that the impedance which it introduces into 
the circuit is small enough to avoid a serious irregular¬ 
ity. Talking currents are put out on to the toll line 
through this transfoimer. The received transmission 
is obtained from a high impedance bridge across the 
midpoints of two of the windings of the three-winding 
transformer. Amplifiers Cx and introduce sufficient 
gain to overcome the losses due to the inefficient coup¬ 
ling with the telephone line. The rest of the circuit 
at the intermediate point is the same as Figs. 6 and 7, 
the local speaker being heard by his own audience by 
means of transmission delivered through by-pass F. 
A modification of the arrangement of Fig. 8 can, of 
course, be used with a four-wire toll circuit. 

Arrangements for Armistice Day, 1921 

Fig. 9 shows the circuit which was employed on 
Armistice Day, 1921, when audiences of 100,000 people 


amplifier A 2 , separated into two branches, one branch 
going to the local amplifier Bi, which supplied the local 
loud speakers jRi, the other going to the telephone 
circuit through amplifier switch S\ and amplifier 
Cl. The switch Si was provided for connecting either 
the announcing transmitter Ti or one of the transmit¬ 
ters for picking up the ceremonies to the end of the 
toll line. Vi and V^. are volume indicators, Vi being 
employed to indicate that the proper power was being 
put into the toll line, while Vi furnished an indication 
of the volume which was being delivered by the pro¬ 
jector group Ri. During the ceremonies the amplifier 
Ci was continuously adjusted so as to deliver proper 
volume to the long distance telephone circuit, the 
volume indicator Vi making it possible to keep the 
volume applied to the toll line within close limits. 
At the same time independent adjustments were made 
of the amplifier Bi to take care of the varying conditions 
introduced by the different talking conditions as well 
as the varying conditions introduced by shifting of the 
crowds listening to the ceremonies. 


SAN FRANCISCO NEW YORK 

CWIC AUOrraRIUM MADISON SQUARE CARDEN 



at Arlington, 36,000 people at New York and 20,000 
people at San Francisco, joined in the services at the 
burial of the Unknown Soldier. This was the first 
time that audiences at more than one distant point 
were simultaneously addressed from one point by means 
of the public address system. 

At Arlington three different transmitters Ti, Tz and 
T 4 were used for the different parts of the ceremonies. 
Ti was used for the musical selections, Ta for the 
speeches made in the amphitheatre, and T 4 for the 
speeches at the grave of the Unknown Soldier. Another 
transmitter T 1 was provided for the use of an announcer 
who kept the audiences at New York and San Francisco 
advi^d of the proceedings. The speech currents 
leaving these transmitters were brought up to moderate 
volume by means of amplifiers A 2 and Ai, the former 
taking care in turn of the three different transmitters 
employed during the ceremonies. 

The voice currents from the transmitters which were 
employed for the ceremonies, after passing through 


After leaving the amplifier Cx at Arlington, the voice 
currents first passed through a non-loaded section of 
cable whose distortion was corrected by equalizer 
El, A non-loaded 8-gage open-wire circuit carried 
the voice currents to New York City. At this point, 
the circuit again branched, one branch delivering 
a part of the voice currents to the apparatus at Madison 
Square Garden, the other branch going to San Francisco 
over one of the non-loaded No. 8 gage transcontinental 
circuits. The arrangements employed at Madison 
Square Garden and at the Civic Auditorium in San 
Francisco were similar, switches being provided at each 
point to connect to the projector groups the circuit 
from Arlington or from the local transmitter. 

. The difficulties involved in transmitting voice cur¬ 
rents for the first time to loud speaker installations at 
distant points, as well as the great importance of the 
occasion, made it necessary to take elaborate pre¬ 
cautions in order to insure the success of the under¬ 
taking. The long distance telephone circuits were 
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the ceremonies at the grave, therefore, these loud 
speakers were disconnected and those numbered 22 to 
26 used instead. Also in order to properly cover the 
inside of the amphitheatre during the ceremonies at 
the grave, the small projectors 30 and 33 were used. 
These were located on the arch over the plat¬ 
form and were directed at the front seats in the 
amphitheatre. 

The projectors were divided up into a number of 
small groups and so connected that the volume of 
sound delivered by each gyoup could be varied without 
affecting the other groups. This was necessary in 
arriving at the power to be delivered by each pro¬ 
jector to give uniform distribution and to avoid inter¬ 
ference between different groups. 

By means of these arrangements all parts of the cere¬ 
monies were carried to all parts of the audience at the 
National Cemetery and were also delivered by means 
of the lines to the audiences in the distant 
cities. 


and there is connected to the toll lines which are operated 
in the same marmer as described above for loud speaker 


use. 


At New York, a group of fifteen loud speakers was 
used in Madison Square Garden to satisfactorily reach 
aU parts of the audience and a group of twenty-one 
loud speakers was suspended outside the building for 
the outside audience. At San Francisco, ten loud 
speakers were used in the Civic Auditorium and seven 
outside. 

Use op Public Address System Apparatus with 

Radio 

When radio broadcasting came into general use, the 
apparatus and methods which had been developed for 
the public address system were applied to this new field 
as it also demands high quality reproduction for speech 
and music. The transmitters and amplifiers associated 
with them in the public address system are used in radio 
broadc^ting studios for delivering speech frequency 
electrical power to the radio transmitter. Loud speak¬ 
ing receivers and amplifiers for delivering sufficient 
power to operate them are used with many of the 
radio receiving sets. 

The methods which have been employed to connect 
public address system transmitters with toll lines are 
being used for the broadcasting by radio of speeches and 
music given at points remote from the radio station. 
In such cases the transmitter and its associated ampli¬ 
fier are operated and controlled in the same way as 
described above for toll lines. In some cases the radio 
station is in the same city as the place where the speech 
or music is given and in other cases the two have been 
m different cities. In the first case the output of the 
transmitter amplifier is carried to the radio station over 
non-load^ cable circmts which are equalized by means 
of distorbon correction networks to have uniform 

in some cases up 

to 6000 cycles. TOere.the two points are in different 
cities, the non-loaded cable circuit goes to the toll office 


For some of the higher grade music, such as that 
given by symphony orchestras, the less efficient, but 
slightly higher quality condenser type transmitter has 
been used instead of the double button carbon type. 
This requires the use of ana dditional two stage amplifier 
in front of the regular three stage transmitter 
amplifier. 

The output of the transmitter amplifiers is controlled 
with the aid of a volume indicator bridged across the 
output terminals of the amplifier. For best results, 
particularly in reproducing music, it is necessary to 
adjust the gain of these amplifiers to compensate 
partially for the large range in the volume of the music. 
If the amplifiers are set high enough in gain to send 
through the low passages of the music with sufficient 
volume so that it will override the static and the inter¬ 
ference from other sending stations, the loud parts of 
the music will seriously overload the radio transmitter 
system, unless it is of very large capacity, and will in 
general overload the receiving sets. Furthermore, 
putting out these loud parts at the same relative level 
with respect to the low passages as they are given by the 
orchestra, makes the interference between radio 
stations more serious. In some orchestral concerts the 
power amplification of the transmitter amplifier has 
been adjusted over a range of more than a hundred to 
one, these changes being made, however, so that they 
were not noticed by those listening to the concert by 
radio. 

Proper volume control is very important in picking 
up such music for radio broadcasting. The lack of such 
control is responsible for many of the poor results that 
are being obtained. In this connection, the location of 
the transmitter with respect to the various instruments 
in the orchestra or smaller combination of instruments, 
so as to maintain in the reproduced music the proper 
balance between the several parts is, of course, of great 
importance. 

An interesting illustration of the combination of the 
public address system, telephone lines and radio broad¬ 
casting was used in connection with reporting a foot¬ 
ball game played in Chicago in the fall of 1922. By 
means of high quality ti^smitters and amplifiers 
located at the football field, announcements of the plays 
and the applause of the spectators were delivered to 
a cable circuit extending to the toll office in Chicago, 
ihis circmt was connected there to a toU line to New 
York where it delivered the telephonic currents to a 
radio broadcasting transmitter. In Park Row, in 
New York City, was located a truck on which was 
m<^ted^a radio receiving set arranged to operate a 
public address system. By this means the reports 
of the plays of the football game in Chicago were 

aeiiyered to a large crowd in the streets of New 
York. 
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Discussion 

DISCUSSION ON “PUBLIC ADDRESS SYSTEMS” 

(Gbben and Maxmeld) and 

“USE OF PUBLIC ADDRESS SYSTEM WITH TELE¬ 
PHONE LINES” 

(Martin and Cdark) 

New York, N. Y., February 14, 1923 

Frank B. Jewett: To you, members of the American Insti¬ 
tute of Electrical Engineers, and to you, our guests assembled 
together in New York and Chicago, I wish in opening this first 
evening meeting of our Midwinter Convention especially to call 
your attention to the unique, significance of the occasion which 
brings us together and of the epoch in engineering history which 
it marks, not only in electrical development but in the conduct 
of human affairs as well. 

For the first time in the history of the world, groups of ttiat^ 
and women, separated by hundreds of miles, are gathered to¬ 
gether in a common meeting under a single presiding officer to 
listen to papers presented in cities separated by half the span of a 
Continent, and to take part in the discussion of these papers with 
an ease characteristic of discussions in small and intimate gather¬ 
ings. At the same time unnumbered thousands in their homes 
are auditors of our deliberations through radio broadcasting. 

Who can picture the limits of the effect and influence which 
will flow from the developments of electrical science and electrical 
engineering which have made this night possible. In truth, we 
are participants in an historical event and our children, nay even 
many of us, may see the agency we here use employed with 
mighty effect in controlling our collective relations in state and 
nation. Someone has said that the greatest political engine 
ever devised was the colonial town meeting where every question 
of importance was debated and discussed in an open forum of all 
the citizens. Be that as it may, we are well aware that our best 
government today is found in those small political units where the 
town meeting in some form is feasible and still persists. It is 
only when we come to the larger units of city, state and nation 
that the limitations on common discussion of vital matters,, 
which are imposed by sheer physical size, evidence themselves 
ill cumbersome and inadequate substitutes for personal discus¬ 
sion and oft-times in unsatisfactory results. 

May it not be that in this two-way working telephone with its 
sensitive transmitters and loud speaking receivers we have the 
instrumentality for insuring a simpler and better ordering of our 
affairs—an instrumentality which will enable us to derive many 
of the benefits of the town meeting in the greater concerns of our 
national life. The mechanism which we are here using is one 
adapted to permit many speakers in many distant audiences to 
be heard by all who care to listen and take part in a common 
discussion. In voicing the opinion that this mechanism is 
destined profoundly to affect our political and economic ma¬ 
chinery, I intend toconvey no thought or picture of a pure democ¬ 
racy but only of a representative form of government in which 
all questions that would bo helped by oral discussion can be so 
discussed without restraint from the physical limitations of the 
human voice or of distance. They might be discussions between 
widely separated groups on some matter of common concern or 
between a designated representative and his constituents, or 
in any of the thousand and one ways in which human beings 
better their conditions by oral discussion. 

In the hands of the members of this Institute the telephone has 
been developed from the first crude concept of Alexander 
Graham Bell’s great contribution to knowledge and great gift 
to mankind, i)ito a machine of incalculable influence in human 
affairs. The successful realization of a dream, a hope and an 
inspiration dating back to the pioneer days of Bell himself, 
namely, the production of a loud speaking telephone which would 
reproduce the human voice faithfully but in stentorian tones and 
in many places simultaneously has now been accomplished. 
In the solemn exercises attendant upon the burial of the Unknown 


Soldier at Arlmgton on Armistice Day a year ago, we had the 
curtains of the future drawn partially aside and saw vast audi¬ 
ences in New York and San Francisco co-mingled, as it were, 
with those who listened on the banks of the Potomac, but those 
exercises and all subsequent exercises and demonstrations have 
been in the nature of one-way transmission; that is, they have 
been arrangements in which the speakers were at one place and 
the audience at one or more other places, or they have been 
arrangements where a single audience listened to speakers in 
different places. Tonight, for the first time, we are witnessing 
and making use of the next step in the development by employing 
an arrangement which enables many speakers and many audi¬ 
ences in many places to meet as one body. 

From the arrangement at Arlington to that of tonight may 
seem a logical next step. So it is for those who have the imagi¬ 
nation to picture the futme, but so too was the concept of a loud 
speaking telephone a simple logical next step to anyone who had 
witnessed the operation of an ordinary telephone. In both eases the 
next step that was easily logical in the imagination has been techni¬ 
cally difficult in reality. It is neither my purpose nor my place 
as the presiding officer to trench upon the papers and discussion 
intended to describe and exemplify this new instrumentality. 
Before proceeding to the more formal part of our program, 
however, I wish merely to call your attention to the fact that we 
lack only direct distant vision to make this joint meeting one in 
very fact save only for the element of the personal proximity of 
those m attendance, and who among us is hardy enpugh to be¬ 
lieve that this last limitation may not be removed within the 
lifetime of many of those now here. Fundamental and applied 
research are opening new doors daily in bewildering succession. 
When they open that last door which now prevents man from 
exercising at a distance all of his powers of personal intimate 
communication we will have another noteworthy meeting of this 
Institute. 

Tonight, however, we must be content with full powers of 
speech and hearing but with partially defective vision. So it 
comes about that you, Mr. Schuchardt, our Vice President, in 
Chicago, and you, Mr. Rhodes, my Vice-chairman, are each in a 
unique position, a position in which one of you is acting in place 
of the President at a meeting where the President himself is in 
attendance in his official capacity, and the other is acting simi¬ 
larly for the President in his capacity as presiding officer. Some 
day this may not be necessary, but for the moment we are really 
acting as the eyes of this great joint meeting and are transferring 
as best we can the functions of distant vision by means of human 
speech. 

R. F. Schuchardt: Mr. President, members and guests of 
the Institute gathered in the metropolis on the Atlantic shores 
and in this active city of the great central west, and those many 
others who with radio detectors are participating in this truly 
national meeting: 

This is indeed a wonderful experience for all of us—an epoch- 
making event in history, as you. President Jewett, have so well 
said. Through the agency of devices which are already the famil¬ 
iar tools of telephone engineers, though still marvels to most of 
us, we are living for a few hours this evening in the identical 
mental atmosphere though vast stretches of our country separate 
us physically. In contemplating the means which make aU this 
possible we recognize the debt that the world owes to the men 
whose achievements this represents—^the patient, enthusiastic, 
talented engineers of the American Telephone & Telegraph 
Company and of that splendid Research Bureau of the Western 
Electric Company where Col. Frank B. Jewett has played such 
a leading role. 

Never in history has there been such advance in the things that 
progress civilization, chief among which is transportation- 
transportation of material things, as done by the ocean grey¬ 
hounds that bring Europe within a few days of our eastern coast 
and by the railroads that cross the continent in even less time, 
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and now also by the still swifter airships; transportation of energy 
from hydro or steam plants over great electric transmission lines 
to distant markets; and that transportation of thought, the 
broadcasting of intelUgence, that we enjoy this evening. All 
of these things annihilate distance and bring people closer to¬ 
gether, into more intimate kinship. Yet we have the para¬ 
doxical situation that in the past decade, in the midst of this 
advance, there occurred the greatest outburst of barbarism 
known to the history of civilization. 

The Phoenix that rises from the ashes must be largely the 
work of the engineer, and what can be more potent here than this 
contribution of the telephone engineer. President Jewett h a s 
eloquently pictured its possibilities in relation to our national 
affairs and no doubt his picture will materialize. May we not 
hope that the ease with which peoples on opposite sides of bound¬ 
ary lines in Europe can thus be brought together, ear to ear, if not 
face to face, will serve powerfully to show them that their funda¬ 
mental interests and their aspirations are common and in reality 
they are all kin. The engineers of those countries must and will 
lead the way. 

This wonderful work of the American telephone engineer, so 
forcefully brought home to us all by this evening’s experience, 
will serve as an inspiration to engineers in other fields. It em¬ 
phasizes splendidly^ the great value of engineering research, it 
stimulates the imagination, and will encourage others to renewed 
efforts. The engineer appreciates his obligation for worth¬ 
while accomplislment for the common weal, and he rejoices in 
all opportumties in which to express this appreciation. 

In conclusion, Mr. President, may I tell you how deeply the 
Great Lakes District feels the honor and the special favor of 
being permitted to join in this memorable meeting so uniquely, 
and we thank you and your associates for making this oppor- 
tumty possible. 


thousands of persons,, many of whom would, under former 
eu*cudistances, be merely indifferent onlookers. 

The growth of our urban centers has reached such a point 
that for an individual to speak directly and at one time to any 
considerable portion of its inhabitants has become a physical 
impossibility. These physical limitations have been removed 
and the public speaker will now be able to much more effeistivoly 
play his part in developing and molding public opinion. 

In rural communities it is seldom, if ever, that any considerable 
number of its inhabitants have the opportunity to hear the v'oices 
of our National figures. On great public occasions whether they 
be State or National, it will now be possible for these people to 
gather in their local centers and have the voices of public men 
and the music of great bands or orchestras brought directly and 
naturally to their ears, whether the event itself be a hundred or a 
thousand miles away. 

One could go on indefinitely and enumerate specific e.xamples of 
the Venable applications of this new development, l)ut it seems 
sufficient to point out some of these broader applications and to 
express the confidence that as new uses arise, the technical means 
will be av^ablis to accomplish the desired results. 

B. E. Sunny: The American Institute of Electrical Engineers 
is tonight collecting an extra dividend on its investment, m time 
and effort, in helping for so many years in the development of 
the electrical industry. 

It is holding a joint meeting in New York and Chicago by 
means of the long- distance telephone and the loud speaker. 
The occ^ion is a scientific triumph, in the achievement of which, 
the Institute will cheerfully be given a generous share. 

For forty years it has been the international agency for as- 
sembUng and coordinating the human elements required by a 
new industry of unlimited significance in its possibilities for 
public service. 


E. B. Graft: The papers to which we have listened this 
evenmg establish another milestone in the aji; of electrical 
commimication. 

The which has been described and demonstrated for 

complete the picture of the possibilities 
of the wansmission and reception of the spoken word. 

During the past ten years we have seen the range of the wire 
communication systems extended so that it is now possible for 

individual 

Within the confines of the contment. 

The developmente in radio broadcasting during the same period 
ha'ie made it possible for an individual to apeak directly and 
^ultaneously to nnlirnited numbers of individuals located 
at a similar number of different points. 

development which we have christened the 
pubho address system, adds another and tremendously important 
possibihty which is that an individual may converse directly 
with groups of mdividuals of practically unlimited size Ful 
th^more, they can be assembled in direct view of the speaker 
or tough the agency of wii-es or radio these large ^ourmav 
be located anywhere wuthin the confines of our l^d on the 
islands ad]acent or on the ships at sea. ’ 

T ^ *^iese agencies aU that would seem essential 
to Man s ch-eam of universal intercommunication.- 
It may be of interest to consider brieflv some nf +iio •», -ui 
»s« to which this new imtnmcnt™^ 

^ It is a noteworthy fact that many of our laro-fifit ^ . 

Through^^SC^ quaJities. 

“rS to W? 

eneigy by which his vmVo controlled volume of 

rgy y inch his voice may be made to-reach audiences of 


16 nas oeen me common gathering place.—the home, in fact, 
of the fraternity, where theories and problems have been fully 
and frankly discussed. It has been the clearing hou.se for elec¬ 
trical ideas, plans and methods. In its meetings tlm rivalrio.s 
growing out of keen and continuous competition have been for¬ 
gotten, and a spirit of unity has always prevailed. 

The success in the various branches,—electric lighting, trans¬ 
portation, telephone, etc., has necessarily como by slow degrees, 
but at a very much earlier date than could have boon the case,’ 
were it not for the opportunities and assistance given by the 
Institute. 

The awarding of the Edison Medal is one of the inspiring and 
stimulating processes of the Institute, by which 14,000 or more 
men are held together, in an earnest and enthusiastic campaign 
for the advancement of the profession. 

The Edison Medal is an impressive tribute to the men who, 
m a large degree, represent the remarkable strides that have been 
made in modem electrical application. 

In the list are men who differed in their theories and practises 
with respect to manufacture and operation, but these difforonees 
have long since been disposed of by the law of the survival of the 
nttot, which seems to have unusual applicability to electrical 

The public service is no respecter of persons and, as the final 
judge, accepts or rejects our efforts, without emotion. 

The contributions to the art by each of these men have been 
tremendously important and valuable, and they are highly 
esOTying of the distinguished recognition they have received. 
In their gemus, industry, integrity, leadership and achievemonts 
they ^e our glory, and we are indebted to the Institute for having 

placed them in our Hall of Fame. 

We members of the Institute who have felt that the many 
important discoveries and inventions in electricity should give 
us permanently a place in the center of the stage, in Zstrong 
light of public approval, are gratified at the announcement by 
our brothers m the medical profession that they have found the 
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Review of the Subject,—The application oj telephone repeaters 
has made it possible to me small gOrge cable circuits to handle 
long distance telephone service over distances up to and exceeding 
1000 miles. A general picture of the long toll cable system which 
is being projected for use in the northeastern section of the United 
States was presented recently by Mr. Pilliod before this Institute.* 
Many of the circuits in these toll cables are so long electriccdly 
thai a number of effects, which are comparatively unimportant in 
ordinary telephone circuits, become of large and sometimes conn 
trolling importance. For example, the time required far voice 
energy to traverse the circuits becomes very appreciable so that 
reflections of the energy may produce ‘^echo" effects very similar 
to echoes of sound. The behavior of the circuits under transient 
impidses, even when two-way operation is not involved so that 
‘^echoes” are not experienced, is very important. In order to keep 
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within proper limits of variation of efficiency with frequency over 
the telephone range special corrective measures are necessary. 
Oioing to the small sizes of the conductors, the attenuations in the 
longer circuits are very large. Special methods are, therefore, 
required to maintain the necessary stability of the transmission, 
including automatic means for adjustment of the repeater gains to 
compensate for changes in the resistance of the conductors caused by 
temperature changes. 
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T his paper aims to present an idea of what is 
involved in the transmission of voice currents over 
long toll cable circrdts. Because of the breadth of 
the subject covered, no attempt has been made to make 
the discussions of the various items complete, or to in¬ 
clude many of the results of the experimental and theo¬ 
retical work which contributed to a solution of the 
problems and which has involved the cooperative efforts 
of a large number of engineers and investigators. This 
paper should be considered merely as an introduction 
to the subject. It is hoped that subsequent papers will 

a Pilot Wire i r 


important effects encountered in long cable circuits are 
discussed and their reactions on the design of cable 
systems indicated. 

In view of the discussion on telephone repeaters 
given in the Gherardi-Jewett paper,* which was 
presented before this Institute on October 1, 1919, it 
will be assumed that the reader of the present paper is 
familiar with the general features possessed by the 
various types of such devices and, accordingly, no 
descriptions of them are given, their over-all perform¬ 
ance only being of interest in the present connection. 
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Fig. 1—Different Types 

be presented dealing with these matters in more detail. 

For the benefit of those who are not intimately in 
touch with telephone transmission work, the different 
types of circuits used in toll cables are first briefly 
reviewed. The important characteristics of the load- 
ing syste ms are then presented. Following this, various 
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OP Cable Circuits 

Different Types op Cdemxjits 

The different types of circuits used in toll cables are 
illus^ated in diagrammatic form in Figure 1. Circuit 
“b” is a two-wire telephone circuit employing a 21-type 
telephone repeater. This type of circuit is employed 

1. Transactions of A. I. E. E., Vol. XXXVIII, Part II, p. 
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handling connections on which but one tele- 
i:-epeatCT is involved. Circuit is a typical 
re circuit on which the familiar 22-type telephone 
srs are operated. Circuit is of the four-wire 
liich employs two transmission paths, one for 
section. The function of the pilot wire circuits, 
11 be taken up later. 

• the exception of circuit “6’’, which possesses 
.itation that it cannot advantageously be con- 
to another circuit containing telephonerepeaters, 
xiits shown in the figure may be connected, when 

з, to circuits of the same or other t 3 ^es, such as 
Li*e circuits, to build up various telephone con- 
3- In general, circuits such as “c,” employing 

repeaters, are used for handling connections of 
fce lengths, while circuits such as of the four- 
>e, are employed for the longer connectio ns where 
xsmission requirements are more severe. 
Idition to employing the cable conductors for 
rig telephone service, these may also be arranged 
lish d-c. telegraph service. Apparatus for 
:-ting the circuits so as to permit this super- 
of the d-c. telegraph is indicated on the draw- 
i general, the method of compositing the small 
IdIs circuits is the same as that employed for 
-ting open-wire lines. The telegraph circuits 
, however, operate with a metallic instead of a 
d return and employ much weaker currents than 
ommon on open wires. Telegraph currents 
sci in the cables are comparable in magnitude 
voice currents. 

vo-wire circuits in toll cables employ conductors 
.0 or No. 16 A. W. G. while for the four-wire 
No. 19 wire conductors are usually em- 
(No. 19 wire weighs 203^ pounds per wire 
' 6.8 kilograms per kilometer. No. 16 wire 

wice as much). 

Loading Characteristics 

i^eights of loading are usually employed. These 
nonly known as “medium heavy loading” and 
.^ht loading” and in this paper they will be 
to for brevity as “m.h.l.” and “x.1.1.” 
■ely. The medium heavy loading employs 
ing an inductance of about 0.175 henry in the 

и. its, spaced 6000 feet apart, (approximately 
□.eters); the extra light loading employs coils 
n. inductance of about 0.044 henry for the side 
with the same spacing. The capacity per 
section for the side circuits is approximately 
irofarad. 

medium heavy loaded side circuits have a 
•istic impedance of about 1600 ohms, and a 
'equency of about 2800 cycles. The extra 
led side circuits have an impedance of about 
i and a cut-off frequency of about 5600 cycles, 
shows the attenuation-frequency character- 
STo. 19 and No, 16 side circuits with the two 


types of loading. It will be observed that the m. h. 1. 
circuits have lower attenuation for frequencies below 
about 2500 cycles, as should be expected from the fact 
that the inductance per mile introduced by the loading 
coils is greater. However, the attenuation is more 
nearly equd at different frequencies in the case of the 
X. 1.1. circmts, this being particularly true at the higher 
voice frequencies. 

Another important characteristic of loaded circuits 
when repeaters are involved is their velocity of prop¬ 
agation. Since the inductance per mile of x. 1. 1. 
circuits is only ^ of that for m. h. 1. circuits,’ 4e 
velocity of propagation is twice as great for the x. 1.1. 
circuits as indicated by the well-known approximate 
formula 

y=(Lo-^ 

Where V is the velocity in unit lengths per second, L is 
the inductance in henries per unit length and C is the 
capacity in farads per unit length, the unit of length for 
expressing velocity, inductance and capacity being the 
same. 



PiQ. 2 —Attbnuation-Fkbqijbncy Charactbbistics of 

Loadbd Cablb Sibb Circuits 

The X. 1.1. type of loading is best for the longer cir¬ 
cuits, because of the more nearly equal attenuation of 
currents of different frequencies, its higher velocity of 
propagation which permits more efficient operation of 
telephone repeaters, and also its comparative freedom 
from transient effects, as will be explained in more 
detail later. For the shorter circuits where these 
effects are not so important, the m. h. 1. type is satis¬ 
factory electrically an.d is therefore employed, since 
fewer repeaters are required owing to the lower attenua¬ 
tion. 

“Echoes” 

As is well known, whenever points of discontinuity 
or unbalance occur in a telephone circuit, reflections of 
electrical energy take place. If the circuit is long so 
that the time for transmission is apprecia-ble and if also 
the losses are not so great as to cause the reflected 
energy to become inappreciably small before it reaches 
the ear of a listener, echo effects will be experienced. 
While, in general, reflections take place in any telephone 
circuit actual echoes are never appreciable unless tele- 
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phone repeaters are employed. In the case of circuits 
with repeaters, the electrical length is usually great 
enough so that an appreciable length of time is required 
for the voice currents to travel to some discontinuity 
and back again. Furthermore, the repeater gains keep 
the reflected voice currents large. 

It should be understood that the echo effects which 
are experienced in long repeatered circuits are due to 
the same unbalances, which, on shorter circuits, bring 
in trouble due to ^‘singing,” or distortion of the voice 
waves due to “near-singing.’’ On electrically long 
circuits, due to the comparatively great time lags 
involved, the echo effects become of controlling im¬ 
portance. Consequently, it is, in general, necessary 
on such circuits to work the repeaters at gains well 
below those at which “singing” or distortion due to 
“near-singing” is experienced. 

The echo effects which occur in four-wire circxiits 
will first be discussed, since the effects are simpler in 
this case than they are in the case of a two-wire circuit. 

Fig. 3a shows a four-wire circuit in diagrammatic 
form, while Fig. 3b shows the echoes which are caused 
by the unbalances at the terminals. When someone 
at terminal A talks to a person at terminal B, the heavy 
line in Fig. 3b shows the direct transmission, which 
takes place over the top pair of wires in Fig. 3a. 
TOen this current reaches the distant terminal, part of 
it goes to the listener while another part, due to the 
imperfections of balance between the line and network 
at that terminal, travels back through the pair of wires 
at the bottom of Fig. 3a toward terminal A. The 
talker at terminal A will hear this current as an echo if 


were deliberately made poor so as to exaggerate the 
effects. More than a dpzen successive echoes could be 
heard before they became inaudible. Since for each 
echo the voice energy traveled 2000 miles (3200 kilo¬ 
meters) this energy must have travelled the distance 
around the world before becoming inaudible. 

In order that a circuit will be satisfactory for regular 
telephone use, the‘echoes ihust be kept small as com¬ 
pared to the direct transmission. Evidently if the 
first echoes are small as compared to the direct trans¬ 
mission, the later echoes will be much smaller in mag¬ 
nitude. For example, if the power in the first echo. 
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the four-wire dromt is long enough so that the time lag 
appreaable. This first echo heard by the talker 
^des at tenn:^ A in the same way as did the direct 

listener. The 

lirtener will, therefore, first receive the direct trans- 

Thisprocessis 

atwftp^ ®®’‘®®® ^ '^ved 

at both tenmnals A and £ as indicated. 

ha, hZ'^T ““ ”“®® Mometers) long 
has been set up in which the balances at the two S 


heard by the listener, is 1/10 as great as the directly 
transmitted power, the second echo will have only 
1/100 as much power, the third echo 1/1000, etc. 

The velocity of an x. 1.1. circuit is approximately 
20,000 miles (32,000 kilometers) per second, while the 
velocity with m. h. 1. is only l0,000 miles (16,000 kilo¬ 
meters) per second. It is thus seen that the time 
required for voice energy to travel from one end to the 
other of an x. 1.1. circuit 1000 miles (1600 kilometers) 
long is 0.05 second. An echo traveling from one end 
of the circuit to the other and back again would, there¬ 
fore, arrive 0.1 second behind the impulse which started 
the echo. With m. h. 1. circuits these times are of 
course doubled. 

, 4 illustrates the condition existing in a two-wire 

circuit. For simplicity, the first echoes only are shown 
the later echoes being less important owing to their 
comparative weakness as explained above. In such a 
circuit reflections occur not only at the terminals, but 
at a number of intermediate points in the circuit, the 
condition of balance between the networks associated 
with the telephone repeaters and the corresponding 
lines being necessarily imperfect. This imperfection of 
balance is due in part to lack of perfect balance of the 
appamti^ closely associated with the repeater, and in 
part to the small irregularities which exist in the make- 

loaded line. A further cause is the 
re^tion at the adjacent repeaters, due to the difference 

*“« impedance. 

It wiU be noted that three sets of echoes are shown 
whi(* affect the “talker.” In addition to these which 
mvolve one or more repeaters, a comparatively small 
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amount of power is reflected back to the “talker” from 
the v^ous irregularities between the “talker” station 
and the nearest repeater. These reflectio ns have hot 
been indicated since their effects are of negligible 
importance. Six sets of echoes affect the “listener.” 
Both for the echoes affecting the “talker” and the 
listener, the dotted lines indicate reflectio n^ ; from a 
number of different points where irregularities exist as 
explained above. 

In . circuits containing a larger number of repeaters 
the numbers of sets of echoes affecting the talker and 
listener are, or course, greater. The number of sets 
of first echoes affecting the talker is equal to the number 
of repeaters. The number affecting the listener is 
equal to 

N (N -hi) 

2 

where N is the number of repeaters. 

It is, of course, obvious, that for either four-wire or 
two-wire circuits, if the circulating energies are 
large, they will have an adverse effect on the ability of 
two people to carry on a conversation Over a telephone 
circuit. Not only will the transmission received by the 
listener be adversely affected, but the talker will be 
considerably distracted, particularly when the time of 
the transmission over the circuit is so long that he hears 
a distinct echo of his words. 

Experiments have shown that the effects of the 
echoes both on the listener and talker become more 
serious as their time lag is increased. This means that 
as telephone circuits are made longer it is necessary 
either to improve balances or to design the telephone 
circuits so that the velocity of propagation will be 



Pig. 5 Effect op Echoes on Talkbb and Listenbb 

higher. This necessity for making the velocity of 
propagation high on long circuits was one of the 
principal reasons which led to the selection of extra 
light loading for the longer circuits. 

Fig. 5 shows very approximately how the effects of 
the echoes vary with the length of time by which they 
are delayed. One curve is ^ven for the effect on the 
“talker,” another for the effect on the “listener.” Both 
curves indicate, for various time lags, the comparative 
magnitudes of echoes which are small enough to be 


inappreciable when ordinary telephone conversations 
are carried oh. The curve applying to the “listener” 
is referred to the direct power which he receives, while 
the curve for the “talker” is referred to the power which 
he puts into the circuit. 

^ In Fig. 4 showing the condition existing in a two-wire 
circuit, the comparative magnitudes of the power in 
each echo are indicated, a typical condition of the lines 
being assumed. For the listener the echo power is 
expressed as a percentage of the directly transmitted 



Pig. 6 Echo Paths in Two^-Wire Repbatered Circuit with 
Omitted Loading Coil 

power which he receives. In the case of the talker, it 
is expressed as a percentage of the power which he puts 
into the circuit. In addition to the comparative 
amounts of power in each echo, “weighted” magnitudes 
are indicated. The “weighted” figures take account 
of the fact that the effects of a given amount of echo 
become more serious as the time lag is increased as 
indicated by the curves in Fig. 5. Referring to Fig. 4, 
it will be noted that the “weighted” magnitudes of the 
power in the echoes are largest for the long paths. In 
general, this condition exists in the case of the majority 
of long two-wire repeatered circuits in cable. 

In order to compare the behavior of a four-wire 
circuit with a two-wire circuit, consider again Figs. 3 
and 4. It will be observed that in Fig. 4, showing the 
two-wire circuit, there is one echo received by the talker 
which travels from one end of the circuit to the other. 
. Referring to Fig. 8 showing a four-wire circuit, it will 
be seen that this echo corresponds to the one labelled 
“1st'echo, talker.” Similarly for the echoes affecting 
the listener, the echo whose path is longest in the two- 
wire circuit corresponds to a similar echo in the four- 
wire circuit. Since many additional echo paths are 
present in the two-wire circuit, it is evident that, other 
things being equal, the over-all transmission result 
obtainable from the two^wire circuit cannot be made as 
good as that obtainable from the four-wire circuit. 

In a two-wire circuit it is, of course, obvious that any 
defect in the lines which will cause a large irregularity 
mil result in a considerable impairment of the circuit. 
Fig. 6 shows the effect of omitting a loading coil at an 
intermediate point in a circuit, the conditions in this 
circuit being assumed to be the same as those in Fig. 4 
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with the exception of the omitted loading coil. The 
omitted loading coil introduces a large impedance 
irregularity which causes certain of the echoes to be 
made much greater in comparative magnitude as 
indicated. In order to reduce the echoes in the circuit 
mth the omitted loading coil sufficiently to make the 
circuit satisfactory for telephone use, it is necessary to 
reduce the repeater gains. In this particular case it is 
necessary to lower the total gain about four miles, which 
increases the over-all transmission equivalent of the 
circuit from about 10 miles for the normal condition to 
about 14 miles for the condition with the omitted 
loading coil. 

Before leaving the subject of “echoes’* it is believed 
that it will be of interest to point out some of the 
important characteristics of two-way repeatered circuits 
which result from these effects. 


1. The m iniTnum . permissible net equivalent (total loss 
minus total repeater gain in one direetion) of a four-wire eirouit 
of a given length depends only on the velocity of propagation 
and the balance conditions at the terminals of the circuit, 
men conditions are such that the balance conditions cannot be 
improved, increasing the velocity of propagation will enable a 
lower net equivalent to be obtained: 

2. In the case of a two-wire circuit with reasonably smooth 
lines, the exact location of the repeaters and the gains at which 
individual repeaters are worked have little effect on the over-all 
result so far as echo effects are concerned. This follows from the 
fact that the echo paths from end to end of such a circuit are 
usually of more importance than the shorter echo paths. Evi¬ 
dently, moving the individual repeaters about or altering their 
pins has no effect on the longest paths, provided the total gain 
in each direction is kept constant. 

3. In the ease of a two-wire circuit of a given length, the 
velocity of propagation and smoothness of the lines we of most 
importance in Umiting the possible net equivalent, the line 
attenuation being of secondary importance. 

For example, in the case of the transcontinental (New York- 
^n Francisco) open-wire line, the original circuit was loaded. 
(Mthough this paper deals particularly with repeaters on cable 
circuits this example wm selected because it illustrates this 
point so well). The velocity of propagation was such that voice 
currents required about 0.07 second to travel from one end of the 
oireuit to the other. The total line equivalent was equal to 
about 66 miles of stodard cable. By applying repeaters to this 

mrcuit it was po^ble to obtain a working net equivalent of about 
21 miles. 

The unloading of the circuit increased the velocity so that the • 
tme of tppsmission was reduced to 0.02 second, about 0.3 of the 
time required when the circuit was loaded. The attenuation 
was mcreased so that the total line equivalent without repeaters 
equal to about 120 miles of standard cable, a little more than 
twice tile equivalent of the loaded circuit. By applying repeaters 
of an improved type to this circuit so as to keep the quality good 
m spite of the increased attenuation and correspondingly in- 
crea,sed gain required, it was possible to obtain a working 
eqmvalent of only 12 miles of standard cable as compared to the 
original ^ of 21 miles. This means that wiffi the same 
^punt of speech power applied at one end, the power received 
over the non-loaded circuit is seven times as large as that 
formerly received over the loaded circuit. ^ 

The ggam ple of the transcontinental line, above, may 
^2. A^^t^al improvement in the telephone quality was also 

effected by the unloading of the circuit. 


well bring up the question as to why it is that cable 
circuits are loaded. This is done for two reasons: In 
the first place, it is in general cheaper to load cables 
than it is to make up the increased attenuation by 
means of more repeaters. In the second place the 
loading lessens the amount of distortion introduced by 
the cable circuits. In the case of open wire circuits, 
their series inductance is sufficient to keep the dis¬ 
tortion small. 

Attenuations and CobrespondingAmplipications— 

Power Levels 

Owing to the fact that the weight of loading applied 
to the longest cable circuits is very light, the atten¬ 
uation of such circuits is very great. A four-wire x. 
1.1. 19 gage circuit 1000 miles long has the enormous 
line equivalent of 600 miles of standard cable. The 
total power amplification applied to this circuit by the 
repeaters exceeds 10«. This amount of amplification 
is more than enough to talk half way around the world 
at the equator using non-loaded No. 8 Birmingham wire 
gage open wire commonly employed for handling very 
long distance business (No. 8 B. w. g. copper weighs 435 
pounds per wire mile, or 120 kilograms per kilometer). 

In order to obtain an idea of how enormous this 
amplification is, assume that no repeaters were em¬ 
ployed and an attempt were made to apply enough 
power at one end of the circuit to enable the normal 
amount of speech power to be received at the distant 
end. The power applied at the sending end would then 
have to be about 50 quadrillion times as great as the 
total power which it is estimated is radiated by the sun. 

While the total amount of power amplification is very 
gr^t, the amount of mplification put in at any one 
point is, of course, limited. The maximum amount of 
power at a repeater point is limited partly by the 
capacity of the vacuum tubes and partly by the power 
carrying capacity of the telephone circuit, including the 
loading coils. ^ (By power carr 3 dng capacity is h^e 
meant the ability to carry voice waves without serious 
distortion.) It is also necessary to limit this power to 
avoid serious crosstalk into other circuits. 

In addition to these limitations on the Tna.YiTr>n nr ^ 
power, it is necessary to insure that the power at any 
point in a circuit does not become too small. Otherwise 
the normal voice power will not be sufficiently large as. 
compared to the power of crosstalk from other circuits. 

It is, furthermore, evident that the ratio of power from 
extraneous sources, such as parallelling telegraph cir- 
cmts and power supply circuits, to the voice power 
should be as small as practicable in order to keep the 
circuits free from noise. 

Fig. 7 will give an idea of how the telephone power 
attenuates and is amplified in a long cFcuit. The 
circmt shown is similar to those which it is proposed to 
employ between New York and Chicago, f. e., it is a 
four-wire x, 1.1. No. 19 wire circuit largely in aerial cable 
equipped with automatic means for compensating for 
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the changes in attenuation caused by the effects of 
varying temperatures on the resistance of the con¬ 
ductors. (These automatic devices are described in a 
later section of this paper.) For simplicity, the power 
levels for transmission in one direction only are shown. 
The solid lines show the power levels when the tempera¬ 
ture is a maximum so that the attenuations are greatest 
while the dotted lines show the levels when the tem¬ 
perature is a minimum and the losses are, therefore. 


a- Pour*Wira Circuit 



Pig. 7—Power Levels in New York-Chioago Extra Light 
Loaded Four-Wire Circuit 


also a minimum. The shaded areas betwfien the lines 
represent the changes which take place during the 
course of a year. 

When the requirement is introduced that trans¬ 
mission must take place in both directions it is found 
that at the points in the circuits going in one direction 
where the power is a maximum, the power going in the 
opposite direction in other circuits is a minimum. 


effected by grouping the conductors in two bunches, 
one for transmission in one direction, the other for 
transmission in the opposite direction, taking care that 
these two bunches of conductors are separated electri¬ 
cally as far as possible. In the loading coil pots the 
coils employed on the circuits for transmission in the 
two directions are similarly kept separated. In the 
offices the separation is effected by arranging the 
repeaters and other apparatus as shown in the figure. 
It will be observed that no special separation is shown 
between the repeaters transmitting in the two direc¬ 
tions, since to keep the conductors carrying weak power 
separated from those carrying strong power, it is merely 
necessa^ to keep the apparatus and cabling connected 
to the inputs of the repeaters separated from the ap¬ 
paratus and the cabling connected to the repeater 
outputs. 

Steady State Distortion 

The possible sources of distortion may be divided 
broadly into (1) repeaters and auxiliary apparatus and 
(2) the lines. 

With reference to the distortion introduced by the 
repeaters, the vacuum tube is fortunately very nearly 
perfect, at least in so far as concerns practical telephony. 
At one time, for purposes of test, a circuit was set up 
containing 32 vacuum tubes in tandem. On this 
circuit the distortion was so small that when listening to 
ordinary conversation it was difficult to detect any 
difference in the quality of transmission before and after 
traversing the 32 vacuum tubes. 
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Fig. 8 ^Four-Wire System—Segregation Method to Reduce Cross-Talk 


This represents a very bad condition for crosstalk from 
one four-wire circuit into another. In order to over¬ 
come this the conductors carrying strong voice power are 
kept electrically separated or shielded from those 
carrying weak power as indicated schematically in Fig. 
8. The conductors which carry strong voice power are 
shown heavy, while those carrying weak power are 
shown light. In the cable proper the separation is 


It is beyond the limits of this paper to enter into 
the problems of design which were encountered in the 
development of the repeater circuits. For the present 
purpose of considering the over-all performance of 
repeatered circuits in cable no serious error will be made 
if it is assumed that the complete repeater circuits meet 
the requirements for an ideal repeater as set up in the 
Gherardi-Jewett paper. 
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Considering next the lines, it is necessary to make 
the loading very regular so that balance difficulties will 
not cause an undue amount of trouble on two-wire 
circuits. Regularity of the loading is also essential in 
order to avoid irregular transmission of different 
frequencies. In order to secure this regularity of 
loading, it is necessary that the spacing between load- 



^^^®'^*^®mission-Prequency Charaotemstic op Long 
iiiXTRA Light Loaded Fouh-'Wirb Circuit 

ing points be made very uniform and that the cable be 
niam^actured so that the electrostatic capacity of its 
circuits be held within close limits. The loading 
coils themselves must be closely alike in their electrical 
properties and tohennore, the coils must be stable, 
i. e. these electrical properties must not change ap¬ 
preciably due to the passage of voice currents or other 
currents required for cable operation through them. 


or net transmission equivalent plotted against fre¬ 
quency for an X. 1.1. four-wire circuit 1080 miles long 
(1750 kilometers) which was set up for purposes of 
test. The heavy line in this figure shows the over-all 
result which was actually obtained with repeaters and 
associated apparatus designed to equalize the trans¬ 
mission, while the dotted line shows what the character¬ 
istic would have, been had the repeaters introduced 
exactly the same amount of gain at all frequencies. 

Transients 

In comparatively short telephone circuits, good 
quality will usually be assured if the transmission, as 
measured at different single frequencies within the voice 
range, is kept approximately constant. For electrically 
long circuits, however, this is not sufficient. Not only 
must the ^‘echo’' effects be kept within proper limits, 
but consideration must be given to the fact that when 
electrical impulses are applied to such circuits, peculiar 
transient phenomena are experienced. These transient 
phenomena occur in equal degree in two-way circuits 
and in circuits arranged to transmit in one direction 
only, that is, they are not related to “echo” effects. 

In order to give an idea of the nature of some of the 
transient effects, some oscillograms are shown in Figs. 
10,11,12 and 13. Fig. 10 shows an 1800-cycle current 
before and after traversing a cable circuit of an earlier 
type 1050 miles (1700 kilometers) long. This particular 
circuit was No. 13 A. w. g. weighing 82 pounds per wire 
mile (23 kilograms per kilometer) loaded with inductance 
coils of 0.2 heniy spaced 1.4 miles (2.25 kilometers) 
apart and contained 6 one-way repeaters. It will be 
noted that the first sign of the arrival of the received 









>8 necessary to design the repeaters and 
a^ociat^ apparatus used on the longer circuits partic- 
ularly the four.^ cireuite, so as to put riC 
amo^ts^of gain at different frequLies toS 
makmg the over-ail transmission at different ^uencii 
approximately constant in spite of the?artX??r^ 
loee intooduced by the cable ^cvdte at ^L^t 
^encies is not constant. -Fig. 9 shows the over-aU 




wave is put 

formnl^fL^?™? This time checks with the 
for vdoaty given above. The time required 
after ^val of the first impulse (point "o”) until the 

at point 6 IS about 0.055 second. The steady con- 

^ “rival of the 

Dreak transient, the time interval between points “6” 
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and “c,” representing the period when the wave is in 
the steady-state, being only 0.01 second. The wave 
required about 0.055 second to die out—interval be¬ 
tween points “c** and 

It is interesting to note the behavior of the current 
during the building-up and dying-out intervals. Dur¬ 
ing the building-up process the frequency of the received 
current increases from a very low value at point “a” 
until at point “6” it becomes the same as that of the 
source. The magnitude of the received current also 
increases until at point “6” it reaches a value corres¬ 
ponding to the steady-state transmission equivalent of 
the line. The interval is determined solely by 


circuit was of the same type as the above, although it 
was only 350 miles long (570 kilometers). 

A large number of oscillograms of this sort have 
been taken in connection with the study of these 
transient effects. From these and theoretical con¬ 
siderations® it has been proved that the effects in a 
given circuit are much worse at high frequencies than 
at low frequencies, the severity of the effects, within 
certain limits, being a function of the ratio of the fre¬ 
quency being transmitted to the frequency of cut-off 
of the loaded circuit. The gage of the circuit has 
practically no effect. 

Since in order to give good quality it is necessary 


the structure of the line and has nothing to do with the 
time during which the current is supplied at the sending 
end. 

The djdng-out process can be considered to be caused 
by the application at the time of break of a second cur¬ 
rent equal in value to the current originally applied but 
opposite in phase, so that the sum of the two currents 
will be zero. Hence, it is to be expected that the 
received current will disappear by adding to the steady- 
state a transient similar to the building up transient 
in the interval That this is true is indicated by 

the behavior during the interval “c-d.” At first the 
low-frequency current of the break transient produces 
a displacement of the axis of the steady current. As 
the frequency approaches a steady value a beating 
effect becomes noticeable which grows smaller until 
complete opposition of phase obtains and the received 
current disappears. 

Fig. 10 clearly indicates that a pulse of voice current 
having a frequency in the neighborhood of 1800 cycles, 
even though received in proper volume if steadily 
applied, would be badly distorted. 

When carrying on a conversation over such a circuit 


to transmit fairly well all frequencies up to at least 
2000 cycles, it is obvious that on long circuits in order 
to keep the transient effects small, the frequency of 
cut-off must be kept high. In order to do this, it is 
necessary either to make the loading coils of very low 
inductance or to space them very close together. 
This is another one of the reasons why extra light load¬ 
ing was adopted for the long cable circuits. (It will be 
remembered that the inductance of the side circuit 
loading coils is only 0.044 henry and the spacing 6000 
feet). 

The effect of lighter loading on the transient be¬ 
havior of telephone currents, is shown in Fig. 13, which 
shows a 2000-cycle wave transmitted over an x. 1.1. 
circuit about 1050 miles (1700 kilometers) long. This 
circuit contained 23 one-way repeaters. It will be 
observed that both the buildi|^jg-up and dying-out 
transient periods are very mucli reduced, which means 
that all pulses of telephone currents up to at least 2000 
cycles will pass through such a circuit with very little 
distortion. 

Stability 


as this, distortion of the voice waves makes under¬ 
standing difficult while peculiar metallic ringing sounds 
are very noticeable. 

Next consider a circuit of the same character with 
half the length. The effect of a circuit of this length 
on an 1800-cycle wave is shown in the oscillogram of 
Fig. 11. It will be observed that the propagation time 
has been cut in half while the lengths’ of time for the 
received wave to build up and die Out have also each 
be^ cut in two. This checks wdth theoretical work, 
indicating that the severity of this t 3 ^e of transient 
effect is directly proportional to the length of the 
cfrcuit. This fact that the transient effect is poipor- 
tibnal to the len^h of the circuit furnishes the reason 
why a short circuit may give tolerably good results, 
while a long circuit gives poor results. 

Fig. 12 is of interest as indicating what takes place 
when we apply a current at the sending end of the cir¬ 
cuit whose frequency is so high that no appreciable 
amount of the steady current will pass through the 
cmcuit. In this case only transient oscillations appear 
at the receiving end of the circuit. This particular 


As h^ been pointed out, the magnitude of the line 
transmission loss in a repeatered circuit is of compara¬ 
tively small importance in determining its possible 
transmission equivalent, whether the circuit be worked 
on a fom-wire or two-wire basis. However, it is of 
extreme importance to be sure that the repeater gains 
are kept adjusted so as to compensate exactly for a 
large part of the transmission loss in the circuit, so that 
the difference between the total loss in the circuit and 
the total gain, which represents the net equivalent of 
the circuit, will be kept constant. 

On certain of the long circuits this difference is very 
small as compared to the quantities which are sub¬ 
tracted. For example, in the case of a 1000-mile four- 
wire circuit using x. 1.1.19 gage conductors, the total line 
transmission loss is about 500 miles. Not counting the 
gain required to make up for losses in apparatus and 
office cabling, the total gain is about 488 miles, the 
difference, 12 miles, representing the net equivalent. 

the Transient OseiUations of 
Electne^ Networks and Transmission Systems.” Transactions 
of A. I. E. E. Vol. XXXVIII, page 407. 
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• I • XT- a very small percentage change in 

either the transmission losses or the gains will have a 
l^ge effect on the net equivalent. This represents 
about the most severe condition. Some examples of 
less severe conditions are : 

2-Wire No. 19 m. h. 1. circuit 200 miles long (320 kilometers). 
Line equivalent 58 miles. Repeater gain exclusive of gain 
required to make up for loss in apparatus and office cabling 
46 miles. Net equivalent 12 miles. 

4-Wire No. 19 m. h. 1. circuit 500 miles long (800 kilometers), 
lane equivalent 145 miles. Repeater gain exclusive of gain 
required to make up for loss in appai*atus and office cabling 
133 miles. Net equivalent 12 miles. 

In order to maintain the necessary constancy of the 
over-all or net transmission equivalent of long re- 
pe^ter^ circuits in cable, it is necessary first of all to 
maintain the gains of the individual repeaters within 
close limits. In addition, periodic transmission 
measurements are required over the complete circuits, 
^pplemented by suitable adjustment of certain of the 
individual repeaters whenever the over-all equivalent 
falls outside of the prescribed limits. Also, on the very 


for one of the types of tube in common use are given 
in the following table: 


Variable Quantity 

Prescribed Xomits 

Gain Variation 

Plate Potential.. 

130 * 6 volts 

9 *1 volt 

1.26 =*= 0.05 ampere 

0.2 mile 
i* 0.3mile 
very small for new 
tube—one miia for 
tube just before 
replacement. 

Grid Potential. 

Filament Ourrent. 



In addition to maintaining the tube currents and 
voltages within the required limits, the gains of the 
indvidual repeaters are checked periodically. Suitable 
adjustments are made when the repeater gains fall 
outpde of the prescribed limits. When the filament 
emi^ion of a tube becomes so low that the above 
specified variation in the filament current results in 
more than one mile gain variation, the tube is replaced. 

A gain measuring device as indicated schematically 
in Fig. 14 is employed for this purpose. The measure¬ 
ment of gain is effected by comparison of the voltages 
across two resistances, one of which forms part of a 



Galvano- 

meter 


long small gage circuits, the changes in attenuation, 
due to the resistance changes caused by temperature 
variations, become so large that it is practically 
essential to provide automatic means for overcoming 
these effects. 

The methods employed in maintaining the gains of 
the individual repeaters and of the over-all transmission 
equivalents within proper limits will first be described, 
after which the automatic transmission regulators will 
be discussed. 

Important Tests and Adjustments 

In order to hold the repeater gains constant, close 
inspection limits are placed on the vacuum tubes during 
the course of manufacture to insure great uniformity of 
the product, as well as consistency of performance. In 
operating the repeaters, considerable care is taken to 
maintain constancy of the operating currents and 
voltages. The operating limits of currents and poten¬ 
tials together with the corresponding gain variations 


circuit which includes the repeater, the other being 
simply a reference circuit. An amplifier-detector 
combination amplifies the voltages across these re¬ 
sistance and then rectifies them so as to obtain an 
indication on a d-c. galvanometer. Equality of 
voltages across the two resistances, which are designated 
as R and R' in the figure, is thus indicated by equal 
deflections of the galvanometer. When this condition 
is secured, the repeater gain is read directly from the 
dials A and B. By means of this device, it is readily 
possible to measure the gain of a repeater within a few 
tentl^ of a mile. Owing to the fact that the measuring 
circuits are comprised entire of resistances, the read¬ 
ings of the set are independent of frequency, so that 
gains can be measured at all important telephone 
frequencies. 

As pointed out above, transmission measurements 
over the complete circuits including the telephone 
repeaters are required at periodic intervals in order to 
insme that proper transmission standards are being 
maintained. By means of such measurements, the 
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variations in the over-all equivalent of the circuits due means automatic. In the case of x. 1.1. No. 19 circuits 
to the cumulative effect of small gain variations, slight whose variation is greatest, it is necessary to locate the 
variations which remain after the automatic transmission automatic regulators, in general, at every third or 
regulators have compensated for the major variations fourth repeater station in order to keep the transmission 
in the conductors and variations from other causes levels within proper limits. In Fig. la, a typical 
including the effect of different conditions of humidity method of locating the regulating devices along a cable 
on the wiring in the offices, are determined and com- is indicated. In this sketch each square indicates a 
pensated for. These measurements are made by apply- master automatic transmission controlling device while 
ing a known electromotive force through a known the loops extending in either direction from the squares 
resistance to one end of the circuit and receiving the indicate the cable circuits which control the functioning 
current at the distant end with a suitable calibrated of these devices. 

arrangement employing an indicating meter. Since An automatic transmission regulator is shown 
this type of measurement is similar in principle to the schematically in Fig. 15. The device comprises a 
method employed for measuring the gains of the Wheatstone bridge arrangement. In one arm of the 
individual repeaters, it will not be described. bridge, pilot wire pairs, extending in either direction in 



Pig. 15— ^Pilot Wire Automatic Transmission Regulator 


Automatic Transmission Regulators the cable, are included as indicated in the figure. The 

Since the resistance of long cable circuits employing Wheatstone bridge has associated with it certain 
small gage conductors is comparatively large, it is, of apparatus which will not be described here in detail, 
course, evident that changes in this resistance caused by which functions in such a manner as to keep the bridge 
temperature changes to which the cable circuits are automatically balanced at all times. In the process of 
subject will have a large effect on transmission. For maintaining balance of the bridge, angular motion is 
exaniple, in the case of an x. 1.1. No. 19, 1000 mile conveyed to a shaft which is proportional to the re- 
circuit (1600 kilometers) in aerial cable, the total sistance variations which the cable circuits undergo, 
attenuation changes more than 110 transmission miles The movement of the shaft causes different contacts to 
during the course of a year. This corresponds to a be made and thus controls relays which in turn control 
variation in the received power of more than 10^° or the gains of the telephone repeaters, one way of doing 
ten biUion times. this being indicated in the fi^e. The repeater gains 

It is, of course, essential to provide special means to are thus caused to be raised and lowered automatically, 
counteract these effects. Furthermore, since the tern- and thereby overcome the differences in attenuation 
perature changes which occur in an aerial cable are caused by the temperature changes in the cable con- 
very rapid, it is practically essential to make these ductora. 







Theory of Electric Wave Filters Built up of 

Coupled Circuit Elements 

BY LEO J. PETERS* 
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Review of the Subject.—This paper is essentially a ireatmeni 
of certain types of coupled circuit networks hy methods similar to 
those used in the discussion of the properties of long lines with 
distributed constants. This method of treating those coupled circuit 
chains to which it can be applied far surpasses other methods of 
treatment in several important ways. First, the number of dements 
in the chain can be made as large as desired without complicating the 
•problem in any way whatsoever. Second, the very method of treat¬ 
ment leads directly to the rational design of selective systems of a type 
which the older methods of treatment did not even show to exist. 
Third, this method of attacking the problem is much better adapted to 
a transient state treatment {following the methods of J. R. Carson 
and T. C. Fry) than the older methods of handling the coupled circuit 
problem. 

In the second section of this paper there is devdoped the general 
theory of the properties of identical circuits coupled so as to form a 
chain. The equalions giving the current and voltage of any circuit 
in the chain are identical in form with those giving the current and 
voltage at any point of a long line with distributed constants. The 
propagation constant however, instead of being an algebraic function 
of the circuit constants and the impressed frequency as in the case 


for the line with distributed constants, is a transcendental function 
of the circuit constants and the frequency of the current being trans¬ 
mitted. The nalure of this transcendental function is such that 
sharp changes occur in the characteristic curve which portrays the 
attenuation constant as a function of the frequency. 

The third section shows how, by proper termination and design, 
these sharp changes in the attenuation frequency characteristic 
can be employed to build up filter networks. 

The fourth sedion gives an application of the general theory by 
presenting a detailed treatment of simple series circuits magnetically 
coupled so as to form a chain. In this section a number of curves 
is presented. These curves give a visual picture of the general theory 
and bring out points useful in the designing of selective networks 
which must meet preassigned requirements. 

The fifth section discusses the problem of building up filters using 
sections of many different types. General methods of attacking this 
problem are given and design formulas for three different types of 
filter sections which may be used together in building up a filter 
system, are derived. Curves are given which illustrate the methods 
of building up desirable characteristics. The design of selective 
systems is put upon a rational basis. 


1. Introduction and Purpose 

The increase in the use of radio communication and 
the introduction of carrier current telephony has led 
to a very great interest in the problem of separating 
currents haying frequencies which lie in a given band 
from currents of all other frequencies. Systems of 
circuits used to perform this separation have been 
called electric wave filters, or simply wave filters. 
Some of the properties of coupled circuits which make 
them valuable as wave filters have been known and 
employed for some time.' It is the purpose of this 
paper to point out some new properties of certain types 
of systems built up of coupled circuits, and to show how 
systems having preassigned characteristics may be 

•During the summer of 1921 the writer was employed as an 
assistant in jQIter design by the Western Electric Company. 
During this period he became very familiar with the series shunt 
type of filter element and with the methods used by the engineers 
of this company in handling filter design problems. This 
experience with the Western Electric Co. is reflected in tbis paper 
in such things as the loss method of treatment, the use of sections 
of different types to build up given characteristies, and the 
methods of obtainmg the design formulas. The material for 
this paper was inspired by the previous work on coupled 
and on selective systems in general carried out by Professors 
Bennett, Crothers and the author at the University of Wisconsin. 
The general use of different equations in handling artificial line 
problems was acquired by the author from the published papers 
of Campbell and Carson. The eonception of circuital and trans¬ 
it unped^ce as a broad basis for filter theory and the type of 

filter section to which the treatment leads directly are thought 
to be original. 

Presented at the Midwirtter Convention of the A.I.E. E.. 

If York, N. Y., February 14-17, loss. 


built up in a rational way by an application of the 
theory presented. 

In this paper chains built up of coupled circuits will 
be treated in a manner similar to that employed in 
arriving at the properties of long lines with distributed 
constants. In the telephone art it is common practise 
to give the transmission properties of long lines, or of 
any piece of apparatus by stating the loss in miles of 
standard cable or more rationally in attenuation units, 
incurred by inserting the line or the piece of apparatus 
between two points of known impedances. This 
method is very well adapted to a discussion of the 
properties of wave filters, and will be employed in this 
paper. 

Wave filters built up of series and shunt impedances 
have been discussed by G. A. Campbell^ and K. W. 
Wa^er.* The general theory presented in the fol¬ 
lowing sections is somewhat broader than that pre¬ 
sented by Campbell and Wagner, as it includes as a 
special case the filter built up of series and shunt ele¬ 
ments as the shunt element may be considered as a 
coupling element. 

In this paper illustrations of the general theory will 
be given by discussing particular types of filters which 
are not built up of series and shunt elements. Illus¬ 
trations from this class of filters are used because it is 
the application of long line theory to such coupled 
circuit cha ins which forms the main contribution of 

U. S. Pat. Specs. No. 1,227,113; 1,227,114 
2. Wagaer, Archiv fur Elektrotechnik, vol 8, page 145, 
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this paper to the literature on wave filters. The series 
shunt type of structure has already been described by 
Campbell and Wagner, and has been used for some time 
in the plant of the Bell Telephone System. 

II. Current Propagation Through a Chain Built 

UP OP Identical Circuits Coupled Together 

(1) General Equations and the Propagation Constant. 
Consider the chain of circuits shown in Pig. 1. Each 
circuit is identical with every other circuit. The 
impedance of each circuit when removed from the chain 
and isolated is represented by Zc. That is with the 
circuit taken out of the group and E volts impressed 
in it the current flowing would be E/Ze. Zc will be 
called the circuitual impedance. In general it will be 
of the form a + y 6. The coupling is represented by 
the square box. The transfer or mutual .impedance 
is represented by That is the voltage in the 
(Q 4- l)th circuit due to the current in the gth circuit 
is Iq Zm. In general Z^ may also be of the* form a 
"h j b. The source of power, represented by a generator 
worlis through an impedance Zo into a terminating 
circmt of half the normal circuitual impedance. The 
chain ends at the other end in a half circuit closed by 
a load impedance Zn. 


cosh T - -— (®) 

In the long line theory r has been called the proiJUga- 
tion constant. This name will be retained here. 
Equation (8) is the fundamental equation relating the 
propagation constant to the circuit constants. 

The constants A and B of equation (3) are arbitrary 
and may be determined in the terms of any two cur¬ 
rents, any two voltages, or in terms of a current, and a 
voltage at some mid-circuit position. 

(3) The Voltage Equation. Upon sub.stituting for 
I q-1 and I q in equation (2) we obtain: 

£7. = - (A ^ -r- B ^ Z./2 (A 

VBe '^% (9) 

Prom equation (5) we obtain the relation, 

Zc/2 (A + B = - ZJ2 + e ") (A e'' 

+ B ( 10 ) 

Substituting (10) in (9) there re.sults 

Ea = (- Z„t sinh r) [A - B e (11) 

Prom (8) 


|Ze 


•iSSe 2^, 


: 6 ECiraiZ]C+ 


Fro. 1 


Now applying Kirchoff’s law to the qth. circuit we 
obtain: 

Zm. Ia —1 Zm jffl + l —• Zc Iq = 0 (1) 

The voltage across the mid-point of the gth circuit is: 

Eq ^ - Zmla-i-Zcl2Ia (2) 

Equation (l) .is a difference equation relating the 
currents in three adjacent circuits. Its solution is: 


J, = A 6"" + B 

(3) 

Then from (14) we obtain: 

Substituting (3) in (1) there results: 

En = — Zc (A — B) 

Zc/Zm (A 6^ + B €~^’) + A ^ 4- B 


J(i = A 4 B 

4-Ae"€’" + B€-"€-^" = 0 

(4) 

A =r. 1/2 (J„ 

Collecting terms: 

B == 1/2 (J|i “f- E»/Zc) 


• cosh r = - - 2 ^ ; sinh r ^ . 1 

- - x/XV4 - ^ [A r B 6 ""1 (12) 

The term V - Zm" plays the same role hen; tm 
the characteristic impedance, jdays in long line thc?ory. 
Therefore, this quantity will be called the churac.UTis- 
tic impedance. It will be represented by the .symbol 
Zc. That is: 

Zc = VZJJA-'Z;^ 

- 2^UA e""(143 

(4) Determinatwn of the ConstuMts A (lud H, lu 
Terms of the Current awl Voltage of the First Cirmft. 


(15) 

(16) 
(17) 
fl8) 


(A e""e'"") + A 

+ B + €“’■)= 0 (5) 

Pactoring: 

(Ar + B (Z./Z„+ e' + O = 0 (6) 

If thefet teim identicaUy zero, no current 
would emt^ywh^ in the chain. The fct term is 
therefore different from zero and we have: 

Ze/Zm + + e"^) = 0 


or 


(7) 


*lhe current and voltage equation then bettome 

1 1 ~ 1/2 (Jo - Eq/Zc) 1/2 (Jo 4 Eo/Zt) € (19) 

= l/2(Ei,- Z.I.) e" + 1/2 (fi, + e”- (20) 

^present the real and imaginary parts of r by h 
and k respectively so that 

■ ; r ^hA-jJc ^ ; (21)^ 

^Equations (19) and (20) may now be written in two 
fo'™^,“‘rinvolving the trigonometric func- 
tions and the other involving the hyperbolic functions 
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The trigonometric forms are: 

Ig = 1/2 (Jo + Eo/Z,) (cos kq-j sink q) 


+ 1/2 (Jo - Eo/Zs) e*® (cos kq i-j^nkq) (22) 

Eg = 1/2 (Eo + Z, Jo) (cos kq- j sin kq) 

+ 1/2 (Eg - Z, Jo) (cos kq +j sin A: g) (23) 

The hyperbolic forms are: 

Ig = Jo cosh ^ T - Eg/Z, sinh qr (24) 

Eg = Eg cosh qr - Zaig sinh q t (25) 


(5) The Current and Voltage of Any Circuit in Terms 
of the Initial Voltage and the Terminating Impedance. 
For some purposes it is useful to have the equations for 
current and voltage in terms of the sending end voltage 
and the terminating or load impedance. We next pro¬ 
ceed to write these equations in terms of these con¬ 
stants. 

The current in the end or wth section is: 

In = Ig cosh nr — (Eg/Zf) sixih. n r (26) 

The voltage in the %th section or across the termina¬ 
ting impedance is: 

En = Eg cosh nr - Zaig sinh n r 

Also 

Zn In — En 

From (26), (27) and (28) we obtain: 

T _ jp cosh n r ZJZa sinh n r 
° ^ Zn cosh n T 4- Za sinh n r 

In (29) the reciprocal of the quantity multiplying 
Eg is the impedance of the string of circuits looldng 
into the generator end of the line. We represent this 
impedance by Zl. That is: 

7 = cosh nr -{■ Za sinh n r . 

^ cosh % r + (Zn/Za) sinh nr ^ ' 

And Jo = E/Zl (31) 


(27) 

(28) 

(29) 


with uniformly distributed constants. However the 
expressions for Za and r are different for the smooth 
line than for the coupled circuit chain. The most 
striking and fundamental difference occurs in the propa¬ 
gation constants for the two cases. For the smooth 
line the propagation constant is an algebraic function 
of the line constants, while for the coupled circuit chain 
the propagation constant is a transcendental function 
of the circuit constants. It will be shown later that 
this difference portrays the difference in the charac¬ 
teristics of the two types of systems. In the equation 
for the coupled circuit chain, g is a positive integer. 
For the smooth line q need not be an integer. 

(7) Conditions under which the Reflected Wave 
Disappears. In equations (22) and (23) the first 
terms decrease as the circuit under consideration 
recedes frPm the generator end of the chain. In the 
case of the smooth line this term has been called the 
mdn wave of current, and voltage respectively. The 
second term of each of these equations increases in 
magnitude as the circuit imder consideration recedes 
from the generator end. In long line theory these 
terms have been called the reflected waves. This 
terminology is both useful and convenient and will be 
adopted in the discussion of the coupled circuit chain. 
In the case of the smooth line the reflected wave can 
be made to disappear in two ways, first by making the 
line yery long, second by terminating in an impedance 
equal to the characteristic impedance of the line.. We 
proceed to show that if these same conditions are ful¬ 
filled, the reflected waves disappear from the equation 
for current and voltage in any circuit of the coupled 
circuit chain. 

In equation (30), which relate Zl to the circuit 
constants, divide both numerator and denominator by 
coshwr. This gives 

7, - + Za tanh n r 

“l + (Z„/Z.)tanh?iT 


Equations (22) and (23) may now be written: 

Ig = 1/2 Eg (1/Zl 4 1/Za) € (cos k q — J sin k q) 

4 1/2 Eg (1 /Zl — 1/Z,) ^ (cos kq -\- j sin k q) (32) 

Eg = 1/2 Eg (1 4 Za/Zi) € ^ (cos kq — j sink q) 

4 1/2 Eg (1 — ZafZd) (cos k q + j ^n k q) (33) 
Equations (24) and (25) may now be written 
Iq - EgXl/Zh COsh qr—l/ZaSinh qr) (34) 

Eg = Eg (cosh qr — (Z,/Zl) sinh q r) (35) 

(6) Comparison of the Equation with the Equation 
for the Smooth Line. The equations which have been 
vmtten doym for current and voltage in the coupled 
circuit chain are identical in form with the equations 
for the current and voltage at any point of a long line 
with uniformly distributed constants. Thus equations 
(22), (23), (24) and (25) apply identically to the line 


Lim 

w = ~ Zl = Z, (36) 

So that for a very great number of circuits in the 
chain Eg/Za = Ig’, IgZa = Eg and the terms represent¬ 
ing the reflected wave disappears from the equations 
for current and voltage. 

Now consider the chain to be terminated by an im¬ 
pedance equal to the characteristic inipedance of the 
chain. That is, let Z« = Z,. 

Then it can readily be seen from equation (30) or 
(36) that Zl = Z,l and the reflected wave is again 
absent. 

Thus, when the chain is again made up of many 
circuits, or when it is terminated in an impedance 
equ^ to its characteristic impedancOj the impedance 
looldng into the chain is equal to the characteristic 
impedance and the terms representing the reflected 
wave are absent from the equations for current and 
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voltage. The current and voltage in the gth circuit 
are then given by the following simple equation. 


la 

= Jo 



Eq 

= Eq 



la 

II 

o 

(cos kq — 

j sin k q) 

Eq 

= Eq 

(cos kq- 

■ j sin k q) 

(8) The 

Attenuation Constant and the 
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cosh^ h — (cosh^ A) [ 1 -1- 

cosh (^) = [ -|- ( (' 


-i- V 

4 


|2 - 


iM 


loi 


(49) 


4 


+ 1 j 


+ 


V ( 


+ v'^ 


+ 1 j 


w" ]• 


(50) 


cosh (h) = [ 1/2 I (tV-* + 1) 

+ vT^TT)^T“ I I' (51) 
In like manner we obtain the relations 
— u 


cos k - 


(37) 

(38) 

(39) 

(40) 

.._ ^ngth 

Constant. In the equation for cuorent and voltage in 
the gth circuit of the chain of coupled circuits, the 
propagation constant r is in general a complex number. 

We have represented r by A + ; A;. Now consider the 
general equation for current or voltage. If we confine 
our attention to the main wave alone or to the reflected 
wave alone, then equations (22) and (23) show that 
h affects the amplitude of the wave without affecting 
its phase position. For this reason it is called the 
attenuation constant, k, on the other hand, affects 
only the phase position and in a number of circuits 
such that kq == 2 TT the phase of the current in either 
the main or reflected wave shifts through 360 deg., 

^when we pass over a number of circuits g,„ given by ‘ Equations (52) and (53) do not determine tlie .sign (or 

the quadrant) of k. If the .sign of k i.s determined .so us 
to satisfy the relation: 


cos k 


■sIT 

— u 




+ 

4 


+1) 


-4- 


4-' - + 1 ) “ 

sd!+ v) 


n' 


1 


(52) 


- V (? 


+ 1 )■--/“ cos'-(/. )• |‘ (S3) 


2 TT 




k 


(41) 


We have gone the equivalent of one wave length on 
a smooth line. For this reason k is called the wave 
length constant. 

The propagation constant t has already been evalu¬ 
ated in terns of the circuit constants. For many 
purposes it is convenient to evaluate h and k separately 
in terms of these constants. 

From equation (8) we have 

cosh T = cosh Qi+jk) = — 


sin k 


(53a) 




( 8 ) 

(42) 


Let ZeIZm. = U j V = 7 /0 
Expanding (8) 

cosh Qi) cos ijk) + j sinh {h) sin Qc) = - \ ^ - (43) 

Since h and k are assumed real, sinh h, cosh h, sin k, 
and cos k are all real. Equating real and imaginary 
parts there results: 


2 sinh (h) 

then equations (50), (51), (52) and (53) always give 
real values to h ^d k which satisfy equutitm.s (41). 
The term — V is introduced into oqiiation.H (52) 
and (53) so as to make cos A: change sign with u as it 
must in order that equations (41) may be .satisfied. 

III. Selective I^roperties of 

CmcuiT Chain 

(9) General Attenuation Characteristm. Fig. 2 rep¬ 
resents a chain of coupled circuits terminated by an 
impedance equal to .2^, so as to eliminate the reflected 

wave. The current in the qth circuit then i.s given by 
equation. 


THE Coupled 


VT 


or 


cosh (h) cos (k) = — u/2 

sinh (^) sin (A;) = — v/2 
Squaring the equations (44) 
cosh/Acos/A; = %V4 


sinh® sin® k . = v®/4 

(cosh® A - 1) (1 _ cos® A:) = »V4 

cos® A; = 1 — 


(44) 


Where 
cosh r 


Iq ~ e 
I, = I 


0 6 (cos A: <7 - y sin A: q) 


(37) 

(38) 




4 (cosh® A ~1) 


(45) 

(46) 

(47) 

(48) 


Z 

™ 1/2 (w + y v) (4) 

]^t US now define an ideal filter as one built up of 
coils and condensers in which no energy dissipation 
V?' 1 bet the circuit under consideration be an 

ideal filter. Then Ze and Zn are both pure Imaginary 
quantities and .2’c/2^„, is a real number, that is, » is 
equal to zero. For the ideal case then: 

cosh T = - - - «/2 

wh^ M is a ^ number. For any particular structure 
is a function of the frequency of the applied 
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voltage and therefore also is a function of the frequency 
of the current being transmitted. 

If Zc/Zot < - 2 then cosh r > 1 and r is a positive 
real number; that is h has some positive value 
and k = 0 . Thus currents having frequencies that 
make Zc/Zm < — 2 decrease in magnitude but retain 
the same phase position as the circuit under considera¬ 
tion recedes from the generator end of the chain. 

If Zc/Zm > 2 then cosh t is a negative number less 
than — 1. Under these conditions oK = tt. Thus 
currents having frequencies that make Ze/Zm > 2 
decrease in magnitude as the circuit under consideration 
recedes from the generator end of the string. There is 
also a phase shift of 180 deg. in passing from one circuit 
to the next adjacent circuit. If — 2 < Ze/Zm < 2 
then cosh t is a real number which in absolute value is 
less than unity. Under these conditions h is zero and 
k is, in general, different from zero. Thus currents 
having frequencies that give values ot Ze/Zm that lie 
between — 2 and + 2 are transmitted without diminu¬ 
tion through the chain. The frequencies that give to 
Zc/Zm the value plus or minus 2 for the idealized filter 
will be called the cut-off frequencies. The fre¬ 
quencies that give to Ze/Zm values between — 2 and 


^Zc 4-2. 



Pig. 2 


-t- 2 will be called the transniitted band of frequencies. 
Frequencies that cause Ze/Zm to take the values out¬ 
side the range — 2 to +2, are said to be in region of 
attenuation or in the attenuated region. 

It is to be noted that the attenuation characteristics 
described above are independent . of any power loss in 
the filter network as the assumption was made that the 
coils and condensers used in building up the network 
were free from power losses. The characteristics come 
about solely through complex interaction of one circuit 
on the other. WTien particular t 3 rpes of structure are 
considered it will be shown that resistance causes at¬ 
tenuation in the transmitted region and lowers the 
attenuation in the attenuated region. We can, how¬ 
ever, approach very near to the characteristic of the 
ideal filter by making the losses in coils and condensers 
as low as feasible. 

(IQ) Genial Wave Length Constant or Phase Shift 
Characteristics. The general phase shift characteristics 
are most easily obtained from the general relation of 
equation (8), 

cosh.r. = cosh {h +fk) = Z^z ' ~ ” 

In the ideal filter we have shown that v is always zero, 
so for the ideal structure we may write cpsh (h -i- f k) 
— — u/2. When u < — 2, r is real and k = o. 


When tt > — 2, but less than -1- 2, r is a pure imaginary 
and as u varies from — 2 to -f 2, A; varies from o to tt. 
That is within the transmitted band k varies from o at 
one cut-off frequency to tt at the other cut-off frequency. 
As the frequency approaches one of the cut-off points 
from the attenuated region u is continually less than 
— 2 and k is continually zero, as the other cut-off fre¬ 
quency is approached from the attenuated region u is 
continually greater than -f 2 and k continually equals tt. 

Sections (9) and (10) taken together give some very 
interesting properties of the ideal coupled circuit 
structures. In the attenuated regions, the phase shift 
or wave length constant remains at a constant value 
0 or TT, while the attenuation constant continually, 
takes on different values. For all frequencies within 
the transmitted band, the attenuation constant re¬ 
mains constant while the phase shift constant varies 
from zero to ir. 

(11) General Impedance Characteristics. Consider 
again the circuit of Fig. 2. Let the problem be that 
of transferring maximum power at frequencies within 
•the transmitted band or within a portion of the trans¬ 
mitted band from the generator to a utilization device 
terminating the filter. Let the generator impedance 
be represented by Zo. For the theory of section (9) 
to apply the utilization device must have the impedance 
Zs or must be corrected to Z, by means of a suitable 
transformer. It will be shown later that Z, may be a 
pure resistance. 

Let the terminating impedance Z„ be a pure resistance 
Rn. If Rr, were directly across the generator terminals 
it would receive maximum power when Zo = or 
was corrected to by means of a transformer. If the 
termination is such that Rn = Z« then the theory of 
section (9) applies and the resistance Rn receives the 
same power as though it were across the generator 
terminals. Therefore, for maximum power delivery 
from the generator to the terminating device, the system 
should be so designed that Zo = jR„ = Z^. 

If Zn and Zo are to be fixed resistances then in general 
we can satisfy the above relation for only one particular 
frequency within the transmitted band as Z„ although 
it may be made a pure resistance within the transmitted 
band, varies with the frequency. The detailed manner 
in which it varies with the frequency will have to be 
taken up for each type of structure considered. In 
general, however, it may be stated that the impedance 
curve is fairly flat for quite a range of frequencies within 
the transmitted .band, but falls to zero at the cut-off 
points. In the consideration of special types of struc¬ 
ture it will be shown that this change in characteristic 
impedance has the effect of introducing a loss in the 
transmitted band. Over the greater share of the 
transmitted band this loss may be made small but at the 
cut-off points it may have an appreciable value. 

(.12) Filters with Dissipation in Coils and Condensers. 
In the discussion thus far contained in Part III it 
has been assumed that the coils and condensers used 
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in building the filter did not dissipate energy. This 
assumption insured that the ratio of the circuitual to 
the^ transfer impedance should be a real quantity. 
This in turn leads to the sharp breaks in the charac¬ 
teristics of the attenuation and phase shift constants 
described in sections (9) and (10). In any real filter 
both coils and condensers dissipate energy. For any 
real filter then the impedance ratio is in general 
a complex number and the ideal filter theory does not 
rigorously apply. We can, however, approximate the 
ideal filter by using coils and condensers in which the 
ratio of resistance to reactance is small. We would 
expect the widest divergence between the characteristic 
of the ideal filter and the real filter at those points where 
the ideal filter characteristic takes a sudden break, 
narnely at the cut-off points. This expectation will be 
verified when the actual characteristics of some par¬ 
ticular types of structures are given. 

IV. Application op the General Theory to a 
Filter Built Up op Simple Series Circuits 
Magnetically Coupled Together 


of the ratio. Then in the system to be used the loss 
will be one attenuation unit when the natural logarithm 
of the ratio of the current with the utilization device 
acro^ the generator terminals to the current in the 
utilization device with the filter interposed between it 
and ^ the generator is imity. The convenience and 
application of this unit will become apparent as the 
discussion proceeds. As an example of its usefulness 
however, consider the following. 

A filter chain is terminated so that the reflected wave 
is absent. The impedances are such that the generator 
delivers maximum power to the filter. The current 
in any section of the filter then is: 

Iff = Jo 

But Jo is also the current which would flow if the 
terminating impedance were across the generator 
terminals, and we have, 

\U>/U\ = 
log, IJflVJsl qk 


(13) Conventions and General Method of Handling 
the Problem, Before starting the discussion of par¬ 
ticular types of filters, it will be of advantage to give 
a general survey of the method to be employed in 
treating the selective properties of- these systems. 
The method has been employed by telephone engineers 
for some time in the discussion of transmission through 
all types of networks. 

In section (11) it was shown that maximum power 
was delivered to the filter when the filter was so designed 
that its characteristic impedance was equal to the 
generator impedance which was taken to be a pure 
resistance, or was connected to the generator impedance 
by means of a suitable transformer. In the ideal filter 
within^the transmitted band this power is transmitted 
undiminished to a utilization resistance if this resistance 
has a value equal to the characteristic impedance, 
Z„ of the filter. Under these conditions we would say 
that the loss through the filter, or attenuation of the 
fi.lter is zero because the power delivered to the utiliza¬ 
tion device is the same as though this device were con¬ 
nected directly across the generator terminals. 

Now since our utilization devices can always be 
^uced to equivalent resistance it is obvious that 
instead of discussing power ratios, we may discuss 
current ratios. That is in order to obtain the loss 
occasioned by the filter it is sufficient to obtain the 
ratio of the current delivered to the utilization device 
when placed across the generator terminals to the cur¬ 
rent delivered to the device with the filter interposed 
between the generator and the utilization device. Let 
the current with the filter interposed be Jo and let the 
current delivered with the utilization resistance across 
the generator be Then the ratio Jo'VJo gives the 
effect of interposing the filter. Instead of using this 
ratio it is more convenient to use the natural logarithm 


Or the attenuation per section is h attenuation units. 
For q sections it is A q attenuation units. 

(14) Chain of Simple Series Circuits Magnetically 
Coupled. , Ideal Case, (a) Cut-off Points. The 
general theory thus far presented is very general and 


2Co Cl) C|) Co 



applies to all chain systems built up of identical cir¬ 
cuits associated in such a way that the impedances of 
the system can be broken up into circuital impedances 
and transfer impedances. The illustrations which 
follow, however, give rise to filter systems which in 
general cannot be broken up into series and shupt 
elemente. 

As a first application of the theory consider the 
system shown by Fig. 3. This system obviously ful¬ 
fills the conditions of the general theory. For the pur¬ 
pose of synthetically building up filter systems it is 
convenient to think of Fig. 3 as made of elements, as 
shown in Fig. 4.; Each of these elemepts will be called 
a filter section. Pig. 4 represents a two section filter. 

We will firat assume that Fig. 4 represents an idfeal 
filter; that is, a filter in which the coils and condensers 
do not dissipate energy. The circuital impedance is, 

Z. (54) 

The mutual or transfer impedance is: 

Zm — f CoM ; 
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Ko may be positive or negative. 
Then, 


Zm = 


Zo/Zm = 


_ j Q) Lq Kq 


0) Lq Kq 


(55) 

(56) 


The angular velocities corresponding to the cut-off 
frequencies are such as to make, 


Ze/Zm = 


£0 Lq — 




CO Lq Kq 
— d= Kq CO Lq 


= d=2 


CO Cq 

The cut-off angular velocities are. 


COa 


■4 


U Co (1 - iTo) 


= WrO 


>1 


(31) 


(57) 


When 

When 


CO = COa = COrO 


CO = COb = COrO 


A 


1 

1-Kq 

i 

1+^0 


} 


$ 


dh 

d CO 


00 


d k 

d CO 


CO 


The general attenuation characteristic then has a 
verticle tangent at co = o and becomes great without 
limit as CO = 0 . As co is increased from zero the slope 
remains finite and different from zero until co = cob; 
here the curve has another verticle tangent and h 
takes the value zero and remains zero until co = coa. 


2Co 


r 

1^1— 

M j 

1 , M 


“'t'* ^ ' y 

Section Section Section 


Fig. 4 


COb 




WrO 


Where coro is defined by the equation 
1 


COrO 


(58) 


(59) 


y/ Lq Cq 

It is interesting to note that the cut-off angular 
velocities are given by the same equation that give 
the natural angular velocities of two simple series 
circuits magnetically coupled together. 

(&) Attenuation Characteristics of the Ideal Filter» 
For the ideal filter it has been shown that the propaga¬ 
tion constant is given by the relation, 

cosh r = - = - m/ 2 - y 0 (8) 


2Z, 


m 


For the structure under consideration this gives 

cosh (r ^h -\-fk) ^ (1/Kq) [ (w,o/w)* - 1] (60) 

At this point we are chiefly interested in the general 
shape of the attenuation curve; that is, in the general 
shape of the curve which has values of h for ordinates 
and Aguiar velocity or frequency for abscissa. Within 
the transmitted band, that is for values of co lying be¬ 
tween cob and coa, the cut-off angular velocities, h is 
zero. 

When CO = 0 i cosh (h+jk) = » and h~ m. 
When CO = », cosh (h j k) - — I/Kq. For the 


ideal Alter equation (50) gives cosh h = =*= y 

= cosh-i (|m/2|) 
dh dh du 


d CO du d 0 ) 


=b 2 COfO^ 


When 


When 


<0 = 0 , 


CO = CO 


CO .8^0 V (l/J^o)® (cOrO* — CO®)® — CO* 

l-iA. = CO ^ 

Icico 

dh 


then 


d CO 


== 0 


At CO = coa the curve has another verticle tangent and 
as the frequency becomes great without limit the value 
of h approaches the value cosh“^ (l/AT©). The general 
attenuation characteristic is, therefore, as shown by the 
sketch of Fig. 5. 

When COA and cob are both finite the attenuation 
constant of the ideal filter for angular velocities lying 
between coa and cob is zero and the structure is called 
a band pass filter. 

If i?o = 1, coa » 00 and the attenuation constant is 
zero for all angular velocities above cob and the filter 
is called a high pass filter. 



(c) Phase Shift Characteristics of the Ideal Filter. 
The manner in which the phase shift or wave length 
constant varies with the frequency can most readily be 
obtained by using the equation: 

coshAcos^ = — m/ 2 (45a) 

v/2 = 0 (45b) 

Case I Kq positive 

iVom equation (56) we obtain: 

Zc/Zm ^ U 2 /Kq[1-‘ (cOro/co)®] 
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For values of co less than the lower cut-off angular 
velocity u is negative and it has been shown that k 
is different from zero. Sinh h is thus different from zero 
and to satisfy (45b), sin k must equal zero. The value 
of k must therefore be o or ir. In equation (45a) cosh 
h is positive, u is negative, and therefore cos it must be 
positive. Therefore, for frequencies below the lower 
cut-off frequency, k must equal zero. 

For values of o) heater than the upper cut-off angular 
velocity, sinh A is different from zero so that sin A: 
must equal zero and k must equal o or ± tt. Now u 
is positive so also is cosh h so that cos k must be nega¬ 
tive. A: = zb IT . 


k must equal — x/2. We then may assign values to 
k as follows: For o) equal to and less than cun, k - 
- X. For o) = wro, A; = - x/2. For o) equal to or 
greater than oja, k ~ o. 

The general shape of the wave length constant curve 
for Kq negative is as given by the dotted curve of Fig. 

6 . 

(d) Characteristic Impedance of the Ideal Filter and 
Design Formula, The characteristic impedance is 
given by the relation: 

Z, = ' 

(13) 


When CO = coro, u = o so that cos k = o, k = 
=b x/2. Sinh h is also zero so equation (45b) becomes: 

— V = 0 


2 sinh — 0 

If resistance were allowed in the circuits: 

a dzjb 


(61) 


ZeIZm, = W + y V = 1/Xo 


0 s 


] 


dk 


d CO 


When 


When 


CO = COb 


CO = COa 


CO -s/ CO* — [cOj-O^ — 00®]^ 

dk 


(61d) 


then 


then 


d CO 

dk 


d CO 


= 00 


s= C» 


The wave length constant-angular velocity curve 
thus has a verticle tangent at each cut-off point. The 
general shape of the curve for Ko positive is given by 
the full line curve of Fig. 6. 

Case II. iiCo negative. 

The derivatives for this case are as given above for 
c^e I. For angular velocities below cou, sinh is 
different from zero so sm A; = o. A: = o or zfc x. m is 
positive. So also is cosh k and therefore cos k must be 
.negative. A: = ± x. 

For values of co greater than coa sinh h is different 
from zero so sin A; must equal o. A; = Oi zb x or 
zb 2 X. u is negative> so cos k must be positive. 
A; — 0 or dz 2 X. 

When CO = coro, u is zero and cos k is zero, k = 
=b x/2. Sin A: is again indeterminate. However from 
(61a) when .^0 is negative, is positive and we see 
that k must lie in the second or third quadrant. Then 


For the idealized structure under consideration 
ZJ2 - = 1/2; I <0 io (1 - K„) - . 

I Cu v.^ 0 

_ . 

CO Co 


Z./2 1/2 y [ CO L„ (1 + lU) 


= 1/F:o [zb 6/s - y a/s] (61a) 

(6Ia) shows that when Kq is positive v is negative and 
that k must lie in the first or second quadrant. We 
then may assign values to k as follows. . Below and 
including cob, k — o . At coro k = x/2. Including and 
above coa, k ^ tt. 

Inside the transmitted band of an ideal filter k is 
given by 

A; = cos-* l/iiCo [ (co,o/co)2- 1] (61b) 

Taking the derivative with respect to co, we obtain: 

2 COrO^ 



Z,^ = - 1/4 


[co® Dn Ci) (1 /Co) 


CO® 

~l][co®L„Cn(H-/Co)~-1] (62) 

Z.* = - ( (u/Wrt,)= (1 

- - 2 H-11 (63) 

At this point it is well to pau.se and consider the man¬ 
ner in which the constants of the filter are to be fixed, 
coro is fixed by the location of the band to be trans¬ 
mitted. /Co is determined by the width of tlie band of 
frequencies to be transmitted. Within the transmitted 
band the filter should have an impedance which matchf^H 
the generator and power receiving device. That is 
Z, at some point within the transmitted band is fixed 
by the impedance of the devices between which the* 
filter is to be placed. We choose to fix the impedance 
for the angular velocity coro and we wish to determine 
Lo and Co in such a way that a-t co^,, Z, shall equal 

Upon applying this edndition to equation (63), there 
results 
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jBlQ 


(65) 


2 0) Co 

It is to be noted that Zo is a pure resistance. Since 
in general, as stated before, Zq is fixed by the conditions 
of the problem so (65) really determines Co in such a 
way that the filter shall have the impedance Zq. That 
is, Co is given by the design formula: 

C. ,66) 

/j COrO "0 

The inductance is determined by the relation: 

1 


curve for frequencies above the resonant frequency 
is plotted since in each case the other half is nearly 
a reflection in a line through the resonant frequency 
of the part plotted. 

(e) Actual Curves for the Attenuation and Phase 
Shift Constants. We are now in a position to actually 
plot up some curves showing the manner in which 
the attenuation and phase shift constants of the simple 
magnetically coupled filter vary with the frequency of 
the current being transmitted. In order to make 
the^ curves more general, for abscissa we will use the 


= 


Lo = 


Lo Co 
2Zo 


(67) 


|i2!ol C»>rO 

Upon substituting (66) in (63) there results 

Z, = Zo VT«7«*’ro)* - 1/XoMw/COrO- OJfO/ (68) 

For some discussions it is desirable to have Z, in 
terms of one of the cut-off frequencies instead of Ko. 
To obtain this relation we note that (57) solved for 
Ko gives, 

(69) 




2_ 


WrO 


COrO 


.2 — 




When (69) is substituted in (68) there results: 
Zq COa^ 


Zt = -— a” V WV (COA/Wro — Wro/ OJa)® 

C0A2 — COrO* _ 

— (w/w,o— «ro/«)® (70) 

•>/ COV (,03 tq / COb — COflWro)^ 

— (co/cOrO— Wro/«)2 (71) 


Zq COb^ 


COrO* •— COb 
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RATIO OF 

Fia. 8 —^Attenuation Constant Curves fob Ideal Filter 

ratio co/coro and the coupling coefficient or band width 
constant will be used as a parameter. 

We have the relation: 


Zc/Zm = 


2 ^ CO Lq — 


CO Co ) 


(56) 


(72) 

(73) 


Fia. 7 —Characteristic Impedance, for Coupled Circuit 

Wave Filter 

Equation (70) and (71) show that in the id^l filter 
Z, is real or is a pure resistance through the transmitted 
band. At the cut-off points Z* falls to zero and outside 
the transmitted band it is a pure reactance. The curves 
of Fig: 7 give a more accurate picture of the manner 
in which the characteristic impedance varies with the 
frequency in the ideal filter. Only the part of the 


CO Lq Kq 

This equation can be put in the form: 

Z,IZ^ = 2IKq [1 - (co.o/co)21 = u -\-j v 
cosh [t = k 4*y h] = 1 /Kq [ (coro/ c»j)® — 1] 

Both h and k are readily obtained from ('73) for the 
following reasons. For angular velocities below cob, 
k is zero so (73) gives h directly. Within the trans¬ 
mitted band h is zero so (73) gives k directly. For 
angular velocities above cja, k = tt so is again readily 
obtained. Within the transmitted band it is more 
convenient to use the relation: 

cosk = 1 /Kq[ (oirQ/coy — 1] (74) 

for obtaining values of k. 

Actual curves for and A: are given by Figs. (8) 

and (9). 

(/) Line Impedance Characteristics. The line im¬ 
pedance given by the equation: 

Ztt cosh rn Z, sinh t n 
cosh % r + Zn/Zt sinh n r 

In order to make the curves independent of the 
terminating impedance Znt the ratio of Z l/ Zn will be 


Zx. « 


(30) 
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used as ordinates. Dividing both sides of (30) by Zn we 
obtain: 

>7 ! >7 _ cosh % r + ZJZr, sinh n r 
“ cosh % r + sinh n r 

The computation for Zi./Z« is straight forward until 
it is attempted to find the value of this ratio at a cut-off 
point. At the cut-off points sinh w r is zero, so also 
is Z,. We have therefore in the denominator of (75) 
an indeterminate form 0/o to evaluate. We proceed 
to obtain the equation which gives the value of Zi./Z„ 
at the cut-off points. 

At a cut-off point t - o or j tt. For either value of 
r sinh nr - o. Now within the transmitted band of 
an ideal filter r - j k, and we have the relations: 


cosh nr = coshy nk = cos n k 
So that at a cut-off point (75) becomes: 
/V \ cos nk 

(ZL/Z«)"AOr«B = 


cos nk + Zn 


sinh n r 
Z, 


(76) 


Now we have the relation: 



2Z1 


So 



also 





(77) 


Zs = =h Zm sinh r 

(78) 


The sign to be used with (78) must be such as to 
cause the real part of Z, to be a real positive number. 
Now inside the transmitted band of an ideal filter 
r = y k, so we have: 

sinh r = sinh j k = j sin k 


And equation (76) becomes 

1 _ J „ ( 2 ,/| 2 „|) cos k ’ 

{k = 0 or tt) (81) 

Now equation (81) contains the term v/y/l^. Now 
this term was introduced solely to fix a sign and thus 
avoid the necessity of carrying a double sign. How¬ 
ever in an ideal filter v is zero. We must therefore use 
the sign which v would give if some small resistance 
were in the filter coils. This sign is readily determined 
from physical considerations or from equations like 
(99) which are derived hereafter. 

Equation (81) is general and applies to all types of 
coupled circuit wave filters. For the type of structure 
now. under consideration it may be put in a form more 
convenient for use as follows: 

jZn^l = 1/2 CO Lo\Ko\ 

f _ 2 Zo 

” li?olco.o 

|Zot| = Zq (ii/ COrO 

If the filter is terminated, as is usually the case, so 
that Zo = Zn then: 

\Zn\ — Zn W/ COrO (82) 

In the structure under consideration if loss were 
allowed in the coils we would have: 

f7 J nr I _ a±j h 

Ze /Ztn — U 'T' y V ~ y ^ 

«+,•» = 1/x, = i/K, [± b/s-ja/s] 

Or V has a sign opposite to Ko. This result could also 
be obtained from equation (99). We then may write: 

_ -Ko 

VV = —rwT (83) 


Also inside the transmitted band of an ideal filter Zm is 
a pure imaginary or: 

Zm = =b j\Zm\ 

Z, = =blZ«lsin^ 

Now from (53a) the sign of k is opposite to the sign 
of V so within the transmitted band of an ideal filter 
we have: 

Z, = |Z«i|sin k (79) 

Also sinh w r = sinh y w A; = ysin wA; 

So that 

sinh n t _ jsmnk 

|Z«lsinA: 

Vv^ 

Lim. sinh n r ^ —v. j n cos nk 

K^oorir Z, V"^ cosA; ^ ■ 

k^OOTTT 


Upon substituting (82) and (83) in (81) there results: 

(Zl/Z.).^., = 1„ (o,/a,„) (Ko/V K?^k 

This is the equation giving the values of Zl/Z„ at 
the cut-off pointe of the simple filter under discussion. 

In applying equation (75) to obtain values of Zl/Z„ 
within the transmitted band it is well to note that for 
certain frequencies the value of this ratio can be ob¬ 
tained with very little calculation if curves for the ratio 
Z,/Z„ and of k have already been plotted. These 
frequencies are those which make cosh w t equal to 
zero and those which make sinh% r equal to zero. 
When cosh « r - 0 then: 

Zi./Zk = (Z,/Zn)^ (85) 

When sinh wr = Othen: 

Z^/Zn = 1 ■ V (86/ 

Cosh n r is zero for those frequencies w^hich ^ 
n r to equal y p 7r/2 where p is an odd integer. Sinh 



108 


PETERS: ELECTRIC WAVE FILTERS 


Transactions A. I. E. E. 


w r is zero for those frequencies which cause w r to 
equal j qir where g is a positive integer. These fre¬ 
quencies are readily found from curves like those of 
Fig, 9. 

A line impedance curve for Zo = 0.0754 and n 
= 3 is shown by,Fig. 10, on'y the part of the curve for 



RATIO OF ‘fu,,. 

Pig. 9—^Phase Shift or Wave Length Constant for Ideal 

Filter 

frequencies above the resonant frequency is shown 
as the other part has the same general shape. This 
curve is flatter for a greater portion of the transmitted 
band than the curve giving the characteristic impedance 
for Ko = 0.0754. A flat impedance curve is desirable 
in those cases where the filter is used in circuits in which 
impedance irregularities are undesirable. 



(g) Total Loss Ckara>cteristics of the Ideal Filter. 
From equation (34) we have for-the current in the gth 
section of a coupled circuit wave filter the relation: 

Iff = Eo [1/Zl cosh qr — l/Z, sinh q r] (34) 

This equation gives the current in terms of the volt¬ 
age of the first section. We wish 7 g in terms of the 


impressed voltage. The relation between Eq and the 
impressed voltage is 

EZt 


Eo — 


U = 


Zo “h Zi. 
E 


(87) 


Zo + Zl" qr — Z^/Z, sinh g r] (88) 

If the terminating impedance were across the genera¬ 
tor terminals, the current delivered to it would be: 

E 


In' = 


(89) 


Zo -{■ Zn 

The ratio of the current delivered to the terminating 
impedance to the current which wpuld be delivered to 
it if it were across the generator terminals is given by 
the equation: 

In/In' - -- 1 nr - Zl/Z, sinh n r] 

(90) 

If, as is generally the case, Z„ = Zo then (90) be¬ 
comes: 

2 

In/In = Zt/Zo nr — Zh/Zt smh n t] 

(91) 

In accordance with the plan announced at the begin¬ 
ning of this section the effect of interposing the filter 
between the generator and terminating impedance 
will be specified by giving the loss in attenuation units 
which results from the introduction of the filter. This 
loss has been defined by the relation: 

A = \OgeIn'/In (92) 

The calculation of the current ratio /«//„' is straight 
forward until a cut-off point is reached. At a cut-off 
point sinh w r is zero, so alsa is Zs. This gives rise to 
the indeterminate form: 

sinhwr 

—zr- = - 

This indeterminate form was encountered before 
and its value is given by equation (80). Upon sub¬ 
stituting (80) in (91) and letting to = wa or cob we 
have: 

fj /T f\ _ 2 ^ ^ ri 

7 TTZITZT [1 

+ {v/v ©2) y n (Zl/|Z„|) cos k] (93) 

k = 0 or T 

Equation (93) is a general equation applying to all 
types of ideal coupled circuit wave fiOiters. For the 
simple filter under consideration (93) can be simplified 
by the use of equations (82) and (83).. Then for the 
filter under consideration We may write: 

fT IT 2 cos nk 

iU/l, [1 

— y n (Z l/Z„) ( Oiro/ co) (Ko/ V Ko^) cos k ] (94) 

k = 0 or TT 
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A total loss characteristic for frequencies lying above 
the resonant frequency is given by the curve of Fig. 11. 
This curve is for a three section filter for which Kq 
— + 0.0754. The circuit constants are such that at 
the resonant frequency = Zn. This is of course 

the same filter for which curves of h, k, Za and Zv have 
already been given. 

A comparison of the curve of Fig. 11 with three 
times the ordinates of the attenuation constant curve 
for the same filter as given by Fig. 8 shows that, with 
the exception of frequencies in the vicinity of the cut¬ 
off frequency and for very large frequencies, the loss 
figured from the attenuation constant alone gives a 
very close approximation to the total loss occasioned 
by the introduction of the filter. This is a very im¬ 
portant fact as it allows preliminary design of ideal 
filters to be based upon the attenuation constant alone. 

The variation of the total loss curve from the total 
attenuation curve for frequencies much larger than the 
resonant frequency is evident when we remember that 



Fig. 11 Total Loss Curve for Ideal Filter 


to approach those of the ideal filter by making these 
losses as low as possible. The losses in condensers 
can be made negligible but it is more difficult to con¬ 
struct coils with negligible power losses. It is the 
purpose of this section to give briefly the characteristics 
of the filter built up of simple series circuits magnetic¬ 
ally coupled together, in which the coils are assumed 
to have energy losses. 

All of the general equations of part II apply to the 
dissipative filter and the greater share of the special 
forms of these equations developed in section (10) 
also apply as well to the dissipative filter as to the filter 
without dissipation. 

(6) Cut-off Points, Attenuation ami Phase Shift 
Characteristics. As was pointed out in section (12) 
a filter which has losses in its coils has no sharp cut-off 
points, but currents of some frequency are very freely 
transmitted while others are transmitted very poorly. 
Since the dissipative filter has no definite cut-off points, 
the cut-off points of the idealized filter will be taken us 
the cut-off points. It is well to note that in this case 
the loss may be considerable at the cut-off frequencies. 

The total propagation constant is given by equation 
(8). This equation may be used for finding both the 
phase shift constant and the attenuation constant by 
making use of a table of complex hyiDerbolic functions. 
In most cases it is more convenient to use eciuations 
(SO) and (52) for determining these constants. The 
first step is to obtain an expression for the impedance 
ratio Zc/Zm. 

For most coils used in high-frequency work the effect¬ 
ive resistance varies with the frequency. For small 
frequency ranges this variation may be as.sumed to 
be a straight line function and we may 
Let 

~irir ^ ^ m 


-the attenuation constant curve approaches cosh-ill/iiroi 
as / — 00 whereas the total loss curve approaches « 
^ / — 00 due to the fact that the line impedance 
becomes infinite when the frequency becomes infinite 
The marked deviation of the toll loss curve from 
the total attenuation curve for frequencies in the vicin- 
ity of the cut-off frequency is due to the fact that in 
■this vicinity the characteristic impedance differs 
v^dely from the terminating impedance. This gives 
x*ise to a large reflected wave term in the current equa- 
-tion. The total loss though the filter is squal to the 
lumber of sections times the attenuation constant 
only when the reflected wave term is zero or very small 
compared to the main wave term. 

_ (15) Chain of Simple Series Circuits Magnetically 
CmpM. I^paMm Cme. (a) General Statemeni 
Scope of (hts Section. Real filters differ from ideal 
filters in t^t the former always have some power 
los^ m coils and condensers whereas the latter have 
not. The characteristics of the real filter can be made 


men lor the structure under consideration, 


Ze = (d + f) CO Lq — ^ 

Zm = j 03 Lq KnfZ 


03 Cii 


(97) 

(98) 


Ze/Zm - U J V - 2/Kn [1 ““ (03ri,/ (O)** -- j rf] (09) 

^ obtain a picture of the characteristics of 
the dissipative filter and to be able to compare its 
characteristics with those of the ideal structure curves 
will be given for the following conditions: 

■K'o=+ 0.0754 4* 0.002, 

Curve of Fig. 12 gives the attenuation constant 
characteristic for frequencies above the resonant fre- 
quencira. A comiiarison of this curve with the cor- 
i^onding curve of Pig. 8 shows that, with the excep¬ 
tion of ^quencies m the vicinity of the cut-off fre- 
quency, the attenuation constant for this dissipative 

as for the ideal filter. The 
dissipative filter, however, has an attenuation constant 
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different from zero in the transmitted band. The value 
of the attenuation constant within the transmitted 
band and the deviation of the attenuation constant 
curve for the dissipative filter from that for .the ideal 
filter depends upon the value of d. 

Curve B of Fig. 12 gives the phase shift constant for 
frequencies above the resonant frequency. This curve 
is practically the same as the one given by Fig. 9 for 
the corresponding ideal filter. 

(c) Characteristic Impedance and Line Impedance. 
The characteristic impedance is given by the relation 

Z, = V ZcV4 - ZJ (13) 



The line impedance curve for a three section dissipative 
filter in which 1^0 = + 0.0764, d — 0.002, is given by 
curve B of Fig. 13. This curve differs but little from 
the corresponding curve for the ideal filter given by 
Fig. 10. The two curves of Fig. 13 give a good com¬ 
parison of the characteristic impedance and the line 
impedance for a three section dissipative filter. The 
line impedance is flatter over a greater portion of the 
transmitted band than the characteristic impedance. 
For frequencies outside the transmitted band and 
slightly removed from the cut-off frequency the two 
curves coincide to within a fractional part of a per cent. 

id) Total Loss Characteristic. The total loss charac¬ 
teristic will again be computed by the use of equations 
(91) and (92). All of the terms entering into these 
equations have already been given by curves or can 
readily be found from the data given by the curves. 
The calculation of the current ratio by means of (91) 
is straightforward everywhere because for the real 
filter no indeterminate forms appear. 

The total loss characteristic for the three section 
filter under consideration is given by curve C of Fig. 
12, since n for this filter is three, the total loss curve 
has been plotted to a scale three times as small as that 
used in plotting the attenuation constant curve. This 
makes it possible to see directly how closely the total 


Pia. 12 —^Phasb Shift Constant, Attenuation Constant and 
Total Loss Chakactekistics poh a Dissipathb Filter 

If we use the design formulas as given by equations 
(66) and (67) we can write: 

Zm — 1/2 y OjLqKq = dzjZo (o/ COrO (100) 

Ze = {j + d) 0) Lo — 


CO Co 


2Z 




® [d CO/cOrO + j (w/cOrO “ COro/co) ] 

I 

( 101 ) 

The characteristic impedances for frequencies above 
the resonant frequency are given by curve A of Fig. 13. 
A comparison of this curve with the corresponding 
curve for the ideal filter, given by Fig. 7 shows that, for 
all frequencies except those in the vicinity of the cut¬ 
off frequency, the curves are nearly identical. The 
characteristic impedance of the ideal filter falls to zero 
at the cut-off point whereas in the real filter it has a 
value other than zero at the cut-off point. In the ideal 
filter the characteristic impedance is a pure resistance 
within the transmitted band and a pure reactance with¬ 
out the transmitted band. In the real filter the charac¬ 
teristic impedance has a very small phase angle over the 
greater share of the transmitted band. In the vicinity 
of . the cut-off point this phase angle inareases rapidly 
to 45deg. at the cut-off point. Beyond the cut-off 
point the phase angle increases rapidly to 90 deg. 
The deviation firomtheideal case of course depends upon 
the value of d. The line impedance is given for the real, 
filter as well as for the ideal filter by equation (75). 



1.00 1.02 1.04 1.06 1.08 1.10 1.12 1.14 1.16 1.18 

RATIO OF 

Pig, 13 —Characteristic Impedance and Line Impedance 
FOB A Dissipative Filter 


loss is given by three times the attenuation constant. 
A comparison of curves A and C show that the loss 
computed on the basis of the attenuation constant alone 
is a very close approximation to the total loss. A 
comparison of curve C, Fig. 12, with the curve oif Fig. 
11 will show that the total loss curve for the ideal filter 
gives a close idea of the total loss in the real structure. 

This section and the preceding one have shown that 
a very good idea of the selective properties of a filter 
may be obtained from a consideration of the attenua¬ 
tion constant curves for the corresponding ideal struc¬ 
ture. Further, the loss curve of a filter network d»- 
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signed in accordance with the formulas given is obtained 
very closely by multiplying the ordinates of the attenu¬ 
ation constant curve by the number of sections in the 
filter. These two facts aid very much in the design 
of filters which must meet preassigned requirements. 

V. Filters Built Up op Sections having 
Different Attenuation Characteristics 

(16) General ConsideratioTis of the Problem of 
Building a Filter of Different Types of Sections. If we 
have a chain built up by joining together an infinite 
number of identical coupled circuit filter sections then 
it has been shown that the transmission loss between 
any two sections is equal to the attenuation constant 
times the number of sections which separate the two 
under consideration. This follows because the re- 
fiected wave term drops out of the current equation and 
the current is given by a simple exponential expression. 
In filters with a finite number of sections we approach 
this condition by terminating the filter in such a way 
that over the greater portion of the transmitted band 
the structure acts as though it were in its infinite chain. 

Let us now consider a chain built up of an infinite 
number of coupled circuit filter sections, but let us not 
require that ill the sections be identical. Let us 
require, however, that all t 3 q)es of sections have the 
same characteristic impedance at all frequencies. 

The chain may be divided up into groups of identical 
sections as shown by Fig. 14. To any of the groups as. 
the 5th group we may apply our general equations 
which give the current in any section of the group 
in terms of the current in the first section of the group. 
The terminating impedance is the impedance looking 
into the 5 + 1 group of sections. Since the chain is 
incite or terminated by an impedance equal to Z, 
this impedance is also equal to Z, and the reflected 
Wave term is absent from the equations applying to 
the 5th group. The transmission loss through the 
group is therefore ha n. Also the loss through group 
5 — 1 is and so on. The total transmission 

loss between points A and B is n’ hs-i ^ ha n -\- 
n” haj^i. From this it follows that the total trans¬ 
mission loss between any two sections is equal to the 
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Pig. 14' 


sum of the attenuation constants for all the sections 
separating the two under consideration. 

That which has been said concerning the infinite 
chain also applies to the structure terminated by an 
impedance equal to the common characteristic imped¬ 
ance of the elements. 

It follows from the above discussion that the prob¬ 
lem of building up a filter of different types of sections 
is solved when we can so design the sections that the 
different types have the same characteristic impedance. 
In the sections which follow we will base the design of 


two types of filter sections upon the design of the sec¬ 
tion discussed in part IV in such a way that all three 
types have the same characteristic impedance and 
therefore can be used together in building up filters. 

In sections which follow, attenuation characteristics 
alone will be employed in giving examples of built up 
filters. This is justifiable because it has been shown 
that the loss computed from the attenuation constant 
alone gives a good idea of the total loss characteristics 
of a structure. 

(17) The Filter Element Derived from Two Simple 
Series Circuits with Electrostatic and Electromagnetic 


fJ- J_ 



Fig. 15 




Coupling Between Them. The filter element to be 
considered here is shown by Fig. 15. The mutual 
inductance between the circuits is given by: 



The mutual elastance is given by the relation 
^ Sx ff X 

Om ^ 2 * 

In accordance with the principles laid down in sec¬ 
tion (16) we proceed to determine design formulas for 
this t^e of section so that it will have the same charac¬ 
teristic impedance at all frequencies as the simple sec¬ 
tion discussed in part IV. In the discussion which i.*? 
to follow, all constants referring to the simple type of 
section or basic section will bear the subscript o while 
those referring to the section of Fig. 16 will bear the 
subscript 1. 

The condition which we are to satisfy is stated by 
the equation: 

ZaO = = ZaX = 

( 102 ) 

Upon putting the values of Z, and Z« in (102) and 
squaring both sides there results: 




2Ln 


+ 


CO® Co® 


a,» z,.» _ 2 ^ 

CO® Li® Kx^ + 

Cl 


- CO® K„® L«® 


(103) 


Hr 

co"®'"C 7 '" 

Since (103) is to hold for all angular velocitie.s, we may 
equate coefficients of like powers of co. 




112 


PETERS: ELECTRIC WAVE FILTERS 


Transactions A. I. E. E. 


From the constant terms there r^ults: 

Lo/Co = Li/6\ (1 - ifi Hx) (104) 

From the terms in w* there results: 

= W \ (105) 

From the terms in l/co^ there results: 

Cx^ = CoMl - Hi®) (106) 

Upon substituting (105) and (106) in (104) there 
results: 


(1 - Zx®) (1 - Hx®) 
1-Ko^ 


(1 - Zx Hx)® 


(107) 


Equations (105), (106) and (107) fix Lx and Cx and 
either Hx or Hx in terms of Lo, Co and Ho. The ratio 
of Hx/Hx is arbitrary. The manner of choosing this 
ratio will be taken up along with the discussion of the 
general shape of the attenuation constant charac¬ 
teristics. 

The attenuation constant is a function of the im¬ 
pedance ratio Zc/Zm = u so we proceed to 

determine this ratio for the filter, section under dis¬ 
cussion: 


When w = 00 , m = oo 

h = COSh~‘ 00 = 00 

The attenuation constant characteristic for this sec¬ 
tion is then as shown by Fig. 16. 

Case III 

Hx > Hi 

At 0 ) = 0 ; cosh h = 1/Hx 
At £0 = 00 ; c osh h = 1/Hx 
When (a/carl = V Hx/Hx cosh/^ = oo and the^at- 



As before let d 
Then 


R 

0) L 


•• 

Zt = (d + j) ca Lx - 

Z.=J/2(o:K,L.-^ 



Zc/Zm =U+jv = 
Where 


2 [ ( cj/cOrl)® -1-jd (co/cOrx)® ] 
(co/a}rx)®Hx—Hx 

(108) 



__1_ 

v'lTc; 


For the ideal •filter in which d = o this becomes 


2[(a)/(o,o)®-l] 

(a>/w,x)®Hx-Hi 


(109) 


The attenuation constant for the ideal filter is deter¬ 
mined by the relation: 


cosh (h) = |m/2| 

There are four cases depending upon the relative 
values of Hx and Hx 

Case I Hi = o 

This is the case of the filter discussed in detail in 
partly. 

Case II Hx = 0 

This is the case of the filter section with electrostatic 
coupling only. The general shape of its attenuation 
constant characteristic will now be determined for the 
ideal filter. 

When w = 0, it = ~ 2/Hx H = cosh-» / -i ) 


tenuation constant is infinite. That is the ratio of 
Hx/H may be thought of as a design parameter which 
fixes the frequency at which infinite attenuation occurs. 

The general shape of the attenuation characteristic 
for a section coming under Case III is shown by Pig. 17. 

An actual attenuation constant curve for a dissipa¬ 
tive filter coming under Case III is given by curve A 
ofFg.20. 



Case IV. Hx < Hx 

Here again at co = o cos h k = 1 /Hx at co = « 
cosh h = 1/Hi at co/corx = V Hi/Hx; cosh h == <», 
The general shape of the attenuation constant for a 
filter section coming under case IV is ^own by Fig. 
18. The design of all four cases of the filter section 
shown by Fig. 15 has been based upon the design of 
Case I in such a way that at all frequencies the filters 
have the same characteristic impedance. Now at a 
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cut-off point the characteristic impedance for the ideal 
structure fall to zero and changes from a pure resistance 
to a pure reactance and this is the only place at which 
this occurs so the different sections having the same 
characteristic impedance will also have the same 
cut-off points. For the ideal filter section, shown by 
Pig. 16 and designed in accordance with the formulas 
given, the characteristic impedance and the cut-off 
points can be computed from the equations given in 
part IV. 

The cut-off points can also be found by determining 
the value of to in equation (109) which will cause u 
to equal db 2. These cut-off angular velocities are 
found to be 


COAorB = 



l-rHi 


COxorB = 

where 



1-Hi 

1-Kx 




( 110 ) 


= 0.0325, ifi = 0.2859, Hx = .0.3153, d = 0,001. 
Curve B is an attenuation curve for a two section 
filter. One section has the constants given above. 
For the other section the values of and Kx have been 
interchanged. This combination of sections gives a 
symmetrical band pass filter in which the points of 
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Fia. 18 

It can be shown that the coa and cob determined from 
(110) are the same as those determined from (57) and 
(58) by substituting in (110) value for Lx Cx, Hi and 
Kx from equation (105), (106) and (107). 

(18) Examples Built-of up Attenuation Character¬ 
istics and of the Use of the Design Formulas. In order 
to give a picture of the manner in which attenuation 
characteristics may be built up, the curves of Pigs. 19, 
20 and 21 were plotted. Curve A of Pig. 19 is the at¬ 
tenuation constant characteristic for a section in which 
Hi — 0 , K = Ko = 0.0326, d = 0.001. Curve J5 of 
Fig. .19 is the attenuation characteristic for a two 
section filter in which the first section is the one de- 


infinite attenuation have been brought in from 
and 0 to 


<*>/C0rX 



0.3153 

0.a859 


and co/u>ri 



0.285 9 

0.3153 


oo 


The curve of Fig. 21 is the attenuation characteristic 
of a three section filter obtained by adding a section 
for which Ko 0,0325, Kx = o, Hs *= 0.0325, d 
= 0.001 to the filter just described above. 



Pia. 20 —A'itenuation CuitvEa for CoupiiKu Cihcuit Wave 

Filters 


scribed above and section 2 has the following constants 
Hi = Ko = 0.0325, Kx = Ox d => 0.001. This com¬ 
bination gives a symmetrical band pass filter; that is, 
the attenuation for to = A is the same as the attenua¬ 
tion for^ CO = 1/A. This combination has infinite 
attenuation at co/ coro ~ o and co/co,o ~ . Curve A of 

Pig. 20 is the attenuation curve for a section in which 


As an illustration of the use of the design formulas 
let us consider the following problem: 

It is desired to introduce between a generator whose 
impedance is 600 ohms, and a power receiving device 
of 600 ohms, resistance, a filter having the following 
characteristics: 

The filter shall pass frequencies from 29,700 to 
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30,300 with as small a loss as possible. The varia¬ 
tion in loss over this transmitted band not to exceed 
0.2 of an attenuation unit. The loss at 31,000 and 
above and at 29,000 and below shall exceed 5 at¬ 
tenuation units. Required, the constants of the 
filter. 

We will assume that the value of the ratio of resist¬ 
ance to reactance which it is possible to obtain in coils 
is 0.002. The resonant frequency, fro will be taken at 



ments. To this filter we will add a third section for 
which For this section then Ks = o. 

Equation (107) gives Hz as follows: 

Hz = Ko = 0.0325 

The loss through this three section filter based upon 
the attenuation constants alone is shown by the curve 
of Fig. 21. This filter meets the requirements. Its 
constants are found as follows: 

Co is given by equation (66) as 

Co = o > where Zo = 600 

/i COrO ^0 

Co = 1.437 X 10“‘° farads 
Lo is given by equation (67) as 

^0 ~ ®henrys 

|jK.|£0r« 

Li is given by equation (105) as 

Li >= Lo-^ ^ = 0.204 henrys 

Cl is given by equation (106) as 

Cl = Co V1 — H^ — 1.364 X 10““ farads 
La is given by equation (105) as 

^2 ~ Lo-^ “ 0.2062 henrys 

Ca is given by equation (106) as 


Fig. 21 —^Attenuation Curve for Coupled Circuit Wave 

Filter 


the center of the transmitted band, namely as 30,000 
The theoretical cut-off points must be taken so as 
to be outside the band which it is desired to transmit as 
there is appreciable loss at the theoretical cut-off 
points. We will choose /a/Lo = wa/co,o as 1.010. 
The value of Ki is obtained from equation (57). 

Zo = 1 - (w.o/c<>a)2 = 0.0325 

We will first try a two section filter, one section hav¬ 
ing a point of infinite attenuation at a)„/o)ri = 1.05 
and the other having a point of infinite attenuation at 
^oo/^ri = 1/1.05 = 0.952. The value of the Z, 
are then as follows: 

For the first section. 



Zo 

“ Zn “ 600 ohms 



Cl 

“8.652 X 10-“ farads 

1.1 “0.102 

henrys 

c* 

•3;974 X10-“ “ 

Li “0.102 

U 

Cl 

-1.968 X10-“ “ 

Lt “0.1031 

a 

Co 

“3.974 X10-“ “ 

Li “0.201 

m 

Ct 

“1.678 X10-“ * 

Li “0.0979 

m 

Co 

= 8.843 X10-“ “ 

Ml “0.02916 

it 

Cl 

“2.971 X10-“ * 

Mi “0.03261 

a 

Ko 

“0.0325, Ki “0.2869, 

Ki “ 0.8153 


Hi 

“0.3163, Hi “0.2859, 

Hi “0.326 



Wa/WrO « 1.016. o>coi/ctro “1.06, cooos/Wro “ 0.»62 
«r0 = (80,000) 2ir, (f “0.001 

Attenuation characteristics given by Fig. 21 


VHi/Zi = 1.05; Hi/Ki « 1.105 
Substituting this in equation (107) we obtain 

Zi = 0.2859 
= 0.3153 

For the second section we obtain in lik e manner, 

Z2 = 0.3153 
^ 0.2859 

The losses in this two section filter based upon the 
attenuation constants alone is given by curve Z of 
Pig. 20. This filter does not quite meet the require- 


Cz = Co V1 — Hz^ = 1.377 X 10““ farads 
Lz is given by relation (105) as 

Lz = Lo V1 — Zo* = 0.1958 heijrys 
Cz is giveu by (106) as 

Cz = Co V1 — Hs* = 1.437 X 10““ farads 

The jSlter goes together as shown by Pig. 21. After 
conabining elements, the constants of the filter, are 
shown by Pig. 22. 
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Compilation op Symbols 

7 Defined by = 7/^ 

C Stands for capacitance 

d Stands for the ratio of resistance to reactance of 
coils = R/03 L 
E Stands for voltage 

€ Represents the naperian base of logarithms 
f Represents frequency 
h Represents the attenuation constant 
H Represents the coefficient of electrostatic coupling 

I Represents current _ 

j Represents the rotative operator V — 1 
k Represents the wave length or phase shift constant 
K Represents the coefficient of electromagnetic coup¬ 
ling 

L Represents self inductance 
M Represents mutual inductance 
R Represents resistance 
5 Represents elastance 
Sn Represents mutual elastance 
r Represents the propagation constant 
u Represents the real part of the ratio ZJZm- 
V Represents the imaginary part of the ratio ZJZ„, 

CO Represents angular velocity 
CO A & COB Represent cut-off angular velocities 
cOro Represents the resonant angular velocity 
co„ Represents the angular velocity at which the at¬ 
tenuation becomes infinite 

Ze Represents the circuitual impedance'that is the 
impedance of each circuit when isolated from the 
chain 

Zl Represents the line or chain impedance looking 
into the generator end of the chain 
Zm Represents the mutual or transfer impedance 
Zn Represents the terminating or load impedance 
Zo Represents the generator impedance 
Z» Represents the characte ristic impedance of the 
chain = V ZcV4 — ZJ 


Discussion 

Kenneth S. Johnson: There are certain statements made 
in the Peters paper to which I wish to take exception and which, 
unless pointed out, I believe are likely to be misleading. 

The coupling or mutual impedance, Zm, is represented in the 
paper symbolically as a network with two pairs of terminals. 
Since, however, it introduces the same impedance into both 
adjacent sections and is completely defined by a single impedance, 
Zm, it is actually only a network with one pair of terminals. 
Consequently with no loss of generality whatsoever Fig. 1 of the 
paper can be represented by the following sketch. 

But since any network with only one pair of accessible termi¬ 
nals is always completely represented by a single impedance 
element the above sketch and hence Pig. 1 of the paper may be 
shown with complete generality by Pig. 2. Comparing this 
with one of Campbell’s figures^ it is evident that the two figures 
are exactly the same. It should be noted, however, that there is 
a difference in the method of designating the impedances. 
Although the of the Peters paper is exactly equal to the Zi of 
the Campbell paper, Campbell defines his Zi so that it includes 
only the series impedance component while Peters’ Zo com¬ 


prises the series impedance plus twice the shunt impedance. 
That is 

Ze (Peters) - Zi + 2 Zz (Campbell) 

Evidently the two figmres are identical. Either of them properly 
represents any periodic recurrent structure. We should under¬ 
stand, however, that Campbell’s Zi and Zz or Peters’ Ze and Zm 
(assuming one assigns to his work the broadest application) are 
symbolic and may not be actually realizable impedance elements 
as indicated. This is a commonplace to those familiar with 
electric circuit theory and its symbolism. Any of these im¬ 
pedances may be a complicated network in itself. The essential 
thing is that, as regards the structure in which it is inserted, it is a 
network with one pair of accessible terminals only. 

However, if Mr. Peters prefers the symbolism of the ^’square 



Fig. 1 

box” to that of the equivalent‘T” or“7r” network the filter may 
be represented as shown in Fig. 3. 

Each box represents a network with two pairs of terminals 
and is completely defined by three impedance parameters. The 
theory and formulas of the filter may then be developed in terms 
of these parameters^ without explicit reference to the equivalent 
“7”* network as is done by Zobel.^ This procedure, of course, 
gives no gain whatsoever in generality. Mr. Peters, evidently 
not appreciating the equivalence of the circuits noted above, 
makes the following statements in his paper. 

"The conception of circuital and transfer impedance as a 
broad basis for filter theory and the type of section to which the 
treatment leads directly are thought to be original.” 

“The general theory presented in the following sections is 
somewhat broader than that presented by Campbell and Wagner 
as it introduces, as a special case, the filter built up of series and 
shunt elements, as the shunt element may be considered as a 
coupling element.” 



Evidently the forms discussed by Mr. Peters may be properly 
considered to be special cases of the Campbell treatment. In 
this connection reference to an article by Luschen and Krause* 
is of interest. They, incidently, also discuss in more or less detail 
Dhe particular type of inductively coupled structure shovm in 
Fig. 3 of Mr. Peters’ paper. 

In the next to the last paragraph on page 449 he states that 
‘Tf Zn and Zo are to be fixed resistance then in general we can 
satisfy the above relation for only one particular frequency mth- 
in the transmitted band . . This statement is not, in 
general, true as may be seen by reference to Fig. 5 on page 18 of 

1 . See Fig. 4 in G. A. Oampbell’s paper on the “Physical Theory of the 
Electric Wave Filter,” Belt Technicat Journal, VoL 1, No. 2, (Nov. 1922), 

2, See “Oisoidal Oscillations” by G. A. Campbell. Trans. A, I. E, E., 
1911, Vol. XXX, Part II. 

3. "Theory and Design of Uniform and Composite Electric Wave Flit¬ 
ters," The Bell System technical Journal, JAnnancy 1923, Fsiee 32, 

4, See Vol. 1, Third Issue (Nov. 1921), Wlssenschaftillche Veroflent- 
.lichungmi aus dem Siemens-Konzem. 
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the paper by Mr. Zobel which has already been referred to. In 
fact it is possible in certain types of band pass filters to satisfy 
the above relation for as many as four particular frequencies 
within the transmitting band. 

A few sentences later we read that “In general .... the 
impedance curve is fairly flat for quite a range of frequencies 
within the transmitted band but falls to zero at the cut-off 
points.” The characteristic impedance of a large number of 
filters does become zero at the cut-off points but for practically 
an equally large number of filters it becomes of infinite value at 
one or more of the cut-off points. 

With regard to the specific forms of wave filters discussed by 
Mr. Peters the type shown in Pig. 3 of the paper appears to have 
been investigated several times previously.® Since two separate 
inductances coupled together by a mutual inductance are always 
replaceable by an equivalent “T” or “tt” network each arm of 
which is an inductance, it is evident—as has aheady been pointed 
out by Luschen and Krause as well as by Zobel®—that the struc¬ 
ture shown in Pig. 3 of Mr. Peters’ paper is electrically equivalent 
to a structure of the series-shunt or “ladder” type whose series 
arms consist of an inductance in series with a capacity and whose 
shunt arms consist merely of an inductance. In a like manner 
the structure shown in Pig. 15 of Mr. Peters’ paper is reducibel 
by the same procedure to a structure of the ladder type whose 
Series arms comprise an inductance and condenser in series and 
whose shunt arms are likewise comprised of an inductance In 
series with a condenser. Complete design formulas for these 
latter structures, which have been used commercially and which 
are equivalent to the ones which Mr. Peters has shown in Pig. 3 
and 15, are given on page 42 (Vi and VIIh) of Mr. ZobeTs 
paper to which we have already referred. 

On page 456, Mr. Peters states that “ . . . . with the excep¬ 
tion of frequencies in the vicinity of the cut-off frequency and 
for very large frequencies the loss figured from the attenuation 
constant alone gives a very close approximation to the total loss 
occasioned by the introduction of the filter.” It should be 
pointed out that this statement is not true for very low frequen¬ 
cies where the reflection effects in baud pass wave filters are 
equally as large as they are for very high frequencies and conse¬ 
quently greatly increase the loss caused by the introduction of 
the filter. 

The statement is also made at the top of the second column on 
page 456 “That the losses in condensers can be made negligible.” 


E. 



Pig. 3 


L. J. Peters: I greatly appreciate Mr. Johnson’s discussion 
of my paper, first, because he has called attention to some 
points of which I was aware but stated rather loosely, and second, 
because he has called attention to some things of which I was not 
aware. However, in regard to the broadness and suggestiveness 
of the series—shunt impedance treatment as given by Campbell 
and others and the circuitual—transfer impedance treatment as 
given by myself, I would like to state clearly in what way I 
regard the latter treatment as being the broader. I agree with 
Mr. Johnson that either treatment can be used to design or to 
investigate all of the tsrpes of filter sections which we have in 
mind. I further agree that one treatment can be thrown over 
into the other by a suitable transformation of the equations. My 
contention is that the circuitual—transfer impedance ter¬ 
minology and view point is broader in its suggestiveness, at least 



Class 1 Class 2 

Pig. 4 Fig. 5 


to the average engineer, than the series-shunt impedance ter¬ 
minology. In order to state more clearly what I mean, I will 
designate as Class 1 those filters actually constructed as shown 
by Pig. 4, and as Class 2 those filters actuary constructed as 
shown by Pig. 5. Then my contention is that the circuitual- 
transfer impedance terminology at once suggests filter sections 
of Class 1 and Class 2 whereas the series-shunt impedance 
terminology suggests to the average engineer only filters of Class 
2. I infer that the series-shunt viewpoint did not immediately 
suggest filters of Class 1 even to those very familiar with the 
electrical equivalence of various kinds of networks, as Dr. Camp¬ 
bell’s original patent specifications, to which I have referred in 
my paper, do show diagrams for the possible variations of Class 
2 filters but show no diagrams even indirectly suggesting a Class 
1 type of filter. • Also the published works with which I was 
familiar at the tiiue my paper was written did not suggest to me 
at least that filter sections of Class 1 had been considered. 

In this connection I would like to point out that there is a 
vast difference between having enough general theoretical 
knowledge to cover a given phenomenon and the actual conscious¬ 
ness that the phenomenon exists. As an illustration of what I 
mean, consider the thermionic vacuum tube. Nearly every 
engineer and physicist who came into contact with the two 


This is never true with reference to paper condensers and is by 
no means true even with mica condensers, at relatively high 
frequencies. For example, the losses in the best mica condensers 
will approximate the losses assumed by Mr. Peters to exist in the 
coils i. e. the ratio of their resistance to their effective reactance 
is of the order of magnitude of 0.001. It should be pointed out' 
however in this connection, that the value of 0.001 for “d,” 
which is the value Mr. Peters has assumed in computing the 
curves shown in Pigs. 19, 20 and 21, is very much smaller than 
has ever been encountered commercially so far as we know. To 
our knowledge coils with a value of “d” of 0.005 are about as 
efficient as have ever been commercially constructed. The 
effect of this greater amount of dissipation, is, of course, to in¬ 
crease the loss proportionally in the center of the transmitted 
band and to make the attenuation curves much more rounded 
near their cut-off frequencies. 


1 Luschen and Krause previously referred to. Se 

Wagner’s article on “Multiplex Telephony and Telegraph 
^equency Alternating Currents,’’ Elektrofechnisehe Zeii 

August 14,1911, Note 1 on page 896. 

6. See paragraph 1 on page 30 of the paper already mentioned. 


element tube had enough electrodynamic theory to know that 
the interposition of the third element would convert the tube 
into a device having untold possibilities. Yet the third element 
was not put in for years after the discovery of the two element 
device, and even after it was inserted, the possibilities of the 
device developed slowly oyer a number of years. That is, a 
realization of the possibilities of the device came about only by 
stating the general electrodynamic theory in such a way as to 
specifically cover the applications. I claim that the cireuitual- 
transfer treatment is broader than the series-shunt treatment 
because it does state filter theory in such a way as to specifically 
cover filters of both Class 1 and Class 2, whereas the series-shunt 
treatment does not. 

Now besides the broader suggestiveness of the circuitual- 
transfer impedance viewpoint over that of the series-shunt im¬ 
pedance viewpoint, there is also a correspondingly greater broad¬ 
ness in its immediate applicability. Even though the sets of 
equations arrived at by the two treatments are equivalent in 
that one set may be transformed into the other, the set of equa¬ 
tions which I have given apply directly to both Class 1 and Class 
2 filters, whereas before the series-shunt equations can be used 
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to treat Class 1 filters, either the equations must be transformed 
into the form given in my paper or else the Class 1 network must 
be replaced by an electrically equivalent Class 2 network. That 
is, in order to use the series-shunt treatment to handle Class 1 
networks, one must have in addition to the filter theory an in¬ 
sight into the possibilities of the replacement of one t3T>e of 
net-work by an eleotritMillj' equivalent one. Under these 
conditions I believe that it would be customary to regard 
the eircuitual-transfer impedance treatment as being 


more general than the series-shunt impedaneo troaiiucrit. 

Lest it be overlooked by some, I would like to call attention to 
the dates of the wave filter papers by Campbell tmd Zoubol 
referred to in Mr. Johnson’s discussion. I do this, not to show 
that the filters of Class 1 were just rticently (jonsidprod by Mr. 
Johnson and his co-workers as Mr. J(ihn.son has just sent me a 
memoranda from his files whicli shows that he considered this 
class of filter as early as 1919, but to call attention to the fact 
that these papers were not available when ray paper was writtiui. 


The Automatic Train Control Problem 

BY E. J. BLAKE 

Associate. A. I. E. E. 

Electrical Engineer, Gould Coupler Co. 

Circumstances which make train control a pressing problem at the present time are mentioned. Certain dvHidvraia 
are briefly discussed; the automatic control should act as a cheek on the proper exercise of manual control, not us a stch^’ 
stitute: should conform to established safe signaling practises; should be designed for the severe condiiions of railumy 
operation; should not conflict with existing signals or otherwise introduce new hazards; should so far as possible conform 
to existing clearance lines; should not impede traffic; may be desired to exercise s’ignal as well us control funclion.'i; may 
ultimately be desired for interlocking plants as well as main line tracks. Methods of transmitting and indication of track 
conditions to the train are described, (1) by intermittent mechanical and elcciric cojitacl; (!^) by mtermitletitinducliori 
through the use of permanent or electromagnets; (S) by jiontinuous induction from the rails. Two general types of con¬ 
trolling action on the train are described, with some of their variations; (1) uncomlUional slop effecUiut al a .stop signal, 
with overlapping signal control, arid conditional stop effiective at a cardum signal, llelations between the type of 
cordrolling action and traffic capacity are discussed. 


T he problem of mechanically enforcing observa¬ 
tion and obedience of railway signals has at¬ 
tracted inventors and engineers for many years; 
but until very recent years railway officials have been 
inclined to view automatic train control as something 
rather Utopian; highly desirable no doubt, but too 
remote to command serious attention when the re¬ 
sources of the railroads were already taxed to provide 
other and more pressing improvements in the interest 
of safety; for example, extensions of existing signal 
systems and elimination of grade crossings. Within 
the last few years, however, a large number of disastrous 
wrecks attributed to disregard of signal indications have 
brought home the need for some effective check on 
the functioning of human, and therefore fallible engi¬ 
neers. The Interstate Commerce Commission has 
commented on the need with increasing emphasis, 
and finally has ordered automatic control installed on 
a large mileage of important lines. The train control 
problem thereby becomes so urgent that it is believed a 
brief review of the characteristics desired in automatic 
train control devices and of the broad features of some 
systems now available may have some general interest. 
The roadside signal systems already installed bn 
the principal railroads are adequate in so far as regards 
the detection and indication by visible signals of the 
presence of trains or other danger conditions along the 
track beyond the signal. The present demand is for 
an automatic device to bridge the gap between signals 
properly displayed, and trains properly controlled in 
accordance with the signal indications. The kernel of 
all modem roadside signal systems is the continuous 


track circuit consisting of the track rails, extending 
through the length of the block, a source of low-volt 
d-c. or a-c. power at one end and a relay at the other end. 
So long as the track is unoccupied and the rail circuit 
intact, the relay is held closed by current passing through 
the rails from end to end of the block, and e.stablishe.s 
local circuits to cause the clear, or safe signal indi¬ 
cations to be displayed. But if the rail circuit is 
interrupted, or short-circuited by a train in the block, 
the relay is deprived of power and opens, and the signal 
reverts to its restrictive indication. Similarly, the 
kernel of the train control i)roblem i,s the trcinsmi.ssion 
to the train of an indication of conditions in one or 
more blocks ahead. Given an indication on the train 
capable of controlling a relay, almost any desired cycle 
of automatic operation can be established to control 
the train. The principal problem beyond the relay is 
to determine what operations are desired. 

Before discussing any specific solution of the train 
control problem, it will be well to examine briefly some 
of the requirements or desiderata which constitute 
the conditions of the problem. 

Desired Chaeactbristics 

1. The primary function of automatic train control 
is, of course, to stop the train before it enters upon 
unsafe territory. But it is not necessary or desirable 
that it should interfere with manual control by the 
engineer, so long as that conforms to the requirements 
of safety. To substitute even a very perfect mechanical 
safeguard for human vigilance would be, to say the 
least, a questionable gain. Perhaps the mechanical 
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device would respond to the foreseen conditions for 
which it was designed with more than human cer¬ 
tainty; but it could not act intelligently in response 
to unforeseen conditions. The real gain in safety is to 
be made by reinforcing the vigilance of the engineer, 
not by supplanting it. With an automatic control, 
acting as a second line of defense behind the engineer 
we have two independent and successive safeguards. 
Either one may fail, and doubtless will on rare occa¬ 
sions; but the chance that both will fail simultaneously 
is exceedingly remote. 

The automatic apparatus, therefore, should not 
relieve the engineer of complete responsibility for the 
safe operation of the train. It should act as a continu¬ 
ous check on the proper exercise of that control, 
intervening to stop the trains automatically only after 
the engineer has had ample opportunity to act, and has 
failed. There is evidence to show that automatic 
control thus applied, tends to increase, and not relax, 
the vigilance of the engineer, because the automatic 
application of the brakes acts as an immediate tell tale 
if he ever passes a danger signal. It may be desirable 
as an aid to discipline to have the apparatus record each 
automatic brake application or preserve some evidence 
of it in the way of broken seals or the like. 

2. The existing fixed signal systems have been 
developed to a very high de^ee of reliability in the 
course of a good many years. Prudence would dictate 
that the principles and practises which experience has 
shown to be safe for fixed signals should be followed 
so far as they are applicable in the installation of 
automatic control. The most fundamental of these 
practises is the so-called “closed circuit” rule, which 
requires that every “clear” or “proceed” indication be 
made dependent on the integrity of energized closed 
circuits, so that any interruption of the . circuits or of 
the power supply will result in a danger indication. 
In practise, the rule is construed more broadly than 
this literal interpretation. Not only circuits, but every 
element of the system is so arranged that it is predisposed 
to the position or condition corresponding to a danger 
indication, and will return to that condition auto¬ 
matically upon failure of any part. In the construc¬ 
tion of each element every precaution is taken to reduce 
to a minimum the chance that friction, insufficient 
clearance, residual magnetism, sticking of contacts or 
any other cause will bring about a failure to return to 
the danger indication, when de-energized. It is 
chiefly due to the rigid application of this rule that such 
failures as occur in signal systems are almost invariably 
failures on the safe side—false indications of danger, 
rather than false indications of safety. 

3. Obviously the apparatus should be designed to 
Stand the severe conditions of shock, dirt, weather, etc. 
that are incident to railway operation, and should not 
be put out of action by any weather conditions that 
permit trains to run. 


4. The train control devices should not increase the 
hazards of operation in any respect. They should be 
free from insecure dr dangerous parts, and in particular 
they should not impair the protection given by existing 
signal equipment; for regardless of the cab signaling 
features, that may be incorporated with the automatic 
control apparatus, railroad officials would be naturally 
and properly reluctant to abandon the known security 
they obtain from the existing signals before it has been 
conclusively established by experience that the new 
apparatus is at least as reliable as the old. Even if 
the old apparatus were to be abandoned, it would be 
highly desirable that the new and the old should cooper¬ 
ate without interference during the transition stage. 

5. If possible, it is desirable to avoid conflict with 
established clearance lines. Where third rail has been 
installed for traction purposes, it has been necessary 
to reserve a zone exclusively for the third rail and the 
contact shoes, excluding from the reserved zone 
all other parts of equipment and roadway structures. 
The same thing can be accomplished for train control 
apparatus if it must be; but it is by no means so simple 
a matter as it sounds. Bridges, tunnels, station plat¬ 
forms and innumerable roadway structures have been 
built on the basis of existing clearance lines. Any 
change in the lines now involves many complications 
and much expense. The same is true of rolling stock. 
At least one electrified road has been obliged to gage 
every foreign freight car accepted for the third rail 
division, to check its clearance. The most available 
location for contact devices if used will probably be 
about the same as that adopted for traction third 
rails, when not used or reserved for the latter purpose. 
Third-rail lines will have to find some different loca¬ 
tion. 

6. The automatic control should place no avoidable 
restriction on the traffic capacity of the road. An 
effective argument in favor of automatic roadside 
signals has been the fact that they “keep the trains 
moving” and increase the traffic capacity. It will be 
difficult to reconcile the railroads to automatic control 
if it is found to impede traffic in any noticeable degree. 
This is an interesting phase of the problem which will 
be discussed at more length later. 

7. It may be desirable in some cases to enforce 
automatically, local speed restrictions, at curves for 
example, or heavy down grades, or a uniform speed 
restriction at all points. 

8. The accidents which it is desired to prevent are 
due in some cases to negligence on the part of the engi¬ 
neers, but in other cases they are due to actual inability 
to distinguish and interpret the roadside signals 
correctly, because they are obscured by weather con¬ 
ditions or by steam from other trains or the like. 
In such cases a clear indication of the safety or danger 
of the track ahead, given within the engine cab, would 
enable the engineer himself to avoid danger Such an 
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indication can be combined with the automatic control, 
in some cases at least, with comparatively little increase 
of complication or expense. 

9. All of the foregoing has referred primarily to 
“block signaling^’ territory, i. e,, to main lines between 
terminals when the sole problem is to space trains 
at safe intervals; and the recent order of the Interstate 
Conamerce Commission seems to be limited to this 
territory. But there is another very large portion of 
the total signaling of railways involved in interlocking 
plants where switches, derails and the like, as well as 
signals are controlled by an operator. There -is ho 
inherent reason to prevent at least a partial applica¬ 
tion of automatic control, or cab signals, or both in 
the interlocking as well as the block signal territory. 
But the need is less urgent, because speeds are low and 
signals are observed at shorter range. And the prob¬ 
lems involved are more complex, because extensive 
net works of inter-related tracks are involved, and 
varied indications of routes and movements are required. 
Comparatively little thought has thus far been given 
to automatic train control in interlocking territory. 

Methods of Transmitting an Indication to the 

Train 

The simplest system of automatic control and the 
one that has been used on the largest scale consists of 
an air valve hung on the car truck near the rail level, 
and stop arms operated in conjunction with the fixed 
signals. Whenever a stop signal is displayed, the stop 
arm is raised into the path of the air valve handle. If 
the train overruns the stop signal, the valve handle 
strikes the stop arm, and is knocked open, producing an 
emergency application of the brakes. This system 
has given excellent service on the subway and elevated 
lines where it has been employed but it is not commonly 
considered adaptable to steam roads in general, because 
it would be exposed to severe weather conditions 
mixed equipment, high speed impact, parts dragging 
on trains, and rougher usage generally than it has been 
subjected to in existing installations. 

A refinement of the mechanical trip idea which has 
been used and reported to be successful on a number 
of limited stretches of steam railroads consists essen¬ 
tially of a fixed third rail ramp at each signal location, 
and a shoe carried by the train. In passing over the 
ramp the shoe is lifted and operates a brake valve, 
unless it receives current at the same time from the 
ramp. But if current is received it acts through a 
magnetic device to lock but the brake application valve. 
The ramp is energized by the roadside signal circuits 
when the signal indicates “proceed” but deenergized 
when the signal is set for “stop” or “caution”. Various 
control schemes are on the market which have these 
broad features in conunon, but differ considerably in 
construction. In at least one case, provision has been 
made for giving several distinctive indications by vary¬ 


ing the polarity and characteristics of the current sup¬ 
plied to the ramp. 

The most fundamental weakness of this type of 
control, in common with all intermittent indication 
S37stems, is that failure to produce any indication nec¬ 
essarily acts as a safety, and not a danger signal. If 
the absence of an indication were made a danger signal, 
the trains would receive continuous danger signals from 
one ramp to the next whether the track ahead was 
clear or occupied. The train must be permitted to 
proceed in the absence of any indication between ramps; 
and if, owing to miSadjustment or any other cause, 
the ramp fails to function, the train can continue past 
it, regardless of conditions in the block ahead. Nothing 
happens on the train to indicate that it has passed 
out of the block to which the last preceding ramp 
admitted it. The electric circuits in detail can be 
made conformable to the “closed circuit” rule previously 
discussed; but the system as a whole cannot operate 
on the closed circuit principle in its broadest sense, 
which requires every proceed signal to be given by 
affirmative action, and every failure of affirmative 
action to produce a stop signal. Intermittent track 
circuits in roadside signal practise are a somewhat 
parallel case. No ingenuity in their arrangement 
can make them indicate the presence of a train that 
has somehow got by them, and stopped on the dead 
section between track circuits. In modem systems they 
have been superseded by continuous track circuits 
from end to end of the block. 

The ramp type of control requires the establishment 
of ^ecial clearance lines, reserving some portion of 
the roadway cross section exclusively for the ramps 
and shoes. It seems hardly possible that it can be 
wholly free from trouble due to snow, sleet, and obstruc¬ 
tions in the path of the shoe. On the other hand it is 
simple, and has behind it the record of more actual 
u^ than any other system, except the plain mechanical 
trip first mentioned. It can undoubtedly be made to 
give a valuable measure of protection if not the almost 
absolute protection (within their own scope) that is 
demanded of roadside signals. 

An ingenious departure from the ramp type of con¬ 
trol is a stationary flexible metallic brush beside the 
track, designed to make contact with a fixed shoe on 
the train. The brush, is connected to the rail through 
a relay contact which is held open to indicate safety. 
The brake valve is held closed by a locally energized 
circuit on the locomotive, and released by short cir¬ 
cuiting of this circuit in passing over the brush, unless 
the rail connection to the latter is held open in the relay. 
Unfortunately this scheme flajgrantly violates the 
“closed circuit” principle in its most essential link, the 
shunt circuit through the shoe and brush to the rail. 

In the permanent magnet induction type of control, 
large permanent magnets laid between the rails and 
below the rail level take the place of ranaps. An iron 
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core on the locomotive surrounded by a coil takes the 
place of the contact shoe. Stationary coils are arranged 
in the region of the magnet poles. When the track is 
clear they are energized from the roadside signal system 
and serve substantially to neutralize the field of the 
permanent magnet. The magnet then has no effect 
on the train. But when the track is occupied, the 
stationary coils are dead, and as the train passes over 
the magnet it induces a momentary current impulse 
in the coil on the locomotive, which is located to pass 
over the magnet with a safe clearance. This impulse 
(acting through a relay) is utilized to cause a brake 
application. 

Aside from the inherent limitations of all intermittent 
systems three questions suggest themselves, the per¬ 
manence of the magnets, the degree of accuracy in 
neutralizing the magnet field, and the effect of passage 
over the magnet at low speed. The first question can 
be dismissed when we consider the permanence of 
magnets in voltmeters and ammeters—not merely 
approximate constancy such as is requhed in the track 
magnets but almost invariable strength over periods 
of many years. The answer to the second question is 
not so clear. The balance between the neutralizing 
coils and the magnet could never be exact; and if the 
supply voltage varies as much as is often the case in 
signal systems, it would be at times extremely rough. 
The locomotive coil, then, must distinguish not between 
a magnetic field and no field, but between a field of the 
normal strength and a reduced field of, for example, 
one third normal strength. If the apparatus is adjusted 
not to respond to the reduced field, it would seem that 
its factor of safety in responding to the normal field 
would be rather small, judged by signal standards; 
the more so when it is recalled that the apparatus must 
take care of a wide variation of speed as well, and some 
slight variation of air gaps. 

Regarding the action of the magnet at low speeds, 
there will presumably be some minimum, such as four 
or five miles per hour required to produce an indication. 
So far as direct danger from collision goes, five miles an 
hour is equivalent to a stop. But there is a pos¬ 
sibility that a train may enter a block at low speed for 
other reasons than a signal stop. Precautions should 
be taken to insure that the engineer will not then con¬ 
strue the failure to receive a stop indication as a sign 
that the track is clear. If he should so construe it, he 
could accelerate to a dangerous speed within the block. 

The permanent magnet system has the marked 
advantage that it requires no modification of existing 
roadway and equipment clearance lines; and the 
further marked advantage that it has no contact parts 
and therefore no question of insuring contact in unfavor¬ 
able weather conditions. 

A yery simple and ingenious modification of the 
permanent magnet scheme has a laminated iron core in 
place of the permanent magnet, vnth a corresponding 
core and coil on the locomotive. A winding on the 


track core is short-circuited through a signal relay 
when the track is clear, and open when the track is 
occupied. The locomotive coil is continuously 
energized by a battery. When the track coil is short 
circuited it serves to choke back any magnetic impulse 
in its core (like a short-circuited transformer winding). 
Under this condition passage over the track element 
produces no considerable change in the locomotive 
circuit. But when the track coil is open, the magnetic 
surge in the track element as the energized locomotive 
element passes over it induces in the latter an inductive 
kick which results in a brake application. The advan¬ 
tages and disadvantages of this scheme are identical in 
many respects with the advantages and disadvantages 
of the permanent magnet arrangement. It would seem 
to have some advantage over the latter in respect to 
simplicity and perhaps a material advantage in the 
fact that its neutralizing circuit is entirely independent 
of variations in the voltage of the roadside signal 
system. 

An entirely different system of control is the so-called 
“continuous induction” system. In this case the 
indicating energy for the locomotive is supplied directly 
to the rails of the track circuit in the form of alternating 
current, and collected inductively on the locomotive 
either by a coil located ahead of the leading wheels and 
surrounding a portion of the alternating field produced 
by the rails themselves, or by a small transformer 
surrounding the leading axle which acts as a single 
turn primary for the transformer. Detecting apparatus 
energized by the current induced in the locomotive 
circuit controls the application of the brakes or the 
indications of cab signals. When the track ahead is 
clear, the detecting apparatus is continuously energized 
and maintains the proceed indication on the locomotive. 
But when the track is occupied, or when the indicating 
current supply fails for any other reason, the locomotive 
apparatus reverts to its deenergized condition and a 
brake application results. The detecting circuit and 
apparatus on the train correspond exactly to the track 
circuit relay in roadside signal systems. 

A train in a block automatically maintains a stop 
indication behind it in the same block by short cir¬ 
cuiting the track circuit. But in order to stop a fol¬ 
lowing train before it enters the block, it is necessary 
to carry the stop indication back to the next section in 
the rear. Several circuit arrangements which accom¬ 
plish this are available, but none which utilizes the 
existing track circuits where roadside signals are 
installed without some additions. If desired, it is 
possible to ^give several distinctive indications on the 
train by varying the characteristics of current supplied 
to the track, or by superposing currents of different 
characteristics. The electrical efficiency of power 
transmission from the point of supply to the train is 
exceedingly low. The total energy input is the power 
consumed in a short-circuited rail circuit which may 
be several thousand feet long, while the energy collected 
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the signal indications. Two alternatives, then, are 
open. Either the signal No. 4 must be made a second 
stop signal with a caution indication at the preceding 
signal No. 6, as shown in Fig. 3, or the automatic 
action at the signal No. 4 must be made dependent 
on the action taken by the engineer at the same point 
or beyond. 

In the former case it is evident that the minimum 
headway for full-speed signal indications is increased 
from two blocks to three, and the potential traffic 
capacity of the track is correspondingly reduced. But 
it should be noted that the traffic capacity of this par¬ 
ticular section may stiU exceed the limit established 
for the whole operating division by conditions other 
than headway On the main line. It may easily happen 
in some eases that the traffic restriction here referred 
to would not in practise reduce the number of trains 
which can be operated over the whole division. In 
this connection it is interesting to note that extremely 
heavy traffic was operated for years in the New York 
subway system under exactly the conditions des¬ 
cribed; and when the growth of traffic demanded in¬ 
creased capacity, the need was met by improved air 
brakes which reduced the braking distance, and by 
special signaling in the station approaches (which were 

clL, ^ Qi, ^ <=1^^ 

— ' ! ■ I 1 . . .. I ' 1 ^ -i - 
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the actual limitation on track capacity) to permit 
closing in of trains at reduced speed. 

The second alternative mentioned was to cause a 
conditional instead of an unconditional brake appli¬ 
cation at the caution signal. Several methods of 
accomplishing this conditional control are proposed. 

The simplest of these is a cut-out under the engi¬ 
neer's control or the joint control of the engineer and 
fireman. If the caution signal is acknowledged while 
passing it, by operating the cut-out, the train proceeds 
under manual control without interference. In other 
words instead of actually enforcing train operation 
in conformity to the signal indications, acknowledg¬ 
ment of caution agnals is enforced, on the theory 
that an engineer sufficiently attentive to acknowledge 
the signals can be depended on to take the necessary 
action when required. But acknowledgment of a 
^gnal does not absolutely assure that it has been 
correctly interpreted. It would be possible for the 
engineer to operate his cut-out at every signal, regardless 
of its indication. 

Another proposal involves a modification of the pres¬ 
ent operatmg rules. A definite speed limit is established 
for the caution block, and the engineer on passing a 
caution signal is required to reduce his speed immedi¬ 
ately to the prescribed limits. If he makes a sufficient 
brake application for this purpose promptly at the cau 


tion signal, the automatic control apparatus does not 
interfere; but if he fails, the automatic control does it 
for him. In one system a second indication for full 
stop is provided at a sufficient distance from the stop 
signal to bring the train to rest from the speed pres¬ 
cribed for the caution block. This plan restricts 
train movement in so far as it enforces a speed reduc¬ 
tion earlier than safety and the present operating rules 
require. In the case of long bloclcs this may become 
a substantial restriction. The scheme appears to be 
safe in principle. 

Still another method is to hold the automatic brake 
application in suspense from the time the caution indica¬ 
tion is received to the time the brakes must be applied 
to stop at the stop signal. The actual time of applica¬ 
tion varies with the speed of the train, just as it does in 
manual control. In other words, the point of brake 
application varies in accordance with the curve of 
braking distances for various speeds. For convenience 
we can designate this as the “braking curve” type of 
speed control. Several methods of determining the 
point of brake application have been worked out. In 
one of these the caution indication is repeated at 
diminishing intervals as the stop signal is approached, 
the distance between each two successive indications 
corresponding to a certain time interval when the train 
is moving at the greatest speed permissible at that loca¬ 
tion. Two indications received in less than the 
established time interval show that the speed exceeds 
the limit set in the spacing of the indication points, 
and cause an automatic brake application. This 
principle has been applied for establishing speed limits 
at certain points in the New York subway system. 
The successive indications in that case took the form 
of roadside signals located at short intervals, with an 
automatic stop arm associated with each signal. The 
time intervals were measured by the relays which 
controlled the signals. 

Another method involves a cam driven from an axle 
of the train. As the train proceeds through the caution 
block the cam establishes diminishing speed limits, 
and a speed-indicating element causes the brake appli¬ 
cation whenever the actual speed exceeds the limit 
established by the cam. 

Still another method comprises a flywheel retarded 
periodically from a speed proportional to that of the 
train. The angular movement of the flywheel during 
retardation is a measure, of the distance required to 
arrest the train; and when the distance remaining 
to the stop signal has been reduced to the indicated 
braking distance, the brakes are automatically applied. 

All speed controls of the “braking curve” type require 
the automatic caution indication to be effective at a 
uniform distance from all stop signals. This tjrpe in 
common with the type based on limited speed in the 
caution block restrict train movement in one respect. 
In manual operation it often happens that an engineer 
after passing a caution signal finds the succeeding 
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signal at caution instead of stop when it comes in view. 
The train which caused the original stop and caution 
signals has passed on to the second block ahead. Under 
these circumstances he accelerates again, and prepares 
to stop at the second signal. But in the case of any 
automatic cycle initiated by an intermittent indication 
from the track, the cycle would continue automatically 
to completion. The train would stop, and then proceed 
in accordance with the signal received at the next 
indicating point. 

In connection with Fig. 2 it was shown that the head¬ 
way of trains under manual control can be substantially 
reduced by subdividing the signal spacing determined 
by the braking distance of the fastest trains. The 
same thing applies with equal force to automatic con- 
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by one-third block by combining the subdivided blocks 
.with any of the plans already discussed for qualified 
control initiated at the caution signal. 

To illustrate the relation of the various control 
cycles here discussed to headway and traffic capacity, 
the headway attainable under certain assumed con¬ 
ditions has been tabulated in Fig. 5. Headway is 
expressed in seconds rather than feet in order to show 
more directly the bearing on the potential traffic capacity 
of the track, in trains past a given point per hour. 
The conditions assumed are; 

Time counted from the head of one train to the head 
of the following train. 

Train length, 1000 ft. 

Maximum speed 75 mi. per hr. 

Train speeds 40, 60 and 75 mi. per hr. 

Retardation 1. 5 mi. per hr. per second. 

No allowance for time consumed in operation of 
semaphore signals. 


trol; and in fact involves less added complication than 
in the case of roadway signals; for the semaphores 
themselves, with their supporting masts or bridges are 
a, major item in the latter case. Multiplication of 
signals would soon become prohibitive. In the case 
of automatic control on the other hand the increased 
equipment consists chiefly in the added circuits, with 
their associated relays, etc. Furthermore the number 
of speed indications which can be intelligibly given by 
semaphores is limited, while any reasonable number of 
indications can be provided for in the locomotive cab. 
Fig. 4 illustrates a case in which the maximum braking 
distance is subdivided into three indicating sections. 
In each section the speed is limited to a value which 
permits of stopping the train between the exit of that 
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section and the entrance to the occupied block. At 
the entrance to each section an unconditional stop is 
assumed for any train running at a higher speed than 
the limit effective in that section. A warning (cor¬ 
responding to a caution signal) is therefore necessary 
at the entrance to the preceding section. The warning 
signals are represented in Fig. 4 by circles inclosing the 
speed to be indicated. They may be roadside signals 
or signals displayed in the cab. The example illus¬ 
trated gives a minimum headway of 1 % blocks for 
operation under full-speed signals, as compared with 
two blocks for manual control in Fig. 1, and three 
blocks for unconditional stop with one block overlap 
in Fig. 3, with shorter headway for lower speeds. 
Theoretically, the headway could be further reduced 


Fia. 5 

The following train is assumed to approach each 
signal just as it assumes the permissive indication for 
the speed at which the train is running. The per¬ 
missive indication for manual operation is considered 
to be the “proceed” signal at all speeds; for although 
it is permissible to pass the caution signal at speed, it 
is not permissible to maintain the speed throughout 
the block, unless the following signal is visible before 
the time comes to apply the brakes; and the range of 
visibility varies with location and weather. In most 
cases of manual operation at speeds below the maxi¬ 
mum, a smaller headway than the table shows can be 
maintained by running imder caution signals. The 
same is true of “condition” control by continuous 
induction, without reservation as to visibility. 

Line A refers to manual operation ydth signals spaced 
at the maximum braking distance; The sftme head¬ 
way is required for any of the “conditional stop” arr^ge- 
ments with the same signal spacing and the stop indi- 



124 


BLAKE: AUTOMATIC TRAIN CONTROL PROBLEM Transactions A. I. E. E. 


cation at the caution signal. B, C, D, and E are for 
one section overlap with an unconditional stop effec¬ 
tive at the rear stop signal and the necessary caution 
signals back of the stop. They show respectively 
one, two three and four automatic stop sections in 
the length of the maximum braking distance. With 
the subdivided blocks, progressive speed limits are 
provided. Line C with the braking distance subdi¬ 
vided in two sections gives the same headway at the 
higher speeds as manual control without overlap. 
The sm^ler subdivisions permit reduced headway. 
Lines B, C, D and E respectively require two, three 
four and five distinctive control and signal indications. 

Conclusions 

The substance of the matter seems to be that prac¬ 
tical means are available for any kind of control likely 
to be required in automatic territory, though only a few 
of the arrangements described have been worked out 
in actual railroad service on any considerable scale. 
From a safety standpoint the arrangement that most 
clearly confqrms to sound signal practise is perhaps 
the unconditional stop with an overlap of one control 
section, whether the control section is the total braking 
distance as at B in Pig. 6, or a subdivision of the braking 
distance as at C, D and E, This arrangement lends 
itself readily to any required concentration of traffic 
but it requires more track circuit and control circuit 
apparatus for equal headway than the conditional stop 
arrangements installed as shown at A. 

Comparatively few railroads at the present time 
have signals spaced for the minimum safe -headway, 
and it is not probable that the maximum possible 
track capacity will be required on any considerable 
mileage of the roads equipped. It would seem a natu¬ 
ral development to retain the present signal spacing on 
the major portions of the roads, either with uncon¬ 
ditional stops and one block overlap, or with conditional 
stops effective at the caution signal; and to provide 
the needed capacity at points of special congestion 
by relocation of signals when they are not now spaced 
at the minimum permissible distance, or by subdivision 
of the blocks where signals ai'e already so spaced. 
Where extensive changes of existing signals are re¬ 
quired, it would be worth while to consider whether 
the same result can be more economically obtained with 
cab signals. 

With automatic control in force, it seems likely 
that the future trend of signal development will be 
toward cab signals rather than roadside signals; first 
bemuse they are inherently capable of giving greater 
protection, and secondly because they involve less 
apparatus over and above that required in any case 
for the automatic control. If this is true, the rail¬ 
roads may find it desirable in making their present 
automatic control installations to give some considera¬ 
tion to possible future requirements for cab signals. 


Discussion 

Frank J. Sprague: I wish to refer to the tests which have 
been going on on the New York Central Railroad since the 
20th day of February, a year ago, on so-called automatic train 
control. What is the object sought in train control? Simply 
to marry together the traffic conditions which exist on a raihroad, 
no matter how indicated or governed, whether by manual 
signals or by automatic signals, with the braking system of a 
train in such manner as to insure the complete protection of 
that train movement, the reinforcement of any wayside in¬ 
dications, the amplification of those indications in the cab of 
the engine, or their replacement, without encroaching upon the 
prerogatives of the engineer when properly exercised, and 
without limiting the capacity of the railroad operation. 

That means not an “automatic stop” in its simple form, 
because it has little value on a modern railroad system. It 
has to be placed either too far back, so as not to interfere with 
traffic, or too far forward, so that it -will not itself protect traffic. 
Nor must there be an automatic system, in the sense that trains 
are to be run automatically. It must be an auxiliary system, 
something which leaves to the engineer that which properly 
belongs to him, the handling of his train according to the great 
varieties of conditions that exist in operation, all the while 
protecting him, but in no case unnecessarily interfering with him. 

Therefore the system should be called an “auxiliary” and 
not an automatic, system of train control, one where operation 
is automatically initiated, but under the control, so far as proper, 
of the engineer himself. 

There have been several systems mentioned. They may bo 
divided into two bi’oad classes. First, intermittent; and, in 
this class, we have the rail-contact ramp devices, also the in¬ 
ductive method of initiating impulses on the locomotive, eitJier 
by induced electromotive forces in the control circuits, or by 
direct magnetic action; and then there is on the other hand 
the so-called continuous system, illustrated by wireless or by 
the picking up of induction from the rails themselves, as well as 
other methods unnecessary to mention at the present moment. 

Train control has had a hard road to hoe, as those who are 
interested in it know. There have been over a thousand pro¬ 
posals before the United States Government, and one of the 
leading signal engineers of the country said there had been 
over four thousand proposals befoi’e the railroads. 

Opponents of train control have largely ignored the possi¬ 
bilities of a properly developed system, the making less necessary, 
or insuring a simplification or reduction in the use of wayside 
signals,—Cleaving out for the moment the making possible a 
two-way operation of every track of a multiple-track railroad, 
with cab signals operated in either direction of traffic. Those 
are perhaps the two larger results to be obtained, not merely 
the humanitarian one. 

The United States Government, however, has looked more 
particularly to the matter of safety, and the Interstate Commerce 
Commission recently has ordered 49 railroads in this country, 
to each equip, within two years, a complete engine division in 
certain specified localities. Their order covers only a very 
small proportion of the mileage of the large rafiroads, but this 
work has got to go ahead now and in the course of two years 
there will be a goodly number of systems in operation. 

Some will bring, no doubt, disappointing results to the rail¬ 
roads, and with the possibility of inducing dangers which they 
were intended to eliminate. Some of these cannot be avoided, 
but we hope, as to others, the results wiU be satisfactory. Up 
to the present the few systems in use in this country are of the 
so-called rail-impaot type. 

This has one fundamental and serious objection, which I 
will specify and illustrate by reference to three exhibits laid 
before the Government at Washington. It is based upon the 
idea that at every block over which a train passes there must be 
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operated a shoe whose object it is to apply the brakes, but such 
application is to be prevented when the block is clear, by the 
supply of electric current to that particular ramp rail. 

You would be surprised to see and know perhaps how few 
times automatic operation should be called into play. I will 
illustrate very briefly by facts taken from the official records: 

On three railroads, which I will designate as A, B and C, we 
have the ratio of needed brake applications to the number of 
blocks passed over as follows: A, 1 in 414; B, 1 in 1491; and 
C, 1 in 37. If you have an apparatus which is operated every 
time you go past a block, it is operated a hundred or more 
times, as frequently as called upon by adverse traffic conditions. 

The great difference between that kind of a system and the 
induction system, no matter of which type, is that the apparatus 
operates only when it is required, and not the many times not 
necessary. In other words, it is required probably on an average 
of perhaps once in one hundred blocks, based upon the average 
density of train service in the United States. 

The Joint Committee of the American Railroad Association 
and the Interstate Commerce Commission about a year and a 
half ago started to have certain sundry tests made in this country, 
and among others there was one initiated by my own company, 
carried on on the New York Central Railroad on the No. 2 track, 
the same track used by the 20th Century. It started a year 
ago and for the past two months it has been under closed sealed 
tests. Some idea of the intensity of that test may be indicated 
when I state that the number of brake tests have been from 
thirty to five hundred as many as occurred on the roads above 
mentioned, and the brake applications made during the two 
months just closed is what would have occurred, in average 
density of operation, on a train five times encircling the globe at 
the Equator. 

Mr. Blake’s paper omits reference to what has been done over 
a very considerable period, and those facts should ultimately 
be placed upon the record. 

Aael Ames: It is to be regretted that Mr. Blake uses the 
word “engineer” thi’oughout to denote the locomotive operator 
rather than the official designation of “engineman”. It is 
suggested that the terms “main line” and “terminal” territory 
would be more precise than the terms “block signaling” and 
“interlocking” territory used in paragraph 9 for the reason 
that nowadays automatic blocking is carried through all mAiTi 
line interlockings and automatic train control would naturally 
be carried through them when installed on any given section of 
main line. In terminals where slower speeds are called for, 
automatic train control would of course be less necessary and 
vastly complicated. 

The author points out the superiority from the safety stand¬ 
point of “continuous” as compared with “intermittent” control 
and also the greater facility which “continuous” control offers 
for the installation of cab signals. On the other side it may be 
said that with existing t 3 T)es of continuous control considerable 
inconvenience is likely to be encountered especially with work 
or construction trains due to the impracticability of pushing 
cars, snow plows, or other types of equipment ahead of the 
engine. It is also well to remember that while the principal 
protective feature of “continuous” control lies in causing a 
stop application in the event of a switch being opened or a train 
pillling out of a siding after the approaching train has entered 
the block, we cannot be sxu*e that these untoward events will 
always happen when the approaching train is full braking dis¬ 
tance, or even half that distance from the point of obstruction. 

In noting that aU speed controls of the “braking curve type” 
require the automatic control indication to be effective at a 
uniform distance from all stop signals, the author is undoubtedly 
assuming level track conditions, as the distance would vary 
■with the grade of the approach to the stop signal. 

Mr. Blake’s paper refers principally to the signaling and train 


spacing features of the automatic train eoulrol problem and to 
the various means employed to produce an impulse or effect 
in the engine cab as the result of certain conditions upon tbe 
roadway. It would have been very interesting if he had touched 
upon that much neglected phase of the problem, namely, that 
of braking. For yem's discussions of autoraatie train control 
have seemed to assume that if a magnetically controlled valve 
somewhere in the braking system could bo opened to permit a 
reduction of air pressure when it was desired to stop a train, 
the problem had been solved. Our i>rt?sent highly offieiont 
automatic brake systems have been de.slgned entirely for manual 
operation and manj’^ of their characteristies might be quite 
different if they had been designed for automat ic contwd. Per¬ 
haps the most serious phases of the automatic train control 
problem after all are the groat variety in the braking iJower 
of trains, especially freight trains, tho largo time elements 
involved in application and release in long trains, tho necessity 
for release to accomplish a secimd application on long down 
grades and the enormous cost of chatiges in the iixisting equip¬ 
ment. 

Most of these are matl,ers for mechanical ratlun* than elec¬ 
trical solution, but it is vei*y desirable that; t he electrical tjngiiieor 
stud 3 dng automatic train control should realise tJiat; it, is tlm 
brake that must stop tho train and that his electrical apparatus 
and circuits must be designed Avith the ehanieUwislios «)f tlio 
braking system ahvays before him. 

T. S. Stevens: (Quoting From ])agn 27: “Tlic primary 
function of automatic train control is, of conrse, to stoj) the 
train bofoi*e it enters ui)on unsafe territory.” 

This has botm truo Avith reference to older developnieiitis, 
but the tendency ni:>AV seems to be to .stoj) the train only Avlmn 
the engineman fails to properly reduce speinl. 

Page 32: “Furthermore the number of speed indications 
which can be intelligibly given by sornapluirfs is limiteci while 
any reasonable number of indications can bo provldtul for in 
the cab.” 

This sentence seems to bo definitely at discru’d Avith tho actual 
conditions. While I do not agree with fJie .signaling methods 
used on a considerable mileage of the i*ailroads, largely hecauso 
of the lack of necessity for a large number of si)eed indications, 
the facts are that on very many railroads, wlioro tbree-arm 
signals are used, quite a number of. varied speed indications can 
be provided intelligiblj' AA'lnch are abstdutoly iinpo.sHibh) to 
proAdde in the locomotives cab. So far, if tho stop indication is 
included, the manufacturers have been able to provide four 
speed indications: high, medium, slow atul stop, As a point 
of fact the majority combine the slow and stop indications 
.so that only three are provided. 

M. E. Pipkin: Mr. Blake’s paper gives the iinimiHsiou that 
the author considers continuity of indications on t,ho engine a 
highly desirable feature in train control, if not an al>solute 
essential. In this connection, it is interesting to cornimre tho 
situation with that which ol.itains in the pi’escnt roadside signal 
systems. In tlie roadside .systcmis and in all of tlie aiitoinutic 
systems described by the author the track is divid(!<l iiitcj djsfinite 
blocks and the control required is with dtdinite relation to these 
blocks. Specifically the r<!quiremcnt is that tlie train stop at 
a definite point, namely at the entrance to an occupied block. 
Furthermore, tho indication that a stop is roquirod becomes 
effective in all oases at a definite location namely, the beginning 
of one or another block section. In the oa.Me of road.side Hignids, 
the necessary warning is given at the logical point, namely the 
point where it becomes effective. In other words the fixed 
roadside signal is essentially an intermittent indication confined 
to a definite location for each block, precisely as is true In the 
case of the intermittent control systems described. In both 
oases the control of the indication including track circuits and 
control circuits from the opposing train back to the actuaJ 
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indicating point is properly continuous, but the indication 
iteelf is intermittent. 

E. J. Blake t Mr. Sprague’s discussion emphasizes effect¬ 
ively two points mentioned in the paper; the necessity for 
avoiding anything that will supersede the engineman when he 
functions right, and the insufficiency of the plain automatic 
stop when traffic capacity has to be maintained. I agree with 
him that we can expect, and should provide for, simplification 
of roadside signaUing and increased facility of train operation, 
as well as increased safety with the adoption of automatic 
train control. That has been the history of roadside signalling. 
It was introduced as a safety measure, but has become recognized 
equally as a measure for facilitating train movement. The 
particular case cited by Mr. Sprague is not altogether peculiar 
to automatic control; two way operation of multiple tracks 
has been provided for in a number of oases by the use of roadside 
signals. 

Mr. Sprague does not make wholly clear jiist what is meant 
by the “ratio of needed brake applications to the number of 
blocks plassed over.” If he means that the engineman dis¬ 
regarded stop indications so that automatic control should 
have come into play in one block out of eveiy 414, or 1491, or 
37, the last figure seems surprisingly small. In any ease we can 
agree that actual operations of the automatic control necessitated 
by failure of the engineman ought to be exceedingly infrequent. 
But it does not seem especially important what the control 
apparatus does the ninety nine times it is notrequired (assuming 
that it does not interfere with the operation of the train). 
The essential thing is certainty of operation in the hundredth 
case when it is needed. We have a somewhat similar case in 
roadside signalling. The signals ordinarily operate at the 
passage of every train, irrespective of the presence of a following 
train for which the signal indication is required. It is to be 
hoped that the results of the New York Central tests to which 
Mr. Sprague refers will be published in due time. 

Major Ames’s comments on the terminology of the paper are 
well founded. “Engineman” “main line” and “terminal” 
territory are more precise than the terms used in the paper. I 
cannct agree with him that the principal advantage of contin¬ 
uous control from a safety standpoint is response to danger 
arising after the train has entered the block. It has this advan¬ 
tage, but as Major Ames points out, nothing can protect a train 
against a danger that arises too near it to permit of stopping. 
The fundamental claim of the continuous systems to superior 
safety as I see it is the fact that they can be arranged to respond to 
eoery cessation of energy as a danger indication, just as is true of 
roadside signal apparatus. Every intermittent system neces¬ 
sarily responds to some action at the indicating point so that 
absence or failure of the action is, in effect, a false proceed 
indication, l^otection for equipment pushed ahead of the 
locomotive is a real difficulty; but in the case of work trains 
at least it would seem reasonable to operate with the automatic 
control cut out, just as they are frequently operated under 
“work orders” without regard to fixed signals or the direction 
of traffic. 

The reference to uniform location of control iudications 


for “braking curve” control should have been qualified as 
suggested with regard to grades. 

Major Ames points out that proper air brake control after 
suitable traffic indications have been received is a serious problem 
in itself. This is true in some degree for all control cycles, 
and particularly, for the cycles based on slowing down to a 
prescribed speed at caution signals; for in this case the automatic 
device must cheek the sufficiency of the brake application even 
when it is initiated by the engineman. But it should be borne 
in mind that the automatic control is intend,ed to stop the train 
only as a last resort in the infrequent cases where the engineman 
fails to do so. Under the circumstances, rough and even dan¬ 
gerous handling of the brakes might be tolerated in preference 
to continuing to run unchecked into the obstruction. 

The first passage quoted by Mr. Stevens, when read with the 
sentence which follows it seems to say substantially what Mr. 
Stevens says in his comment. But the second passage (page 32) 
may be Unintentionally misleading. It is true that the number 
of simple and desirable aspects available with semaphore 
signals is limited because the semaphore (and its light indications 
at night) must be read at long range and under unfavorable 
conditions; and it is true that no such limitation exists for cab 
signals. As an exti*eme illustration the engineman is able to 
distinguish clearly seven hundred and twenty distinct minutes 
in twelve hours on the face of his watch. But it is not true 
that unlimited indications can be transmitted from the roadway 
to the train without very great complications. Practical 
developments to date have been confined to the simplest avail¬ 
able circuits giving three or at most four indications on the 
train as stated by Mr. Stevens. It is likely that these 
indications will suffice for a great majority of future installations; 
but it is far from impossible to give a much larger number 
if the need should justify the cost. 

Mr. Pipkin cites an interesting parallel between train opera¬ 
tion under roadside signals and under automatic control, and 
concludes that intermittent indications on the train are a 
logical result of the subdivision of the track into Ifiocks at 
definite points. The analogy is not wholly valit^ because 
the roadside signals are commonly visible through a considerable 
part, and often through the whole of the block. In the latter 
ease the indications received on the trains are strictly con¬ 
tinuous, notwithstanding the intermittent location of the signals 
themselves. Furthermore the point at which action is required 
to bring the train to a stop at the entrance to a block is not 
definite but varies with the speed of the train. An engineman 
approaching a stop signal often sees the signal change to caution 
before he is obliged to set the brakes; or sees the signal change 
before the train has come to rest, releases his brakes and pro-, 
ceeds. In either case he is taking advantage of a continuous 
indication, extending back to the visible range of the signal. 
It is the universal custom to locate roadside signals with a view 
to getting the longest practicable range of visibility—that is 
to give continuous indications to the engineman as nearly as 
possible; and even Adhere the range is shortest the indication 
is by no means comparable with an instantaneous impulse 
during passage by a definite point. 



Discussion of Application and Economics of Automatic 

Railways Substations 

BY L. D. BALE 

Associate, A. I. B. E. 

Cleveland Railway Co., Cleveland, O. . 


Review of the Subject,—The automatic substation is defined, 
and its history is traced from the first station placed in s&rvice in 
IdlJf. to the “j^esent time. The number of automatically controlled 
railway staMons up to the beginning of is given as I42 equip¬ 
ments totaling 86,000 kw. Outside the city of Cleveland, two-unit 
stations have been installed in but four instances, although a number 
of these stations are now under construction. With manually 
operated stations, especially in' interurban work, the location of 
stations is determined by local conditions, availahility of labor, etc. 
rather than by load conditions. But with the advent of the automatic 
substation it is possible to locate stations more nearly at the proper 
points to take care of the system loads giving improved voltage con¬ 
ditions with a minimum of feeder copper. Accessory advantages, 
in addition to the labor saving item, include a reduction in running 
light losses, a reduction in distribution losses, lower cost of sub¬ 
station and, in some cases, an actual retirement of existing feeder 
copper. An example is cited of a double track line 80 miles long 
with figures from a report which shows a net annual return on the 
investment, including 6 per cent interest, of S4.9 per cent. The 
labor saving is based on two twelve-hour shifts, and it is further 
calculated that with three eight-hour shifts the annual saving would 
be increased by an appreciable figure. The Des Moines City Rail¬ 
way was the first system to install a group of automatic substations 
for city service, while the Cleveland Railway Company is given credit 


for installing the first two-unit automatic substation for metropolitan 
railway service. Reasons are advanced for using two-unit stations 
in Cleveland in contrast to the general practise of employing single¬ 
unit stations in interurban work. Emphasis is laid on the necessity 
for absolutely uninterrupted service in a large dty system, even under 
such emergencies as either an interruption of the a-c. power supply, 
or short circuit due. to breaking of the trolley wire. A further 
comparison between the operation of manual and automatically 
controlled substations is taken from one of the surveys made in 
Cleveland. The tabulation indicates a net annual saving of $18,900 
per year for the automatic over the existing stations. 

ils to the reliability of automatic control equipments, conclusion is 
reached that an operator is very unlikely to anticipate trouble, whereas 
with automatic control the protective equipment operates so success¬ 
fully that various interruptions are a rare occurrence. There is also 
the possibility of an operator making an error in judgment, thereby 
causing trouble which might not otherwise occur. A fuHher con¬ 
sideration which should not be overlooked is the possibility of loss of 
operators due to strikes or other causes. A n outline of the equipment 
used in the Cleveland stations is given with special reference to out¬ 
going feeders and the proposed method of eliminating current- 
limiting resistance. Description is also given of the remote control 
equipment now being manufactured, which will enable the several 
automatic stations to be supervisedfrom a central point by a dispatcher. 


P erhaps for the benefit of some of those who 
have not had the opportunity to follow this 
development a definition of an automatic sub¬ 
station will not be out of order. Messrs. Alien and 
Taylor define the automatic substation as a substation 
in which the functions of starting and connecting 
machines to the line whenever there is a demand for 
power and finally shutting down, after the demand for 
power has been satisfied, are all performed in their 
proper sequence without the assistance of an oper¬ 
ator, either in it or at adjacent stations. 

PWher, it might be added that to make this scheme 
possible, there must necessarily be arrangements made 
for taking care of the equipment in such a substation, 
and protecting service under all of the operating con¬ 
ditions which railway power equipment is subjected to. 

The first successful installation of an automatic 
railway substation, as far as I am aware at least, is the 
installation of a 300 kw. 600 volts, 25 cycles, 3-phase, 
synchronous converter on the Elgin & Belvedere Elec¬ 
tric Railway, an interurban road. The equipment in 
this substation was rearranged for automatic control 
and placed in service December, 1914. 

The idea of automatic control for this station, as 
I understand, originated with an engineer in the employ 
of one of the large electrical manufacturing compsmies. 

Presented before the Cleveland Section, A-1- E. E., April l8th, 
19^8, also at the Midwinter Convention of the A. I. E. E., 
New York, N. Y., February 14-17, 1988. 


who upon presenting the idea to his company was in¬ 
formed that it was impractical. He, however, thinking 
otherwise, broached the subject to Mr. B. J. Arnold, 
who, I believe, was interested in the Elgin & Belve¬ 
dere Railway Company. In any event, after securing 
a miscellaneous assortment of relays, contactors, and 
such other equipment that was applicable to this con¬ 
trol system, and was at that time more or less stand^d 
in steel mill control work, the station referred to was 
put into successful operation. 

Needless to say, after the practicability of the idea 
had been demonstrated, the manufacturing companies 
adopted it. It is, therefore, noteworthy that the his¬ 
tory of the automatic substation does not extend over 
an appreciable length of time. But, in this period there 
has been a wide adaption of the scheme throughout this 
country. 

A summary of automatically controlled synchronous 
converters and motor-generator sets in railway service up 
to this time a year ago, discloses the fact that there are 
some 80,750 kw. of converters and some 5200 kw. of 
motor-generator sets in railway semce automatically 
controlled. The capacity is distribu.ted over 129 
installations and involves a total of 142 equipments. 
The majority of these being stations containing a unit 
of 300 to 500 kw., although there are some 1000-kw 
converters involved. Of the 129 installations there are 
^tit four c^es, exCept Cleyeland, where two units, were 
used in one station. There are, of course, nunierous 
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TGcent installations not included in this list which have 
been placed in operation since the tabulation was 
made. Today, I understand, there are about half 
again as many orders for equipments of this type upon 
the books of the two manufacturing concerns building 
this equipment. • 

There is as far as this discussion is concerned, three 
general types of electric railways. The first of these 
groups is the interurban system, with which as far as we 
are concerned may be included small suburban systems. 
In this type of service there is found by far the greatest 
number of installations of the automatic substation. 
The idea originated on an interurban system, as was 
noted, and it is in this class of service that the greatest 
savings are possible when compared with the manu¬ 
ally operated plant. Further, the more infrequent the 
service the greater will be the proportional saving be¬ 
yond the item of labor saved. A brief discussion of some 
of the principal items is as follows: 

With manually operated plants in interurban work, 
it is too often the case that the location of the plants 
instead of being decided by the load conditions, is of 
necessity influenced by having to place the station 
either in or near a center of inhabitants wherein the 
station operator and his family may live, for without 
at least some of the conveniences of modern civilization, 
the railway companies are presented with the inability 
to secure competent help or are compelled to pay. 
exorbitant wages to hold a sufficient number of com¬ 
petent men to operate the stations. 

The necessity of having two or in some cases three 
shifts of skilled attendants for each station also in¬ 
fluences the number and size of such stations, that is, 
the number of stations provided are held at a minimum, 
which in turn is reflected in the amount of feed copper 
necessary to connect the station with the load. There¬ 
fore, it is readily seen that if the human element could 
be eliminated from the operation of a substation, that 
the station could be located with respect to load only. 
It is desirable to have as many stations feeding a line 
as are economically possible, for by this method the 
feed copper may be held to a minimum, the operating 
potential of the line may be maintained, and a greater 
guarantee of service is gained by reason of the numerous 
points of supply. The approach to this ideal has been 
made possible by the advent of the automatic sub¬ 
station development. There are other items of savings 
referred to previously made possible by the use of this 
type of station on interurban lines. Principal among 
these items, is the elimination of light load running 
losses. These losses on an average interurban line may 
amount to considerably over a_ period of twenty-four 
hours where the headway between cars is infrequent. 
With automatic equipment the station will shut down 
after the car has rim beyond the territory served by the 
station and the station will again start a,s the nesrt car 
comes into the territory. On single-track lines with 
cars spaced ah hour apart, and possibly meeting some¬ 
where in the vicinity of the station, there are instances 


where the substation is required to run for only fifteen 
or twenty minutes out of an hour. This frequent 
starting and stopping of the equipment is not done if the 
station is manually operated, consequently with the 
automatic substation, the average load carried on the 
equipment may approach more nearly the point of 
highest operating efficiency. Distribution losses are 
reduced on account of the possibility of utilizing more 
stations and locating them where required without 
having to consider increased labor in operating costs. 
The cost of the substation building may be materially 
reduced, for it is unnecessary to provide the usual 
clearances around equipment, likewise, the apparatus 
may be arranged with regard to a minimum size of 
building, rather than to ease of operating as is necessary 
in arranging for manual control, also facilities for the 
comforts of the operator are eliminated. 

The advent of the automatic substation for inter¬ 
urban work has resulted in several instances in a com¬ 
plete rearrangement of the power facilities of some of 
these lines, while on others, automatically equipped 
stations have been installed between existing manual 
stations, eliminating the necessity of installing addi¬ 
tional feeder copper to care for increase in load, in 
several instances allowing copper to be removed, at the 
same time increasing the average trolley voltage and at 
no increased cost of operation. An instance where the 
power facilities of an installation could be completely 
rearranged at a considerable saving in operating cost 
is illustrated by the following summary of a report made 
on an eastern property. This property operates a 
double track line approximately eighty miles long.^ 
The schedule is essentially one car each way every 
forty minutes. Local cars are operated at schedule 
speed of 23 mi. per hr., and limited trains at 30 mi. per 
hr. The power is supplied to the trolley at 600 volts 
d-c. from eight manually operated substations spaced 
approximately ten miles apart. There is a .0000 trolley 
wire over each track and in addition a 500,000 cm. 
feeder running the entire length of the line. 

It was proposed to retain five of the present sub¬ 
station locations. Three of the present substations 
are to be moved to new locations and there will be 
four additional substations made up of equipment 
now used as spare apparatus in other stations. This 
will make a total of seven new buildings and eleven 
automatic control equipments to be supplied, together 
with high-tension switching for each station. 

The balance sheet for this proposed installation of 
automatic control on this interurban is as follows: 


Investment Required 

Seven new buildings. • --- • .. $20,000 

Auto, control, etc. high-tension switching.. 125,975 

Installing of svdtohing equip, and reinstal¬ 
lation of rotaries and transformers.... 16,300 


Total...... $162,275 


1. Prom report by Mir. C. A. Butcher, Westinghouse Electric 
& Mfg. Company. 
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Rearrangement of feeder system.i_ $6,030 

Removal of 66.58 miles of 500,000 cm. 

cable at $50.. 3,330 

Extension of transmission system. 4,350 

Gross Investment. $175,986 

Credits 

85-1/10 mUes of 500,000 cm. cable 

at 18o. per pound.. $123,000 

Salvage, other materials. 6,000 

Total. $129,000 

Net Investment. $46,985 

Animal Savings 

• Operators’ wages eliminated. $22,330 

Power saved. 2,860 

Other misc. substation savings. 200 

Total.. $25,390 

Annual Charges 

Inspectors’ wages. $4,726 

Fixed charges, not including in¬ 
terest on investment. 4,230 

Total. $8,955 

Net Annual Saving. $16,435 

Retui'n on investment including 6 per cent 

interest. 34.9 per cent 

Return oh investment not including interest 28.9 per cent 

Total investment would therefore be retired in approximately 
3 years. 

The labor saving shown in the table is based on two 
twelve-hour shifts of one man per each station. At the 
time this report was made an eight-hour day was in 
demand. This would increase the item of labor by a 
third and under this condition the net annual saving 
would be increased to $23,878. By this new arrange¬ 
ment of power and distributing system the trolley 
voltage at the car would be increased by twenty volts.’^ 
This would result in an increase in running speed and 
therefore a possible decrease in platform expense, that 
is, train crews. 

You may now realize that the automatic substation 
has adapted itself ideally to the interurban field where 
the savings made possible by its application are most 
apparent. Until about 1918 the automatic equipment 
was limited almost entirely to the interurban field. 
This was due, I believe, to the greater cost of the con¬ 
trol equipment compared with manual equipment of 
the same capacity which was thought apparently 
could not be justified unless savings made possible by 
its application were without question large, also the 
scheme was looked upon by quite a few as more or less 
of a makeshift for use only on the small suburbans. 

To Des Moines, Iowa, a city of 126,000 inhabitants 
belongs the credit of advancing the application of this 
type of station one step from the purely interurban 
service. The Des Moines City Railway operates 91.27 
miles of single track and 150 cars of all types including 
interurban, had in operation in 1921, eight or nine 
automatic substations of 500 kw. capacity each, in city 
and interurban Work. These installations, as I recall, 
represent simply the*use of the interurban type of 


station to move city cars, and no new departures were 
made by reason of the different service. 

The next step in progression was made in Cleveland. 
The Cleveland Railway Company has in operation 
today, three automatic installations which represent 
the first case onrecord of the adaptation of the automat¬ 
ically controlled substations to metropolitan service. 
These installations also enjoy the distinction of being 
the first two unit automatic substations of large 
capacities having been constructed. Each of these 
stations contains two 1500 -kw., 60-cycle, converters. 
I might add that to date they are the only instal¬ 
lations of their kind in existance. 

While the application of automatic substation to the 
interurban system is now on more or less of a standard 
basis, variations being slight, and principally in kw. 
capacity, the question of applications on metropolitan 
systems does not lend itself to standardization nearly 
so readily. This fact must be realized when the great 
variety of conditions, principally brought about by 
operating practises, are considered on various large city 
systems. 

When the problem of layout or rearranging of power 
generation and disti-ibution facilities of a large system 
is considered, it will be found that there are numerous 
items which enter into and effect immensely the ulti¬ 
mate results, that do not appear in planning for the 
interurban system, and further the weight of these 
various problems regarding the whole, change, depend¬ 
ent upon what particular city one may be working in. 

The various problems are closely co-related. Un¬ 
fortunately the time available will not allow a full dis¬ 
cussion of all the various phases, but, briefly, the results 
obtained in a survey depend primarily upon the im¬ 
portance of the station or stations to the balance of the 
system, that is, whether the station is located on the 
outskirts of the city, in which event it may be considered 
of relatively less importance than one located perhaps 
in a congested area serving possibly several important 
lines of transportation. The area or zone to be supplied 
by a given station, that is the current density, which 
also fixes the kw. capacity of the station, is in general 
determined by land value, building cost and restriction, 
reserve capacity, a-c. and d-c. feeders, investment 
necessary in building equipment and feeders, together 
with annual charges and losses. The paramount 
necessity, however, is that the system must be con¬ 
ducive of a high degree of reliability of service. 

Still another factor referred to previously as ‘^operat- 
ing practise*' has a direct bearing upon the question. 
It is this phase that tends to make it almost impossible 
' to st^dardize or make compmsons of proper power 
facilities for metropolitan systems. By ^'operating 
practise” I refer particularly to the quality or type of 
service rendered by the operating company to the car 
riding public. An illustration will perhaps make this 
more clear. The principal source of trouble to tiie 
power department of a railway company comes from 
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the falling of a trolley wire, bad order car equipments, 
and overloads due to traffic delays, etc. When a trolley 
wire breaks and grounds, it is of course disconnected 
from the source of power at the station by automatic 
breakers, that is, if manual stations are used. On a 
great number of roads it is the practise to hold these 
grounded feeders or sections open until the wire has 
been picked up either by the car crews or the line 
emergency arews. The power plant is then notified 
and power is restored. By this procedure the amount 
of trolley wire annealed or destroyed is held at a mini¬ 
mum as is also the matter of maintenance on station 
equipment. The great disadvantage of this method, 
however, lies in the fact that important lines are tied up 
for indefinite lengths of time, schedules are disarranged 
which on heavy lines may require the remainder of the 
day to rectify, and most important of all, thousands 
of patrons of the line are delayed, in some instances 
seriously. 

The progressive management is really trying to 
produce the best possible service, free from interruption, 
realizing that to have cars standing in the street with¬ 
out power, does not, to say the least, improve public 
relationship. 

For example, the management of the railway in 
Cleveland is most insistent in its demands that power 
be supplied under all conditions. When a short cir-. 
cuit occurs upon a feeder section, instead of leaving the 
section out or dead, until the trouble has been cleared, 
every attempt is made to maintain the power supply 
upon the faulty section, for, with power the cars continue 
to move. To make this possible, it can readily be 
appreciated that the layout of the generating and dis¬ 
tributing system will be considerably more extensive, 
more complicated and expensive, than on a property 
where power service is discontinued when trouble 
arises on the line. 

The question of the size (kw. capacity) and the 
number of units to be installed within the automatic 
substg-tion in metropolitan service is one which also is 
receiving much discussion at present. There is no 
question but that to increase the number of points of 
supply to a system will result in a better average opera¬ 
ting voltage at the car, and with a reduction in the 
amount of feeder copper necessary, also by reducing the 
poteatial gradient of the rails do much to eliminate 
electrolysis. It would, therefore, appear that the ideal 
layout of automatic substations should consist of a 
series of small single-unit installations located at 
relatively short distances from each other and in a very 
simple, small inexpensive building. With low land 
values and building cost, and the absence of building 
restrictions, which are encountered generally in small 
cities, sparingly settled areas or suburban districts of 
larger cities, there seems to be ho doubt but that a. 
number of single-unit installations answer the require¬ 
ments admirably. On the other hand, where the cost of 


land and buildings is high and there are numerous restric¬ 
tions to be complied with as is the case in Cleveland 
the multiple unit station works to the greatest economy, 
taking every item into consideration. On the metro¬ 
politan system where continuity of service is the one 
ruling factor, it is necessary (as was previously noted) 
to protect or make possible this continuous service by 
installing reserve capacity in equipment and distri¬ 
bution system. To exemplify this, take but one of the 
phases necessary for insurance to continuity of service, 
the a-c. power supply. 

In small cities where underground construction of 
high-tension lines is not necessary, the cost of connecting 
the a-c. power supply to the numerous small single-unit 
stations is not much of a factor. On the other hand, 
in large cities, where underground construction is 
necessary, the cost of supplying all of the small stations 
with a-c. lines becomes an expensive matter. In this 
connection, the installation of duplicate a-c. feeders to a 
station of importance containing more than one unit 
is warranted, insuring as it does freedom from station 
“shut downs” arising from a-c. line failures. In the case 
of less important stations having but a single unit, this 
feature of safety to service is sacrificed, for the duplica¬ 
tion of supply cable being in the case hardly permissible. 
Where the multiple-unit station proves the most 
efficient and economical t3q)e to install, the factor of 
service insurance is further increased by reason of the 
scheme of automatic sequence which is a part of this 
type of station. 

On the average interurban system the load taken as a 
whole upon the system tends toward a flat character¬ 
istic, that is, each of the stations upon the system is 
subjected to numerous peaks during the period of 
operation of the line. These peaks occurring when there 
is a train within the territory supplied by any particular 
station and as noted previously as the train moves out 
of the territory, the station shuts down. On the large 
city system, the load is of an entirely different nature. 
There is a continuous load on the station which varies 
more or less gradually from the peak condition, morn¬ 
ing and evening, to the base running schedule period. 
In the former case, that of the interurban, the power 
equipment is being worked to the highest possible 
over-all efficiency. In city service, however, the fre¬ 
quent starting and stopping of equipment is impossible, 
for with all stations upon the system arranged to feed 
into what results, by reason of emergency tie feeders, 
a general network of feeders, and with very low ohmic 
resistance (0.03 approximately) between stations, each 
and every machine in service will attempt to assume its 
portion of the system load. This tends to keep equip¬ 
ment in service when there is really no necessity for 
same. This would result detrimentally to the all-day 
station conversion efficiencies. There is, of course, a 
limit that can be established above which an increased 
average trolley potential will not reduce platform or 
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other expenses materially. Beyond this limit it is 
obviously unnecessary to have converter equipment 
operating at the resulting low-load factor. 

The two-unit station has an advantage in this connec¬ 
tion, in that the two units will operate to capacity dur¬ 
ing the peaks, while the remainder of the day one unit 
will shut down, leaving the remaining unit in operation. 

There were numerous reasons for the adoption of 
automatic equipment in Cleveland. Primarily,the 
company was presented with the necessity of 
supplying additional power to portions of the city lying 
within the district wherein, by reason of recent devel¬ 
opments and natural traffic growth, the power supply 
was in some cases inadequate. It was found impractical 
to attempt to increase the operating potential in most 
of these territories by additional feeders from existing 
plants, for not only were feeders necessary, but addi¬ 
tional conversion equipment would have to be installed 
at the various plants to absorb the increased load, to¬ 
gether with losses. The alternative was, of course, 
additional power facilities, located within the territory 
in which the load originated. The results taken from 
one of the several surveys made to determine the most 
economical procedure with respect to a given territory, 
indicates the following: 


P ower supplied from existing plants locations 
Proportional part of building, together with new 
equipment necessary to be installed for the load. 
Total feeder copper (existing plus additional copper 


$ 89,398 
274,251 


Total. 326,261 

Annual charges. 53,636 

Power supplied for manually operated substations* 

Building, land, equipment and feeders..... $221,263 

Annual charges. 44,240 

Operation.. $ 8,290.' 

Feeder losses. 11,644. 

Power supplied for automatically operated substations 

Buildings, land, equipment and feeders. $242,129 

Annual charges. 39,736 

Inspection..... $ 400. 

Feedfer losses. 11,644. 

Basis upon which annual charges are calculated 


Buildings 
Land 

Equipment 

Maintenance 
Operation 
Feeder copper 
Feeder losses 


85^ per cent (Insurance, taxes, depreciation, 
interest). 

6 percent (Taxes,interest). 

10per cent (Insurance, taxes, depreciation, 
interest). 

(Buildings, equipment), 
or Inspector. 

9 percent (Taxes,interest). 

$11,644. 


*Used for comparison purposes only. 


This indicates a net annual saving of $13,900 
comparing the automatic substation with the scheme 
of supplying the territory from existing plants. 

In comparing the automatic with the manually operated 
plant of like capacity an annual saving of $4500 is 
indicated in favor of the automatic substation, not¬ 
withstanding the fact that $20,866 increase investment 
is made. Incidentally, a comparison of the cost of 
feeders in the first and second plants would emphasize 


the relation which this item bears to the economical 
location of power facilities with regard to load, par¬ 
ticularly when working with low voltages. It might 
be of interest to note that if the present power facilities 
of the company were all on an automatic basis today, 
calculation indicates that a saving in operating expense 
could be made amounting to approximately $175,000 
annually.® 

With these possible savings in mind, it remained but 
to ascertain the reliability of automatic equipment. 
From operating records available it appeared that this 
equipment, where properly installed and maintained, 
was more reliable than the manually operated. From 
experience this is borne out. 

This is easily seen when it is considered that the 
chances of an operator being able to anticipate trouble 
are remote. Abnormal conditions develop so quickly 
and are often so obscure that before he has the. oppor¬ 
tunity to realize what is occurring the damage is often 
done, or if not, his principal duty then will be to limit 
the extent of injury and to confine it to the particular 
piece of apparatus or circuit in which it originated. 
While he is so engaged service is, in all probability, at 
a standstill. With automatic control the equipment 
is protected as the trouble occurs, and is prevented from 
spreading. This is accomplished by the various pro¬ 
tective devices peculiar-to this type of control. Inter¬ 
ruptions to service are, therefore, held at a minimum. 

No matter how well trained the operators may 
be, there are cei^in errors of judgment that must 
necessarily enter into the operation. In large centers 
of population, where the tendency normally is for high 
labor turnover, there will always be a larger percentage 
of new operators on the system than in some of the less 
active cities. This element of inexperienced operators 
will result in operating mishaps, which are avoided 
by use of automatic control. In connection with the 
item of labor, there is the intangible but undoubtedly 
great value obtained in adopting automatic control in 
the assurance gained by the knowledge that labor 
diificulties cannot interfere with the success or con¬ 
tinuity of service of a system so equipped. 

As has been previously mentioned, the installation 
of the automatic substation in Cleveland, repre¬ 
sents the first attempt to utilize this type of equipment 
in metropolitan service. These stations then represent 
pioneOT work, there being no precedent. Utilizing the 
experience and knowledge of operating conditions in 
Cleveland, continuous studies were made of'the adapt¬ 
ability of this type of control, as it was being planned, 
mth the result that changes and additions were made 
in the layout prior to its manufacture, and in fact, 
while in the process of manufacture. These were neces¬ 
sary to bring the equipment to a point where it would 
meet with all of the operating conditions and wh^vs 
absolute dependence could be placed upon it und^ all 

3. Comparison made with present system, including steam 
plant 
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conditions. Tho results liave been exceedingly gratify¬ 
ing, for aside from the d-c. outgoing feeder control 
scheme, there have been comparatively few changes 
found necessary considering the immensity of the 
problem. Some of the changes necessitating the re¬ 
design, addition or rearrangement of relays, while the 
majority were accomplished by changing circuit con¬ 
nections. 

Referring to the control of outgoing d-c. feeders, 
the solution to this phase has been the most trouble¬ 
some of the whole development. There was installed 
and in fact still exists in these stations, a type of feeder 
control, known as the current limiting resistance method 
of control, which has met with success in interurban 
and small city work. At the time of installation it was 
the only scheme available. With this scheme, in the 
event of a short circuit or overload occurring on the 
feeder, the current flow and voltage to the feeder is 
reduced by inserting the resistance. If this abnormal 
condition persists, the section is finally cut off from the 
source of power entirely. This method of operation 
on the property where a premium is placed upon con¬ 
tinuity of service is not acceptable. Recently a new 
method of feeder control has been devised. This 
scheme eliminates the current limiting resistance en¬ 
tirely. By the use of a current transformer on the 
d-c. feeder, an arrangement is secured whereby the 
feeder will be disconnected only in the event of a short 
circuit occurring on the feeder. This is a step towards 
the continuity of service we wish to obtain, however, it 
still does not fill all the requirements, for, in our desire 
for continuous service, it is necessary that wherever, 
possible, power must be supplied to faulty feeders for 
the movement of cars and to clear the feeder of fault. 
To accomplish this and other phases of operation which 
are desired, it has been necessary to devise a method of 
remote control. By utilizing an auxiliary or transfer 
bus in each station with feeders arranged for automatic 
transfer on short circuits only, a most flexible system 
is obtained by the addition of this control. Provisions 
are had for load shifting in case of severe load conges¬ 
tion, failures of conversion equipment, a-c. feeders, etc. 
This is accomplished by transferring load to adjacent 
plants over tie feeders, these same feeders furnishing 
the means of “burning off” grounds on faulty sections, 
thus replacing the present current limiting resistance. 

A brief outline of the remote control equipment which 
is at present being manufactured, will be of interest, 
A dispatcher’s office will be established at a central¬ 
ized point from which there will extend two pairs 
of telephone conductors to each automatic substation. 
At the dispatcher’s office, arranged in a semi-circular 
desk, each substation will be represented by a small 
panel containing a series of telephone lamps behind the 
customary lenses. On the table of this desk is to be 
arranged a series of buttons, controlling relays by which 


combinations may be set up sending impulses to any 
particular substation where, it will cause to operate 
certain relays which in turn perform required changes 
in the operating conditions of the stations. As these 
changes take place at the station, the dispatcher is 
advised by the signal lamps mounted on his desk. 
These lamps enabling him to ascertain at any time the 
positions of the controlling relays or contactors at any 
station. The functioning of these devices by reason of 
automatic operation will also set up sisals at the dis¬ 
patcher’s board. To enable the dispatcher to know the 
load conditions of the stations, that he may act intel¬ 
ligently in cases of emergency, arrangement is had to 
duplicate in the dispatching center, continuous loading 
of each station upon a graphic chart. It might be well 
to state that this system of remote control does not 
supersede the automatic substation control in any sense. 
All the various benefits derived from full automatic 
control still remain. This system is so arranged that 
in the event of the remote control becoming inoperative 
from any reason whatsoever, it is automatically dis¬ 
connected from the substation control leaving the sta¬ 
tion still under full automatic control. 

The present plan of the railway company contem¬ 
plates the use of automatically controlled stations for the 
entire property eventually. It is proposed ‘where prac¬ 
tical to break up the existing manually operated stations 
into units of one and two machines each. With this in 
mind, the remote control has been designed with facili¬ 
ties for increasing the number of station positions to 
thirty. 

Regarding the future of automatic control: While I 
have limited myself to the railway applications only, 
the development has not been limited to this field. 
Engineers in other fields of electric generation and dis¬ 
tribution have not failed to grasp the idea and apply it. 
There are several installations in 220-volt d-c. Edison 
service, likewise, there are several industrial applications. 
The idea has also been utilized in one or two instances 
in hydro-generating plants. In this particular field 
automatic control should, it seems to me, have as wide 
an application as in the railway field, for by the use of 
this control, thousands of small water power sights are 
made possible of development and may produce power 
economically whereas before, this was impossible. 

Each and every application of automatic equipment, 
no matter in what field, will present a variation of con¬ 
trol features by reason of new or different operating 
conditions met with upon each new application, but 
with the engineering talent and ingenuity displayed by 
the men heading the control divisions of the principal 
companies engaged in this particular field, together 
with the inclination of the engineer in charge of the 
property to cooperate and study conditions and require¬ 
ments, the limitations of automatic control are not in 
sight. 
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Review of the Subject ,— The alternating-current series 
motor may he adapted to regeneration in a number of important 
respects more readily than a similar direct-current series motor on 
account of the following features: (!) The a-c. motor always 
employs a cross-field winding which prevents armature distortion, 
(S) A relatively low impressed commutator voltage is used reducing 
the dang&r from flashing. (S) With the a-c. system a transformer 
can be used to obtain desired variation in motor voltage. The 
advantages of this feature are outlined at length with reference to its 
effect on regeneration. 

The several schemes of regenerative connections are divided into 
four classes as follows: (1) Series excitation; (S) self-excitation, 
or cross excitation; (JS) shunt excitation; (4) separate excitation. 
The first two connections have not been commercially used. A 
number of fundamental assumptions as to the theory of the single¬ 
phase motor are given as a basis for vector diagrams, which are used 
to analyze the conditions for both motoring and regeneration for the 
four types of connections. A detailed presentation of the conditions 
which obtain uyith these connections is then given by the author. 

When using the first connection for regeneration it is necessary 
with semes excitation to reverse the main field with reference to the 
motoring conditions. With the cdternating-current series motor a 
sudden decrease in the line voltage will not increase the regeneraled 
current as in the case of direct current, but will tend to decrease it. 
In a like manner an increased speed with any given impressed 
voltage will also decrease the regenerated current. Objectionable 
characteristics are: first, a strong tendency to pick up as a direct- 
current generator with the secondary transformer winding acting as a 
short circuit; second, a like tendency for low-freguency currents to be 
set up; third, undesirable speed torque characteristics. These 
featuTes are cited as the reasons for not seriously considering this 
type of motor and connection for railway application with regenera¬ 
tion in this country. 

The second system employs an extra set of brushes located midway 
between the normal brushes on the commutator. This system is 


handicapped by the fact that armatures and also the commutators 
of the motors must have increased capacity because of the necessity 
for carrying exciting as well as load currents during regeneration. 
This is particularly objectionable on account of the space limitations 
existing in connection with railway application. Another dis¬ 
advantage is the necessity for extra brushes around the commutator. 
This method of connection, however, has the advantage of giving a 
shunt speed torque characteristic and permitting power factor 
compensation during regeneration. 

The third connection using the so-called shunt excitation has the 
advantage of simplicity and reliability. The chief disadiHintagc 
lies in the fact that power factor correction cannot he made during 
regeneration. It is handicapped to some extent, due to the fact that 
the same continuous torque between armature and field winding can¬ 
not be obtained as was possible unth the series connection. In a 
majority of commercial applications, however, this connection will 
provide sufficient tractive effort. Only two units arc required to 
obtain regeneration: first a substantial reactor and, second, a change¬ 
over sivitch for controlling the same. 

The fourth system utilizes separate exciters cither of the (/) 
constant speed or (S) variable speed type. Under the constant .speed 
systems, either phase converters or motor generator sets may he used. 
With the variable speed, either separate axle gerurrators or one of the 
main motors is used as an exciter. This system, although in general 
requiring more apparatus for regeneration ifiencc costing and 
ipeighing more) than some of the other sy8te7ns, is also more flexible. 
The desired speed torque characteristics can he obtained and, with 
a constant speed exciter, power factor .compcn.Hatum is available, ns 
well as power for driving auxiliary apparatus. 

The conclusion is reached that regeneratum can he properly and 
successfully obtained with one or more of the several systems out¬ 
lined, In the several appendices, explanation is made of the vector 
diagrams by moans of which the, author analyzes the conditions for 
each system of connection. 


I T has long been known that under certain conditions 
a motor driving an electric locomotive or car could 
be converted into a generator and that as such it 
could be used to exert a braking effect upon the vehicle 
either for “holding” a train while descending a grade, or 
for reducing the speed of the train when making a stop. 

Numerous articles have appeared in the technical 
press during the past few years covering various systems 
of control for use in connection with three-phase, split- 
phase and direct-current systems of regeneration. 

However, practically no mention has been made of 
systems of regeneration for use with single-phase 
series type commutator motors. 

Probably the reader is better acquainted with the 
direct-current system^ at the present time than with any 
other t 3 q)e. Hence, in the following general discussion 
the writer will use the d-c. system for comparative 
purposes. 

Presented at the Midwinter Convention of the A. I. E. E., 
New York, N. Y., February 14-17, 192S. 


The Westinghouse Electric & Manufacturing Com¬ 
pany tested a regenerative single-phase locomotive 
on its test track for several months at East Pittsburgh 
as long ago ^ 1905, and a few years later a similar 
system was applied to the Midi locomotive in France. 

At that time there was practically no demand what¬ 
soever for regenerative equipments in the commercial 
field, and the system referred to above was used pri¬ 
marily in connection with a number of important gear 
tests which were being made at that time. The re¬ 
generative feature was utilized to give a relatively 
cheap and flexible load, two similar locomotives being 
used during the test, one regenerating while the other 
motored. 

The a-c. series motor lends itself to regeneration in a 
number of important respects more readily than the 
corresponding direct-current series type motor. This 
t3^e of a-c. motor is always provided with a cross-field 
winding preventing armature distortion, s^d as it 
always has a relatively low impressed commutator 



Transactions A. I. E. E. 


HIBBARD: SINGLE-PHASE REGENERATION 


14 . +V.A Haneer of flashing is practically eliminated. 

^ ^ 

._t_ee of a transformer on the vehicle makes the 

;o+,'nr. nf motor voltage very simple and economical. 
TWs in torn, means that weakened fields at high 
meeds are not a nece^ity and that regeneration at 
T»T*a/»fiVallv all speeds down to a standstill can be ac- 
Lmplish^ with practically any desired field strength. 
This permits the obtaining of any desired torque with 
any desired speed, with the armature and field currents 
adjusted to give the minimum root mean square currents 
in either member. Thus, in general, it is possible to 
effect regeneration with a lower root mean square 
current in the armature and over a greater range in 
speed than is possible in the case of the direct-current 
system with its limited and less flexible voltage range; 
also, due to the presence of the transformer and due to 
the fact that connections can be completed inductively, 
as well as conductively, the a-c. series motor lends itself 
more economically to a larger number of regenerative 
connections than appears possible with the d-c. system. 

The various schemes of regenerative connections 
available for use with this t 3 q)e of motor can be divided 
into four distinct classes, or combinations of th^e 
classes, depending upon the type of field excitation 
employed. The four classes can be designated as 
follows: 

1. Series Excitation 

2. Self-excitation, or cross excitation. 

3. Shunt Excitation. 

4. Separate Excitation. 

The third and fourth classes have been commercially 
applied and detailed description of a few of the various 
forms of connections possible in these two classes will be 
given in the following pages. 

In so far as is known by the writer, no commercial 


current required for the armature circuit is lagging. 

6. A leading armature current will be taken from 
or returned to the line when the resultant wattless 
current required for the armature circuit is leading. 

The following well known fundamental laws will be 
used frequently and are stated in order that the reader 
may more .easily follow the writer’s various presenta¬ 
tions. 

(1) The sum of the voltages in any closed circuit 
must be equal to zero, that is, the sum of all the counter 
voltages must be equal and opposite to the impressed 
voltage. 

(2) When a voltage is applied to a reactance, the 
current produced will lag 90 deg. behind the impressed 
voltage. The reactive drop, or counter voltage, pro¬ 
duced by this current must be 180 deg. away from the 
impressed voltage in order to produce a balanced 
condition, and hence the reactive drop must lag 90 deg. 
behind the current that produces it. 

(3) Likewise, when a voltage is applied to a resist¬ 
ance, the current produced will be in phase with the 
impressed voltage. The RI drop, or counter volts, 
produced by this current must be 180 deg. away from 
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applications of the first and second classes have been 
made as yet, and only a general discussion of a single 
form of each of these two classes will be given. 

For the sake of clarity it is necessary to give in a 
brief manner several fundamental assumptions which 
will act as a basis fbr the vector diagrams which follow. 
In all cases it is assumed that the electrical windings are 
such that: 

1. A motoring torque will be exerted when the field 
flux and armature current of a given machine have a 
component 180 deg. out of phase with each other. 

2. A braking or regenerating torque will be exerted 
when the field flux and armature current have a com¬ 
ponent in phase with each other. 

3. Power will be taken from the line when the 
armature current has a component in phase with line 
voltage. 

4. Power will be retiuned to the line when the arma¬ 
ture current has a component 180 deg. out of phase with 
the line voltage; 

5. A lagging armature current will be taken from, 
or returned to, the line when the resultant Wattless 


the impressed voltage in order to produce balance, and 
hence, it is 180 deg. away from the current. 

(4) The counter electromotive force set up, due to 
a rotating conductor cutting a given flux, will be in 
phase with the flux cut. 

Also, it might be noted that all vector diagrams are 
arranged so that any leading vector is always drawn 
counter-clockwise with respect to any lagging vector. 

Motoring with Series Excitation^ 

In line with the above the operation of the series 
motor as a motor assumes the form shown in Pig. 1 
which is a schematic of a typical main circuit connec¬ 
tion. 

The transformer voltage applied across the motor 
terminals sets up a circulating current in the motor 
circuit. The motor circuit is inductive and therefore 
the current lags the impressed voltage. The circulating 
current thus Set up produces a counter voltage equal and 
opposite to the impressed voltage. At standstill this 

1. See Appendix A for detailed Vector Analysis. 
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• 

resultant vector relations are such that POW®r is 
returned to the line. This can be readily seen if the 
difference between the counter electromotive force 
and the resistance drop is considered as a negative 
resistance drop. The presence of a positive resistance 
drop indicates the use of power and hence the presence 
of a negative resistance drop must represent the genera¬ 
tion of power. ■ , . 

Thus it is seen that the alternating-cwrent senes 
motor can be made to operate as a series generator 
merely by reversing the fields. A suddenly decreased 
line voltage will not increase the regenerated current 
of the line frequency as in the case of direct current, 
but will tend to decrease it. Similarly an increased 
speed with any given impressed voltage will also 
decrease the regenerated current. While these charac¬ 
teristics would make its use for regeneration possmie, 
other difficulties have to be overcome for a practical 
solution along these lines. 

The system is handicapped by the strong tendency 
of the generator to pick up as a direct-current generator 
with the secondary transformer winding serving prac- 


current and flux set up in the cross field circuit is 
approximately 90 deg. behind the line voltage since the 
field circuit is highly inductive. The armature con¬ 
ductors revolving in and cutting the cross-field flux set 
up by a counter electromotive force across brushes h b 
in phase with the flux cut and hence at right angles and 
lagging the line voltage. 

This voltage is then connected across the main field 
and sets up a current and flux through the main field 
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7—Cross PiEiiO op Self Ecitinq Generator 

approximately 90 deg. behind voltage hh or approxi¬ 
mately 180 deg. away from the line voltage. The 
armature conductors revolving in and cutting this main 
field flux set up a voltage across the normal brushes 
approximately 180 deg. away from the line voltage. 
Hence, when these terminals are connected to the trans¬ 
former the resultant voltage difference will set up a 
circulating current in the circuit. If the line voltage 
impressed is greater than generated voltage a motoring 
torque will be produced and power will be drawn from 
the line. If the generated voltage exceeds the line 
voltage a braking torque will be exerted and power will 
be returned to the line. The small section of trans¬ 
former voltage in the excitation circuit is 
order to neutralize the resistance drops in both the 
cross field and main field circuits .and hence ^aintain 
the regenerated voltage exactly 180 deg. behind the line 

Fi^ 8 shows the typical shape of the speed torque 
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Pig. 6—Cross Pibld op Self Exciting Generator 


tically as a short circuit. Even if direct clients are 
.made imp ossible, as in the case of a repulsion motor, 

• ^there is a strong tendency for low-frequency currents 
to be set up, causing trouble. Also the speed torque 
characteristics obtained with this connection (See Pig. 
5) are not the best type for all classes of regenerative 
service since the torque tends to decrease as the speed 
increases for any given value of impressed voltage. 
In view of these difficulties this method of regeneration 
has so far not been seriously considered for railway ap¬ 
plication in this country. Undoubtedly, however, 
due to its simplicity it has possibilities for the future. 

Regeneration with Cross-Field or Selp- 

Excitation^ 

A regenerative system of the second kind with the 
main motors acting as armature (self-excited) generators 
is shown in Pig. 6. In this system the armature is 
supplied with an extra set of brushes b b which are 
located around the commutator midway between the 
normal or motoring set. The cross field is connected 
across a section of the main transformer. The resultant 

3. See appendix C for Vector Analysis. 
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Characteristic obtained with this <ionnection _ 

This system is handicapped due to the fact that the 
armatures and also the commutators of the imin 
to be increased in capacity b^nse they 
^ the exciting currents in addition to the load 
rents This is quite a serious handicap in view of the 
lunitations exisKng for the main motors in con- 
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nection with railway work. Another disadvantage of 
the system is the necessity of additional brushes around 
the commutator. 

However, such a system is advantageous in so far as 
it gives a shunt or flat speed-torque characteristic (see 
Fig. 8) and as it permits of power factor compensation 
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Fig. 9—Shunt Genebator 

during regeneration, and possibly during motoring, with¬ 
in certain limits. Hence, it eliminates the necessity of 
auxiliary rotating apparatus that otherwise might be 
required to obtain this power factor compensation 
feature and therefore probably has certain possibilities 
for the future. 

Regeneration with Shunt Excitation^ 

The simplest form for a shunt type regenerative sys¬ 
tem is shown in Fig. 9. The main fields are connected 


flux set up a counter electromotive force across the 
armature circuit in phase with the flux cut and hence 
approximately 90 deg. behind the line voltage. 

The armature is thus connected in series with an 


(F) 

£l3 = IS0%^L 


(b) 

lOO%Et, 
50% Speed 


0Li - 50% Ei. 

£ 0 % Speed. 

Fig. T1—Regeneration—Constant Speed— V ariable Im¬ 
pressed Armature Voltage. Shunt Excitation 

external reactor and across a section of the main 
transformer. The vector sum of the counter ^electro¬ 
motive force generated in the armature and of the voltage 
impressed across the armature give a resultant voltage 
in the armature circuit which lags behind the line volt- 






30% Speed. 
50% El. 


Fig. 10 — Variable Speed — Regenerating. Constant 
Impressed Armature Volts. Shunt Excitation. Constant 
Impressed Field Volts 

directly across a section of the main transformer. The 
resulting field current and flux set up in the circuit lags 
approximately 90 deg. behind the line voltage. The 
armature conductors revolving in and cutting the field 

4. See appendix D for Vector Analysis. 
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Fig. 12—^Motoring—^Variable Speed—Constant Impressed 
Armature Volts. Shunt Excitation, Constant Impressed 
FibldVolts. 


age by some atigle depending upoii the relative values 
of the impressed and generated voltages: This result¬ 
ant voltage sets up a circulating current in the arpia- 
ture circuit which*[lags by approximately 90 deg. since 
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the armature is highly inductive due to the external 
reactor. Hence, since the field current and flux are also 
lagging the line voltage the armature current has a 
component in phase, the field flux, and is therefore 
exerting a braking torque. Also, due to the fact that 
the resultant voltage in the armature circuit lags the 
line voltage and to the fact that the armature current 
is approximately 90 deg. behind this voltage, the arma¬ 
ture current must lag the line voltage by more than 90 
deg. hence will have a component 180 deg. away from it. 
Thus, power will be returned to the line. 

If the main fields are reversed in the above connec¬ 
tions, the counter electromotive force produced will be 



Fig. 13 


reversed. This will shift the resultant voltage in the 
armature circuit by 90 deg. and likewise the armature 
current. 

The resultant voltage will lead the line voltage while 
the armature current will lag the line voltage, by some¬ 
thing less than 90 deg. depending upon the relative 
values of the line voltage and the counter electromotive 
force. Hence a motoring torque will be produced and 
power win bp drawn from the line. 

Fig. 13 (A, B, and c) gives the typical shape of the 
different speed torque characteristics for both motoring 
^and regenerating obtainable with this connection. 

The chief handicap of this system lies in the fact 
that it does not permit of power factor correction during 
the regenerating period and must always draw a result¬ 


ant wattless component of current from the line for 
excitation. It is also handicapped to some extent due 
to the fact that the same continuous torque between 
the armature and field windings, possible with the 
series connection, cannot be obtained in the shunt 
connection due to the phase difference between the 
armature current and field flux inherent with this 
connection. However, in practical applications suf¬ 
ficient torque can be developed between the windings 
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Pig. 14—Regeneration—^Modified Shunt Excitation 


such that when added to the losses the resultant retard¬ 
ing effort available will be more than sufficient for hold¬ 
ing any train while descending a given grade that can 
be hauled up the same grade with the series connection. 
Also, when the obtainable torque is not sufficient for 
any given application the speed-torque characteristics 
can be adjusted easily and properly for parallel opera¬ 
tion with the airbrakes on the train. Hence, this 
connection will provide ample tractive efforts for a 
large majority of the future commercial applications. 

The connections and control are simple and reliable. 
Practically only two units are added to the normal 
motoring control apparatus, these units consisting of 
a simple substantial reactor and a simple change-over 
switch for controlling the reactor. The speed torque 



Pig. 16—Regeneration—^Modified Shunt Excitation 

characteristics available cover practically the entire 
range from (1) a vertical curve, that is constant torque 
at all speeds, (see Pig. 13A) which is ideal for straight 
deceleration purposes, to (2) a shunt or relatively flat 
curve, that is increasing torque with increasing speed, 
(see Fig. 13c) which is the desirable characteristic for 
use in holding a train at some given desired speed when 
descending a grade. 

Hence, this form lends itself readily to practically 
any class of service and will undoubtedly be in great 
demand for future commercial applications. 
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A modified form of the shunt connection is shown in 
Mg. 14 and is described in appendix D. 

Separate Excitations® 

The regenerative systems utilizing separate exciters 
during the regenerating period can be divided into two 
general classes as follows; 

1. Constant Speed Exciter Systems 

(a) Phase Converters 

(b) Motor Generator Sets. 

2. Variable Speed Exciters 

(a) Separate Axle Generators. 

(b) Main Motor as an Exciter. 

In the following a description will be given of a con¬ 
stant speed exciter system using a phase converter as 


the main field of the traction motor and across a section 
of the main transformer. The vector sum of these two 
voltages gives a resultant voltage which sets up a field 
cun-ent and field flux through the field circuit. The 
resultant field voltage lags the line voltage by some angle 
depending upon the relative values of transformer 
voltage and phase converter voltage employed .[^The 
resultant field current and field flux lag behind jthis 




Main Transformer 
Primary 


Ptttthtgraph. 

cinBkr. ■ fl-iQag 




■fl nsiSi . 

A _ Sacertaary, rV A 



‘t\\U 



Main 

Li 


Rererser 


Mam S 

r r 

/ g J Reverstr 


PlQ. 16—RBaSNSRATION—CONSTANT SPBBD EXCITEII STSTRM 

an exciter. A variable speed exciter system using one 
of the main motors as an exciter will be described in 
appendix E. 

A constant speed exciter system is shown in Pigs. 
16 and 17. In this system the phase converter or 
exciter is essentially a two-phase synchronous or induc¬ 
tion motor running on single phase. Hence, a voltage 
is generated across the second or open phase at right 


Pig, 18—Regeneration—Variable iSteed Exciter Sthtem 

voltage by 90 deg. since the field circuit is highly 
inductive, and therefore lags behind the line voltage 
by more than 90 deg. 

The main armature conductors revolving in and 
. cutting this flux set up a counter electromotive force 
across the armature in phase with the flux cut. The 
vector sum of this counter electromotive force and of 
the transformer voltage impressed across the armature 
gives a resultant voltage which sets up circulating 
current in the armature circuit. The armature current 
lags the resultant armature voltage by some angle 




Pig. 19—RBaBNBBATioN—VAniABLE .Speed Exciter System 


Pig. 17 Rboenebatton—Constant Spend Exciter System 

angles to the line voltage impressed across the motoring 
phase. In most applications of this type a two phase 
synclmonous motor will probably be employed in order 
that it may be operated as a S3niehronous condenser 
during the motoring period for power factor correction. 
Also, with the use of the direct-current excitation in the 
rotor the main motor field excitation can be supplied 
in part if not entirely without drawing it all in the form 

of wattless lagging current from the line. 

The light angle voltage obtained from the generating 
phase of th e phase converter is connected in series with 

5. Ses a>pp6iidix E for Vector Analysis. 


depending upon the relative values of the resistance 
and reactance drops through the circuit. 

By the proper manipulation of the transformer 
voltages impressed across the main field and armature 
circuits (and when desired, the phase converter) the 
circulating armature current can be given a leading 
or lagging component 180 degrees away from the line 
voltage, and at the same time exert a braking torque, 
or it can be given a leading or lagging component in 
phase with the line voltage, and at the same time 
a motoring torque. Thus all requirements for regei 
tion can be fulfilled. 

Figure 20A shows three different typical approxi: 
forms of speed torque characteristics, hot draw 
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scale, obtainable with this system of regeneration. It 
is possible to obtain a family of curves for practically 
any desired form of characteristics, by the proper 
manipulation and choice of the various applied voltages. 
In fact, with the proper control facilities, it is possible 
to change from any one family to one or more different 
families of curves, during the regenerating period. 
Thus, it is possible to choose the proper form of curve 
most suitable for each of the vaiious forms of regenera¬ 
tive duty that may be encountered over any given 
profile. Hence, on grades on which it is necessary to 
use the air brakes on the train in conjunction with 
regeneration, in order to hold the train at some desired 
speed or speeds, a proper family of curves suitable for 
parallel operation with air brakes can be selected. 

As the steepness of the grade decreases and the 
regenerative torque available is sufficient for holding 
the train at the desired speed, without the aid of air 
brakes, a family of curves most suitable for this service 




i 

can be obtained. Then again when it is desired to 
decelerate the train from some given speed to standstill, 
the family of curves most suitable for such service pgp 
be chosen. Thus this system, although in general 
requiring more degenerative apparatus, (and hence cost¬ 
ing amd weighing more), than some of the previously 
described systems, is also more flexible and hence will 
also do more than these systems. The control and 
apparatus required for regeneration are relatively 
simple and reliable. 

The proper speed torque characteristics can be 
obtained for practMy any application and if desired 
power factor correction during the regenerating period 
can be easily obtained. 

In the constant speed exciter systems the value of 
torque obtainable is limited by the current capacity of 
the motor windings only and hence, if desired will give 


the same continuous torque at the air gap as is obtain¬ 
able in the series motor connection. Also in this system 
the constant speed exciter can be utilized for power 
factor compensation as well as driving auxiliary appara¬ 
tus during the motoring periods. 

Hence,, this system, in one or more of its possible 
forms, will also undoubtedly be used to a large extent in 
future commercial applications and especially where 
extremely heavy torque regenerative duty is required. 

Conclusion 

In general, it can be safely stated that probably any 
future regenerative application that may be desired, 
can be properly and successfully taken care of with one 
or more of the various single-phase systems available 
at the present time. 

As a whole the systems are so flexible that, the 
selection of a particular system for any given application 
can probably be governed in the main by the require¬ 
ments of the particular application only, and can be 
chosen to best suit the requirements of that application. 

Appendix A 

Motoring with Series Excitation: 

The clock diagram for the series motor, operating as a 
motor, assumes the following simple forms, (see Figs. 
1 and 2). • 

In Fig. 2a, Eli represents the voltage that must 
be applied across the motor terminals at standstill to 
set up a current la through the motor circuit. The 
motor circuit is inductive and, therefore, the current lags 
the impressed volts. The motor is drawing power from 
the line (equal to the losses in the motor circuit only at 
standstill), and hence has a component in phase with the 
line voltage, and since it is exerting a propelling torque, 
it is 180 degrees away from the field current If and field 
fluX(^/. 

The counter-voltage at standstill is composed 
entirely of the impedance drop around the motor 
circuit, which in turn represents the vectorial sum of the 
resistance and the reactance drops. 

In Fig. 2b, El2 represents the voltage that must be 
applied across the motor terminals at approximately 
one-half speed to set up the same current /«. EhijiS 
greater than Eli due to the fact that the impressed 
voltage must overcome the back electromotive force 
of the motor Ec 2 , as well as the impedance drop around 
the circuit. As Ec grows in value due to speed with 
any given impressed voltage, the impedance drop and 
hence the armature current must decrease in. value to 
give the correct vector sum of counter-voltages 

In Fig. 2c, Els represents the voltage that must be 
applied across the motor terminals at full speed to set 
up current J«. Els is greater than Els, due to the fact 
that Ecs is greater than Ec 2 . 

The power component of current la in Fig. 2b and 
Kg. 2c is greater than the corresponding component 
in Fig. 2a, due to the fact that the motor is delivering 
power, hence must draw power from the line. 
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It should be noted that in both Fig. 2b and 2c 
electromotive force Ec and the RI drop are 
fresultant added vectorially to 
the XI drop. When the series connection is utilized 
for regenerative purposes, it so happens that Ec and 
the RI drop are subtracted from each other and the net 

resultant thus obtained is then added vectorially to the 
XI drop. 


Hence, with a fixed terminal voltage, the armature 
current and consequently the retarding torque, de¬ 
creases as the speed increases. 

Thus, ]Rg. 6 shows the t5rpical shape of the speed-torque 
characteristics obtained with the series connection. 


Appendix B 

Regeneration with Series Excitation 
In order to regenerate with the series connection after 
motonng, the main fields must first be reversed. The 
clock diagram for this connection then assumes the 
simple form shown in Pigs. 3 and 4. 

Ei .1 represents the voltage that must be applied 
across the motor terminals at standstill to set up a cur¬ 
rent 7« through the generator circuit. By referring to 
Ilg. 2a for the series motor, it will be seen that the 
clock diagram for the series motor at standstill is 
exactly the same as the clock diagram for the series 
generator at standstill, except that the field current 
If and field flux 0/ have been reversed. 

However, as the generator begins to pick up speed as 
IS propeHed down the grade by the weight of the 
tram, the counter electromotive force built up in the 
armature begins to counteract the resistance drop in the 
generator circuit until at some speed N, the counter 
electromotive force (see Fig. 4b), is just equal and 
opposite to the R1 drop. At this point the armature 
current has swung around until it lags the line voltage 
by exactly 90 deg. This means that the generator is 
dramng no jiower from the line whatsoever, and hence 
at this speed it is supplying its own losses. 

As the speed of the train still further increases, the 
counter electromotive force set up in the armature 
circuit mm-eases; hence, Pig. 4c represents the 
voltage that must be applied. across the generator 
terminals at full speed to set up the current /. through 
the armature circuit. - 

Fes represents the difference between the counter 
electromotive force generated in the armature circuit at 
this speed aud the resistance drop through the circuit, 
due to la. The vector sum of Ec, and X la is equal 
and opposite to Els and, hence a balanced condition 
exists. The current has a component 180 degrees 
away from the line voltage, and hence it is delivering 

current is in phase 
with the field flux 0/, and hence the generator is exerting 
a braking torque. ® 

It should be noted that as the speed, and consequently 
the counter electromotive force in the armature circuit 
increases, the line voltage must also increase in order to 
inaintain the same value of la otherwise as the counter 

increases, due to increased speed 
the A7 drop and consequently the current 7„ would have 
to decrease in order to maintain the proper counter- 


Appendix C 

Regeneration with Cross-Field or Selp- 
excitation 

In this system, the armatures must be supplied with 
an extra set of exciter brushes as shown in Fig. 6. 
The operation of this system is as follows: (see Fig. 7). 

Assume that with the motors rotating at a certain 
^eed, the cross field circuit is connected to a line voltage 
Ti. It is evident that a cross field will be set up, the 
size of which is essentially governed by the number of 
cross field turns and the voltage impressed upon the 
cro^ field. The cross field current 7c and flux 0c lag 
behind the line voltage Ft, by approximately 90 degrees, 
since the field is highly inductive. This cross' field 
wll mduce by rotation a voltage E^ between the exciter 
• brashes h h, which is proportional to and in phase with 
the cross field, and hence also lags behind the line 
voltage by approximately 90 degrees. 

This voltage is then connected in series with a small 
section of the main transformer voltage 2\, and the 
resultant voltage Fo, is connected across “the main 

^ J'^gWy inductive, 
hehmd the 

resultant excitation voltage Fo by approximately 90 
deg., ^d hence will be approximately 180 deg. away 
from the line voltage 7,. The small section of trails- 
former voltage T, m the excitation circuit is introduced 

^ops in both the cross field and main field circuits 
m such a way as to cause the main field flux to lag 

set un'In The main field thut 

^t up will therefore, induce by rotation a voltage 

Fc across the armature terminals 180 deg. away from 
the line voltage. The value of this generated LetZ 
can easily be adjusted by regulating the 
voltage impressed upon the cross field circuit, and 
hence can be made sufficiently in excess of the impressed 

cureent 7„ will be returned to the line. Also, since 

^ braking torque 

jnll be exerted. Hence, all requirements for regenera¬ 
tion are fulfilled by this arrangement. 

Appendix D 

Regenerating with Shunt Excitation 

system of the third kind is shqwn in Figs. 9 and 10 
In this system the main field is connected My 
^oss a stebon of the tensfonner voltage T, Md ^e 
^at^ IS connected in series with a emrent limitoe 
^d phase-shifting reactor D, and across a section of 
the transformer voltage Eh. 
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-reactors are decreased by an amount equal to the value 
of main field reactance utilized in the various armature 
circuits. 

The chief disadvantage lies in the added control 
complications entailed due to multiplication of the 
armature circuits. 

Appendix E 

Regeneration—Separate Excitation 

The clock diagram for the regeneration system using 
a phase converter as an exciter is shown in Pigs. 16 and 
17. 

Referring to Fig. 16, it is seen that a voltage Ti is 
applied across the motoring phase A of the phase con¬ 
verter. This induces a voltage E* across the open or 
generating phase B. This generating phase voltage E:, 
is connected in series with a section of the transformer 
voltage 7*2 and the resultant voltage Ei thus obtained 
is connected across the main field of the main traction 
motor. This voltage Ei sets up a field current // and 
field flux </>/ through the field circuit. 1 / and </>/ lag the 
voltage El by approximately 90 deg. since the main 
field is highly inductive. 

The armature conductors revolving in and cutting 
0 / set up a counter electromotive force Ec across the 
armature circuit in phase with the flux cut. The 
vector sum of Ec and El gives a resultant voltage Eo 
which sets up a circulating current in the armature 
circuit. la lags Eo by some angle 6 depending entirely 
upon the relative values of the resistance and reactance 
drops in the armature circuit, la has a component of 
current 180 deg. away from line voltage and hence 
power is being returned to the line. Also has a 
component in phase with 0 c and hence a braking torque 
is being exerted. Thus all requirements for regenera¬ 
tion are being fulfilled. 

A variable speed exciter system is shown in Figs. 18 
and 19. This system is only feasible when there are two 
or more main motors available for regenerative duty. 
In this system the main field of No. 1 motor is connected 
across some section of transformer voltage Ti and the 
armature of the same motor is connected in series with 


the main field of motor No. 2 and across a section of the 
main transformer Ts. The armature of motor No. 2 is 
then connected across a section of transformer voltage 
El. 

The voltage Ti sets up a current ■f/,. and flux 0 /^ 
through the field circuit. The armature conductors 
of No, 1 motor revolving in and cutting 0 /j, set up a 
counter electromotive force Ec^, across the armature. 
The vector sum of Ec, and Tz or Ei sets up a circulating 
current or and flux 0 /g through the field circuit of 
No. 2 motor. or and 0/2 lag behind Ei by approxi¬ 
mately 90 deg. since the field circuit is highly inductive. 
The armature conductors of motor No. 2 revolving 
in and cutting 0/2 sets up a counter electromotive force 
Ecg across No. 2 armature. The vector sum of Ec, and 
El or Eo sets up a circulating current in this circuit. 
Iza lags Eo by some angle 6 depending entirely upon 
the relative values of the resistance and reactance 
drops in No. 2 armature circuit. The vector sum of 
and / 2 tt or has a component 180 deg. away from 
line voltage and hence power is being returned to the 
line. Also has a component in phase with 0/, and 
has a component in phase with (j>f, and hence both 
motors are exerting a retarding torque. Thus all 
requirements for regeneration are again fulfilled. 

It is interesting to note that the main motor acting as 
an exciter is not only furnishing the excitation for the 
other motor but it is also regenerating, that is, 
it is exerting a braking torque and is returning power 
to the line. This feature is radically different from 
the similar type of direct current system. In the direct 
current system where one of the main motors is used 
as a generator the motor acting as an exciter returns 
no power to the line whatsoever and the braking torque 
exerted is due to the losses in the excitation circuit only. 
The above feature is due to the fact that the excitation 
circuit connections, that is, No. 1 motor connections, 
are essentially the same as those used for straight shunt 
regeneration, the main field of No. 2 motor serving as 
the reactor. 

Fig. 20b shows the approximate forms of the speed 
torque characteristics, not drawn to scale, that may 
be obtained with this type of system. 
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saturation curve, and to “test” a synchronous generator 
or motor before it has been actually built. (2) In 
some applications to take the place of an involved 
analytical theory; it is often difficult to investigate 
analytically or numerically the effect of separate factors 
upon the resultant performance characteristics, especi¬ 
ally with considerable saturation. (3) For some 
purposes to take the place of various proposed circle 
diagrams which, with a saturated magnetic circuit, are 
of more than doubtful value and accuracy. (4) To 
add the judgment of the eye and the skill of the hands 
to the purely mental ability in selecting the constants 
of a machine for a desired performance, or in judging 
the characteristics for assumed constants. (5) To 
enable an investigator or a student to familiarize him¬ 
self with a fnachine as if he had one available for tests. 



Fig. 1—General View op the Blondblion 


This is of particular importance with large or special 
machines, for which no facilities may be available for 
besting under full-load conditions. 

The Quantities which Can be Represented on the 
Blondelion. Current, terminal voltage, internal voltage 
'or the stator flux), input, output, power factor, in- 
:ernal phase angle, synchronizing torque, and the field 
jurrent. These quantities may be obtained at a con¬ 
stant applied voltage, at a constant input (or output), or 
it a constant field excitation, as desired; or else, these 
actors may be varied in any desired manner. 

The Factors Which May he Taken Into Account and 
Varied Separately M Will in ike Blondelion. Per cent 
irmature resistance and reactance; the direct and the 
ransverse armature reaction; the degree of saturation 
n the magnetic circuit; the field ampere-tums; the 
lopper and core losses; friction and windage. 

Other Kinematic Devices. The Blondelion is one of 
he several kinenaatic devices developed by the writer, 
or representing the performance characteristics of 


various kinds of electrical machinery and lines. The 
other devices are as follows; 

1. A device for imitating the performance of an 
electromagnetic clutch used in the Owen magnetic 
car; Sibley Journal of Engineering, Jan. 1918, 
Vol. XXXII, p. 55. 

2. The Secomor, a device which imitates the per¬ 
formance of a polyphase series-connected commutator 
motor; A. I. E. E. Trans., 1918, Part 1, Vol. XXXVII, 
p. 329. 

3. The Indumor, a device which imitates the per¬ 
formance of a polyphase induction motor; also its 
modification, the Secomor, which represents the per¬ 
formance of a shunt-connected polyphase commutator 
motor; A. I. E. E. Journal, 1922, Vol. XLI, p. 107. 

4. The Heavisidion, a device which represents the 
operating characteristics of an elecrtical transmission 
line with distributed capacitance and leakage A. 1. E. E. 
Journal, 1923, Vol. XLII, p. 127. 

5. The C. P. S’er (named for Dr. C. P. Steinmetz), 
a device for the automatic addition of impedances in 
series and admittances in parallel, (in preparation). 

6. An Intergraph based on the author's parallel 
double-tongs, for a mechanical integration or differen- 
tion of a given curve. This device finds its usefulness 
in problems of hunting of electrical machinery, fly¬ 
wheel design, ship stability, etc. Optical Society of 
America and Review of Scientific Instruments, Journal 
1922, Vol. VI, p. 978.1 

Limits of Rating and Output. Like any other 
graphical device, the Blondelion requires certain scales 
to be chosen for each particular problem. A convenient 
scale has to be selected for volts, another for armature 
amperes, still another for the field current, etc. The 
device can therefore represent the performance of a 
small machine as well as of one whose output runs into 
tens of thousands of kilowatts; of a 110-volt machine 
as well as of one wound for 22,000 volts. As in any 
graphical device, there are some limitations due to a 
finite length of the bars and to an interference of the 
links in certain positions. With one setting the device 
can be made to give an accurate performance for all 
values of practical interest, say between one-quarter 
full-load and twice the full-load, and between 60 and 
100 per cent power factor. For points beyond these 
limits some bars may have to be replaced or a 
different scale selected. 

B. General Description op the Blondelion 

The first complete Blondelion, shown in Fig. 1, was 
built in the writer's experimental shop, in Cornell 
University, during the winter of 1921-22. The same 
device is represented by a .single-line diagram in Fig. 2; 
the construction details are shown in Pigs. 6 to 9. 
Most parts are made of flat steel bars, or of celluloid 
bars, not o ver two centimeters wide and a few milli- 

1. For a description of the parallel double tongs see the 
American Machinist, 1921, Vol. 55, p. 1050. 
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meters thick. Some bars are of constant lengths, 
others are of adjustable useful lengths, holes being 
drilled every few millimeters. Most bars are connected 
to each other by means of pivot joints. Some points 
are constrained to move along straight or curved guides. 

The device is assembled on a table provided with a 
groove XX (Fig. 2.) A stationary rail H H supports 
the free end of the main bar 0 T which can turn about 
0 as a center. The bar 0 T is provided with a longi- 


are marked 1, those immediately above them are 
marked 2, etc. The particular sequence selected is not 
essential since the device is intended to represent a 
vector diagram in a plane. 

A detailed description of the functions of the different 
parts of the Blondelion is given below, in connection 
with its theory. It suffices to state here that the device 
is set for chosen design constants and for a desired shape 
of the no-load saturation curve. The setting consists 



Fig. 2 —A Single-Linb Diagram of the Blondbuon 


tudinal slot which serves as a guide for the slide F F, 
roller S, linkage OQG, T-square tt, and the linkage 
GKC. By means of the T square 11, the bar p p' is 
made to remain at right angles to the bar 0 T. The 
proportional dividers A iV C D are guided by p p' at 

Different bars are placed in different horizontal 
planes to enable them to cross each other without 
interference. In Fig. 2 the bars nearest to the table 


(a) in the selection of a suitable scale for volts, (b) in the 
selection and adjustment of a proper curve plate (or 
plates) to correspond to the desired saturation curve 
and (c) in the adjustment of the lengths of a few bars. 
The Blondelion then represents vectorially the following 
four simultaneous relations which together characterize 
the machine: 

(a) The voltage drop in the armature winding. 

(b) The component induced e. m. fs. 
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(c) The main magnetic circuit, modified by the 
armature reaction. 

(d) The relationship between the flux, the net 
induced e. m. f., and the resultant m. m. f. 

After having been properly set and connected to 
represent the above relations, the aggregate of the 
linkages becomes a kinematic system of a limited 
number of degrees of freedom. Thus for example, if 
.the field current and the power factor of the load are 
kept constant, the parts of the device can be moved 
only in such a way as to represent variations of the 
terminal voltage with the armature current; the device 
then possesses only one degree of freedom. If the termi¬ 
nal voltage is kept constat, it is possible to vary the 
energy component of the current independently, and 
its reactive component by varying the field excitation; 
the device then is a system with two degrees of freedom; 
etc. 

Having set the device for the desired operating 
conditions of the machine, certain of its parts can be 
shifted in the grooves or along the guides, thus causing 
all the other members to assume new positions. At 
any position, readings can be taken of the voltage, cur-* 
rent, power factor (or phase angle), field excitation, 
output, deviation of the field structure from its no-load 
position, etc. In other words, at least as many 
characteristic quantities can be read directly as with an 
actual load or brake test, with an additional advantage 
of having the currents and the voltages directly and 
automatically combined into a vector diagram. 

Lengths are measured on the centimeter scales 
marked along the bars and the grooves, and the phase 
angles are read by means of protractors, or with a 
sighting goniometer (see the author^s paper on the 
Indumor, mentioned above). Or else, angles may be 
computed from the measured projections of the vectors. 

C. The Performance Diagram of a Polyphase 
Synchronous Generator 

The vector diagram in Fig. 3 represents the terminal 
voltage, the current, and the induced electromotive 
forces in a polyphase synchronous generator with 
salient poles, on a partly inductive load. The relations 
are shown from the point of view of Blonders theory of 
the direct and transverse armature reactions. The 
notation is that used in the author’s “Magnetic Circuit,” 
Chap. 8, to which the reader is referred for explanations 
and proofs. One phase only is represented in the 
diagram; e is the terminal voltage; ^ is the armature 
current; i r is the ohmic drop and ^ a; is the reactive 
drop in the armature, per phase. £7 is the resultant 
induced voltage considered as a geometric suni of the 
voltages En and Et induced by the real and fictitious 
poles of the machine respectively. The current i is 
shown lagging behind the terminal voltage e by an 
angle 0. The ohmic drop ir is in phase and the 
inductive drop ix is in quadrature with the current. 
The induced voltage £7 is also the resultant of e, i r, and 


ix, and is a measure of the total stator flux which 
approximately determines the core loss. 

In accordance with the theory explained on p. 151 of 
the “Magnetic Circuit,” the armature current i is 
resolved into two components, id = i Sin ^ and it = 
Cos The component id is such that the m. m. f. wave 
due to it (in all the three phases) glides along the air gap 
in a direct juxtaposition to the field m. m. f., weakening 
or strengthening the latter. This part of the armature 
m. m. f. is known as the direct armature reaction; hence 
the subscript d. The components it in the three 
phases form an m. m. f. also gliding along the air gap, 
but with its maxima and minima midway between the 
main poles. This is known as the transverse armature 
reaction, and the corresponding symbols are provided 
with the subscript t. 

The direct armature reaction is arithmetically sub¬ 
tracted from (or added to) the field excitation, and the 



Pig. 3—^Thb Vbctor Diagram op a SYNCHBONoua Generator 

resultant m. m. f. produces the useful flux which 
induces in the armature winding the e. m. f. £7»; the 
subscript n stands for the word “net.” The transverse 
armature reaction gives rise to a flux which induces in 
the armature winding the e. m. f. Et. Since the two 
revolving fluxes are in space quadratures, the corres¬ 
ponding e. m. fs. are in time quadrature. When the 
machine is acting as a generator and the current is lag¬ 
ging, Et lags behind £7„. The transverse m. m. f. and 
its flux being proportional to the component i Cos ^ of 
the current, it is convenient to extend B D to its 
intersection with 0 G at C. The angle at D being equal 
to Ip, same, as at 0, the triangle G DGis similar to the 
current triangle. Therefore, CD is proportional to 
the total current i on the same scale on which D G is 
proportional to its component it. For the value of the 
coefficient of proportionality see the “Magnetic Cir¬ 
cuit,” p. 156, eq. (84), in which £7/ - C D. 

The diagram in Fig. 4, on which the .Blondelion is 
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based, is identical with that in Fig. 3, except that the 
ohmic drop i r is neglected, since in usual 25- and 60- 
cycle alternators of medium and large size its value is 
anng.n as compared to i x. This simplifies the construc¬ 
tion of the device, although ir could be taken into 
account, as in the Indumor. The direction of the 
terminal voltage, e, is taken along the X-axis. The 
current vector is omitted, since B D, D C, and B C are 
proportional to the current, and any of the three may be 
taken as a measure thereof. In interpreting the dia¬ 
gram, it must be remembered that B D, considered as 
the armature current, is turned ahead by 90 degrees, 



netic leakage at full load; this is actually done by care¬ 
ful designers. 

We thus see that the various linkages of the Blonde- 
lion must be such that with any setting for a given 
machine, the following four vectorial relationships be 
fulfilled: 

(a) The geometric sum of the terminal voltage e 
and the reactive drop i x must be equal to the total in¬ 
duced e. m. f. 0 D ?= E. 

(b) The sum of the induced e. m. fs. En and Et 
must be equal to the same induced voltage OD = E. 
Besides, jFn and Et must remain in quadrature with 
each other, and both must have the values imposed by 
the field excitation and the armature reaction. 

(c) The length D C must remain proportional to 
B D and be in line with it, both B D and D C being 
proportional to the armature current. GK must re¬ 
main proportional to G C. 

(d) The field excitation Mf, corrected for the effect 
of the direct armature reaction Md, must be equal to the 
net excitation JIf „ which corresponds to En on the no- 
load saturation curve of the machine. The proper 
relationship between Mn and En must be preserved at 
all loads, and the effect of a variable saturation correctly 
taken into account. 

D. The Kinematic Details op the Blondelion 

Having established the necessary relationships which 
must exist between the vector diagram in Fig. 4 and the 
linkages in Fig, 2, it remains to show how the various 
points of the device are constrained to move along 
certain paths in order that the above-mentioned four 
conditions remain fulfilled with any desired setting. 


Fig. 4—^An Altbbnatob Diagbam as Rbpbbsbntbo bt 

THB BlONDBLION 

while as the reactive drOp it is in its true phase position. 
The same remark applies to D C. 

The direct armature reaction, being proportional to 
i Sin is also proportional to G C, since C D is propor¬ 
tional to the current, and the angle at D is equal to \J/. 
However, the coefficient of proportionality of the direct 
armature reaction (Magnetic Circuit, p. 153, eq. 79), 
is different from that of the transverse reaction; 
moreover, the direct reaction, Ma, is expressed in 
ampere-turns, while the effect of the transverse re¬ 
action is taken into account by means of the e. m. f. 
Et. For these reasons the direct armature reaction is 
represented not by G C, but by G Z = In the 
Blondelion, the ratio of G C to G Z may be adjusted at 
will and then kept constant for any setting correspond¬ 
ing to a given machine. 

Ut furthermore S G = „ represent the net field 

excitation necessary for inducing the net e. m. f. 
0 G “ En> Then the actual number of ampere-turns, 
M/, on the field poles must be equal to the sum of 
Mn Q’hd llifjj, since the amount Md is counterbalanced 
by the direct armature reaction. The values of Mn, 
Mf and En ^e taken from the no-load saturation curve, 
but this curve should be corrected for a greater mag¬ 


I. The Saturation Device 
The saturation device (lower part of Figs, 1 and 2) 
is that component mechanism of the Blondelion which 



MAGNETIZING CURRENT OR AMPERE TURNS 

Pig. 5—No-Load Satubation Cubvbs op Dippebbnt 
Machines Rbplottbd to a Standabd Scale 

permits to vary simultaneously the induced voltage 
En and the corresponding field current, or the m. m. f. 
Mf, in accordance with a chosen no-load saturation 
curve of the machine (Fig. 5). In order to simplify the 
construction and the use of the device, it is convenient 
to replot to a standard scale a given no-load saturation 
curve, to be used in the Blondelion. In the particular 
instrument shown in Figs. 1 and 2, the induced voltage 
En is represented by the length 0 G of five rhombi. 
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while the corresponding excitation, on the straight part 
of the saturation curve, is represented by that of the 
two rhoinbi, Q G. Therefore, the no-load saturation 
curve must be plotted to such a scale that on its straight 
part, when the field excitation is represented by say a 
cm., the corresponding voltage is represented by (5/2) 
a cm. Moreover, with the chosen dimensions of the 
device, it is convenient to select such a voltage scale 
that, for the rated voltage, 0 G is equal to about 45 cm. 

Tn Fig. 5 the point n corresponds to a rated voltage 
of 45 cm. and to a field m. m. f. of (5/2) 45 = 18 cm. 
With these assumptions, the extended straight parts of 
all no-load saturation curves pass through the same 
point n, and the only difference lies in the upper curved 
parts of these curves. An actual study of many 
saturation curves showed that the differences in the 
upper parts, when re-plotted to a standard scale, are 
comparatively small, so that a setting within wide 
limits is possible with only three curve plates. 

The saturation device (Fig, 2) is mounted on the 
slotted bar 0 T, pivoted at 0. A rhombic articulated 
lattice 0 G may be expanded and contracted along the 
bar 0 T, and the length 0 G represents the net induced 
e. m. f. Eu (Figs, 3 and 4), When 06’= 46 cm., 
G Q - (2/5) X 45 - 18 cm. Therefore, with this par¬ 
ticular setting, GQ represents the excitation corres¬ 
ponding to i)oint n in Fig. 6. In other words, as long 
as the machine operates on the straight part of the 
saturation curve, the above described linkage, contracted 
or expanded, gives the correct relationship between the 
induced voltage and the field current. 

In order to take care properly and automatically of 
the upper curved part of the no-load saturation curve, 
the linkage abcia added, with rollers S and S'. The 
roller S is guided by the bar 0 T, the roller S' runs along 
the cuiwed plates P. A tension spring k, between a 
and 6, causes the roller S' to press against the plates P. 
These plates are supported by the slide F F which is 
fastened to the rhombic linkage at Q and can move 
along the bar 0 T in ball bearings. In order to repre¬ 
sent synchronous machines with low, medium, and high 
saturation, a set of three curved plates is provided. 
Parts of these plates are combined by trials to form a 
desired saturation curve. Any plate can be turned into 
a desired position and fastened with the set screw q. 
Furthermore, the point of attachment and the length 
of the link c are adjustable. Actual experience shows 
that by properly .setting the plates, by using the right 
portions of their edges, and by correctly adjusting the 
link c, any reasonable saturation curve can be dupli¬ 
cated with sufficient accuracy. 

The excitation corresponding to the voltage 0 6 on 
the upper curved part of the no-load saturation curve 
is no more represented by the length G Q, but by G S. 
The arrangement is such that when 0 G is short, points 
Q and S coincide and move together, giving the straight 
part of the saturation curve. As OG increases in 
length, the slide F F, by virtue of its connection at Q, 
is forced upward. Hence, the curved plates move up¬ 


wards, allowing the roller S' to move to the left and to 
change the position of S. The shape of the curves is 
such that the distance S G varies as the exciting cur¬ 
rent, or as the ampere-turns M„, when 0 G varies as the 
induced voltage 

In some applications it may be desirable to make the 
field excitation scale independent of the voltage scale, 
and not to use always the same point n (Fig. 5). This 
can be done by adding a separate adjustable linkage 
IQ'V (P’ig. 2) which can be attached to the main 
rhombic linkage at any desired place, by means of 
tapped holes and screws, as in Pig. 6. The plate F F 
is then attached to Q', instead of Q, and the roller S 
must coincide with Q' on the straight portion of the 
no-load saturation curve. 
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Fia 6—PnoronTioNAi, Dividbks Fon tub Rjbaotancjs 
D uop AND Fon the 'Pkansvbrsk Armature Reaction 


II. The Proportional Dividers for the Rbac- 

I’ANCE Drop 

In Pigs. 2,3, and 4 both B D and D C are proportional 
to the armature current, and therefore, for a given 
machine, their ratio must be kept constant for all values 
of the cuiTent, that is, for all possible settings of the 
device. The proportional dividers used for this purpose 
are shown in Fig. (>, the corresponding points being 
denoted by the same letters as in Pig. 2. The dividers 
consist of four members; the bars A N, C N, and D M 
are of the .same length; the bar D M is of about half 
their length. An extra linkage, Ci N' may be added 
if so desired, to have the current represented by a 
separate vector ACi. However, the distances A D, 
A C and D C are all proportional to the current, so 
that it is only a matter of the scale. 

By opening or closing the dividers, the distance A G 
may be varied at will, and the distances A D and D C 
always remain proportional to it. To enable the ratio 
of AD to D C to be .set in accordance with the constants 
of the machine, holes are drilled and tapped in all the 
bars, as shown in the detail .sketch. Countersunk 
machine screws are u.sed for fastening the bars together 
at the desired points; these screws do not prevent free 
rotation of the bars relatively to each other. The 
point D is provided with a pivoted guide shown in the 
detail sketch; the cylindrical bai* p p' (Pigs. 2 and 7) 
can move freely through this guide. The purpose of 
the bar pp'is to complete the vector polygon O B D G 
(Pig. 4). 
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The bars A N and C N must be long enough to allow' 
the dividers to open for the highest desired value of the 
armature current. The shorter bar and the holes 
along the bars must allow of a setting for the highest 
percentage of reactance drop and of transverse armature 
reaction that may be encountered under the extreme 
practical conditions. To illustrate, let the length of 
the vector 0 A of the rated terminal voltage be 45 cm., 
and let, for a machine of normal characteristics, the 
sum of the reactive drop i x and of the voltage Et 
(Figs. 3 and 4), at the rated armature current, be say 
50 per cent of the terminal voltage. Then, if per¬ 
formance characteristics are desired up to twice the 
full-load current, the length A C, with the dividers fully 
opened, should be not less than 45 cm. The lengths of 
the bars in the above described dividers allow an open¬ 
ing of 70 cm., so that the device can be used either for a 
heavier overload or for machines of much poorer 
voltage regulation. For a special machine, or under 
some extreme conditions, for example for a reactive 
self-exciting machine without d-c. excitation, an entirely 
different voltage scale may have to be sel^ted. 

If it is desired to take the ohmic drop into considera¬ 
tion, the generalized proportional dividers may be used, 
similar to those described in the author’s paper on the 
Indumor (see reference above). 



Pia. 7—T-Squabb fob the Dibect and the Teansversb 
Abmattibe Reaction 

III. The Proportional Dividers for Direct 
Armature Reaction 

In the description of Fig. 4 it has been explained that 
the direct armature reaction, Ma = GK,is proportional 
to the length G C. In order to realize this relationship 
in the Blondelion, rhombic proportional dividers are 
used, with centers at C, K, and G (Fig. 2). These 
dividers are independent of the rhombic linkage 0 G. 
In their general construction the dividers GKC are 
similar to those shown in Fig. 6. The sides of one of the 
rhombi are provided with holes (Fig. 1) for adjusting 
the ratio of G C to G for a given machine. The total 
field excitation, Mf, is proportional to the length be¬ 
tween the points and K, and is measured on a centi¬ 
meter scale placed between these points* When the 
performance is desired at a constant field current. 


a link of constant length may be placed between these 
points. 

IV. The Slotted T-square for Keeping the 
Direct and the Transverse Reaction at Right 

Angles to Each other 

It has been explained in the description of Figs. 3 
and 4 that with any setting of the device the vectors 
0 C and G D must remain perpendicular to each other. 
This is obtained by means of the T-square 11 (Figs. 2 
and 7) fastened to the round rod pp\ The T-square 
is made of sheet brass. Its shorter arm is pivoted at 
G and its longer arm is guided in the direction 6 G by 
the roller pin f of the rhombic linkage 0 G. The T- 
square and the rod p p' are fastened together by ineans 
of pins / and f' and the pivot G (Fig. 7). At D (Fig. 2) 
the rod p p' passes through a guide, shown in the detail 
sketch in Fig. 6. The T-square is shown in Fig. 1 with 
the right-hand side of its shorter arm cut off. The 
T-square and the bar p p' are in different planes above 
and below the main bar 0 T, so as to allow the slide at 
D to move over the whole length of the bar p p' with¬ 
out interference with the pivot G or with the pins / and 
The main bar 0 T can therefore cross all the other 
bars. 

V. The Armature Current, the Terminal 

Voltage, and the Phase Angle 

As is explained above, the magnitude of the armature 
current is proportional to the opening of the pro¬ 
portional dividers A C (Figs. 2 and 6). The length 
A C can be measured on a centimeter scale (Fig. 8) 
pivoted at A and constrained to slide in the sleeve 
g at C. The A end of the scale is made into an indi¬ 
cating pointer by means of which the phase angle (or 
the power factor) of the current can be read off directly 
on the protractor. Since in the Blondelion the current 
vector is turned by 90 deg. with respect to its true 
position, the terminal voltage and the current are in 
phase, when the bar A C is prependicular to the axis 
X X. For this reason 0 deg. and 100 per cent power 
factor are marked in the center of the protractor. 

The terminal voltage e = 0 A (Fig. 4) is measured on 
the centimeter scale k k (Pig. 8) which forms one of the 
two guides for the center A, with its horizontal roller 
fThe center line of the groove X X represents the 
direction of e. The groove is cut in the drafting board 
or the table on which the whole device is mounted. 
The distance is measured from 0 to one of the edges of 
the protractor and a correction is made for its radius. 

When it is desired to investigate the performance of 
a machine at a constant armature current, the set-screw 
j is tightened, thus fixing the length A C. To test the 
performance of the machine at a constant terminal 
voltage, the set-screw j' is tightened. To find the 
characteristics at a constant power factor the set-screw 
i** is fastened. 
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VI. The Load Device 

The electrical output of a generator, per phase, is 
equal to the termini voltage 0 A (Fig. 9) multiplied 
by the component C C of the current A C. It must be 
remembered that in the Blondelion the current vector 
is turned by 90 deg. with respect to its true phase 
position, so that C C is the energy component of the 
current, in phase with the voltage 0 A. For any setting 
of the device, the distance from point G to the center 
XX of the groove can be readily measured and thus 
the output computed. The same applies to the electri¬ 
cal input of a sjmchronous motor. 

In some uses of the Blondelion it may be desirable 
to read the electric power directly, on a suitable scale, 
and for this purpose the arrangement shown in Fig. 9 
has been devised. It consists of the articulated paral¬ 
lelogram uvwR and of a celluloid sector RR', of 


shown in the detail sketch in Fig. 8. The sector R R' 
is forced to remain in contact with the side of the bar 
0 T by means of the tension spring h' shown between 
the bars u v and w R, With changes in the setting, the 
sector rolls on 0 C. The power scale depends upon the 
radius r of the sector. 

The theory of this linkage is as follows: The power, 
being equal to OAxCC', is proportional to the area 
of the triangle 0 A C. But the same area is equal to 
OC X A A', where A A' is the altitude of the triangle 
with respect to the base 0 C. Since « »is always paral¬ 
lel to R w, the triangles 0 AL and ORC are similar to 
each other, so that 0 C/r = 0 L/A A'. Hence, 

Power = kekiO A XCC' = KkiOC X A A' 

= keki. r .OL.- 

In this expression ke is the voltage scale coefficient, 
that is, volts (or kilovolts) per cm.; ki is the scale 



radius r. The parallelogram is constrained as follows: 
At R there is a vertical pin with a horizontal roller 
which can move along the groove X X. The construc¬ 
tion is similar to that of the ball bearing guide at A, 
shown in the detail sketch in Fig. 8. The bar u v has a 
slot which forces the center line oiuv always to pass 
through point A (Fig. 8). The bar w R can slide through 
a guide at C. It is proved bel6w that with any setting 
of the device the power is proportional to the length 
0 L on the main bar OT. 

If it is desired to investigate the performance of a 
generator at a constant output (or that of a motor at a 
constant input) the double slide at L is fastened to the 
bar 0 T by means of the set screw z. This causes the 
length OL to remain consist, but does not otherwise 
hamper the motion of the parallelogram, since the two 
slides at L can turn with respect to each other. The 
construction is similar to the double slide at point C, 


coefficient of the armature current, that is, amperes per 
cm. Both coefficients are constant, and so is the radius 
r, with a given sector. Hence, the power is proportional 
to the length 0 L. 

As an example, let the Blondelion be set for a three- 
phase, 7-connected alternator, the current scale being 
ki .= 60 amp./cm., and the e. m. f. scale K = 100 volt/ 
cm., the voltage being measured per phase of Y. Let 
the radius of the sector be r = 26 cm. To find the 
power scale, we compute the length 0 L corresponding 
to an output of say 1000 kw. per phase. We have 
1000 X 1000 = 100 X 60 X 26 X 0 L, 
from which 0 L = 8 cm. Hence, the power scale is 
1000/8 = 126 kw. per cm. The scale for the total 
power for the three phases is 376 kw. per cm. 

it is convenient to have several sectors of different 
radii (Fig. 2) since each sector gives the best results 
only within a certain range of settings. 
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VII. The Generator and the Motor Range 

So far the parts and the setting of the Blondelion 
have been described in a position corresponding to the 
vector diagram in Fig. 4, that is, with the machine 
working as a generator, with a lagging current. This 
range of operation corresponds to the position of the 
current vector A C in the upper left-hand quadrant 
comprised between the axes X X and Y Y, 'Vihien the 
vector A C (Fig. 4) is directed along the Y Y axis to the 
left, the generator load is non-inductive. When A C 
is directed along the XX axis upward, the current is 



I 

X 

I 

i 

Fig, 9—The Load Device 

lagging by 90 deg. behind the terminal voltage e. This 
is because the true position of the current vector i is that 
indicated in Fig. 3, lagging by 90 deg. with respect to 
A C, 

When the vector A C lies in the lower left-hand 
quadrant, it has an energy component to the left and a 
leading reactive component. Therefore this range 
corresponds to the operation as a generator with the 
current leading the terminal voltage. All the linkages 
of the Blondelion are so made as to enable a setting with 
either a lag^ng or a leading generator current. 

In both right-hand quadrants the energy component 
of the current is reversed, so that when A C lies to the 
right of XX, the machine is operating as a synchronous 
motor.^ When the reactive component of the vector 
A G IS directed upward, the machine furnishes a laggin? 
current to the line, or as is more customary to express 
It, the motor takes a leading current from the line 
It IS known,from the theory of the synchronous motor 


that for such an operating condition the machine must 
be overexcited. Conversely, the operation in the lower 
right-hand quadrant corresponds to a lagging component 
taken from the line, and to an underexcited motor. 

It would be rather difficult so to design all the linkages 
of the Blondelion that they could be turned by 360 
degrees about point A, without interfering with each 
other. Therefore, the device is assembled to cover the 
operation either mainly to the left or mainly to the 
right of the axis X X, according to whether the generator 
range or of the motor range is of most interest. In 
either cash the transition from one range to the other 
can be readily observed. 

A complete study of both the generator range and the 
motor range is also possible with one setting, by using 
the principle of images or reflection. Let the Blonde¬ 
lion be set for the generator range, and let it be desired 
to investigate the performance of the same machine as 
a motor. The true vector diagram then lies to the 
right of X X, but its image with respect to X X, con¬ 
sidered as a plane mirror, lies in the generator range. 
Thus, the Blondelion can be set to the left of X X and 
operated as an image of another, fictitious Blondelion, 
set to the right of X X. 

When a watch is placed horizontally in front of a 
vertical mirror, its image seems to run counter-clock¬ 
wise. Similarly, the image of a counter-clockwise 
vector diagram becomes a clockwise diagram. This 
fact must be kept in mind when operating the Blonde¬ 
lion as an image of a real diagram. 

VIII. The Principal Dimensions op the 
Blondelion 

Part (Fig. 2) Length in Centimeters 


0 T 100 

AC 70 

D D ', A N , and C N 35 

V p' 70 

a 25 

h 20 

c 10 

Radius of ai*c H-H 100 

w R and v u 85 

V w and uR 40 

Radii of load sectors 19, 24, 29 
Corresponding dis¬ 
tances to the center 
line of 0 T 20,25,30 


E. The Use op the Blondelion 

The reader is now supposed to be familiar with the 
purpose and the construction of the separate parts 
shown assembled in Pigs. 1 and 2. It remains to 
indicate how the device may be set for a given numerical 
problem. Let us assume the simplest case of an alter¬ 
nator for which the following data are either known 
from tests or have been estimated from the dimensions 
of the machine: 

The no-load saturation curve; 
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In an article on ‘‘Hunting aind Parallel Operation of 
Synchronous Machines/' Sibley Jourml of Engineering, 
March 1920, the author has outlined a method of com¬ 
putation of the synchronizing force, taking into account 
the no-load saturation curve of the machine. The 
treatment is based on Blondel’s theory of two armature 
reactions, and in the first approximation the no-load 
saturation curve is replaced by two straight lines at an 
angle. Even then the expression for the power trans¬ 


generator and as a motor, and the agreement in all cases 
has been found satisfactory. 

The test curves on the two machines and the other 
data quoted below were kindly furnished to the author 
by the engineers of the Westinghouse Electric and 
Manufacturing Co., and of the Allis-Chalmers Co., to 
whom he wishes to express his sincere gratitude. The 
principal data are as follows: 


■■■■■ 
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Make 

Rating as synchronous motor, H. P.... 

No. of phases. 

Frequency in cydes. 

Rated voltage. 

Amperes per phase. 

Rated at a power factor of. 

Speed, rev. per min. 

No. of poles. 

Stator coimection. 

Slots per pole per phase. 

Ooil lies in slots... 

Conductors per slot. 


Westinghouse ) Allis-OhaJmers 


2800 

3 

60 

2300 

607 

0.90 

514 

14 

y y 

3 

1 and 8 
6 


Armature I^R In kw. 9.9 (at 75 " O) 

Field turns per pole. 68.5 


500 

3 

60 

2200 

105 

1.00 

450 

16 

y 

3 

1 and 8 
6 

4.1 

83.5 


xjt ISMa'fMp 


•*« to zoo Jt 


t S Jtoo « 8 Jtoo Jt 


Fig. 10 —^No-Load and Load Saturation Curves of a West- 
iNGHOUSE Synchronous Machine Opbratinq as a Generator 

mitted electromagnetically between the field pole 
structure and the armature, as a function of the angle B, 
is quite involved. The derivative of this power with 
respect to B by definition is the synchronizing power, 
and its expression is also rather complicated. In the 
Blondelion the increase in the power 0 L, for a certain 
small vanation of the angle B, can be read directly, 
and the synchronizing force, aOL/aB, easily com¬ 
puted. Thus, the device should prove useful in fly¬ 
wheel computations and in problems on hunting of 
synchronous machinery. 

P. Numerical Examples and Comparison with 
Experimental Data 

Complete performance characteristics of two actual 
machines have been obtained by means of the Blonde- 
lion ^d the results compared with the available 
experimental data on the same machines. In Pigs. 10 
to 13, the curves represent the actual test results, while 
toe crones are the readings taken on the BlondeUon. 
i he np-load saturation curves (Pigs. 10 and 12) were 
read on the Blondelion with both an increasing and a 
^r^sing^voltage, and a slight discrepancy between 
the two IS due to some lost motion in the (ievice. Load 
curves were checked for each machine working both as a 


Pirst of all, the saturation device was set to represent 
the no-load saturation curve of the Westinghouse 
machine shown in Pig. 10. The point n, defined in 
Pig. 5, corresponds in this case to a field current of 
100 amperes and to a terminal voltage of 2300. The 
saturation device was set accordingly for the lengths 





Fig. 11—The Short-Cirouit Curve and the F-Ourvbs 
OP A Westinghouse Synchronous Motor 

100 amperes = 18 cm. and 2300 volts = 46 cm., on 
the straight part of the saturation curve. The curved 
plates were then adjusted to give the upper part of the 
no-load characteristics. It will be noted that the 
“delta” or terminal voltage was used, and not the 
y-voltage; all other voltage vectors in the Blondelion 
were set in terms of this voltage. 

The next step was to estimate the direct armature 
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stant and equal to 2300 volts. The saturation device 
and the load device then automatically assumed their 
proper positions. The set-screw 2 at L (Figs. 2 and 9) 
was then tightened to keep the power input into the 
machine constant. The field current was read. 

After this, the bar A C was turned stepwise, by a few 
degrees at a time, and the new field and armature cur¬ 
rents were read at each step. This was done for a lag¬ 
ging and a leading current and the points so obtained 
were marked by crosses on the full-load y-curve shown 
in Fig. 11. The length 0 L was then reduced to one 
half, and similar points were obtained, shown on the 
half-load Y-curve. Subsequently the Y-curves at 
1^,2 and 2^ times full load were checked, by setting 
0 L equal to that many times its length at the rated 
load. The no-load Y-curve was checked by making 
OL = 0. The curve which connects the lowest points 
of the Y-curves, that is, the unity power factor curve, 
was checked by setting the screw j' so as to keep the 


power factor at 100 per cent, and varying the field cur¬ 
rent and the armature current. The load device was 
not used in this last test. 

The curves of the Allis-Chalmers machine, shown in 
Figs. 12 and 13, were checked in a similar manner, and 
it would be a needless repetition to quote here the 
numerical data. It must be stated, however, that no 
actual load tests were made on this machine running as a 
generator. The maker of the machine stated to the 
author that the ciuwes in Fig. 12 at 90 and at 100 per 
cent power factor were computed by the A. I. E. E. 
method and that the point / was estimated from tests 
on similar machines. 

The writer’s assistant, Mr. 0. K. Marti, actually 
built the device and performed all the measurements 
described above. To him credit is also due for several 
mechanical details and for the drawings used in this 
paper. The author wishes to express to him his 
sincere appreciation of the valuable assistance rendered. 
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magnitude but rotates with an angular velocity of to. 
In the fourth and general case (d) the magnitude of the 
vector diminishes exponentially while it rotates at a 
constant angular velocity of a>. Thus the general form 
of transient current may be represented by a vector 
which rotates at a constant angular velocity and whose 
terminus travels along a logarithmic spiral. 

The velocity of the terminus of the vector has two 
components, one along the vector and one perpendi¬ 
cular to it. It is convenient to measure these component 
velocities in multiples of the instantaneous length of the 
vector. The term angular velocity is thus appropriate. 
This is a broader meaning of angular velocity than is 
ordinarily assigned to it, and for this reason, it is spoken 
of as the generalized angular velocity. Differentiation 
shows that the generalized angular velocity of this 
vector is, m = {— a j ui). See Fig. 2. Notice 
that the usual significance is attached to the symbol j. 
It indicates that the vector j oj, lags the vector, - a, 
by 90 degrees. 



Zero Axis Zero Axis 

C cl 


PiQ. 1 —^Thb End ob Each Vhctor Which is Drawn Prom 
THB Origin is Indicated bt a Large Period; the End op 
Small Vectors Drawn from These Periods is Indicated 
BT Arrowheads. 

The form of the current variation is detennined by 
the generalized angular velocity; the magnitude is 
determined by the coefficient J, and the phase, by the 
angle, 6. 

It is interesting to note that the current is passing 
through a maximum value at the moment that the 
current vector makes an angle arc tan a/ca with the 
projection axis. This occurs when the vector is in 
such a position that the angular velocity w, drawn 
from its terminus, is perpendicular to the projection 
axis.^ See Fig. 3. A steady sinusoidal current is 
maximum at the moment that the vector representing 
it lies in the projection axis. 

The behavior of damped sinusoidal currents in 
electric circuits, having resistance inductance and 
capacitance, has been the subject of considerable 
inv^tigation, and is familiar, especially to those who 
have been interested in radio communication. The 
field of application of this theory, however, is much 
broader than this, and may easily be extended to include 


practically all electric machinery, both alternating and 
direct-current. 

Currents and pressures that have the same general¬ 
ized angular velocity can, of course, be combined by the 
customary principles of vector addition. The resulting 
vector diagrama will then be similar to those which 
apply to the steady state, save that the electromotive 
forces due to induction, both self and mutual, are not 
in time quadrature with the current, as we shall 
presently see. It is further understood that, as they 
rotate, all of the vectors shrink exponentially. 



OAxis OAxis 

Pig. 2 Pig. 3 


Inasmuch as those who are interested in the opera¬ 
tion of electric machinery have had little contact with 
the theory of damped sinusoidal currents, it may be 
well to show how these currents and the electric pres¬ 
sures they produce can be represented by vectors. 
In all of the following analyses any capacitance that 
the circuit may possess will be disregarded. This, of 
course, places a definite limitation upon the scope of 
the analysis and prevents the discussion of certain 
transient conditions, particularly those of relatively 
high frequency, which are very important in trans¬ 
mission circuits. 



PlQ. 4 

When a current of the general form flows through a 
non-reactive resistance the fall in potential is r I 6““‘ 
sin («f -|- ^). This may be represented vectorially as 
in Fig. 4. The fall in potential through an inductance 
is: , . 

=-e) 

a t ' 

+ CO L J c~“* cos (6) i-|-0) 
The first of these components naay be represented by a 
vector in opposition to the current vector, and the 
second by a vector which leads the current by 90 degrees. 
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See Fig. 4. In this figure and hereafter a line drawn 
above a letter indicates that it represents a current or 
pressure^! the general form. 

Thus: y = r/+(-aco)L J 
V = {r + mL) I 


or . ^ , , _ 

where m represents the generalized angular velocity of 
the current vector; the generalized impedance is 
(r + mL). 

In Fig. 4 notice that there is a rise in potential 
through the circuit, numerically equal to a LI, which 
is in time phase with the current. This indicates that 
electric energy is being generated within the circuit, due 
to the diminution of the magnetic field. The power so 
generated, a L 1\ partially supplies the copper loss, 
P r, in the circuit. The vector representing the fall in 
pressure due to self inductance leads the vector repre¬ 
senting the current by arc tan ot/ta more than 90 deg. 
It is in this respect that the vector diagrams repre- 
sentftig the transient state differ from those that 
represent the steady state. 

If the electric circuit is linked with a magnetic circuit 
m which eddy current and hysteresis losses may occur. 

It IS customary, though strictly speaking it is incorrect, 
to represent both the current and the magnetic flux by 
vectors when they have a steady sinusoidal variation. 



In this case the flux is represented as lagging the current 
which produces it by a constant angle j8. See Fig 6 
This IS eqmvalent to assuming that the hysteresis loop 
IS an elhpse and that the eddy currents are all in time 
quadrature with the flux in the core. The fall in 
re^tave pressure j o) LI, leads the flux, 0, by 90 deg 
but the currant by an angle which is somewhat lefs! 
Ihis being the case, it is necessary to represent the 
inductance by a complex number, i. e. L -= L, - i L • 
whereL,/Lx = tan/3. Thus; a,L/ = ; a, (L,-jL,U 

Similarly if the current is of the generaHom^a^d^we 
make the same assumption in regard to the constancy 
of the phase angle between the flux and the current,— 
the faU m pressure due to inductance is (- a + j co) 
(Lx ~ ; La) I, which may still be written m L1, under¬ 
standing now that both m and L are complex numbers. 
On expansion, this becomes [ (- a Lx H- co La) 4- i 

mP, the fall in-pressure due to inductance is in exact 
quadrature with the current and the energy given up 


by the magnetic field due to its collapse is just sufficient 
to supply the core losses. The power absorbed in the 
coil is then equal to the copper loss. If, with the same 
frequency, the rate of collapse of the magnetic field is 
greater than this, the coil absorbs less power than the 
copper loss. 

If there is another electric circuit linking the same 
magnetic core, the fall in electric pressure through it 
produced by the action of the current in the first circuit 
is j o)M h. Notice that this is a vector which leads 
the current vector by more than 90 deg. When there 
are core losses in the mutual magnetic circuit the 
mutual inductance. Mi, might likewise be represented 
by a coniplex number of the form. Mi — ; M-^. 

Only considerable research can determine the value 
of this suggestion that the self and mutual inductance 
be represented by complex numbers when the currents 
.are decaying sinusoids. It should be noted that 
there is a constant lag angle of flux with respect to 
ma^etizing current only if the hysteresis ^'loop'* is a 
diminishing ellipse such as shown in Fig. 6. Thi.s is, 
of course, not true and whether it is justifiable can 
only be determined by experiment. 

In any inductive circuit the current cannot immedi¬ 
ately respond to an abrupt change in the magnitude 
or form of the applied electromotive forces. There m 
always a transient condition of current flow, the dura¬ 
tion of which is determined by the inductance and 
resistance of the circuit. Moreover, the form of this 
^lent flow IS determined solely by these constants 
and IS wholly independent of the character of the 
apphed elMtromotive forces. The magnitude and 
ptoe of the toansient, however, are determined by 
the imtial and final values of the current in the circuit 
and these are fixed by the applied electromotive forces! 

Two C^mis Having Mutual Inductance but no 
Motion with Respect to Each Other 

The ampl^t case we shall consider is that of a single- 

c^d o^otr““ simultaneously short-cir- 

W-.X. ^ pnmary and secondary sides. 

With the pnmary winding short-circuited the fall 
in pressure through it is zero. 

rx + Jx m Lx + /«m M = 0 (1) 

n and i, repre^nt the resistance and self inductance 
not le^ge inductance, of the primary. M is the 

Sk^sef secondary! 

+ hmL, + I,mM ^ 0 ( 2 ) 

e prima^ and secondary currents have the same 
mmating / ^d/. from equations ( 1 ) and ( 2 ) gives; 

Expand and divide each term by i. giv^„ 

where «■ = X_s. . /r j , 

i, i, and k, - rt/L, 
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By some writers c is called the leakage coefficient, 
whereas others define the leakage coefficient as 

-l)= <r' = 


1j\ Li 




1 — & 


— 1. In the latter case 


( 


where m' and m" are the two values of w as indicated 
by equation (4). If these equations are added^ and 
_ //) is substituted for h" the solution for h' is: 


M2 


m'm" 


Ii = -TT { (ki/m" + 1) 110 


)OY (T — 


1 + (T' 


In a transformer in which 


+ V 1 — O’ V Li/Ll 120 } 


(7) 


the resistance of the windings may be neglected this also Ii = 
leakage coefficient, c, is the ratio of the current on 
open circuit to that on short circuit with the same 
applied potential. ki and ko are the reciprocals of the 
time constants of the two windings on open circuit. 

The solution for the generalized angular velocity is 


m' w" 


ki (m" — m') 


7“ { {ki/m' + 1) Iio 


+ V 1 ~ O’ V L2/L1120 } ( 8 ) 

The product of the two roots divided by their difference 


IS 


m = — 


ki k2 y/ (ki “1“ ki)^ — 4: (T kiki 


m‘ m" 


k\ ki 


2 O’ 


2<r 


(4) 


m — m 


Since <t is less than unity, the values of m are both real, 
and the transient current consists of two direct-current 
components one of which diminishes much faster than 
the other. These currents may be represented by 
vectors as in Fig. iB. 

In this case, in which both windings are short- 
circuited, there will be no current in either winding 
after the transient has disappeared. Thus the only 
current after short-circuit occurs is the transient. Let 
the vectors 1 10 and 1 20 represent the primary and 
secondary currents before short circuit occurs. Also 
let 1\ and I\ represent the components of the transient 
current in the primary and similarly for the secondary. 
Then at the moment of short circuit, the sum of the 
instantaneous values of the two transient components 
must equal the instantaneous value of the initial 
current in both primary and secondary. The transient 
components might thus be represented by an indefi¬ 
nitely great number of vectors since it is only necessary 
that their projection on the given axis have specified 
values. It is more convenient, however, if they are 
chosen so that their vector sum is equal to the vector 
representing the initial current before .short circuit. 
Thus we will write: 


y/ (J^x H“ k^"^ — 4 O’ fci Aja 

In a transformer the ratio of the self-inductances of 
the primary and secondary is practically equal to the 
square of the ratio of the turns. Thus as is commonly 

said, V L 2 /L 1 Z 20 is the secondary current refe^ed to 
the primary. In order to reduce these expressions to 
a more understandable form, we will assume that ki 
equals ika. This is very nearly true. If this is done the 
two components of the primary current become: 

J/ = 1/2 { 1 x 0 + J 20 ) W 

f* 1/2 (Jio - ho) (10) 

where I 20 is now the secondary current referred to the 
primary. The values of m reduce to: 


m' — 


m" =■ 


L -1-M 


L-M 


and 


Ixo — lx "1“ h” 
ho = h' + h” 


(5) 

( 6 ) 


Remember that the vectors 7/, etc., are diminishing 
exponentially and that this equality holds only at the 
moment of short circuit. Further, notice that the 
vectors Ixo and I 20 are drawn to represent the maximum 
values of the currents before short circuit. Each of 
these transient components must satisfy equations ( 1 ) 
and (2). Substitute in equation (1) and write in the 
following form: 


= . (fi + Li) _ 

^ m' M ~ 


- I*' 


also 


(ri -I- m" Lx) 

m''M 


_ f If 

— — 12 


where r and L are the resistance and self-inductance 
of the primary winding, and M is the mutual inductance 
on the assumption that both windings have the same 
number of turns. In this case the difference of the 
self and mutual inductances is the leakage inductance 
of one winding. The two components of the transient 
secondary current are similar to those of the primary. 
Thus at the moment of short circuit each of the currents 
in the two windings breaks up into two components, 
one of which is one-half of the no-load current; {ho 
+ ho) is the no-load current. This component decays 
at a rate determined by the resistance and the sum of 
the self and mutual inductances of the two mndings. 
It is due to the energy stored in the magnetic core of 
the transformer. Its rate of decay is much slower than 
that of the other component. The latter's rate of 
decay is determined by the resistance and leakage 
inductance of the windings, and this component of 
the currents is due to the energy stored in the leakage 
field. The vector diagram and oscillograph record 
are ^ven in Fig. 7. In this figure the vectors lx and 
Ja, representing the primary and secondary currents. 
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are rotating at an angular velocity of co. At the 
moment of short circuit each of these vectors abruptly 
stops and breaks up into two component vectors which 
diminish at different rates. 

The more usual transient condition would be one in 
which the short circuit occurred on the secondary side 
alone. In this case the current immediately after 
short circuit consists of the transient current together 
with the steady value of the short-circuit current. The 
conditions that must be satisfied are now: 

Iio = II' + Ii" + lael (11) 

and /20 = J 2 '+/s" +(12) 



where lad and lad represent the steady values of the 
short-circuit currents in the primary and secondary 
windings. As before this is a vector equation which 
holds only at the moment of short circuit. If these 
steady short-circuit currents are transferred to the 
left of the equality sign it is readily seen that the 
values of the components of the transient currents 
become: 

Jl' = 1/2 (7x0 -f 120 ) - 1/2 {lad + Iac2) (13) 

7i" = 1/2 (7x0 - I 20 ) - 1/2 {lad - Iac2) (14) 

As before the secondary components are similar to the 
primary components. It is now necessary to determine 
the phase relation between the steady short-circuit 
current and the current in the transformer before the 
short circuit occurs. 

In order to keep the diagrams as simple as possible, 
we will make the customary assumption that the 
primary and secondary currents are equal and in phase 
opposition. In that case the first component of the 
transient current is zero, and the second component 
is equal to the current before short circuit minus the 
steady short-circuit current. [See equations (13) 
and (14) 1 with 7xo = - I 20 and lad = - 7,«2. The 
error thus introduced is usually very slight. The 
vector diagram at the moment of short circuit is given 
in Pig. 8. 

Before short circuit occurs only the four vectors 
representing the primary and secondary potentials and 
current appear. They are rotating at a uniform 
angular velocity, w. At the instant after short circuit 


all of these except the primary potential disappear and 
in their place spring the steady short-circuit currents. 
lad and Iae 2 and the transient curi:ents 7x" and 1 2 ". 
The former continue to rotate at an angular velocity of 
0 ) without change in magnitude, while the latter remain 
fixed in angular position but diminish exponentially at a 
rate, a, depending upon the resistance and leakage 
inductance of the windings. The arrows at the ends of 
the vectors indicate the direction of their motion. 
Observe that, at the moment of short circuit, the current 
before short circuit is the vector sum of the steady 
short-circuit current and the transient current. Since 
the steady short-circuit current is from 10 to 26 times 
the full-load current, it makes little difference whether 
the short circuit comes at a time of full load or no load. 
It may be a little more severe at no load. On account 
of the excessive value of the steady short-circuit current, 
the vectors representing it and the transient current are 
essentially in phase opposition at the moment of short 
circuit. Half a cycle after short circuit occurs the 
vector lad will thus have overtaken the stationary 
vector 7i" and their vector sum will be a maximum. It 
at once follows that short circuit is most severe when it 
occurs at a moment that the steady short-circuit current 
would be a maximum.^ Since the steady short-circuit 
current and applied potential are nearly in quadrature, 
for example, the power factor of a certain 1000-kv-a., 
60-cycle transformer is 0.15 at short circuit,~the worst 
moment for a short circuit to occur is at about the time 



that the applied potential is passing through zero. In 
the transformer just cited the ratio of the resistance to 
the leakage inductance is 56 and thus in the time of one 
half cycle the transient current will have fallen to 

56 

€ or 63 per cent of its ijiitial value. Thus the 
first current rush would be to a value which is 63 per 
cent greater than the maximum value of the steady 
short-circuit current which is itself more than 20 times 
the maximum value of the full-load current. The 

2. To determine the ex^t moment at which the short-cir¬ 
cuit current would be a majdmum involves the solution of a 
mixed trigonometric and exponential equafion, which is decidediy 
not worth while in the present problem. 
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forces between turns vary as the squ^e of the 

and thus the first shock on this transformer may be 265 

per cent of its ultimate, maximum value. 

When these forces have their 

occur one-one-hundred-and-twentieth (1/120) of a 

second after short circuit in a sixty-cycle transformer 
and one-fiftieth (1/50) of a second after 
a twenty-five-cycle transformer. Nevertheless mth 
transformers having the same short-circuit 
tics (volts, amperes, and watts on short-circuit test), the 
maximum forces that the windings must sustain are the 

same for all frequencies. 

If the transformer is but a portion of the electee 
circuit in which the transient takes place the character¬ 
istic equations ( 1 ) and (2) must be writtenj^ 

hn + iinLi + hmM = Vi (15) 

72 ra + lamLa + hmM == Vi (16) 

Vi and Vi are the transient potentials which appear at 
the terminals of the transformer. If the^ transformer 
has a relatively small exciting current little error will 
be made if it is treated like a simple inductive reactance. 
In this case the relation beteeen the primary and 
secondary pressures is much simpler. 

Vj _ (J? + m L) = a Vi (17) 

R and L are the equivalent resistance and leakage 
inductance of the two windings and a is the ratio of 
transformation at no load. 


Two Circuits Having Mutual Inductance, in One 
OP Which There is a Commutated Rotational 

E. M. F. 

Before turning our attention to polyphase rotating 
machines, it might be well to consider briefly the direct- 
current dynamo of either the shunt or coinpound type. 
This apparatus is in some respects quite similar to the 
transformer. It has two circuits which are mutually 
inductive, the armature and series field forming one and 
the shunt field the other. There is this difference, 
however: an electromotive force is generated in the 
armature circuit by its rotation in a magnetic field that 
is due to the joint action of the current in both circuits. 
With constant speed this generated e. m.. f., is pro¬ 
portional to the magnetic field. The relation between 
the magnetic field and the currents in the armature and 
shunt field circuits which produce it is sirnilar to the 
well-known hysteresis loop, for which there is no simple 
mathematical expression. In some problems in which 
the exciting current is a steady alternating one, it h^ 
been found convenient, however, to assume that this 
hysteresis loop is an ellipse. If this assumption should 
prove sufficiently accurate in the present case also, it 
will simplify the problem greatly, for as has been 
already suggested, we may then represent the magnetic 
field and the rotational e. m. f. which it produces, to¬ 
gether with the net exciting ampere-tun^ by vectors 
even when these quantities are damped sinusoids, i. e., 


of the general form. This vector relation is shown in 
Fig. 9, which is drawn for the steady state. 

The flux, <f>, and the rotational e. m. f. E which is 
proportional to it, lag the exciting current I by a con¬ 
stant angle B. Thus we may write 

E j K 2 ) I (18) 

or E — KI 

where K i& a. complex number, Ki — j Ki, having the 
dimensions of resistance. The vector equation shows 
that when the instantaneous value of the current is zero 



the generated e.m.f. is K 2 L This is generally 
referred to as the residual voltage. At the moment 
that the current has its greatest value the rotational 
e. m. f. is Ki 7. If the exciting current is going through 
a steady cyclic v^iation, it is a simple matter to 
determine these two components of the e.m.f. See 
Fig. 10. When the current is a damped sinusoid, how¬ 
ever, the vector representing it is shorter at the moment 
that it is perpendicular to the time axis than it was 
earlier in the cycle when the current was passing through 



ts maximum value. See Pig. 11. In tl& case the 
nethod of determining the constants Ki and Kz, m 
>rder to assure the greatest accuracy in the calculations 
»an only be determined by experiment. 

Let 7i and h be the currents in the armature ^d 
shunt field circuits and similarly, ri andLi, the resist- 
ince and self-induction of the one, and ra and La, the 
same constants of the other. Also let M be the mutual 
inductance between the two circuits. The e. m. f., L,. 
eenerated in the armature circuit by rotation is: 

E KiNi/Nih-\-ii); 

where and Nz are the effective turns in each circmt 
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^ting the main magnetic axis. Let N 1 /N 2 = a. 

.^so let V be the rise in terminal pressure across both 
the armature and shunt field circuits. 

Then we have: 

y = iimLi- l^mM 

(armature circuit) 

_ = hCKa-ri-mLi) I^(K- mM) (19) 
also V - liTz— I^mLi- IimM 

(shunt field circuit) 

= - 72 (r 2 + w Lz) — hmM (20) 

If these equations, (19) and (20), are solved for h and 
li we have: 

7i = 

_ ^2 + w L 2 + TT — m Jif _ _ 

{Ka- Ti- m Li) {r% + m Lz) - {K — m M) m M ^ 


U53 


and Iz = 


K a - Ti — mL^ ■\-mM 


{Ka-rx-m Lx) (rz + mLz) - {K - mM) m 
^ The total net current delivered, I = jg 

_ + >“2 + iiT (1 -- a) + m (Li + X, _ 2117) _ 

{Ka-rx-mLx) (rz + mLz) -{K-~mM) mM ^ 

The ratio of the fall in terminal potential, ~ y, to the 
total current is the generalized impedance, Z, of the 
dynamo. Thus we have: 

Z = 

_{K - mM) mM - {K a--rx-m Lx) {rz + m L z) 
ri-\-rz+K(l- a) -\-m (Lx + Lz - 2M) 

For fisher discussion of this problem the reader is 
retoed to the paper by Doherty on “Exciter Instabil- 

Pacific Coast Convention, August, 

Two Systems op Balanced Polyphase Circuits 
Having a Constant Relative Angular Velocity 

The author believes that the simplest method of 
pr^enting the analysis of the transient condition in 
polyphase induction and synchronous machines is that 
which considers the rotating magnetic fields in the air 
gap and the reactions which they produce. When these 
polro^ i^ines are operating imder balanced 
Mnditions, either steady or transient, the currents in 
ae sev^ phases of the polyphase winding may be 
repi^ted by vectors of equal length equally spaced 
mth re^t to each other. For the steady condition 
he vectors are of constant length and rotate at a 

representation has 
bren used for ^y years. The onfe diiference between 

transient condition is that the vec- 
reprint the latter state diminish exponen- 
My as toey rotate. If this conception of the transient 
state IS borne in mind the fohowing analysis is reaiffly 


follow^ by anyone who is familiar with the steady 
operation of these machines. In all that follows the 
relative speed of the two windings is assumed to re¬ 
main constant throughout the time considered. Since 
the maximum current occurs within about a half¬ 
cycle after the transient begins the angular velocity 
of the moving part has little opportunity to change 
before the first shock is over. 

The parallel lines in Pig. 12 represent the uniform 
air gap of a three-phase induction motor. The phase 
belte of the stator conductors ai-e indicated at the letters 

is from -f- a to -- a. If this 
ending IS properly designed, there will be very small 
harmonics in the space distribution of the air-gap flux 
density when the alternating currents are balanced. 

e will neglect whatever hannonics may exist and 
a^ume that this distribution may be represented by a 
sinusoidal curve such as The line Z - Z i.s the 
^is of this curve. If the current in phase h lags that 
m phase a by 120 deg. this magnetic field will" move 
toward the right at a constant angular velocity of co 
w second; where co equals the frequency 

multiplied by 2 T. On the 
other hand, if the current in phase h leads that in phase 



X 


velocity. 

In all that follows we shall consider that a velocitv 
toward the right is positive and that one toward the 
left IS negative. Furthermore, the magnitude of the 
field well as its form, will not change as it moves 
and thus the field might be represented by a rotating 

a fixed axis indicates the 
amount of flux linking any particular phase. The 
pgular displacement of this vector from the fixed axis 
IS always the angle between the axis of the moving 
field and the axis of the phase considered. See Pig^ 
Id. One of the most important points in the theory of 
rotating fields that are produced in this manner in a 
uniform air gap is that the flux through any phase is a 
maiamum at the moment that the current in that ph^e 
is also a maximum. For example, when the current 
in phase a is maximum the field is in the position a. 
One sixth of a cycle later, the current in - c will be a 
maximum and in the same time interval, the flux 
distnbution will have moved one sixth of two full pole 
Ptehes towanJ the right be a maximum tooWh 
this phare, - c. In a similar maimer, it will have 

in ph^ 6 IS a maximum. This can be represented 
vectonaUy as in Pig. 13 . The cuirent and ite me 
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represented by the rotating vectors I and (p. The 
instantaneous value of the current in any phase or the 
flux through that phase is the projection of the ^r- 
responding vector on the axis of that phase. In i? g. 
13 the vectors are drawn for the time that the (mrrent 
in phase - c has its maximum value. Notice t^at for 
both the phases a and b the currents in them and the 
fluxes through them are each one half of their maxi¬ 
mum values. There is this difference, however, 
for while the values are decreasing for phase a they are 
increasing for phase h, in which they will be a maxi¬ 
mum 1/6 of a cycle later. Ordinarily, we are content 
to know the current and flux in any one phase, a, for 
example, and then the projection axes for the other 
phases are not drawn. 



It may be convenient and possibly necessary in some 
problems to consider magnetic fields that rotate to the 
left, that is, with a negative angular velocity. In this 
case the vector, <p, representing the flux through any 
phase would likewise have a negative angular velocity 
and would thus move in the clockwise direction. If 
the trigonometric expressions for the instantaneous 
currents in the phases are written it will be noticed that 
giving a negative value to w is equivalent to reversing 
the phase order of the currents. Such a reversal of 
phase order reverses the direction of rotation of the 
magnetic field produced by the current, If the current 
vector in Fig. 13 is rotated in the negative or clock¬ 
wise direction it will be noticed that the current in 
phase b will lead that in phase a by one-third of a cycle, 
that is the phase order of the currents is reversed. We 
must be most careful, however, to remember that, if it 
is necessary to combine or operate on these vectors, 
whether they have positive or negative angular velocities 
the operator j always indicates a phase rotation of one 
quadrant in the positive or counter clockwise direction. 
If this is not done we may become hopelessly confused. 
If the air gap is not uniform, as is the case with salient 
pole machines, the curve of flux density will alter both 
its shape and magnitude as it rotates, but that is a 
cpinplication which it is well for the present to disregard, 
leaving its consideration until some future time. 

IrTgeneral if the currents in thei several phases of 


a symmetrical w-phase winding have values equal to the 
projections of a ‘‘current’^ vector on each of a system 
of n equally spaced axes, the magnetic flux linking any 
winding is equal to the projection of a “flux'’ vector, 
which is drawn in phase with the “current” vector, on 
the axis corresponding to that winding* This assumes 
that the windings are so designed that there are essen¬ 
tially no harmonics in the space distribution of the 
magnetic field and that each winding will, if acting 
alone, produce exactly the same flux per ampere. 

If the currents are of the general form both the 
“current” and “flux” vectors shrink exponentially as 
they rotate. The space distribution of the magnetic 
field is still sinusoidal at all times but its magnitude 
diminishes as it moves through the air gap. Compare 
Fig. 13 with Fig. 14. In the latter figure let us assume 
that the currents took on the general form at the moment 
that the flux distribution was at the point indicated by 
the curve jS, and that their generalized angular velocity 
is (_ oj -j- j 03 ). The equation of the maximum density 

for any later position of the field such as is = Bo€ 

where t is the time required for the field to inove from 
the position 13 to jSi, i. e., through an angular distance X. 

The flux through any phase as well as the current in 
it may still be represented by a vector although this 
vector is now of the general t 3 npe—^that is, it shrinks 
exponentially as it rotates. A current or flux variation 
of the general form reaches its maximum value in any 
phase at the moment that the vector which represents 
it is still arc tan a/(a from the projection axis of this 
phase. Because the field is shrinking as it rotates 
the flux linking phase a is grea,ter when the field is 
in the position j8i than when it is in the position ^2 at 
which moment the axis of the field is coincident 



with the axis of the phase. See Fig. 15. Thus the 
flux through any phase is a maximum at the moment 
that the current in the phase is a maximum, but the flux 
distribution is no longer directly opposite the phase 
when this occurs, as was the case when the currents were 

steady sinusoids. . ^ ^ ^ .r. 

It is then evident that even in the transient state the 
flux through any phase and the current in that phase 
may still be represented by coincident vectors. 

The electromotive force generated by this rotating 
field is the negative of the time rate of change of the 
flux Hnkages. Thus, in general, when this time rate 
of flux change in any phase is zero the e. m. f. is zero 
and the flux linking the phase is a maximum. In Fig. 
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upon the constants of the 6 windings and their terminal 
pressure. In any case, however, the current will be 

represented by a vector equal to ^ ^ ’ where 

Vb is the terminal pressure, n the resistance and Lb 
the synchronous inductance of one of the h phases. 
By the time the current in the winding has reached its 
maximum value the field will have advanced^ a further 
relative angle of 6. Thus whether the motion of the 
ajfield is positive or negative, its action on the 6 wind¬ 
ing will develop a field which will always lag the a 
field in its motion with respect to the 6 winding. Con¬ 
sider an induction machine in which the magnetic 
field due to the stator, a windings, rotates in the 
positive direction at co radians per sec. If the rotor 
turns in the same direction at less than this synchronous 
speed the relative motion of the stator field with respect 
to the rotor is positive. The rotor component of 
magnetic field actually and apparently lags the stator 
field. If the rotor turns in the same direction at a 
speed greater than synchronous, the relative motion 
of the stator field with respect to the rotor is negative, 
and the rotor component of field apparently leads when 
observed from the fixed stator, though it actually lags, 
as would be observed from any point on the rotor 
itself. It is interesting that these well-known facts 
should apply to the transient state as well as to the 
steady operating condition. 

Having established these general principles in reg^d 
to rotating fields during the transient state the solution 
for the transient currents in an induction motor may 
be written down without further explanation. If the 
generalized angular velocity of the stator currents is 
m the relative generalized angular velocity of the field 
produced by these currents with respect to the rotor 
is (fn — j v)> Since m = — a j co and the relative 
n.r>grnla.r velocity of the stator magnetic field and the 
rotor winding is (co-p), the generalized angular 
velocity of the rotor currents is — a + j {<a - p), i. e,, 
m — jp. The generalized angular velocity of the rotor 
currents is thus m — j p, but the relative angular veloc¬ 
ity with respect to the stator of the field produced by 
them is [m — j p — (— j p) ], e., m. The second 

(— j p) is the relative angular velocity of the stator 
with respect to the rotor. Thus we have: 


where Zi is similarly the generalized self impedance of 
the stator calculated for a generalized angular velocity 
of m, and Vi is the transient terminal pressure of the 
stator. Combining these four simple relations gives 
the characteristic equation for the stator current of 
an inductor motor during the transient period. That 
is: 


ii = - 


Zi Zz — m(m — j p) 


Vi 


(23) 


- Vi 


^here - V i is the fall in terminal pressure across one 
phase of the stator. That is, it may be said that the 
transient impedance of an induction machine is: 

ZiZz- m{m-j p) ^^ 4 ) 

Zz 


Zr = 


The steady operating impedance is 

Zi Zz- joi(jco-jp)M^ 
Zz 


z, = 


(25) 


Ez = - (m — j p) M h 


(19) 


3i = — in M Iz ( 20 ) 

Ez and Ei are respectively the generated e. m. f. due 
to the stator currents in the rotor and that due to the 
rotor currents in the stator. The rotor current, /a, is: 

Iz — Ez/Zz . ( 21 ) 

where Zads the generalized self impedance of the rotor 
calculated for a generalized angular velocity of m 
— j p. The stator current h, is: 


where Zi = Ti j co L\ and ^a — ra “Hj (co p) X/a. 
If the transient occurs when the stator winding is 
symmetrically short-circuited or if it occurs when the 
stator is connected to a circuit whose resistance and 
inductance are many times smaller than the similar 
constants of the motor, the transient terminal pressure 
of the stator is essentially zero. It is thus evident 
that the transient impedance is also zero. Equating 
the transient impedance Z t to zero gives the charac¬ 
teristic equation for an induction motor and determines 
the generalized angular velocity of the stator current. 

Since Z\ = fi -(- w Li and Z 2 = ^2 4* (w — j p) Lz 
equating the transient impedance to zero gives 
(ri -H wLi) [r 2 + (m-jp) Lz]-m {m-jp) = 0 
Expanding and collecting terms and dividing by Li Lz 
gives the following quadratic in m: 

a--{■ (ki + kz — j P cr) m + kx kz - jpki (26) 

where kx = ri/Li, kz = rz/Lz and <r = 1 - 

Notice that this characteristic equation for the induc¬ 
tion motor is identical with that for a transformer with 
the exception of two terms, - j p (rm, and -jpki. 
These terms, however, completely alter the form of the 
transient. The solution for the generalized angular 
velocity, tw, is: 


— (kx + kz) 


+ 


3P 




Sx- Vx 
Zx 


(22) 


V(ki kz — j p 0 -)^ ~ 4 0 - (kx kz — jp kx) ^ 27 ) 

2<t 

li ki=> kz, the quantity under the radical is real and 
will be negative unless the equivalent resistance is 
somewhat greater than the equivalent reactance as 
measured with the rotor blocked, a most unusual con- 
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If an induction motor or generator is short-circuited 
on all phases lu and J 23 are both zero since there will 
ultimately he no current in the machine. If an induc¬ 
tion motor or generator is connected to a line when it 
carries no current, ho and Joo are both zero. We shall 
work out in detail only the first of these cases since 
nothing is gained in generality by doing more. 

Each of the transient components must satisfy the 


vector relation: 

(ri mLi) h + mM h - 0 
and thus we may write: 

(ri + m' Li) h' + w' MI 2 ' = 0 (32) 

(ri m" Li) 1/ 4- m" M h" = 0 (33) 

also at the moment of short circuit 

W -I- = ho (34) 

and I 2 ' "h h" — Izo (35) 


Solving these four simultaneous equations for the 
components of the transient cmTents in the stator 
winding gives: 

^ [M/r, ho + a/k^ 

m' — m 

-h 1/m") Jiol 


and 7." = [M/u ho + (l/4i 

m" — m' 


4- 1/m*) Iio] 

These expressions are readily reduced to understandable 
forms if suitable approximations are made. If h 
- kz — k the values of m' and m" are approximately 

m' - — k/or 4- y P (36) 

m" = - k/a jO (37) 

Also M = y/ 1— (tL 

= (1 - <r/2) L approximately 
where L is the synchronous self inductance of either 
the stator or rotor winding., The approximate values 
of the transient components become:^ 
h' = ho/2-l/<Th 

h" = ho/2-hl/<rIn 

The error in these values is well within 10 per cent 
ordinarily. Notice that the transient currents depend 
almost entirely upon the no-load current, and the 
leakage coefficient, <t. It makes little difference 

4. More exact solutions for the component currents, based 
on the approximate values of m are: 



whether short-circuit occurs at no-load or full load. 
The first of these components rotates at approximately 
synchronous speed while the second is practically 
stationary. Each shrinks exponentially at the same 
rate. The first maximum value of the transient cur¬ 
rent in any phase is greatest if it occurs at such a time 
that the transient components lie as nearly as possible 
in the projection axis for that phase at the moment 
that the transient begins. For, in that case, about 
one-half a cycle later the first component will have 
overtaken the second and the resulting projection on 
the axis of the phase will have its greatest value. Dur¬ 
ing this time, however, each of the components will have 

k r 

shrunk to ^ of their initial values. The first 



maximum current rush may be to an approximate value 
of 


2 J« _ * jr 

-y- e OP (38) 

where /„ is the maximum value of the exciting current 
before the transient begins. This approximate solu¬ 
tion checks with that given by Doherty and William¬ 
son although the latter is in a slightly different form. 
The vector diagram is given in Pig. 18, which is drawn 
at the moment that the transient begins. The pro¬ 
jection ax^ of one phase of the stator winding and of one 
phase of the rotor winding are shown. The former is 
fixed in position while the latter rotates at a speed 
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Fig. 23. The oppositely rotating components of the 
single-phase field are now shown at 02 o 026 * ^ -A-t a 

time angle co ^ + 5 later the vectors shown in Fig. 23 
will have moved to the positions shown in Fig. 24. It 
is important to observe that the oppositely rotating 
components of the single-phase field are exactly the 
same in Fig. 21 and in Fig. 24. That is, as far as the 
reaction produced in the single-phase winding is con¬ 
cerned, there is no difference between positively and 
negatively rotating fields provided they are always 
conjugate with respect to the axis of the single-phase 
winding. In the case of polyphase windings we have 
seen that positively and negatively rotating magnetic 
fields produce quite different effects. 

A magnetic field that rotates positively with respect 
to a polyphase winding excites the latter so that it in 
turn produces another field which rotates positively 
and which lags behind the first by an angle determined 
by the relative generalized angular velocity of the 
rotating field and the polyphase winding, and the 
resistance and synchronous self inductance of the 
latter. The reaction of the polyphase winding is 


Let Ml be the e. m. f. generated in one phase of the 
polyphase winding by one ampere of either the a or 6 
component of the single-phase current when varying 
at the rate of one ampere per second. Similarly let 
Mn be the e. m. f. generated in the single^phase winding 
by one ampere of the a component of the polyphase 
current, provided that is the one which produces a 
magnetic field, when varying at the rate of one ampere 
per second. Thus defined the w-phase mutual induct¬ 
ance is n times the single-phase mutual inductance. 
If the single-phase winding is supplied with an alter¬ 
nating current having an angular velocity of w and the 
winding is rotated at this same velocity, w, with respect 
to the polyphase winding, one of the oppositely rotating 
fields due to the single-phase current will be stationary 
with respect to the polyphase winding and thus will 
generate no e. m. f. in it. The other field will rotate 
at a relative angular velocity of 2 w and generate an 
e. m. f., E, in each phase of the polyphase winding. 
If the single-phase current is J, the single-phase mutual 

E 

inductance is Mi = 2 q) If2 ‘ single- and 



pol 3 q)hase windings are fixed with respect to each other 
and one phase of the latter is directly opposite the 
former, the oppositely rotating fields produce equal 
e. m. fs. in time phase with each other in this phase 
of the polyphase winding. If E is still the e. m. f. 
generated in this phase of the polyphase winding the 
e. m. f. due to one of the component fields is E/2 and 
the single-phase mutual inductance is as before Mi 


E 

^ 2 0 ) 1/2 ’ 


where I and ca are the current and its 


y<Tig n1fl.r velocity in the single-phase winding. If the 
two windings are fixed with respect to each other 


often analyzed in the following manner: The alter¬ 
nating current that is generated in each phase of the 
polyphase winding produces two component fields 
that are rotating in opposite directions with respect 
to the winding. Those component fields due to the 
different phases which rotate opposite to the exciting 
field sum up to zero if the phase circuits are sym¬ 
metrical. The other component fields that rotate 
in the same direction as the exciting field are in space 
phase with each other and their resultant is thus n 
times any one component; where n is the number of 
phases of the polyphase winding. That is, we may con¬ 
sider that the current in each phase of a poljrphase 
winding consists of two equal components, hereafter 
designated by the subscripts a and 6, each equal to one- 
half of the maximum phase current. These two compo¬ 
nent currents produce equal but oppositely rotating mag¬ 
netic fields. If the winding were single-phase each 
of these magnetic fields would exist, but with a sym¬ 
metrical polyphase winding only the fields exist which 
rotate in the same direction as does the exciting field. 
Those that rotate in the opposite direction neutralize 
one aiiother, so that their resultant is zero. 


and balanced currents of I amperes per phase are sup¬ 
plied to the polyphase winding the polyphase mutual 
inductance is the e. m. f. generated in the single-phase 

winding divided by ; where cu is the angular 

velocity of the polyphase currents and I is the current 
per phase. Thus measured, the ^^-phase mutual in¬ 
ductance will be n times the single-phase inductance. 

Let us assume that we have a three-phase winding 
fixed in position and a single-phase winding which is 
rotating in the positive dhection at an angular velocity 
of p radians per second. If the single-phase winding 
carries a current having an angular velocity of co radians 
per second there will be produced in the air-gap two 
rotating fields, one traveling in the positive direction 
at an angular velocity of (co + p) and the other in the 
negative direction at a velocity of (co — p) radians per 
second. If p is greater than co both of these fields 
travel in the positive direction. The following rela¬ 
tions can be worked out on the assumption that co is 
either greater or less than p. In accordance with the 
established custom when analyzing polj^hase induction 
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motors generators, we will choose the first of these 
assumptions, viz., that w is greater than p. 

The alternating current in the single-phase winding 
having an angular velocity, co, produces two oppositely 
rotating fields each having this same angular velocity. 
The single-phase winding, having a positive angular 
velocity of p radians per second, gives to each of these 
fields^ an added angular velocity, so that one rotates 
positively Twth an angular velocity of w + p and the 
other negatively with angular velocity of o) — p radians 
per second. Each of these fields produces by its action 
on the pol3T)hase winding a rotating field which has the 
same an^lar velocity. This is illustrated in Fig. 25. 
In this figure Ai represents the fixed axis of one phase 
of the polyphase winding, and A 2 represents the axis 
of the single-phase winding; the latter having a posi¬ 
tive angular velocity of p radians per second. The 
oppositely rotating fields due to the single-phase cur¬ 
rent, which has a complex angular velocity of — a 
+ y 0 ) radians per second, are represented by the vec- 


resistance and synchronous self inductance of the 
polyphase winding. The other rotating field ^26 
produces a current in the short-circuited polyphase 
winding. In, which has a negative angular velocity of 
03 — p radians per second. In this case the current is: 

7 - ~ Mi[- Oi - j (o) - p) ] 

“ r,+ [-«-,• (<o_p)]L. 

Each of these polyphase currents produces two oppo¬ 
sitely rotating component currents in the single-phase 
winding. The sum of the components which rotate 
in^ the same direction must of course be equal to the 
initial components rotating in the corresponding direc¬ 
tion that were assumed to exist, viz., ha and By 
the principle already established the rotating field due 
to In, produces the same effect in the single-phase 
winding as would a current of the same magnitude 
which rotates positively and is always conjugate to 
Jib with respect to the axis of the single-phase winding. 
It is readily seen that this conjugate current, Ine, is 



tors <f> 2 a and 026 . The former has an angular velocity 
of - a y (co + p) and the latter a velocity of - a 
~j{o3-p) radians per second. Since these com¬ 
ponent fields are proportional to the current in the 
single-phase winding, this current can be divided into 
similar components as indicated in the figure, /a* and 
J 26 . Observe that each of these component currents 
is one-half of the maximum value of the single-phase 
current,^ and that at any moment the actual current 
in the single-phase winding is their vector sum. The 
first of these rotating fields, 02 o^ produces a cur¬ 
rent in the short-circuited polyphase winding lu where 

T = - ha Ml (m H-y p) 
ri -f (m -f y p) Li 


Jibe — 


liaMi [— O' H- y (co 


P) J 


ri -h [- a -f y (o) - p) 1 J,j 

— ha Ml (w — y p) 

Zi (m-Jp) 


(41) 


The stator current ha and the conjugate current Jib,,, 
which replaces Jib, both rotate positively and their 
resultant effect on the single-phase winding is thus 
the same as the effect of their vector sum. The posi¬ 
tively rotating component of the single-phase current 
is thus given by: 

2 J. = ~ + Jibe) 3 Ml (— g + y co) 


ha = 


n + (-- a -t- y co) hi 
— (ha + Jibe) 3/2 Mim 


^2 m 


(42) 

These characteristic equations may be written thus: 
ha Zi ha Ml (m + j p) - 0 (43) 

hie Zi + lia Ml {m — j p) =0 (44) 

3J)Ji 


ha Z 2 (m) -h (JiB -f hie) -W = 0 


(45) 


- ha Ml (m -h y p) 

Zl ( m + Jp ) 


(39) 


Ml is the^ single-phase mutual inductance, m - 
- a -f y £0 is the generalized angular velocity of the 
single-phase current, n and Li are respectively the 


In these equations it is assumed that any impedance 
outside the armature and field circuits is negligible 
otherwise the zeros at the right of the equality signs 
would be replaced by the proper fail in terminal pres¬ 
If Jia and Jibc as determined by the first two equations 
are substituted in the third equation, the latter be¬ 
comes, on dividing by Jja* 

Mi{m + jp) 

Zl (OT+ij,) 




2 («i) 


- 3/2 ikf IW ( 




Ml (m ~ y p) 
Zl (^n-ip) 


)- 


0 (46) 
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If the values of the impedances are substituted, this 
reduces to the following cubic in m: 

(All (14-0-)+ h) 

+--- 

<T 

(f v^) wt . + V^) ^2 ^ 

+ ^- 1 --Z- = 0 

a ^ 

(47) 

where ki = ri/Li, h = r 2 /L 2 and <r = 1 — 2LiLi 

ri and u are the resistances of one phase of the poly¬ 
phase winding and of the single-phase winding; Li 
and L 2 are the synchronous self-inductance of the 
pol 3 rphase winding, and the self inductance of the 
single-phase winding. At least one root of a cubic 
equation must be real and since the coefficients are 
all positive this root must be negative. This indicates 
that one of the components of the single-phase current 
is a diminishing direct current. The other roots of the 
cubic equation are conjugate imaginaries. This indi¬ 
cates two alternating currents, having positive and 
negative angular velocities but the same rate of diminu¬ 
tion. In the polyphase winding, however, the three 
components of the current will all have different angu¬ 
lar velocities. The first component of the single-phase 
current will produce a current having an angular veloc¬ 
ity of p radians per second and the same rate of diminu¬ 
tion that it itself has. The second component of the 
single-phase current, having a positive angular velocity 
will produce a current which has an angular velocity 
of approximately 2p radians per second. The third 
component of the single-phase current having a nega¬ 
tive angular velocity, produces a current in the poly¬ 
phase winding of very small angular velocity. The 
sum of the angular velocities of these two latter com¬ 
ponents of the polyphase current is exactly 2p, and 
each diminishes at the same rate as does the alternating 
current in the single-phase winding. 

A literal cubic equation is practically impossible 
to solve but if numerical values are given to ki, h and 
a, the real root can be found to any degree of approxi¬ 
mation by Homer’s method. The equation may then 
be reduced to a quadratic, the roots of which can be 
readily found. Approximate values of the roots may 
be found as follows: The largest term in any of the 
coefficients is p^. With a 60-cycle machine this would 
be 142,122. The ratios of resistance to self-inductance 
Aji and kz, are of the order ten, while cr is of the order 
one-tenth. For these values of ki, kz and a the real 
root of the characteristic equation is approximately 
m = - kz/(T (48) 

The degree of approximation of course depends upon 
the values of the constants. If A;i = A :2 = 1.0, o* 
= 0.1 and p = 377; 

m - - 10.06 

whereas the approximate value would be 
m = 10.0 


In this case the error is about one-half of one per cent; 
which is better than the analysis warrants. 

Since the sum of the roots must be the coefficient of 
m 2 in the characteristic equation with its sign changed 
and since the remaining roots are conjugate imaginaries 
of the form — ^2 db i w we have 


— kz/(T — 2 0:2 


A?! (1 -|- (t) 4-^2 

(T 


(49) 


That is: 


az = - 


ki (1 4- O') 

2 (T 


(50) 


Furthermore since the product of the roots is equal to 
the last term in the characteristic equation we have: 

Oil W + = (*i^ + V^) *2/0- 

From this, the approximate value of to is seen to be 

0 ) = V (“ 2 ^ — 




approximately (51) 


For the assumed values of ki, kz, a and p the calculated 
values of ciz are to are: 

0:2 = 5.497 

and CO = 376.73 

For the same values of the constants the approximate 
values of az and co are: 


OLz 


1 X 1.12 

2 X 0.1 


5.50 


CO 


377- 


5 . 52 - 1 

2 X 377 


= 376.96 

It is readily appreciated that for such values of the 
constants as were chosen the roots are approximately 


m' = — kz/d 

ki{l^ d) . . 
w" = - ^ — ±jp 


(52) 

(53) 


It may be desirable, however, to extend the analysis 
so that it will apply to the case in which it is necessary 
to consider the constants of circuits outside of the 
machine itself. In that event the approximate values 
of the roots may not be sufficiently accurate. Again 
if the constants are considerably larger, as for example: 

Let ki = 15, kz = 20, cr = 0.15 and p = 377 the 
actual values of m are: 

m' = —.143.2 4 -y 0 
m" 52.57 ±y 360.3 
The approximate values of wi are: 
m' = — 133.3 
m" = - 57.5 ±y 373 

In this case the error in the approximate calculation is 
quite considerable. 

The general principle that determines the magnitude 
of the various component currents is that the resulting 
distribution of magnetic field in all parts of the machine 
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The direct-current component of the single-phase 
current has an initial value of Iza' + Izb' which is 


[20 


~. The alternating component of the 


single-phase current is equal and opposite to this 
initially, but one-half cycle later the vectors repre¬ 
senting all of the component currents are in phs^e. 
During this time, however, the direct and alternating 
components have shrunk different amounts. The first 
T^aYiTTinm value of the single-phase current will be, 
approximately: 


a-<T) 


L20 


ki jr 
^ a P 


fei (1 + a) 


( 68 ) 


For iki = fca = 1, O' = 0.1, this is 17 I 20 . 

The component of the polyphase current which has 
an angular velocity of p radians per second is lu 

+ 111 which initially equals —- /i,. The com¬ 
ponent which has an angular velocity of a,pproximately 

1 — O' 


2 p is ho" which initially equals - 


2 a 


■ !<• 


The 


component which has a very small angular velocity is 

hi*' which initially equals — ^ lu* The first 

of these components shrinks at a rate of ^ 2 /<r while each 

ki (1 + ( 7 ) 

2<r 


of the others shrinks at a rate of 


No¬ 


tice that initially the first component is opposite in 
phase to each of the others. Thus one-half cycle after 
the transient begins, the three components will be in 
phase. If the transient begins at such a time that the 
steady short-circuit current in one phase would natur¬ 
ally be passing through its maximum value, this phase 
will carry the maximum possible transient current 
one-half cycle later. This maximum transient current 
is approximately: 


r.[ 


1 — O' 

- ^ » P 


1 (!+■>) »• 
2ff p 

(T 


] 


(69) 


for ki-=h = l, = 0.1 this is 18 lu, L e. eighteen 
times the maximmn value of the steady short circuit 
current. 

Two Single-Phase Windings Having A Con¬ 
stant Relative Angular Velocity 

A current of angular velocity « in one single-phase 
winding produces in the other winding currents having 
angular velocities of w -f p and co — p; where p is 
the relative angular velocity of the two windings. Each 
of these currents reacts on the first winding and pro¬ 
duces additional currents having angular velocities of 


£0 -f 2 p and w - 2 p. These currents in turn produce 
others in the second winding having angular velocities 
of £0 -f- 3 p and co - 3 p, and so on ad infinitum. It 
is then evident that the solution of this problem cannot. 
be reached by the method here developed unless all 
but a few of the component currents are neglected. 
The solution will not be attempted at this time. 

Carson® has suggested a functional form of solution 
of this problem and Dreyfus® also gives a solution based 
on certain assumptions. 

In conclusion the writer hardly needs to say that it 
has been his sole purpose to show how certain low- 
frequency transient conditions in electric machinery 
may be analyzed by a vector method. Before accurate 
results can be obtained by this method considerable 
experimental work is probably necessary in order to 
determine the most satisfactory methods of measuring 
the required constants. An interesting development 
would be the solution of the transient conditions in 
certain imsymmetrical arrangements of polyphase 
machines similar to those so ably discussed by Mr. 
Fortescue.'^ 

Transient conditions may be the result of a variety 
of causes, one of which is short circuit. The vector 
method, however, is equally applicable in any case in 
which the original premises are reasonably true. 
The actual working out of a numerical solution is 
rather complex and this has been purposely avoided in 
order that the general principles might not be obscured 
a Tnasg of calculation. Furthermore, it seemed best 
at this time not to attempt to generalize the theory 
and present it in such form that it would apply to 
combinations of electric machines that might even 
be unsymmetrical. 

Appendix 

For those who are interested in comparing the vector 
method of solution with the differential equations which 
apply to these problems the following development is 
given. 

Consider a symmetrically wound three-phase induc¬ 
tion motor having Y-connected stator and rotor phases 
as shown diagrammatically in Fig. 26. The stator and 
rotor currents are represented by the letters, x and y 
respectively and their assumed positive directions are 
indicated by the arrows. Fig. 27 shows a develop¬ 
ment of the air gap. The progression of the phases, 
1, 2 and 3 is toward the right for both stator and rotor, 
and the latter moves at a constant angular velocity 
of p radians per second toward the right. 

Let Ti, T 2 t Li\ and Li! represent the resistances and 
self-inductances of one phase of stator and rotor 
respectively. 

Let Jkf« represent the mutual inductance between any 

5. Bibliography No. 7. 

6. Bibliography No. 4. 

7. A. I. B. E. Vol. XXXVII, p. 1027. 
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two phases of the stator. Due to symmetry these 
three mutual inductances are equal. 

Let My represent the mutual inductances between 
any two phases of the rotor. These mutual inductances 
are likewise equal. 

Let 2/3 ilf represent the maximum value of the 
mutual inductance between one phase of the stator and 
one phase of the rotor. At a time when the angular 



displacement of these phases of stator and rotor is 
pt the momentary value of this mutual inductance 
is 2/3 M cos p t, if the space distribution of the air- 
gap flux density is sinusoidal. This assumption of a 
sinusoidal distribution of flux density is not much in 
error if the motor is well designed. It is also necessary 
to assume that ri, ra, W, W, ilf*, My and 2/3 M are 
constant. This is commonly done in engineering prac¬ 
tise. 




Stator 

120 * 120 ‘ 


■-pt 




-120*-—p 120* 
Rotor 

Pig. 27 


I 


With the stator phases short-circuited as indi¬ 
cated in Pig. 26 the following differential equations 
may be written,—considering first phases 1 and 2 and 
then phases 2 and 3. 

COS p < -I- 2/2 Jkf COS (p < -h 120 ) 

O 

-f 2/3 -g M COS (p t -i- 240°) j J 

d 2t 2 

+ -g M COS p ^ H- 2/s -^M cos (p t + 120°) 

-f 2/1 M cos (p < -f 240°) I =0 (1) 

There is a negative sign before M* for the reason that 
positive currents in phases 2 and 3, for example, 
produce a flux through phase 1 which is opposite in 
direction to the flux that phase I produces through itself. 

The equation which applies to phases 2 and 3 is: 

d 2 • 2 

TT T ^ cos p f + 2/8 y Af cos (p <-f 120°) 


+ »i-|-Jfcos(p< + 240°) ] } 

■ - { fiX,+Li -M. 

V le> 6 U)t/ Utb 

+ [ 2/3 JW COS p i -f 2/1 ^ M COS (p f 4- 120°) 

+ 2/2 M cos (p t -(- 240°) ] } = 0 (2) 

Since the sums of the stator and rotor currents are each 
equal to ?ero, we may substitute: 

flJs == flJi x% and 2/s ~ — 2/i — 2/2 
Also replace Li -f M* by Li. Multiply the second 
equation by 2 and add it to the first; again, subtract 
the second equation from the first. The results of 
these operations are respectively: 

» 2/7 

ri Xt -}- Li [ 2/1 cos (p t -\~S0°) 

+ 2/2 cos (p t -f 90°) 1=0 (3) 

Ti X 2 + Lx H- ~~rf- ^-JJ- [2/1 cos (p t - 90°) 

+ 2/2 cos (p i - 30 ) 1 = 0 (4) 

By a similar procedure differential equations may be 
written for phases 1 and 2 of the rotor. These equa¬ 
tions .will be found to be similar to (3) and (4) except 
that the signs before the phase angles will be reversed. 
Thus we will find that: 

j 2/7 

r% Vx -f L2 — ^ ~dT ^ 

+ Xz cos (p t - 90°) j = 0 (5) 

// 2 /7 

rz 2/2 + Lz M y [xi cos (p t -f- 90°) 

-j- a ;2 cos (p t -h 30°) ] = 0 (6) 

The following treatment was suggested to the author 
by Dr. F. L. Hitchcock as being the simplest method 
of reducing these equations to one containing a single 
variable. 

Let TxXi H- Li — ZxXx 

{Zx is an impedance operator; 
Similarly rx Xz + Lx -y- = Zx Xz 

Also TzVx Lz ~ — Zz 2/1 

And • r* 2/2 + 1/2 —= Z 2 2/2 

If D and D-^ represent the direct and inverse dif¬ 
ferential operators, we shall have on integrating equa¬ 
tions (3) and (4): 

D~^ Zx Xx + 2/ V"3 Jkf [pi cos (p 1 4 - 30°) 

4 -^2 cos (p f 4 -90°1 * 0 ( 7 ) 

a :2 4 * 2 /^/^ M \yx cos (p < 90°) 

+ WCOs (pf-30°] = 0 ( 8 ) 

Solve these two equations for pi and y* 
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per cent speed change per second, and the total speed change in 
1/120 second is 1/120 X 100 per cent =0.833 per cent. This 
calculation assumes constant normal torque. Actually, the 
maximum value of the short-circuit torque is, say, six times 
normal. Assu ming sine wave of torque the average value is 
2/^ X 6 =3.82 times normal torque. Due to this increased 
torque the total speed change in 1/120 second is 3.82 X 0.833 
per cent =3.18 per cent. Thus in 1/120 second the rotor speed 
would have decreased 100 per cent to 96.82 per cent. The 
average speed during this interval would he 98.41 per cent, and 
in order to move the rotor one-half pole pitch at this reduced 
speed it would require 1/120 X 100/98.41 = 0.00847 second 
instead of 1/120 or 0.00833 second. Thus a difference of only 
0.00014 second. Obviously, the difference in magnitude of 
the peaks, due to the transient, in this small interval of time is 
not appreciable. 

J. 0*R. Colemans A method of attack so useful and wide¬ 
spread in its application as that presented by Professor Lyon 
in his paper on “Transient Conditions in Electrical Machinery” 
is of vital interest from both a theoretical and practical view¬ 
point. Whenever a new method is introduced, doubt arises in 
the minds of many as to its application to practical cases. . A 
limited amount of experimental work has been done along these 
lines, and has so far produced very favorable results. 

These tests were performed on a General Electric 75-h. p., 
9C)0-rev. per min., 220-volt (full-load 180 amperes, no-load 60 
amperes) three-phase induction motor operated as a generator. 



Pig. 2—Diagram of Connections for Short-Circuit Test 
ON AN Induction Generator 

This machine was driven by a shunt motor of like size. The 
excitation for the induction generator was supplied by a 30-kw. 
synchronous generator. Although the circuit breakers would 
not remove this machine nntil late in the transient, the impedance 
of the path through the oscillograph shunts and the induction 
generator was sp large compared with that of the short-circuiting 
switch that the disturbance of the synchronous exciter would not 
alter appreciably the record of the oscHograph. The diagram¬ 
matic arrangement of the units is shown in Fig. 2. 

The vector diagram for a sudden short circuit occurring at 
no-load is shownin Fig. 3. The vectors I ib, I ic and 1 represent 
the current in the three phases just before the short circuit 
occurs. The short begins at the moment just before the current 
in phase B reaches its positive maximum. At this moment 
/iB, for example, breaks up into two components Jib' and Jib", 
whose vector sum is equal to the initial vector. After short 
circuit the terminus of the vector Jib' travels along the logar¬ 
ithmic spiral shown at a velocity of 360 circular radians per 
second and is damped at the rate of 96 h 3 rperbolio radians per 
second. The terminus of the vector Jib" travels in a like mamiftr 
along a logarithmic spiral as shown at a velocity of 17 circular 
radians per second and is damped at the rate of 60 hyperbolic 
radians per second. The value of the transient current at any 
instant is the projection of the vector sum of the two vectors on 
the time axis. The first maximum occurs about 0.008 of a 
second after the short circuit. The positions of the vectors at 


this instant and the projection of their vector sura is shown in 
the diagram. The figure at the right of the diagram shows the 
resultant current obtained in this manner plotted in rectangular 
coordinates. 

An oscillogram of the transient current during short circuit 
taken when operating at no load is shown in Fig. 4. It will be 



Fig. 3—^Vector Diagrams for the Sudden Shout Circuit op 
A 3-Pha8e Induction Motor 
R iohm = 0.0172 Riohm — 0.0455 Lie — 0.00569 
Ls =0.00996 5=0.0483 

Taking into consideration the effective resistance 
mi' =96-fi360 m/= 60.4-fy 17.5 

Jib =90.5 sin 85“ 

iiB' = Iib' sin (360 1 -|- 258“) 

iiB* = Jib' e-60.4< uin (17.5 f + 78 . 3“) 


/ ' 

^ _ / 


Fig. 4 



Fig. 5—Curves of Sudden Shokt-Oircuit of a 75-h. p., 
3-Phase, OO-Cvclb, 900-Rev. per Min., 220-Volt Induction 
Motor Operating as a Generator at No-Load. 

--Calculated Curve 

-Oscillogram 


noticed that the short circuit occurred in phases A and B 
nearly O.OOl of a second before that in phase C. Due to a very 
decided change in the slope of the transient curves of phases A 
and B when short circuit occurred on phase C, the latter point 
was taken as the point of short circuit in the calculations. 

Fig. 5 shows a reproduction of the actual oscillogram compared 
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that for the required 350 volts, the gap length should be 
such as to give the minimum breakdown voltage for- 
air at atmospheric pressure, or approximately 0.0003 
in. in length. This seems at first sight to be impracti¬ 
cal. It has, however, been found that use may be made 
of the Well known fact that when conductors are sepa¬ 
rated by insulating spacers, breakdown tends to take 
place over the edge of the spacer at voltages lower than 
would be required for the gap. Trials have demonstra¬ 
ted that when the electrodes are separated by mica 
spacers of the thickness to give correct gap lengths, 3 to 
6 mils, from the standpoint of voltage across the dis¬ 
charge, the breakdown voltage remains at the minimum 
value of 350. 

Thus, a structure composed of a column of flat 
electrodes separated by mica spacers approximately 
6 mils in thickness will operate as a valve, the critical 
voltage being equal to approximately 350 per gap, and 
the characteristic for voltages above this value being 
dependent on the resistance of the electrodes between 
plane surfaces. The discharge current capacity may 
be controlled by proper selection of disk area and thick¬ 
ness to give the characteristics required for any par¬ 
ticular service. The voltage at which the discharge 



Fig. 1—Bheakdown Voltage op Small Gaps in Air 

starts is 350 per gap within close limits and the speed 
of operation has been found to be very high. 

. In the work of development of lightning arresters 
made on this principle, there were three major problems; 
namely, (1) experimental work consisting of the deter¬ 
mination of characteristic relations and of the develop¬ 
ment of a suitable material for the electrodes, (2) de¬ 
sign, consisting of the determination of the proper 
proportions to ^ve the necessary performance charac¬ 
teristics and of the development of structures, (3) test¬ 
ing which consists of the determination of durability 
and performance characteristics by comparison in the 
laboratory with established forms of lightning arresters 
and by observation under actual service conditions. 

In. the fundamental experimental work, the initial 
attack was research with small glow discharges to 
determine breakdown voltage, the relation between 
voltage and current density, the distribution of voltage 
across minute gaps, the variation of voltage distribu¬ 
tion with current density and various similar points. 

From the data secured in these studies, it is desired 
to select a set of conditions which will give equal values 
for the breakdown voltage and for the voltage across the 
discharge while current is flowing and under which 
conditions the voltage across the discharge will be 


approximately constant over a considerable range of 
current density. 

For gaps up to 5 mils in length, the discharge con¬ 
sists almost entirely of the cathode dark space and 
cathode glow, both of which are practically constant in 
voltage over a large range of current density. When 
larger separations are used, a portion of the positive 
column is included, introducing a variation of voltage 
with current change. From this standpoint, the 
limit of gap length is about 0.005 in. which gives a 
voltage across the discharge which remains practically 
constant at 350 volts over any anticipated range of 
conditions. 

Two means are available to secure the desired break¬ 
down volts. If plane electrodes of ordinary manufac¬ 
ture are placed in contact, there will be actual contact 
at several points and over the rest of the surface there 
will be separations up to say 2 or 3 mils. For low volt¬ 
ages, the current will be that due to conductivity at 
the contacts. At voltages above 350 per gap however, 
the gaps break down at the points where the separation 
is correct for the minimum breakdown voltage and the 
discharge is then distributed over the face of the elec¬ 
trode by reason of the resistivity. The alternative and 
preferred means depends on the fact referred to above 
that, when conductors are separated by an insulating 
spacer, breakdown tends to take place over the edge of 
the spacer at voltages lower than required for the gap. 

Trials demonstrated that when the electrodes are 
separated by mica spacers of the thickness required to 
give correct separation from the standpoint of voltage 
across the discharge (that is 0.003 in. to 0.006 in.) the 
breakdown voltage remains at the minimum value of 
350. 

The unit construction therefore becomes thin flat 
plates of resistance material separated by gaps of not 
more than 0.006 in. by mica spacers. For convenience 
in manufacture, the disks are made circular in form and 
the spacers in the shape of circular washers. 

With these points feed, development work was begun 
using disks of resistance material with various resis¬ 
tivities to determine the limit of resistivity required and 
to verify the findings of the research work by per¬ 
formance with structures of the size required for light¬ 
ning arresters. 

A considerable problem was encountered in the 
development of a material for the disks which would 
have the right characteristics and be feasible in ifianu- 
facture. Ultimately however, a composition material 
was devised which is sufficiently durable, being mechani¬ 
cally more or less similar to porcelain, and which is 
electrically right, having a conductivity controlled by 
the methods of manufacture. With this material it has 
been found possible to manufacture disks of the desired 
resistivity and which, in sizes required for the struc¬ 
tures, are remarkably true in dimensions. The nature 
of the material is such as to establish confidence in the 
permanence of characteristics. 
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It must be kept in mind, in considering the curves and 
data of Fig. 2 and 3, and Table 1 that they are based on 
assumptions in factors which are of vital importance, 
namely, in the values of surge voltage impressed on the 
lines. Assumptions are also made in the values of surge 
impedance, but in this case the values given are known to 
be fairly representative. The other values given and 
calculated are, with a fair degree of accuracy, correct. 
Thus, while the intention is not to state that the 
rn ari Tn um voltage which may be applied to insulation, 
protected oy an electrolytic arrester on a 22 kv. 
line, for example is 83-kv., it is a fact that under the 
assumed conditions the voltage will be as shown for the 
various arresters. It will be noted from these data that 
although the values of resistance of the autovalve 
arrester are well below that of the electrolytic arrester, 
the permitted surge voltage is only slightly lower than 
for the electrolytic. This is due to the fact that there 
is a factor of safety of 25 per cent between the peak 
value of line voltage and the critical voltage with the 



PiQ. 4—^7500-VoiiT Distribution Type Autovalve Arrester 

autovalve arrester while no such factor of safety exists 
with the electrolytic since the critical voltage is deter¬ 
mined by the line voltage. 

In addition to the factors which control performance 
required and performance delivered it is necessary in 
selecting or in designing lightning arresters to take 
account of economic factors. An arrester which gives 
perfect protection but which costs more to instaU'and 
maintain than it is worth in saving in service and 
apparatus is not justified. 

From this standpoint and since it is possible to make 
quite appreciable reductions in manufacturing cost by a 
reduction in disk area, it has been found desirable to 
develop a line of low-voltage arresters of reduced capac¬ 
ity for the protection of very small installations. In 
this line of arresters, a disk area of 16 sq. cm. is used 
giving the characteristics shovm in curve Fig. 3 for the 
distribution type autovalve arrester. 

In the average installation made with this size of 
arrester, the reduction in the “discharge current 
capacity” is off-set to some extent by the fact that 



transformers are installed on the same system fairly 
close together and the energy of any particular dis¬ 
turbance is taken care of by several arresters in parallel. 

Kgs. 4 to 6 show the forms in which arresters in¬ 
volving the autovalve principle have been made. Fig. 4 
shows the distribution type, primarily intended for 
protection of distribution transformers, and therefore 
made for cross arm mounting, in unit form, entirely 
self contained in a porcelain case and with leads for 


Fig. 5—Station Type Autovalve Lightning Arrester Unit 

connection to the line and ground wire. The station or 
large capacity arresters are built up of units such as are 
shown in Fig. 5. The assembly of these units into 
structures is shown in Fig. 6. 

A change which has been made from the previous 
standard practise is in the use of three complete columns 
for a three-phase structure instead of the former 
standard, four phase legs in the “multiplex” connection. 
An interconnection between phase stacks is provided at 
the phase voltage point in each stack. This connec- 



Fig. 6—Phase Element op 37-Kv. Station Type Autovalve 

Lightning Arrester 

Rain sheds for gap and top units are removed to show structure. 

tion is based on the thought that the requirements from 
the standpoint of discharge current capacity are fixed 
by the most severe conditions, which are those imposed 
by disturbance of external or atmospheric origin. 
Such disturbances are imposed on the three lines alike 
and in fiowing to ground through the arrester when the 
multiplex connection is used, the charges from the 
individual lines fiow first through the corresponding 
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phase legs and then together through the ground leg. 
The result is that the impedance of the path to ground 
from any wire is equivalent to four times the impedance 
of a single-phase leg. Since each phase leg is pro¬ 
portional to 58 per cent of line voltage, the total 
impedance is equivalent to that of a structure pro¬ 
portional to 2.32 times line voltage. With the con¬ 
nection used in the autovalve structures this impedance 
is reduced to that of an arrester for line voltage only. 
The performance is in this respect improved in the 
ratio of 2.32 to 1 while the material added is increased in 
the ratio of 3 to 2.32, is other words an addition of 
29 per cent in the material used increases the per¬ 
formance by 132 per cent. In respect to the perform¬ 
ance under the less severe conditions of surges of 
internal origin in which the voltage is applied between 
lines, this connection is the same as the former standard 
connection. 

Tests for establishment of the various characteristics 
referred to and for proof of the performance and 
durability of the structures resulting have been made 
both in the laboratory and by observation of results in 
service. 

For the early laboratory work, use was made of a 
testing equipment consisting of a condenser of 0.2 
microfarads capacity, capable of being charged to a 
maximum voltage of approximately 130,000, together 
'mth the necessary charging apparatus and discharge 
circuit. For later tests it has been found desirable to 
extend the range of voltage over which performance of 
the structures could be determined in the laboratory 
and accordingly a duplicate testing equipment was 
provided and arranged for connection either in multiple 
or in series with the original equipment. The available 
maximum voltage is thus approximately 250,000 with a 
capacity of 0.1 microfarad with an alternative of 
120,000 volts and 0.4 microfarad. 





Fig. 7—Connections for Surge Tests 


Tests for durability consist in general of the connec¬ 
tion to the arrester of a power voltage of the ma.YirmTm 
value for which the arrester is intended and the simul¬ 
taneous discharge through the arrester of a condenser 
such as to give the assumed maximum of double the 
peak value of line voltage across the arrester. Where 
it is possible, that is with the arresters for the lower 
voltages, or smaller capacities additional tests are made 
at surge conditions just under the flashover limit. It 
was intended to determine something in regard to the 


arrester life by a count of the number of discharges of 
double line voltage peak value required to cause some 
sort of failure, but practically indefinite tests do not 
cause any observable change in the arrester either from 
the standpoint of performance or appearance. As the 
surge conditions are increased in intensity, failure occurs 
by fiashover at a voltage of the order of 15 to 20 times 
the voltage for which the arrester is designed. When 
surges just below the value necessary to cause flashover 
are repeatedly applied until failure occurs, the t 5 rpe of 



AMPERES 

Pig 8—^Typical Voet-Ampere Curves for Autovalve and 
Electrolytic Lightning Arresters 

1 «=« Distribution Autovalve 

2 = Electrolytic 

3 a Station Autovalve 

4 a Critical VoltAge Autovalve 

6 a Critical Voltage Electrolytic 

failure depends on the cycle of test. If the tests are 
close enough together to cause excessive heating, 
failures have been noted due to destruction of the valve 
characteristics and the consequent flow of power 
current. Parallel tests on commercial arresters of other 
tjrpes show the same general type of failure to occur 
imder the same conditions, which are so much more 
severe than any we can expect, except in the case of a 
direct stroke that the test is interesting only as an 
establishment of limits. If the discharges are timed far 
enough apart to eliminate excessive heating, the life 
of the structure seems to be indefinite. 

As would be expected, the only failures that have 
been observed in service to date have been due to 
flashover and the flashover point of the commercial 
design has been increased considerably from the early 
samples with which this trouble was noted in the field. 
The total failures of arresters installed in service to date 
are something under 1 per cent. 

The testing method to determine performance 
characteristics is to discharge through the arrester 
condenser charges of various characteristics. The 
performance may be shown by means of volt-ampere 
curves determined by such tests in which the surge 
conditions are varied over a considerable range. . The 
current through the arrester is measured by a spark gap 
measurement of voltage across a resistance of known and 
permanent value which is connected in series with the 
arrester. The voltage is determined by a direct spark 
gap measurement across the arrester. 

The fact that consistent results of the type reported 
can be secured in this test demonstrates the remarkable 
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speed with which the autovalve arresters operate. 
The measurements of voltage across the arrester were 
made with a 125-millimeter sphere gap connected 
directly across the arrester. No resistance was used 
in series with the gap. In spite of the extreme speed of 


TABLE 1 

CALCULATION OF ARRESTER PERFORMANCE 


Line 

kv. 

Ht. 

ft. 

Surge 

kv. 

Ins. 

str. 

kv. 

inst. 

Z 

ohms 

Electrol 3 rtic 


Exc. 

kv. 

To¬ 

tal 

kv. 

— 

Equip 

res. 

ohms 

Grit. 

volts 

kv. 

Surge 

excess 

kv. 

R 

R+Z 

22 

66 

lie 

20 

32^ 

40 

400 

650 

800 

62 

186 

312 

400 

450 

500 

65 

195 

325 

. 31 
93 
155 

369 

.557 

64.5 

0.14 

0.302 

0.393 

52 

168 

253 

83 

261 

409 


Line 

kv. 

Station Autovi 

live 


Total 

kv. 

Res. 

ohms 

Grit. 

volts 

kv. 

Surge 

excess 

kv. 

R 

Excess 

kv. 

R +Z 

22 

45 

42 

358 

0.101 

36 

78 

66 

135 

126 

524 

0.231 

121 

247 

110 

225 

210 

590 

6.31 
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made with 2500-volt distribution arresters of an early 
design, very close to the present type but using a disk 
area of 8.5 sq. cm. These tests, while they do not 
furnish specific values for the characteristics such as are 
available from laboratory tests, give final proof of the 
fundamentals, and thus add sufficient support to the 
laboratory tests to assure the results shown in Figs. 
2 and 3. 

It is fitting that mention should be made that the 
work reported here has been contributed by a consider¬ 
able group of people in various degrees, but each in 
important measure. These include Dr. Slepian, the 
originator of the device and Messrs. G. M. Little, I. R. 
Smith, L. R. Golladay, S. M. Pineles, and E. J. 
Haverstick as well as the writer. 

Discussion 

D. W. Roper: The designers of the arrester described in 
Mr. Atherton’s paper, having the courage of their convictions 
that they had a real lightning arrester,, were willing to submit 


such a gap, the discharge started in the arrester, and 
discharge currents of several thousand amperes flowed 
through the arrester before the sphere gap broke down. 
When this type of test is made with an arrester 
which has a high dielectric spark lag, as compared to 
that of the sphere gap used for measurement of voltage, 
the indicated voltages will be determined in general by 
■ the factors which control initial breakdown of the arrester 
rather than by the impedance drop in the arrester. 




Overhead Lines 



Arresters 



This does not mean that in such a case the measure¬ 
ments are untrue, but merely that they give no depend¬ 
able indication as to the discharge impedance of the 
arrester. 

The circuit used in these tests is shown in Fig. 7 and 
typical volt-ampere curves for both the distribution and 
station t 3 rpe arresters are shown in Fig. 8. For com¬ 
parison a volt-ampere curve of a standard electrolytic 
arrester is also shown in Fig. 8. The data of Table I 
and the curves based thereon shown in Figs. 8 and 3 are 
calculated from resistance values determined from the 
volt-ampere curves of voltage corresponding to the 
assumed maximum permissible surge voltage. 

The tests under service conditions give in general 
less specific information than laboratory tests, but they 
are valuable from the fact that they act as a sort of a 
court of last appeal. A total of 527 units has been in¬ 
stalled on lines ranging up to 25,000 volts, both in the 
factory and on lines of various operating companies for 
periods up to 17 months. There failures have been 
observed with low voltage distribution units installed 
at the beginning of last year and the conditions were 
such as to point almost conclusively to fl^hover as the 
cause of failure. Several other failures were noted 
among the earliest arresters installed and these failures 
are knOwii to have been caused by errors in design 
which were discovered after the arresters were installed. 
The major portion of these service installations were 


Cable Poles 

V- 


j- 


I ! 


J 


Substation 


Underground Cable 
Pig. 1 


it to the scrutiny of the “laboratory” that we have in Chicago, 
for comparing the performances of various types of arresters. 

The results of this scrutiny were entirely favorable. I 
tbinlf it would be quite unsafe at this time to give the arrester 
our unqualified approval, but there can be no objection to a 
modest statement that the results so far have been favorable. 
In fact wo are placing more arresters of this design on our lines 
this year. 

The test of this arrester was unsatisfactory in one respect 
during the past year. Prom a scientific viewpoint, the results 
were disappointing because we had so little lightning, the amount 
being only about 30 or 40 per cent of the average for the past 
ten years. However, there were one or two storms that gave 
us some interesting data. In one of them two arresters 
were affected at the same time. Pig. 1 is a diagram of the 
installations: 

The sketch shows a substation feed system, distribution 
circuits, four-wire, three-phase, with the grounded neutral. 
The two arresters, indicated by the X’s, were on different 
circuits, so that there was no actual or line connection between 
the two except around through the station. In one severe 
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proof that there is a minimum breakdown voltage at atmospheric 
pressures, and by extrapolation from curves taken at lower 
pressures, there is veiy definite proof that the voltage rises 
above this minimum breakdoAvn voltage when the gap length 
gets sufficiently short. 

K. B. McEaohron: The application of the flow discharge 
tol^lightning arrester service as demonstrated in h^r. Atherton s 
paper is very interesting. We have been in the habit of as¬ 
sociating the glow discharge with currents of very small vdue 
and it is surprising, indeed, that an arrester built on this principle 
should be able to handle thousands of amperes even for a very 
short interval of time. 

‘ As a matter of fundamentals, I would like to ask the author 
what determines the change from the glow discharge to the arc 
discharge with a given area of electrode. If it is a question of 
current and time, which m this case means energy, what is the 
relation between these quantities which marks the border¬ 
line between the glow and the arc discharge? 

I am also interested in knowing the method used by the author 
when he found as a result of test that a current of several thousand 
amperes passed through the arrester before the sphere gap con¬ 
nected in parallel with the aiTester broke down. In other words, 
how was the speed of the arrester measured? 

A. L. Athertoni There are one or twQ points brought 
out on which comments are deshable. First, I want to ac¬ 
knowledge the assistance that was rendered us in the development 
work by the cooperation of Mr. Roper in Chicago. We were 
very fortunate to be able to. place the trial arresters of his system 
where he has collected data for comparison and where his 
ideas are so definitely ciystallized. One point which he has 
brought out is of special interest. During the season three 
failures occurred among the trial arresters installed in Chicago. 
A close examination was made of the arresters and every in¬ 
dication was that those failures were by flashover outside of the 
column of disks between the casing and the column. On calcu¬ 
lating back from the line characteristics and the arrester charac¬ 
teristics, it developed that the surge voltage to cause such a 
failure must have been extremely high, as stated by Mr. Roper. 
In fact, it probably was a service condition that would result in 
the failure of any type of distribution arrester now available. 
However, we have felt it advisable to make changes to raise the 
flashover point since a ready means was at hand. Moreover, 
an increase has been made in disk area since the trial arresters 
were built so that the protection afforded has been increased to 
about double or a little over, giving voltages at the arrester 
something under half those which were encountered in the trial 
installations in Chicago. These two changes increase the factor 
of safety against flashover many times. 

Dr. Steinmetz, in speaking of the test, brought out a point of 
great interest and one on which a great deal of work has yet to 


be done. The matter of proper timing of measuring gaps is hard 
to handle, and the results are rather obscure and hard to trans¬ 
late. Of course, in practically all of the tests that are made 
on lightning arresters in the laboratory, measurements are made 
with gaps of which the timing is under control. 

The results reported in the paper were selected as rather 
startling because the gaps that were used in those tests were 
without any retarding means. They were as rapid as they could 
be under the test conditions. It is an interesting and valuable 
point that the results secured with such gaps checked reasonably 
with what would be expected from the characteristics of the 
material put into the arrester. That simply demonstrates that 
the arrester itself is a very high-speed device. 

The general question, mentioned in one discussion, of the heat 
generated in the gaps and the effects to be anticipated from 
t.bia heat is best evaluated by reference to the tests. Single- 
column distribution-type arresters have been subjected to 
repeated discharges of approximately 7000 amperes which is 
several times the maximum current anticipated in service, and 
with a duration of the order of that of the surges met in service. 
After many such surges, tests and visual examination showed 
the disks to be unchanged. 

It is also interesting that this same sort of energy concentra¬ 
tion is present in all high grade arresters, since the same energy 
to be handled by all arresters with equal discharge resistance. 
In general, if we assume the manufacturer’s descriptions to be 
correct, in the types of arresters in which puncture of solid 
material takes place in operation, the energy is concentrated 
more than it is in this arrester since the total current is stated 
to flow through a few small punctures. In the autovalve 
arrester the discharge is very definitely spread out over the 
area of the electrodes. This brings us to the first question 
raised by Mr. McEaohron. The form of discharge between 
given electrodes is, as pointed out in the paper, determined by 
the electrode temperature. This naturally varies with power 
input and duration. In any given discharge the temperature 
gradually rises and, if the power and duration are sufficiently 
above service conditions, the electrode temperature will reach, 
that required for an arc. At this time quantitative data as to 
limits are not fully available. It is established however that 
maximum anticipated service conditions, excepting direct 
strokes of lightning must be greatly exceeded before the glow- 
discharges change to arcs. 

As to the inference of speed of the arrester from the tests 
with parallel gap, it is a safe assumption that if the gap with no 
series resistance breaks down first the arrester will not break: 
down, for the voltage across the gap is low after breakdown and 
the gap with leads is a small part of the total cu’cuit. But tho 
arrester did break down. Therefore its speed is of the order 
of that of the measuring gap. 
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Review of the Subject From the earliest forms of tele-" system has been developed in which the bulk of the connections are 

phme switchboards to the modern types, the development of the established without the aid of an operator. • 

switchboard has been marked by the increasing use of automatic The complexity of a large metropolitan area and the exacting 
methods to supplement the manual operation wherever this would requirements which a machine switching system must meet are 

resm %n better ser^e to the public or more efficient operation. ovilined briefly, and the system which has been developed to meet 

In addUton to all that has been done in developing and introducing these requirements is described. 
automaUc operations mth manual switchboards, it has been found The application of the system to a typical large metropolitan area 
desirable and practicable to go further in the direction of introducing and the means provided for permitting its gradual introduction into 
automatic operation in the telephone plant and a mewhine switching the existing plant are discussed. 


I T is the purpose of this paper to outline briefly 
certain important developments in connection with 
machine switching telephone systems and to discuss 
the application of the results of these developments to 
the problem of providing telephone service in large 
metropolitan areas. 

The telephone was invented in 1876. Amost imme¬ 
diately thereafter it was recognized that, for it to attain 
its greatest field of usefulness, switchboards and switch¬ 
ing centers would have to be established for effecting 
interconnection between subscriber’s lines. 

Professor Bell’s vision of the future was given in a 
statement to prospective investors. He said: 

»‘It is conceivable that cables of telephone wires could be laid 
underground, or suspended overhead, communicating by branch 
wires with private dwellings, country houses, shops, manufac¬ 
tories, etc., etc.—^uniting them through the main cable with a 
central office where the wires could be connects as desired, 
establishing direct communication between any two places in the 
city. Such a plan as this, though impracticable at the present 
moment, will, I firmly believe, be the outcome of the introduction 
of the telephone to the public. Not only so, but I believe in the 
future wu-es will unite the head offices in different cities, and a 
man in one part of the country may communicate by word of 
mouth with another in a distant part. 

“Believing, as I do, that such a scheme will be the ultimate 
result of the telephone to the public, I will impress upon you all 
the advisability of keeping this end in view, that all present 
arrangements of the telephone may be eventually realized in this 
grand system,” 

Early Developments 

The only apparatus available at that time for this 
purpose was that employed in telegraph, messenger, 
fire and burglar alarm services. Some of this apparatus, 
such as wire, insulators, batteries, annunciators, etc., 
was found to be useful in the new art; other apparatus 
had to be developed. The switchboards of that day 
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employed this apparatus. They were small in size, 
and could accommodate only a limited number of lines. 

It soon became evident that the requirements of 
the telephone exchange service demanded signaling and 
switching equipment different from that employed in 
any of the other branches of the electrical industry, and 
it became necessary to create an entirely new art, in¬ 
volving many branches of science, before commercial 
telephone service could be given on an adequate scale. 



Fia. 1 —Early Type Switchboabu 

The switchboards grew from small boards, capable of 
handling a few lines, as shown in Pig. 1, to the very com¬ 
plex armngements providing signaling, switching, and 
toansmission facilities for as many as ten thousand lines 
in a single board, of the type shown in Fig. 2. 

As the subscribers increased in number it was found 
that beyond a certain point it was no longer practicable 
or economical to have all of the subscribers’ lines 
brought to one center. It was therefore necessary to 
have several centers, the number depending upon many 
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factors, the most important of which are the size and 
telephone needs of the community. 

The consequence of all this is that in large metropoli¬ 
tan areas the number of centers is large, and the 
trunking system complex, as each center must be pro¬ 
vided either directly or indirectly with trunks to every 
other center. 

As an illustration, take the New York Metropolitan 
area, shown in Fig. 3, where the telephone plant is of 



Pig. 2—^Modern Type Common Battery Switchboard 


the greatest intricacy because of the very large number 
of subscribers served. There are at the present time 
158 central office switchboards, many of them having 
equipment for 10,000 lines. These offices and the 
associated plant provide for intercommunication be¬ 
tween 1,400,000 telephones, and approximately two 



Fig. 3—^Map Showing Location op Central Offices in New 
York Metropolitan Area 

trillion possible connections. It is estimated that by 
the year 1940 there will be 300 central office switch¬ 
boards within the New York Metropolitan area, serving 
some 3,300,000 telephones—or nearly two and a half 
times the present number. 


Manual Switchboards 

The system most conunonly employed today for 
connecting subscribers’ lines together is the so-called 
'‘manual” system; that is, a system in which operators 
are employed to make the actual connections between 
subscribers’ lines, although so many of the functions are 
performed automatically that, except in name, it is to a 
large degi’ee automatic. 

It is a long step from the early switchboards to the 
modern common battery multiple manual smtchboards. 
The history of the development of switchboard equip¬ 
ment and appai’atus shows that enormous progress has 
been made in this art in a comparatively few years. 
As the telephone subsciibers have grown in number and 
as the amount and complexity of the traffic have in¬ 
creased, it has been only by the most intensive develop¬ 
ment that it has been possible tx) keep ahead of the 
demand for telephone service, and that telephone 
engineei-s have been able to get the speed, efficiency and 
accuracy that are obtained today in so-called manual 
operation. It is worthy of note in this connection that 
the attainment of these ends was made possible by the 
extensive introduction of automatic features. 

A very brief description at this point of the type of 
manual switchboard more commonly employed will be 
helpful. 

In this switchboard the subscriber’s line terminates 
at the cen'tral office in so-called “jacks.” Associated 



with each line is a lamp, individual to it, which auto¬ 
matically lights when the subscriber removes his 
receiver from the hook. This seiwes as a signal to the 
opemtor that a connection is desired. 

The operator answers this call by in.serting one end 
of a cord in the jack associated with the calling sub¬ 
scriber’s line, operates a listening key which connects 
her telephone set to the subscriber’s line, and asks for 
the number desired. When this is obtained the operator 
completes the connection by inserting the other end of 
the cord in the jack of the desired subscriber’s line, 
and the subscriber’s bell is rung. Suitable lamp signals 
are provided so that the operator may know when the 
called subscriber answers, when either subscriber desires 
further attention, or when either or both of them have 
finished talking and have hung up their receivers. 

If the subscriber desired is connected to a distant 
office, the operator receiving the call would, instead of 
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plugging directly into the subscriber’s line, directly 
connect the subscriber’s line to a trunk terminating in 
the desired oflice, where the connection would be com¬ 
pleted by a second operator, known as the “/i” opei*ator, 
as shown in Fig. 4. Such communication between the 
two operators as is necessary to astablish this connection 
takes place ovei* a special pair of wires known as a “call 
circuit.” 

The method, of which the above is a bare outline, is 
that used in completing ordinary connections. Dif¬ 
ferent arrangements and different operating methods 
have to be provided for handling short haul toll calls, 
long distance calls, calls from coin boxes, and calls of 
many other kinds. 

In the simplest types of manual systems, the sub¬ 
scriber, in order to signal the central office, turns a crank 
thus operating a magneto generator, "l^his throws a 
drop in front of an operator at the central office. In 
the switchboards developed to meet. l;he needs of the 
larger areas, electric lamps are subsl;ituf;erl for the di*op, 
and relays automatically controlled by the subscriber 
bring them into play at the |>roper time. Electric lamps 
which serve as visual signals to the operator to imiicate 
the status of the connection are also associated with tlu^ 
cords that the operator uses for connecting subscribers 
together. The operation of these lamps is automatic 
and is under the control of the switchhook at the* 
subscriber’s station. 

Many other arrangements of an uutomati(; character 
have been developed and are used as (jccasion reepares 
not merely because they are automatic in characlei* 
but only when it has been established that they make 
for better service to the public or for efficiency and 
economy of operation, or both. Among these may he 
mentioned automatic ringing, automat,ic listening, and 
many forms of automatic signaling. Many of these 
arrangements are highly ingenious and contribute 
greatly to the efficiency and economy of operation. 
Thus, the trend of switchboard development has been 
more and more in the direction of automati(j operat,i<»n 
and aut()mati(! methods. 

In addition to all that has been done in developing 
and introducing automatic operation with sf)-called 
manual switchboards, it has been felt for a long time 
that in large and complex telephone areas, such for 
example as New York City, the time would ultimately 
come when it would be desirable to go further in the 
direction of introducing automatic*, operation in the 
telephone system. This whole matter has befm the 
subject of much thought on the part of engineers of the 
Bell System and, as a result, there has been developed 
and recently put into operation a system in which the 
work of establishing most of the local connections is 
done entirely by machinery . 

The introduction of this system will eventually make 
a considerable reduction in the telephone company’s 
requirements for operators which are becoming more 
difficult to fulfill year by year. Operators will be re- 


tiuired, however, to handle toll and many special classes 
of local caffs and for this reason, together with the 
constant growth of the business and the considerable 
period of time that will be required to introdiute the 
new system completely, we caci expecjt little or no re¬ 
duction in the present operating forces foi* some time 
to come, and no operator will find herself out of employ¬ 
ment on account of the introduction of the machine 
.switching system. 

Machine Switching 

It is the piUTiose of this paper to describe this system 
sufficienlly in detail to give a general picture of it, but 
because of the limitation as to space no attempt will be 
made to go into the intricacies of circuits and apparatus, 
which doul)tless would be of interest only to the 
telephone engin(‘ering specialists. 

Among otlier I'equirements, the following must 
receive special consideration in the design of a imichihe 
.switching .system. 

The functions to be performed by the telephone 
sul)scriber in glutting a (;onnection must be simple and 
easily underslood. 

(t must work efficumtly and with accuracy and 
si)ec‘d, tind of coiir.se must be caiuible of handling the 
various types of (*all.s tliat the subscriber wishes to make. 

The system must not reipiire modifications in the 
existing rate structure, ol;herwise than (h^sirahle. If 
the mte sl,rucl.iire calls for messagt! regisf.er operation, 
coin boxes, etc., means must be provided for automatics 
ally operating the regist er and collecting the coins on 
such calls, and foi* preventing a charge on calls not 
answered, culls foi* free lines, }>u.sy lines, etc. 

’rin* .system shouhl enqdoy, as nearly as practiitable, 
the i^onventiona! numlwTing scheme. 

It. should work with the (*xisting teleplumt* network, 
.so that its introduction does not; require wholesale 
number chunges and extitn.sive rean*ungement or the 
ahundonmmil of existing switchboards or other plant. 
Its introduc*tion mu.st, of nece.ssit.y, he on a gradual 
basis. 

It must, he sufficiently flexible in de.sign to (uire for 
growth and .such clianging traffic, conditions as occur 
from time to time. 

In large tek^phone ureas, such a.s the New York 
M(.‘l,n)po!itan area, t hert* is a grcjut variety of (mils to be 
handh'd and many flillertmt classes of servic^e furnished 
the rmliiic, such as m(,»ssuge rate, flat rate, official, coin 
box, non-attemlwl pay station, attended pay station, 
siKH'ia! .services such as information, etc. Not only 
individual lines but party lines, and private branch 
exchanges must be cared for, and provision must be 
made for thousands of toll messages which must be 
recordeci, supervisetl and timed. 

A cail originating in a machine switching office in 
New York City may have as its destination any one of a 
gr^t number of points. It may be for another sub¬ 
scriber in the same office or for one in anofh^ ni^by 
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machine switching or manual office; it may be for one of 


a large number of surburban toll points, or it may be to 
some point in a distant city. 

The machine switching system, which is the subject 
of this paper, meets these requirements. After long- 
continued laboratory experiments, supplemented by 
■ field trials, power-driven apparatus of the panel type has 
been found to be the most suitable, and is now in success¬ 
ful operation in New York City and in other large cities 
in][the country. 

General Plan of Operation 

At the expense of some repetition it seems desirable, 
in order to give as clear an understanding^as possible 



Fig. 5—Desk Stand Equipped with Dial 

as to the operation of the system, to first give a brief 
outline of how the call is handled and a description of 
the more important elements of the equipment, before 
going into a detailed desaiption of the operation of the 
system. 

The subscriber’s station is equipped with the usual 
form of telephone instrument and, in addition, with a 



Fig. 6—Subscriber’s Dial 


calling device known as a “dial,” mounted at the base 
of the desk stand, as i^own in Fig. 6. This dial has ten 
finger holes bearing letters and figures, as shown in 
Fig. 6. > 

In making a call the subscriber will, of course, first 
refer to the telephone directory. He will find in the 


directory a listing that is only slightly different from 
that to which he. is accustomed. Typical samples of 
this new form of telephone listing for New York City 
are shown in Fig. 7. As wdll be noted, these conform 
to the present manual listings, except that the first 
three letters of the office name are set out prominently. 
This numbering system will be discussed later in this 
paper. 

Having secured the desired telephone number from 
the directory, which we will assume is “ACAdemy 
1234,” the suWriber will first remove his receiver from 
the hook and will hear the so-called “dial tone,” which 
indicates that the apparatus is ready to receive the call. 
He will then insert his finger in the hole over the letter 
A, rotate the dial until the finger comes in contact with 
the metal stop shown in the picture, then release the 
dial, which will automatically return to normal. He 
will repeat this operation for the letters C and A, and 
in turn for the four numerals, 1,2,3, Jf.. 

This operation of dialing on the part of the subscriber 
is exactly the same, whether the telephone number he 
desires is in a manual or in a machine switching office. 

Argent Co, 1400 Bwi^.GREelcy 5513 

Argentina Brazil & Chile Shipping Co 

70 Wall.HAN over 0307 
ArgentineGenl Consulate, 17 Batry pK.RBitor 6946 
ArgentineImpt & Expt Corp, Prod Ex...BR0ad 1768 
Argentine Mercantile Corp, 42 Bway. ....BROad 5066 
Argentine Naval Conunission, 2 W 67. .COL. mbu? 5623 
Argentine Quebradio COk 80 Maiden la....JOH n 1652 

Argentine Railway Co, 25 Brood.BROad 1383 

Argentine Trading Co, 1164 Bway.MAD Sq 1871 

Argeres Bros, Restrnt, 86 6th av..SPRing 5337 

ArgeroA, Ctoeer, 119 0th av........CHE Isca 6255 

ArghisA, Tobacco, 74 Wall.HAN over 6311 

ArgiropleTheodore, Jwlr, 406 8th av..FARragut 9772 
Argo Packing Corpn, 70S Greenwich... FAR ragut 4505 

Argon Dress Co, 24 E 12.....STU ynint 2011 

Argonaut Supply Corp, 50 Union sq..STUyvsnt 7476 
ArgonneSteamship Co, 17 Battery pl...RECtor 2493 
Argos Ad-Art Co, 1133 Bway...;....FAR ragut 5986 
Argosy The (A Pub) , 280 Bway.WOR th 8800 

Fig, 7—^Typical Examples op New Form op Listing Tele¬ 
phone Numbers 

Similarly, the method employed by a subscriber who 
is connected to a manual office in getting a subscriber 
connected to a machine switching office, is the same as 
though the desired subscriber were connected to another 
manual office. 

The progress of a call originating in a machine 
switching office is briefiy as follows: 

As will be seen from Fig. 8, the line of the calling 
subscriber, whom we will assume to be a subscriber in 
the Academy office, appears in a so-called “line finder” 
frame. When the subscriber’s receiver is removed from 
the switchhook preparatory to dialing, the line is 
selected by a “line finder” and connected to an idle 
“sender” by means of a “sender-selector.” 

Upon completion of these operations which take but 
a fraction of a second, the di^ tone is sent out to the 
calling subscriber as previously mentioned. When the 
subscriber dials, electrical impulses on a decimal basis 
are transmitted to the sender which receives and 
registers them, translating them in turn to the proper 










Feb. 1923 


MACHINE SWITCHING TELEPHONE SYSTEM 


191 


basis for the control of the selectors which are not 
operated on a decimal basis. The sender automatically 
causes the particular ^‘district selector'^ which is 
permanently associated with the line finder originally 
used, to select a trunk to the oflice desired. 

Assuming that the call is for a subscriber in the same 
ofiice, Academy, the trunk chosen will terminate at an 
“incomingselector” frame and the sender above referred 
to will cause the call to be routed through the incoming 
selector to a final selector, and thence to the particular 
line desired. When the connection is thus completed, 
audible signals will be sent back to the calling subscriber 
to indicate that the station is being rung or that the 
line is busy. 

If the call had been for a subscriber in another 
machine switching ofiice, namely, Pennsylvania, the 
call would be routed from the district selector to the 
ofiice desired, either directly or through an '"office 
selector” in case the total number of trunks to all ofiices 
is too large to be placed on the district selector mulitple. 



Fig. 8—Diagram Showing Connections prom Machine 
Switching to Machine Switching, Machine Switching to 
Manttai, and Manual to Machine Switching. 


These trunks terminate on incoming selectors at the 
Pennsylvania ofiice which select the subscriber's line 
through final selectors, as described above. 

If the call is for a subscriber connected to, say, the 
Worth Ofiice, which is a manual ofiice, the call would be 
routed from a district selector directly or through an 
office sdector to the “B” board in the Worth Office, 
where the number desired appears in front of the 
operator at a "call indicator position” in the form of 
visible numbers on the keyshelf. The operator is 
adwsed of the trunk to which the call is connected by 
suitable signals, and the call is completed by plugging 
this trunk into the desired subscriber's line. 

Calls originating in a manual-office and intended for 
a machine switching office reach the machine switching 
office over trunks from the "A” operators in the manual 
office. At tibe. machine switching end these trunks 
terminate in incoming selectors, which have access to 
the final selectors on which the subscriber’s lines are 


located. The selectors are under the control of a special 
group of senders, and operators are provided with suitable 
keys for setting up in these senders the number of the 
d^ired subscriber. These operators at the machine 
switching office receive the information as to the desired 
number from "A” operators in the distant manual office, 
exactly as is done in the case of manual operation. 

The introduction of machine switching equipment 
does not require radical changes in private branch 
exchanges. The private branch exchange is provided 
with dials, and calls to the central office are dialed by 
the private branch exchange attendant or by the exten¬ 
sion user in the same way that the ordinary subscriber 
dials. No change in the private branch exchange is 
required for handling incoming calls. An idle trunk 
in the private branch exchange group is selected by the 
mechanism in the machine switching office, in much the 
same way as an individual subscriber’s line is selected. 

Numbering System 

One of the unique advantages of the plan developed 
for designating telephone numbers, to which reference 
has already been made, is that it does not necessitate 
the abandonment of the existing manual listings. It 
requires no change except that the first three letters of 
the office name are set out more prominently. Simple 
as this change in the form of listing appears, until it was 
developed by the Bell System no satisfactory method 
of desi^ating telephone numbers for machine switching 
offices in large cities was known. 

Many plans had been proposed, to all of which there 
were serious objections. Some of them required chang¬ 
ing the whole system of manual designation, others the 
use of combinations difficult for the subscriber to use. 
In small cities a numbering plan emplojring only digits 
is sometimes practicable, but in such a large area as we 
are considering, such a plan would involve seven digits. 
The subscriber’s number would take the form of say 
786-3549. Such numbers would be difficult for opera¬ 
tors to use and for the subscribers to carry in mind and 
would require that every subscriber’s number in the 
entire area be changed before the first machine switch¬ 
ing office could be cut into service. With the new 
system, the subscriber’s number and office in general 
remains as before. It is necessary to change only a few 
conflicting office names in order to make them fit into 
the system. 

Description op the Equipment 
A detailed description of each unit employed in this 
system would be impracticable, in this connection, but 
a brief description of the more important ones will be 
of interest. 

Sender,^ The use of the sender makes practicable the 
introduction of machine switching in large metropolitan 
areas where, of necessity, the service conditions are 
extremely complex. It is, in effect, the brains of the 
system, dealing with the subscriber and controlling the 
selection until the 'destination is reached, as an 
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operator deals with the subscriber and controls^ the 
selection in a manual system. The number dialed 
conveys the same information to the sender in a 
machine switching system as the number spoken by the 
subscriber does to an operator in a manual system. 

The sender is an arrangement of relays, sequence 
switches, and selectors, so worked out as to perform the 

following more important functions: 

1. It receives a succession of electrical impulses 
from the subscriber's dial which are on a decimal basis, 
stores them and translates them to a non-decimal basis, 
corresponding to the particular group of lines and 
trunks that is involved in the path of the call. 

2. It controls selecting mechanisms which build up 
the connection to the called party in such a nianner that 
each mechanism is given the exact time required to per¬ 
form its functions without any waste of time, independ¬ 
ently of the rate received from the dial. 

3. It makes the central office designations entirely 
independent of the arrangement of the trunk groups on 
the selector frames. This is a very important matter, 
inasmuch as it allows the selectors to be used to full 
efficiency. It provides the desired flexibility for growth 
and permits any desirable rearrangement of the trunks 
on the selector frames that the telephone company 
may And desirable at any time. 

4. The sender is capable of distinguishing the class 
of office at which the connection terminates. That is, 
if the- call is to terminate at a mechanical office, the 
sender will arrange to govern the selection accordingly. 
If the call is to terminate at a manual office, the sender 
recognizes this and arranges to send out impulses to the 
call indicator equipment in the manual office. 

5. For the completion of certain calls, traffic con¬ 
ditions require the introduction of tandem centers as 
discussed later. The sender recognizes calls to be 
routed via tandem centers and arranges to handle these 
correctly. The tandem center may be manual or it 
may be mechanical, and the control must be determined 
accordingly. 

6. Certain senders are arranged to serve lines sup¬ 
plied with coin boxes. These senders are arranged to 
make a test to determine whether a coin has been 
deposited and do not allow the connection to be cut 
through so that conversation can take place until the 
coin is deposited. If the subscriber does not deposit 
the coin, after a reasonable time has elapsed the'sender 
connects an operator to the subscriber, and this operator 
notifies the subscriber of his omission. After the coin 
has been deposited, the sender allows the called sub¬ 
scriber to be rung and permits the conversation. In 
case the called subscriber is busy or does not answer, or 
if the call is to a free line, the sender returns the coin 
to the calling party. If the called party answers, the 
sender causes the coin to be collected. 

The sender makes a test of the calling line after the 
subscriber has completed dialing, to insure the deposit 
of the coin, and recognizes whether a coin has actually 


been deposited or whether some abnormal condition 
exists, in which case the call will be routed to an operator 
who causes an investigation to be made. 

7. In large areas, such as the New York Metropoli¬ 
tan area, there are distant points, connection to which 
requires toll charges. In such cases the subscriber is 
instructed to dial a special operator who will ascertain 
his wishes, complete the call, and make the proper 
charge. Should a subscriber attempt to dial outside 
of his own local service area, his call will automatically 
be routed to an operator. 

Panel Type Selecting Mechanism, An important 
mechanism of a’ machine switching system is the se¬ 
lector and its associated multiple bank. Itisadevice by 
means of which trunks or lines are connected together 



as required. It performs the same function as the 
switchboard cord and plug which in a manual exchange 
be plugged by the operator into any one of a number 
of jaclcs which are the terminals of trunks or lines. 

Fig. 9 shows the mechanical elements of the selectors. 
The movable member corresponds to tjie cord and plug 
of the manual system and the fixed terminals or multi¬ 
ple, to which the movable member can make connection, 
corresponds to the jacks of the manual system. 

Fig. 10 shows the fixed terminals or multiple to 
which the selectors connect. This multiple consists of 
flat punchings about 3^2 feet long and 1 inch wide over¬ 
all. Each of these strips has lugs on each side with 
which the selectors can make contact. In this partic¬ 
ular panel, three hundred of these strips piled one 
above the other, separated by insulation, and securely 
bolted together, forming a, panel about 16 inches high. 
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the top of the frame, just above the fifth bank, are 
locjated commutators as shown in Fig. 11, one for each 
selector. The multiple wiring of the brushes on the 
selector leads to other brushes which move over strips 
on these commutators, and thereby completes the con¬ 
nection from the movable selector to the rest of the 
circuit, thus avoiding flexible wire connections with 


The sequence switch may be described as a circuit 
controller or device whose function is to establish 
in a definite sequence such circuit conditions as are 
required in the operation of the system. It is made up 
of circular disks called cams mounted rigidly on a shaft. 
The plates of the cams are cut so that brushes come in 







Fig. 13 Selbctob Fhamb Completely Equipped 

which, when sent back to the sender, indicate to it the 
exact position of the selecting mechanism 

^ Sequmce Switch. Another device of great importance 

IS the sequence switch,” shown in detail in Fig. 12. 
It IS operated through an electromagnetic switch from 
the same motor that drives the selectors. 


contact with the plates only when the circuit is to be 
closed. The sequence switch can be stopped at any 
one of eighteen different positions as required, by the 
simple opening of the electromagnetic clutch. 

There are many of these sequence switches used in 
this system, and the arrangement of cutting the cams 
varies, depending upon the particular circuit combina¬ 
tions which it is desired to establish. 

Selector Frames. Fig. 13 shows thirty selectors with 
all of the associated mechanism mounted upon one side 
of a frame ready for operation in an exchange. Both 
sides of the frame are alike. Five panels of 100 lines 
each are mounted in this frame, one above the other, 
giving a total capacity of 500 trunks or lines. Thirty 
selectors, each capable of making connection with any 
one of the,500 trunks or lines, are placed adjacent to 
each other on each side of these panels; the entire 
frame thereby having a capacity of sixty selectors, each 
of which has access to 500 trunks or lines. 

Immediately to the right of the selectors are the 
sequence switches and, under protective covers, such 
relays as are used in connection with the selectors upon 
the frame shown. 
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in dtf^kof differing 

n details of design, is used during the different stages 

fl selectors, incoming 

selectois and final selectoi-s, reference to which has been 

made before. Pig. 14 shows a section of a machine 
si^tching office with some of the typical frames. 

incf substantial construction 

just described is made possible only through the use 
ol the sender which receives impulses from the sub¬ 
scriber at the rate they are dialed and receives impulses 
ft om the selecting mechanism at t he rate it is traveling. 
1 his obviates the necessity for restrictions in the design 
ol either the dialing circuit or the selecting circuit, such 
as would be necessary if they were tied together. 

Jowvr Supply /hrcingmitmfii. Since most of the 
operations normally required in handling a call in a 
niadiine switching office are carrie<l out meclianicallv, 
it IS evident that a considerably larger amount of power 
is reiiuired than with the manual system. Selectoi-s and 
siHjuence switches are propelled inocluuiicully by rotating 
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voltage and is free from valuations which would cause 
noise in the telephone circuits. 

Storage batteries (Fig. 16) floating across the current 

regulation. In addition to 
stabilizing the voltage and reducing noise interference 
Irom the machines and between telephone circuits, the 




I'lii. lb HATTIOtV ItiHiM |.‘o« Two 1(),0I)0-L|NK IfNlTs 

butteries perform the imiiortunt function of keeping the 
exchange in operation during interruptions to the com¬ 
mercial power service. Small motor generators furnish 
current for ringing sulxscribers’ bells and drive commu- 
tuf.oi*s suiiplymg various tones and .signals. Batteries 
or ma<diin(*s suiiply current for operating coin boxes and 


Fi«. 1.“| .VL^ohim; anu Comuoi. Fot< 'pwf 

10.f M H1*. (.1 v w 1 1 I 

shafts Ilrivpn •■ontiriiwnisly by small mutors inmmksl 
on each fnune. 

Tlw use of small motor.s mi emdi fnimc gives a flexilile 
and reliable source of power pm’tieularlv .sim^e the 
motors now being uswl are of the speei.'il “duplex’' ivpe 
fleveloi>ed for the piirrm.se. 'riiey eonsist of t wo motor 
element.H in one frame, one element being normally 
driven from the commercial riower service and t lier>t,ber 
being driven by the lelephonc* reservi* .storage batJerv 
to which it is automatically connected by a refjiy inside 
the motor when thi‘ regular power fails. A power 
miliire, thi'refore, cau.'«‘s no inl(*rrupt;ion to the drive 
The selectors are arrang<»fl so that not more than half 
m any one grtm|> are driven by the same motor which 
in.sures continuous serviei* in cast* of motor failure. 

The main |Kiw««r requift'menf m for ilirect current at 
about 24 and 4H volf.H which i.s furnished from motor 
genemtor.sets ihig. J5j of sia‘cial wiiistruction to reduce 
noise, eonverltng the commerical alternating or direct 
power current into emrent which is reguktetl a« to 
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pulsc*^ machines provide impulses for the operation of 
certain of the machine switching appamtus. 

Whenever practicable, two or more commercial 
power ^rvices from independent generating stations are 
^rod, either of which will keep the office supplied. 
Where independent generating systems are not available 
ajesem engine supply (Fig. 17) Is installed to take 
the place of the incoming power service, such engine 
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also being equipped for emergency operation on 
gasoline. 

All of the essential power machines and batteries 
are provided in duplicate and as indicated, are arranged 
to come into action automatically wherever this is 
necessary to insure continuity of service in the event 
of loss of power or trouble with any of the power equip¬ 
ment. Alarms are provided to detect variations in 
battery voltage, blowing of fuses, stopping of machines 
or any failure of service on all power busses which feed 
energy to the telephone or signaling circuits. The 
power plant is thus designed to give an uninterrupted 
energy supply at all times even when the usual sources 
of power may have been temporarily discontinued. 

Detailed Plan op Operation 

The following will give in-some detail the plan of 
operation for handling typical calls between various 
types of offices in a large metropolitan area such as 
New York City. 

Calls OrigiTiating in Machine Switching Offices. Fig. 
18 shows schematically the path of a call originating 
in a machine switching office. The pair of wires of a 
subscriber’s line is attached to one of the sets of fixed 
terminals in a panel bank appearing before a group of 
selectors of the type which has been described. By 
putting fewer lines in these panels and increasing the 
number of selector brushes, we attain the speed neces- 



[ TO j ncoming fr. 



Pig. 18—Diagra.m op Line Finder, District and Office 

Frames 

sary at this stage of the connection. These selectors 
are called “line finders,’’ since their function is to find 
palling lines. The terminals correspond to the answer¬ 
ing jacks and the selectors to the “A” operators’ 
answering cords of the manual system. 

When the subscriber removes his receiver, he closes 
the circuit of his line, causing a relay at the central 
office in series with his line, to operate. This relay 
causes an idle line finder, having access to his line, to 
trip the proper brush and then move upward to his 
line. Alt the saine time a sender selector attached to 
that line finder is choosing, out of a common group. 


an idle sender. The sender selector is a small selector 
of a type in which the brushes are driven by a magnet 
over contacts arranged as shown in Fig. 19. 

The sender having been attached in this manner to 
the calling line, a low humming sound, known as the 
dial tone, is heard by the subscriber, advising him that 
the mechanism is ready for him to dial. The entire 
sequence of events just described takes place in a 
fraction of a second, so that ordinarily the subscriber 
finds the dial tone when the receiver reaches his ear. 


Pig. 19—Sender Selector 

The subscriber now dials the required letters of the 
office name, and the numerals of the called number. 

The pulses from the dial come over the subscriber’s 
line through the line finder and sender selector to the 
sender which records and translates them to control 
the setting up of the connection. As soon as the con¬ 
nection has been established, the sender is released 
and is ready to be used for a new call, being kept in 
use only a few seconds for each call. 

The first step in completing the connection is to 
choose an idle trunk in the .proper direction. To the 
nearby offices there are groups of direct trunks, whereas 
the more distant offices are reached through tandem 
centers described later. 

The line finder leads to the movable element of a 
panel selector known as a “district selector.’’ This 
district selector has capacity for 450 working outgoing 
trunks, the other 60 trunks being used for control 
purposes. In a small city 450 trunks would be suf¬ 
ficient to reach all points, but in the case of the New 
York offices 450 outgoing trunks are not sufficient. 
Accordingly, only a few of the trunk groups outgoing 
from these offices leave directly from the district select¬ 
ors. To obtain access to the remaining trunks there 
are, on every district selector frame, groups of trunks 
leading to so-called “office selectors.’’ These office 
selectors are of the panel type and each has a capacity 
for 460 outgoing trunks. 

The path of a call through a district and office se¬ 
lector will now be traced. The district selector starts 
upward under the control of the sender. As the dis¬ 
trict selector moves upward, it produces pulses by 
means of the brushes which slide over the commutator 
at the top of the selector. These pulses are transmitted 
back to the sender, and are there counted. When the 
sender has counted the number of pulses which indicates 
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to it that the district selector has proceeded to the 20 groups of finals will be necessary to care for the foil 
proner position. thf> SPTIflfSr t rt nnti • Y 101 tllG lUll 


termed the reverse control method. 

The first selection made chooses the set of brushes 
to be tripped into engagement with the terminals. 
Assume, as shown in Fig. 18, the desired trunk appears 
on the second panel from the bottom. Therefore, 
the district selector is allowed to make two pulses and 
is then stopped by tlie sender. The brush-tripping 


device is thus set in position to f,rip the second brush T orusli, group, and subscriber’s terminal 

and the selector is started a,c,i„ 11 /‘'he tenninal selection is under the control 


The method of selection is the same as described for 
the di.strict and office selectors; that is, first the incom¬ 
ing selector, under control of the sender in the origina- 
ting office, trips the proper brush, chooses the proper 
gi’oup, and finally chooses an idle trunk leading to a 
final selector. The final selector then goe.s through 
the process of brush, group, and subscriber’s terminal 


and the selector is started again by a signal from the 
sender, which operation completes the process of trip¬ 
ping the brush. 

The selector now continues upward, making a pulse 
for every group of trunks which it passes over, until, 
having reached the desired gi'oup, as indicated by the 
number of pulses counted by the sender, if. is again 
stoppetl by the sender at the beginning of this group. 
The selector is now started again, and t his t;ime under 
its own control, hunts for an idle trunk in the grouij. 
Busy trunks are gi’ounded on the third or signaling 
terminals, whereas idle trunks are open. A te.sting 
relay, associated with the selector, keeps the selector 
moving upward until a trunk with an open third wire 
is found, whereupon the selector stops, makes connec¬ 
tion with this trunk, and renders it busy toot,herscle(d;- 
ors by grounding I,he signaling stni>, ' 

This trunk, as indicated in Fig, 18, leads f;o an office 
selecl,or. The same process is repeate<l by the office 
selector, under cont,i*ol of tlie sender, 1;o trif» first the 
r»ropor brush, then choose the projier group, and finally 
to choose an idle trunk in the gi’oup. ’I’lie coniu'ction 
is now extended to an outgoing trunk. ’I'he sender 
still remains attached to tlie cfinnection, since it must 
still confrol the further setting up of the conneedion. 

The sizes of the working trunk groups on district 
and office selectors can vary from fi to ffO, <ier»eiuling 
upon the traffic to be handled, 

Calh Iktwmn Markhie Switchhut OJfims. If t.lu* call 
is for a subscriber in a machine switching office it is 
completed as shown in Fig, 20. ’I’liis figure shows a 


of the sender which counts fine by line in the group of 
ten, until the desired one is reached. If the called 
line is idle, it is rung, and the calling subscriber is ad- 
vi.sed of that fact by hearing the audible ringing .signal. 
If the called fine is busy it is not connected, but an 
intermittent buzz, recognized as the busy signal, is 
sent back to the culling subscriber. If the called num- 
.Iier is that of a 1\ B. X. having .several trunks, the final 
selector automatically hunts for an idle one. If the 
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final .selector, after testing all the l\ B. X. trunks finds 
them all busy, it sends back the busy .signal. 

As soon as the ca!U‘d fine is reached, the sender i.s 
drojiped from t)w circuit to available for another 

j. - , .... " connection. It is not held during the period of ring- 

diagram of the apparatus u.sed to connect an incoming ing, during the time that the bu.sy signal is being given 
full mechanKjal trunk to a .subscriber's lint?, whether if the line is busy, or during any part of the pc?Hod of 
this line IS m the originating machiiit? .switching ofrK‘e t'orivensation. 

traiiks™"""’*’ It w'l that the meth.Ki of .sttetion is not. 

The incoming friink to I h#» ^ ^t^t'inml foa.sis. The first selection is to choose one 

1 ne incoming trunk to the machine switching office of five brushes on the incominir neWtiot* «« 

terminates cm_un •■ineo.ninK selcHto.” whieh is of the e*nlainefl: that Z 


selecto has eapaeity 'of only 600'trunks, so that th^ ^oup'tai,^ The'Zt'iSnrby of MO 

Z^®th^ATThe*'in<3inril«t'!-‘'h'^ —n«iv-«mal. This "translation/- as 

ors, tnat is, tnt incoming selector c.hoo.se8 one of a it is called, of the number from the deeimai wAfi+j/vy. 

seiectors/* as dialecl by the subscriber, inte the notation as ^ 

Since each by the seleetom, is taken ( 2 am of v^vy B^pTy X 
group of final sehjctors has acesess to 500 subscribers, senders. 
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Calls from Machine Switching to Manual Offices. 
Calls from machine switching to manual offices are 
handled at the manual office on call indicator “B” 
positions. Fig. 21 shows a diagram of the equipment 
used to connect such a call to a subscriber in the manual 
office. 

The call progresses through the district and office 
selector in the same manner as described for the machine 
switching call, but the trunk which it takes up leads to 



Fig. 21—Diagram of Connection from Machine Switching 

TO Manual 


a call indicator “B” position in the manual office 
selected. The operator is notified that a call has 
reached her position by the lighting of a lamp associated 
wiih the cord and plug in which the incoming trunk 
terminates. Upon perceiving this signal, she presses 
a display key associated with that trunk, and thereupon 



Fig. 22—Incoming Trunk Position in a Manual Office 
Arranged for Call Indicator Operation 


the:Ca,iled subscriber’s number is displayed on a bank 
of numbered lamps located on this operator’s keyboard,. 
The opmtor picks up the plug, tests the called line and, 
if it is found idle> plugs in; or, if it is found busy, she 
plugs into a special jack which is arranged to send the 


intermittent busy tone back to the calling subscriber. 

The called subscriber’s number is displayed in the 
following manner. Associated with the operator’s 
position, and with her call indicator, is a group of 
relays. When the display key is depressed, this 
group of relays is attached to the trunk. The sender 
which has meanwhile been waiting on the connection, 
is. thereby given a signal, and sends the number called 
by means of code pulses which are received by the group 
of relays. These relays, in turn, light the set of lamps 
on the call indicator corresponding to the digits of the 
called number, as shown in Figs. 22 and 23. The code 



pulses employed for sending this called number are 
positive and negative, strong and weak, and are trans¬ 
lated by the sender from the decimal dial pulses to this 
type of pulse to reduce the time required and to 
simplify the receiving apparatus. 

Incoming Calls from Manual to Machine Switching 
Offices. Calls from manual offices are handled at the 
machine switching office on the cordless “B” positions. 



Pig. 24—Diagram op a Connection prom a Manual to a 
Machine Switching Office 


Fig. 24 shows a diagram of the equipment used to con¬ 
nect a call originating in a manual office destined for a 
subscriber in a machine switching office. Such a call 
is answered by the “A” operator in the manual office, 
in the usual manner. She takes up the call circuit by 
depressing her call circuit key to the machine switching 
office desired, passes the called subscriber’s number, and 
receives a trunk assignment in exactly the same manner 
as if the call were going to another manual office. The 
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cordless B operator, upon assigning a trunk, presses any originating call. An idle trunk appeai'ing on the 
the ^signment key of that trunk, which temporarily office selector leading to an answering jack before the 
attaches her keyboard to a sender and simultaneously special service operator is chosen and the sender 
to the incoming trunk which she has assigned. As released. Should a subscriber in any local service area 
shown in Fig. 24, the incoming trunk terminates on an dial a subscriber in another area, the sender will auto- 
incomii^ selector which has access to final selectors on matically route the call to a special service operator. 

^ number appears, in the same manner as The special service operator in large areas has before 

de^nbed before. her a number of cord circuits having one end termi- 

ihe operator now sets up on her numbered keys the nating in a cord and plug. She also has upon a key- 
number desired, and this information is transmitted board a set of keys similar to those described for the 
immediately to the sender. These keys, which lock cordless position, except that there are additional 
mec anica y, are released after a fraction of a second strips of keys upon which she can write up an office code. 



Oppicb 


by a magnet controlled by the sender and are ready for 
the next call. The “B^’ operator’s sender now controls 
the incoming and final selectors in the same manner as 
the subscribera’ senders, causing the incoming selector 
to choose an idle trunk to a final selector having access 
to the desired group of 500 numbers. The final 
selector reaches its destination in the manner previously 
described and, as soon as the line is found, the sender is 
released. 

Fig. 25 shows a line of cordless positions. The 
section at the left is the cable turning section, having 
nothing to do with the operation of the board. 

Manual Positions Required in Machine Switching 
Offices. While regular calls between two subscribers 
will be completed in this system without the aid of 
operators, certain classes of calls, such as toll calls to 
suburban points and calls for discontinued or changed 
numbers, etc., will require the assistance of an operator. 
Special manual positions are therefore provided in the 
machine switching office for this service. These 
positions also care for cases where the subscriber may 
need the assistance of an operator for other reasons 
than the above, and are in addition to the cordless “B” 
positions previously described. 

The operators are called “Special Service Operators.” 
The subscriber signals them by dialing “Zero,” which 
oh the dial is also marked with the word “Operator.” 
The connection then progresses in the same general 
manner, through the district and office selectors, as for 


The operator answers the subscriber by inserting one 
of the plugs in the answering jack and, having ascer¬ 
tained the desires of the subscriber, directs the connec¬ 
tion to the proper destination by setting up on her keys 
the proper numerical code. Senders are furnished for 
these positions so that, as soon as the information from 
the keyboard has been registered on the sender, the keys 
are released and are ready for another call. 

^ The other end of the special service operator’s cord 
cmcuit terminates in a district selector which, either 
directly or through other selectors, has access not only 
to tiunks which the subscriber himself might call, but 
also to trunks leading to more distant offices which he 
cannot dial directly because they are toll points. 

Tandem Operation. There are about 168 central 
offices in the area shown on the map, Fig. 3. While it 
is an essential requirement that any subscriber con¬ 
nected to any of these offices be able to reach any sub¬ 
scriber connected to any other office, it is obvious that 
to furnish trunks from each office direct to every other 
office would require a great number of long trunks in 
small groups carrying a very light load most of the time. 



In order to eliminate the inefficiency that such an 
arrangement would entail, it has been the practise in 
manual operation to handle the traffic from one part 
of the area to another part of the area over main trunk 
routes. The collecting and distributing points on these 
trunk routes are known as “tandem centers,” and the 
plan of operation is known as “tandem operation.” 

Big. 26 shows an arrangement of offices in a typiea’ 
tandem trunking plan. Offices marked M are loca 
offices, either manual or machine switching. The offio 
marked T is a tandem office. If a call is originatec 
by a subscriber in office M-1 for a subscriber in dffices 
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M-4, M-5, or M-6, to which no direct trunks are pro¬ 
vided, the call is routed at office M-1 to trunks termi¬ 
nating at tandem office T. At this point they are 
connected to trunks leading to the proper office, where 
the connection is completed to the desired subscriber 
in the usual manner. Likewise, calls from offices M-2 
and M-3 are completed over the same groups of trunks 
rom the tandem office T to offices M-4, M-5, or M-6. 

The plan described above is typical of that followed 
in the New York Metropolitan area for many years, the 
completion of the call being controlled at the tandem 
office by operators. 

The machine switching system is not only adapted 
to fit into the existing tandem plan, either when used in 
the local central office or at the tandem office, but also 
makes available possibilities for considerably extending 
the field of usefulness of the tandem system, due to 
certain advantages in handling calls at tandem points 
by the use of machinery. 

The use of a sender at the machine switching office 
which is capable of routing a call in any way desired 
permits locating the selectors which have access to the 
interoffice trunks at any convenient point either at the 



Fig. 27—Tandem Trunking Plan Showing Distant Oppicb 

Selector 


originating office or at some distant point. In other 
words, the tandem office T shown on Fig. 26 may con¬ 
sist of a group of office selectors such as have been de¬ 
scribed previously. In this case- the trunks from offices 
M-1, M-2 and M-3 would lead from district selectors 
in these offices to the office selectors at office T which 
would select, under control of the sender in the origi¬ 
nating office, an idle trunk to office M-4, M-5, or M-6, as 
desired. At the terminating office the call would be 
completed through incoming and finals if it is a machine 
switching office, or call indicator “B'' positions if it is a 
manual office, exactly as described previously. 

If the number of points to be reached through the 
tandem office is ^eater than the capacity of a group of 
office selectors, a group of district selectors may be 
provided at the tandem office which have access to 
groups of office selectors located at the same office or at 
some distant point, as described above. 

Fig. 27 shows schematically a tandem plan using the 
above method. Tandem office T is provided with dis¬ 
trict selectors on which terminate trunks frorn local 
ofl&ces M-1, M-2 and M-3. These selectors have 


access to office selectors in the same office through which 
offices M-4 and M-5 are reached, and to office selectors 
located in the distant tandem office T-1 through which 
offices M-6 and M-7 are reached. 

To handle calls at a machine switching tandem office 
originating from manual offices, operators are required 
at the tandem office. These operators handle calls in 
much the same manner as cordless "B'’ operators in a 
machine switching office, as already described. The 
operator receives the desired office name and number 
from the originating operator over a call circuit and sets 
it up on her keyboard, which is similar to the cordless 
"*B'* board, except that it has office keys in addition to 
the numerical keys. The number is received by a 
sender which then controls the operation of the selecting 
mechanism in the tandem office and other offices 
through which the call may pass, to the desired local 
office and subscriber’s line. 

Many different combinations of the above are possible 
and are employed when desired. 

t 

Maintenance 

As will have become apparent from the descrip¬ 
tion already given there is, in the machine switching 
telephone central office, a lai'ge amount of appara¬ 
tus which, in order to insure service of good qual¬ 
ity, must be maintained in proper working condi¬ 
tion. Consequently, the subject of maintenance has 
been very carefully kept in mind throughout the design 
of the system. For instance, all new pieces of apparatus 
used in this system have been subjected to the most 
rigid tests to insure that they will have a satisfactory 
life and that their margins of adjustment will be ade¬ 
quate. 

When maintaining machine switching equipment, the 
main reliance is placed on preventive measures, so that 
incipient faults will be detected and corrected before 
they have got to the point of interfering with service. 
Ingenious automatic tes?ting arrangements have been 
designed to aid in this preventive maintenance work. 
They subject the various circuits in the exchange to 
routine tests, and are arranged so that they will auto¬ 
matically test all of the circuits, one by one, under 
conditions more severe than they will ever be called 
upon to meet in service. In case some feature of any 
circuit has deteriorated from its normal standard of 
adjustment—which includes a wide margin-so that it 
will not meet this severe testing condition, the testing 
apparatus automatically stops and by supervisory 
lamps indicate the location of the trouble. An audible 
alarm is also sounded which notifies the maintenance 
man responsible that something requiring his attention 
has been found. The circuit in trouble may still be 
capable of ^ving service, but is below the standard set 
and may soon give service trouble if not corrected. 

As applied to the sender, for example,the automatic 
routine test equipment picks up each sender in turn and 
puts it through its regular process of operation, under 
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conditions more severe than are encountered in practise. 
If the sender under test meets the operating conditions 
without failure, the sender is dropped and the test 
equipment moves to the next sender. If any trouble 
develops an alarm is given, which summons the main¬ 
tenance man who is able to determine by the condition 
of the apparatus the location of potential trouble. 

The opei*ation of the testing equipment may be varied 
by suitable keys, so that all the features of each sender 
may be tested once, or so that any one feature of the 
sender may be tested as many times as desired. 

All the equipment in the olfice occurs in groups, and 
arrangements are made for readily taking out of service 
for readjustment any piece of apparatus which may 
have been found to have potential trouble -the other 
members of the group continuing to handle the calls. 

Application 

In the preceding pages there has been briefly 
described a switching system which meets the exac¬ 
ting and complex requirements of telephone .service 
in the largest cities and in which, so far as is practicable, 
the various switching operations are perforintni auto¬ 
matically. Only such operators are required in connec¬ 
tion with this system as are necessary for handling 
special classes of service and certain operation.s in con¬ 
nection with the interchange of calls lietween manual 
and machine switcliing central offices during the tran.s- 
ition period. 

Variations in (lie arrungeinen(;s whi(!h liave bt^fn 
described have been developed and are available for use 
whenever the conditions warrant. An illustration of 
this i.s the so-calle<l key indica(,or, whicli {lermit-s the 
handling of ('alls from manual lo macliine switching 
offices wi(;hout the aid of l;he cordle.s.s “fl” oiiorators. 
This is effected by providing the op(.‘ra(.or.s in the manual 
offices with special keys and equipment, for controlling 
direclJy the .selection of l.he subscrilier’s line in (he 
machine switching office. 

This machine switcliing .sy.s(;t*m murks u very im- 
portan(, advance in a develoimient wliitdi began shfirtly 
after the telephone was invented, and which hjis b(‘e*n 
mo.st vigorously prosecuted by the engineers of the Bell 
System from then to the inwnt time. Throughoul. 
this entire d(‘velopment period the tendency has been 
to introduce au(.omaric mclhods and apparatus when¬ 
ever they gave a beif er result t o the raiblic, or whenever 
they were attended by an economy of any kind. 

How thi.s system works has been briefly explained. 
What arrangements lire provided for handling regular 
machine switching trails, calls to and from existing 
manual offices, private branch exchanges, etc., has been 
described. How the introduction of this system into a 
telephone network isaffected will now be discussed briefly. 

Obviously, the problem of introducing machine 
switching equipment into such an extensive and com¬ 
plex structure a.s i.s the telephone plant of a big city, 

18 a large one. It is impra(?ticable to introduce it all 
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at once. Its introduction must be effected gradually 
and this is accomplished by using it for growth and such 
replacements as are necessary, later extending its use 
as conditions warrant. 

The fundamental engineering studies which have to 
be made and which must precede tlie manufacture and 
installation of thf? etjuipment for a machine switching 
office are, in all important respects, the same as those 
which must precede the manufacture and installation 
of the equipment in a new manual office. They involve 
a careful study of the telephone needs of the area, with 
a view to determining ultimately the .quantities of the 
different kinds of arrangements ne(!e.s.sary to give the 
service. This require.^ a .study of the commercial 
requirements at (,he time when the equipment should be 
cul; over and for several years f hereaf ter. Data must be 
collected a.s t(^ the jirobable rat,es of calling, the avei*age 
duration of tlie calls and the amount of trunking to and 
from other offices. 

With these data available, the size and arrangement 
of the trunk groups on the selec.tor frames, the number, 
grouping and type of .selectors and senders required, and 
the .size of the power planl, can be determined. From 
this the cabling arrangement can be worked out, and 
.suilable floor plans ]>repai-ed. 

Manufacturing siXKnfication.s can then be prepai’ed in 
accordance with which the equipment of riie office is 
manufactui‘ed and iiisttilled. Before the equipment is 
(mt into service, the various arrangement.s are 
thonnighly tested individually, and when in proper 
(jondil.ion the whole is ch(.H.'ked up by making complete 
oi)eraf,ion tests. 

If time and sixic.e permitted, it would bca of interest 
to dls(m.ss the methods of milually (putting the equip- 
iiKaut inf.o servic.t', and l.he comprehensive program 
whitali is worked out, for the training of the employe( 3 s 
who are to handle the equipment; and advising the 
publi(r which is to u.se it. All these matters are of the 
utmo.st importance, and must, be carried out systemati¬ 
cally in order that there may be no reactions on l;he 
general .service* at (.he time of the tmt-over. 

DiHoiis.sion 

*^®'''*^*^* 'Phoro is vtiry littlo tJiitt, I can mkl to what 
Mr. Morohoiiso has outlliKid to you in ilus pupor oxiaopt to point 
oiit «im or two collatoral fasU-uros of this very suhstaiitial trtjiid 
whwh w(j aro oxporionciiat tKTiward tluj inoresisod U8« of tnaohiiiory 
to^iiform funatiouH which ordinarily requirohumaTiiiitolligoniitt. 

My [)riiioipal contact with this inachiins switching problem hn.s 
Iwcn on Ihn onginonring and inainifacturnig sido, and tho thing 
that has strinsk mo most forcibly Is tho fiwst that wo appear to 
l>o trying b* tho host of »iur aldlity to make a inoehaiucal human 
Hoing. 

Tho rogislor to whmh Mr. Morehouse refers embodies I bo- 
lutve, tho nearest approach to human iniellig(jnee that has y«'t 
Imeu invosted in a imjidiaiiism. It has somtj truly reiuarkahlo 
characteristics which hert^toforo have been associated in our 
mtttds largely with tho eharaeteriatifjH of human beings. 

The attornpt tt» go farther and farth««r in the dirmjtion of mak¬ 
ing iitauimate material take t he place of aTiiinutc human Itcings 
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certain desired results, to find ways and means of effecting econo¬ 
mies so that these results may be obtained with the lowest 
possible expenditure. 

Regar^ess of the question of cost there are some oases where 
automatic switching equipnient is useful in meeting certain 
definite conditions, for instance, where climatic conditions make 
the maintenance of an adequate operating staff almost prohibit¬ 
ive, or where there is a polyglot population and it becomes 
almost imposfflble to maintain an operating staff sufficiently 
conversant with the various languages used locally to give 
satisfactory service. 

One of the questions that Mr. Qherardi touched upon, that of 
the public attitude, was very interesting to me for the reason 
that I had dways made it a point to leam the public reaction 
to the service, wherever possible. I believe we, in the tele¬ 
phone business, have been unduly apprehensive. While the 
telephone business is our principal activity, it is only an inci¬ 
dental th^ to the public. If machine switching service meets 
the public requirements in a more satisfactory manner than 
has previously been done, the reaction is favorable. If it does 
not, the reaction will be unfavorable. Fortunately, however, I 
know of no ease where this reaction has been unfavorable be¬ 
cause of the fact that the service given by machine switching 
telephone systems is, from many angles, superior to service 
given manually. 

F. J. Chesterman: We in Philadelphia have very similar 
problems in a smaller way, to the New York problems, and we 

are engaged at the present moment in preparing for the Sherwood 
cut-over. 

I think we should each of us bear in mind that in introducing 
developments into a telephone system such as we have in New 
York and in Philadelphia, it must be done in such a way as not to 
orderly operation of the system. In the plan 
wMch has been adopted, with the exception of the subscriber 
who IS directly involved and who has a dial on his own telephone, 
there IS no change in the method of making a telephone call. 

In othOT words, whether you are calling a manual or a machine 
^Itching subscriber, the procedure is identical in either case 
This seems to be the point which has bothered the layman more 
than any other, and in talking with a public service Commis¬ 
sions recently, he had the impression that two telephones wse 
reqmred at the subscribers’ premises, one for calling machine 
smtchmg subscribers, and one for calling manual subscribers. 

If this were toue, each subscriber would have to know the type 
of service which every other subscriber had, and this, in a city 
such as Philadelphia or Pittsburgh, is, of course, impracticable: 
so ^at one of the prime requisites of a machine switching system, 
which necessarily must be installed a unit at a time, is that each 
machine switching telephone must be able,to communicate, as 
in the past, with the whole telephone system. 

another requirement of machine switching, which 
Mr. Morehouse dwelt upon, and that is, it must be able to handle 
ah classes of calls; not only flat and message rate, but also coin 
boxes. It must be able to handle calls to toll points, calls 
or information, and a thousand different types of calls which are 
^countered m the operation of a complete telephone system. 
Not only must the machine switching system fulfill these require¬ 
ments, but It must be such a system that its use will not entail 
material changes m the method of operating the existing system; 
I^refer now to the manual offices with which the machine switoh- 
mg system must co-ordinate. 

It would be obviously a very material problem to train the 
mnual operators to handle connections from machine switching 
^ dissimilar manner from that in which they 

^(Ue calls from other manual offices; and Mr. Morehouse 

in thA distinctly, I think, the pronounced similarity 

the naethod of handling calls from the two types of offices. 

ina calls from a manual to a machine switch¬ 

ing office are handled in practically the same way that calls from 


one manual office to another manual office are handled. By this 
means, the effect of machine switching operation is localized 
practically to the particular unit that w'e ai*e installing, and does 
not interfere or change or modify in any material sense the opera¬ 
tion of the telephone system as a whole. 

I think therefore the machine switching system as described, 
fulfills all of the main essential requirements that we have been 
reviewing just now, but in addition to that, it is meeting all of 
the requirements for a complete telephone system. 

E. B. Craftt I am simply going to touch upon some of the 
problems, that we have had to deal with in connection with this 
development, pertaixiing particularly to the mechanical and 
electrical design of the mechanism itself. 

The necessity for large groups of trunks in Metropolitan areas 
has brought forth the necessity for large-sized selectors, and the 
panel mechanism which has been illustrated and described, 
embodies a number of features mechanically that are of general 
interest, not only to telephone specialists, but to any engineer 
who has to do with the design and construction of machinery. 

Let us consider for a moment just what this mechanism has to 
do. We have in the selector rod that goes over the face of those 
panels, a piece of apparatus which is about seven feet long and 
weighs about a pound and a half. It must be so arranged that 
it can travel over the face of the terminals at the rate of possibly 
60 terminals per second. As these terminals are 1-8 of an 
meh apart, you can gather some idea of the precision with which 
this rather substantial mass of material must bo controlled. 
Of course it is not a new thing to select groups of terminals by 
machinery. The outstanding feature of this mechanism, how¬ 
ever, is, that we are dealing with a much larger mass of material 
wmch must be controlled, and with much greater distance over 
which we must travel. This large size precludes operation by the 
usual forms of electro magnetic devices, and it has been ncoos- 

. .. use continuously-applied power moans. This 

IS the reason for using the power drive. 

Now, in the introduction of this power drive, wo are getting 
into some new fields in that we must by all moans insure continu¬ 
ity of operation. This power drive mechanism, both motors and 
friction roll drives which are associated with each otlior, must 
operate every hour in the day, every day in the week, and every 
week m the year. Such seemingly simple problems as lubrication 
have given a great deal of trouble. Those mechanisms as I 
say, must operate continually, and there are real and f undamontal 
problems of lubrication which have entered into the design of 
them. On the other hand, practically all parts of the mechanism, 
outside of the power ffidvo itself, must operate witlnjut lubrica¬ 
tion. Because of the lightness of the construction of some of the 
sm^er fast-moving parts, the application of lubricating ma¬ 
terials will oftentime.s interfere with their operation, so that wt» 

be such that parts will operate for long continued periods of t.imo 
without any lubrication whatever. 

cohnection, it may be interesting to refer to the motor 
which IS used to drive this selective mechanism. In order to 
insure tlus continuity of operation, there has been providoil a 
^-called duplex motor for the operation of the lifting drives 

from Tha 

dirSfi« + alternating or 

direct ounent. In case of failure of this power supply, however 

tlw motor IS so arranged, that without any outeide manipulatioii 

whatever, it automatically switches to the power loads from a 

stomge battery located in the building, so riiat its clrinum^ 

Sv to throw-over from the main source of 

supply to tos emergency source, is such that the motor will nat 
stop and the mechanism is maintained in continuous operation 
evm though the primary source of power supply is removed 
ThB terminal bank which is iUustrated in the p^pS aSown 
on the screen, involved some mechanical problems a little bit 
out of ao ordinary. This rigid struoture is aCt 39 “mh^ 
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long and 15 inches high, made up of 300 strips of metal, with an 
eq.ual number of insulating strips between them. This whole 
group of parts must be so assembled that, in its finished state, 
these terminals are properly centered within dimensional limits 
of 86/10,000 of an inch. This is done to provide as wide limits 
as possible in other portions of the mechanism, particularly in 
the moving parts. Therefore, in the fixed portions, this great 
precision is adhered to, to reduce to a minimum other adjust¬ 
ments that may have to be made. 

Furthermore, these parts must be insulated from each other 
to withstand unusually high potentials that may occasionally 
be applied and in order to insure this they are tested with a 
potential of 500 volts.' The proper insulation resistance between 
the parts must be maintained at a proper point at all times. 

Now, in a full-sized central office, such as we have been de¬ 
scribing, there may be as many as 4000 of these selecting mech¬ 
anisms, 4000 of these rods, and in the ultimate plan for the Metro¬ 
politan area, it is expected there may be as many as 300 offices, 
so that we may have over a million of these devices that may be 
involved in the giving of service in an area such as the Metro¬ 
politan district. Each one of these selecting mechanisms must 
be constructed with sufficient precision that it may be removed, 
and a new one introduced, or so that any part of the mechanism 
can be replaced, without recourse to machinery for making the 
replacement. This presents a problem of interchangeable manu¬ 
facture which is in a class by itself. 

Now, we go to the dial. The only intelligence that is trans¬ 
mitted from the substation in this machine switching system to 
control the central office mechanism is through the agency of 
electrical impulses. Therefore, it goes without saying, that 
these must be very accurately controlled. 

The dial which has been described to you is arranged to trans¬ 
mit pulses at the rate of ten per second, with a variation of plus 
Or minus one pulse. There must be a definite relation between 
the period of make and break of the electric circuit so that this 
little device located at the substation, which is used to transmit 
electrical impulses, has a period of make, held between the limits 
of twenty-five-thousandths of a second, and fifty-thousandths 
of a second, and a period of break between forty-five-thousandths 
of a second, and one hundred thousandths of a second. What 
we really have here at the substation, subject to all the rough 
usage that devices of this sort usually receive, is areal instrument 
of precision. 

H. P. Charlesworth: There is one matter that comes to 
mind which is of considerable importance from the subscriber’s 
standpoint and which may be of interest here. 

Mr. Chesterman has mentioned that one of the fundamental 


requirements that a satisfactory machine switching system 
must meet is that any subscriber shall not be required to perform 
essentially different operations in reaching different switchboard 
systems from the same telephone. In other words, the machine 
switchhig subscriber must not have to differentiate between a 
Twannal telephone and a machine switching telephone and neither 
must the manual subscriber have to similarly differentiate on 
his part. 

This naturally brings us immediately to the telephone num¬ 
bering system which is referred to in the paper and perhaps just 
one word regarding it may be of considerable interest. The 
automatic system receives a call, of course, from the subscriber 
through the medium of the dial. The call must come in as a 
suitable number of electrical impulses. Wo would, therefore, 
naturally think of adopting for machine switching subscribers, 
telephone numbers consisting entirely of numerals, and this plan 
is in fact followed in small exchanges. However, in the case of 
New York, for example, this would mean seven numerals, three 
to control the selection of the desired office and four for the num¬ 
ber itself. A letter would also have to be added if a manual 
party line station was being called. 

Such numbers would be very difficult for both the subscriber 
and operators to xise. Furthermore, it is obvious that it would 
be impracticable, in a large city, to change the form of listing 
of all the existing manual telephone numbers coincident with the 
introduction of the first machine switching office. On the other 
hand, it would also be undesirable to list, in the directory, 
machine switching subscribers entirely in numerals and manual 
subscribers in central office names and numerals. It will be 
seen, therefore, that the subscriber’s numbering system to be 
employed in machine switching operation is an extremely im¬ 
portant matter and in fact, for a time presented one of the most 
difficult problems in connection with largo city operation. The 
solution when found, however, was exti'emely simple. 

You will note from the photographs in the paper that by 
putting letters on the dial, the subscriber in dialing a letter would, 
in effect, be dialing a number. For ex.ample, in dialing PEN 
4256, the subscriber is unconsciously dialing 736, 4256, or in 
other words, just what the machinery requires to complete the 
call. Obviously then, by simply capitalizing the first three 
letters of the office name and selecting satisfactory office names, 
which usually means the existing office names except where their 
first three letters conflict, it is very simple to an’ange so that the 
subscriber can use the same form of listing for all calls. Thus 
the subscriber does not have to know whether the office called 
is a machine switching office or a manual office which, as pre¬ 
viously stated, is the arrangement to be desired when introducing 
machine switching operation in large Metropolitan areas. 
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being carried between each pair of channels to represent 
the load on one crossarm. (For convenience, each 
complete unit of ten wires and two channels will here¬ 
inafter be referred to as a “crossarm”)- The crossarms 



Pig. 1—Wind Test Structure 


were spaced two feet apart vertically. Each crossarm 
was mounted independently of the other arms and 
carried on four hangers (C, Pig. 2) equipped with ball 
bearings at both ends, as shown at B in the same figure. 



PiQ. 2—Arrangement op Equipment on Wind Test 

Structure 


The motion of the crossarms was restrained by springs. 


In order to determine the relation between wind 
pressure on numbers of wires carried on crossarms and 
a single isolated wire, a 1-1/8 in. rod, representing one 
wire, was mounted about five feet in front of the 
structure and at an elevation approximately midway 
between the top and bottom crossarms. This single 
wire was supported in the same manner as the cross- 
arms. The hangers may be seen at L, Pig. 2, the ball 
bearings at M, and the restraining springs at 0, the 
arrangement of the latter also illustrating the method 
of attaching restraining springs to the crossarm hangers. 
The single wire hangers, springs, etc., were iDoxed in, 
in order to eliminate the effect of wind pressure on the 
hanger arms. 

The instrument employed for recording the observa¬ 
tions is shown in Pig. 3. It will be seen that this 
consisted of a specially designed recorder containing 
six independent recording mechanisms and pens, and 



Pig. 3—^Apparatus por Recording Crossarms and 
Wire Dbplections 


six .charts driven simultaneously by a single, long 
roller. In order to transmit the defiections of the single 
wire and the various crossarms to the recording meter, 
the Bristol electric, long distance, motion recording 
system was employed. This system operates on the 
balanced induction principle and consists of two pairs 
of solenoids, arranged to swing horizontally back and 
forth over the end of soft iron cores, and connected in 
pamllel to an alternating current circuit. One pair of 
solenoids is' used for, transmitting and the other for 
receiving, any motion of the transmitting coils being 
followed by a corresponding movement of the receiving 
coils and of the recording pen. 

The complete measuring apparatus thus consisted 
of a transmitter mounted at each end of each crossarm 


. of the single wire, and of the corresponding re¬ 

attached to two opposite hangers on each arm and to cording mechanisms and charts, the recording instru- 
the framework, and adjusted so that all wires would ment being arranged for making simultaneous records 
move as nearly as possible in parallel planes. of the defiections of the single wire and of each of the 
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working condition and having completed all calibra¬ 
tions, it was only necessary to wait for favorable 
weather conditions, in order to obtain the desired 
records. The majority of test observations and read¬ 
ings were made during the months of February and 
March, since it was found that the steadiest and highest 
winds occurred at that time. All equipment was 
frequently calibrated during this period so as to prevent 
any possibility of changed conditions affecting the 
accuracy of the final results. 

In order to determine the relation between wind 
velocity and wind pressure on a single wire, simultaneous 



Fig. 6—Phessure Velocity Curve 


observations were made, during periods of heavy wind, 
of the readings on the wind velocity gage and those on 
the chart recording the deflections of the single wire. 
Numerous tests were conducted in this manner and the 
velocities as obtained from a great number of readings, 
plotted against the corresponding pressures on the wire. 
The results thus obtained are shown by the dot and 
dash curve in Fig. 6, which also shows for comparison 
the theoretical curve plotted from the fomiula P = 
0.0025 y^, in which P is the pressure in pounds per 
square foot of projected area and V is the actual wind 
velocity in miles per hour. 

In order to carry out the shielding tests, and obtain 
data necessary for this part of the investigation, it was 
only necessary to determine how the total pressure on 
all the wires of the sti^ucture compared with that on 
the single wire, during periods of high wind velocity. 
At the beginning of each test, all charts were carefully 
marked with starting points and with the name. or 
letter of the units whose motion they were to register. 
The roller carrying all six charts was then set in motion 
arid the deflections corresponding to simultaneous 
pressures on all units recorded. 

After the completion of each test, the charts were 
laid out so that the deflections recorded at the same 
instant by the Single wire and the various crossarms 
could, be rioted. Points were then chosen at suitable 
intervals on the single wire deflection curve and the 
deflections which crossarms recorded at the same instant 
tabulated opposite these single wire deflections. The 


following table shows a sample of some of the actual 
test results obtained in this manner, each value of 
crossarm deflections being the average of numerous 
readings. 

SAMPLE OP TEST RESULTS 
(60 WIRES ON LINE) 


Deflection 
Single Wire 

Average 

Deflection Arm 0. 

7,6 

6,5 

12.5 

9.0 

17.6 

12.1 

22.6 

15.1 

27.6 

19,0 

32.6 

23.3 

37 5 

26.9 

42.5 

31,7 

47.5 

35.0 

62.6 

39.7 

67.6 

44.0 

62.6 

49.6 

67.5 

53.0 

87.5 

72.0 

92.6 

78.3 


Tests were made in the above manner with all five 
crossarms in place on the structure. Tests were also 
made with 40, 30, 20, and 10 wires on the line, one arm 
of wires being removed just previous to each series of 
t^ts, the removal of arms being in the order A, E, B, 
and finally D. 

In order to put the data obtained from the above 
tests in convenient form for study, curves were plotted 
from the tabulated deflections, the deflections of the 
crossarms being plotted as ordinates and those of the 
single wire as abscissas. 



Fig. 7—^Arm C —Observed Deflections 


The lower curve in Fig. 7 is plotted from the data 
giveri in the foregoing table and shows the deflections of 
Arm C when there was a total of 50 wires on the line. 
Similar curves were also plotted for each of the other 
arms, and in addition, a set of curves for each wire 
load, 40, 30, 20, and 10 respectively. The complete 
set of curves for arm C in shown in Fig. 7. 

By applying the proper calibration curves to the 
deflection curves above .described, it was possible to 
transform deflections to loads and to obtain new sets 
of curves showing the direct relation between forces on 
the several crossarms and that on the single wire. The 
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These values of actual comparative deflections, con¬ 
sidered entirely without reference to calibrations for 
wind pressures or velocities, prove unquestionably that 
the deflection, and consequently the pressure, on one 
arm decreases as the number of wires on the line 
increases. In other words, they establish definitely the 
fact that shielding exists between crossarms. 

Next considering the curves shown in Fig. 9, it is 
possible to gain an idea of the shielding between wires 
carried on the same crossarm, and also of the amount 
of shielding under different wind conditions. For 
example, when the pressure on the single wire amounted 
to 8 pounds per square foot, the pressure recorded on a 
line of ten wires was only 4.6 pounds per square foot, 
demonstrating that there is a very marked shielding 
effect between wires carried on the same crossarm, as 
well as between wires carried on different crossarms. 
Furthermore, corresponding to the pressure of 4.6 
pounds per square foot on a ten-wire line, the tests 
showed a unit pressure of only 3.4 pounds per square 
foot when there were 50 wires on the line. A similar 
relation will be found to exist when any other unit 
pressure on the single wire is taken as a basis of com¬ 
parison. 

From the curves of Fig. 10, can be read directly the 
per cent of shielding which was shown by the tests to 
exist wdth various numbers of wires on the line and at 
different wind velocities. Thus, at a wind velocity 
of between 25 and 30 miles per hour, the shielding is 
apparently near zero, judging from the slope of the 
curves. In fact, the twenty-wire curve shows a zero 
value of shielding at a velocity of about 30 miles per 
hour, although the fifty-wire curve at the same velocity 
indicates approximately 20 per cent of shielding. The 
small shielding found at these comparatively high 
velocities is probably due to the fact that, as previously 
stated, it was found impracticable to adjust the record¬ 
ing instruments to give accurate results at low wind 
velocities without sacrificing accuracy in the upper 
ranges. It will be noted that the shielding increases 
with the wind velocity, var3ring from about zero at 
velocities of from 25 to 30 miles per hour to as high as 
69 per cent at velocities of about 62 miles per hour, with 
fifty wires on the line. Furthermore, it appears that 
the shielding increases most rapidly between 30 and 40 
miles per hour, above which the rate of increase gradu¬ 
ally becomes less. Few observations were made at 
wind velocities higher than 60 miles per hour, but the 
curves indicate that the shielding does not increase 
greatly above this velocity. At an actual velocity of 67 
miles per hour, which corresponds to the pressure of 8 
pounds per square foot that is ordinarily assumed as 
the condition of h^vy loading, the shielding effect 
v^es from a minimum of about 43 per cent on a ten- 
wire liiie to approximately 67 per cent on a fifty-wire 
line; 

. telegraph and telephone lines for 

situations of hazard, it has often been the practise in 


calculating transverse loads to assume a wind pressure 
of 8 pounds per square foot of projected area on wires 
covered with ice in. in radial thickness, and then to 
neglect one-third of the number of wires carried—that 
is, to assume a shielding effect of 33-1/3 per cent. In 
the present investigation, tests show, as indicated in 
Fig. lO, that under a wind velocity of 57 miles per hour, 
which corresponds to a pressure of 8 pounds per square 
foot, the shielding effect varies from a minimum of 
about 43 per cent on a ten-wire line to approximately 
67 per cent on a fifty-wire line. Evidently, therefore, 
the assumed shielding effect of 33-1/3 per cent is very 
fconservative, since it is but 60 to 75 per cent of that 
shown by the tests for this velocity. It is hardly 
probable that the investigation contained any errors 
large enough to make up this difference, especially in 
the tests made at wind velocities exceeding 40 miles 
per hour. 

Accuracy of Results 

While during the entire investigation of wind pres¬ 
sures every precaution was taken to insure the results 
being as accurate as possible, there still remain a number 
of factors whose influence should not be overlooked. 

In the first place, the structure used to support the 
crossarms was necessarily within such distance of the 
wires that it may have influenced the wind currents to 
some extent. Furthermore, there was probably a 
slight ""end effect'' at the ends of the wooden rods where 
they were supported by the thin steel channel crossarms. 
At the most, however, this latter effect could not have 
altered the results by more than one per cent since the 
length of the span was roughly 100 times greater than 
the diameter of the rods. 

Secondly, it was not found possible to obtain exactly 
similar characteristics in the several recorders nor to 
make the inertia of the single wire exactly proportional 
to the inertia of the several ten-wire units. For this 
reason, it was not practicable to obtain simultaneous 
observations of wind gusts which would be truly 
comparative. Although this condition was largely 
compensated for by oil damping, as previously described, 
applied to the movable wires and the recording ap¬ 
paratus, the actual effects were still further eliminated 
by working up the results only from points on the 
charte which were practically free from sudden changes 
in \rind velocity. It is believed that this procedure, 
together with the fact that large numbers of points were 
averaged, practically eliminated all errors due to 
inertia. 

Another condition which possibly influenced the 
r^ults was that the steel suspension members from 
wMch the crossarms hung were not shielded from the 
wind. On the basis of the relatively small area these 
hangers presented to the wind, the error from thip 
cause could not have exceeded one per cent and, 
therefore, was neglected. The hangers supporting the 
single wire were shielded from the wind and hence were 
not a source of error. 
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Another difference between the experimental line 
and a real line is that in the latter, the swaying of wires 
and poles causes constant variation in the position of the 
wires with respect to each other, while in the experimen¬ 
tal line, the sags of the wooden rods were more constant, 
although not entirely uniform. While this character¬ 
istic of a real line could not, of course, be duplicated, 
the wires of the experimental line, nevertheless, as¬ 
sumed positions quite similar to those of a real line, 
since the natural warping of the wooden rods caused 
many irregularities in the sags of the different wires. 

The above paragraphs discuss the principal sources 
of error which are known to exist. There is still another 
respect in which the conditions in a real open wire line 
could not be simulated in the experimental structure. 
The inertia of wires heavily loaded with ice tends to 
absorb much of the energy of sudden gusts of winds, 
before the force of the wind is finally transmitted to 
the supporting poles. On the other hand, the swaying 
of heavy wires under the influence of sudden and 
variable gusts of wind probably at times causes momen¬ 
tary forces on the supporting poles which may even 
exceed the direct pressure of the wind at any one 
instant. These conditions are obviously too complex 
to be duplicated in a short span line such as used in the 
present investigation, but their absence from the experi¬ 
mental line could hardly have affected the relation be¬ 
tween the ynnd pressures on the single wire and the 
multiple wire units, which relation was the primary 
thing that the investigation was to determine. 

It wll be seen from the foregoing discussion that 
such inaccuracies as may have entered into the results 
of the tests were comparatively small. In fact, the 
relation between wind pressure and wind velocity was 
found to be approximately the same as that which other 
investigators have determined, the maximum difference 
between the experimental constants, and the commonly 
accepted value, being within 8 per cent and the 
average, difference only 3.6 per cent. It therefore 
s^ms safe to assume, for practical purposes, that the 
wind pressures recorded in these tests and the results 
deduced from them were accurate within 10 per cent. 

Conclusions 

The final results of the wind pressure investigation 
described in this paper may be summarized as follows: 

1. The formula P = 0.0025 V^, in which P is the 
pr^ure in pounds per square foot of projected area on 
cylindrical surfaces, and V is the wind velocity in miles 
per hour, may be used in calculating wind pressures 
on unshielded ice covered conductors. 

2. A definite shielding effect exists between ice 
covered telegraph and telephone conductors carried 
on the same crossarm and closely spaced (about 12 in. 
center to center) as in modem telegraph and telephone 
practise. 

3. A similar shielding effect also exists between such 
wires carried on different crossarms spaced two feet apart. 


4. The amount of shielding on any number of wires 
increases with the wind velocity, and vice versa. 

5. The shielding at any wind velocity varies with 
the numb^ of wires, increasing as the number of wires 
increases, and vice versa. 

6. On telegraph and telephone lines having con¬ 
ductors coated with ice in. in radial thickness, the 
total shielding effect at wind velocities corresponding 
to a pressure of 8 pounds per square foot, even allow¬ 
ing a 10 per cent reduction from the test results in order 
to compensate for possible inaccuracies, will run from 
a minimum of 39 per cent on a ten-wire line to as high 
as 51 per cent on a fifty-wire line. 

The author desires particularly to acknowledge his 
obligation to Mr. R. Leedom, who personally carried 
out most of the work of the investigation above de¬ 
scribed, and his appreciation of the valuable assistance 
rendered by Mr. C. P. Siedler in the preparation of this 
paper. 


Discussion 

F. L. Rhodes: Mr. Howe’s valuable paper advances our 
knowledge of a subject which has occupied the attention of 
engineering investigators for more than three hundred yetirs. 
Study of the resistance of plates to the motion of fluids against 
them, goes back to the time of Galileo. Sir Isaac Newton, about 
1687, announced the general formula based on theoretical con¬ 
siderations, indicating that the pressure varies with the square 
of the velocity, that is, P = jS: V*. 

Since Newton’s time a vast amount of experimental work has 
been done along two lines. ( 1 ) The verification of the second 
degree relation. (2) The evaluation of the constant. Some 
investigators have added to the second degree term a small 
constant and sometimes first and third power terms. Pig. 6 in 
in Mr. Howe’s paper, indicating a slight tendency for the pres- 
siues at the higher velocities to exceed those computed from the 
second de^ee formula, is intei’esting in the light of this early 
wo^. It is now, however, generally agreed that the equation 
P hr is sufficiently precise for all practical purposes. 

Much experimental work has been devoted to the evaluation 
of the constant in the Newtonian formula. Rouse and Smeaton 
in 1759, evolved a value for K of substantially 0.0050. The 
weight of Smeaton’s reputation carried this coefficient into use 
fa,r beyond conditions similar to those from which it was derived, 
it having been based chiefly upon experiments with windmills! 
Many subsequent investigators determined values for K, 
working with plates and solids having small surfaces borne by 
rotating arms which were whirled rapidly. The methods em¬ 
ployed were subject to several sources of error. 

Within the p^t half century more carefully conducted experi¬ 
ments have indicated that a constant of from 0.0040 to 0.0043 
more nearly represents the actual relation than the Smeaton 
constant of 0.0050. These values apply to the pressime on plane 
surfaces normal to the direction of the wind. As early as 1798 
Samuel Vince determined that the resistance offered by the con¬ 
vex front of a hemisphere was only about 0.4 of that offered by 
its flat base front. Subsequent experiments by Col. Duohemin 
and others showed that the resistance was much affected by the 
shape of the front surface. Duchemin made use of a coefficient 
of 0.6 to give the relation between the pressure on cylindrical 
surfaces as compared with the pressure on flat surfaces of the 
same diameter. At the present time a coefficient of about % is 
generally used, and applying this to the constants given above 
for plane surfaces gives results of from 0.0025 to 0.0027, which 
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are closely confirmed by Mr. Howe’s experimental results for a 
single wire. 

In considering the precision of the Newtonian formula, it 
should not be forgotten that, strictly speaking, corrections 
should be made for temperature and barometric pressure. For 
example, the pressure decreases about 1 per cent for each 4^ 
deg. fahr. rise in temperature, and increases about 1 per cent for 
each 0.36 inch of barometric pressure. 

Turning now to the question of shielding, Fidler, writing in 
1887 on Bridge Construction, pointed out that when the wind 
blows upon a grating or lattice girder, the pressure on the grating 
or girder is somewhere between that of the entire area enclosed 
by its perimeter and that of the actual front surface of the bars 
or plates that compose it, and the pressure on a second girder in 
the rear of the first would usually be less than that on the first. 
He suggested the need of practical tests and stated that it is very 
probable that the amount of shelter varies somewhat with the 
shape and arrangement of the lattice bars, and very certain that 
it varies very greatly with the distance between the girders. 

Quantitative results as to shielding have been confiicting. 
For example: Baker, in coimection with the Forth Bridge 
Investigation between 1884 and 1890, found that if two similar 
disks were placed exactly in the rear of each other, but at dis¬ 
tances apart of 1, 2, 3 and 4 diameters, the total pressure on the 
combination amounted respectively to 1.0; 1.4; 1.6 and 1.8 times 
the pressure on the front disk alone, and that the total pressure 
was but little if any increased by the insertion of intermediate 
disks. On the other hand, Thibault had found as much as 1.7 
pressures at single diameter distances. 

The allowance for shielding effect has apparently gradually 
crystallized into the use of one and one-half times the projected 
area of latticed structures. 

It has long been known that some shielding effect occurs in 
the case of ice loaded wires on crossarms, and, as pointed out in 
Mr. Howe’s paper, conservative assumptions have been made 
in the past to take account of this effect. It is gratif 3 nhg to 
have available this data from actual measurements conducted 
on a full scale section representative of an actual wire line. 

The author has called attention to a factor which is not 
ordinarily taken into account directly in engineering computa¬ 
tions of wire lines, namely the inertia and the swaying of the ice 
loaded wires. Another factor is the swaying of the poles them¬ 
selves, which sometimes, when the ground is not frozen, results 
in enlarging the pole hole transversely to the line, so that con¬ 
siderable motion of the poles and wires may result. There is 
also, as shown by Langley, the fact that, particularly in high 
winds, the air moves in a tumultuous mass, the velocity at a 
single fixed point sometimes jumping almost instantaneously 
from one extreme to the other. The variables involved in wire 
line engineering are many and their relations are complex. The 
mathematical treatment of the problems of design is of value in 
developing clearly the effects of changes in the various important 
factors involved thus acting as a guide to progress, and in 
smootMng out inconsistencies that would otherwise be liable to 
occur in the case of lines having widely different characteristics. 

The final basis of the design must rest on the results of actual 
experience as reflected in the evaluation of the constants appear¬ 
ing in the mathematical relations. In. this respect the author’s 
paper contributes information of importance to all those who are 
interested in the design of pole lines canying closely spaced wires. 

E. G. Keenans I am obliged to differ with Mr. Howe’s 
conclusion that there is a shielding effect between wires, which 
w^. run from a minimum of 39 per cent on a 10-wire line to as 
high as 61 per cent on a 50-wire line. 

On account of in^y failures of pole lines and wires along the 
railroads that I represent, which failures have seriouriy interfered 
with train operation, 1 have been carefully studsdng the question 
of proper strength of poles to safely carry our wires. The wind 
lielding effect of wires has been offered, upon several occasions, 


as a reason for lessening the initial strength in the pole line 
structure, but, after investigation and mature deliberation, wo 
have rejected this assumption as unwan*anted by such facts as 
are known and the experience we have had. 

My principal reason for not accepting Mr. Howe’s conclusion 
is based upon the fact that, in my judgment, the tests with the 
model conducted by Mr. Howe, did not represent conditions as 
they actually are found in the field. The model was designed 
to simulate a 10-foot section of an actual pole lino, the wires 
being represented by wooden rods in. in diameter, so that 
these rods would represent a wire with a coating of ice J '2 in. 
thick. The model, as constructed, maintains the Avooden rods, 
or wires, on practically an even plane. While there maj'^ have 
been some slight irregularity, due to tluj warping of tluj rods, 
it seems to me that such irregularity cannot compare with the 
irregularity that exists in the wires as actually maintained. 

In order to determine whether or not telegraph and toh'phono 
wires are maintained so that the wires of each erossarm are on 
practically a horizontal plane, I had moasuronmnts taken at 
sixteen places along the railroad on railroad wires and wires of 
other companies. These tests include leads carrying from three 
to seven arms of wires. I give below live examples. The figures 
give the distances in inches of each wire from an assunifjd liori- 
zontal datum line. 


Case No. 1—Isf Crossarm —0, 2pi, 1%. 4Jvf. 6; 

Case No. 2— 2d Crossarm —0, 5H, 5, 6, 2, 1, 0; 

Case No. 3—3rd Crossartn—H, 0, 2^,2^, 5%, 7}4, 7yi\ 
Case No. 4— Ath Crossarm —3J^, 21^, y, 1214, IIH, 2^, 4J^, 
0, 1, 2M; 


Case No. 5— 5th Crossarm —5, 1H,714, 0, 1}4, (h 10, €)}4, Qy, 

12M. 

At the other eleven places where tests Avero made, the results 
were similar to the first three cases, the last tAA^o oases being the 
worst found. 


From these tests of the actual conditions in tho field, it seonjs 
to me that very little shielding could result from Avires that are, 
of necessity, maintained in siicli irregular positions. 

While it may be said that the cases for Avhicli measuroriuints are 
given, showing great irregularity in the sag of wires, do not repre¬ 
sent average conditions, I dc^sire to assure ytm lliat 1 have 
observed this condition on the ground, and I am satisfied that 
the sixteen tests represent the conditions lhat exist to a con¬ 
siderable extent. 


The wires in Mr. Howe’s model Avere non-flexible !is com¬ 
pared Avith wires actually in service, and due to the slutrtuess of 
the model span, tho model Avires, it seems, could not have been 
subject to such swaying motions as occur in actual practise in 
spans from 100 to 150 feet in length. Sueli swaying motions as 
occur in actual practise, undoubtedly cause the Avires to deviate 
from the plane, thus exposing more surface to wind pressure. 

In actual practise, in addition to the SAvayirig effect, there is 
vibration effect, the wires doing what is commonly knoAvn in tho 
field as “dancing,” or vibrating up and down. Under these 
conditions the wires are veiy far from being on tho same plane 
and, therefore, afford little, if any, shielding. 

The supporting structure in the model does not simidate a pole 
support in that a pole in actual service sways considerably and, 
consequently, there is a general swaying effect of both poles and 
wires caused by gusts of wind. 

The model used by Mr. How^e does not represent tho actual 
condition, of a pole line constructed on curves where the poles 
are inclined from tho vertical position, and the crossarms, con¬ 
sequently, are hot horizontal, so that tho wires are not on a 
horizontal plane. 

The above conditions seem to me to be most important, as 
they indicate wide variations as encountered in practise from 
those of the model. 

In the second sentence of the first paragraph of Mr. Howe’s 
paper, the statement is made that some observation indicates that 
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the pressure of the wind’on lines carrying many wires, is not as 
great as the calculated pressure on one wire multiplied by the 
number of wires on the line, from which the conclusion is drawn 
that the reason the lines did not fail was due to the sbiaUing 
effect of one conductor upon another. This, it seems to me, is a 
supposition, and after thoroughly investigating, it might be 
found that the apparent greater strength of the line was du^ to 
the conditions that were not as severe as anticipated, rather than 
to the shielding effect. 

In the last paragraph of the first column, attention is called by 
Mr. Howe to the fact that the tests were made in the Jersey 
meadoAvs on account of the fiat and open nature of the land, 
permitting a free sweep of the wind, unobstructed by anything 
that might cause unusually heavy currents, the nearest buildings, 
hills and depressions in the direction from which 90 per cent of 
the wind blows, bfeing at least five miles away. In this connec¬ 
tion I should like to call attention to the observations of Dr. 
Humphres’^s, Professor of Interior, Meteorological Physics, U. S. 
Weather Bureau, who says; 

Near the surface of the earth the 'wind Is always in a turmoil owing to 
friction and to obstacles of all kinds that interfere with the free flow of the 
lower layers of the atmosphere and thereby allow the next higher layers to 
plunge forward In irregular fits, swirls and gusts with aU sorts of Irregular 
velocities and in every direction. Indeed, the actual velocity of the wind 
near ime sm’face of the earth often and abruptly varies from BPi/»o nd to 
second by more than its full average value, and the greater the average 
Sweater, in approximately the same ratio, are the irregularities 
or differences in the successive momentary velocities." 

Prom the above, which is generally admitted by those who 
have studied the freakish and unusual action of the wind, it 
appears that actual conditions generally prevailing along tele¬ 
graph and telephone rights of way, are more severe than in the 
flat, open country where the tests were made. 

On page 32 of the report attention is called to the inaccuracies 
of the recording instruments. It would be interesting, if it were 
practicable to determine, the extent of these inaccuracies, be¬ 
cause on page 25, second paragraph of the first column, the 
report leads me to think that it probably, was considerable, as, 
apparently, no shielding was noticed at a velocity of 30 miles 
per hour, which is a rather high velocity; and then for the shield¬ 
ing to suddenly jump to 50 per cent at 50 miles per hour, leads 
me to believe that inaccuracies in the recording instruments 
which were noted, may have been considerably more than Mr 
Howe thinks. 

Attention is caUed to the fact that it has often been the prac¬ 
tise m calculating transverse loads,' to assume a shielding of 
33^%. While this may have been done in certain instances, 

I do not believe that the practise has generally been followed by 
engineers, because there is not sufficient engineering basis for 
such assumption. 

In the same column, second paragraph, “Accuracy of Results,” 
attention is called to the effect of the structure itself upon the 
shielding. While the small steel channel supporting the wooden 
rods could have very Uttle effect, it occurs to me that the frame 
itself, Avhich is rather large and exposes quite a surface, would 
produce a very appreciable effect upon the wires. It would also 
seem that at high wind velocities if the frame happened to be 
rotated so as to be in the back of the supporting structure, 
considerable variation might be expected. 

In conclusion I desire to say that, in my opinion, telegraph and 
telephone pole lines and wires should be constructed under the 
fuU, proper assumed loading of wind and ice for the territory in 
which they are located, with a factor of safety of, at least, two. 
Under these assumptions many variable factors must be taken 
into consideration, such as strengths of woods and wire, wind 
velocities, thickness of ice-coating, etc. The prevailing engi¬ 
neering, fundamental principles that have so far been followed 
after ma,ny years’ experience, indicate that no lessening of the 
assumptions should be permitted unless one is absolutely sure 
of them, which is especially true when one considers the small 


f^tor of safety employed in our telegraph and telephone pole 
line and wire work. 

K. L. Wilkinson: The design of wood polo lines has always 
been more or less unsatisfactory from the standpoint of accuracy 
of calculations and the designer has had to make certain assump¬ 
tions which were based on experience with overhead line con¬ 
struction and not on any scientifically proven physical factors. 
The transverse load on the line has been taken as a steady and 
uniform wind pressure acting equally on all wires and the pole 
surfaces. No allowance was made dmectly for impact, inertia, 
shielding, etc., but a rough allowance was made for these fsic tors 
by using factors of safety for wood poles considerably lower than 
those usually assumed for wooden bridges, building and the like. 
Experience has shown this procedure to bo justified because for 
many years it has been observed that certain wood pole lines 
stand up under stonn conditions which, according to the theoret¬ 
ical design formulas, should cause the lines to fail. This has 
been widely observed pai’ticularly in telephone and telegraph 
lines with their large numbers of closely spaced \yires and has 
been taken into account in their design. 

The question of wind shielding, as applied to pole linos, has 
in the past been the subject of occasional controversy boWoen 
engineers, not because its existence was doubted but because it 
had not been demonstrated and measured. Mr. Howe’s pajwr 
is therefore particularly valuable to those interested in overhead 
lines cons'kruction, first because it proves that wind shielding is 
an important factor and second because it indicates the quantita¬ 
tive limits of this factor. 

Shielding of one body by another in streams of fluid pressure 
has been a subject of consideration for many years and has been 
taken into account in the design of stool bridges and similar 
latticed structures. Experiments have been made from time 
to time in wind tunnels and these have yielded many valuable 
indications on this subject. In recent years it has been necessary 
to carefully study wind pressures in connection with tlie design 
of aircraft and this has yielded information which lias indicated 
ho'w currents of air moving at high velocities are broken up by 
objects of different sizes and shapes. All of these experiraonts 
and tests have tended to show that parallel objects in a stream 
of air do produce a certain shielding effect on each other and that 
this shielding depends upon the velocity of'the stream of air and 

upon the ratio of the size of the objects to the distance botw'een 
them. 

I think it can therefore be said, ivithout detracting in any way 
from the value of Mr. Howe’s paper that he has not presented a 
new subject. He has, however, admirably demonstrated in a 
practical and scientific way the factor of wind shielding in tolo- 
^aph and telephone lines and has established beyond reasonable 

doubt that this factor should be considered in the design of such 
lines. 

P. J. Howe : The presentation by Mr. Rhodes of such various 
data relative to prior investigations of ivind pressures constitutes, 
in effect, a comprehensive introduction to the writer’s own paper 
on this subject. The close conformity existing between the 
fundamental principles previously established and the facts 
arrived at through the recent experiments goes far toward indi¬ 
cating that the design of wire carrying structures cannot have a 
proper engineering basis until some allowance is made for the 
shielding effect which closely spaced wires exert on each other. 

Similarly, Mr. Wilkinson’s statement, obviously based on 
the experience of a great telephone system, that wood polo 
lines stand up under storm conditions which, according to the 
theoretical design formulas, should cause the lines to fail, .shows 
that there is some factor, such as shielding or the equivalent, that 
serves to lessen the effect of wind pressures on pole lines carrying 
closely spaced wires. 

In his discussion of the subject on the other hand. Mr Keenan 
disputes the conclusion that there is a shielding eS’bereon 
wires. Unfortunately, his remarks give few engineering facts 
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to support the many personal opinions that are expressed and 
in consequence, his discussion serves principally to indicate that 
the presence of shielding between wires is not agreeable to the 
speaker. In order, however, that the Institute records may 
contain both sides of the various questions which have been 
raised, it seems desirable to make a brief answer to at least a 
few of the assertions made by Mr. Keenan. 

In the first place, he states that the question of proper strength 
of poles has been carefully studied by him on account of the 
many failures of pole lines and wires that have occurred along the 
railroads which he represents and that in view of the facts ob¬ 
tained from such experiences, he has rejected the assumption 
regarding shielding. The truth of the situation is that pole 
lines and wires have failed many times on account of inadequate 
strength or maintenance, but no facts were submitted by Mr. 
Keenan or have ever been obtainable by the writer to show the 
failme from ice and wind storm of a line which theoretically 
ought not to have failed. The fact that lines have failed in the 
past is no reason whatever why shielding may or may not exist 
between wires. 

Frequent reference is made by the speaker to the fact that the 
wooden rods which represented wires in the experimental struc¬ 
ture were practically on an even plane, whereas actual wires on a 
pole line occupy irregular positions and vibrate up and down 
dming high winds; also that wires on curves depart considerably 
from a horizontal level, due to the fact that the poles on curves 
are inclined from the vertical. He further asserts that wires 
which are very far from being on the same plane afford little if 
any shielding. 

Whether the plane of the wires in the experimental structure 
was horizontal or not really makes very little difference. Ac¬ 
cording to Mr. Keenan’s own quotation from Dr. Humphreys of 
the United States Weather Bureau, the wind near the surface 
of the earth is in a turmoil, full of gusts, swirls and varying 
velocities, and hence must be considered as blowing from all 
directions, inclined as well as horizontal. The investigation 
made by the writer was made out of doors under actual out of 
door conditions and the results, therefore, apply to the conditions 
that exist during the extreme disturbances of heavy wind storms 
and gales. Furthermore, not only did the normal level of the 
test wires vary considerably, as will appear from Fig. 1 of the 
paper, but when subjected to the forces of 60 to 60 mUe per hour 
gales, these wires or rods fairly danced and oscillated, much as do 
the wires in actual pole lines. The implication that wires must 
be in the same plane in order to afford shielding has little justi¬ 
fication, in view of the findings of these experiments. 

Another point made by Mr. Keenan was that, according to 
actual measurement, the wires on individual cross-arms vary all 
the way from 0 to as much as 12 in. from a horizontal level. 
These figures undoubtedly refer to very special cases of lines 
which are either of small importance or in need of repair. To 
believe that they are at all representative of actual conditions 
on a great railway would be a sad refiection on those who are 
responsible for the maintenance of the railroads’ communication 
system. As a matter of fact, anyone who has traveled the great 
railroad systems of this country knows that mile after mile of 
the wires on the paralleling telegraph lines flash by with seldom 
a noticeable deviation from the uniform level of the wires car¬ 
ried on the various crossarms. 

In commenting on the quotation from Dr. Humphreys, Mr. 
Keenan reaches the conclusion that conditions in the open 


country where the tests were made are not as severe as those 
along telegraph and telephone rights of way. Just why this 
might be so is not evident. Certainly human experience as¬ 
sociates the highest winds with localities where the wind has a 
free sweep, unimpeded and unobstructed. In any event, 
results of the tests are applicable to either situation since the 
actual wind pressures and velocities were measured and the con¬ 
clusions based on these measurements. 

In discussing the possible sources of error in the tests, Mr. 
Keenan thinks that because no shielding was noticed at veloci¬ 
ties much below 30 miles per hour, the inaccuracies in the 
measuring instruments may have been more than the writer 
thinks. The exact accuracy or inaccuracy of tlie tests is, of 
course, indeterminable, but it must be remembered that shield¬ 
ing from one object to another results solely from air disturb¬ 
ances that extend back of the first object, and that the distance 
which such disturbances extend depends on the size and shape 
of the first object and the velocity of the wind. It is not to be 
expected that any shielding whatever will be experienced until 
the wind attains a high enough velocity for the di.sturl>anco to 
reach from one wire to its neighbor. This limiting velocity is 
shown by the curves of Pig. 10 to range between 2.5 and 30 miles 
per hour for wires of the size and spacing employed in the tests. 
It would undoubtedly be considerably lower, however, with 
larger wires or closer spacing, and higher Avith smaller wires or 
wider spacing. 

Another of the writer’s statements which is questioned, is 
“that it has often been the practise in calculating transverse 
loads, to assume a shielding of ZZH per cent,’’ Mr, Koonan 
stating that there is not sufficient engineering basis for such an 
assumption. The statement questioned said “it has often been 
the practise in calculating transverse loads . . . to neglect H 
of the number of wires carried—that is, to as.sume a shielding 
effect of 33 per cent.’’ This neglecting of }4 of the wires is 
prescribed not only in the National Electrical Safety Code issued 
in 1920 by the Bureau if Standards, but also in mandatory regu¬ 
lations, mostly of more recent date, that have been drawn up and 
put into effect by the Public Utility Commissions of various 
states such as Ohio, North Dakota, Wisconsin, Kansas and 
Oldahoma. The engineering basis for the assumption that 
shielding exists seems to be thoroughly establishe<l, as ])ointed 
out in the discussions of both Mr. Rhodes and Mr. Wilkinson, 
by the long continued practise of structural engineers in allowing 
a considerable reduction in the theoretical area of latticed struc¬ 
tures exposed to wind pressures. The ratio botAveon the separa¬ 
tion of members and their size is often much greater in latticed 
towers and structures than in the experimental line used in the 
wind tests. 

One of the final points raised by Mr. Keenan is that the struc¬ 
ture which supported the experimental pole lino Avould produce 
a vep- appreciable effect upon the wires. This, of course, is a 
possibility which is difficult to appraise. The main point to 
keep in mind, however, is that this effect, Avhatever it may haA'o 
been, doubtless affected all wires and, therefore, should have 
exerted only slight influence on the relative pressures on the 
different wires and the shielding of the wires, one to another. 

Mr. Keenan’s remaining criticisms are for the most part either 
immaterial or already answered in the Paper under discussion. 
His final remarks relative to proper strengths and factors of 
safety for telegraph and telephone pole line constniction have 
no bearing whatever on the matter of shielding aiid need no 
answer. 
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Review of the Subject.—A small bungalow in a grove of oak 
trees just outside of Riverhead, Long Island, with a line of poles 
along a country road, carrying two copper wires, and ending by a 
stream nine miles southwest of Riverhead,—this in brief describes the 
Atlantic coast “ear” of the Radio Corporation of America, where the 
wireless messages from England, France, Germany and Norway are 
received, disentangled, amplified, converted into current of tdephonie 
frequency and automcUically relayed over telephone circuits to the 
Broad St. Ofiice in New York, where operators take the messages by 
ear, or automatic recorders mark the dots and dashes on tape. 

The present paper deals with the two copper wires on the line of 
poles, far they constitute the wave antenna which has not only marked 
a distinct advance in the reduction of interference and “static,” but 
because of its aperiodic nature and efectiveness as an energy col¬ 
lector, has made possible the sumultaneous reception of a large 
number of messages by one antenna, and the automatic relaying of 
the messages over land wires. 

The use of two wires is not an essential feature of the wave anlenna 

but permits flexibility in the location of the receiving station. In its 
elementary form the wave anlenna consists of a straight horizontal 
conductor. (See Fig. 10) of the order of a wave length long, parallel 
to the direction of propagation of the desired signal, with the receiving 
circuit located at the end farthest from the sending station and with 
the end nearest the sending station grounded through a resistance of 
the proper value to practically prevent reflections. Under these 
conditions the desired signal waves produce comparatively feeble 
currents at the end nearest the sending station and strong currents at 
the receiver end, while disturbances coming from the opposite direc¬ 
tion cause feeble currents at the receiver end and strong currents at the 
end farthest from the receiver (nearest the transmitting station) (See 
Fig. S). This comparative immunity of the receiving set to dis- 
turbances coming from a direction opposite to the desired signal is 
lost if reflections are permitted to occur at the end farthest from the 
receiver. The growth of current in the direction of travel of the space 
wave depends on the velocity of propagation of waives on the antenna 
in comparison with the velocity of the space waves, the received current 
being strongest if the two are equal. If the characteristic wave 
velocity on the antenna is less than that of the space waves (or less 
than the velocity of light) increasing the length of the antenna in¬ 
creases the received current up to a certain point, after which 
further increase in anlenna length reduces the received current. 
The length for maximum signal depends on the velocity ratio and 
wave length. The slower the antenna or the shorter the wave length 
received the shorter the length for maximum signal. It is very 
frequently the case, however, that the best directive properties are 
obtained with an anlenna longer than that which gives the strongest 
signal. 

The effect of the space wave is to produce in the wire a signal 
frequency electromotive force which affects the different parts of the 
antenna progressively as the space wave passes over the line. On 
this basis the received current can be calculated in terms of the fre¬ 
quency and intensity of the induced electromotive force^ the direction 
of the space waves and the length and dectrical constants of the 
anlenna. By assuming the direction to be changed while all other 
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factors remain the same, and calculating the relative value of received 
current for various directions of signal wave, we can determine the 
directive properties of the antenna. The remit is best shown by 
means of a polar directive curve. For each assumed direction for 
which the received current has been calculated, a radius is drawn, 
with length proportional to the received current. The curve drawn 
through the ends of these radii is known as the directive curve for the 
anlenna. Directive curves are given (Figs. S5 to 4 I) which bring 
out the effects of anlenna length, relative to the wave length, velocUy 
of propagation, and line attenuation. The directive curves are 
for the rnost part drawn with the maximum radius taken as unit 
length, since this makes comparisons of directive curves easier. In 
general, it is found that moderate line losses are not appreciably 
detrimented to the directive properties of the antennas, while the fact 
that velocities obtainable with unloaded lines are materially below 
that of light, results in an actual improvement in directive properties 
in most cases. As o rule the longer the antenna the sharper its 
directive curve. While it is possible to obtain fair directive prop¬ 
erties with antennae less than a half wave length long, this length is 
considered about the shortest that can be recommended. 

By a process of balancing, it is possible to produce a “blind spot” 
or direction of zero reception, at any angle more than 90 deg. from 
the signed. One method of obtaining this result is by producing 
reflections of certain phase and intensity at the end opposite to the 
receiver. Reflections at the receiver end of the antenna, on the other 
hand^ do not alter the directive properties of the antenna. 

Experimental work thus far has given a qualitative check on the 
theory and calculations of the wave antenna, and it is hoped that 
further observations and measurements will shortly be made. Ex¬ 
perimental data on wave front tilt, on which the action of the wave 
antenna depends, is especially meagre. 

Data on wave velocity and line losses on an existing antenna can be 
obtained by means of a radio frequency oscillator and one or two 
hot-wire miUiammet&rs. Measurements taken by the writers show 
much higher attenuation and lower velocities for ground return 
circuits than for metallic circuits. Ground resistance explains this 
effect. The mean depth of return currents at the longer radio wave 
lengths appear to be of the order of several hundred feet. The more 
wires in multiple in the antenna, the lower the velocity and the higher 
the rate of alien nation' (See Fig. 66 and 68). 

Reduction of atmospheric disturbances or “static”, has probably 
received more attention from experimenters than any other one phase 
of radio reception. Of the various lines of attack none has been more 
fruitful than the employment of directive receiving systems. Every 
increase in directivity has resulted in an improvement in stray raiio. 
The wave antenna carries the principle farther than any previous 
type. Conditions on the eastern coast of North America are espe¬ 
cially favorable for' taking advantage of differences indirection, for the 
European stations are to the northeast while the predominating 
direction of static is from the southwest. 

Various practical engineering problems in connection wUh the 
wave antenna, including its application to short wave reception, are 
discussed toward the close of the paper. 

The first work with long horizontal antennas appears 
to have been done in the pioneer days of radio by 
Marconi^ Braun®, Secher®. A short historical sketch 

1 . Marconi, English Patent No. 12039,1896. 

2. P. Braun, T>. R. P. No. 115081,1898, 

3. E. Seeher, Phy. Ztschr. 4, 320, 1903. 
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6 shows a photograph of part of the line. A flexible 
type of line construction was adopted which would 
make it possible to try numerous experiments such as a 
series of loops or series of verticals connected through a 
transmission line, etc. Two cross arms were provided, 
one at a height of 18 feet and the other 30 feet above 
ground. The upper arm carried two No. 10 B & S copper 
wires and the lower arm four similar wires. All lines 
were broken every ten poles, and down leads were 



Pig. 7—Oscillation Tests op Riverhead Antenna. Pour 
Wires in Multiple, x = 9400 


velocity was high and attenuation low compared with 
the rubber covered wires, and that it had no serious 
reflection points. Figs. 7, 8 and 9 show typical curves 
obtained with the new antenna. A comparison with 
similar curves, taken on the rubber covered ground wires, 
brings out the improved electrical properties. 

The failure at the start to get good short circuit 
reflections when the far end of the line was grounded 
caused us to suspect that the high-frequency resistance 
of the grounds was much greater than we had estimated. 
These grounds were made with lines of iron wire laid in 
water. The substitution of copper wires removed this 



provided so that connections could be readily changed. 
The line ran seven miles approximately southwest from 
Riverhead along an unfrequented sand road, and was 
later extended to Terrell River, making a total length 
of nine miles. The line is as straight as it was feasible 
to build it, and its direction is substantially in line with 
the principal European long wave stations, the recep¬ 
tion of which was a matter of primary interest. 

The first tests on the new line showed that the hoped 


PiQ. 9 —Oscillator Tests on Riverhead Antenna. 
Single Upper Wire, x = 7600. A End Open. B End 
Grounded Through 600 Ohms, 

difficulty. The adjustment of resistance for unidirec¬ 
tional effects was now clean cut and in accord with the 
theory. A dead ground at the N. E. end gave as bad a 
stray ratio on the average as an open circuit. 

Explanation op the Action op the Wave Antenna 
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Pig. 8—Oscillation Tests op Riverhead Antenna. 
Upper-Wires in Multiple, x = 7900 


The wave antenna in its simplest form consists of a 
horizontal wire of the order of a wave length long point¬ 
ing towards the transmitting station, as pictured in Pig. 
10 . 

When the signal wave reaches the end “A” an e. m. f. 
is induced in the horizontal antenna wire, due to the 
fact that the wave front is not perpendicular to the 
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Fig. 10—Simple Form Wave Antenna 


for results had been realized. Instead of an optimum 
length of six or seven kilometers, the signals became 
stronger and stronger as the receiving set was moved 
toward the southwest, and the signal strength there was 
several times greater than had been obtainable with 
the rubber covered antennas. While the stray ratios 
observed on the rubber covered antennas had seemed 
excellent, the new antenna fully met our expectations 
of improvement. 

Oscillator tests on the new antenna showed that the 


ground, but has a tilt forward of 1 deg. to 10 deg., 
depending on the wave length and character of ground. 
Thus, at the end A, a little wave starts to run down the 
antenna towards the receiving station, and if it travels 
with the same velocity as the radio wave in space, the 
space wave follows right along with it, supplying energy 
to it as it goes and building it up, until at the end B it 
has reached a magnitude many times that which it had 
at A. This is illustrated in Fig. 11 which shows a 
single wave at successive time intervals. If the veloc¬ 
ity of the wave on the wire is not equal to the space 
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wave (velocity of light) interference effects develop, 
the wave on the wire building up for a certain distance 
and then decreasing in amplitude. The velocities on 
actual antennas, however, are nearly enough equal to 
that of light so that for considerable lengths the wave 
on the wire builds up as it would on a light velocity line. 

A. signal coming from the opposite direction to that 
which we have been considering, will build up a wave 
on the wire in a similar way, from a small value at B 


strung on a pair of small steel wires a half inch apart in 
the case of the lower line and an inch and a half apart 
in the upper line. The rockers of the upper line are 
loaded with lead. The inertia of the rocking stick is 
analogous to line inductance, while the elasticity of the 
connection between successive sticks is analogous to the 
capacity between the conductors of an electrical line. 
The velocity can be changed by varying the tension on 
the wires., The dashpots at the ends practically stop 



PiQ. 11 —Building Up op Wave on Wire as Space 
Wave Progresses 

to a large value at A. If now the line were open or 
groimded at A, the wave would be reflected back over 
the antenna to the receiver end B, and would be heard. 
On the other hand, if we damp the end A in such a 
manner as to prevent reflections, the antenna becomes 
unidirectional. A no n-inductive resistance, having 
the value R = -s/L/G ohms, where L and C are the 
inductance and capacity of the antenna per unit length, 
constitutes a practically perfect damper. 



reflections. The upper line provides a means of im¬ 
parting energy progressively to the different portions 


MUH'' 

\ i 

1. ll'iUliiini.”'* 


1 (•»<», , ^ 

1 ' 

> .Hil'i''"'".¥ 






' ... 


II m 

1 



\ ■ ■ ! 






Pig. 12 —Mechanical Model op Wave Antenna_ 

Stationary View 


PiQ* 13 ]\^ECRANICAL ^tODEL OP "W^AVE ANT'ENNA WITH 

End Damped 


Many mechanical analogies will occur to the reader, 
such as the building up of water waves in the direction 
of the wind. An interesting experiment is to run over 
thin ice. If you run at just the speed of wave propaga¬ 
tion of the ice surface you can build up a larger wave. 
If you run too slow or too fast little effect is produced. 
To demonstrate the manner of building up of waves on a 
wave antenna. Rice and Kellogg built the mechanical 
model shown in Figs. 12 to 17. The upper line repre¬ 
sents the space wave and the lower line the wave on the 
wire. Each line consists of a series of wooden sticks 


of the lower line, as a space wave imparts energy to the 
^tenna line. A slight coupling between the two lines 
is supplied by light rubber bands stretched from short 
hooks on the upper sides of the lower sticks to corres¬ 
ponding hooks on the under side of the upper sticks. 
Waves are imparted to the upper line by moving one 
end by ^nd for an impulse or by a motor driven rocker 
for continuous waves. 

Pig. 12 is a stationary view of the machine. 

Pig, 13 shows a senes of views taken with a moving 
picture camera, when an impulse is imparted to the 
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upper line. The growth of the wave on the lower line 
as it approaches the far end is readily seen. The wave 
on the lower line appears to pass off the end leaving the 
line practically stationary. 

Pig. .14, compared with 13 shows the effect of re¬ 
moving the dashpot, thus permitting a free end re¬ 
flection-. We notice in these pictures a return wave 
which on reaching the near end, causes a movement of 


line (antenna) as the waves progress from left to right. 
That the upper line carries practically pure traveling 
waves {%. e. has no return waves) is shown by the nearly 
uniform amplitude throughout its length. 

Fig. 16 shows the effect of removing the dashpot at 
the right hand end of the lower line. Considerable 
movement at the extreme left end now appears, due to 
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Fig. 15—Mechanical Model op Wave Antenna—Pull 
Velocity, Building Up 
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Fig. 16—^Mechanical Model op Wave Antenna—Full 
Velocity, Reflection at End 


iiiifsiniiiiiiiiiiiini 

- ~~M 

y III. 

» M i l 1U J 8 H till f 1 

i ' 1' t i '« 

* -i-, , 





PiQ. 17 —^Mechanical Model op Wave Antenna— Slowed 

Down 


the reflected wave. The forward wave (left to right) 
built up on the line, is v«y small near the left end, so we 
find the amplitude there nearly uniform, as would be 
expected with waves traveling in one direction only 
(right to left). On the other hand townrd the right we 
see very clear standing wrave effects, for here the for- 
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ward (left to right) wave has an amplitude more nearly 
equal to that of the return wave. 

In Fig. 17 the right hand end is again damped, and 
the lower line has been slowed down by reducing the 
tension on the wires. This illustrates the building up 
and down of the waves on the antenna when its velocity 
is much below that of the wave in space. 

Reduction TO Practical Form 

After the construction of the Riverhead antenna, 
considerable time was devoted to experiments of 
various kinds with the new antenna, tests and com¬ 
parisons of different antenna arrangements, an oscillo¬ 
graphic study of static, and tests of station apparatus. 



Pig. 18—^Arrangement for Locating Receiving Set at 
Same End as Surge Resistance 

Messrs. Beverage, Rice, Kellogg, P. S. Carter, R. D. 
Greenman and E. P. Lawsing participated. A number 
of practical developments were evolved in the course of 
this work. 

The ^'Reflection Transformer” Circuit. In order that 
the receiving set might be located at the same end of the 
line as the surge impedance, thereby facilitating adjust¬ 
ment, the arrangement shown in Fig, 18 was proposed 
by Kellogg. The two wires work in multiple as an 
antenna, but act as a balanced tra nsm iss i on line to 
bring the signal currents back from the southwest end. 
This scheme obviates the use of extra wires for the return 
transmission line and thus avoids the problem of pre¬ 
venting detrimental effects of nearby conductors. 



Pig. 19—First Balancing Circuit Employed for Obtaining 
Zero Reception from the Back End 

When the primary of the “reflection transformer"’ was 
opened the receiving set was quiet, showing that the 
transmission line although it was not transposed, was 
not introducing any undesirable electromotive forces. 
Thus a horizontal loop receives neither static or signal. 

Compensation for Back Wave. Beverage showed that 
while the resistance could be adjusted to give a mini¬ 
mum for static while listening to Shiropean signals, still 
better stray ratios were obtained by combining with the 
signal currents brought in over the transmission line, 
a small amount of the currents flowing to ground at the 
northeast end of the antenna. This he accomplished 


with a phase adjuster and intensity coupler of the type 
used by Mr. Alexanderson in the barrage receiver. The 
circuit arrangement is shown in Fig. 19. 

The two long wave stations New Brunswick (13,600 
meters) and Annapolis (16,900 meters) were of great 
assistance in making tests and adjustments. Either 
station could be entirely put out by using the phase and 
intensity adjustments of Fig. 19. It was found that 
when the adjustments were made for putting New 
Brunswick out, the stray ratio was best on the European 
stations whose wave lengths were near that of New 
Brunswick, and that when Annapolis was put out the 
adjustments were such as to give the best possible stray 
ratio for the longer wave European stations. In other 
words, the best stray ratio was obtained when the end 
conditions were adjusted to put out the image of the 
desired European station. If a light-velocity wave 
antenna is an exact number of half wave lengths long, 
the mathematical analysis shows that it is unidirectional 
provided the true surge impedance is connected between 
antenna and ground at the end nearest the transmitting 
station. This is illustrated in Fig. 29. Whether the 
true surge impedance is non-inductive or contains a 
capacity or inductive component will depend upon the 



Pig.- 20 Metiwd op Balancing Back End Currents by 
Reflections prom Damped End 

characteristics of antenna and ground at the frequency 
under consideration. Kellogg pointed out that since 
the antenna was not an exact number of half wave 
lengths long, the back wave effect would prevent the 
antenna from being unidirectional even though the 
true surge impedance had been used, and it was for this 
reason that Beverage found that balances were required 
to obtain the best stray ratio. Another method pro¬ 
posed by Kellogg of supplying this necessary compensa¬ 
tion was to insert a circuit consisting of inductance, 
resistance, and capacity in series in the neutral at the 
end newest the transmitting station, as shown in Fig. 20. 
By adjusting the resistance and varying the capacity 
through the point where it tuned out the reactance of 
the coil, a wave of any desired intensity and phase 
could be reflected down the antenna to exactly compen¬ 
sate for the back wave effect and thus render the antenna 
unidirectional. 

If only one station is to be received the circuit shown 
in Fig, 20 is as sati^actory as any that the writers have 
found. For reception of long wave stations an antenna 
output transformer was used having a step-down ratio 
of 200 to 10 turns, and having a complete iron magnetic 
circuit of about 3/4 square inch cross section, made of 
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0.0016 enamelled sheet iron of the kind developed for 
the Alexanderson alternators. The secondary was 
connected in series with the first tuned circuit of the 
receiving set. 



Fig. 21 —^Multiplex Receiving System 


MvMiplex Reception. The simultaneous reception of 
a number of stations was one of the next objects of our 
work. If the surge impedance is set at the best value 
for a mean wave length, and no finer adjustment of the 


Transaotions A. I. E. E. 

The arrangement shown in Fig. 21 was worked out, and 
proved entirely satisfactory. Each coupling tube feeds 
a receiving set, and the antenna output transformer and 
artificial line, with its sliding contacts and potentio- 
metera,.serve to impress the desired potentials on the 
grids of the tubes. Since the load is negligible there 
is no reaction between the different sets. Grounded 
shields between the secondaries of the antenna output 
transformer prevent electrostatic reactions. The de¬ 
sired component of the currents or potentials in the 
ground circuit can be obtained in any desired phase by 
moving the sliding contact along the artificial line, and 
in the needed intensity by adjusting the potentiometer. 
The artificial line has, a characteristic impedance of 
about 400 ohms and reflections are prevented by a 
resistance of about this value. This results in a phase 
adjustment which gives practically constant intensity. 
Five thousand ohms potentiometers are used, and these 
constitute so small a load on the artificial line that the 
adjustment of any one does not appreciably alter the 
potential distribution on the line. The artificial line, 
damped as it is at the far end, acts as a practically pure 
resistance in the antenna surge impedance circuit. By 
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back-end compensation is attempted, then it is only 
necessary to provide more secondaries for the antenna 
output transformer. Fig. 20. In order that one set 
should not sap too much energy from another, trans¬ 
formers were designed with very slight reaction be¬ 
tween the secondaries. Some data were taken of the 
best resistance and reactance in the ground circuit, as a 
function of wave length, and networks were figured out 
which would give the desired impedances at the wave 
lengths of the stations which it was most important to 
retceive. This system of multiplexing, however, did not 
appeal to the wnt^s as the most satisfactory solution 
of the problem. A system was wanted in which aU 
the adjustments for each station to be received could be 
made without reacting on the adjustmentsfortheothers. 


adjustment of the series and shunt resistance boxes the 
antenna damping resistance may be set at the best 
average value, leaving only a small residual to be 
“cleaned up” by the artificial line adjustments. 

Fig, 22 is a more detailed diagram showing some 
changes which have been made since the original in- 
staUarton. 

Shielded Sets. The aperiodic nature of the wave 
antenna and the success of the coupling tube multiplex 
system made it clear that there would be call for 
operating a number of receiving sets in the same build¬ 
ing. The artificial line and antenna output transformer 
had been designed for operating four sets, but this was 
not necessarily the limit. In fact, later, when the new 
Riverhead station was laid out a total capacity of nine 
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receiving sets was planned, six of which are now in daily 
operation. The amplifiers, detectors, and tuners 
previously used in the receiving sets of the Radio Cor¬ 
poration were unshielded, and the practise had been, 
where two sets were in use in the same station, to keep 
them well separated and operate from separate bat¬ 
teries. To meet the new situation, a new line of appara¬ 
tus was developed. Each piece of apparatus was in a 
metal lined box, the metal lining being grounded, and 
connections between the boxes were made through 
shielded cable. All tuned inductances consisted of 
astatic pairs of coils, of compact form, thus reducing 
chances of magnetic coupling. The radio amplifier was 
shielded between stages as well as externally. The 
amplifiers and detector have individual plate and fila¬ 
ment filters in the supply lines. A two stage filter was 
introduced in the circuit between the detector and the 
audio amplifier in order to prevent radio frequency 
currents and potentials from getting into the audio 
circuits where they might cause back coupling or inter¬ 
ference between sets.' Low resistance telephones were 
used to minimize electrostatic coupling. These pre- 



PiQ. 23—Receiving Station, Riverhead, Long Island 

cautions made it possible to operate the several sets 
in close proximity, and from the same plate and filament 
batteries, without any interference between sets, and to 
employ high radio and audio amplification without 
trouble from back coupling. 

It was usual in receiving the high power European 
stations to develop a high-frequency potential of about 
7 volts at the plate of the last tube in the radio amplifier, 
with a useful current of about 0.2 milliamperes. By 
connecting the output of the audio amplifier to a good 
telephone line, satisfactory tone signals were received 
and copied in New York City. Beverage arranged a 
rectifier for the audio frequency currents and operated 
a telegraph sounder, obtaining very satisfactory signals 
in this way when static was moderate or light. During 
the spring of 1921, considerable commercial traffic was 
received directly in New York in this manner, using the 
private telegraph wire which connected the Riverhead 
experimental station with the Broad St. Office of the 
Radio Corporation. One demonstration which aroused 
considerable interest consisted in putting Carnarvon's 


sign^ on the telegraph line at Riverhead, and auto¬ 
matically repeating it at New York into the New 
Brunswick control line, so that the operators in the 
British station heard their own signal coming back on 
New Brunswick’s wave. 

When the success of the wave antenna had been 
demonstrated at Riverhead similar antennas were 
constructed at Chatham, Mass, and Behnar, N. J. where 
the Radio Corporation was already operating receiving 
stations. These new antennas gave satisfactory per- 



PiG. 24 —Antenna Panel, Riverhead Receiving Station 



Fig. 25—^Shielded Receiving Sets, Riverhead, Long Island 

formance in commercial service until the long wave 
traffic was finally concentrated in the new Riverhead 
station which the Radio Corporation constructed 
during the summer of 1921. Fig. 23 shows the present 
Riverhead Station. Fig. 24 shows an output trans¬ 
former, artificial line and pot^tionaeters. Pig. 25 shows 
shelve with two receiving sets. The building dods not 
provide space for operators, since all signals are traiis- 
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in the New York Office, or recorded automatically on 
tape. 

Theory^® 

In order to work out a formula by which the directive 
properties of a wave antenna can be calculated, we 
shall consider space waves of some specified frequency, 
since the directive properties of a given antenna depend 
on the wave length to be received. 

Case 1. Signal Direction Parallel to Antenna, Zero 
Loss ArUenna. As the space wave travels along over 
the antenna, it induces an electromotive force success¬ 
ively in the different portions of the line. We may 
represent the electromotive force at the end A of the 
antenna shown in Fig. 26 by 

ea = Eo sin £o t (1) 

volts per kilometer 



Fig. 26—^Measurements Refereed to in Derivation op 

Equations 


Since it takes x/v seconds for the space wave travel¬ 
ing with a velocity v to reach the point X, the electro¬ 
motive force e* in the wire at the point Y will.be behind 
in phase, or 

e* = Ea sin w (< - x/v) (2) 

Let us confine our attention for the present to the 
effects of the electromotive force induced in a small 
section of the wire d x kilometers in length, and situated 
X kilometers from the end A. Since e* is expressed in 
volts per kilometer, the voltage induced in d a; kilo¬ 
meters of wire will be 

e^dxoT Eadx sin co (< — x/v) 


1 * Ox d X Ea d X . f, ' / 

d%x= 1^ - - — 2 ^— sm 0 ) («- x/v) (3) 

The alternator at X in forcing the current d ix through 
the line, gives rise to a train of waves moving towai’d 
B and another train of waves moving toward A. The 
resulting currents at the ends of the line d ibx and d iax 
will be retarded in phase, as compared with d ix. If 
u is the velocity of wave propagation along the wire, 

it will take-seconds for the forward waves to 

u 


reach B, and x/u seconds for the backward waves to 
reach A. 


mi j • Eadx 
Then d hx = —r-t?— sm 


a a X . /, / I ““ X \ /A\ 

dit, = sm « (* — x/v — x/u) (S) 

The total current at the end of the line is the sum of 



Pig. 28—Determination of Currents at End op Wave 
Antenna by Vector Diagrams 



Pig. 27—Currents Resulting from Voltage Induced in 
Small Section of Antenna 


We may think of this little section of line as an alternator 
Fig. 27, supplying current to two transmission lines in 
series, one running to A and the other running to B. 
A line damped at the far end, so.as to prevent reflec¬ 
tions, shows, an impedance Z = ^hjc « ohms at the 
input end, whatever the length of the line. We have 
here assumed such damping. If each line has an im- 
ped^ce ohms the alternator must work through an 
impedance 2 Z and will produce a current at X, 

10. The Mathematical work of this paper is due to Kellogg. 

11. This egression for Surge Impedance is strictly correct only 
for zero loss lines, but at radio frequencies it is a very close 
approximation for ordmary lines. 


the currents produced by each of the sections d x long 
in the line. We may perform the summation by inte¬ 
grating equation (4) or (5) between the limits x = o 
and X = I, or by means of a vector diagram as shown 
in Fig. 28. The current at the end of the line d ibx or 
d iax, resulting from the induced electromotive force in 
a section d x long, situated x kilometers from A, has a 

, , Eadx 

maximum cyclic value or vector length “ and a 

phase angle which varies with x, as shown in expression 
(4) and (5). Hence the summation will consist in 

Eadx 

adding a series of vectors, each ^ long, and each at 

its proper phase angle. Taking the phase of e« for 
reference, the angle of lag of d ibx as shown in (4) is 

co(- + — 
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These expressions give h = 112 microamperes and 
la = 12.2 microamperes for the problem worked 
graphically in Fig. 28. The difference between these 
values and those found from the graphical solution is 
due to the inaccuracy involved in the graphical method 
using so few sections. 

It will be noticed that if the sign of « is changed in 
(11) we get (12). We may consider the sign of the 
signal velocity to be negative when the signal comes 
from the opposite direction. Since n is defined as u/v, 
this would give n a negative sign. Therefore, there is 
only one formula required, and to find the back end 
current I« we consider the signal direction to be re¬ 
versed. 

We showed that if w = ® the arc is a straight line and 
El 

la = If we set « = 1 in (11), we get the inde¬ 

terminate form 0/0, and to evaluate the expression we 

sin a - ^ 

make use of the relation that—— approaches 1 as a 

Of 


approaches O, where the angle a is expressed in radians. 
Thus in (11) 

sin /3 Z (1 — n) 


Hl-n) 


which may be written 

sin Y Z (1 - n) 

approaches ^ ^ I (1 - n) approaches 0, and 


expression (11) takes the value 

= B./Z X y i or-|^ 
Hence when u = v 



Figure 29^^ shows the receiver end and back end currents 
calculated by equations (11a) and (12) for antennas 
of various lengths, assuming 

u — V = B X 10® kilometers per second 
X = 12 kilometers 
Eo = 0. 010 volts per kilometers 
Z = 600 ohms 

These curves bring out the unidirectional properties 
of the wave antenna. 

Case II. Signal at an Angle to Antenna, Z&ro Loss 
Anienna, So far we have considered only signal waves 
traveling in the direction of the antenna. To calculate 
the dir^tive properties of the antenna, we must find the 

14. This figure is practically areproduotioa of a curve plotted by 
Mr. P. S. Ga^er, based on his calculations previoudy mentioned. 
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effect of a signal of the same wave length and intensity 
coming at an angle to the antenna. In the first place 
there will be a difference in the electromotive force Ei^ 
induced in a unit length of wire. In Fig. 30a, we 
imagine ourselves looking down at two horizontal wires, 
each of unit length, situated in the midst of a signal 
wave whose magnetic lines are shown as dotted lines in 
the figure. Only the magnetic lines in a very thin layer 



Pia. 29 —Relative Cubbents at the Two Ends of a Wave 

Antenna 


immediately over the plane of the wires are shown. 
These magnetic lines have a horizontal movement 
indicated by the arrow, and a downward movement 
resulting from the forward tilt of the wave front. The 
horizontal movement causes no cutting of the conductor. 
Owing to the downward movement, the wires will be cut 
by all of the lines which cross them in the figure. The 
numbers of magnetic lines which cross wires No. 1 and 




umNs mwziee. 

/>M»/enG unes. 

Pig. 30—^Effect of Antenna Angle on Induced Electuo- 
MOTiVE Fobce peb Unit Length 

No. 2 are in the ratio 1 to cos Q, and the induced electro¬ 
motive force per unit length will be in the same ratio. 
Another point of view is illustrated in Fig. 30b, in 
which we imagine ourselves as looking at the ends of 
the magnetic lines, which now appear as dots. Here 
the same two wires are shown, and the actual direction 
of motion of the magnetic lines is indicated. Only 


_ 

'770A/ 













Fob. 192:} 


THE WAVE ANTENNA 


those lines within the region a will cut wire No. 2 which 
appears in this projection as A' - while all those 
in region h will cut No. 1, and the ratio of a to 6 is again 
cos d. We shall therefore multiply by cos 0 to take 
account^ of the difference in induced electromotive 
force. That is to say if a signal coming in the direction 
of the antenna induces volts per Idlometer, a signal 
of the sanie intensity coming from an angle 0 to the 
antenna will induce En cos 0 volts per kilomet;er. 

The angle which the signal direction makes with the 
antenna also effects the time required for the wave front 
to pass over the antenna, arul therefore affects the 
relative phases of the electromotive forces induced in 
the different parts of the antenna. From the time the 
maximum electromotive force occurs at A to the time 
the same thing occurs at X the wave has only to travel 
a distance a: cos B as indicated in Fig. 31, and this will 

Cos & 

require seconds, where v is the velocity of the 

signal wave. If the induced electromotive force at A 
is == {Eu cos 6) sin w t then at X it will be 

e* ~ {E^^ cos 0) sin 0 ) ( <-j ( 13 ^ 

Comparing (13) with (2) we see that we now have the 


multiplied by E^/Z would give the currents correspond¬ 
ing to the value assumed for E^\. To show directive 
properties, however, it is more satisfactory to give the 
current for any direction in terms of its ratio to the 
current which the same signal would produce if it came 
from the direction for which the antenna gives maximum 
leception. riiiis column X gives the relative current 
stogths as found by dividing all the figures of column 
IX by the largest figure in the column which is 5.6 and 
coiTosponds to 0 0. Pig. 32 shows the directive 


\ \ 


V 


/ X 


/ I • 

\ , / / / / 

\\\ 4 //y 
' yySi r / 


, . » , *... j ^ y ■ . X 

factor Y where we had simply v, and where we had [ i I i' V ^ ' V .> 1 

i i. 


E, we now have E, cos 0. Replacing v by - ; moan 

changing u/v or w to u cos 0, Making these (changes in 
(^1) Sfives us, for the current due to a signal coming 
from a direction 0 from the antenna. 

r E„ cos 0 • I , ^ 

i, ■ X(1 X'w cds l9) ■ 2 «^ (1 “ w cos 0) 

(U) 

' \ / 






h --'•••-'jf—.--wWAistr 

h ■■—X ■ 


Vw. ai - KPFKCr OK .HiONAI, A.NUI,K on TimK flKOIrlHKO HOC 
Wavk Tr> ThaVKUHIJ AntKN'NA 

If the signal Is traveling in the tlirecdion of the 
antenna, 0 -- 0, and cos 0 = 1, and (14) he(i!ome.s the 
same as (11). If the signal is from the opposite direc¬ 
tion B ™ 180 deg., cos d » j and (14) becomes the 
same as (12), 

Let us apply formula (14) to the tuikulation of the 
directive curve of the antenna whose currents for 
V « 0 and 0 180 deg. were determined in Fig. 28. 

The calculations are shown in Table I. Column IX, 


Fio. :{2 DiiiKcriVH ( h<«vs ok Wavk Antknna. \ jr, km 
/ 12 KM., rt - .0, u 

curve of the antenna, obtained by plotting the relative 
currents as shown in (tolumn X radially at the corres¬ 
ponding angles. 

Case III . Lina Losses (UynsukreiL The factor Una 
atUmuatim has so far been left out of account in order 
to simplify 1h<» iirohlem. We assumed that the current 
at the end of the line, resulting from a wave which 
started at some j)oini X, had the same strength as at 
X, although of different phase. 

In the case of bare copper wire on poles, the errors due 
to ignoring line losses are not in general large enough to 
giv(? misleading results. There are many instances 
however in which line lo.sses are high or the antenna 
unusually long, where these effeck cannot be neglected. 

When there arc no reflct;tion.s to cause standing wave 
efhwts, the decrease in current strength as we go 
further from the source is expressed by the relation 
It Ifi € " in which Jo is the current strength at the 
source, /* the current at a distance x from the source, 
and « is the ‘'attenuation constant” of the line. A 
value of 0.05 per kilometer for a, means that the current 
decreases about 5 per cent with eveiy kilometer which 
the wave travels. 

In deriving equations (4) and (5), we regarded the 




B deg. Signal Angle 
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TABLE I 

directive curve op wave antenna zero attenuation 


/ 


I 


II 


III 





0 

1.00 

20 

0.94 

40 

0.766 

60 

0.50 

80 

0.174 

90 

0 

100 

-0.174 

120 

-0.50 

140 

- 0.766 

160 

-0.94 

180 

- 1.00 


o 


0.8 

0.752 

0.612 

0.40 

0.139 

0 

-0.139 

-0.40 

-0.612 

-0.752 

-0.80 


_ En cos e _ 

Z w (1 - u cos 6) 
u V 

_ Ea cos B _ 

ZO.524(1 -O.Scostf) 


.In 1 - 1 - ■) 

2 It V V J 


sin 180 deg. (1 — 0.8 cos 0) 


/ = 12 km. 
X = 15 km. 
u = 0.8 V. 
a -0 



IV 

V 

VI 

VII 

VIII 

IX 

X 


1 —0.8 cos 0 

0.524 (1 -0.8 cos 0) 

180 deg. (1 — 0.8 cos 0) 

Sin 180 deg. (1 — 0.8 cos 0) 

A 4- IIA 

VIII X cos 0 

Relative Current 

IX 4- 5.6 


0.2 

0.105 

36 

mmm 

6.6 

5.0 

1.00 


0.248 

0.13 

44.8 


5.4 

5.08 

0.91 


0.388 

0.203 

70 


4.62 

3.54 

0.(W 


0.60 

0.314 

108 


3.02 

1.61 

0.27 


0.861 

0.450 

155 


0.94 

0,104 

0.03 


1.00 

0.524 

180 

0 

0 

0 

0 


1.139 

0.596 

205 


-0.71 

0.124 

0.022 


1.40 

0.734 

252 

BiH 

- 1.20 

0.645 

0,115 


1,612 

0.845 

290 

mbssm 

- 1.11 

0.85 

0.152 


1,752 

0.918 

315 

-0.707 

-0.77 

0,724 

0.129 


1,80 

0.945 

324 

-0.588 . 

- 0.022 

0.022 

0.111 


TABLE U 

DIRECTIVE CURVE OP WAVE ANTENNA 


2 f COS B 


-J 


I 


Vector 


Et cos B e 


2Z^cc +./-^ <1 - n cos fl) J 


—a +J (1 - n cos J ^ 


1-6 


Arranging Pormula for Calculation of Magnitude and Substituting Numerical Values of Constants, wo have 
Et cos 6 

Magnitude I =. . ■, ;■ . 

2Z V (0.05)* + (0.654)»(1 -0.8 cos 0)* 


^ * 

/ Vector Dliforenco of 1.0 and 0.55 1 
\ at Angle 450 deg. (1 - 0.8 cos 0) / 


X =» 12 km. 

/ «• 12 km. 
n « 0.8 V. 
a = 0.05 

e ttl .IS .,55 
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The waves from X to A travel x kilometers on the wire, 
and are reduced in intensity in the ratio €~®® and 
retarded in phase by (ax/uorfix radians. Therefore 

-ax ~ j 0 X 
^ ““ 1* 6 € • 


= dlx€ 


(a + j P) * 


_ / Eq d a; cos 6 - j <0 X (cos $)/v 


\ 


2Z 




fi) X 


Eq C? a? cos 6 (a + j 0 + j MX (cos e)/v (21) 


2Z 


The total current !& is the sum of all the currents 
d ib*, corresponding to all values of X, or in other words 
we integrate the expression (20) for d it* between the 
limits X = 0 and x = 1 . 



Eo cos 6 
2Z 


- (a + y |8) / 


X =i 

(a + j 0 ~ j MX (cos $)/t j 

6 ax 


L 


. This gives 


U = 

2Z[a +y-||-(l- iicos 6] ) 

(22a) 


This is the complete expression for the current at the 
end B farthest from the signal source. 

The total current at A is found similarly by inte- 
grating expression (21) for d i«* between the limits 
x—Of and x = I 


f _ Eo cos 0 ~ (oc -jr j 0 -t- J M X 

2Z~J ' 


X >=/ 


(cos 0)/v 


dx 


X =0 


Eq cos B { 6 


[ot + i jS+ y Ml (cos 0)/v] 


1| 


2Z[a+je-}-j 


. cocos 0 


V 


Performing the integration and substituting the 
limits gives 

, _EoCOS9 6’‘“+^® ' { + 

‘ cose 


o *7 /* I * * cos U \ 

2Z(^a +30-J o ——) 


This expression gives the value of Ij, but it is more 
convenient for calculation if several changes are made 
in its form. 

Putting * inside the parenthesis gives 


h = Eo cos g { ^ + i g) < J 

2z(a+ys-y«J^) 

Taking e " "J/" out of the parenthesis gives 

J _ Eo cos g s' ^ ^ + i p - i 0. ^ (QOS »)/v^ 

2Z(Q!+y/3~y co-3^) 

Since o/v = /we may substitute 


j 0 (1 — n cos 0 ) for 3 0 — j - - —giving 

J _ Eo COS 0 €~ ^ 1 __ g- { « + i ^ (1 - n cos fl) ; I 

~ 2 Z [a + jf fl (1 — 71 cos 0) ] 

(22) 

A more satisfactory form of the equation for purposes 
of ^culation is obtained by separating the atten¬ 
uation and phase angle factors in the expression 

^ and substituting -y" for w/i; 

, 2 X 

and —for 0 
n A 


Substituting; 0(1 +n cos 0) for; 0+3 - and 

putting the — sign in the parenthesis, we have 

I = + + (23) 

2 Z [cK -f ; d (1 H- w cos ^) ] 
or 

I = Epcosg {1- 6'“^ g + « COS 0)^ ^^Sa) 

2 Z [ Of -f ; (1 + n cos 0 ) J 

Discussion of Equations. Equations (22) and (23) 
give the currents at the two ends of the antenna in their 
relative magnitude and phase relations with respect to 
the induced voltage per kilometer E«, at the end A of 
the antenna. The assumptions throughout are that 
the antenna is straight and uniform and free from 
reflections at the ends, and that the signal wave causes 
no other electromotive forces in the circuit than that in 
the horizontal wire. The assumption that the induced 
electromotive force per unit len^h of conductor is the 
same in all parts of the antenna, and is independent of 
the amplitude of the wave on the wire, means that the 
reduction in intensity of the space wave by divergence 
or ground absorption has been neglected, and that no 
saturation effect has been considered.. The absorption 
and divergence of the space wave may be estimated with 
fair approximation, and in most cases with antennas of 
moderate length, will be found to be negligible. No 
evidence of saturation has so far come to the writers’ 
attention. In cases where the antenna has exceeded 
the length which gave maximum signal, the limit to the 
amplitude of the waves on the wire, has been set by the 
velocity difference or the line losses. 

It will be noticed that (22) is the same as (23) except 
that the algebraic sign before the term cos 0 is reversed, 
and the factor € ^ appears in the numerator 

of (22). The latter term has no effect on magnitude 
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purpose of the directive curve is to show the relative Figs. 32 to 38 bring out the effects of length, velocity 

receiver currents for different signal directions, the and attenuation on the directive properties of a wave 

^ antenna. The value 0.05 per kilometer for a, and 0.8 v 

factor- 77 -^ which is the same for all directions, is for li, used in calculating Fig. 36, are mean values ob- 
2 Z 


omitted (or in other words assumed to have a value of 1 ) 
and the relative currents shown in column XI. are ob- 



Pia. 36— Dibbctith Cubve of Wave Antenna, x == 12 km,, 
Z " 12 KM., a = 0.05, u = 0.8 » 



Directive Current of Ideal Wave Antenna, One 
Wave Length Long, a = 0, n = 1, J = 12, x = 12 

tamed by dividing all the calculated currents of column 
X by the largest one of those, which corresponds to 
6 = 0. The corresponding directive curve is shown in 
Fig. 36. 



Pig. 37—Directive Curve op Wave Antenna One Half 
Wave Length Long, x = 12 km., / = (3 km., « « 0.06, u = 0.8» 



Fig. 38—Directive Curve of Wave Antenna Two Wave 
Lengths Long, x = 12 km., Z = 24 km., a ~ 0.06, u ~ 0.8 v 

served for long waves (7000 to 25,000 meters) on bare 
0.102 inch (0.259 cm.) diameter copper wire supported 
on poles. Fig. 36 shows the directive curve for an 
antenna one wave length long on theassumptionof zero 
attenuation and light velocity. By analogy with 
transmission line practise, we have referred to a wave 
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COS 0®) degrees. The graphical method of finding the 
magnitude and phase of this vector difference is 
shown in Fig. 42. Here the unit vector of zero phase 
angle OA is drawn horizontally to the right. The 
vector 0 B is then drawn with the length e" “' and 

360® I 

phase angle — (1 — w cos 6 °). Then B A is the 

vector difference sought. Its magnitude is determined 
by measuring the length B A and its phase angle by 
extending OA and BA and measuring the angle be¬ 
tween them. 

The magnitude of the denominator is 


and its phase angle tan-^ -— 

a 



E'ig. 42—-Ohaet pob Dbtbbmining Magnittjdb and Fhasb of 


I -'^nx( 1 - « cos ^ ) j- 

We have now determined the magnitude and phase 
angles of the quantities in the numerator and denomi¬ 
nator of the expression for Ij. 

The magnitude of It is obtained by performing the 
arithmetical operations of multiplication and division 
using the absolute values of the vector quantities. 

The phase angle of Ii, is found by adding together the 
phase angles of the two vectors occurring as a product 
in the numerator and subtracting the phase angle of the 
vector in the denominator. 

As ah example let us find the magnitude and phase 
of the current for an antenna of the following charac¬ 
teristics: 

Wave length X == 12 kilometers 
Antenna length Z = 12 kilometers 
Attenuation constant a = 0.05 per kilometer 
Space wave velocity » = 3 X10' Idlomete per second 
Antenna wave velocity a = 2.4 x 10' kUoineters per 
second 


Ratio % = it/t; = 0.8 (numeric) 


Ratio 


2 ^ assumed = 1 ampere per kilometer 


Angle at which signal strikes antenna = 6 degrees 
If we substitute the above values in equation (22a) 
using the form (absolute magnitude) /Phase angle, to 
designate a vector quantity, we obtain 


l6 = 

{l /-360®cosg } {1 /0® -0,55/-450°(l-0.8cos 6 ) } cos $ 
V(0 .05)^+[0.654(1-0.8 coOT Vtah 

If we substitute various values of 6 in this equation, 
we obtain the magnitude and phase of as given in 
Table III. The calculation of magnitudes is taken from 
Table II, since the constants assumed are the same in 
the two cases. 

Equation (23) or (23a) is the vector equation which 
detemines the magnitude of and its phase relation 
with respect to the reference vector Ea. Equation 
(23a) is 

j E.cosd(l- 1 

(23a) 

If we substitute the assumed numerical values we 
obtain 


, _ {1 - 0.56/- 450® (1 + 0.8 cos d) } cos d 

•a ^ - - - - ■ ' I ■* 

V (0.06)* + [0.654 (1 -H 0.8 cos $) p 
/tan" ^ 

If we substitute the various values of 6 in this equa¬ 
tion, we obtain the magnitude and phase angle of the 
current I« given in Table IV. 

CompensaMon of Back End Currents, An example of 
a problem which requires the calculation of both the 
magnitude and phase of the end currents is the deter¬ 
mination of the directive curve of an antenna in which 
the current due to waves coming from a particular 
“back end” direction is “balanced out” by means of 
some of the current from the other end of the antenna. 

Let us imagine there is an intense source of disturb¬ 
ance directly behind the antenna whose directive curve 
is given in Fig. 35, and for which we have just calculated 
the magnitude and phase of and I«, and that we wish 
to neutralize the effect of this disturbance by an adjust¬ 
ment of the damping circuit at A. 

From equation (22) or Table III we have for d = 
180 deg., = - 0.968 /+ 301 deg. 

From equation (23) or Table IV we have for ^ = 
180 deg., la = — 8.15 /— 40 deg. 

A fraction of I« is to be reflected in such phase that it 
will cancel 16 in the receiver. 

The current in receiver at B is L = - 0.968 /+ 301 
deg. 
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TABLE in 

MAGNITUDE AND PHASE OP Ib 

I - 12 Em. ct -■ 0.05 

X B 12 Km. u a 0.8 t. 


0 

20 

40 

60 

80 

100 

120 

140 

160 

180 


1.000 

0.940 

0.766 

0.500 

0.174 

-0.174 

-0.500 

-0.766 

-0.940 

- 1.00 


III 


00 

d 


0.800 

0.752 

0.613 

0.400 

0.139 

-0.139 

-0.400 

-0.613 

-0.752 

-0.800 



XI 


d 

1 “ 
s oo 

I 


1.000 

0.880 

0.565 

0.177 

0.0215 

-0.0433 

-0.0765 

-0.0408 

-0.0955 

-0.1185 


XII 


B I 


o 


-1-29® 
-t-24» 
- 1-2 » 
-29® 
-f-26® 

-no® 

-29® 

-t-8® 

-f38® 

+29® 


XIII 


2.62 

3.25 

5.07 

7.85 

11.80 

14.0 

18.30 

21.10 

22.90 

23.6 


XIV 


I 

I 


69.1® 

72.9® 

78.8® 

82.7® 

86 . 0 ® 

86 . 2 ® 

86.9® 

87.3® 

87.5® 

87.60® 


XV 


-40.1 
-48.9 
-76.8 
-111.7 
-69 0 
-76.2 
-115.9 
-79.3 
-64.6 
-68.601 


XVI 


eo 

I 


-360 

-338 

-276 

-180 

-62.6 

+62.6 

+180 

+276 

+338 

+860 


XVII 


P'S. 

M'S 


'S 

£ 

H-l 

£ 


-400.1® 
-386.9® 
-362.8® 
-291.7® 
- 121 . 6 ® 
- 13.6® 
+ 64.1® 
+ 196.7® 
+ 283.5® 
+ 301.4® 


TABLE rV 


MAGNITUDE AND PHASE OP la 
/ a 12 km. a M 05 

X - 12 km. a - 0.8i> 


<4 ■■ 

1 

11 

III 

IV 

V 

VI 

VII 

VIII 

IX 

X 

XI 

XII 

XIII 

XIV 

XV 

e Signal Angle 

« 

(0 

O 

O 

i 

00 

d 

§ 

og 

d 

+ 

S' 

00 

d 

+ 

to 

<0 

d 


§ 

oo 

d 

+ 

*a 

d 

' 

+ 

S' 

o 

S 

> 

00 

d 

+ 

d. 

u 

•§ 

1 

F 

^ !S 

Q «. 

•1T 

M 

M 

Inj 

ft 6q 

is 

■w 

B m 

3 d 

D 00 

.|'l' 

CS 

M 5 

® -g 

1 * 

1 


M 

1 

1 

a' 

> "S 

1 

Ok 

0 

20 

40 

60 

80 

100 

120 

140 

160 

180 

1.000 

0.940 

0.766 

0.600 

0.174 

-0.174 

-0.600 

-0.766 

-0.940 

-1.000 

0.800 

0.752 

0.613 

0.400 

0.139 

-0.139 

-0.400 

-0.613 

-0.762 

-0.800 

1.800 

1.762 

1.613 

1.400 

1.139 

0.861 

0.600 

0.387 

0.248 

0.200 

1.176 

1.146 

1.065 

0.916 

0.744 

0.563 

0.393 

0.263 

0.1626 

0.131 

1.176 

1.146 

1.055 

0.916 

0.746 

0.566 

0.396 

0.258 

0.1698 

0.140 

-810® 

-788® 

-726® 

-680® 

-612® 

-387® 

-270® 

-174® 

-112® 

-90® 

1.14 

0.95 

0.46 

1.14 

1.51 

0.67 

1.14 

1.66 

1.30 

1.14 

0.97 

0.826 

0.434 

1.245 

2.08 

1.01 

2.88 

6.02 

7.66 

8.16 

0.97 
0.778 
0.833 
0.023 
0.363 
-0.176 
-1.44 
-4.61 
. -7.18 
-8.16 

0.1186 

0.0965 

0.0408 

0.0766 

0.0433 

-0.0216 

-0.177 

-0.666 

-0.880 

-1.000 

+29® 

+33® 

+8® 

-29® 

+10® 

+26® 

-29® 

+2® 

+24® 

+29® 

23.6 

22.9 
21.1 

18.3 

14.9 

11.3 
7.86 
6.07 
3.25 
2.62 

+87.6 

+87.6 

+87.3 

+86.9 

+86.2 

+86.0 

+82.7 

+78.8 

+72.9 

+69.1 

-68.6® 

-64.6® 

-79.8® 

-115.9® 

-76.2® 

-59.0® 

-111.7® 

-76.8® 

-48.9® 

-40.1® 


The required compensatiug current at B is Ic 6 = 
- 0.968 /+ 301 deg. - 180 = - 0.968 /+ 121 deg. 

We have taken the compensating Current as one half 
cycle or 180 deg. behind in phase. 

To allow for attenuation, and the time required for 
propa^tion from A to B, we must produce by the 
reflection at a current 

I„ _ -0.968 /+ 121° 4 -4S0° = - 1.76/+ 67r 

- a I ’ ^ ^ ^ ---- 

6 


The 460 deg. is the angle corresponding to the time 
of propagation or 360° —4- 

VI. ^ 

Thus at A we have 
/— 40 deg, and wis’ 
compensation, a 
Thisrepr^ent 
We cannot re: 

reflection point, wmcn sucn a pnase auvauw imjiiwcp. 
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A current, however, which is two complete cycles be¬ 
hind the desired value; that is, to say a current —1.76 
/+ 571 deg. — 720 deg, or — 1.76 /— 149 deg, will 
give cancellation of all but the first two waves of the 
train, and this current which is 109 deg. behind 
can be obtained by reflection. Experience has shown 
that in spite of the failure to neutralize the first two 
waves in a train, a very high degree of balance is ob¬ 
tainable, both on signals and static. 

The terminal impedance required to give a specified 
reflection, may be determined from the vector relation 


Z, = Z 


1*1 - h 


= z 


1 - 12/11 


(25) 


16 


II + I2 1 + I2/I1 
in which Z« is the terminal impedance, Z the surge 
impedance of the line, Ii the current due to the on¬ 
coming wave and 1 2 the current due to the reflected 
wave. In the present case Ii is I* and 1 2 is the desired 
— 1.76/— 149 deg. 

Then 


I 2 /I 1 


- 1.76 /- 149° 

- 8.15 /-40° 


0.216 /-109° 


1 - I 2 /I 1 


= - 0.070- 0.204i 
1- I 2 /I 1 = 1.070 -HO.204y 
1 + I 2 /I 1 = 0.930 - 0.204y 
1.070 + 0.204y 
0.930- 0.204y 


1 + I 2 /I 1 
Substituting this value in (25) we have 
Zt = Z (1.066 -H 0.450 i) 


1.055 -r 0.450y 


If the line surge impedance Z is 500 ohms, (with zero 
phase angle) the terminal impedance to give the desired 
neutralization would be 600 (1.055 -H 0.450 j) or 527 
ohms of non-inductive resistance and 226 ohms of in¬ 
ductive reactance. 

Placing this impedance in the ground circuit at A 
will cause a similar reflection of all waves of the same 
length reaching A, whether 'due to a signal in line with 
the antenna or to a disturbance coming from a different 
direction. That is to say the reflected wave will in each 
case be 0.216 of the magnitude of the oncoming wave, 
and 109 deg. behind it in phase. When the reflected 
wave reaches the end B, its amplitude will be reduced to 
0.65 X 0.216 = 0.119 of that of lo and its phase will 
be further retarded by 460 deg. giving a total lag of 
569 deg. behind la- Thus to &id the directive curve 
of the antenna with the impedance described at A, 
we calculate 4 by equation (22), for each value of d deg., 
determining the phase angle of as well as its magni¬ 
tude, multiply its magnitude by 0.119, retard its phase 
by 659 deg. and find the resultant when it is added 
vectorially to I^, calculated by formula (23) for the 
same value of 0 deg. 

Pig- shows the relations between It, and the 

reflected current, for 0 = 180 deg. 

In Table V we have given the calculations for the 

15. Seepage for derivation. 


directive curve of the compensated antenna. The 
magnitudes and phase angles of I« and are taken from 
Tables III and IV. Instead, however, of rotating 
0.119 la backward by 559 deg. and adding it vectorially 
to Ib, we have rotated it 180 deg. less, and subtracted 
it vertically from It, which is an easier operation to 
perform and gives the same result. This backward 
rotation of 379 deg., is, for the purpose of finding the 
vector difference, equivalent to one of (379 deg. — 
360 deg.) = 19 deg. The table shows the values of 
0.119 la, rotated backward 19 deg., and the vector 
difference found by subtracting this from the corres¬ 
ponding It. Thus to find the directive curve of any 
compensated antenna, we first choose the direction for 
which we wish to have zero reception. Then we com¬ 
pare la and It for this value of 6 deg. and determine the 
factor by which must be multiplied and the 
angle through which it must be rotated to make 
it coincide with It. Then for each other value of 6 
deg. we multiply I« by the same ratio and rotate it 
through the same angle, and subtract the vector so 
found, vectorially from It. 

Inspection of the table shows that in the example we 
have worked out, the effect of the reflection on the 



Fia. 43—Vectoe Relations in Compensation Pboblem 

receiver current is negligible for values of 6 less than 
90 deg. Therefore, the front end of the directive curve 
is not appreciably altered or the reception of the desired 
signal affected by the reflection we have been con¬ 
sidering. 

Fig. M shows the directive curve plotted from the 
calculations given above. This is for the same antenna 
and same conditions as Pig. 35, except that the ‘*reflec- 
tion balance’^ has been applied to give zero reception 
from the back.. 

In the case of an antenna producing relatively large 
back end currents, as, for example, a quarter wave 
length antenna, the front end of the directive curve 
would be considerably affected by a reflection designed 
to produce zero back end reception. 

Effect of Reflection at Receiver End. The effect of 
reflection at the receiver end of the antenna may be 
shown as follows: 

Letlj = Wave built up on wire by signal at end B 
(Equation 22) 
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From (26) the total current in the receiver is 

1. = I. (l + b) + (30) 

When there was no reflection at B we had a receiver 
current 

Ir = + c 7o 

We now have a receiver current in which U and are 
combined in exactly the same manner, but their 

1 + b 

resultant is multiplied by the factor ^ , which 

being a function of line length and terminal conditions 
only, and not a function of !«, !&, or signal direction 
d deg. does not alter the directive properties of the 
antenna. 

The relation shown in (30) is strictly true only for 
steady state conditions. Let us illustrate what occurs 
when a train of waves first reaches the antenna. To 
take a simple case we may assume = 0, so that (30) 


receiver end, we have a transformer having 400 ohms 
inductive reactance and 100 ohms effective resistance. 
Taking the surge impedance of the antenna as 600 ohms 
(non inductive) the reflection coefficient at B will be 


b = 


Since 

d 


1-Z,/Z 
1 + Z^/Z " 

0 . 8 - o.sy 
1.2 + 0.81 


1- (0.2 + 0.8i) 
1 + (0.2 + 8i) 


= 0 . 12 - 0 . 6 ; 


= 0.612 e" 


(-79VS7.3) 


- (a +i/8) i n trtr i G 450 V67.3) 

€ = U.00 € 

= b 6-'“ + ^®' = 0.336 


and 

c d 

1 +b 
1 — c d 


= 0.04 6^ =0.04 (cos 1088« 

+ ;sinl088») = 0.0396- 0.0056; 

_ 1.12-0.6; 


0.9604 + 0.0056; 


= 1.163- 0.63; 
= 1.323 


becomes Ir = !& i-T as the ultimate current. 

i — c a 

When the first wave li reaches B and is reflected the 
total current at 5 is 

Ud + b) 

The reflected wave reaches A with a value d U, 
is reflected back and reaches B with a value c d Ij 
giving a total wave Ij (1 + c d) which by reflection at 
B produces a receiver current (1 + b) It (1 + c d). 

After a second double reflection the total oncoming 
wave at B is made up of the wave la reaching the 
receiver for the first time, a wave c d la which has been 
reflected down the line and back, and a wave d* la 
which has been down the line and back twice. The 
total oncoming wave Ia.(l + c d + c* d®) by reflection 
at B produces a receiver current 

(1 + b) la (1 + c d + c® d^) 

After a large number of reflections the receiver 
current is 

(1 + 6) la (1 + c d + c* d^ + c® d® + d* + . . . ) 

1 1 + b 

= (1+ b) j as given by (30) fig, 
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If the reflection coefficient at either A or B is small 
(which is generally true) or if the line attenuation is 
high, cd will be small and the steady , state value of 
receiver current is approached very quickly. 

Let us apply equation 30 to the case of the compen¬ 
sated 12 kilometer antenna whose directive curve is 
sho^ in Fig, 44. Here in order to give zero reception 

for e = 180 deg., we produced a reflection at A such as 

to give a current at B whose magnitude is 0.119 of that 
of la and whose phase is 659 deg. behind I„. Hence 

c = 0:119 ^ 

Suppose that instead of the surge impedance at the 


Without reflection at B, the receiver current of the 
compensated antenna, as shown in Column XVII of 
Table V was h + c I« or h + I« X 0.119 €•'-569767.3) 
With the reflections caused by the receiver circuit 
we have just been considering the current in the trans¬ 
former primary will be 

■ 1.323 / (I, + X 0.119 e' 

or a current of 32.3 per cent greater for each value of 
d thaii that given in column XVII of Table V. The 
directive curve or relative current for different values of 
d is the sa,me ^ before. Fig. 46 shows the vector 
relations of the currents at the ends of the line, for the 
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signal direction d = 120 deg. Both 16 and I« as given 
by formulas (22) and (23) have negative signs, and the 
negative signs are retained throughout rather than 
reversing the vectors in the diagrams, which would 
somewhat obscure the angular relations. If the entire 
diagram is turned 180 deg. (looked at up side down) the 
vectors appear in their true positions. 

Short Antennas. The question of the possibility of 
obtaining in less space directive properties approaching 
those of a full wave length antenna is of considerable 



Pig. 47 —I *=> 3, x => 12, a = 0.6, n = 0.8 


interest. Fig. 47 shows the directive curve of a quarter 
wave antenna without compensation. It is obvious 
that so long as there is considerable inequality in the 
size of the two lobes of a figure-eight directive curve 
such as Fig. 47, a back end zero can be obtained by 
compensation without entirely sacrificing the signal, 
or front end reception, but how favorable a total 
directive curve would result is not apparent until 
detailed calculations are made. 

Among the first experiments tried on the Riverhead 
antenna was loading to give various propagation 
velocities. It was pointed out at that time by Rice that 
reducing the velocity on a full wave length antenna to 
something less than the velocity of light would result in a 
sharper directive curve, but tests showed that the 
natural velocity of the line was so nearly equal to the 
best velocity that there was little to be gained by load¬ 
ing. The urgent problem at the time was to obtain the 
best possible reception of European signals, utilizing 
as much spac^ as seenjed conducive to this result. 
Tests had shown the half wave antenna, with back end 
compensation, to be definitely inferior to the full wave 
length antenna, The question of short antennas was 
therefore not investigated until some months later when 
the principal engineering problems connected with 


multiplex reception with the wave antenna had been 
worked out. 

At the suggestion of Mr. R. H. Ranger, of the Radio 
Corporation, calculations were made by Kellogg of the 
directive properties of short antennas on which the 
velocity had been reduced by loading to the best value 
for the wave length and antenna length in question. 
Mr. Ranger reasoned that since reducing the velocity 
sharpened the directive curve of a full wave length 
antenna, it might be possible, by sufficiently reducing 
the velocity, to compensate for reduced length and 
perhaps obtain a good directive curve in very small 
space. The most favorable velocity was found to be 
that which gave zero (or minimum) reception at the 
back end, without compensation. The condition for 
this is that 

v/u = X/Z - 1 

in which I is the length of the antenna 
V is the velocity of light 
M is the antenna velocity 
X is the wave length- 

Pigs. 48 and 49 show directive curves for quarter and 
eighth wave length antennas with velocities equal to one 
third and one seventh of that of light respectively in 
accordance with the above equation. 



Pig. 48— Diiibotivb Curve of Slo-wed Down Quarter Wave 

Length Antenna a = 0.5, n - 0.333, Z = 3, x = 12 

By way of comparison, the directive curves Pigs. 60 
and 61 have been calculated for compensated antennas 
without loading. The back end areas of these curves 
are seen to be slightly greater. 

Multiplex reception with different compensation for 
each wave length is posable with the unloaded, com¬ 
pensated antennas. Oh the other hand, with the slowed 
down antenna^ the velocity is right only for one wave 
length. In order to receive other wave lengths, com¬ 
pensation would be employed in addition to the loading. 



240 


beverage, rice and KELLOGG 


Transactions A. I. E. E. 


Fig. 62 shows the directive curve for an 18 kilometer 
wave length of the slowed down antenna, whose 
directive curve for X = 12 kilometers is shown in Fig. 
48. The dotted line A shows the directive properties 
without compensation and the solid line B is the 
directive curve with compensation. Fig. 63 shows the 
directive curve for the same antenna receiving an eight 



Pia. 49 —Directive Curve op Slowed’IDown Eighth Wave 
Length Antenna. « = 0.5, n = 0.143, 1 = 1.6, x = 12 



Pig. 50 —Directive Curve op Normal Velocity Quarter 
Wave Length Antenna, Compensated. Z = .3 \ 

« = 0.5, n = 0.8 o, X - ij, 

kilometer wave. We observe that the slowed down 
antenna can be nlultiplexed by compensation and 
receive longer waves than that for which its Velocity is 
adjusted, but that for shorter waves it is unfavorable. 


Compared with the simple unloaded, compensated 
antenna, the slowed down antenna has a better directive 
curve at one wave length, but a narrower range of 
satisfactory multiplex reception. The signal strength 


Fig. 61 —I — 1.5, x = 12, a = 0.5, n — 0.8 




is of the same order of magnitude on both—considerably 
less than on an uncompensated full velocity antenna of 
the same length. The intensity factpr or receiver 


Be 


current per unit value of the quantityin equation 

(22), is shown in Table VI for the short antennas whose 
directive curves are given in Figs. 47 to 53. The 
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X to obtain the directive curve. The difference is 
especially marked in the case of a half wave length 
antenna with signals coming at right angles to the 
antenna. If the half wave length wave antenna were 
acting like a series of static antennas the reception for 
d = 90 deg. would be about half of the full intensity or 
half that for B = 0. On the other hand if the wave 
antenna depends on wave front tilt the reception from 
90 deg. to the antenna would be zero for all lengths. As 
a test of this the Belmar wave antenna was cut at a 
point about 5.8 kilometers from the station, giving a 
short antenna, with the 200 kw. New Brunswick send¬ 
ing station (X = 13,600 meters) on the side. The 
reception of New Brunswick, only 50 miles away, was 
of the same order of intensity as European stations, thus 
indicating that the half wave antenna was substantially 
dead on the side. 

When the new antenna at Riverhead was completed, 
it afforded an opportunity to test a long loop, as a 
receiving circuit. The two top wires which were 9 
meters above gi’ound were connected through from 
Riverhead to Terrell River or the full length of the 
antenna, and two of the lower wires which were about 
6)/^ meters above groimd, were similarly connected 
though. The upper and lower wires were connected 
together through a damping resistance at Riverhead 
(the north-east end), and the receiving set was connected 
between the upper and lower wires at Terrell River. 
European signals were extremely weak on this loop, as 
compared with intensity obtained when the receiving 
set was connected from either pair or wires to groimd. 
In the latter case there appeared to be no choice be¬ 
tween the upper and lower wires. 

In other words there is no differential effect due to the 
difference in height of the wires. The effect of height 
was again tested at Schenectady using a wave length of 
120 meters and a wire one wave length long at heights 
ranging from 0.8 meters to 2.9 meters. The received 
current was found to be practically independent of the 
height. This is what would be expected from an antenna 
which works by virtue of the forward tilt of the wave 
front. If the currents in the antenna were due to the 
space potential of the wire above ground the received 
current would be proportional to the height of the wire. 

There is another conclusion which follows from the 
theory that the action of the wave antenna depends 
upon the tilt of the wave front. Low, wet ground, or 
salt marsh would be an unfavorable location so far as 
signal intensity is concerned. No experimental evi¬ 
dence on this point has come to the writers’ attention. 
Before conclusions can be drawn from tests or compari¬ 
sons it is necessary to make sure that conditions are the 
same in other r^pects. In one instance with which the 
wnters are familiar, two antennas, in loca^ons several 
nmles apart were constructed parallel and as much alike 
as po^ible. One followed a small stream and the other 
was oyer comp^atiyely dry ground. The two antennas 
gave substantially equal signal intensities. Presum¬ 
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ably in this case the low resistance ground was too 
restricted and local to have any appreciable effect on the 
tilt of the twelve to fourteen kilometer .waves on which 
the observations were made. For ground of a given 
resistance the wave front tilt increases as the wave 
length decreases, and for short waves (less than 1000 
meters) there is a substantial tilt, sufficient for satis¬ 
factory operation even over wet ground. 

Zenneck^'^ has worked out equations for the forward 
tilt of the wave front as a function of wave length, and 
the specific resistance and dielectric constant of the 
soil. The tilt is expressed as the ratio of the horizontal 
to the vertical potential gradient of the space wave. 

In its general form Zenneck’s formula is 


X/Z 


■H 


+ y coc 


(31) 


in which 

X is the horizontal potential gradient of the space wave 
Z is the vertical potential gradient of the space wave 
g is the leakage conductance between parallel faces 
of a centimeter cube of air 

g' is the leakage conductance between parallel faces 
of a centimeter cube of ground 
c is the capacity between parallel faces of a centimeter 
cube of air 

c' is the capacity between parallel faces of a centi¬ 
meter cube of ground 

For all practical purposes the conductance g for air is 
zero, so that the formula becomes 


X/Z = y] 


jcyc 


flT' -H y CO C' 

Expressed in electrostatic units 

9 X 10“ 

g, = -^- 


(32) 


c = 


C' = 


4 TT 
K 
4 TT 


in which p is the specific resistance of the earth in ohms 
for a centimeter cube, and K is the dielectric constant 
of the earth. Average values of p and K as given in 
Fleming^® are shown in Table VII. 


TABLE VII. 



p = Ohms per 
centimeter cube 

k = Dielectric 
constant 

Sea Water. 

100 

80 

Fresh Water. 

10,000 to 100,000 

80 

Moist Earth..'. 

1000 to 100,000 

5 to 15 

Dry Earth... 

1,000,000 and up 

2 to 6 

Wet Sand. 

100 to 10,000 

9 

Dry River Sand... 

very large 

2-3 

Wet Olay.. 

100 to 10,000 


Dry Olay. 

1,000,000 and up 

2-5 


17. See “Principles of Electric Wave Telegraphy and Telephony’ ’ 
by J. A. Meming, Third Edition, P. 801. 

18. I^inciples of Electric Wave Telegraphy and Telephony 
by J, A. Fleming, Third Edition P. 800. 
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Fig. 56 slwws the values of X/Z for various values ductor in which the electromotive force induced in it 
^ u resistance p and dielectric is zero. This may account for the doubtful results 

cons an . With long waves and low-resistance soils obtained in attempts to measure wave tilt by observing 
CO c IS negligible compared with g', in which case the angle of zero, or minimum electromotive force in a 


X/Z = ^ (33) 

This is a function of wave length and specific resistance, 
and is shown in the sloping lines of Fig. 55. On the 
other hand if the waves are so short and the soil re¬ 
sistance so high that g' is negligible compared with 
CO c' we have 

X/Z = = -s/TJt. (34) 

which is independent of wave length or soil conductivity 
and is shown for several values of K in the horizontal 
lines at the top of the figure. To find the value of 
X/Z for a certain wave length and a soil of a given 
resistivity and dielectric constant we use whichever 
curve (the sloping line of equation (33) or the horizontal 
line of equation (34) gives the lower value for X/Z. If 
near the intersection of the two straight lines we use the 



Fig. 55—Wave Front Tilt, XjZ by Zenneck’s Formula 


transition curve which is shown dotted. To illustrate, 
if X = 1000 meters and X = 4, we find 
X/Z = 1.3 10 for p = 1 X 10® 

2.5 -5- 10 for p = 4 X 10® 

3.9 -5- 10 for p = 1 X 10° (on transition 
curve) 

4.9 -7- 10 for p = 4 X 10° or greater. (On 
horizontal line for X = 4). 

It will be noted that in Zenneck’s formula (32), the 
ratio X/Z is a vector quantity whose phase angle ranges 
from 0 deg. to 45 deg. By far the most common con¬ 
dition is that g' greatly exceeds cu c' {i. e. the earth 
cames current by conduction rather than by capacity) 
in which case the phase angle is nearly 46 deg. The 
phase difference means that the vertical and horizontstl 
potential gradients do not become zero simidtaneously, 
but the electric field is a rotating one. Under these 
circ^stances if a straight conductor is held in various 
positions in a vertical plane parallel to the direction of 
wave propagation, there will be no direction of the con- 


straight conductor rotated in a vertical’ plane parallel 
to the signal direction. Wherever the tilt is considerable 
so that it might be readily measured, the minimum is 
correspondingly dull. 

More satisfactory as a test of the theoretical con¬ 
clusions, would be quantitative measurements of the 
relative magnitudes of the electromotive forces induced 
in horizontal and vertical conductors, for various wave 
lengths and ground conductivities. Determination of 
the phase relations would provide a further check. 

An observation of relative signal intensities on a 
large loop and a wave antenna, indicated a wave tilt 
of the order of magnitude called for by Zenneck's 
formula, but little data of this kind have been taken. 
The large values of horizontal voltage gradient found 
in the measurements mentioned below by Beverage 
and Weinberger were at first considered greater than 
could be accounted for by wave tilt. Assuming 
probable values of ground resistance, the ratio of 
horizontal to vertical potential gradient according to 
Zenneck’s formula is of the order of magnitude of one 
or two per cent, whereas the measured horizontal 
gradient was about 30 per cent of the vertical gradient 
calculated by Austin’s formula. The space potential 
theory of action however is still less capable of account¬ 
ing for the potentials observed. If we assume ground 
water to be 100 feet (30 meters) below the surface of 
the ground, and the earth above ground water level to 
have a specific resistance of 2 X 10° ohms per centimeter 
cube, which is about the value found by measurement, 
we find for a 15,000 meter wave length that the poten¬ 
tial difference between ground water and surface would 
be less than that corresponding to a difference of eleva¬ 
tion of two feet in the space above ground. Consider¬ 
ing the ground as constant potential, and expressing 
the vertical potential gradient as G 
(in which expresses the change of phase 

with distance x measured in direction of propagation) 
the potential of the wire at a height h with respect to 
ground would be G and the potential 

gradient along the wire would be -r— G e > 

dx 

2 TT 

= If the height of the 

wire is 10 meters and the wave length 15,000 meters the 
magnitude of the horizontal potential gradient would > 

Z ir h ^ 2 t X lO ^ 

X ^ - 15,000 ^ ^ G or 0 

of the vertical gradient, which ii 
formula gives for the horizont? 
due to wave tilt. Theoretical 
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over, that there is no electromotive force induced in a 
horizontal wire over a perfectly conducting earth, and 
therefore the space potential picture of operation is 
imtenable. 

Experimental Directive Curve. Fig. 56 shows a direct¬ 
ive curve obtained experimentally. A transmitting 
set was operated, supplying about 5 kilowatts to a small 
vertical antenna, at 120 meters wave length. On a 
field about 600 meters from the transmitting station 
a system of wave antennas was erected consisting of 
twenty-four lines each 55 meters long and about one 
meter above ground, radiating from a central point 
like the spokes of a wheel. By joining two opposite 
spokes together at the center, a wave antenna was 
obtained 110 meters long. Using the next pair gave a 
similar antenna 16 deg. from the last. A ground of 
about 20 ohms resistance was provided at each end of 



each antenna. The current at one end of the antenna 
was measured with a thermocouple and galvanometer, 
the opposite end being damped by a resistance. Meas¬ 
urements were taken successively on the several an¬ 
tennas, while the radiation Was kept as nearly constant 
as possible. From the series of readings thus obtained 
Fig. 66 was plotted. 

A number of factors was present to cause a difference 
between the shape of the experimental directive curve 
Fig. 56 and the curve A of Fig. 57 calculated by equa¬ 
tion (22). TTie resistance used at the end opposite 
the ammeter was not the true surge impedance of the 
line, as determined by later measurements. The end 
verticals were high enough in comparison with the 
length of the anteiina to cause currents of considerable 
relative magmtude, the ground was not perfectly level 
and the divergence of thej^waves was appreciable on 


account of the nearness of the sending station. Addi¬ 
tional observations had been planned, but the work was 
interrupted before another directive curve could be 
obtained. As it stands the directive curve shown in 
Fig. 56 serves as a qualitative check on the theory. 

During the same series of short wave tests, readings 
were taken to show the building up of the current in an 
antenna. A wire sectionalized every ten meters was 
used in the antenna which pointed toward the trans- 



PiG. 57 —Calculated Directive Curves for 120 Meter 
Antenna. A—Simple Wave Antenna. B—Corrected for 
Reflections and End Effects. I =» 0.12, x = 0.18, «= 2.0. 
n = 0.865. 



Pig. 58—Observed Current Distribution .'in 120 Meter 

Antenna 

nutting station. The line was broken successively at 
the sectionalizing points and the current read with the 
thermocouple and galvanometer. The values of cur¬ 
rent are plotted in Fig. 58. Humps such as appear in 
the curve might be due in part to imperfect damping, 
but such humps are to be expected from the theory. 
The total current at any point X in the antenna Fig. 
26 is tibe resultant of the forward wave built up on the 
part of the antenna between A and X, and the back 
wave from the part between X and B. 
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'*ircuitedi The frequencies at which the maxima and 
miniTrifl. occuT indicate the line velocity, while the ratio 
of mirtinniTn to maximum impedance gives a basis for 
calculating the attenuation. 

Determination of Constants from Input Impedance. 
Fig. 61 shows a generator (or oscillator) supplying 
alternating current to a line. This results in waves 
which travel from A to B. Assuming for the time being 
that there is no reflection at B and no return waves, 
the relation of voltage to current is E/I = Z in which Z 
is the surge impedance of the line. When the generator 
makes the point A positive with respect to ground it 
supplies a current in the direction A — B. Let us now 
imagine the generator and the absorbing terminal cir¬ 
cuit interchanged so that the generator supplies current 
to the end B and the waves travel from B to A. The 
impedance measured at the terminals of the generator 
will be the same as before, but when the line is positive 
with respect to ground the current will be flowing in the 
direction B — A. Therefore if we define the voltage as 
positive when the line is positive with respect to ground, 
and the current as positive when in the direction 
A — B, then for waves traveling in the direction A — B 
the voltage is E = + Z I, but for waves traveling in 
the direction £ - A the rdation is E = - Z I. 

If the forward wave leaves the end A with a mag¬ 
nitude and phase represented by lo it will reach 
B with the magnitude and phase lo or 

lo e-'^Mn which y = a -f y jS. We shall represent the 
forward wave as it reaches B by the symbol L. Then 
since Ii = Iq lo = h/e L Likewise at 
any point X, Fig. 61, x kilometers from B measured 
toward A, the current of the forward wave is L e*’'®. 
And the voltage of the forward wave at Z is Z L 

If the reflected wave leaves B with a magnitude and 
phase represented by I 2 , it will be I 2 « when it reaches 
Xf and I 2 when it reach^ A, And the voltage 
of the return wave is - Z I 2 at B, - Z I 2 at X 
and - Zl 2 €“‘^' at A. 

When waves traveling in both directions are present, 
the total current in the line at any point X will be the 
vector sum of the currents due to the two trains of 
waves or 


This becomes equal to Z if I 2 = 0, and becomes - Z 
if Ji= 0. The negative sign means that power is 
being supplied from the line to the terminal circuit by 
waves which travel in the direction B — A, instead of 
from the terminal circuit to the line as is the case-for 
waves leaving A. If the waves leaving A are larger 
than those arriving at A (i. e. if L > I 2 there 
is a net power supply to the line. 

If the line is made very short Z^, the impedance 
at A, of the line plus the terminal circuit, must eventu¬ 
ally become equal to that of the terminal circuit alone 
or equal to Zi. Setting Z = 0 in (39) and equating to 
Zt, we have 

Za (for / =0) = Z = Zt (40) 

The value of Zt relative to Z determines the relation 
of the reflected wave 1 2 to the oncoming wave L at 
the reflection point B. From (40) 

- Z./Z (41) 

Adding 1 to each side of this equation, 

xw = ^ 

Subtracting 1 from each side of (41) 

From 42 and 43 

I /I — ^ ~ /A4\ 

I 2 /I 1 - J 2^/2 (44) 

This is the general vector expression for reflection, 
which was given on page 56, where an illustrative prob¬ 
lem was worked. We have used the term ^'reflection 
coefficient” for thQ ratio I 2 /I 1 . 

If the line is short circuited at the end, Zt = 0 and 
(44) becomes I 2 /I 1 = 1 or I 2 = Ii. The total current 
Ii + I 2 then becomes 2 Ii which is the familiar case of 
the current doubling at a short-crcuit reflection. 

If Z/ = Z, I 2 /I 1 = 0, or I 2 = 0 or there is no reflec¬ 
tion. 

With an open circuit at the end Zt - », L/L 
becomes — 1, or I 2 = — Ii, the total current at the 


I, = 1 , + /jg) reflection point being L + I 2 = L - L = 0. The 

- total voltage at the reflection point becomes Z (L 

And the toW voltage will be the vector sum of the - U) = Z (I, + I,) = 2 Z I, or twice that due to the 


voltages Z Ii e^® and - Z U €~^®, or 

E. = ZIx€"*-Zl2€-"* (37) 

The ratio of voltage to current, or the impedance at X 
is 


1 * f 

E*/L = z-ILiLl 
Ix€^*+:i2€‘ 
or at A the impedance is 

— -y Ii — I2 e’ 


.Za;=;z 


lie"' + 1,6 


oncoming wave alone. This is the case of doubling 
of voltage at an open circuit reflection. 

Fig. 62 shows the current and voltage vectors at 
0, 1, 2, 3, 4, 5 and 6 kilometers from a short-circuit 
reflection, the attenuation constant being taken as 
0.06 per kilometer, the wave length 15 kilometers and 
the velocity ratio n = 0.8 so that the length of a wave 
on the wire is 12 kilometers. Since in the case of a 
short circuit reflection I 2 = 7i, their vectors coincide 
at the reflection point. The vector Ii * of the 
forward wave, is advanced in phase and increased 
in magnitude as we proceed toward the source, or away 



Feb. 1923 


THE WAVE ANTENNA 


247 


from the reflection point, while the vector of the 
reflected wave, I 2 e" becomes smaller and retarded 
m phase. At 3 kilometers from the reflection end, 
the current vectors have rotated 90 deg. each, in 
opposite directions, and are therefore 180 deg. apart, 
and the resultant current is seen to have a TYtininmiTy) 
value equal to the difference in the lengths of the two 
vectors. Referring next to the voltage diagram, the 
vectors Z Ii and — Z I 2 at the reflection point are equal 
and opposite giving zero resultant, for there is no volt¬ 
age across the line at the short circuit. At 3 kilo- 





Currents at Various Distances prom Short Cir- 
•CuiT (Heavy Arrows are Vectors op Total Current) 

meters from the short circuit the voltage vectors have 
rotated into coincidence, giving a maximum resultant 
equal to the sum of the lengths of the two vectors. 
Since the current reaches a minimum and the voltage 
a maximum value at this point, the impedance or ratio 
of voltage to current will be a maxiTYuim , pig, gg 
shows the total current and voltage at various distances 
from the short-circuited end, calculated by vectors as 
indicated in Fig. 62. The impedance and phase 
angle are also shown. The general form of the current 
distribution curve should be compared with the experi¬ 
mental curves shown in Figs. 7 to 9. 



numerator and denominator by e” *, which simplifles 
the expression, we get 

Ii- Ii 


E./I. = Z 


Ii + I, 


= Z 


1 -- e 
1 + e 


- 2 y X 

- 2y X 


= z 


2_ ^-2 ax ^-J20x 
1 + 


(45) 


which is the impedance of the line x kilometers from a 
short circuit reflection 

In the case we have been considering x = B kilo¬ 
meters and the wire wave length = % X = 12 kiio- 

1 2 -TT 

meters, so that x = j-n\. Since 8 = 


n X 


6 X 


2 TT n\ 


n X 


X and 28 x >= t. The factor 



Voltage, Impedance and Power Factor 
Short-Circuited Line. (Current and Voltage 
Expressed AS Ratio to Those op Wave RBAOHiNa Rbplbc- 

TION JrOINT^ 


^ = cos TT — j sin tt 


Fig. 62B— Voltage at Various Distances prom Short Cir¬ 
cuit (Heavy Arrows are Vectors op Total Voltage) 

The three kilometers, or distance at which the im¬ 
pedance minimum was reached in Fig. 62, is a quarter 
of the length of a wave on the wire. Let us compare 
this result with that given by equation (38). Restating 
the equation. 


€ ^ ® * in (45) then becomes 

= — 1 so that the impedance a quarter of a wire wave 
length from a short-circuit reflection is 


E*/L = Z 


r jr X . . 

Il € — I2 € 


- 7 * 


(38) 


At six kilometers or a half wire wave length from the 
short-circuit reflection, we find in Fig. 62 that the total 
voltage is a mmimum and the total current a maximum, 
so that the line impedance is at a minimum value. 


f 7 * , t -y * 

€ *1" I 2 € 

In the case of a short-circuit reflection Ii = h. 
Making this substitution in (38) and multiplying 


Here a; = X, jS a; = 


X 


n X 


«= T, and 2 8 x 


n \ 2 

= 2 IT. Therefore e" ^ ^ = c ’ ^ -{- 1 , Using 
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this in (45) we find that the impedance a half wire 
wave length from a short-circuit reflection is 


Z»tt» = Z 


1 - € 


- 2 a X 


1 + € 


~ 2 a X 


(47) 


The factor ^ ^ ^ * again reaches the value — 1, 

when 20 X becomes 3 t, 5 tt, 7 ir, 9 x,.. or 

when the distance x is equal to any odd number of 
quarter wave lengths, and it becomes + 1 when 20x 

equals 2 x, 4 x, 6 x, 8 x,., or when x is an 

even number of quarter wave lengths. Therefore the 
impedance of a short-circuited line is expressed by (46) 
if X is an odd number of quarter wave lengths and by 
(47) if X is an even number of quarter wave lengths. 
(It being understood that *‘wave length” in this con¬ 
nection refers to the wire wave length, n X) 

In the case of an open-circuit reflection 1 2 = — 1 1 , 
and the general expression (38) for impedance becomes 


E,/I* = Z 






2 € 


-y X 


= z 




= z 


1 + €' 


2 y X 


1 - € 


- 2 y X 


= z 


-2ax^-j2px 


1 + € 


H -2a!* - j 2 p X 
i € € 


(48) 


In Fig. 62 the minimum current or voltage is seen 
to be the difference between the lengths of the vectors 
of the forward and return waves. If these are very 
nearly equal, the impedance becomes very high at a 



Fig. 6^4—Cuiivio pou DjsTHUMrNiNcj Link Attkniiation phu.m 

lMPi!:i>ANi7K Ratio 


current node, and very low at a voltage node. On t he 
other hand if the return wave is .small compared with 
the forward wave, the impedance varies through a 
much smaller range. Thus the ratio of minimum to 
maximum impedance shows the magnitude of the retuni 


TABLE VIII 

CONDITIONS FOR MAXIMUM OR MINIMUM IMPEDANOJ5 OF LINK 


Distance from point of reflection, wave lenortha.. 

i/4 

2/4 

.3/4 

4/4 

Gr/4 

ti/'fl 

.7/4. 


..... ...^. 

Impedance, with short-circuit reilectlou., 

max. 

mtn. 

max. 

min. 

max. 

min. 

max. 

min. 

max. 

Impedance, with open circuit reflection. 

min. 

max. 

min. 

nvix. 

min. 

1 

max. 

min. 

! max. 

mill. 


When ^ 1, or when x is an odd number of 

quarter wave lengths, the impedance (48) takes the 
minimum value shown in (47), and when ^ ^ * = 
+ 1 or a; is an even number of quarter wave lengths 
the impedance x kilometers from the end of the open- 
circuited line has the maximum value given by (46). 

Summarizing, the impedance of the line takes the 
minimum value (47) or the maximum value (46), 
depending on the t 3 rpe of reflection and the distance 
from the reflection point, as shown in Table VIII. 
Since in the present case the impedance is to be meas¬ 
ured at the end of the line we substitute I for x in (46) 
and (47) giving for the line input impedance. 

-20!/ 


wave os compared with the forward wave, or in other 
words it shows the attenuat ion which tlu* wave.s undergo 
in traveling to the end of the line and back. 

If the frequency of the current, being .supplieii to the 
line, (in Fig. 61) is such that there are a whole numlier 
of quarter waves on the line, and we lake maiKurements 
of the input impedance, with the far end open, and also 
with it short-circuited, we obtain a maximum im¬ 
pedance (46a) and a minimum impedance f47a) for 
the same frequency. Letting m stand for the ratio 
of the minimum to maximum impedunc.e, we may 
calculate the attenuation a.s follow.s: 

• 2 tt I 


Zmax = Z 


1 4- e‘ 


Zmin = Z 


1—6 

1—6 


-2a/ 
2 a l 


1 + 6 


-2a/ 


(46a) 


(47a) 


Vt —• Zmin / Zniit ^ 


. 1 ,::+ 

1 *f 6‘ 


2 n I 


1 '{' 6 


Z n / 


- 2 « / 


6 


In the foregoing discussion we have thought of the 
wa,ve length as constant and the distance from the 
point of reflection as being varied, but a series of m^i- 
ma and minima as indicated in Table VIII is also ob¬ 
tained if the length of the line is constant and the 
wave length, or frequency is changed. This is what is 
done when we take the measurements for plotting the 
input impedance curve like that shown in Fig. 60. 



1 6 
1 + 6 " 


2 ix I 
2 a I 





1 Tf." 7“= i'' 

Vm + 1 = 

_ 2_ ^ 

1+ 6* “ " ' 


( 49 ) 
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Fig. 69 shows the apparatus which the writers have 
used for measuring line input impedance. At either 
a voltage or current node the line is substantially a 
unity power factor load and its impedance may be 
determined by finding the non-inductive resistance 
which will give .the same current. The pick-up coil 
should preferably have a low reactance compared with 
the impedance to be measured. When a current maxi¬ 
mum is observed, the resistance is substituted for the 
line and the condenser C 2 adjusted to tune out the react¬ 
ance of the pick-up coil. The circuit is then switched 
back to the line and the oscillator frequency read¬ 
justed to give current maximum. If the change of 
oscillator frequency has been considerable a repetition 
of the process will be needed. In the case of a low loss 
line it is desirable to use a relatively high-reactance 
pick up coil and high sensitivity met^ for measuring 
the impedance maxima and a lower impedance coil 


reflection. For a given frequency the line presents a 
definite impedance at its terminals, and adding re¬ 
sistance in the supply circuit merely reduces the current 
and voltage supplied to the line without altering the 
ratio of voltage to current at the line terminals. 

It is desirable in some cases to check the values of line 
constants as determined from the input impedance, by 
direct measurement. Arrangement is made for tele¬ 
phone communication over the line as shown in Fig. 71 
the circuits being designed to have negligible effect on 
the radio frequency currents. Various resistances are 
tried at the far end of the line, until a value is found 
which gives constant impedance at the oscillator end. 




Pig. 68—Wave Velocities op Antennas 



to WATT oseiuAnjt 
^99 


Pig. 70—Circuit for Measuring Input Impedance op Low 

Loss Lines 

over a considerable range of frequency. A small 
amount of reactance in addition to the resistance may 
be required to give perfectly constant impedance at the 
oscillator end, since the surge impedance is not neces¬ 
sarily a pure resistance. If the surge impedance 
changes with frequency a new resistance setting will be 
required for a different frequency range. Leaving the 
surge impedance as found in this way, in the far end 
of the line, simultaneous readings of the currents at the 
two ends are taken at a number of different frequencies, 
and the average ratio of received to supplied current 
gives the attenuation, €~ “Measurements at different 
frequencies of the impedance of the line at the oscillator 
end give a check on the surge impedance as found by 
trial at the far end. The presence of partial reflections 


Pig. 69—Circuit pob Measuring Antenna Input Impedance 

FOR Long Waves 

and le^ sensitive meter for measuring the low values 
of line impedance* Fig. 70 shows such an arrangement, 
mdicating coil values which have been found suitable 
for a 10,000 to 20,000 meter range of wave lengths. 
Cuirent transformers are permissible. Owing to the 
rapid change from low to high-current values precau- 
uons should be taken to avoid meter bum outs. Oscil¬ 
lator harmonics should be minimized by usiug large 
capacity C, and high-efficiency, low-inductance coils 
m the oscillator circuit, with loose coupling to the pick 
up coil. 

^It IS not in all cases necessary to take the impedance 
^^ctensti^ of the line, both open and short-circuited. 
With a good set of readings for either condition, the 
envelope of the curves can be drawn in and the surge 
impedance and attenuation determined approximately. 
IS not necessary to use a damping resistance at 
oscillator end of the line with a view to preventing 





I *w*JQr 



Pig. 71—Circuit for Direct Measurement op Attenuation 


on the line, which may result from changes in ground 
conditions, may cause considerable error in the values 
of the consents as found by this method. 

More complete and reliable information on ttie 
behavior of the line is obtained by supplying one end 
with ciOTent of constant frequency and amplitude, and 
measuring the current at intervals along the line, with 
different circuit conditions at the far end. If the end is 
damped with the true surge impedance, and there are 
no points of partial reflection on the line itself, the cur¬ 
rent will^ show a continuous decrease, following the 
exponential law. If the current is plotted as a function 
of distoce on ‘'semi log" paper, the points wiU fall on a 
straight line and the slope of the line will show the 
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attenuation constant. If reflections occur either at 
the end or at any other point on the line there will be 
humps or hollows in the curve. With the end open- 
circuited or grounded, this method of study shows the 
standing waves on the line, from which the velocity and 
attenuation can be calculated. Curves of this kind 
are shown in Figs. 3,4, 6,7, 8 and 9. 

Interpretation of Observed L/ine Constants. The 
explanation of the manner in which velocity and at¬ 
tenuation are affected by frequency, is to be found in 
the varying depth of penetration of the return currents 
into the ground. Fig, 72 shows the general shape of the 
path of the ground current. There is a ‘‘skin effect” 
which tends to concentrate the earth currents near the 
surface. If it were not for this skin effect the mean 
depth of the earth currents in ground of uniform con¬ 
ductivity would be a considerable fraction of a wave 
length, probably between one and two thousand meters 
with a twelve thousand meter wave. As it is, most of 
the earth current is within one himdred meters of the 
surface, with waves of this length and soil of moderate 
conductivity. Zenneck‘si» analysis gives the depths of 
penetration of earth currents for the case of space waves 
of plane wave front from which we can obtain a rough 
idea of the order of magnitude for the case of waves on a 
wire supported a short distance above earth. 



Fig. 72 —Distribution of Ground Currents Under Wire 

Carrying Waves 


small resistance is shown in series with the line to ground 
capacity and a higher resistance in the horizontal return 
conductor, which is at a depth corresponding to the 
mean depth of the earth currents. The capacity of 
such a line would be substantially the same as for a 
wire of the same height, over a perfectly conducting 
earth. The inductance would be that corresponding to 
a wire B. D meters above a conducting plane which 
forms the return conductor. There would be a small 
added charging current loss due to the resistance in 
series with the capacity and a much larger loss due to 
the resistance of the horizontal return conductor. 
Since the depth of penetration increases with wave 
length we should expect greater inductance and therefore 
lower velocities on long waves. The greater the 
penetration the lower the resistance to the earth cur¬ 
rents. Therefore the losses are less and the attenuation 
less on long waves. High-ground resistance increases 
the penetration and loss at the same time, and therefore 
reduces the velocity and increases the attenuation. 

Beverage found for the sandy soil near Eastport, L. 
I. a specific resistance of about 2 X 10“ ohms per 
centimeter cube. Since ground water occurs at a depth 
of something less than 100 feet (30 meters) the excess 
resistance and inductance of the Riverhead antenna are 
materially less than those corresponding to this value 
of soil resistance. 

Table IX shows the calculated inductance and 
capacity of a one, two, and a four wire line based on 
perfectly conducting ground. The wire spacing is 
taken as 4 feet (1.3 meters) each way with 20 feet (6.6 
metera) clear above ground. 


If the earth carries current almost entirely by con¬ 
duction rather than by capacity, which is true for all 
except short wave lengths or extremely high-resistance 
ground, Zenneck's formula for penetration may be 
stated in the following form. 

Z> = 50 vTlf' 

in which D is the depth in meters at which the earth 
current density is reduced to 1/e = 0.368 of its value 
at the surface, 

P = specific resistance of the earth in ohms per 
centimeter cube. 

/ = frequency 

This gives for a 12,000 meter wa;ve (f = 25,000) and 
a specific resistance p = 10® ohms, a penetration 
D — 100 meters. 

In Pig. 72 it is seen that there are both vertical and 
horizontal earth currents, but for the vertical currents 
the distance is relatively small and the cross section 
great. If the drawing were more nearly to scale this 
difference between the vertical and horizontal earth 
currents would be still more apparent. The conditions 
m ay be approximately represented by Fig. 73 in which a 

19. Translation given in Fleming “Principles of Electric Wave 
Telegraphy and Telephonv” Third Edition P. 812. 



The observed attenuation and velocity shown in 
Mgs, 66 and 68> give a basis for calculating the effective 
inductance and resistance provided the capacity is 
known. The actual capacity is somewhat greater than 
Co as ^ven above owing to insulators, poles, and the 
prosdmity of trees. An. audio-frequency bridge nieasure- 
ment showed 0.011 microfarads per kilometer for two 
wires at a height of thirty feet. As this value seems 

Calculated by formula for skin effect given oh pa^ 13g pf 
Principles of Electric Wave Tdegraphy and Telephony. J, A 
Fleming, 1916, 
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high and the accuracy of the bridge was not checked, 
we shali assume the capacity to be 10 per cent greater 
than the calculated value Co. This gives the constants 
shown in Table X for a two wire line. 


TABLE X. 


Frequency. 

u — observed velocity, km. per sec—... 

u 

n - 3 ^ 1 ^ ^ - velocity ratio. 

L - -1- - effective inductance.. 

U» (l.llco) 

Lg = L -[Lo = added inductance for| 

groimd, mh. per km. 

D — mean depth of earth currents (meters) 


I-Jl- 

\ l.lCb 


surge impedance. 


oe » observed attenuation per kilometer.... 
H 2 a -Z = resistance to give observed at¬ 
tenuation, ohms per k. m. 

B, R — Riv equivalent resistance of 

ground. 

<a L ^ Inductive reactance per kilometer... 


Two Wire Line 


12,000 
2.33 XIO® 

20,000 

2..37X10‘ 

30,000 
2.42 XIO* 

77.4 

79 

80.6 

1.73 

1.66 

1.50 

0.50 

118 

0.52 

82 

0.45 

56 

400 

303 

384 

0.033 

0.044 

0.056 

26.5 

34.5 

43 

24.3 

131 

31.76 

208 

30.7 

300 


The ground losses and penetration would not be 
materially different for the one and four wire lines. 
Taking the values of Rg and Lg for the two wire line as 
applicable to the one and four wire lines, we may calcu¬ 
late the attenuation and velocity to be expected on the 
latter as follows: 


The formulas Z = ^/LfCt ol - 


and u = 

2 Z' 


1 

VITC 


are approximations applicable when the resistance is 
small compared with the inductive reactance. In this 





Pig. 73 —Circuit Approximately Equivalent to Ground 

instance <o L is more than four times R for all the cases 
calculated and the errors in the magnitudes of a, u, and 
Z, due to the use of these abbreviated formulas are 
small. There is however an appreciable phase angle 
to the vector of the surge impedance Z, which it is of 
interest to estimate. If the losses were equally divided 
between dielectric and vertical ground current losses 
on the one hand and wire resistance and horizontal 
ground current losses on the other, or to put it differ- 
erently if a short section of line with ground return had 
the same power factor, considered as an inductance as it 
has when treated as a condenser, then the surge 
impedance, would have zero phase angle or be equiva¬ 
lent to a pure resistance. In the present case the ground 
losses are for the most part equivalent to the effect of 
an added resistance in the line. If we assume all the 
losses to be the result of line resistance we shall obtain 
a maximum value for the phase angle of the surge 


impedance. The full expression for surge impedance 
in vector terms is 

R j <a L 

G j 03 C 

in which G represents a shunt conductance of such 
value as to give the equivalent of all the dielectric loss. 

The phase angle of Z is 1/2 ^tan — tan 

R 

which becomes — 1/2 tan —- when G = 0. From 

03 L 

the values of L, C, and R given in the above tables we 
find the values for the surge impedance shown in 
Table XII. The figures preceded by —j are ohms of 
capacity reactance. The actual amount of reactance 
would be slightly less than this, since G is not actually 
zero. 

Directive Reception and Stray Ratio 

Direction of Static. The general opinion that, on the 
average, summer static comes from a definite direction, 
for example from a southwesterly direction on our North 
Atlantic coast, seems to have been brought to a focus 
by Pickard's classical paper“' on “Static Elimination by 
Directional Reception." In the discussion Pickard 
cites an interesting note made by Marconi in 1906, 
giving the results of his observation on the directivity 
of static. 

The remarks by Austin, Blatteimian, Hoxie and 
Beverage are of particular interest in showing the trend 
of opinion as based on obseiwation. The early work 
of Taylor^ is also of considerable intere.st in this con¬ 
nection. Taylor found that atmospherics were very 
strong on the high vertical antennas contemplated 
for European reception. After de.scribing tests of 
various heights and lengths of antenna with the result 
that the signal to static ratio remained constant, he 
goes on to say—“One of the first questions that 
naturally arises in connection with these .sturbs is, 
'where do they come from?' and it was considered that 
if their office of origin could be located this might help 
solve the problem of their elimination. For this pur¬ 
pose an investigation has been conducted at the Belmar 
Station, where a directive antenna of the Bellini-Tosi 
type was erected." The conclusions from his observa¬ 
tions are that static at Belmar has an average direction 
of south to southwest, as later observations have shown. 
Alexanderson'‘''\had also observed the marked directivity 
of static with his Barrage Receiver. More recently a 
great deal of very valuable systematic experimental 
work has been done by Austin'-*** on this subject. 

21. Institute of Radio Engineers 1920 Vol. 8, P. 397. 

22. C. H. Taylor, Direction of Maximum Atmospheric Dis¬ 
turbances on Wa-ve Range 6000 to 12000 Meters “Belmar,** N. J. 
Sept., Oct. 1915 and Nov., Jan. 1916, Yearbook of Wireless 
Telegraphy and Telephony 1917 P. 726-743. 

23. E. P. W. Alexanderson, I. R. B. Aug. 1919. 

24. Louis Austin Jour. Franklin Inst. May 1921, page 619. 
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from certain directions. If static, while not confined to opposite to the desired signal. The spacing of the loops 
a specific direction, comes largely from a certain quarter, is preferably between an eighth and a quarter wave 
it is important to have an antenna system whose length. Compared with systems which obtain their 
directive curve has a small area within the angle from directivity in a small space, the full length wave antenna 
which the heaviest static comes. has the advantage mentioned in connection with the 

discusaon of short wave antennas, namely, that the 
—T—r—f T T 7*^ signal currents developed are strong in comparison with 

*\\\ \ / ^ residuals, and therefore there is a better chance of 





Fig. 76 DiBBcnvB Cubvei op CoswiNsio Loop and Vebtical 
Antenna (BotrAL Intensities) 

A number of antenna arrangements have been used 
which are considerably more directive than the loop and 
vertical. The calculated directive curves of some of 
these are very similar to that of the one-wave-length, 
full-velocity wave antenna. Fig. 77 shows the directive 
curve of a pair of loops spaced apart in the direction 
of signal pippagation, the currents from the two loops 
being combined in the receiving circuit in such phase as 
to neutrahze for disturbances coming from a direction 




Fig. 77—Dibective Ctibvb fob Two Loops an Eighth Wave 
■ Length Apabt 


realizing in practise the directive properties predicted 
by calculation. 

Reference to Figs. 35 to 41 and 44 shows that the 
areas of the directive curves of wave antennas are small, 
that the areas of the back and lobes of the curves are 
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very small so that disturbances coming from any direc¬ 
tion more than 90 deg. from the signal have relatively 
small effect, and we have shown in the discussion of the 
reflection balance, that a blind spot can be produced for 
any direction more than 90 deg. from that of the signal. 
The benefit resulting from reduction in directive curve 
area is illustrated by the fact that in a number of com¬ 
parisons the full wave antenna has always shown 
noticeably better stray ratios thaii an antenna half the 
length, although the difference in calculated area is 
comparatively slight. 

Directive Effects for Impidses. The question will 
naturally arise whether directivity curves calculated for 
continuous waves, are applicable to the steep wave 
fronts and pulses of static. The experimental evidence 
is that they are applicable. It is dear that in the case 
of the wave antenna, waves on the wire will build up in 
the direction of travel of the space wave, and relatively 
feeble waves will reach the opposite end of the antenna, 
whatever the wave shape or number of waives in the 
train. As applied to antennas or circuits in which a 
balance of some sort is employed, to give zero reception 
for continuous waves from certain directions, the 
^lanation of our experience with static is to be found 
in the great frequency selectivity of our receiving sets. 
Harmonic analysis of a pulse would show it to be equiva¬ 
lent to the sum of a large number of trains of waves of 
different frequencies. Of these the receiving set rejects 
all but the waves of signal frequency. Another view of 
the problem is the following; 

Any circuit which produces a balance or zero recep¬ 
tion for continuous waves of a certain frequency will 
react to a single pulse in such a way as to cause a second 
pulse in the opposite direction, simultaneously or a 
whole number of cycles later, or else a second pulse in 
the receiver in the same direction as the original, but 
an odd number of half cycles later. The receiving 
set has a tuned circuit and a detecting system which 
integrates over many cycles the effects of the oscillation 
of the tuned circuit. If the neutralizing pulse is 
simultaneous with the original, the tuned circuit is 
unaffected; otherwise the- tuned circuit is set into 
oscillation by the initial pulse, but immediately stopped 
by the neutralizing pulse. The integrated effect of the 
brief oscillation is comparatively slight. If there were 
no neutralizing pulse the tuned circuit would (assuming 
a reasonably low loss circuit), execute something like a 
hundred oscillations before the amplitude is reduced to 
half the imtial value. 

While we have discussed static as if it consisted of 
single pulses or of waves of very high decrement, it may 
well be that some of our static consists of trains of many 
waves of a fairly constant frequency. The wave 
antenna, being aperiodic, provides a means of studsdng 
some of these disturbances without altering their 
character. If we insert an ordinary telephone receiver 
in the ground lead, at one end of a wave antenna, we 
hear a variety of ^'crackling” and “sputtering’" noises, 


some of which coincide with the static disturbances in 
the radio receiving sets. Among these noises is an 
occasional “ping,” or sound of definitely musical 
character, resembling the sound given out when a bare 
telephone or telegraph wire is struck a sharp blow. No 
such sound in the receiver is heard, however, when the 
outside wire is actually struck. 

The manner in which such continuous trains of waves 
might originate is not evident, but the following analogy 
is of interest. If you throw a stone into the water, you 
will note two or three citcular waves as soon as the 
splash has subsided. Three or four seconds later you 
can coirnt seven or eight waves, of substantially uniform 
size with a calm area inside, and after some ten seconds 
there may be a dozen to twenty waves. This analogy 
may have no significance in connection with ether waves, 
but it suggests a possibility. If it is time that static 
contains trains of waves of moderately low decrement, 
this would in part explain the failure of attempts to 
improve stray ratio by interior circuits (apart from the 
frequency selectivity obtainable by highly tuned cir¬ 
cuits) and point to the conclusion that increased direct¬ 
ivity must be our main reliance for further improve¬ 
ments in receiving through static. 

General Engineering Features 

Type of Comtrmtion, It is brought out in the dis¬ 
cussion of the theory that, so far as collecting signal 
energy is concerned, there is no object in placing the 
wires of a wave antenna higher than is required for 
security and to pass obstructions, A high line will 
show slightly greater wave velocity and less attenua¬ 
tion than a low line, and be less affected by changes in 
ground conditions or proximity of trees, which some¬ 
times cause sufficient changes in the line constants to 
give rise to slight reflections. The differences in favor 
of the higher line, however, are so small that they 
would rarely warrant the expense of taller poles. 

Apart from the importance of a straight line and 
. avoiding proximity of other conductors, the specifi¬ 
cations for wave antenna construction might be taken 
bodily from those written for an open wire copper 
telephone circuit. Any change in construction or 
material which will appreciably alter the line impedance 
and give rise to reflections, should be avoided. Special 
care should be given to obtaining clean surfaces for 
making joints, since we are dealing with voltages which, 
on the average, are hardly a tenth of those developed 
in ordinary telephone circuits. Sleeve joints are 
recommended for permanence. The smallest copper 
wire which will stand the storms will make as satis¬ 
factory an antenna as a heavier wire. Good balance, 
where two wires are used, is important, and for this 
reason first-dass insulation should be provided. We 
have seen that a single-wire antenna shows lower at¬ 
tenuation and higher velocity than a two wire antenna. 
For the same reasons, although in less degree, the u^ 
of small wire, and placing the wires near togethei*, (if 
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the antenna consists of several wires in multiple) is 
conducive to high velocity and small attenuation. 

Except for temporary or experimental puiposes, 
two-wire antennas are practically always desirable, 
since they permit adjustments in the station for putting 
out “back end” disturbances. The use of more wires 
will, in some cases, collect slightly more energy, 
but has no other advantage. 

Whether a minimum of attenuation and a high 
velocity are desirable depends primarily on the length 
of the antenna. For an antenna a wave-length long, 
the best directive properties are obtained with a velocity 
between 0.7 and 0.8 of that of light. Higher velocities 
are desirable for longer antennas and lower velocities 
for shorter antennas. These considerations may govern 
the choice of number of wires, or other features of the 
design. It may even be desirable, in some cases, to 
reduce the wave velocity of the antenna below the 
natural value, by loading. The loading may be done 
by adding series inductance, with the effect of raising 
the line impedance and reducing the attenuation, as 
well as reducing the velocity. Slowing down the line 
by adding capa.city to ground will lower the impedance 
and increase the attenuation. The amount of atten¬ 
uation experienced on antennas consisting of bare wires 
on poles, does not appear to affect their directive 
properties adversely. 

Location of Antenna. The land chosen for a wave 
antenna should be as flat and uniform as possible. The 
desired location of the receiving station need not control 
the selection of the location for the antenna. Parallels 
with other wire lines are to be avoided as far as possible, 
since the foreign lines, acting as antennas, pick up 
disturbance from various directions and introduce these 
into the antenna by induction. There is no simple way 
of balancing out this induction, for both the lines and 
the antenna are acting as ground return circuits. It is 
possible to prevent detrimental effects from adjacent 



-- 

Fig. 78—Equally Cbookbd Antennas Which are Not 

Equivalent 

lines by loading them so as to prevent their carrying 
radio frequency currents. The importance of a straight 
right of way depends in part on the desired over-all 
velocity, which, in turn, depends on the length em¬ 
ployed. Considerable deviations from a straight line 
affect the dnective properties of the antenna, not only 
by reducing its wave velocity, but by altering the 
electromotive forces induced in it. For example, the 
anteuna ^o^^ in Fig. 78 a would receive disturbances 
from a direction at right angles to the mean line of the 
antenna, since the electromotive forces in the sections 


Orb and d-c would by no means neutralize. On the other 
hand, in Fig. 78b, the sections a-b and c-b, which are 
affected by disturbances at right angles to the antenna, 
are a smdl fraction of a wave length apart, and the 
effects of the disturbance would nearly neutralize each 
other in the two sections. 

It is important to provide grounds at the ends of the 
antenna which will not change sufficiently to upset 
adjustments. A body of water in which several 
hundred feet of copper wire can be laid is the most 
desirable terminal for the antenna, but fairly satis- 


tfy** 

.. 



Fig. 79—^Arrangement Permitting Tjocation op Reoeiving 
Station at a Distance prom the Antenna 

factory grounds can be made by burying sufficient 
lengths of wire. Beverage found on Long Island that, 
for grounds of this type, it was best to lay the wire in the 
sod rather than bury it deeper, since the humous of the 
surface soil retains its moisture better than the sand 
below. A star consisting of ten or a dozen 100 foot 
radii of 0.081 in. copper wire laid in this way usually 
gives a resistance as low as 20 to 40 ohms. 

Location of Receiving Station. In the cases of the wave 
antennas which have so far been built, the receiving 
station has been located at the end nearest the trans¬ 
mitting station and the signals sent back over the 
transmission line as illustrated in Fig. 18. • Figs. 79 and 
80 show arrangements by which the receiving station 
may be located some distance from the antenna. Ef¬ 
fective damping must be provided at the end A, and 
this can be done either by wasting most of the energy 
in a resistance at A and transmitting to the station only 
so much as is necessary for compensation, or by using 
close coupled transformers of proper ratio to fit the 
impedance of the circuits which they connect together, 
and effectively damping the transmission lines in the 
station. Experience has shown that signals can easily 
be transmitted a number of miles over open wire lines, 
with comparatively little loss of intensity, and if 
we start with , signals of such intensity®® as is usually 
obtained from a full wave length antenna, there 
is no perceptible impairment of stray ratio. For 
the transmission lines which are not a part of the an¬ 
tenna, there is no object in avoiding parallels with other 

26. The quietness and balance of a two-wire transmission Une 
are not absolute, and if we attempted to transmit very weak 
signals, they wotdd obviously suffer in stray ratio. 
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circuits, but they should be transposed frequently 
enough to prevent picking up radio frequency cuirents 
by induction from other circuits. 

Transmission lines will inevitably act as antennas and 
waves will be built up on them by disturbances traveling 
parallel with the direction of the transmission lines. 
If the lines are balanced, these waves will cause no 
difference of potential between wires, but only potentials 
to ground. Balanced transformers at the ends, with 
electrostatic shielding between primary and secondaiy, 
will in general sufrice to prevent any effects of the 
parasitic waves from entering the receiver. Cases may 
arise, however, in which the waves built up on the trans¬ 
mission line are especially strong, making adequate 
balance difficult. There are several pos.sil)le measures 
for reducing the antenna effects of the transmi.ssion lines, 
such as 


common resistance in the ground. Fig. 82 shows a 
circuit designed to isolate a portion of a telephone line 
for antenna purposes. This provides both chokes and 
a drain, and the coils and condensers are proportioned 
to cause minimum interference with the passage of the 
telephonic currents. If the grounding of the wires 
through the 0.3 microfarad condensers makes the 
telephone line noisy, a 0.2 microfarad condenser in the 
ground lead will reduce this tendency. 

All parallel wires which are not used as part of the 
antenna should be sectionalized for radio frequency 
currents, either by coils, or by links of artificial line 
like that shown in Fig. 82, at intervals of a quarter or a 
third wave-lengf:h or less, of the shortest waves for 
which the antenna is to be used. 


1. Loading to give low velocity. 

2. Sectionalizing with transformers. 

3. Draining. 

If the loading coils in the two wires are inductively 
coupled, they may be made to introduce comparatively 
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little inductance in f,he transmi.ssion, line and a higher 
inductance in the ground return line. A .short-circuited 


The princi])al <li.sadvantages of using telegraph or 
telephone wires for an antenna are the compromise 
antenna de.sigm whic*h is likely to result, and the diffi¬ 
culty of making tests on the antenna for balance or 
leakage. The latter applies especially to telegraph 
lines. If the wires are used for telephony only, large 
stopping condensers which will permit the telephone 
ringing currents to pass, may be introduced in series 
with the wires, at the ends of the antenna, thus per¬ 
mitting direct current tests to be made on the antenna. 

Animna Testing. In any permanent receiving sys¬ 
tem it should be possible, from the station, to test the 
continuity and insulation of the antenna and the balance 
or (luietness of the transmission line. Fig. 83 shows an 


secondary f)f suitable resistance will cause high los.s to 
radio frequency cummts in the two wires in multiple, 
but have no effect on the currents in the metallic circuit. 

Sectionalizing as shown in Fig. 81 i.s one of the most 
effective means of preventing antenna effects in a 
trunsmi.ssian line. Drains from the neutrals of the 
transformer are also shown, to dissipattj energy and 
prevent standing waves from building up. 

Use of Existing Wires for Antenna. Exi.stmg copper 
wire lines, if uniform throughout the required len^^h, 
and having the proper bearing, may be utilized as wave 
antennas. If the wires are in use for telegraph service, 
coils of 0.076 to 0.1 henry inductance may be used to 
isolate the part of the line which is to be used as an 
antenna. The remaintler of the line may be drained 
through condensers if objectionable disturbances get 
past the coils into the antenna section. Unless the 
antenna ground is of very low resistance the ground for 
the drain should be separate, In order that disturbances 
shall not be carried through to the antenna, owing to 
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arrangement which Beverage applied to the Riverhead 
antenna. With the switch S i open, the line is insulated 
from ground and may be tested for leakage by voltmeter 
or megger. Throwing the switch 6L to the battery side 
operates the relay at the far end of the antenna. This 
cuts out the reflection transformer, and if the trans¬ 
mission line is balanced the receiving set becomes al¬ 
most entirely quiet. Fig. 84 shows the application 
the same method of testing to the case where the re¬ 
ceiving station is connected through transmission line* 
to the antenna. Arrangements for more complete tests 
are obviously possible, employing polarized relays Or 
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selector switches, but the need of any more elaborate 
testing system has not yet arisen. 

Protection. Potentials of several hundred volts are 
not uncommon on the wave antenna, even with no 
storm in the immediate vicinity. All cofils which may 
have to stand these voltages should therefore have 
substantial insulation. Condensers rated at 1000 volts 
have been used in the installations at Belmar, Chatham, 
and Riverhead. Vacuum tube lightning arresters 
rated at 360 volts are connected between antenna wires 
and ground at both ends. The switch in Fig. 83, is 
closed except during tests, to prevent static potentials 
from accumulating. 

Apparatv>8 Used with Wave Antenna. Some idea of 
the design of the essential pieces of apparatus which go 
with the wave antenna, may be of interest. 

The reflection transformer for long wave work con¬ 
sists of three 84 turns “pancake” coils. The two out¬ 
side coils in series constitute the secondary winding 



Pig. 83—^Arrangements for Insttlatinq and Balance Tests 





Fig. 84—Relay CiRCtriT for Testing Antenna Over Trans¬ 
mission Lines 

which is connected between the antenna wires. The 
middle coil, which is the primary winding, is connected 
from ground to the neutral of the secondary. Each 
coil is approximately 8 in. by 11 in. diameter by 1/2 in. 
thick. The conductor consists of seven strands of 
0.010 in. wire with double cotton covering and a cotton 
braid, thus giving a loose, low-capacity winding. The 
whole transformer is placed in a wooden box which is 
filled with paraflSn to exclude moisture. The following 
readings show the inductance: 

Primary (84 turns) with secondary 

open......2.4 millihenrys 

Primary with secondary short-cir¬ 
cuited..................0.66 « 

Secondary (168 turns) with primary 

op^.... ........7.6 “ 

Secondary with primary short-cir- 

: euit^......... . ...... 1.2 «: 

An arr^gement suggested by Kellogg eliminates the 


reflection transformer. This consists in grounding one 
wire of the antenna and leaving the other open-cir¬ 
cuited. The signal wave currents built up on the 
antenna flow in the same direction in the two wires. 
When the waves reach the end of the antenna, reflec¬ 
tions occur in opposite phase on the two wires, so that 
the waves which travel back toward the receiving 
station are of opposite sign, and are received by a trans¬ 
former in the station connected across from wire to wire, 
exactly as is the case when a reflection transformer is 
used. 

Iron core transformers have been used for the antenna 
output, or between the transmission line and the re¬ 
ceiving set. The core is of 0.0016 in. enamelled iron, 
and is approximately a square inch in cross-section. 
The primary, or line winding, is in two equal coils of 60 
turns each, placed S3mimetrically on the core and 
symmetrically witli respect to the secondary windings. 
There are four secondary windings of 160 turns each 
with a grounded tinfoil shield between each winding and 
the next to prevent electrostatic coupling. The 
secondary windings are connected to the grids of pliotron 
tubes. A greater step-up ratio might have been em¬ 
ployed, with consequent increase in signal strength, but 
the method of compensation, or “back end balance,"' did 
not provide sufficient potentials to permit using any 
more secondary turns on the output transformer. 

Another t 3 q)e of antenna output transformer has been 
used in which the secondary winding is connected 
directly in series with a tuned circuit of the receiving set. 
This transformer was essentially like the one already 
described, except that the secondary windings were of 
ten turns each. 

The artificial line which is used to adjust phase for the 
back end compensation, consists of a wooden cylinder 
4 inches (10 cm.) in diameter, on which is wound a single 
layer 36 in. long of 0.0126 enamelled copper wire spaced 
46 turns per inch. A tap is brought out, 3/4 in. from 
the end, and every 1^ inches thereafter, giving a total 
of 24 taps. A 0.006 microfarad condenser is connected 
froni each winding tap to the common conductor, which 
forms the other side of the “line."" A damping resist¬ 
ance of about 400 ohms, wound on a card, is connected 
across one end of the line. The line has an electrical 
length of about 16,000 meters and an intensity loss of 
about 6 per cent from end to end. Four sliders are 
provided, with double-contact phosphor bronze springs 
which, bear li^tly on the wires of the solenoid. 

A trap to prevent interference from the transmitting 
station at Marion, Mass., which is directly in front of 
the Riverhead antenna, was used to advantage by 
Beverage. This consisted in a low-resistance series 
tuned circuit (about 15 millihenrys and a 0.005 micro¬ 
farad variable air condenser) connected between the 
wires of the antenna in the station, thus shunting the 
primajy of the output transformer. This formed such 
a low-impedance shunt when tuned to Marion’s wave 
length as to practically extinguish his signals. Subse- 
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quently, with receiving sets in which additional fre¬ 
quency selectivity was provided, this shunt trap was 
omitted, but it has a field of usefulness, and the high 
power factor of the circuit, where it is applied, makes its 
operation simple and satisfactory. 

Application to Short We have discussed the 

wave antenna as applied to long wave reception only; 
that is, to the reception of waves I’anging from 7000 to 
25,000 meters, used in transoceanic communication. 
It was in this field that the need of greater directivity 
in reception seemed most urgent, and in this field t,hat 
the wave antenna was developed. The writers early 
demonstrated, in the short wave tests at Schenec^tady, 
that the wave antenna functioned in the same way on 
short waves as on long waves. 

The first commercial application (:o shf)rter waves 
was the construction of a 2000 -meter antenna at 
Chatham, Mass., for ship reception. This antenna was 
built in the summer of 1921 and is used for receiving 
traffic from ships having 1800 to 3000 met er cont inuous 
wave transmitting sets. It was in no wise a disap¬ 
pointment, for it resulted in a great improvement in 
reception, making it possible to receive ships from 
practically all the way across the Atlantic. 

The next important trial of the wave antenna for 
short wave reception was during Mr. Paul F. Godley's 
tran.soceanic reception tests at Ardrosaan, Scotland. 
Using a wave antenna about 400 meters long, pointed 
toward the United States, and using the best short wave 
receiving apparatus obtainable, Mr. Godley copied 
messages from many American amateur stations, on 
wave lengths between 200 and 300 metei-s. He attrib¬ 
uted much of his success to his directive re(‘eivdng 
antenna. Descriptions of the te.sts and of the ant;enna, 
written by Mr. Godley, wei'e published in the lA4»ruary[ 
1922, Q. S. T., and the March, 1922, Wireless Age! 

Recently the writers have done .some experimenting 
with wave antennas for wave length.s in t;he 300 to 400 
meter range.^ The advantage of the wave antenna on 
long waves in giving e.specially .strong .signals, is Ie.ss 
apparent on short waves. The principal rea.son for 
this is that, for short waves, the static antennas or loop.s 
which we use as a basi.s of compari.son are much larger 
in proportion to the wave antenna than is true in the 
case of antennas used in long wave reception. 

The advantage, then, of the wave antenna for re¬ 
ceiving waves of 450 metem or less, lies in its directive 
properties. Many amateurs wish to hear all the 
stations within range, but where the object is to receive 
from a certain direction only, and to exclude as much 
dse as possible, the wave antenna will perform its 
function as well as on long waves. 

The form of antenna best for short wave reception 
is. practically the same as for long waves, although it 
Will in^ general be desirable to reduce the height, in 

26. For more detailed discussion of the application to short 
reception, see article by H. H. Beverage in Q. S. T., Nov. 

1922* 


order to le.ssen the effect of the vertical conductors at 
the ends. Pig. 85 shows suitable arrangements for 
short wave reception. The surge impedance for a given 
type of construction will be slightly less on short waves 
than on long waves. The double wire antenna with 
reflection transformer has a decided advantage in 
convenience compared with a single-wire antenna. 
The equivalent ol the reflection transformer—namely, 
grounding one wire and leaving th(? other open-circuited, 
will, as a rule, be prefen-ed for its simplicity. Rear 
end compensation by means of the reflection balance 
is dasirable and easily applied. This calls for a series- 
tuned circuit in serias with the .surge impedance, as 
.shown in Fig. 85. The resistance should be variable 
and the capacity reactance and inductive reactance 
should preferably not exceed about 500 ohms each. 
For output a coil of about 0 ,1 millihenry in the ground 
lead of a single-wire antenna, or, if the reflection trans¬ 
former sy.stem i.s followed, a 0.2 millihenry coil con¬ 
nected between the two wires of the antenna is suit¬ 
able, The first tuned circuit of the receiving set may 
then be coupled to this output coil. 
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I y pi ml Operalmm wUh Vector QuantUim 
Foi additions iir subtracitions, vectors must 
oxpres,s(‘d in t;erms of tludr conijionents, 

in -t j h) -[■ (c. f j d) (a f c) -f j {b + d) 

(a I- j h) - (>■ 4 y d) (a - (!) + j (h . d) 

I'he vector a -f j h lui.s a length ' and an 

angle tan ' h/n. 

tiie angle tan ‘ 6 /a, 
a V (t" j- w v*" a'" -}■ .sin tp whence 

a 4 - j h \/ a" 4 6 - (co.s ^ 4 j .sin tp), 

I here are .several other ways of expres.sing a vector 
in terms of its length and angle n 4 - 6 ^ 

if (p is expro.ssed in radians or a 4 > j h « f TIS 

expressed in degi^es. ^ 4 » /6 i 
(i>- 4 jfp If symbol fip as meaning 

that the quantity \/ a* 4 - 6 * after which it appears is 
to be multiplied by co.s <p 4 j sin tp, 

*1 he identity of and cos w 4 / sin tp is most 
readily shown by expending «'% cos w, and sin tp in 
power series, and replacing ;2 by> h This relation is 
shown in a number of text books. 

The product of two vectors is found by multiplying 
their lengths together and adding their angles. 
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Thus (A fipi) (B zA2L? 

(a + 7 b) (c +jd) = (V a' + &') (c® + d^) 

(a -\-3 0 )ic-rj /tan-i 6/a + tan-^ d/c 


To divide one vector quantity by another we take 
the quotient of their lengths and the difference of their 


angles, • - A IB ^ 

Multiplication and division may also be perfo^ed 
with the vectors in the form a + / 6, thus (a + j 6) (c 
j^jd)=ac-\-ja>d-\-jbc-\-j^bd -{a c - b d) 
+ / (a d + 6 c) 

a ±jb _ (g +y&) w ((i-jd) 
e + jd (fi 3 d) ifi — 3 d) 

_ . (g c + 6 d) + y (— g d + 6 c ) 
c* +.d2 


In the foregoing any component or any angle may 

have a negative sign. _ 

In the expression a + i 6 = y/ ¥ (cos y + 3 sin 
<p) where (p = tan-^ 6/a the quantity V a*-* + 6® taken 
by itself would have zero phase angle, and the quantity 
(cos <p -bj sin <p) has a phase angle <p and a length 
unity (since cos® sin® ^ = 1 and therefore 
V cos® <p 4- sin® = 1). Multiplying by cos <p -h 3 sin 
or its equivalent thus simply causes a counter¬ 
clockwise rotation or phase advance by the amount of 
the angle <p. Multiplying by or cos (- <p) +3 

sin (— which is cos ^ — 3 sin causes clockwise 

rotation or phase retardation by the amount of the 
angle 

From the rule for multiplication it follows that to 
square a vector quantity we square its length and 
double its angle. Thus (A /y)® = A® /2 <p and con¬ 
versely to find the square root of a vector we take the 
square root of its length and divide its angle by two, 

\/ A = -%/ A /1/2 

Differentiation of a vector quantity A, with respect 
to some variable X, on which A depends, gives the 
vector change in A per unit change in X. 

d A __ A 2 Ai 
dx ~~ Xi—Xi 

in which A 2 — At is a vector difference, Ai is the value 
of A corresponding to Xi and A 2 that corresponding 
to X 2 , and X 2 differs from Xi by an infinitesimal 
amount. 

In Fig. 62 a a vector connecting the ends 1 and 2 
of the total current vectors, corresponding to a; = 1 


and a; 


2, would represent 


il 

dx 


corresponding to a 


Appendix B 

Analysis of Action of Wave Antenna 

The following treatment of the problem of the wave 
antenna, was worked out by Mr. Ivar Herlitz or Kel¬ 
logg's request. Mr. Herlitz was at the time pursuing 
graduate studies in electrical engineering at Union 
College as exchange student of the American Scandi¬ 
navian Foundation. The treatment is given here partly 
byway of aclaiowledgment for the substantial assistance 
derived from Mr. Herlitz’s solution of the problem, 
at an early date in the evolution of the theory of the 
antenna, and partly because the equations are derived 
in a radically different manner, and provide a valuable 
means of checking results as calculated by the expres¬ 
sions given in the body of the paper. 

Referring to Fig. 26, x is a distance measured along 
the antenna from the end A, nearest the source of 
signals, and I is the total length of the antenna. 

As in the discussion given in the paper, the induced 
voltage per unit length of wire at the point X, is taken 
as 

E* = Eo cos a e 

The following new symbols will be used. 

i = current in wire at X 

e = potential of wire at X, with respect to ground. 

The potential gradient along wire is the resultant 
of that due to the passage of current through the line 
inductance and resistance, and the voltage induced 
in the wire by the space wave, or 


—5— = — (jB -}- ^ CO L) 1 Eo COS d e 
a X 

(52) 

The current in the wire changes from point to point 
by the amount of the leakage and charging currents, 
or 

-Ai-= - (G+J o)C) e (53) 

a X 

d e 

Differentiating (53) and solving for gives 


(G+y <oC) 


dx'^ 

d e 


dx 
di i 


Tx~~ (G+j wG) dx^ 

Substituting this in (52) and multiplying through by 
(G +3 w c) gives 

Ai 

da;® 


(R -{■ j 0 ) L) (G -{■ 3 CO C) i 


- (GC)Eo cos 0 (55) 

or since (R -1- .7 co L) (G + i co C) = 7® 


value 1,5 for X. 

Inte^ation of a vector quantity gives the vector sum 
of an infiite number of infinitesimal vectors. This 
process is illustrated, using finite numbers, in Figs. 28 
and 33. 


- r i - (G « C) E. cos tf 

* (55) 

Use trial solution of the form 

; 7 * D -y * I n 

i = A€ -1-B€ H-De 


(57) 
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Differentiating (57) 

. CO cos 6 


= r-* A + 7 = B e" * 


• j to A' (fOS 0) /v 


CO" COS" d T\ ~ j w A- (coil 0)/v 

- -O g 

t'" 


We next substitute the value of i given in ( 57 ) and 
d» i 

the value of given in (59) in equation (56) 


For an antenna with non-reflecting ends, or in other 
words, with the surge impedance at each end, 
e == — Z i for a; = 0 
e = -f Z i for x ~ I 

Using the expn^sssions for i and e given in (61) and 
(62) we set x 0 and equate - Z i to e, and have 

-- Z A - Z B -- Z ^ ^ ^ 

. CO- cos- B 

_i- - 

. CO cos 0 „ . 

■J - -Eo cos 0 

= -ZA + ZB + --... 

72 -f ““ 


rAe'^-' -l- 7-Be’’'" 


CO" COS" 0 


whence 


j (n) X (iMKI H)/ll 


2ZB - 


= 7* A 6 *^ * 4- 7* B -f- y‘<^ D e’ 

- (G-f; coOEuCOS^e"^' “ 


Ejrt cos f . tocastf 

CO" cos’" 6 I » 


from which 

D ( 7» + 


4 Z (0 4- j CO C) 


C 08 cos® 6 


- j = (G 4 - y CO C) Ei, cos 0 


and since Z (G + j co c) -- 7 


_ (G -f y CO C) Eo cos e 

V“ 

Using this value of D in (57), we have as the gen¬ 
eral expression for current 

i = A€"*- 1 -B€“^" 

4 - (G + y C O C) En co s 6 

. CO® cos^l " ® 

The constants A and B depend on the terminal im¬ 
pedance and we must find an expression for the volt¬ 
age e, as well as the current i, in order to evaluate them. 
Prom (53) 

_ ^ . 1 .. _ d_i 

(G 4 - y CO Gj * d x 

ili 1 

in which we may substitute the value of - -r- given in 

u X 

(58) using the value given in (60) for D 
. _ - ■VAe'’’ , YBe’’’” 

* ” ^TTSTC- + -S+71o-c' 

.. COCOS B ^ 

; ——- Eo cos B 


E„ cos 0 ^ 

2 z.T:r'.“ 


. CO cos B 


72 


co'® cos’® B 


Eo cos 0 


Next setting * = (in (61) and (62) and equating + Z i 
to e we have 

ZAf^' + ZBe"*' 

.,p z - cos 0 . / W / (CH8 e)/V 

72 7^ 

r® 

= - Z A e’ ' + Z B e''' 

. CO cos 0 ^ - 

J-* - Eo CO.S 0 

1 _ , - J U) l (ens 0)/v 

, w® cos® 0 * 

y + -.-„,i-. 

2ZAe’'' = 

E „eos 8 e--'“' " ” ">^» , , « cos » _ ,,, ^ 

... CD® COS® 6 I V Z ((jr + J W C) 


72 


E, COS fl 


yl q. 


CO® "cos® B 


■ j W X <C«i« 0)/v 


78 -j- ...r 


CO® cos® 0 


y-3 


. CO cos 0 


E« cos 0 €“ 


j (It l (co# 0)/v 


Since ~ p ; ~ : 


. <0 cos B 


G co~i ~ expression for e becomes. 


e = -~ZA€^* + ZB€ 

. CO cos d « 


72 4. 


> 1 / M A 

— Eo cos 6 
CO® cos® ^ 


• j w * (co# $) /u 


y+i 

- E.coHdt 

E.eoaH 

■"IzJy+P^I^" 


m 
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With these values for A and B and with 7/Z sub¬ 
stituted for G + y oj C, equation (61) for current be¬ 
comes 


i = Eo cos 0 


2Z(T+i 


. CO COS ^ 


-y X 


2Z( 


CO cos 6 

V 


) 


+ 


7 € 


- j a I (cos e)/v 


z(y + 


CO® cos® 6 


) J 


(65) 


The receiver end current is found by letting x = I 
in (65) which gives 

(t + i w i (cos e)/v 

lb = Eo cos 0 1 


— e 


y I 


[ 2Z(7+y 

-y I 


. CO cos 6 


V 


) 


2Z( 7-y 


. CO cos ^ 


V 


+ 


7 € 


- j (a I (cos fl)/o 


z(r + 


CO® COS® 6 
»® 


jE7o cos 6 
2Z 


— € 


-J a I (cos fl)/» 


7 +.; 


. CO cos d 


V 


-y I 


7-3 


. CO cos 0 




+ 


2 7 € 


- j a l (cos fl)/» 


(7.+y 


CO cos ^ \ . CO COS 5 


Eo cos 6 


V 


j a I (cos 0) /v 


2Z 


(>- 


CO cos 6 

V 


X 


) 


/ . CO cos 0 \ 

1^) 


7+y 


CO cos B 

V 


- 7 ^ + i w 2 (cos 6)/v . 
— € € -f- 


27 


7 +; 


. CO cos B 


E.eos 9 


) 


2Z 


( Y-y 


. CO cos 0 


- X 




7 +y 


. CO cos B 


V 


7 + y 


. CO cos B 


— € 


- {y - j u I (cos 0)/v 


. CO cos ^ \ ‘ * 


2Z 


(7- 


1 


Eo cos B e 


- j 03 l (cos e)/v 


2Z[ oi +j B 0-- n COS B)] 

- [ a + i /S (1 + « cos e) 1 I 


X 


- (y + J 03 I (cos fl)/B 
€ y X 


g - IMTJHV-n-'* WUO J * I ( 66 ) 

The back end current is found by setting a; = 0 
in (65) which gives 


itt = Eo cos B 


[7 + J 03 i (cos 8) /v 

2Z{y+j^^^^ 


+ 


2Z(Y-i^=^) 

y 


Z(y+} 


. CO cos B \ - CO COS B 


)(7- 


V 


) 


Eo cos B 


2Z 


(7 + y 


CO cos B 


— € 


- [7 + i 03 (cos <))/» 1 / 


7 +y 


. CO cos 0 




7-3 


. cocos B 


+ 


2 7 


» 


. 7-; 


. cocos B 


V 


Eo cos B 


2Z(y+j 


. CO COS 0 


{ 1 - € 


- [7 + y 03 (cos 6)/v]l 


} 


V 


Eo cos B 


2 Z [a -h y iS (1 + % cos 0) ] 

I__ ^- [a + i P (1 + » cos ff) ] i I 


X 


(67) 


Appendix C 
List of Symbols 

Symbols in heavy faced type, as I, E, Z stand for 
vector quantities. 

L = Series inductance of antenna conductors, henrys 
per kilometer. 

C = Shunt capacity of antenna, farads per kilometer 
R = Effective series resistance of antenna, ohms per 
kilometer 

G — Leakage conductance to ground, mhos for one 
kilometer, (effective value at high frequency) 
Z = Characteristic or surge impedance of antenna 


-4 


R + 3 CO L 
G+y co(f 


or for most purposes at radio 


frequency Z = \/LjC 
7 = P ropagation constant for ant enna 
7 = •>/ (-R + y w L) (G -j- y CO C) 
a. = Attenuation constant per kilometer = real part 
of 7 . If CO L is large compared with R, ^ 
coc large compared with G, a - R12 VC/L 
-f G/2 VC/L approximately 
y ^ = Imaginary component of 7 , or B = Wave 
length constant of Antenna. 7 = a + 3 ’ 
For most purposes at radio frequency B 
- CO V LC approximately 
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u — Antenna wave velocity, kilometers per second 
u = ca/^oYU — 1/^ LC approximately 
V = Velocity of space waves 

= Velocity of light = 3 X 10® kilometers per 
second 

n = Velocity ratio of antenna = %/» 

/ = frequency of signal waves, cycles per second 

3 X 10® 

X = Signal wave length =- j — kilometers 

CO = 2 wf 

€ = Base of natural logarithms = 2.718 e® = 

JqO.4343 X 

I = Length of antenna in kilometers 
^ = Angle between direction of signal and direction 
of antenna 

Eo = Measure of signal intensity = Induced volts per 
kilometer in horizontal conductor parallel to 
signal direction 

16 = Current at receiver end of antenna (both ends' 
of antenna assumed, to be damped by surge 
impedance) 

= Current at back end of antenna (both ends 
assumed damped) 

p = Specific resistance of earth, ohms for one centi¬ 
meter cube. 
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Discussion 

H. H. Beverage* Since the wave anteima paper was written, 
more quantitative measurements have been made on the effect¬ 
ive height of the wave antenna. The measurements mentioned 


in the paper gave the ratio of horizontal to vertical voltage 
gradient as 30 per cent. This measurement was based on com¬ 
paratively few observations and was not checked simultaneously 
against an antenna of- known effective height. Fiu’thermore, 
the measurements were based on vertical gradients calculated 
by Austin’s formula, which gives values much loAver than ob¬ 
served values at certain periods of the day. 

Recently, a much more accurate quantitative method has been 
developed for measuring signal intensity, and many measure¬ 
ments have been made on the wave antenna at Belmar. In this 
case, the effective height of the wave antenna was determined by 
simultaneous observations on a vertical antenna of known effect¬ 
ive height. Measurements made by H. H. Beverage and H. 0. 
Peterson indicated that the average effective height of the Belmaa* 
long wave antenna was 200 meters. Since the horizontal length 
was 12,500 meters, the horizontal potential gradient is 1.6 per 
cent of the vertical potential gradient. At 11,000 meters, the 
effective height was somewhat greater than this average value, 
and at 19,000 meters the effective height was lower than the 
average value. These observations give the same order of 
magnitude as the calculations by Zenneck’s formula for wave 
tilt. 

On short wave lengths, that is, 200 to 600 meters, the horizon¬ 
tal gradient appears to be around 5 per cent to 6 per cent of the 
vertical gradient over soil of moderately low conductivity such 
as is found at Belmar. This increase in tilt with shorter wave 
length is in accordance with Zenneck’s formula. 

A further check on the wave tilt theory has been noted by 
comparing the effective height of short wave antennas over earth 
of high and low conductivity. These antennas were about 400 
meters long, and measurements made by Peterson on 400 meters 
indicated that the signal strength on an antenna over moderately 
conducting ground was three to four times as great as on a similar 
antenna partly over salt water and partly over a marsh. In this 
case, comparisons were made directly with a local loop in order 
to check the field intensity in the vicinity of the wave antennas. 



Dissymmetrical Electrical Conducting Networks 
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I T is well known that a symmetrical 7'-connection 
of three simple impedances a o, o b, and o q, Fig. 1, 
in which the two anus a o, and h o are electrically 
equal, and with their common terminal o (jonnected to 
the ground or return conductor (jh tlirough the im¬ 
pedance 0 q, can be completely replaced/'^ at any single 
assigned alternating-current fi*equeney, by a certain 
symmetrical tt, a'b'g'h', Fig. 2, in which the two 
pillars^ a' g' and b' h\ have equal impedances; also 
that either of these two symmetrical systems can be 
completely replaced, at the same frequency, f by a single 
smooth line conductor a" 6", Pig. 3, having uniformly 
distributed series impedance in its conductor and also 
uniformly distributed lateral leak admittance between 
the conductor and the return conductor f/" }f. Such 
a line conductor may be regarded as subtending or 


ducting system of Fig. 1, and the .symmetrical tt of 
Fig, 2, may be regarded as possessing the same complex 
angle 0 and surge impedance s,,, by virtue of equiva¬ 
lence, In any network ol conductors, carrying alter¬ 
nating currents of the assigned frequency in the steady 
state, any of the three e([uivalent .systems of Figs, i, 
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4, 5 jind (> Line m-' Thukij Si:cTHiN.y 

rr.s Koiuvai.knt Di.-^HYMMETitrcAE T anii tt 


WITH 



possessing, at the frequency in question, a certain 
complex hyperbolic angle 0, and also a certain single 
surge impedance or “characteristic impedance,’* xo 
ohms. Co nsequently, both the symmetrical T con- 

Prmnted at the Midwinter Cmmnlimi of the 4 . /, E. ISi, 

New York, N. Y., February 14-17, tSBS. 


2 and 3 may be interchanged, without disturbing the 
(li.stributions of potential, current and power, at and 
outside the terminals of the system. 

Moreover, if two or more simple smooth line con¬ 
ductors, of the type indicated in Fig. 3, are connected 
in serie.s to form a (jomposite line as in Fig. 4, it is known 
that the compo.site line system a** A" (Big. 4) 
can be replaced by its equivalent T of Pig, 5,$ or by 
its equivalent ir of Fig. 6, and that these equivalent 
conductors are, in general, dissymmetrical. BV a given 
composite-line system of Big. 4 operated in the steady 
state at a single frequency, there can be only one equiv¬ 
alent T and also only one equivalent ir. On the other 
hand, neither the equivalent T of Big. 5, nor theequiva- 
”"*^§iBiiolimphy (1). 
t Bibliography (3). 
t Bibliography (4). 
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lent TT of Fig. 6 can determine the elements oi smooth 
line section in the equivalent composite-line system 
of Fig. 4. In the absence of specific information con¬ 
cerning the number and characters of the component¬ 
line sections, an infinite number of different composite¬ 
line systems like that of Fig. 4, could be found as 
equivalents for the dissymmetrical T or tt of Figs. 5 
and 6. The question thus arises as to what is the sim¬ 
plest smooth-line system which can replace a given 


k 


Fig. 7—^Network op Impedances Replaceable by One 
Dissymmetrical T or ‘tt with Respect to the Two Pairs op 
Terminals, a, g , and b , h . 

dissymmetrical T and its corresponding dissymmetrical 
w? 

Again, if any network of conductors, such as that of 
Fig. 7, carrying alternating currents of a single fre¬ 
quency, and two pairs of terminals are selected arbi¬ 
trarily from the system, such as a, g, and 6, h; then the 
system behaves with respect to these pairs of terminals 
like a certain equivalent T of Fig. 5, and also like the 
corresponding equivalent tt of Fig. 6, these two systems 
being mutually equivalent and, in general, dissym¬ 
metrical. The question then also arises as to what is 
the simplest smooth-line conductor system which can 
be regarded as replacing the network, with respect to 
the pairs of terminals a, g and 6, h"? 

A symmetrical network of conductors, with respect 
to two pairs of terminals, may be defined as one whose 
equivalent T and tt are symmetrical, like Figs. 1 and 2. 
A dissymmetrical network is then one which, with 
respect to the two pairs of terminals, has a dissym¬ 
metrical equivalent T and V, like Figs. 5 and 6. In 
general, networks are dissymmetrical, and symmetrical 
networks are particular cases. 

Although we always discuss a network with reference 
to two pairs of terminals, such as a, g and h, h in Fig. 
7; yet the number of terminals involved may be re¬ 
duced, in particular cases, from four to three, by the 
merging of two terminals. Thus, we might select the 
two pairs of terminals, a, g and 6, g, which employ the 
terminal g in common. 

As has already been pointed out, a network which is 
symnietrical with respect to two pairs of terminals 
becomes defined either by a certain S 3 mmetrical T 
and 7r> or by a certain hyperbolic angle 6 and ac¬ 
companying surge impedance Zo. We can then readily 
compute what changes in alternating-current potential 



difference, current and power will be brought about at 
one of the pairs of terminals by any assigned electric 
change steadily impressed on the other pair. When, 
however, the network is dissymmetrical, we shall find 
that it requires for its definition one additional charac¬ 
teristic. A convenient additional characteristic is the 
“inequality ratio’' q; so that the network acquires 
three characteristics 6, Zab and q, which are capable of 
being measured in any given case, by following a suit¬ 
able technique at each pair of terminals. Having 
ascertained these three determining chamcteristics 
for the network, we can either draw immediately its 
equivalent T and t; or we can compute what change 
in potential difference, current and power will be pro¬ 
duced at one pair of terminals, say a, g, by a given 
change established steadily at the other pair 6, h. 





Figs. 8, 9 and 10-—Dussymmjotrical T RButJC'HD to Sym¬ 
metry BY THE Retention oe a Permanent Series Load at the 
6 Terminal with the Correspondingly Loaded tt and 
Smooth Line. 

The computation is effected by following the same pro¬ 
cess as in the symmetrical case; but with a slight modi¬ 
fication. 

The subject can best be studied with reference to 
continuous-current lines and networks; i. e., with 
reference to the frequency of zero. The results so 
obtained are immediately applicable to alternating- 
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current systems, by the substitution of complex num¬ 
bers for real numbers, in the well known way.’ 

Fig. 8 shows a simple dissymmetrical T, In this 
particular case the branch a o has 1000 ohms and the 
branch b o 2000 ohms. Two methods suggest them¬ 
selves for dealing with it; namely, (1) by reducing it 
to a terminally loaded symmetrical T, and (2) by re¬ 
taining the dissymmetry, but making measurements 
from each end in turn. We may consider these two 
methods successively. 

(1) Method of Reduction to Symmetry. The simplest 
way to reduce the T a, o, h of Fig. 8 to symmetry, is 
perhaps to cut off the portion J5, h from the preponderat¬ 
ing arm, so as to leave the remainder o, B equal to the 
branch a, o. We thus obtain symmetrical T a, o,B 
with a load B, b, in this case 1000 ohms, permanently 
attached to the terminal B. The corresponding loaded 
symmetrical tt is shown in Fig. 9; where the same load 
B', 6', is^ permanently attached to the B' terminal. 
Fig. 10 gives the terminally loaded smooth line a" B", 
corresponding to the combinations of Figs. 8 and 9. 
It has an angle of 0.622362 hyp., a surge resistance of 

= 3316.63 ohms, a total conductor resistance R of 
2064.14 ohms and a total leakance G of 0.187649 
millimho. The same load of B" 6" = 1000 ohms is 
perm^ently attached to the B" terminal. 

It is readily possible to substitute for the dissym¬ 
metrical T a, 0 , 6, of Fig. 8, the terminally loaded 
smooth line of Fig. 10, in any steady-state system. 
The smooth line is readily dealt with in computation, 
and the permanent load B" b" merely modifies the 
conditions existing at B, in a manner deducible directly 
from Ohm's^ law. If preferred, the load may be dealt 
with by assigning to it an auxiliary angle 6'; so that 
the position angle at a, becomes 6 + d'. 

Although the reduction to symmetry effected by 
reducing the higher-impedance branch of the T to 
equality with the lower-impedance branch, is perhaps 
the simplest, especially in a continuous-current case 
like that of Fig. 8; yet it is by no means the only method 
of proc^ure open to use. Thus, the dissymmetrical 
T of Fig, 8, might be replaced by its corresponding 
dissymmetrical equivalent tt, as in Figs. 11 and 12. 
The TT, a'b'g' h' of Fig. 12 may be reduced to sym- 
metry, by cutting off part of the leak a' g' as a terminal 
load, and leaving the remainder at a" G, Pig. 13, equal 
6"^". This leaves the symmetrical tt, a" 
6"<?F, of angle d = 0.622362 and surge impedance 
Zo - 6125.67 ohms, but with the leak a" g" of 0.068824 
millimho permanently attached to This symmet¬ 
rical TT might now be replaced either by a leak-loaded 
symmetrical T, or by a smooth line with the same ter¬ 
minal leak load. 

Again it would be possible to reduce the T of Pigs. 

8 and 11 to S3rmmetry, by emplo3ring permanent pairs 
of unequal terminal series loads, as for instance 100 
ohms at a, and 1100 ohms at 5, so as to produce a 
symmetrical T with 900 ohms in each branch. This 


could be done in an infinite number of ways, each giving 
a different 0, a different s,,, and a different pair of per¬ 
manent terminal loads. It would also be po&sible 
to reduce the tt of Pig. 12 to symmetry, by employing 
paire of unequal terminal leak loads. There would be 
an infinite number of such possible pairs, with cor¬ 
responding values of d and s„. Consequently, a dis¬ 
symmetrical network admits of being reduced to sym¬ 
metry for computation, in one way with a single ter- 
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minal .series load, in one way with a single terminal 
leak load, in an infinite number of ways with a pair of 
opposite terminal series load.s, and also in an infinite 
number of ways with a pair of opposite terminal leak 
loads. In practise, the two single-load methods are 
preferable and easier to use. 

(2) The Method of Applying the Inequality Ratio q. 
In this method, the system is left in its dissymmetrical 
state; but^ measurements are made from each pair of 
^rminals In turn, to determine the apparent surge 
impedance from each end. 

Returning to the dissymmetrical T of Pigs. 8 and 11, 
we can measure the resistance R^f offered hetwem the 
terminal a and the return conductor or ground g, when 
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the system is freed or opened at the opposite terminals 
6, h. We may also measure the resistance Rag offered 
between the same terminals at a, when the end 6 is 
grounded, or the terminals 6, h are short-circuited. 
Following the usual rule for finding the angle of a 
symmetrical smooth line, the apparent angle of the 
system is expressed by: 

t5i.nh 0 = V Rag/Raf numeric / (1) 

In the particular case of Fig. 8, the resistance Rag 
would be 2428.67 ohms, and Raf = 6000 ohms, from 
which tanh 6 = 0.636209 and 6 = 0.751779hyp. ra- 

a , o^7!r/7.8' ^ 

as 6000 " * n^*jaoo‘" 

f * 1 1 1 1 1 1 1 1 i 

Pig. 14 —^Network of Pig. 11 with Single Angle e , but 
WITH Surge Impedances zoa and zob as Determined Prom 
Each End. 


^‘inequality ratio ** of the s yste m. It wi ll be defined by: 
Q ~ ^Qaf^ah “ “s/ Rag/Rbg “ Raf/Rbf ” ^Oa/^nb 


I Pi+ (R _ [ 

^ P2 +61 ^ 


+ y 
g. + t' 


numeric Z 


^ s 0-^Zi'9Z^ 


dians. Similarly, according to the regular rule for a 
symmetrical line, the apparent surge impedance Zoa 


In this case the inequality ratio is ^ = 0.92582. 

We may thus represent either the dissymmetrical 
T of Fig. 11, or its corresponding ir of Fig. 12, by the 
diss 3 nnmetrical line system of Fig. 14. Here the line 
a, h, is to be regarded as a composite line, offering the 
same angle from each end, but different surge im¬ 
pedances. 

Terminal Potentials and Currents in a Dissymmetrical 
System. If we have any physically consistent distribu¬ 
tions of potential, current and power at the a and 6 
terminals of a known dissymmetrical system, and we 
know the values of potential and current at one end, 
we can readily ascertain the corresponding values at the 
other, for one and the same frequency. 

In the case of Fig. 16, we have the same dissym¬ 
metrical system as in Figs. 11, 12 and 14, for which B, 
2 oa and Zob are given. A potential of 1.0 volt and an 
entering current of la - 0. 347826milliampere, are 
found at the generating end a. Required the cor- 


from the end a, is . 

Zoa = ^ Raf . Rag OhmS Z (2) 

which in the case considered, is 3817.26 ohms. If now 
we repeat the measurements from the b end, succes¬ 
sively freeing and grounding the a terminal, we find 
Rbf and Rbg, which'would be 7000 and 2833.33 ohms 
respectively. As befor e, 

tanh 6 = V Rbg/Rif = 0.636209 numeric Z (3) 

whence B = 0.761779. This is the same value as was 
found by (1), from the measurements at a. We may 
express this relation as a general rule thus: If in any 
dissymmetrical network of conductors, such as that of 
Fig. 7, we take two pairs of terminals like a, g, and 6, h, 
and measure, at an assigned frequency, the impedance 
offered by the network between each pair, with the 
opposite pair first opened and then shorted, we may 
denote these impedances by Raf, Rag and Rbf, Rbg, 
ohms Z respectively. Then the ratios Rag/Raf and 
will be equal to each other, and to the square 
of the tangent of the angle subtended by the network 
with respect to those four terminals. 

On the other hand, if the network is dissymmetrical. 




Xba* 381 f. ai" “ 


the apparent surg e impedan ce from b^ or 

Zdb = V Rbf .Rbg ohms Z (4) 

will not be the same as Zoa- In the case considered, 
Zbb = 4463.46 ohms. The geometrical mean Zab of the 
two opposite apparent surge impedances is defined by 

Zab - V zoa . Zoi ohmsZ (5) 

is a characteristic property of the network, in this case 
4123.11 ohms. It may be called the “geomean surge 

impedaijce** of the 

The ratio of the d-end surge impedance to the 
j^inoan surge impedance Zat may be called q, the 


Figs. 16 and 16 —Network Loaded with a Terminal Im¬ 
pedance a AT Each End Alternately 

responding values at the motor end 6. The value of 
the load cr at b need not be known. We have then: 

Eb - i- (Ea cosh B — la Zoa sinh B) volts Z (7) 

g * 

and Ib »= g (la cosh B — Ea yoa sinh d) amperes Z (8) 
where 2/oa = l/zoa, is the surge admittance, as measured 
from a. If g = 1; so that the diss 3 nnmetry is made to 
disappear, the above formulas are those which apply 





Feb. 1923 


KENNELLY: DISSYMMETRICAL NETWORKS 


271 


to any ordinary smooth line of 6 and Zo. In the case 
considered, Ei, = 0.21739 volt, and h, = 0.21739mil- 
liampere. 

If on the contrary, we know Eb and Ib only, without 
necessarily knowing the physical conditions at the 
motor terminal b, we may proceed to find the cor¬ 
responding values at the generator end a. We obtain: 

Ea = q {Eb cosh B 1bZ^b sinh B) volts Z (9) 


Thus in Fig. 15, the position angle Bb at b is 0.228437 
hyp. The position angle Ba at the generator end a 
is then obtained by the usual rule: 

Ba - B Bb hyps Z (16) 

which in this case is 0.980217 hyp. The potentials and 
currents at the ends of the dissymmetrical system are 
then related as follow: 

With Eb and known, 


and 7a = — (It cosh B Eb y^b sinh B) 

Q 

amperes Z (10) 

where yob = l/zob is the surge admittance as measured 
at 6 . If we make q = 1, these formulas become iden¬ 
tical with those pertaining to a simple smooth line and 
symmetrical system. In any such smooth-line case, 
formulas like (7), ( 8 ), (9) and (10) can be employed 
for any point along the line; but in the case of a dis¬ 
symmetrical system, they apply only to the terminals 
a and 6 . 

Again, if b is the generator end, and a the motor end 
of the disssmimetrical system, (see Fig. 16), and we 
know the potential Ea and current /«, at a, we can find 
the corresponding values at 6 as follows: 

Eb - ^ {Ea cosh B la Zba siuh B) volts Z ( 11 ) 

•1^6 = 7 (-la cosh B Ea Vba siuh B) amperes Z (12) 

Similarly, if we know the generator-end values, Eb and 
lb, the corresponding motor-end values Ea and 
become: 

Ea = q {Eb cosh B — Ib Zob sinh 6) volts Z (13) 

•^o = -^ {Ib cosh B — Eb Vob sinh B) amperes Z (14) 

Here again, ifq = l, the formulas are those which apply 
at the terminals of a smooth line and symmetrical 
system. Hence we may formulate the following 
rule for any dissymmetrical case. Having given the 
potential and current at one end, write the correspond¬ 
ing values for the other, with regard to the direction 
of power transmission, as though the line were smooth 
and the system symmetrical. Use the surge impedance 
or admittance belonging to the end at which the 
values are known. Then a n unknown potential Ea 

at a, will be g = V Zoa/Zob times that found by the 
regular formula, and likewise an unknown current Ib 
at 6 . On the other hand, an unknown current la 
at a, or a potential 77^ at b, will be 1/q times that found 
by the regular smooth-line formula. The power 
products Ea la, and Eb Ib will therefore not differ from 
those pyen by the corresponding smooth-line formulas. 

Position Angles at the Terminals of a IHs&ymmetrical 
System. If we load the motor end 6 of a diss 3 uumetrical 
system, like that of Fig. 15, with an impedance cr 
ohms z, we may find the position angle of that end in 
the same manner as though the load were applied to 
the motor end of a simple smooth line;, i.e. 

tanh §6 = cr/ 2 !o» numeric Z 


= ? ( £ 


sinh Bg 
sinh Bb 


) 

■) 


volts Z (17) 


amperes Z (18) 


cosh Bg 
^ cosh Bb 

The impedance beyond b is tr. The impedance at a is: 

Za = Zoa tanh 5„ ohms Z (19) 

The power at a is the local product of Ea and 7« in 
vector watts, according to the regular rule. 

With Ea and known, 

sinh Bb 




( 20 ) 


r « / T cosh Bb \ 

coOiS. ) amperes / ( 21 ) 

Formulas (17) to ( 21 ) apply to ordinary smooth¬ 
line symmetrical systems, if <7 = 1 . Whereas, however, 
in a smooth-line system, a position angle can be as¬ 
sign^ to each and every point of the line, we are only 
justified in assigning position angles to two points— 
the a and b ends—of a dissymmetrical system. 

Similarly, if b is the generator end (Fig. 16) and a 
the motor end of a dissymmetrical system, to which a 
load a is applied, the position angle at a is defined by: 

tanh Ba = c/Zba numeric Z (22) 

In the case considered, = 0.268221 hyp. The posi¬ 
tion angle at b is: 

= 6 4- 5a hyps Z (23) 

The potentials and currents at the two ends are thus 
related: 

With Eb and Ib known, 

sinh 5a \ 
sinh56 / 

cosh 5,, 
cosh Bb 

With Ea and 7« known, 

1 / ^ sinh Bb 


&. = «(£ 


volts Z (24) 


^ amperes Z (25) 


El 


_ 1 / ^ sinh Bb \ 
q\^^ sinlTST/ 


sinh5« 
cosh Bb 


„ / t cosh 56 \ 


volts Z (26) 


amperes Z (27) 


cosh 5fl 

The impedance at the generator end is: 

Zb = 2^06 tanh 56 ohms Z (28) 

Formulas (24) to (27) are identical with (17), (18) and 
( 20 ), ( 21 ) 1 . : ^ 

We may formulate the deductions from the last 18 
foi^ulas as follow: In hny dissymmetrical system for 
which 5, 2 !oa and 2 o 6 are given, and which is loaded at the 
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motor end with an impedance c, find the position angle 
at the motor end, with reference to that end’s surge 
impedance. If the potential and current are given at 
one end of the system, the values at the other end are 
found by the ordinary position-angle formulas 

for a smooth line. An unknown Ea, or h, will then be 
q = V Zoa/zob times the value so obtained. On the 
other hand, an unknown Eb or Jo, will be 1 /q times the 
value obtained by the ordinary formula. This rule 
agrees with that given above for use with formulas 
(7) to (14). 

In view of the above mentioned reciprocal factors 
for potential and current at each terminal, leaving the 
power products unchanged, it becomes possible to 
reduce a dissymmetrical system to a corresponding 
symmetrical system plus a terminal ideal transfomier, 
without losses, and with a transformation ratio of q. 
It is doubtful, however, there would be any advantage 
in thiR plan over the method above outlined. 

In the case of an actual composite line, like that of 
Fig. 4, with definite sections, having respective angles 
6 i, $2, 6 b .. . and smge impedances 2 oi, 202, 203, ...» 
it is advantageous to work up the position angles at 
the successive terminals commencing with the motor 
end. The terminal position angle at a would thus 
become Si, with a terminal surge impedance Zqx; while 
working from the other end, the terminal position angle 
would be with a terminal surge impedance of 2 on. 
The impedance Rag as measured at a would be 

Rag = 2 oitanh 5 i ohms Z (29) 

while that measured at h would be 

Rbg = 2on tanh 8„ ohms Z (30) 

These values are not inconsistent with (19) and (28), 
which pertain to a general network; whereas (29) and 

(30) pertain to a particular composite line with detailed 
sections. 

Receiving-End Impedance of a Dissymmetrical Net¬ 
work. If we define this quantity as the ratio of the 
e. m. f. impressed at the generator terminals to the 
current received through a load connecting the motor 
terminals, we find that for a load a at 6 , (Fig, 15), the 
receiving end impedance is: 

Zib = q {zob sinh 6 -j- a cosh 6) ohms Z (31) 
In the case represented in Fig. 15, Zib = 4600.0ohms. 
When q = 1, this expression reduces to the ordinary 
value zo sinh 6 a cosh 6, for a simple smooth line 
or symmetrical system. 

When a — 0, or the 6 terminals are short-circuited, 

(31) becomes: 

Zib *= 5 206 sinh 6 = 2*5 sinh 0 ohms Z (32) 
which is the architrave impedance in Fig. 12, or 3400.0 
ohms. 

Similarly; for a load of a- ohms Z at the motor end 
a, the receiving-end impedance becomes (Fig. 16.) 

Zia “ ( 2 o« sinh 6 + <t cosh 6) ohms Z (33) 

In the case of Fig. 16, this becomes 4800.0 ohms. 


When 5 = 1, the expression (33) again coincides with 
the ordinary smooth-line formula. Moreover, when 

O' = 0, 

Zta = (2oo sinh 6) = Zab sinh 6 ohms Z (34) 

or 3400.0 ohms, the architrave impedance of the 
equivalent dissymmetrical tt. 

We may formulate these results as follows. The 
receiving-end impedance of a dissymmetrical network 
loaded at the receiving end, is found by the usual rule 

<- ..iOOO+j'STJO » J047.3^-•> 



PlQ. 17 —DiSaYMMBTUICAL T OF IMPEDANCE RbPIIESENTING A 

Network op Altbrnating-Cuiibent Conductors 

for a terminally loaded smooth line, using the surge 
impedance of the motor end. The result must then 
be multiplied by 5 , when the generator is at a, and by 
1/5 when the generator is at 6 . In case the load is 
short-circuited, the receiving-end impedance reduces to 
p" = Zab sinh 6 , the architrave impedance of the equiv¬ 
alent dissymmetrical tt. 

Technique of Measurements. We have assumed that 
the measurements made on the network are the four 
terminal impedances Raj, Rag, Rb/, and Rbg. In cases 
where there is but little difference between i?«/ and Ragt 



Pig. 18 —Dissymmetrical Equivalent n op Same 


or between Rb/ and Rbg, the value of 6 may not admit 
.of being determined with satisfactory precision; al¬ 
though the value of Zab will usually be acceptable. In 
such a case, if the two ends of the network can be 
brought to the same testing table, it may be preferable 
to adopt the following technique: 

1 . Measure, with b open,' the impedance Ra/ ohms 
at a, and the entering current la at a. At thfe same time 
measure the vector p. d. eb volts thereby produced at 
the & terminals. From these data, pi and (R can be 
deduced. 
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2 . Measure A’.,,, dliins I at a. With this value 
and A,./, find by ( 2 ). 

3. Repeat the measurements (1) and (2) reciprocally 
with the ends of the network reversed, so as to obtain 
Rft/j <^<1 and Rua- These will jcjive p« and Soj,, together 
with cheek values of d and m. 

Example ^ of a Dissymmetrical AUematmg-Curre 7 it 
System. Fig. 17 offers a particular dissymmetrical 


Many of the formulas in Appendix A can be checked 
from Figs. (17), (18) and (19) by an inspection of the 
slopes of the various complex quantities presented. 

In Fig. 20 , the system of Pigs. (17), (18) and (19) 
IS represented as being loaded at the b end with a 
= 3516.03 -hy 14409.4 ohms, and supplied at the 
a end with an e. m, f. of 1.0 z 0 “ volt at the frequency 
of reference. The terminal position angles, potentials 

\ri>-m.irUi-W5^.SoQo.jmo^ 6 ooo-i 3 wo- accordance 

Jt^s 243 i- 7 ozit'i 7 'yo’'» 2 ?fijr-^+jf 7 f 4 y fonnulas (15) to (21). 

^ ^ In Appendix A, a number of formulas have been 

collected relating to dissymmetrical networks and 
their equivalent circuits. The notation is in accord¬ 
ance with bigs. 21 and 22 , and the numerical values 
pei'tain to the particular case of Figs. 14, 15 and 16. 
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Fin. 10. Nktwouk uk Fk;, 17 with Sincjm*; Anui.k iuit 

WITH SlIUnK il.m AND AH DktKUMINKD PUOM 

Each End. 

T system, which might be the equivalent of a certain 
network between the two pairs of terminals a, f/*and 
h, h. The impedance a o, is 1000 -f j 1000 ohms, .such 
as might be produced by an inductor of 0,1 henry and 
1000 ohms, at an angular velocity of w ^ 10000 
radiums pt»r .second, (1501.5-). The impedance 
0 b is 2000 - y 500 ohms, such as might be iiroduced 
at the same frequency by a condenser of 0.2 micro¬ 
farad, in .series with 2000 ohms. H'he impedance 
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Fin. 20 - Hame with Tku.vin*ai. Load at h 

0 y ts 4000 - y 3000 ohms. The equivalent tt of thi.s 
system is given in Fig. 18, and the equivalent composite 
line network in Pig. 19. The angle subtended by the 
network is 0 - 0.705768 -f- y 0.305124 hyps; or quad* 
ranting the imaginary part 9 « 0.705768 + y 0.194248 
hyps. The functions of this angle are: 

sinh & ^ 0.822662 Z 27® 23'06'' 
cosh B « 1.223218 Z 10® 60'28" 
tanh 9 « 0.672631 Z 16® 32'37" 


Firi.s. 21 .AND 22 Diss\.\iMi.;Titn.-Ai. T and TT with I’iikik 
Ei.kmknt.'^ Sv.mhoi i/mj, .Ai..s() Ncmkiucai. Vamihh Confoumino 
WITH Tin: F.Auncni.AU D.ahk <ii' Fifj.-:u 11. 12 vnd M. 

In Appendix /I, a corresponding .series of formulas 
has been collected, relating to symmetrical networks 
an<l their equivalent circuits; i. c., for the case q ^ 1. 
'rhe notation is in accordance with Figs. 23, 24 and 
25, The numerical values pertain to the .system having 
the .same 9 as in b’igs. 14,15 and 16 and with its surge 
impedance za equal to the geomean surge impedance 
Znh of the dis.symmetrical system. The values of 
R/ and in thi.H case are respectively the geomean 
values of Rh/ and Rant Hbi,. 

We have comsidered, in all of the cases represented 
by the figures, that in any dissymmetrical T, all of the 
seri^ impedance is lodged in the conductor a, o, 6, 
and that the return conductor g, h, has negligible 
impedance. According to the known theory of T 
conductors, however, any desired share of series im* 
pedance can be transferred from a, o, 6, to g, A, without 
disturbing the e. m. fs., currents and pow'srs at and 
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beyond the system terminals, provided that the total Zo, and a single terminal load, which may be treated 
series impedance on the a side of the leak ogis constant, as having an auxiliary angle O'. 
and likewise the total series impedance on the 6 side. 2. Any such dissymmetrical network may also be 
In other words a T-system may be converted into a regarded as possessing and being defined by (a) an 
H-system. angle 6, (b) a geomean surge impedance Zah, and (c) an 

Similarly, although in all the 7r-systems indicated inequality ratio q. The electric behavior of the net- 
in the Figures, all the series impedance is lodged in the work, at the assigned frequency, with respect to the 
conductor a', b'; yet any desired share of this imped- two pairs of terminals, may then be computed by the 
ance may be transferred to g',h', without disturbing usual formulas applsnng to a simple smooth line; but 
the e. m. fs., currents and powers at and beyond the with the further application of the coefficient a. 
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Figs. 23, 24 and 26 —Symmetrical T, IT and Smooth Lini 
Having the Same Angle Feeder as in Figs. 14, 21 and 22 
Also with zo - zab of the Dissymmetrical Case. 


3. The theory of simple alternating-current lines 
with smoothly distributed constants may thus be 
regarded as being a particular case (q = 1) of the 
general theory of dissymmetrical networks having 
any degree of complexity. 

List of Symbols Employed 

ba, bb, position angles at a and 6 ends of a diss. 

network (hyps Z). 

bi, 8n position angles at ends of a detailed 

composite line (hyps Z). 

Ea, Eb e. m. fs. applied to a and 6 ends of a diss; 
network (volts Z). 

6a, 6b, p. d. s at open a and 6 ends of diss. net¬ 

work by application of a testing 
e. m. f. at the opposite end (volts Z). 
/ frequency applied to network (cycles per 

second). 

G total conductance of a smooth sym. line 

(mhos Z). 

Ga, Gb, admittance of a sym. system, when 
respectively freed and grounded at the 
other end (mhos Z). 

Gaf, Gag, admittance of a diss. system, at the a 
end, when respectively freed and 
grounded at the other end (mhos Z). 
Gbf, Gbg, admittance of a diss. system, at the b 
end, when respectively freed and 
grounded at the other end (mhos Z). 
g admittance of leak in equiv. T of a diss. 

system (mhos Z). 

9i, Qt, admittances of lea]^ at a and 6 ends in 

equiv. ir of a diss. system (mhos Z). 

Q' admittance of leak in equiv. T of a sjnn. 


system terminals. In other words, the diss3nnmetrical 
X s may be converted into corresponding 0-systems. 

Summary of Conclusions 
1. Any dissymmetrical conducting network, each 
element of which obeys Ohm’s law generalized for 
alternating cuirents, may be reduced to symmetry, 
with tesp^t te two pairs of terminals, and at an 
assigned frequency, either by finding its equivalent 
T and equating the two arms, through the medium of 
a permanent series terminal load; or, by finding its 
uiyalent x ahd equating the two pillars, through the 
medium of a permanent teiminal leak load. The 
I'hen offers a certain angle d, a surge impedance 


system (mhos Z). 

Q" admittance of each leak in equiv. x of a 

sym. system (mhos Z). 

b angle subtended by a line or system 

(hyps Z). 

b' angle subtended by a terminal load 

(hyps Z). 

bu Bi,.». On angles subtended by successive sections 
of a composite line (hjps Z). 

Ia, Ib, • current strengths at ends of a network 

_ (amperes Z) 

y = V- 1 

-- series adm. of a sym. or diss. x (mhos Z). 

q = V Zoo/^ob inequality ratio of a diss. network 
(numeric Z). 
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R total conductor resistance of a smooth 

line (ohms Z). 

Rf, Rgf impedance at one end of a sym. system, 
when the other end is freed and 
grounded respectively (ohms Z). 

Raft Raat impedance at the a end of a diss. system 
when the other end is freed and 
grounded respectively (ohms Z). 

Rbft Rbet impedance at the 6 end of a diss. system, 
when the other end is respectively 
freed and grounded (ohms Z). 

(R impedance of leak in equiv. T of a diss. 

system (ohms Z). 

5li, (R 2 , impedances of a and b leaks in the equiv. 
T of a diss. system (ohms Z). 
impedance of leak in equiv. T of a sym. 
system (ohms Z). 

(R" impedance of each leak in equiv. tt of a 

sym. system (ohms Z). 

p impedance of architrave in equiv. tt 

of a diss. system (ohms Z). 

pi, pi, impedance of a and b arms in equiv. T of 

a diss. system (ohms Z). 

p' impedance of each arm in equiv. T of a 

sym. system (ohms Z). 

p" impedance of architrave in equiv. tt 

of a S 3 mi. system (ohms Z). 

<r impedance of a load at motor end of a 

system (ohms Z). 

Vo surge admittance of a sym. system 

(mhos Z). 

Voat Vobf surge admittance at a and b ends of a 
_diss. system (mhos Z). 

yab = V 2 ^oa 2/06 geometrical mean surge admittance of a 
diss. system mhos Z). 


Zat Zb, generator-end impedances of a diss. 

system (ohms Z). 

Zia, Zib, receiving-end impedances of a diss. sys¬ 
tem, including load (ohms Z). 

2o, surge impedance of a sym. system 

(ohms Z). 

Zoat Z 06 , surge impedance at a and 6 ends of a 

_ diss. system (ohms Z). 

Zab = V' 2 :oo 2 o 6 geomean surge impedance of a diss. 
system (ohms Z). 

2oi» 202 , •.. 2on surge impedances of successive sections 
in composite line (ohms Z). 

6) = 2 tt/ angular velocity of frequency impressed 
on a system (rad. per sec.) 
sign for “cycles per second.” 

Z sign for a complex numerical quantity, 

hyp. abbreviation for “hyperbolic radian.” 
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Appendix A 

List of formulas applicable to a dissymmetrical 2\ t or Network. The numerical values pertain to the case 
©f Figs. 17, 18, 21 and 22. 


Rag fRaf 


Pi/Ps 


= 0.404762 numeric Z ( 


1 — (R 1 /OI 2 


_ q cosh 6 ~ 1 _ 


= 0.6 


-ycosh 6-1 


numenc Z (35) 
numeric Z (36) 


y/ Rag IRbo — y/ Raff Rbf — y/ GhgfGag = V Gbf/Gaf = y/ ZtnalZob = \| 

X p8 “T Ot X gi -f 

^ 2 oa/ 2 a 6 = 0.92582 numerfcZ (37) 

V» Vtlu/R.r ~ = VGaf'/Clu ■= _ J-li.t >'.■ 

X Pi + (R ^ Qi -j- p 

' - Zob/Zab ==1.0SOl2 numeric Z (38) 


"2 (Pi P 2 ) 


y/ Pi 
(R 


-niVi + 9a) « r 1 /w 

—V -- “ () cosh 6 - 1 = 0.3 

(^cosh 0 - 1) (-icoshf--= 0, 


28284 


numeric Z (39) 


numeric Z (40) 
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Oi/flfa 




ZOa 


Zob 


sinh 0 


cosh d 


Transactions A. I. E. E. 


= pi/gi = Pi (Ra = P 2 6li = p (R = p/g = (Sl/v = = 2oa 2o6 = S'ab* = i2o/ Rbg 

= Rao Rbf = Pi Pa H“ (R (pi H“ pa) = "x/ Raf Rag Rbf Rbg — "s/ Pi Pz 6li (Ra 

= V { Pi (P2 H“ (R) + Pa (R } { p 2 (pa + (R) + Pi (R I = 17,000,000 = (4123.106)® 

_ ohms® Z (41) 

= 92 /Pi — V g = g/p = V/Si — ^ ■■ — Vba Vob = Vab^ = Gaf Gbg = Gag Gbf 

> Pi Pa 

= fl^ifl^a + *' (. 9 i + 92) = s/GafGag Gb/Gbg = \/{firi (flfa + I') + fl'a p] {92 ( 9 i P) 9 i p] 

= 0.058824 X 10-» = (0.2426365 X 10"®)® mhos® Z (42) 

= V Raf Rag = Pi (pi + (R) + Pa (R ~ p^ ' - 9 ^ab = ^ Zob = 3817.26 ohms Z (43) 

= V Rbf Rbg = ^ P 2 (p 2 + (R) 4- Pi (R ^ = ^^ab = ^ ^oa = 4453.46 ohms Z (44) 

sss ^1 = -/ _ V ^ (Pi ~t~ Pa) 4~ Pi Pa _ '\/ p (Oi 4~ 92 ) + 9i 92 

\ Raf ~ Rag ^ Rbf ~ Rbg 61 'P 

= V p/<^ = V~P9 = Zab/(Si = Vah/p = 0.82462 


numeric Z (45) 


— J - I — ^((R H-Pi)( 6 l + Pa) /T—;—-T- 

_ V(y + gi)(y + flfa ) •>/ Raf Rbf _ V Pag Gbg _ ^ 296148 


numeric Z (46) 


tanhe -^/ra;- ^ . 


fl^i 



M >^ + I-(gt + ffe) + ffi VGn,G^ ■ ' 

numeric Z 

(47) 

Pi/(R 

= Pig = 92 /p = s^a p = p/0la = cosh 0 - 1 = 0.2 

numeric Z 

(48) 

Pa/(R- 

= Paflf = fl'i/i' = 3^1 p = p/(Ri = — cosh 0 — 1 = 0.4 

numeric Z 

(49) 


^ / gcosh 0 — 1 \ 



Pi 

sinh^ j-1000 

ohms Z 

(50) 


— cosh 6-1 

/ft ^ 



Pa 

**‘( . sinh 6 )~ 

ohms Z 

(51) 

01 

= z.t cosech e=- V Ru (R^ - R.,) = V R./(Ru - Ri,) = 6000 

ohms Z 

(52) 


- g.iOTh 9 = 0.2 X lO-* 

mhos Z 

(53) 


= sinh 0 = .* /-_:?5£—_ = I --_p J r? I 

M Gag-Gaf \ \ ~ \ ~ i ; r- 

ohms Z (54) 


_ -Rg/ ^ Rgp Rbf 


(R 


to/ R«ff 

= 3400 


!(.»cosedi« - VGhCGm-G./) = V (?., (G», - Gm) = 

B 9 

, = 0.294118 X 10-’ mhos/ (55) 

-—cosh 6 ~ 

® 117647 X 10-® 


= Vab ^• 




-)-0.: 


mhos Z (56) 
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= 0.058824 X 10-^ 

= Zoa tanh d == q z^,, tanh 0 = <?= 2 „fc tanh 6 = 2428.57 
1 1 

= 2 ,,6 tanh e = z„,, tanh 6 = tanh 0 = 2833.3 

•- 2 ,.„ coth d ^ q Zah coth 0 - q^ zah coth 0 = 6000 
1 1 

= Zu coth 0 — Zah coth 0 = — Znb coth 0 = 7000 

q q^ 

Appendix B 


mhos Z (57) 

ohms Z (58) 
ohms Z (59) 
ohms Z (60) 
ohms Z (61) 


List of formulas applicable to a symmetrical 7\ x, or network, coiresponding to the formulas of Appendix A. 
The numencal values pertain to the case of Figs. 23, 24 and 25. 

E> //? .... /'T' /n p' ip' "4“ 2 (il^) q" (a'' -f- 2 p) 

of f - ffi *■ ■ ‘ /~7 = tanh" 0 0.404762 numeric Z (35a) 


B = 0.404762 numeric (35a) 

p'/rtl' = fl'/i' ■= p'g' = p" p" = cosh 6 - 1 = vcrsh 6 = 2 sinh» (6/2) = 0.296148 numeric / (39a) 

p"/!l' = p" m' = m'/v = p' (p' + 2 «l') = = V = (4123.106)> = 17,000,000 ohms’" Z (41a) 

a'/p" = Off' = P/HI' = ff' (g" + 2p) = fl/G. = .//„= = (0.2426355 X lO-’)' = 0.058824 X 10-» 

mho* Z (42a) 

sinh 0 - * I - -* V (p^ + 2 <li') y/g'' (g^ + 2 r) , . , -- - 

^ “ 0.82462 numeric Z (45a) 


sinh 0 


cosh 0 


tanh 0 


M Rf - A\ 

. jlir 

\ A/ - - 7tL 


y ~p' (p' + '2li'V + 2 r) 

.....ir... 


f/ -4* <H' 

.(ip. 


if + 


= R/f m' ~ G^,fv Vi+0V->" -1 ■ 296148 numeric Z (46a) 


v/p'(p'+ 2 m>) V tf Wy^v) 

^ ■ ... y/:,:- ■ - S../A/ - - 0.636209 


_ / (.‘osh 0-1 

I .. 


™ 2(1 


tanh (0/2) - 1480.74i 


numeric Z (47a) 
ohms Z (50a) 


s„co.sech 6 = fi,se«h 6 = V fi/ai,'-p-- 


j/„sinh 6 = G/cosh 6 = 1?/')_ 

\ /V/ • “ /l„ 


ohms Z (52a; 


?/o“/p 


G/0^ 


I .sinh 0 


IL cosh 0 - /A 


\ 7i; 


= 0.2 X 10-s mhos Z (S3a) 


Rj - p'(p' l: 2m0 


?/i, cosech 0 -- Go .sech 0 --u G/) ^ Ih^V 

ff 


/ cohH 0 1 

P„ (——“ ro. tanh (6/2) = 0.0871024 x 

s„tanh 6 = ±| lO. ^ 2623.157 

P + (Ir 

z.coth 6 = p' + (It = 6480.741 
t/ocoth 6 = ff' + p = 0..38122 X 10-» 

V« tanh 6 = „ 0.164149 X 10-> 

0 ■+■ r 


- 0.294118 X 10 ^ 


- ZuViif - 3400 

ohms Z (54a) 

P,V,/ 

'* mhos Z (S5a) 

ohms Z (56a) 

ohms Z (58a) 
ohms Z (4^^ 
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Discussion 

F. S. Dellenbau^h, Jr.t The extreme simplicity with which 
complex circuits may be worked down to a simple circuit is 
really extraordinary. As you will notice in the bibliography, 
Dr. Kennelly was the first to publish “The Equivalence of 
Triangles and Three-pointed Stars,” in other words, star-delta 
transformations in 1899, and it has been a little over 23 years 
that this process has been known and published, and yet, com¬ 
mercially, it appears to be used very little. 

I know a number of commercial cases that I have met with 
or heard of, that required a very long time, solving networks 
by the older methods and where, by the use of a star delta trans¬ 
formation, it could be solved immediately, without much effort. 
In one case, it took an engineer the better part of a day to 
calculate a circuit by the net work method, that is the older 
method of Kirchofif’s Laws, and so forth, and a young engineer 
without much experience, but who happened to know this 
method of Dr. Kenndly’sj did this same job in-half an hour. 
The other method made a few approximations as well, while 
the latter method was accurate. 

I think perhaps one trouble is due to the fact that when you 
have these formulas, the average man does not always know 
just what to do with them, and while the formulas come down to . 


a very simple looking result, you cannot find out how just to get 
the numerical answer. If you look it up you find that there are 
tables of these complex angles and you attempt to use the tables, 
and find for accurate work, that you have to interpolate. With 
angles of complex quantities in two dimensions, it is necessary 
to make six averages to get the final answer, which is laborious. 

But in addition to those tables. Dr. Kennelly has prepared 
some very beautiful charts, and I never think of using the tables 
any more, because the charts are as accurate as ordinary slide 
rule work, and you have the very great advantage of seeing the 
way in which the functions change. Very often, in interpola¬ 
ting from the tables, there is a rapid rate of change, which may 
make considerable error in a straight line interpolation. Of 
course, you can use more accurate methods of interpolation, 
but it requires more time. 

I want to make a plea for the use of this method. For those who 
find it difficult to get results, let them look at Dr. Keunelly’s 
charts of hyperbolic functions, and once the system of going 
through those charts to find the functions is learned, you will 
find it is no more difficult to use hyperbolic functions of complex 
angles than ordinary formulas for the solution of triangles. 
It involves putting down a few more figures, but it is so much 
simpler and very much quicker than any method of Kirchoff’s 
Laws, if you have more than the simplest kind of netwoi’k. 
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Review of the Subject,—A ckild^s idea of an angle is a 
corner or edge; the sharper the corner or edge, the smcdler is the angle, 
and hence expressions like “acute (sharp) angle,” “obtu e (blunt) 
angle,” etc. With a little schooling his idea of an angle is broadened 
into that of turning or rotation and finds a geometrical expression in 
a circle. The amount of turning is represented by the area of the 
sector of the circle like a piece of pie gone over by the turning radius. 
This broadened dea is still^in agreement with the earlier idea be¬ 
cause the sector is a surface having a corner at the center of the circle, 
and the sharpness or bluntness of this corner varies with the area. 
With further progress, he also learns to associate the angle with the 
arc of the circle, for, evidently, the length of the are is a measure of the 
amownX of turning and is proportional to the area of the sector. 
The angle when represented by the arc of the drde loses all resem¬ 
blance to a . corner, which latter idea however is discarded as un¬ 
necessary, emphasis now being laid on “turning” which is well 
represerded by the arc of the circle. Mathematical analysis is then 
applied which still further broadens the scope of angles and gives 
rise to the so called “imaginary” angles which are called “hyper¬ 
bolic” in contrast' with ordinary “real” angles which are called 
“circular,” combinations of these two kinds of angles being called 
“general” or “complex,” At this stage, any physical interpre¬ 
tation or geometrical representation of an angle practically vanishes, 
for, a hyperbolic angle can not be conceived of as a rotation, not even 
as a rotation around an “imaginary” axis, for, how can one con¬ 
ceive of an “imaginary” axis? If the “imaginary” axis be defined 
as a new axis at right angles to the old axis, rotation around it can 
easily be conceived of, hut it doM not correspond to facts, because 
a hyperbolic angle implies no change in direction, and hence no 
rotation, but merely affects the magnitude of a quantity. Inasmuch 
as problems can be solved mathematically without any visualization, 
the mathematician discards visual interpretations and bases his 
conceptions on formulas. However, the engineering type of mind 
finds it both difficult and distasteful to be dependent on symbolic 
definitions, and craves for visualization. He feels that if physical 
problems lead to “imaginary” or “complex” angles, these angles 
must stand for some concrete physical facts and must therefore be 
capable of a physical interpretation. 

A broad and yet simple physical interpretation applicable to both 
circular and hyperbolic angles is developed below, which also applies 
to their trigonometric functions, as follows: 

A quantity may he expressed or specified either by its own dimen¬ 
sions or 08 a percentage of another quantity. The first kind of 
specification is its “absolute” measure, the second kind is its 
“angular” measure. Thus “angle” and “percentage” are syn¬ 


onymous terms. If a quantity changes by a certain pei'ceniage 
(compound percentage as in compound intei'est) that percentage” 
is the ^‘angular” change in the quantity in radians. According to 
this interpretation, neither corner, edge, turning nor rotation are 
essential characteristics of an angle; they are the characteristics 
of a limited class only. If the percentage change in a quantity is 
like itself , geometrically parallel to itself, the per cent change, that 
is, the angle, is colled a hyperbolic angle, and there is no rotation. 
If the quantity varies without any change in magnitude hut only 
with a change in direction, geometrically perpendicular to itself, the 
per cent change, thatis, the angle, is called a circular angle, and there 
is rotation. Thus, hyperbolic and circular angles are at right angles 
to each other, the first being a per cent change parallel to the quantity, 
and the second perpendicular to it. “Imaginary” thus means a 
quadrature. However, it is not rotation around a quadrature axis 
but per cenl change in a quadrature direction. 

This new interpretation is in agreement with the representation 
by arcs in a more extended vectorial sense in which one is not limited 
to the arc of a circle but ares of any shape have an angular interpre¬ 
tation. Thus, consider a portion of an arc of any arbitrary shape, 
and resol e it into two components, one circular (at right angles to the 
radius drawn to the point) and the other straight and radial (parallel 
to the radius at that point). These two arcs expressed as a per¬ 
centage of the radius represent circular and hyperbolic angles, 
respectively, and being in quadrature with each other their vector 
sum is the “complex'* angle of the arc. In this interpretation a 
hyperbola has nothing to do with a hyperbolic angle, and the name 
is urffortunate. It would have been more intelligible to speak of the 
ordinary mrcular angle as a “quadrature” angle, and of the so called 
hyperbolic angle as a “linear” angle or a “radial” angle. 

This new interpretation of an angle is then utilized to interpret 
the physical significance of sines and cosines of angles, whether 
circular or hyperbolic. The common idea of a cosine as the pro¬ 
jection of the radius vector on the X axis, and of sine 08 the projection 
on the Y axis, is found inadequate, this idea being limited to eircidar 
angles and not being of much value in explaining their occurrence in 
physical problems. A cosine is then interpreted as the mean 
vector value of a unit quantity for a given per cent increase and an 
equal percent decrease, ora given value of rotation positive and nega¬ 
tive. Examples are given illustrating the application of this vector 
idea in physical problems, as in the resolution^ of a harmonic wave 
into two oppositely rotating vectors, solution of differential equations, 
etc. A geometrical construction is given for the sines and cosines of 
complex angles, which is not merely a representation hut photo¬ 
graphically true, so to speak. 


Introduction 

T he student of trigonometric functions finds by 
some dark analytical transformations that the 
sines, cosines, etc., of imaginary angles are not 
impossible or absurd quantities but resolve themselves 
into hyper bolic functions of those angles looked upon 

1. All percentages, in this paper are supposed to carry their 
deciinal points es 3 )licitly. Thus, ten per cent is to be given as 
0.10, not merely as 10. 
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as real angles. Thus if 6 is an ‘^ordinary” angle, that 
is, a circular angle, 

cos (J 6) - cosh (d) (X) 

sin O’ 6) = j sinh (6) (2) 

tan 0 ^) = j tanh (^) (3) 

Th^e identities indicate that a hyperbolic angle 

is j with respect to circular angles, and the questions 

naturally arise: (a) Wherein is a so-called hyperbolic 
angle an angle at all? (b) Wherein does it differ from 
orciinary angles? (c) W^at is the physical significance 
of its being y with respect to the ordinary angles? 
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The usual representation of hyperbolic angles and 
functions by means of a hyperbola, as circular angles 
and their functions are represented by circles (See Figs. 
1 and 2), completely fails to throw any light on these 
questions; the representation merely serving the pur¬ 
pose of giving an idea of their numerical values but not 
of their physical nature. Certainly, it is not evident 
from these figures wherein the area of the hyperbolic 
sector representing the hyperbolic angle is j with 



respect to the circular sector representing the circular 
angle. Furthermore, it is not evident wherein the 
hyperbolic sine and tangent are j with respect to the 
circular sine and tangent, while the h 3 q)erbolic cosine 
is "‘real” like the circular cosine. These points not 
being explainable on the basis of representation by a 
hyperbola, it is not to be expected that an explanation 
can be given on that basis of the physical significance 



of the so-called imaginary periodicity of hyperbolic 
functions, as in the equation 

cosh (0) = cosh {6 + 2 Trnj) (4) 

Evidently, we need first to develop a simple physical 
interpretation of what an angle is in its most general 
sense, a physical conception which will apply to hyper¬ 
bolic ^gles as well as to circular angles and will show 
their natural relationship. Then we must develop a 
ihysica] interpretation of trigonometric functions. 


broad enough to include both types, and clear enough 
to show their relationship. 

It will be shown below that an angle, in its broadest 
sense, is nothing more or less than a percentage, more 
specifically a percentage change in a quantity, the 
percentage being compound not simple percentage, 
effective at every point or instant, as for instance in 
compound interest. It will, then, be shown that an 
imaginary angle is nothing more or less than a quadra¬ 
ture angle, that is, one in quadrature with the circular 
angle. This is in accordance with the use of j in engi¬ 
neering as a quadrature operator, is consistent with the 
mathematics of hyperbolic trigonometry and leads to 
an extremely simple physical interpretation of the 
imaginary periodicity of hyperbolic functions, viz., 
that their periodicity is not imaginary or unthinkable 
but in quadrature with themselves. The point of 
view is evidently vectorial. Since the arc represents 
the change in a vector vectorially, the component of 
the arc in quadratm*e with the vector represents the 
circular angle, the component parallel to the vector 
represents the hyperbolic angle, and the arc as such 
represents the complex angle. From this novel point 
of view all imaginariness disappears from the trigonom¬ 
etry of complex angles, and the various relationships 
usually established by tedious mathematical trans¬ 
formations become almost self-evident physical facts. 
We must therefore analyze this new interpretation in 
somewhat greater detail. 

Physical Meaning op an Angle in Its 
Broadest Sense 

Let the radius vector R move and trace an arbitrary 
curve, as shown in Fig. 3. On this curve consider any 
two adjacent points pi and Pi. The arc between these 
two points represents the vector change in R and we 
shall designate it in the usual way bs dR. Now, a 
radius vector can move or change in only two essentially 
different ways, viz., (1) parallel to itself, stretching or 
shrinking, and, (2), at right angles to itself, rotating. 
Any other motion can be resolved into two such com¬ 
ponents, one parallel to the radius vector, the other 
in quadrature with it. In Fig. 3, the arc d iZ is resolved 
into two such components, d Ri and d R>i. It will be 
noted that the component at right angles , to the radius 
vector is curved being the arc of a circle, as it must be 
to keep perpendicular to the radius vector at every 
succ^ive position of the latter (See Fig. 4). However, 
if the path dR is taken short enough, d R^ will be a 
straight line.® It is highly important to note that the 
two components, dJ2i and dR^ of dR, are at right 
angles to each other. 

The distance d R which the radius vector covers in 
its sweep along an arbitrary curve may be given in 

2. At a later point in the discussion of angles in three dimen- 
' sional space, a rigid physical and mathematical justification 
will be given why the vector angle is represented by the curved 
line and not by its chord. 
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and their functions are shown in their true physical 
nature and relationship. 

It is to be observed that according to this new inter¬ 
pretation the characteristic which constitutes an angle 
is not turniTig, but just a per cent change, and therefore, 
it is not necessary to assume that hyperbolic angles 
are produced by the rotation of the radius vector around 
an ‘^imaginary” axis in an “imaginary’’ plane as is 
sometimes suggested as explanation. 

How TO Calculate the Angle op a Path 

‘ When the radius vector R moves at right angles to 
itself, at every instant, its length is unchanged, and 
therefore, if we start with a radius vector of unit 
length, and let it trace a circle, the angle (dR/R) 

Isggth.df Tsaiss vaetor'g)f lit latai; ( tiItJKt etG}a 

i-- -H 

J i-il I ^ 

O i7 1.1 '1.4 iL.6 1.8 1.95 2.1 2.2 2.5 

Fig. 5 

will always be equal to (d R) numerically. Therefore, 
in circular angles, the length of the arc is also a direct 
measure of the angle, but in hyperbolic angles, where 
the radius vector is moving parallel to itself and con¬ 
tinually changing in length, the hyperbolic angle, 
id JR/R), can not be represented by (d R) numerically. 
Hence, the scale of a hyperbolic angle continually 
changes. 

Consider now a unit radius vector R along the X 
axis, (Fig. 5), and let it move along this axis generating 
a pure hyperbolic angle. Some time the radius vector 
will reach the point X. The question is, “What is the 
measure of hyperbolic angle which the path of the 
radius vector covers?” Or, in plainer language, what 
is the present change in the radius vector? Since the 
length of R has been changing every instant, we can 
not divide the length of path by the initial value of the 
radius vector, that is, unity, nor by the final value, but 
we must calculate the angle for very short intervals 
and add them. In calculus language, the hyperbolic 
angle described by the radius vector in its travel from 
1 to X is 

X 

^ ~ j ~ ^ ^ ^ ^ 

i 

This shows that the hyperbolic angle subtended by a 
straight line based on its initial portion of unit length 
is equ^ to ite natural (or hyperbolic) logarithm, (and 
there is thus one reason why such an angle may be 
called hyperbolic), although, in referring to this 
feature^ “logantlunic” angle may be a better name. 

A few points of interest are to be noted in connection 
with equation (11) and Fig. (5). 

(1) It will be seen that “natural log of path,” 

3. We shall lise Ln to designate natural logarithms, and 
*.*log” to designate ordinary deeimfl.nngfl.n' t.TiTna 


“angle covered by path” and “per cent length of path” 
are all equal and synonymous. 

(2) The angles indicated are for a stretch of the 
radius vector from the point 1, i. e., from the end of the 
unit radius vector, with which we started (not from 0), 
to any desired point along its length. At the starting 
point, i. e., at R equal to 1, the angle is zero. If the 
radius vector shrinks, instead of stretching, starting 
with a unit value, it generates a negative angle, which 
also is to be seen in Fig. 5. 

(3) Due to the fact that the angle of the path is 
equal to the logarithm of the path, the positive angle 
increases very slowly as compared with the length of 
the path. Thus, when the radius vector or path is 
10, the angle is 2.3 radians; but when the length is ten 
millions, the angle is only 23 radians (See Fig. 6). 

(4) The reverse of what is true for positive angles 
is true for negative angles. Thus, the radius vector 
in shrinking from unity to zero generates an infinite 
negative angle (See Fig. 5). 

(5) Ordinarily, it is not the angle at a point X 
(that is, between 1 and X) but between two points 

and Xa which is desired, and which evidently is given 
hy Ln (xz) — Ln (xi). 

(6) The radius vector is essentially positive, and, 
therefore, no matter in what direction it is drawn, it 
traces a positive angle if increasing, negative angle if 
decreasing, and therefore, it is impossible to get a nega¬ 
tive radius vector or quantity, which also explains in a 
physical way the mathematical fact that “ordinary” 
logarithms do not apply to negative munbers. How¬ 
ever, it is possible to transcend the-“ordinary” even 
in the matter of logarithms as will be shown at a later 
point. 

(7) Considering Fig. 6 it will be observed that the 
angle is graduated uniformly or arithmetically, whereas 
the radius vector or its path is graduated exponentially 

length of radian Tfotor or its path. 

5^0^ ip? yS ip7 ipB ipR 

0 2.5 4.6 6.9 9.2 11-5 23.8 16.1 18.4 20.7 25,0 

Pig. 6 

or geometrically with the object of covering a wide 
range, as in a slide-rule, the diagram corresponding to 
2.3 unit length rule; the factor 2.3 arising from the 
ratio of ordinary logs to the natural logs. Though 
convenient for the purpose indicated, this scheme is 
not serviceable in every case, but the scheme of Fig. 
5, in which the radius vector is graduated uniformly 
and the angle logarithmically, is applicable universally, 
as will be noted particularly in deriving the trigono¬ 
metric functions of complex angles. 

Before proceeding to the analysis of somewhat more 
involved aspects of the subject, it may be profitable 
at this point to tabulate the substance of the foregoing 
analysis both in every day and in mathematical lan¬ 
guage in two parallel columns for convenient comparison 
and greater intelligibility. 
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An Exposition op Angles in General 


Im MATBBUATtCAL EnGUSB 

1. Let the radius vector R describe 
an arbitrary path. 

2. The path divided by the radius 
vector is the angle In radians sub¬ 
tended by the path at the radius 
vector. 

3. Any portion of the path may 
be resolved Into two components, 
one parallel to the radius vector, 
the other perpendicular to it. 


4. The “in phase” component of 
path divided by the radius vector 
is the hyperbolic angle in radians. 


5. The angle generated by the 
radius vector per unit of time Is 
called its “angular velocity" in 
radians. This applies to all kinds 
of angles, whether hyperbolic, 
circular, or the combination of the 
two, that Is, general or complex. 


In Every Day English 

1. Let a quantity R undergo any 
arbitrary change. 

2. The change In the quantity R 
divided by A is a fraction and 
gives the change as a percents^e of 
R. A per cent change Is called 
angular change in mathematics. 

3. The change, or per cent change. 
In J? may be one of magnitude only, 
or It may be one of direction only. 
A general change may imply a cer¬ 
tain per cent change in magnitude 
and a certain per cent change In 
direction. 

4. A per cent change In magnitude 
has different names In practise, 
such as, per cent (compound) interest 
in banking: per cent discharge in 
hydraulics; per cent decay in elec¬ 
trical and radioactive problems: 
and, in general, as “per cent gain," 
or per cent loss. These percentages 
are called “hyperbolic angles,” In 
mathematics. One hundred per 
cent is considered the unit of angles 
and is called one radian. 

5. The per cent change which Is 
produced per unit of time is called 
the “per cent rate of change" In 
general, when the change is one of • 
magnitude only, as for Instance, 
“per cent rate of (compound) 
Interest,” “per cent rate of dis¬ 
charge” of a reservoir or of a con- 


8. In speaking of arcs as sub¬ 
tending angles, the angles are not 
subtended at the origin or at any 
other point, but at the radius vector. 
Hence is the necessity for dividing 
the arc by the radius vector to ob¬ 
tain the angle. 

9. When the radius vector is 
varying In magnitude, the angle 
of an arc is obtained by the summa¬ 
tion 

-^Ln Rt/Ri 
Rt 

Let the two limits of integra¬ 
tion be 20 and 30 respectively. 

L n (1.6) = 2.3 X Log (1.5) 

•= 2.8 X 0.176 
— 0.405 hyperbolic 
radians. 


8. In speaking of change (of either 
kind) as a per cent diange, the per¬ 
centage Is based on the value of 
the quantity in which the change is 
taking place. This point so clear 
in ordinary language is not so 
clear in mathematical definitions. 

9. When the quantity is vsu'ylng 
in magnitude, the change must be 
expressed not in per cent of the 
initial value of the quantity, nor 
Of the ffnal but of a mean equiva¬ 
lent value. When only a very small 
change is conddered, the. moan 
value of the quantity is sufficiently 
approximated by either the initial 
or the final value or the arithmetic 
mean of the two. For considerable 
changes an arithmetic mean value 
of R will not do, but the percentage 
may then be calculated in a number 
of steps as in compound Interest. 
For instance, if the quantity 
changes from 20 to 30, the per¬ 
centage of the first unit gain Is 
1/20.5, the second 1/21.5, the third 
1/22.6, etc. and the sum of ton such 
terms gives the total percentage 
gain (approximately) which In this 
case adds up to 0,405, (what is 
called forty and a half per cent) and 
happens to check the correct 
answer in this case to the third 
significant figure. 



The Radius Vector 


6. If the path of the radius 
vector is at right angles to Itself 
the path Is then circular. a-nH 
expressed as a fraction of the radius 
vector Is called a “circular angle" 
in radians. The circular angle 
(path) being perpendicular to the 
radius vector, is therefore per¬ 
pendicular to the hyperbolic angle 
(path) which is parallel to the 
radius vector. 


denser, “per cent rate of decay" 

of a radioactive substance, etc. Wnen the radius vector is given, the angle d between 

is, 

6. If the quantity under considera- 6 ’=‘LnR— LnRi= LnR/Ri (12) 

tion has direction as well as mag¬ 
nitude, it can change its value with¬ 


out changiag its magnitude, that 
is, it can rotate. The change is 
then called “angular" in ordinary 
Iwguage as well as in mathematics 
and is specified in a number of 
ways, such as revolutions, or right 
angles, or degrees, or “radians" 
the latter term meaning the length 
of the arc (along whlcfii the rotation 
^es place) in per cent of the 
length of the rotating line, very 
similar to the per cent change in 
magnitude, but unfortunately this 
method of measuring circular angles 



Fig. 8 


is not commonly appreciated al¬ 
though it is a very natural method, 
if not the only natural method. 

7. The angle which the rotating 7. The angle which the rotating 
radius vector tends to produce quantity tends to produce per nnn-. 
per unit of time is called its migular of time is called Its “angular 
velocity in radians per unit of time, velocity" and is ordinarily measured 
as covered in art. 6. in revolutions per minute, although 

a more natural way (in fact, in 
a sense, the only natural way) to 
measure or specify it would have 
been In “per cent radius” e. g. 
(that is, radians, for, radian means 
per cent radius) per unit of time. 
For instance, to say that the 
angular velocity is five radians per 
second means that a point at the 
end of any assumed radius covers a 
distance equal to five radii in 
one second. In other words, the 
natural way of specifying an an ffliiAr 
velocity is to specify the tangentisd 
velocity as a percehtage of the 
length of the radius. Although the 
popular mind has grasped the 
fundamental concept of percentages 
in. linear changes, unfortimately it 
has not grasped the idea of per¬ 
centages in quadrature or rot^y 
changes. ^ 


Hence R = e" ( 13 ) 

This last result gives a physical interpretation to 
the exponential function as follows. If a quantity, 
with any initial value R^, changes (0) radians, i. e., 
(6) per cent (compound percentage), its value becomes, 

Rg = R(>e^ (14) 

The percentage (0), however, may have any complex 
value. It may be a “real" number, so called, in which 
case the quantity has varied in magnitude only; or 
it may be a (quadrature number, in which case the quan¬ 
tity h^ varied at right angles to itself, that is, rotated; 
or again, it may be a complex number, in which case 
the quantity has both rotated and changed in length. 
In the foregoing, (d) is taken as the total complex 
angle. 

If the quantity is varying continuously, it traces a 
path or curve. Assuming the velocity constant:] if > 
it is /^real," that is, like itself dr in-phase, as in ; : 

R ^ Ri €^'^ ■■ 0:^ 

the path is a straight line (%. 7).: If the angular 
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velocity is imagina^, that is, quadrature, as in 

R ■ (16) 

the path is a circle (Fig. 8); and, if the angular velocity 
is general or complex, with in phase and quadrature 
components as in 

R = (17) 

the path is an exponential spiral^ (Fig. 9). The circle 
applies to undamped harmonic waves; the straight 
line, with exponential scale, (usually plotted to rect- 
angiilar coordinates as increasing or decreasing ex¬ 
ponential), applies in general to the uniformly damped 
d-c. or non-periodic quantities; and, the exponential 
spiral applies to uniformly damped harmonic quantities 
like the oscillatory discharge of a condenser, etc. The 
increasing exponential spiral and the decreasing ex¬ 
ponential spiral are the images of each other as from a 
mirror, or an increasing exponential spiral may be 
considered as decreasing by reversing the direction of 
rotation, and vice versa. 

The exponential spiral of Fig. 9 is of particular in¬ 
terest, for it gives the value of the radius vector both 
in magnitude and phase angle for any given complex 
angle. This is the only direct physical representation 
of the radius vector as it traces a complex angle. In 
fact, we might speak of it as the photograph of the 
radius vector as it traces a complex angle, in contrast 
with other graphical constructions which may in some 
sense be considered as a representation. The frame of 
the exponential spiral deserves special consideration, 
for it forms the basis of the physical interpretation as 
outlined in this paper and will be made use of in obtain¬ 
ing the sines and cosines of complex angles. This 
framework is shown in Fig. 10 as two systems of mutu- 


located. The vector from the origin to this point gives 
the radius vector in magnitude and phase angle. The 
magnitude of the radius vector is measured linearly 
to some scale. Example: find the radii vector Ri and 
Ea which have the angles + (0.5 + j tt/G) and - (0.5 
-hy ir/6) respectively (Fig. 10). It will be observed 
that the hyperbolic angle determines only the magni¬ 
tude, the circular angle the direction of the radius 
vector. Thus, 

(co® ’r/6 + y sin 7r/6) (18) 

Ri = e-®-® (cos tt/G — y sin tt/G) (19) 





H 





Pig. 10 

Logarithms op Negative Numbers 
In the expression for the radius vector R, having an 


initial value Ri of plus unity with zero angle, 
R = itJx e" 


(20a) 



Pig. 9 


ally perpendicular lines; a system of radial lines and 
a sirstem of circular lines, with common center or origin. 
The radial lines are graduated logarithmically and 
measure the hyperbolic angles in radians; the circular 
lines are giaduated uniformly and measure the circular 
or quadrature angles in radians. The two sets of 
angles ^e^ at right angles to each other as they ought 
to be. Given the circular and hyperbolic components 
of a compl y angle, the corresponding point is at once 

4. Ordinaj^y eaJled a “logaritlunio spiral.” Exponential 
and logarithmic functions are merely the inverse of each Other. 


or R/Ri = e® (21b) 

if we assume (6) as equal to {irj), the radius vector 
rotates through ir circular radians, that is, 180 deg. 
and becomes minus unity, and we have, 

R/R, = i-J = -1 ( 21 ) 

But in the general expression, 

R/Ri = (22) 

{6) is the logarithm of (R/Ri) and, therefore, from 

R/Ri = = -l (23) 

we must conclude that (nj) is the logarithm of (- 1). 
This solves the problem of what the logarithm of a 
negative number could be. Thus, 

Ln{— x) = Ln{ — 1) (x) (24) 

= Ln(-l) +Ln(x) (25) 

= rj Ln(x) (26) 

Physically, it means this: 

In the discussion of hyperbolic angles especially in 
connection with Fig. 5, it was seen that ‘‘angle,” “per¬ 
centage” and “logarithm” were synon 3 rmous terms. 
Since, as it has already been shown that “angle” and 
“percentage” are synon 3 nnous terms for circular angles 
as well as for hyperbolic angles, therefore, Ve may 
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extend our idea of a “logarithm” and identify it with 
“circular” angles as well as with “hyperbolic” angles. 
The foregoing mathematical transformation can then 
be obtained by an extremely simple physical reasoning. 
Thus, considering •(+ 1) as a unit radius vector at 
zero angle. 

(1) What is the angle of (+ 1) ? 0 (27a) 

“ “ “ logarithm of (+1)? 0 (27b) 

( 2 ) What is the angle of (4- y)® ? y 7r/2 ( 28 a) 

“ " “ logarithm of (+y) ? y 7 r /2 , (28b) 

(3) What is the angle of (-1) ? xj (29a) 

“ “ “ logarithmof (-1) ? xj (29b) 

(4) What is the angle of (- y)6 ? Bx j/2 (30a) 

“ ““ logarithmof (-y) ? 3 7ry/2 (30b) 

(5) What is the angle of (+ 1)’ ? 2xj (31a) 

« « « logarithmof (+1)? 2 Try (31b) 

These examples not only illustrate the case of the 
logarithms of O’) besides that of (- 1) but, comparing 
item No. 1 with No. 5, it is seen that a logarithm is 
periodic with a quadrature periodicity. That is, 
adding or subtracting 2 tt j or an integral multiple 
of it to a logarithm leaves its value unaffected. This, 
however, need not startle us, for any kind of quantity 
is periodic for that matter; that is, rotation through 
2 TT circular angles brings a quantity back to its original 
value. This, then, is the physical meaning of the imag¬ 
inary, that is quadrature or circular, periodicity 
of hyperbolic functions, a characteristic true not ex¬ 
clusively of hyperbolic functions but of circular func¬ 
tions and of every-other function as well. The reason 
why this appears like a mathematical mystery to many 
is simply due to an incorrect trigonometric nomen¬ 
clature by which, instead of making a distinction 
between real (that is, linear or in-phase) and circular 
(or quadrature) angles, calling linear angles (d), and 
circular angles (j 6), and having only one kind of sine 
and one kind of cosine, we have two kinds of angles 
and two kinds of trigonometric functions. It is prob¬ 
ably not too much to think that the early workers who 
established these nomenclatures had only a hazy 
conception of these physical relationships. Ordinarily, 
a circular angle is written as (d) instead of (j 6), and 
the periodicity of the trigonometric functions is given 
by an equation like 

cos {$) = cos (0 -h 2 TT n) (32) 

which if written as 

cosh 0* = cosh (j ^ -I- 2 TT nj) (33) 

exactly as cosh (0) = cosh (0 4- 2 tt %;), . ( 34 ) 

shov^ that the periodicity of circular angles is also 
imaginary that is, quadrature, because equation (33) 

5. i must not be ignored, so that the circular, that is, quad¬ 
rature, angle may not be confused with the hyperbolic an^e. 

6 . Meaning 270 deg. 

7. Meaning 360 deg. 


is identically the same thing as equation (32) except 
that it is in h 5 q)erbolic garb. 


Physical Meaning op Sine and Cosine 

Let (0) be a complex angle, and let the value of the 
radius vector for (4- 6) be Ri, and for (— 0) be R». 
The vector mean value of Ri and R^ is called the cosine 
of angle (0): hyperbolic cosine, if (0) is a real or in- 
phase angle; circular cosine, if {6) is a quadrature 
angle. 

The value of the radius vector for (4- 0) is and 
for (— 6) it is e~®, and the mean value of the two gives 
the cosine, as 


cosh (5) = 


jRi 4“ Ri 
2 


4- e-" 
2 


(35) 


We prefer to write “cosh,” instead of “cos,” 
because we are treating the hyperbolic angle as real or 
linear, and the circular angle as quadrature, as this 
view is much more natural. 

The foregoing formula agrees with the usual geo¬ 
metric representation of the cosine of a circular angle 
as the projection of the radius vector on the X = axis 
as shown in Fig. ll.s 



For circular angles the numerical value and projection 
of the radius vector is the same for (- 6) as for (4> 0), 
and therefore the definition of the cosine could be given 
either way, as mean sum or as projection, but not so 
with the hyperbolic functions. Assuming (d) as an 
in-phase angle, and e~® are not equal in magnitude 
neither are their projections, for their projections are 
identical with themselves. We could, therefore, define 
a cosine, if we pleased, either as the mean projection 
or as the (vectorial) mean value of the radius vector 
for (4- and (- d). The cosine then may be looked 
upon as a vector parallel to the mean radius vector, as 
is clear from Figs. 11 and 12. 

Turning to the sine of (^), it is the mean (vector) 

> 8. TMa veotoml ppmt of view is (he physdoa^ 
treatment of a flux as the resultant of two constant 

fluxes rotating iiropposite directions in single-phase induction 
motors, as will be better evident in section on “Gharaoteristids 
of Sines.” 
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difference of the radius vector for (-f 0 ) and (— B), 
Thus, 

€+®-€-® 

sinh (0) = -2- =-2- 

If (0) is a real angle, the sine is h 3 T)erbolic, if a quad¬ 
rature angle, the sine is circular. 

The idea of projection does not hold very well for the 
sine of both trigonometric and hs^perbolic angles with¬ 
out undue straining, but the idea of “one half vector 
sum” for cosine, and “one half vector difference” for 
sine, holds equally for circular as well as for hyperbolic 
angles. 

For a hyperbolic angle, the sine is a vector in phase 
with the radius vector; but for a circular angle, the 
sine is perpendicular to the mean radius vector as will 

>2 a a 4 


Fig. 12 

be seen from Figs. 11 and 12. From this it follows 
that, if 6 is an in-phase or hyperbolic angle, 

sinh U 6 ) = i sin {B) (37) 

whereas cosh (J 6 ) = cos ( 6 ) (38) 

Other trigonometric functions need not be considered 
here, because they can all be expressed in terms of 
sines and cosines. 

Graphical Construction 

Graphical constructions for the sines and cosines of 
complex angles follow at once from their definitions as 
the mean sum or mean difference of the radius vector 
for the plus and minus angle, and from the graphical 
construction for the radius vector of a complex angle. 
The framework of Fig. 10 is used for this purpose. 
Given the complex angle ( 61 +j 62 ); the radius vector 
Ri for plus (Bi + j B2), and the radius vector R2 tor 
minus (Bi + j B 2 ) are located. Then, half their vector 
sum and difference give the trigonometric functions: 


cosh (^1 -\-j B2) = 

R\ “f- R2 

(39) 

2 

sinh (01 + y 02 ) = 

R\ — R2 

(40) 

2 


Characteristics op Sines and Cosines 

The graphical constructions for the trigonometric 
functions give a true physical picture but can not 
naturally fully convey the various characteristics of 
these functions at sight. The solution of many physical 
problems involves differential equations, that is, re¬ 
quires a knowledge of the “rate of change” charac¬ 
teristics of functions. We may therefore analyze 
such characteristics of the radius vector as it traces 
circular or hyperbolic or complex angles to see how 
and why sines and cosines of these angles come in. 

If a quantity is varying at a constant percentage, its 
absolute rate of change is proportional to itself. If the 
function is increasing, its rate of change, that is, its 
velocity, is positive; if decreasing, its velocity is nega¬ 
tive; if rotating without change of length, its velocity 
is j, that is, quadrature; and, if both rotating and 
changing in length, its velocity is general or complex. 
If the rate of change or velocity is proportional to the 
quantity, the rate of change of the rate of change, that 
is, the rate of change of the velocity, or, in other words, 
the acceleration, is also proportional to the quantity. 
If the velocity is in-phase, the acceleration is also in- 
phase and has the same direction as the original quan¬ 
tity, regardless of whether the quantity is increasing 
or decreasing. If the velocity is in quadrature, the 
acceleration is in quadrature with the velocity and thus 
negative with respect to the original quantity. Thus, 
if a quantity is rotating, (i. e., varying at a constant 
quadrature percentage of itself at every point), its 
acceleration is proportional to itself but negative, 
regardless of whether it is rotating positively or nega¬ 
tively, that is, clockwise or coimter-clockwise. If then, 
we know by any physical consideration that the 
acceleration of a quantity R is proportional to itself 
and has the same sign as itself, it must be either a 
positively rotating quantity (equation 43); or a nega¬ 
tively rotating quantity (equation 44); or the resultant 
of two quantities rotating in opposite directions 
(equations 45 and 46), that is, a harmonic quantity. 
Conversely, a harmonic quantity may be considered 
as the resultant of two constant vector components 
rotating in opposite directions as is assumed in the 
theory of the single-phase induction motor. 


The addition and subtraction of Ri and i ?2 are carried 
out vectorially as shown in Fig. 10. Calculated ana- 
l 3 rtically, we have 

cosh {Bi 4- j B 2 ) = (cos B 2 + j sin B 2 ) 

+ “Y (cos B 2 ~ y sin ^ 2 ) (41) 

sinh (di -f- j Bi) = (cos ^2 + / sin B 2 ) 

+ ‘Y’ (cos B 2 — j sin ^ 2 ) (42) 


i2 = A (43) 

or = A ( 44 ) 

or = A -I- €-’'■“'0 = 2 A cos {w t) (45) 

or = A (6+'“’' - €-•'"’0 = 2 A sin {w t) (46) 

^om this it follows that the sine and the cosine 
functions are more general than the simple exponential 
functions, and include the common characteristics of 
both the increasing and the decreasing exponentials. 
This applies to the hyperbolic functions as well as to 
the circular. Thus, if the acceleration of the quantity 
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R IS proportional to itself and in the same direction, 
then, the equation of the quantity is of the form. 



R = A 

(47) 

or 

= A 

(48) 

or 

= A (6+®'* -f- €~“'0 = 2 A cosh (w t) 

(49) 

or 

= A (€+^' - 6-^') = 2 A sinh {w t) 

(50) 


Thus, again, the sine and cosine functions are more 
general than the simple exponential, and include the 
acceleration characteristics of both the increasing and 
the decreasing exponential. 

Just as the trigonometric fimctions can be com¬ 
pounded from the simple exponentials, so, the simple 
exponentials can be given in terms of the trigonometric 
functions. Thus, 

= cosh (wj t) db sinh (w t) ' (51) 

= cos (w t) d= j sin (w t) (52) 

In these equations, the exponential form is of course 
to be preferred to the trigonometric form on account of 
its simplicity. 

The application of the characteristics of sines and 
cosines may be illustrated by a few familiar examples: 

An object is displaced against an elastic force which 
varies directly with the displacement but is directed 
opposite to it. If the body is released, the force 
accelerates it and since the force and therefore the 
acceleration are proportional to the displacement but 
opposite to it, the motion will be like a circular sine 
or cosine function, that is, harmonic. 

A condenser is discharged through an inductance. 
The rate of change of the current produces voltage 
across the inductance equal and opposite to that of the 
condenser. That is, the condenser voltage is propor¬ 
tional and opposite to the rate of change of the current. 
However, a condenser current is proportional to the 
rate of change of the condenser voltage, and since the 
condenser voltage is proportional (but negative) to 
the rate of change of the current, the rate of change 
of the condenser voltage and, hence, the current are 
proportional to the acceleration of the current. Thus, 
the Current and its acceleration are proportional to 
each other and opposed, and therefore the current is a 
circular sine or cosine function, that is, harmonic. 

A leaky transmission line is carrying current. As¬ 
sume it direct current fpr sinaplicity. As we advance 
along the line the current will become less and less, due 
to leakage to ground. The rate at which the line cur¬ 
rent is changing is equal to the leakage current, and 
this rate is negative because the current is decreasing. 
The rate at which the lealmge current changes along 
the line is proportional to the line current and is nega- 

it in its turn because the leakage 
cuwent . ^so decreases. Thus the line current and its 
second rate of change are proportional to each other 
and have the same sign, and therefore, the distribution 


of current along the line must be like a hyperbolic 
sine or cosine. 

Analytically, 



y = A sinh {w t), or, 

= B cosh {w t), or their combination 

y 

If. y, then, 

y = A sin (w t) , or, 

= B cos {w t), or their combination 

y 

And, if, = {w I-\-j WiY y, then, 

y = A sinh (wj -f j w>i) t, or 
= B cosh {wi +j Wz) t, or 
= C sin {j Wi — Wi) t, or 
= D cos {j Wx - Wi) t. 

These solutions are of course the simpler solutions, 
and still more general solutions are obtained by com¬ 
bining the simpler solutions, but that is another subject. 

Complex Angles in Space 

All the foregoing discussions were limited to a plane 
and one little difficulty was encountered in having the 
quadrature component of a vector angle a curve instead 
of a straight line, which was partially excused on the 
ground that if the arc was taken short enough it would 
be straight. The reason why the arc as a vector 
could not be represented by its chord was stated to be 
due to the fact that any finite chord could not be per¬ 
pendicular to the radius vector at every point along 
that chord. In other words, the arc was cuiwed 
with respect to the X-axis but straight with respect to 
the rotating radius vector, having a constant angle with 
respect to it at every po.sition, for what is the fundamen¬ 
tal definition of a straight line (in terms of differential 
equations) if not this, that its slope (therefore angle) 
is constant? The argument is admittedly a trifle 
strained; the reason is that it is limited to a plane. 
However, if we take a three-dimensional view of the 
matter, these arguments become unnecessary, for we 
then find that the quadrature angle is really to be 
represented by the axis of the arc. It then is easy to 
see that no matter how curved the arc, its axis will be 
straight. In plane analysis, however, there is no room 
for an axis, the third dimension being barred, and there¬ 
fore the arc itself is taken to represent the angle. 
Representing the quadrature (circular) angle by the 
axis of the arc does not alter the f^t that the circular 
and hyperbolic angle will be at right angles with each 
other, because hyperbolic angle will still be represented 
by the component of the path parallel to the radius 
vector, and, therefore, the axis of the quadrature com¬ 
ponent perpendicular to the plane of the path will 
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alsojbe perpendicular to the in-phase component of 
the path. 

In treatises on vector analysis it is shown that the 
product, or quotient, of two vectors in quadrature is 
another vector and is perpendicular to the plane 
of the two factors. Referring now to Fig. 3, the elemen¬ 
tary circular angle is 

d Rz 
d 02 ~ 22 

which is the quotient of two vectors in quadrature, and 
is therefore, a vector perpendicular to the plane of 
(d R2) and R. Of course, it is difficult to show this 
normal in a flat diagram and therefore it is rotated 
into the plane of the diagram to make it visible, in 
which case it coincides with the circular arc, not with 
its chord. That is, when dR 2 /R is represented by 
(d Ri), it is equivalent to rotating the normal through 
90 deg. around the radius vector as axis into the plane 
of (dR2) and (R) in infinitesimal steps. 

Considering now the elementary hyperbolic angle, 

dRi 

der = —^ Fig. 3. 

This is the quotient of two parallel vectors, and is 
therefore a scalar. In order that the representation 
may be consistent and show the true relationship 
between the two kinds of angles, if the circular angle is 
multiplied by (R) so must the hyperbolic angle be mult¬ 
iplied by R. The result is that this nlultiplication 
by R rotates the vector circular angle into the plane of 
the diagram and identifies it with the circular arc 
dR 2 , and changes the scalar hyperbolic angle into 
vector and identifies it with the radial vector component 
dRi of the path in-phase with the radius vector. 
Looking at this from another point of view, if we are 
interested in showing the relationship of circular and 
hyperbolic angles, then. 


d Ri d R 2 

• R 


- dRi:dR2 


Hence, the representation of the circular and hyperbolic 
angles by the vectors d R 2 and dRi is justified. 


tion requires two mutually perpendicular vectors in 
quadrature with the radius vector, of the form, 

0 = ^0 + y’l + ^2 02 

where y'l and j 2 are the two reference vectors. As elec¬ 
trical problems are as a rule in one plane, and those 
which are three-dimensional have such symmetry 
that they can be treated as problems in one plane, the 
three dimensional complex angle has little application 
for the engineer. However, it has been mentioned 
above to indicate that the physical interpretation 
developed in this paper covers even this more general¬ 
ized angle, and for the guidance of those who may wish 
to make a more extended study of the subject. 

Discussion 

A. E. Kennelly: I think we are all indebted to Mr. Boyajian 
for bringing to our notice that we shall have to modify our 
views concerning angles, and their treatment by engineers. 

I think that has been evident to a great number of us, but 
Mr. Boyajian has been the first to say so definitely. He has 
shown us how complex angles may be worked. I think that 
the method he gives is workable and reliable, but I would like 
to make one reservation in regard to the treatment that he offers. 

I thinlc we all agree in regard to what he says about circular 
angles, and that a hyperbolic angle is an imaginary circular 
angle, also that a circular angle is an imaginary hyperbolic 
angle; but he takes the position, if I understood him correctly, 
that for a hyperbolic angle, it is not necessary to involve any 
kind of rotation, that it is simply a one-dimensional movement, 
or a one-dimensional quantity. 

I think that while for ordinary purposes that may be true, 
and that processes of calculation may be conducted on that 
basis, but to say that the hyperbolic angle is of one-dimensional 
quantity, is I believe, limiting it unnecessarily. It seems to me 
that we can use Mr. Boyajian’s method without necessarily 
confining ourselves to that point of the doctrine. I stUl think 
that we can maintain the idea of rotation through an area in 
connection with a hyperbolic angle, and one reason for that is 
presented in these ^des of a model for projecting the cosines 
and sines of a complex hyperbolic angle, and which attributes 
rotation of a radius vector to both the hyperbolic and circular 
components of the complex angle. 

A. Boyajian t As for the reservation which Dr. Kennelly 
wishes to make so as to maintain the idea of rotation in connec¬ 
tion with hyperbolic angles, may I submit the following 
considerations: 

When the radius vector traces a hyperbolic sector, it certainly 
also traces a circular angle by virtue of its rotation. According 
to usual schemes, the area of this hyperbolic sector is made use of 


It may be evident from the foregoing critical analysis 
that a complex angle is a vector in the same sense and 
limitation as an impedance; the per cent resistance 
component of an impedance corresponding to the hyper¬ 
bolic angle, the per cent reactance component to the 
circular angle. In fact, the per cent vector impedance 
of a circuit is the complex angle of the circuit in radians. 
Strictly, of cour^, the percentage must be compound 
percentage not simple percentage. However, in small 
percentages, the distinction is negli^ble. When the 
percentages are large, or when the circuit has distri¬ 
buted consents the distinction can not be ignored. 

If the radius vector traces a three dimensional curve, 
the quadrature component of the path may be in any 
one of an infimte number of planes and its determina¬ 


to represent the numerical value of the hyperbolic angle, and the 
circular angle which the radius vector has traced is ignored. As 
I have stated in my paper this is permissible representation but 
is not completely illustrative of the essence of a hyperbolic 
angle. If we were called upon to make a representation of a 
hyperbolic angle, in which there shall be np trace of a circular 
angle, I think we shall have to fall back on the straight line dia¬ 
gram given in my paper in accordance with the newer point of 
view. 

Dr. Kennelly feels that to make the hyperbolic angle a one¬ 
dimensional quantity, that is, to eliminate rotation from the 
representation of hyperbolic angles, limits them unnecessarily. 
I feel however that the idea of rotation which has been forced on 
hyperbolic angles in the past has unnecessarily handicapped the 
interpretation of the true physical nature of hyperbolic angles. 
The new point of view, by eliminating this unnecessary condition 
of rotation, gives greater freedom to the hyperbolic angles and 
to their interpretation. 
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the steady state conditions of a,n electrical system, 
e. g. by connecting or disconnecting a load, or by 
producing or interrupting a short circuit, the new 
steady state conditions are generally reached after a 
very short time, during which so-called “transient 
phenomena’’ or “transients” take place. As the flow 
of effective and reactive power are not the same in the 
different parts of the system during the first and the 
second steady state, the necessary adjustment is made 
by transient electromagnetic “traveling waves,” i.e. 
waves of both voltage and current, carrying energy 
from one part of the system to another. 

The values of voltage and current in these waves, 
or as we shall say the amplitude of the waves, may 
reach abnormally high values and become destructive 
to the line. The steepness of the front of the wave 
also, i. e., the high rate of change of the voltage and 
current with the time may be harmful. Therefore, a 
knowledge of the “attenuation” or diminution of 
amplitude of the wave with the time, and of the “dis¬ 
tortion” or change in the wave shape, is of engineering 
importance. Our present knowledge of the subject is 
still far from being complete. Joulian and dielectric 
losses produce both attenuation and distortion, but 
there may be other causes. C. P. Steinmetz^ considered 
the possible influence of radiation, but his results may 
be questioned. 

Fi-om this began the present investigation, aiming 
towards the determination of the radiation effect upon 
the decay of traveling waves along transmission lines. 
It was found that the radiation effect is entirely neg¬ 
ligible compared with the effect of joulian dissipation, 
and hence that, from an engineering point of view 
radiation can be ignored in connection with trans¬ 
mission lines. 

Classical Theory op the Propagation of 
Waves Along Electric Lines 

The classical theory of the propagation of waves 
along a line, i. e., a system of straight parallel outgoing 
and return conductors, rests upon two assumptions: 
the displacement currents in the dielectric, parallel to 
the conductors are negligible, and the so-called “four 
distributed constants” of the line can be determined. 
They are the resistance, inductance, leakance and 
capacity per unit length of the line {R, L, G, C). These 
quantities are functions of the frequency for sinusoidal 
steady alternating current; for transient currents, they 
are somewhat indeterminate, and an average value must 
be assumed. 

The fundamental equation for the propagation of 
the voltage V or the current I is under these assump¬ 
tions 

L+ (B C + LG )^ ^ ^ 

■ ■ (>) 

1 . C. P. Steininetz— Proc. A. I. E. E., Feb. 1919, p. 249. 

—•Transient Eleetrio Phenomena, 1920; Sec. Ill, 
Ghap. 8, 9; Sec. V. 


where t denotes the time and x the space coordinate 
along the line. From this equation, well known con¬ 
clusions can be drawn, of which the following only 
need be considered here: 

1. An electric disturbance, i. e., a discontinuity of 
voltage or current, is always propagated along any 
line at the constant speed v = 1 : V L C, whether there 
is resistance and leakance or not. 

2. The disturbance is attenuated exponentially 
with the time according to 

exp [ - 1/2 (R/L -h G/C) t \. 

3. The distortion of the disturbance depends on 
the value of the term 

1/2 (R/L - G/C) 

In the case of transmission lines, the attenuation is the 
controlling factor, and the wave has died out before any 
appreciable distortion has taken place. Thus a steep 
wave front will very nearly keep its shape during the 
propagation. 

This conclusion, however, is based on the two assump¬ 
tions made; the first amounts to sasdng that the varia¬ 
tions of V and I along the line will not be too rapid, 
and the second, that the penetration of the current in 
the wires is instantaneous, neither of which is true at the 
very front of the wave. From Maxwell’s point of view, 
the classical theory amounts to a plane wave theory, 
i, e., the electromagnetic field around the wires lies in 
planes; this implies that the dissipation is taking place 
everywhere in the plane wave, instead of being localized 
in the wires. This has been shown very clearly by 
0. Heaviside in his “Electrical Papers.” 

We thus consider the question of change in the wave 
shape near the front of the wave, due to the resistance 
of the line, still as an open question. 

Dr. Steinmetz’s Theory op the Radiation 

Dr. Steinmetz’s theory of the radiation from trans¬ 
mission lines deals only with the electromagnetic 
field. The electric and the magnetic fields are 
supposed to propagate from the wires perpendic¬ 
ularly into space, thus implying a flow of energy 
from the wires into space, and also non-transversal 
electromagnetic waves, two conceptions in conflict 
with Maxwell’s theory. It is shown*, as an immediate 
deduction of Maxwell’s equations that plane electro¬ 
magnetic transversal waves are propagated undistorted 
and unattenuated, at the speed of light in the sur¬ 
rounding medium, along a pair of infinitely long straight 
perfect conductors, i. e., along a line without joulian 
or leakage losses; thus there is no radiation. Non¬ 
perfect conductors, as it has been shown, introduce more 
complexity, because the waves .are no more plane waves, 
but nothing is changed from the radiation point of 
view.® The flow of energy in the dielectric is evidently 
parallel to the wires, with a small component directed 

2. H. Hertz, Wiedemann’s Annalen, 36, p. 1, 1889, 

Die Ausbreitung der elektriscben Rraft, 1892. J. R. 
Carson, Jovn. A. L E. E., Oct. 1921, p. 789. 

3. G. Mie, Aimalen der Physik, 2, p. 201, 1900. 
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(Pierce, EL waves, Chapter IX. F. Cutting, Proc. 
1. R. E., p. 129, 1922). In the case of a straight oscil¬ 
lator, Abraham found the present method in quantita¬ 
tive agreement with the more elaborate solution based 
on the full solution of Maxwell’s equation. (Phys. 
Zeit, 2, p. 329, 1901). It is to be noticed that in the 
case of antennas, the radiation is the controlling factor 
and the joulian dissipation only secondary, while in the 
case of transmission lines the conditions are reversed. 
This strengthens our conclusions even more. 

We first consider perfect conductors, and later take 
into account the influence of joulian losses. 

When any kind of disturbance of current is prop¬ 
agated along a perfect thin wire, Heaviside shows how 
the corresponding electromagnetic field is set up by 
means of spherical traveling waves. (El. Theory, 
Vol. I, art. 54, etc., where what he calls the “motion 
of a charge” is entirely equivalent to the propagation 
of a “current along a wire.”) The refiection of current 
and the corresponiling electromagnetic field generated 
by spherical waves originating at the point of reflection 
are indicated, (in El. Theory, Vol. II, art. 393, 394.) 
This theory neglects the diameter of the wires, com¬ 
pared to the length of the disturbance. At that order 
of approximation, the current (or traveling wave) is 
propagated undistorted and unattenuated at the speed 
of light in the air, and reflected as usual, even with 
regard to possible radiation. 

We thus take the distribution of current along the 
line, either a stationary or traveling sinusoidal one in 
the steady a-c. case, or a traveling rectangular one in 
the case of a sudden impulse. 

Stationary Radiation from a Transmission Line 

We mean the radiation that takes place under steady 
a-c. conditions by means of stationary waves, such as 
the natural oscillations of a line, without joulian losses. 

Different modes exist, according to the terminal 
conditions to which the line is subjected. We consider, 
as an example, a line free at both ends, thus capable 
of half-wave length oscillations and multiples thereof. 

We assume spherical polar coordinates, with the 
origin Oi at the middle of the length I of the wire No. 
1, and the polar axis -1- z along the same wire. 

A length along the wires will be z, ro is the distance 
between a point P and the origin Oi, do is the angle 
between Oi P and the -L 2 ; axis; r and 6 are the same 
quantities referred to any point of the wires instead of 
to Oi; q£> is the angle (longitude) that the plane P Oi z 
makes with the plane of the wires, measured from the 
direction opposite to the second wire No. 2; d is the 
distance between the wires. (Fig. 1.) 

The distribution of the current along ^re 1 is from 
the preceding : 

i = ^ • cos -—i—.sm-j—(3) 

with — 1/2 ^ % I 1/2, and with reversed sign for the 
cuirent along wire 2. I is positive, if directed along 
+ z; w is an odd integer giving the “order” of the os¬ 
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cillation; c represents the velocity of light; i is the 
maximum current. 

We have for the electromagnetic field due to the rate 
of change of a current element I dz, at distances large 
compared to the wave length of the oscillation, the 
values first given by Hertz under an equivalent form 
{Wied. Ann. 36, p. 1, 1889; or Aushr. Elekt. Kraft., 
p. 153, 1892). 

E = H = l/c-^^adz) (4) 

where I dz is the same as the time derivative of the 
moment of Hertz’s doublet. I means I, where the 
time t has been replaced by t — r/c) the current I and 
magnetic force H are expressed in electromagnetic 
units; the electric force E is expressed in electrostatic 
units. At a point P, E lies in the plane of P and the 
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Fig. 1 

wire, and is perpendicular to r; at the same point, 
H is perpendicular to this plane. The positive direc¬ 
tions are shown on the diagram. We consider the 
whole transmission line as a large sum of such current 
elements. At the point P, the elementary H's add 
themselves, but all the E's do not fall in the same direc¬ 
tion. They will do so, however, and will add, provided 
we recede far enough from the line, because all dif¬ 
ferences in direction then vanish, i. e. 6 can be taken as 
a constant. We can write neglecting quantities of the 
second order, i. e., 1/r^ as compared to 1/r: 

n -1-//3 

B = = (5) 

. — 1/2 
where h and h, the currents in the wires 1 and 2 are to 
be given their proper time phase t — r/c. 

At great distances, we have with the same approxi¬ 
mation 

for wire 1 r = To— 2COS0O “ 

for wire 2 r = ro — « cos do-\- d sin do cos 4 >o (6) 

Still with the same approximation, and neglecting 
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the higher powers of d/l, which is of the order of lO-^ 
to 10~®, (3) gives 

^ 1 — h - I . cos — ^ . cos (ct— To 

+ z cos ^o) . sin do cos ( 7 ) 

In this expression, z cannot be neglected as compared 
with To, because these quantities figure as argument of 
the function cos. Substituting in ( 5 ), performing the 
time^ derivation and the integration with respect to 
z, we get 

£7 = H = (- 1) ^ 2i . 
sm — 7 — (c t — To) 

^ / Trn ^ . 

- cos cos 6 q j cos 0 o 

( 8 ) 

where n is an odd positive integer, and the signs agree 
with the assumed convention. This formula repre¬ 
sents the steady electromagnetic field from an a-c. 


G‘^ExH +2 



Fio. 2 


tr^smission line of length I, at a distance Tq from the 
origin so large that the ration l/n is very small. The 
•electric and magnetic forces E and H lie on pure spherical 
waves, traveling at the speed c from the origin on the 
line. We consider the intersection of the - 1 - z axis with 
a sphere as a positive pole (origin of the angles 6 ) of 
the sphere. Then, the electric force is directed along 
meridians and the magnetic force along parallels; 
the sign in formula ( 8 ) is in accordance with the original 
conventions. (Fig. 2 ). 

The main difference between the **field of radiation” 
of a transnaission line and that of a single wire line 
(antenna), is that, in the first case, the forces are only 
of the order of d/l, compared to the second case, which 
is very small. 

4. See Hotel. 
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It is seen that the electric and magnetic forces are 
perpendicular to the direction of propagation, (the 
radius of the sphere), as it must be in the case of pure 
transversal waves; and thus Pojmting’s vector E X H 
is perpendicular to the sphere. Hence, we have for 
the flow of energy or energy radiated per unit of time 

^ =-f- r EHd2 

4 ttJ (9) 

integrated over the area of the sphere of radius ro, 
with d S as element of area.*^ 

Substituting the values (8) for E and H, and perform¬ 
ing the integrations, and taking the time average, 
we obtain: 

S = C . Tr^/2 ^ ergs/sec. (10) 

or 

= 15 . y watts (11) 

where I is here the maximum current in amperes and X 
the wave length. The power radiated by an oscillating 
transmission line, open at both ends, is thus, for a 
given current, numerically proportional to the square 
of the ratio of the distance between the wires to the wave 
length of the oscillation. 

We compare the power radiated to the power dis¬ 
sipated by heat, taking as an example the line whose 
constants are 

No. 00 B & S 
d = 183 cm. 

I — 100 km. 

Total d-c. resist, line = 48 ohms 
Total external inductance = 0.238 henry 
We have, for the power radiated S 
for w = 1 X = 2 X lO'^ cm. 

iS = 0.5 X 10~’ watts per max. ampere 
f = 1500 cycles/sec. 
n = 2001 X = 104 cm. 

5 = 0.2 watts per max. ampere 
/ = 3 X 10® cycles/sec. 

Due to the sinusoidal distribution of current, the 
power dissipated by heat is only 48/4 watts per max. 
ampere at low frequency; it is about 60 times more at 
three million cycles. 

Thus, even at three million cycles, the power radiated 
by the line is only 1/60 or 1.7 per cent of the power • 
wasted in heat at low frequency, or 1/3600 of the total 
heat wasted at three million cycles. Hence, the radian 
tion of oscillating transmission liries is e^^^ negligible 
in engineering practise. 

Dr. Steinmetz's formulas amounted to writing the 
radiated power proportional to d . l/>? instead of 
d^/\K 

Similar results are obtained in the case of forced 
oscillations of a line or impressed a-c. and load to 
Carson's formula. (Jom A. I. E. E., Oct. 1921, p. 
■7890^'v ; 

InSt^d of cohsidering an ideal sinusoidal current 
5. See Note 2, 
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distribution along the line, as when there are no losses, 
we might introduce the actual distribution given by 
the hyperbolic theory. There would be only more 
complication in the integrations, but the order of mag¬ 
nitude of the result would remain the same, i.&. pro¬ 
portional to thus quite negligible. 

Transient Radla^tion from a Transmission Line 

We mean the radiation that accompanies the produc¬ 
tion of traveling waves. When a disturbance of cur¬ 
rent is suddenly produced at the end 0 of a semi¬ 
infinite, thin, perfectly conducting wire, it is propagated 
in first and very close approximation as seen above, 
unattenuated and undistorted, at the speed of light, 
along the wire. The wire is supposed to be the only 
conductor iii the empty space. The accompanying 
electromagnetic field is propagated, at sufficient dis¬ 
tance from the source, by spherical waves, also at the 
speed of light. Its expression at a point P is, when r 
is great, i. e. ,such as to make l/r^ negligible compared to 
1/r: 

E = H = Hr. (12) 

r denotes the distance P 0; 6 is the angle that P 0 
makes with the wire; 1 the current at the origin 0, 
given as a function of time t, where t has been replaced 

r 

hyt—~: c is the speed of light. I and H are ex¬ 
pressed in electromagnetic units; E is in electrostatic 
units. I is positive when flowing along the positive 
direction of the wire. The electric force E is directed 
along meridians; the magnetic force H along parallels. 

This formula is substantiated® by noticing that it 
verifies both Maxwell’s equation for r large, and that 
for 6 very small, it represents plane electromagnetic 
waves traveling at the speed c along an infinitely thin 
wire; 

= (13) 

with I = r sin d being the distance of a near by point 
close to the wire. When the traveling disturbance 
of current reaches the end of the wire, it can be absorbed 
by the terminal apparatus without reflection; this is 
equivalent to starting at the end a new disturbance 
— 1, of opposite sign, but of same direction of propaga¬ 
tion as the first, so that each cancels the other along 
the wire supposed to be extended. If there is partial 
or total reflection, a new superimposed disturbance of 
current jBl / is supposed to be sent along the wire 
from the end towards the origin, thus propagating in 
opposite direction, the value and sign of X, which is 
the coefficient of reflection, depend on the terminal 
conditionsi 

We shall consider, just for simplicity, as only dis¬ 
turbance of current the sudden starting or stopping 
of a constant current at the prigin, i. e., “rectangular 

6. See Note 3. 


waves” of current. The stopping will be considered 
as the starting of a current of opposite sign, in the same 
direction of propagation. 

The case of a transmission line reduces itself to the 
preceding case. We consider a line composed of two 
parallel semi-infinite wires originating in Oi and O 2 
and at the distance d apart. The coordinates used are 
the same as before, and are shown on the diagram. Fig. 
3. A disturbance is produced at the origin, consisting 
of a suddenly flowing constant current -f J at Oi and 
- / at O 2 . At great distances from the source, the 



electromagnetic field of the disturbance will be giveii 
by the sum of two expressions like (12) where due regard 
is given to the position of the sources Oiand Ozand their 

r 

influence upon the “retardation” t— — , and also to 

c 

the sign of the disturbances. This supposes that the 
presence of one thin wire does not interfere with the 
electromagnetic field of the other wire at ^eat dis- 
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tances; the linearity of the electromagnetic equations 
permits the addition of the fieldvS. 

Wlien a sufficient time has elapsed after the disturb¬ 
ance started at the origin, i. e,, when its spherical front 
will have reached a great distance, in the sense we gave 
to that expression, the electromagnetic field of the 
disturbance can be considered as composed of two parts. 
(See Fig. 3.) One, in the space common to both “front 
spheres” Oi and O-j, centered upon the sources 0| and 
0 »; the other in the space between the two spherical 
surfaces, which can be considert'd as a very thin si)hei’- 
ical shell of variable depth 

d sin 0 cos (f> 

this being ecpial to the distance Oi 0 » projected in the 
direction considered (0, f/>). IMie electromagnetic field 
outside both spheres is obviously zero. In the shell, 
it is given by (12), with the proper sign for I, and lasts 
at a fixed point in the space during the time 

I d/c sin d cos 0 I 

the l)ars meaning an absolute value. Inside both 
spheres the ele(?tromag(‘tic field is vanishing, /. c., of 
the order of 1/r", ex(!ept near the wires where it is very 
nearly a plane wave field. It, is givini there by the 
difference of two expimsions like (13) 

B = H = (14) 

Pi and f)‘> being the distances of the point close to the 
wires. This i.s the wcdl-known value of the electro¬ 
magnetic field of a plane wave traveling along a per¬ 
fect two-conductor line, as we considered it first from 
the classical point of view. Thus, besides the energy 
stored in the field of tlie traveling wave near the wire.s, 
there is also a small amount of energy present in the 
indefinitely expanding thin spherical shell of which we 
spoke, and which the classical theoi’y does not account 
for. We (consider this energy as the Iramlmt rodia- 
tion from a tranamirniion llnv, when acted upon by a 
sudden applied e. m. f. produiring the current / in the 
line, because this energy is carried to infinity and thus 
is a net waste for the system. Its amount, calculated 
in a way entirely similar to that list’d in the case of the 
.steady radiation above, is' 

W - 3/2 d • 1()“ « • joules (15) 

where d is the distance between wires in cm. and I 
the sudden started eonst:ant current in amyieres. 

We consider as an example a reatmi{fulur pulna of 
current, i. c.,a traveling disturbance of constant current, 
extending over a length Xcm. The total wa.ste by 
radiation will be twice as much as given by (15), be¬ 
cause the same transient mdiation occurs when sud¬ 
denly stopping the current at the orijdn as when sud¬ 
denly starting it. The total energy in Joules carried 
by the pulse along the wires, when it is far enough from 

the source, is given by--r-where L is the self 


1/X - .r26r//X 


induction in henries per cm. of the line, I the current 
in amperes. For the line already considered, L is 
equal to 23.8 X 10~*'. Thus the ratio of the radiated 
energy to the energy contained in the plane electro¬ 
magnetic field of the pulse is given by 

3d 
23:s 

or, for a pulse extending over a length X one hundred 
times the distance d between the wires, only 0.1 per cent 
of the total energy of the pulse. It is to be noticed that 
the fundamental frequency of the pulse in this example 
is as high as 820,000 cyckvs. Taking as effective 
resistance the resistance at oiu* million cycles (17.3 
ohms per km. of lino, Btoinmetz loc. at p. 202), it is 
found that when tlie pulse travels only one third of its' 
own length, it wastes in heat an amount of energy 
equal to the energy radiated. This shows how neg¬ 
ligible i.s the effect of radiation. 

When a rectangular wave of current reaches the end 
of a .single wire, its stopping generates a new spherical 




+z 


7. Se© not© 4, 


wave, exjianding at the velocity of light and centered 
upon the end R; (Pig. 4) and which is tangent to the 
fir-st siiherical wave originating from 0. 

Similarly, in the case of a two wire line, a spherical 
shell of electric and magnetic field is generated, cen¬ 
tered upon the two ends Ri and i?.,, and tangent to the 
finst shell originating from Gi and ()>>. (Pig. 5.) Thus 
the bital radiation will be the energy carriefl into infinite 
space by the two expanding spherk^al shells. As the 
two shells have the part iriA”.; partly in common, 
where their fields add to each other, the total energy 
radiated will not be exactly that obtained by adding 
the energies of both shells separately, but will be a little 
less. It is shown that taking this sum an error is com¬ 
mitted that will not exceed the ratio of the angle 

Xi Xi 

to 2, 1 .of the order of d/l,^ or between 10“* 

to lO-"® or less. Hence, to that approximation, we can 
say that the siaHitig current and succesem refieciiqm 
will each add a ffimn amount to the energy tost hy fddia-* 

8. See note 6. 
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tion. The solution of specific cases is thus directly 
given by the preceding. We give the following results 
as illustrations of the method. 

1. The sudden establishment from one end of a line 
of a sustained continuous current J, without reflection 
at the other end, wastes 

3 d 10-» joules (16) 

by radiation; this result is independent of the length 
of the line or of its material; it depends only on the 
distance d between the two wires of the line. In this 
formula and in all the following, d is in centimeters and 
I in amperes. 

Taking the same 100 km. transmission line as pre¬ 
viously, and assuming only the d-c. resistance even 
during the transient conditions, it is seen that the 
energy wasted by radiation is only l/10,000th of the 
energy wasted in heat during the time in which the 
line is being charged, and the steady d-c. conditions are 
reached. For a 1-km. line, the radiated energy would 



still be only one per cent of the energy wasted in heat 
during the transient conditions; The same remark as 
to the order of magnitude of the radiation compared to 
the joulian losses applies to all following examples. 

2. A total reflection of a “rectangular wave’^ of cur¬ 
rent I at an open end of a line radiates® 

4dl0-®I®joules, (17) 

at a grounded end, 

2 d lOi-® joules. (18) 

In general, we have a partial reflection when the amount 
of current K I, (in magnitude and sign), is reflected 
and thus the rest of the wave is absorbed in the ter¬ 
minal apparatus. The radiated energy there is given 
by 

3/2 (1 - 2/3 K-\-K^)d 10"® P joules (19) 
of which the three preceding formulas are particular 
cases. (^C = 0,/K = -1 , Z = 1) 

3. A complete transposition, a sudden rotation 

9. See note 5. 


of 180 deg. of the plane of the wires of the line, produces 
a radiation of 

6 d 10“ ® J® joules, (20) 

or four times as much as given by formula (15), be¬ 
cause a transposition amounts to a sudden stopping 
of the current plus a sudden starting of the same cur¬ 
rent with opposite sign, in the same direction of prop¬ 
agation or to a sudden starting of twice the same cur¬ 
rent in the same direction, with opposite sign. 

Hitherto, we considered a current flowing suddenly 
in the line at maximum value or a “rectangular wave” 
as we called it. Any other law for the current as a 
function of the time at the origin, as for example a 
sinusoidal law, can be assumed, with only changes in 
the calculations, but yielding the same conclusions 
as to the magnitude of the radiation effect. 

We also neglected the influence of the ground and 
supposed a transmission line isolated in space. A 
• perfectly conducting ground can be accounted for by 
taking with the line its image with respect to the 
ground; the resulting radiation is obviously less. 

If, instead of considering disturbances between the 
two wires of a line, we consider disturbances between 
line and ground, the distance d between the wires would 
have to be replaced by twice the height of the line 
above the ground, in the case of a good conducting 
ground. This can magnify the radiation effect about 
twenty times, but keeps it still negligible compared to 
the effect of heat dissipation in the conductors. 

Conclusions 

The present conclusions settle the question of the 
relative unimportance of radiation in the attenuation 
and distortion of traveling waves along lines. They, 
however, leave the way open for the investigation of 
other more important causes of attenuation and dis¬ 
tortion, among which we suggest the transient pene¬ 
tration of the current into the wire at the front of the 
disturbance, as mentioned above; the dissipation of 
energy in the ground due to the fact that some lines 
of force of a two-wire transmission line reach the ground 
and cause an attenuation as in the case of wireless 
waves; the non-homogeneity of the transmission line 
for high-frequency waves, i. e., the slight periodic varia¬ 
tions that occur in the constants of the line due to 
presence of poles and curved spans. The influence of 
changes in direction in the line, as far as radiation is 
concerned, can be found by the method employed here 
and is negligible. 

Summarizing 

1. A criticism of the classical theory of propagation 
of . traveling waves along a two-wire transmission line 
has been given showing that, as far as the shape of the 
wave near the front is concerned, this theory is still 
unsatisfactoiy. 

2. br. Steinmetz’s theory of the effect of radiation 
on Iraveling wav^ has been examined. 
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The curl components of E and H in the direction of 
the radius (see Fig. 3) are seen to be zero or of the second 
order, {i. e., of the order of l/r®), tYm neglipble. The 
components of curl E along a meridian line, and of 
curl H along a parallel line are obviously zero, because 
the vector is then perpendicular to the line of integra¬ 
tion. 

The component of curl H in the positive direction of 
a meridian line, {i. e., towards the increasing 6 ), is 
given by 


integrated over the sphere of which the element of area 
is 

sm 6 d 6 d<j) 


We thus have to perform 

r 1 + cos g f 
L sin 0 J 

kQ 0 =0 




sin 6 

d/c sin 6 cos (j> 1 r® sin 6 d 6 d <f> 


But we have 


curb H = 

-H(rH-Ar). (r+Ar)sing. A d+H(r) .r .smS . Ad 

Ar . rsin 6 Ad 



cos ^\d<l) 


= 4 


where H (r) means the scalar value of H at the distance 
r. But we have, neglecting quantities of the second 
order, and using the value of H given by (1): 


H(r + Ar) = H (r) + 


dr 1 -I- cos ^ 
~r ■ sin 0 


d E 

= H(r)-l/c-^. Ar 


Substituting in curUH, at the same approximation, 
we find the first equation of Maxwell. 

The same procedure with regard to the signs leads 
to the second equation of'Maxwell. 


Note 4. 

Formula (15) represents the energy carried to infinity 
by the spherical shell of variable depth 

d sin 6 cos 4> 

in which the value of the electromagnetic field is given, 
for - 1^12 + ir/2, by formula (12) 


£? = H = //2 


1 + cos 6 
sin $ 


where I is the constant value of the suddenly impressed 

3 TT 

current. For tt yZl^ ^ g » both E and 


H is to be changed. 


At a given point on the sphere of (large) radius r, 
this electromagnetic field laste during the time 

\ d/c sin d cos (l>\ (c speed of light) 

the bars meaning a quantity that is positive. 

The total energy radiated W will be given by the 
time inte^al extended over the sphere of radius r 
of Poyting’s vector, which is directed everywhere along 
the radius ouWards the sphere; i, e. 


4 TT 


E X H1 d/c sin 0 cos 0 


and 



cos dY d d 



(1-1-2 cos d -b cos® d) d d 
= IT “h 0 -f- ’n'/2 = 2~ 


The value of W is thus 

W = 2/2 dP elmag C. G. S. units 

which is equivalent to (15). 

Note 6 . 

The total refiection “with change of sign” of a 
rectangular wave of current at the free end of a line 
can be considered as the result of the stopping of the 
incoming wave + J at the end, by starting at the end 
a new wave — I along the same direction of propagation 
as that of the incoming wave, plus starting a new 
yf 2 i.ve—I in the opposite direction, i. e., back into the 
line. This last wave is the wave “refiected with change 
of sign.” The sign of a wave bears no relation at all 
to the direction of propagation. 

The reflection at a free end of a line is thus equiva- 
leftt to starting simultaneously two waves-1 from the 
end in two opposite directions. The electromagnetic 
field of such a double disturbance along a single wire is 
easily deduced from that given in formula (12), for a. 
single disturbance. It is, with regard to the signs 

„ „ (-/) l + cosfl , (-/) l-eosfl 

* “ " “ r sine '■ r an« 

(- 21 ) 1 
r sin 0 

(- I) is the current started in both directions at the 
free end, equal in absolute value to the incoming cur¬ 
rent, and where the time t, of which J is a function in 
the general case, has been replaced by ^ — r/c, r beings 
taken from the free end. 

The case of a two-wire (transmission) line reduces 
to the preceding one as was seen. Thus, in*the cas© 
of a rectangular wave of current along a line, the elec— 
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tromagnetic field due to the sudden starting at the end 
of the line of a current (— I) in both directions is: 


E = H 


2 / 1 
r sin 6 


This field exists in a spherical shell of variable depth, 
d sin 6 cos 4>, expanding at the speed of light, as it has 
been shown. It lasts at a fixed point in space during 
the time 


Oi Ri, the axis of the second with the wire O 2 Ri We 
so have 

y—d = V ^ {r— l)x Par. 2 
y — V 2 r a? Par. 1 

with obvious axis of coordinates. Calling (^1 ij) the 
coordinates of the point Xi, we deduce 

, = yj (v - rf) 


I d/c sin d cos 0 i 

the bars meaning a positive quantity. The amount of 
radiated energy W can be found exactly a.s in the pre¬ 
ceding note. We have: 


W 


4V 4^/ j" -iM/c sin fl cos ^ 


#/ 0 

what reduces immediately to: 


7-2 sin 0 d d d 0 


As $ is very .small, is the distance of Xi to wire 1- ~ 
We have thus, from the preceding equation, neglecting 
the .square and higher powers of r/l: 

v/r - 2 d/l . 

which proves that, viewed from a point of the line, the 
length Aj-Ya doas not cover an angle larger than 

4 d . . 

", provided I is small comijared to r. 


W ~ 4 d P elmag c. g. s, units 

which is equivalent to formula (17). 

In general, when the amount of current K I (in sign) 
i.s reflected into the line, the rest being absorbed in the 
terminal apparatus, we have for the electromagnetic 
field, with regard to the sign, 

E ™ H ^ 

r ' sin d 

fK 1) 1 — cos 6 

which exi.sts in a spherical shell of variable depth. 

d .sin 0 cos 0 

expanding at the speed of light. 

The radiated energy is, as above, 



/Vr« 


..J • 

i d/c .sin 9 co.s (f> { r*' .sin 0 d 9 d<l) 

The value for W follows 





W ~ 3/2 (1 - 2/3 K -h A") d P elmag, c. g .». units 
which is equivalent to (19). 


Note 6. 

The position of the point Yi, limiting the length 
Y 1 Y 2 (Fig. 6) along which the two .spherical shells 
can have pai’ts in common is determined by the inter¬ 
section of a circle of radius r centered upon Oj, and of 
a circle of radius r - I centered upon ifa, r being very 
l^ge compared to 1. This allows to approximate the 
circles by parabolas of the .same curvature, i. e., of which 
the parameter p is equal to the radius of the circles; 
the axis of the first parabola will coincide with the wire 


Hence, calculating the energy radiated by the two 
spherical shells in contact as if they were not in contact, 
/. e., integrating over tt instead of x minus the angle 
71/r, will introduce only an error of the onler of d/l, 
thus quite negligible. 


l)i.scu.sKi<>ii 


V. Karapctolli On Ihn Mnenutl pagn nf Dr. Mtuinnhaek'H 
pu|M3r, on tlu! l op of tin* .siiKoml coin inn, thri'o noneluKioiiH tiro 
ilrawii. Tin* lirst ooineliisioii is that: ‘‘An olnctrie OistiirlMiiieo, 
/.r.. a disieontliniity of voHuko or wirrnnt, i.s always propagaksl 
{iloTigaiiy liiuiut tlio ('.onstantspniid I' 1 : And thou 

In* adds; "whotlior ilntrt* is rosistamu* ami loakanoo or not". 
I am not .suro that this i.s oorroet; itsomns to mo that thn v«!loo- 
ity of projJiiipition di*]>ondH on tin* prusoneij of rfj.sistunoo and 
loak.-nioo and is tln!n*l)y rndinnol. 

'I’lioii, <;i»miii)ij: to tin* i>aKe, mi whioh is Eiff. 2, in tho 
soormd Column thorn i.s an intogral wliioh roprosonts tho onoigy 
nulialotl. and this onorgy is ox]»ro.sHorl by n- lluil-o formula. In 
I’oireo’s book on “Khs'tric. Waves and Oscillations," in a simpler 
<%'iso of an aiilmnm, a similar result is o.\pr«*.ss(jd in tin* form of 
an inliuih* series; and 1 shonld like to know just whore the 
<IilTerenoe lies n,ml why in this case a linite o.xpression is 
poHsihle. 


In the treatment tif l.raiisient radiation on the jnige on which 
Fig. :i is placed, tin* pririciplo of .super-position Is used, and I 
wtnid«T if much i*f tin* nml.homatios in tin* preceding ease of 
static i*ondilious could not he eliminalefl by also using tho 
priiicipb* of .super-position in Ihis f«»rin. We already have a 
formula for ein*rgy radiation from a .single antenna. Blnco in 
this urlude the elTeet of the ground is neglected, it, dofw not mako 
any dilT«ireuoe whether the traiismiHsiou lino is hori/.oiital or 
verticjd, so suppose wo place it vertically. Then the trans- 
inisHion line is aiuilngous to two antennae plaoed side by shlo 
ami electrically .subjected disturbanoea at ISO dogr<«*s in 
time lag. q’hen*fore, if title Hhould write equations for riMlia- 
tion from one antenna and tlien take a ftnitt* difforeiioo for the 
other antetmae, one .should gai tho onrreet roault. Hinee Dr. 
Maniicbimk does this for the tranainiit condition, I shouid like 
to know why it could not bt* for the static condition as well. 

Joseph Slepiant 1 was very much interested in the 
paper by Mr. Mamieback beoauso there has been in the last 
ymu: temething of a dispute in the pages of our dopKNitu between 
such eminent ttuthontioH as Dr. Steinmety. and Dr. Caarson as 
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to whether there is really any radiation from a traveling wave 
on a transmission line. This paper I believe supports Dr. 
Carson’s contention that there is no such radiation. A casual 
reader might believe that the conclusion of this paper is that 
there is a radiation but only a small one. Howe^ er, Dr. 
Manneback shows that this small radiation is due to ohmic 
loss, reflections, or anything which prevents the wave from 
freely traA'^eling and that a freely traveling wave does not 
radiate energy. 

I would like to give an argument for this last conclusion 
based on a principle of relativity. The principle I shall use 
is this: that an observer moving with an object both at uni¬ 
form and the same velocities sees nothing different in that object 
over what he would see if both he and the object were at rest. 
This is true whether the body is electrically charged or not. 
Now a freely traveling wave on a transmission line consists of 
a charge moving with uniform velocity. So far as electrical 
effects go it is the same as if a charged material object were 
moving with uniform velocity. An observer moving with this 
charged object would see nothing different from what he would 
see if both he and the object were at rest. If both he and the 
object Avere at rest we know that there would be no change and 
no loss of energy from the object by radiation. We must there¬ 
fore conclude that in the ease of the uniformly moving charged 
object there is also no radiation of energy. 

V. Busht Recent progress in radio communication has 
focused the attention of engineers upon the radiation character¬ 
istics of electrical circuits. All a-c. circuits radiate to a certain 
extent; that is there is a loss in any such circuit,, which is caused 
by the production of waves carrying energy off into space. The 
filment of an incandescent lamp has a certain small amount of 
input, over and above that consumed by ohmic losses, which 
is necessary to provide the energy radiated as heat and light. 
The radiation from a lamp is caused by the temperature of 
the filment; that is by the rapid oscillatory heat motion of its 
electrons. When an alternating current fiows in a circuit, the 
electrons move comparatively slowly back and forth along the 
conductor. They radiate in each case in exactly the same 
manner. The waves from the lamp are very short, while those 
from an alternating or oscillating circuit are very long; but 
otherwise they ■ are the same sort of wayes. When a circuit 
is designed to radiate a large fraction of its input, it is called an 
antenna. The length of the waves produced from a circuit 
depends upon the frequency existing in the circuit. From a 
60-cyole circuit, the waves will be 5,000,000 meters or 3100 miles 
long. The radiation per volt or per ampere from a given circuit 
varies as the fourth power of the frequency. Hence, at com¬ 
mercial frequencies radiation is ordinarily entirely negligible. 
An antenna which radiates 100 kw. at a radio communica¬ 
tion frequency of 30,000 cycles per second would radiate only 
1.6 microwatts if excited to the same potential at 60 cycles. 
Thus we can ordinarily disregard the effect in our power net¬ 
works as far as loss of power is concerned. 

At high enough frequency, a transmission line may radiate 
appreciable energy. It becomes a sort of loop antenna. This 
has been made use of in radio telephone systems for trans- 
mi^ion lines, where the line is caused to act as a carrier of the 
very Mgh-frequency waves which serve the telephone. These 
waves may be placed on and taken from the transmission line 
by isolated tenmnaJ radio apparatus making use of the radia¬ 
tion characteristics of the line. 

It is natural, therefore, to inquire what p^ radiation plays 
ip the progress of transients of various sorts ovot transmission 
lines. Is the abruptness of a switching transient greatly modi¬ 
fied by radiation of part of its energy from the line? We know 
that the steep wave front of such a transient involves rates of 
current and voltage change corresponding to the rates found at 
very high frequencies. Is the radiation large as a consequence? 

The attack on this problem is attended by one prominent 


difficulty. Much has been written, particularly of late and by 
radio engineers and physicists, concerning the radiation from 
circuits of A'-arious sorts, and some of this analysis has been e.x- 
perimentally checked. Practically all of it, however, refers 
only to the steady state, after transient conditions in the system 
have entirely died away. It is the effect during the transient 
period that we Avish to examine. Radiation during transients 
has been little treated except in the classics, and there not for 
the oases which most interest us from the practical stand¬ 
point. 

In fact, the very definition of the radiation during a transient 
is a matter of some concern. Radiation in the steady' state is 
easily defined. When steady alternating potential and cur¬ 
rents exist in a circuit, they are accompanied by steady electro¬ 
static and electromagnetic fields surrounding the circuit. These 
fields constitute a storage of energy. When a field collapses, 
the stored energy largely returns to the circuit, but not all of 
it returns. Some of the energy stored in one half-cycle does 
not return during the next half-cycle. This residual of energy 
is the energy of the radiated wave, which proceeds out from 
the circuit at the speed of light. The power radiated from a 
circuit in the steady state is the energy lost per second in this 
manner. 

In the transient state, we suddenly establish, or remove, 
potentials and currents. This means the establishment, or 
removal, also of electrostatic and electromagnetic fields. What 
portion of the energy represented by the fields thus set up or 
destroyed shall be considered as radiated enei’gy? When a 
current is suddenly caused to flow in a circuit, the accompany¬ 
ing magnetic field appears first in the immediate vicinity of 
the wires. This field then rapidly spreads outward at the 
speed of light, and finally a field wiU be produced to indefinite 
distances. If, while this field is spreading, we examine it 
mathematically, Ave find that there is a flow of energy outward. 
The front of the disturbance carries outward the energy, and 
spreads it over space as it goes. But if we examine the expres¬ 
sion for the total energy in this front of disturbance, Ave find 
that it does not tend to zero as the disturbance proceeds to in¬ 
finity, but approaches a definite finite value. Over and be¬ 
yond the energy stored in the field, there is thus carried out¬ 
ward an additional amoAint which moves off indefinitely and is 
lost forever from the circuit. It is this energy which is the 
energy radiated during the transient. 

In this paper. Dr. Manneback examines the amount of 
energy thus radiated from a transmission line of usual size and 
form, where steep transients are involved. He treats the 
progress of rectangular waves during reflections and at trans¬ 
positions of the line. The results may be very simply summed 
up. To engineering accuracy the effect of this radiation may 
be, Avithout error, ignored in analysis, where the progress of a 
single steep wave is concerned. 

This does not mean, of course, that radiation is always negli¬ 
gible in connection with a transmission line. It indicates only that 
we cannot depend upon this factor for assistance in reducing 
its effect of single steep transients. When, for instance, we 
close a switch at one end of a long line producing a wave 
which travels down the line and impinges upon the transformer 
at the distant end, radiation will very little diminish the 
severity of the impact. If, on the other hand, an arc to ground 
under certain conditions sets up a steady state of very high- 
frequency waves, then the effect Of radiation may be consider¬ 
able and very welcome. 

The transmission engineer does not deal, after all, simply 
.•with a few long wires in which current flows. The effects 
which he produces and utilizes are spread all over surrounding 
space. A comprehensive analysis must then deal not only 
•with effects in and between the Avires, but also Avith those fields 
which are propagated outward from the system. Circuits are, 
strictly speaking, always three dimensional. 
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CORRESPONDENCE 

PROPAGATION OF DISCONTINUITIES OF THE FIRST 
DERIVATIVE OF VOLTAGE AND CURRENT 
ALONG AN ELECTRIC LINE 


To the Editor: 

I T has been proved by the writer^ that a discontinuity 
of the magnitude of voltage or current is always 
propagated along any electric line at the velocity 
of light in the surrounding medium (» = 1 : V LC), 
whether or not there is resistance and leakance present. 
It has been asked by Dr. Bush if it is not true that this 
discontinuity of voltage or current may be either a 
discontinuity of magnitude or simply of derivative. 
Thus, if a sinusoidal voltage is applied to a long 
transmission line at the zero of voltage, the discon¬ 
tinuity which travels has no steep wave front; what is 
propagated in this case is a discontinuity of derivative 
only of voltage and current. There is no doubt about 
this discontinuity being also propagated along any line 
at the velocity of light, whether or not there is resist¬ 
ance and leakance. The following may be a proof 
for it. 

The voltage V and the current I along a line are 
connected together by the well-known equations, where 
Rf L, G, C represent the four constants of the line as 
usual: 



+ R/ = - 


bV 
b X 




+ (?y = - 


bi 

bx 



By eliminating V or I between these equations, the 
same equation of propagation is obtained for V and I. 
(equation 1 in paper.) 

I^t us consider a point M (», t) along the line, at 
which V and I are continuous fxmctions of x and t, 
but where bV/bx is a discontinuous function of x. 
Let this discontinuity be propagated at an unknown 
velocity v. W e wi ll show that v must necessarily be 
equal to 1 : VLC. After the time A t has elapsed, 
the discontinuity will have traveled from M (x,t) 
to M' (x V At, t At). Let us express the fact 
that the voltage V, which is continuous at M, is still 
continuous at M'. Calling Vi and V 2 the values of 
the voltage left and right of M and infinitely near this 
point, we have 

at M Vi = V 2 


= y, -I- 


dy^ 

bx 


. V. At-\- 


bVi 
b t 


At 


hence, _ 2;y* + yi = 0 (c) 

denoting b y V» the discontinuity of the space-deriva- 

1 . Mannebaok, Charles; Radiation from Transmission Lines, 
JousNAii of the A. I. E. E., February, 1923. p. 96. 


tive of t^ voltage at M (x, t), i. e., b V^/bx — bVi/b x, 
and by Vt the discontinuity of the time-derivative of 
the voltage at the same point M (x, t), i. e., bVz/bt 
— bVx/^t. It is seen from (c) that when a discon¬ 
tinuity Vx exists at a point M (x, t), it is necessarily 
accompanied by another discontinuity, Vt, at the same 
point M (x, t). 

Let us now assume that y is continuous at M. We 
have as above Vi = V 2 . By means of (6), this becomes 

bi ^ bx ^ bt ^ bx 


where h and 1 2 denote the values of I left and right of 
M and infinitely near this point. Using for the deriva¬ 
tives of I notations similar to those used for V, we 
get from the preceding equation 

C'yt-f-/* = 0 (d) 

which shows that a discontinuity of V/t B.t the point 
M (x, t) entails a discontinuity of I/x at the same point 
M (x, t). 

Similarly, assuming that / is continuous at M and 
using equation (a), we obtain 

Lit + V^ 0 (e) 

which shows that a discontinuity of 5 y/ba; at the point 
M (x, t) entails a discontinuity of b I/b t at the same 
point M (x, t). 

Expressing finally, as we did for the voltage, that 
the current I, which is continuous at M (aj, t), is still 
continuous at M' (a; + » A U H- A t), we get similarly 

® /* -f 0 (f) 

which connects the two discontinuities of I at the. 
same point. 

There are thus four homogeneous linear equations 
(c, d, e, f) connecting the four discontinuities y„ Vt, 
L, It, In order that the system of equations may be 
compatible, the following relation must be verified 

I » 1 0 0 I 
I 0 C 1 0 I _ ^ 

|looL|“^ 

I 0 0 v 1 I 

or, developing the determinant, 

v^LC-l:=0. 

This shows that the velocity of propagation v of a dis¬ 
continuity of_^ derivative bV/bx is necessarily 
equal to 1 : V L (7, which is the velocity of light in the 
surrounding medium. Moreover the four above equa¬ 
tions prove that, V and I being continuous functions 
of X and t, the mere existence of a discontinuity of any 
one of the derivatives of V and 7 at a point M (x, t) 
entails the existence of discontinuities of the three other 
derivatives at the same point M (x, t). They are all 
propagated together at the same velocity v. 

The discontinuity of voltage which is produced when 
a sinusoidal voltage is impressed on a long transmission 
line at the zero of voltage is a particular case of the 
preceding. 

Charles Manneback 
Brussels, Belgium, November is, 1923. 
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C ommercially the electric arc is now exten¬ 
sively used, and yet after more than a hundred 
years of study, there has been little crystalliza¬ 
tion of opinion as to certain phases of its fundamental 
theory. Absolute contradictions are frequently found 
in the literature, and premature generalizations have 
given rise to more disagreement among the investiga¬ 
tors of the equation of the static characteristic of the 
normal’ arc than the experimental difficulties warrant. 

The static characteristic is the relation between the 
current (i) flowing in the arc, the length (L) of the arc, 
and the difference in potential {E) across the arc. 
This relation can be represented approximately by 
simple expressions of the form of the Ayrton* equation 

c d * L 

£! = a + 6 . L -f- - (1) 


curve shown in Fig. 1, that, for arcs less than 15 mm. 
in length, the difference in potential cannot possibly 
be truly represented by a linear, function of the arc 
length. As far as I know, Steinmetz® was the first to 
advance the thesis that, "Vhile the stream voltage 
varies with the current, and in the opposite direction 
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(Of, b, c, and d are constants) 
if the range in variation of the current and arc length, 
for which the constants are calculated, is the closely 
defined. 

In particular, these equations are recognized as 
approximations, because the difference in potential 
(£7) is not a linear function of the arc length (L), and 
although the difference in potential does decrease when 
the current increases, the current (f) enters neither as 
the first power (as in the Ayrton equation) nor as the 
square root (as in the Steinmetz equation). DuddelP 
was among the first to demonstrate by the use of the 

1. Each stage of the electric arc from the glow arc to the 
hissing arc has its own physical, electrical and chemical charac¬ 
teristics. Therefore any equation of the electric arc must neces¬ 
sarily be limited to the characteristics of one stage. The normal 
arc has two gener^ requirements: (1) the current intensity must 
be greater than the^maadmum for the glow arc, and less than the 
minimum fOr the hissing arc; and (2) the arc must be free from 
extornal electrical; magnetic, atmospheric, and physical dis¬ 
turbances. 

^ 2. .Hertha Ayrton, The Electric Are, '‘The Eleclncianr 
Prmting and Publishing Company, London. 

3. C, P. Stetaetz, Tuans. A. I. E. E., 1906, p. 802. 

> 4 - /S ®*®^hmetz, “Eadiation, Light, and Illumination,” 
MoGraw Hill, New York, 1909, p. 139. 

■ . .-*,.^* Steinnietz, “TheOry and Calculation of Electric 

Circuits,” McGraw Hill, New York, 1917, p. 35. 

VrQoo\^‘ Eng.,” 22, p. 455, 

4. W. Pudd(^, PM, Trans.. 203 (Al. p. 338. ( 1904 * 1 . 

Pre^rU^ at ike Midwinter Convention of the /. E. E 
rf- Y. February 14 -i 7 , ims. 


ARC LENGTH, MM 
Pig. 1 

to it, its variation is much less than the inverse propor¬ 
tion to the current.'^ 

This paper attempts to make these two criticisms 
constructive or positive instead of negative. 

The Exponent op the Current is Directly Pro¬ 
portional TO THE Temperature op the Boiling 
Point op the Anode 

If the arc length is assumed to be constant, the 
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Pig. 2—Volt-Ampere Chaeactbristics with the Arc Length 
Constant L = 3.0 MM. 

Ayrton and the Steinmetz equations can be written in 
the^form of equation (3) 

E = (3) 

5. See foot-note 3. 
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the relation between the arc length and the difference 
in potential. The substitution of the values: 

C = 28.0, £> = 42.5, 

y = 5.0, 

d = 6 . 0 , 8 = 0 . 373 , 

in equation ( 8 ) gave (9). 

E = 28.0 (1 - €"®^) + 42.5 (1 - + 5,0 • L 

( 9 ) 

TABLE IV 

THE COMPARISON BETWEEN THE OBSERVED AND THE 
CALCULATED VALUES OP E 


Electrodes—Copper; Current—1.0 Ampere 
Ee Calculated with equation (9) 


Arc Length 

Observed 

Calculated 

Error 

Error'i 

L 

Et> 

Ec 

A 

Aa 

mm. 

Volts 

Volts 

Volts 

Volts 

0.02 

6.0 

3.20 

+ 2.40 

-1.50 

0.04 

10.0 

6.20 

+ 3.80 

- 0.20 

0.10 

17.0 

14.64 

+ 3.36 

- 0.44 

0.20 

26.0 

23.60 

+ 2.40 

+ 0.60 

0.30 

31.0 

31.50 

- 0.50 

- 1.30 

0.50 

37.0 

36.32 

+ 0.68 

+ 0.58 

0.70 

42.0 

40.90 

+ 1.10 

+ 1.10 

. 1.0 

46.0 

45.97 

+ 0.03 

+ 0.03 

2.0 

60.0 

60.30 

+ 0.30 

+ 0.30 

3.0 

71.5 

71.60 

- 0.10 

- 0.10 

4.6 

81.0 

81.00 

0.00 

0.00 

5.0 

89.0 

88.90 

+ 0.10 

+ 0.10 

6.0 

96.0 

95.90 

+ 0.10 

+ 0.10 

7.0 

102.0 

102.20 

- 0.20 

- 0.20 

8.0 

108.0 

108.20 

- 0.20 

- 0.20 

10.0 

120.0 

119.50 

+ 0.50 

+ 0.50 


11. See footnote 10. 


current"^ curve. (See Fig. 5.) Equation ( 8 ) represents 
this curve if the constants are assigned the following 
values: 

^ = 14.5, Z) = 15.5, 

y = i-7> 

d = 6 . 0 , ’ 8 = 0.235. 

Hence, the second curve studied can be approximated 
very closely by equation ( 11 ). (See Table V.) 

E = 14.5 (1 - + 15.5 (1 - e-o-236-L) + 1 . 71 , 

( 11 ) 

TABLE V 

THE COMPARISON BETWEEN THE VALUES OP A AS 
DETERMINED PROM EQUATION (3) AND THAT 
CALCULATED BY EQUATION (11) 

Electrodes—Copper Current—Infinite 

A Determined by Equation (3) 

A c Calculated by Equation (11) 


Arc Length 

Determined 

Calculated 

Error 

L 

A 

A e 


mm. 

Volts 

Volts 

Volts 

1.0 

19.6 

10.43 

+ 0.17 

2.0 

23.7 

23.71 

- 0.01 

3.0 

27.5 

27.48 

+ 0.02 

4.0 

30.8 

30.74 

+ 0.06 

5.0 

33.8 

33.74 

+ 0.06 

6.0 

36.5 

36.40 

+ 0.10 

7.0 

39.0 

38.90 

+ 0.10 

8.0 

41.3 

41.23 

+ 0.07 

10.0 

45.5 

45.52 

- 0.02 


The difference in potential as observed and that as 
calculated by equation (9), have been placed in parallel 
columns in Table IV. The error (A) between the 
observed and the calculated values, is well within that 
attributable to experimental variations. 


The numerical values of C, D, y, 8, and d were also 
determined for each of the remaining curves in Pig. 5, 
and these values were plotted as functions of the cur¬ 
rent. In this way, it was discovered that d is independ¬ 
ent of the current and that C, D, y, and 8 are functions 
of the current of the form of equation ( 12 ) 


I 


oc 

o 


j 









EX 














Ate 

etwee 

Con 

it Be 

trodes 



w 


_ 

















r 














0 















§ 









COA 


0 An 

.u Amp,— 









nite 1 

:urre 

it 

1# 











W 






>0bserved| 

<Calculatei 

L 



r 







□ 





f (i) = a -f- 


ARC LENGTH. MM. 

Pig. 5—Volt-Arc Length Characteristic for Different 

Current Values 

If the current is infinite equation ( 3 ) becomes 

E = A=^f(L) (10) 

Therefore, the curve showing the relation between the 
arc length and the constant A can be called the “infinite 


b — a 


( 12 ) 


In equation (12), a is the value of the constant when 
the current is infinite and 6 , the value when the current 
is 1.0 ampere. Therefore, in the case of the arc 
between copper electrodes, the constants of equation 
( 8 ) may be expressed as functions of the current as 
follows: 


C = 14.5 


28.0- 14.5 

^•0.67 

(13) 

D = 15.5 

. + 

42.5- 15.5 

^'0.67 

( 14 ) 

7 = 1.7 

+ 

5.0-1.7 

( 15 ) 

^'0.67 

« = 0.236 + 

0.373 - 0.235 

.jO.67 

( 16 ) 

d = 6.0 



( 17 ) 


The substitution of the above functions in equation (8 
gives (18), the desired final equation for the arc be¬ 
tween copper electrodes. 
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E 


= (14. 


5 + 


28.0-14.5 

.,•0.67 


) (1 - «'*•■•) 


+ (l6.6 + 


«0.67 


)( 1 - 


42.5 - 15.5 \ “(0-235 +0: 3 .Z 3-Q.235 ) 




(18) 


As an indication that equation (18) is the charac¬ 
teristic equation sought, eighty-eight calculated values 
of the difference in potential have been placed beside 
the corresponding observed values in Tables IV and VI. 
Tables IV and ,VI indicate that equation (18) does fit 
these data without systematic error. However, if 
apparatus had been available for the study of arcs 
more than 10.0 mm. in length, the constants of equa¬ 
tion (18) could no doubt have been determined with a 
higher degree of accuracy. 


and for infinite current. For the curve for 1.0 ampere, 
let 

C = ax, H = /8i, 

y = Ih B = di, and 

d =d 

and for the curve for infinite current, let 
C = a^, D = 

7 = Too B = d^, and 

d = d 

These constants incorporated in a general equation 
give equation (19). 



TABLE VI 

A COMPARISON BETWEEN OBSERVED AND CALCULATED VALUES CP E 


Electrodes—Copper 
Eo Observed Value of E 
Ee Calculated by Equation (18) 


Arc 

Length.!. 

1 mm. 

2 mm. 

3 mm. 

4 mm. 

5 mm. 

6 mm. 

7 nun. 

1 8 mm. 

10 nun. 

Current 

1 amp. 

Et 

Ec 


Ec 

Eo 

Ec 

Ec 

Ec 

Ec 

Ec 

Ec 

Ec 

Be 

Ec 

Ec 

Ec 

Be 

Ec 

1.5 

2.0 

2.5 

3.0 

4.0 

5.0 

7.0 

10.0 

40.0 

36.0 

34.0 

32.5 
30.0 

28.5 

26.5 

25.5 

} 

39.73 
36.23 

33.73 

33.15 
29.98 
28.51 
26.58 

25.15 

52.0 

47.0 

43.5 

41.5 
38.0 

36.5 

33.5 

31.5 

51.81 

47.11 

43.74 

41.38 

38.21 

36.26 

33.71 

31.61 

61.0 

55.5 

51.5 
49.0 
45.0 

42.5 

39.5 
37.0 

60.83 

55.36 

51.38 
48.58 

44.88 

42.38 
39.41 

36.89 

69.0 

62.0 

58.0 

55.0 

50.5 
48.0 
44.0 

41.5 

68.64 

62.04 

57.74 

54.69 

50.52 

47.83 

44.19 

41.44 

75.5 
68.0 
63.0 
60.0 

55.5 
53.0 

48.5 

45.5 

75.34 

67.87 

63.29 

59.84 

55.56 

52.46 

48.54 

45.52 

82.0 

74.0 

68.5 
65.0 
60.0 
57.0 

52.5 

49.5 

81.65 

73.70 

68.40 

64.75 
59.90 

56.75 
52.55 
49.18 

87.6 

79.0 

73.0 

69.0 

64.0 

61.0 

56.0 

52.5 

87.30 

78.75 

72.86 

60.00 

63.85 

60.70 

56.10 

52.45 

93.0 

84.0 

77.6 

73.6 
68.0 

64.5 

50.5 

55.5 

92.43 
83.33 

77.13 

73.13 
67.65 
64.18 

69.43 
55.53 

102.0 

92.0 

86.0 

80.0 

74.5 

70.6 

65.6 
61.0 

101.82 

92.30 

86.30 
80.47 
74.60 
70.64 
66.00 
61.46 


XAJilljJli VII 


Anode 


Carbon 

Cadmium 

Copper 

Alumintun 

Nickel 

Silver 

Zinc 

Lead 

AnUmiony 

Bismuth 


Cathode 

n 


a, 

Sot 


Too 

} UUARAG 

TBRISTIO 

Soo 

S 

Copper 

Carbon 

Copper 

Carbon 

Carbon 

Carbon 

Carbon 

Carbon 

Carbon 

Carbon 

0.985 

0.720 

0.670 

0.650 

0.640 

0.624 

0.670 

0.480 

0.460 

0.445 

24.5 
10.0 

14.5 

8.0 

10.0 

13.0 

8.6 

8.2 

12.2 

7.8 

39.0 

15.0 

28.0 

17.5 
28.0 

27.5 
24.0 

16.5 
24.0 

17.6 

35.0 

9.2 
15.5 

6.0 

8.0 

7.0 

2.9 

4.8 

4.3 

6.2 

41.4 

37.5 

42.5 
35.0 
38.0 

37.6 
41.0 

17.5 
19.0 

24.5 

1.25 

0,80 

1,70 

0,80 

0.90 

0.80 

0.65 

0.80 

0.60 

0.80 

5.0 

5.0 

6.0 

6.0 

6.0 

6.0 

5.0 

6.0 

6.0 

6.0 

0.535 

0.220 

0.235 

0 258 
0.166 
0.229 
0.210 
0.180 
0.190 
0.187 

0.536 

0.229 

0,373 

0.410 

0.270 

0.246 

0.263 

0.214 

0.230 

0.200 


7.0 

7.0 

6.0 

5.0 

7.0 

7.0 

7.0 

7.0 

7.0 

7.0 


^ -ewbuougn equation ( 18 ) is an empirical equation 
derived as a result of the study of the arc between 
copper electrodes, it can be expressed in general terms 
and used to represent the static characteristic of any 
arc. It will be remembered that n was the first con- 
stot m equatmn ( 18 ) to be determined. This deter¬ 
mination ^sp yielded the values of A from which the 

was^^^ P (See equation 
(3) and Fig. 5.) The constants of equation (8) were 
hen determined for the curv^ in Fig. 5 for 1.0 ampere 


Equation (19) Tested foe Ten Electrode 
Materials 

- All of the constants of equation (19) were calculated 
tor the ten arc combinations studied and the resulting 
equations were checked graphically against the observed 
data. (See Table VII.) 

The agreement between the observed and the calculated 
values, was exc^dingly close in every case. Therefore 
equation (19) is undoubtedly a truly general equation 
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In equation ( 22 ), 

A = B = 7 „, 

C = ai - aoo + jSi - 13^, and Z) = 71 - 7 ^ 

Although the results of this study are illuminating, 
they only point the way. A more extensive investiga¬ 
tion of the arc in different atmospheres and at different 
pressures should be undertaken in hope that this 
equation, or some modification of it, will offer a method 
by which the arc characteristic can be studied in its 
component parts without the introduction of an 
exploring electrode. The equation might then be used 
to solve'the many problems involving the distribution 
of the power consumption in the arc and the problem 
of determining the temperature in the arc, which now 
confronts the investigators of commercial arcs employed 
for the fixation of nitrogen, arc lighting, the electric 
furnace, etc. 

Conclusions 

1. The exponent n of the current i in the equation 

^ = A + (3) 

is directly proportional to the absolute temperature 
of the boiling point or the sublimation point, as the 
case may be, of the anode. 

2. Equation (19) can be made to represent the static 
characteristic of the normal arc without apparent 
systematic error. 


E - 

(«» + i” ■ J 

1 (1 - 


A 

„ ^ 1 - /3« 

[ 1 - * 

■ ‘■'j 

Poo “r J 1 


+ ( Too + ~ 

8 

1 

L ( 


3. Arcs more than 15.0 mm. in length can be repre¬ 
sented accurately by the equation 

E = A +B -L + ~ ^ ( 21 ) 

I wish to acknowledge my indebtedness to the 
American-Scandinavian Foundation whose fellowship 
made this work possible, and to Professor Gustav 
Grandqvist of Uppsala, Sweden and Mr. P. P. Cram 
for their assistance in the preparation of paper. 

Appendix 

\ 

The Description of the Apparatus: The electrodes 
were 12 mm. in diameter and made of the very highest 
grade of materials. After each reading the electrodes 
were refaced to insure precision in arc length measure¬ 
ments and to reduce the meter fluctations to a mini¬ 
mum. The upper electrode was the anode except in 
the cases of the cadmium, antimony, bismuth and lead 
arcs. 

Loosely fitting jackets supplied by independent water 
systems, were used to carry the excessive heat from 
the electrode supports. Readings taken with and with¬ 


out these jackets showed that this slight cooling had no 
appreciable effect on the arc characteristic. 

For the longer arcs, the length was determined by the 
measurement of the image of the arc produced by a 
lens system (magnification 15 diameters) on a scale 
calibrated to read arc length directly in millimeters. 
The short arcs were adjusted by a micrometer screw. 

The arc was freely open to the air at all times. 

The Observed Data. The principal data from which 
the constants of the equations were calculated, are 
recorded in the following tables, 7 to X inclusive. 


TABLE I 

Anode—Carbon Cathode—Copper 


Arc 

length 

L 

1 inm. 

2 mm. 

3 mm. 

4 mm. 

5 mm. 

6 mm. 

7 mm. 

8 mm. 

10mm. 

Cur¬ 

rent 










am- 

E 

E 

E 

E 

E 

E 

E 

E 

E 

peres 










1.0 

'ei.o 

76.0 

87.0 

95.5 

102.5 

108.5 

114.5 

120.0 

130.0 

1.5 

64.0 

67.5 

77.0 

84.5 

90.0 

94.5 

99.0 

103.0 

110.5 

2.0 

50.5 

63.0 

72.0 

78.5 

83.5 

87.5 

91.0 

95.0 

101.0 

2.5 

48.5 

60.5 

68.5 

74.5 

70.6 

83.0 

86.5 

90.0 

05.5 

3.0 

47.0 

59.0 

66.5 

72.5 

77.0 

80.0 

83.0 

80.0 

91.5 

4.0 

45.3 

56.5 

64.0 

69.5 

73.5 

76.5 

79.5 

82.0 

86.5 

5.0 

44.2 

56,6 

62.5 

67.5 

71.5 

74. B 

77.0 

79.B 

84.0 

7.0 

43.0 

54.0 

60.5 

65.5 

69.0 

72,0 

74.2 

76.5 

80.0 

10.0 

42.0 

52.5 

59.5 

64.0 

67.5 

70.0 

72.5 

74.5 

78.0 


TABLE II 

Anode—Cadmium (oxide) Cathode—Carbon 


Arc 

length 

L 

1 mm. 

2 mm. 

3 mm. 

4 mm. 

6 mm. 

6 mm. 

7 mm. 

8 mm. 

10mm. 

Cutt 

rent 










am¬ 

peres 

E 

E 

E 

E 

E 

E 

E 

E 

E 

1.0 

27.5 

38.5 

48.B 

67.S 

65.5 

73.0 

80.0 

86.5 

98.0 

1.5 

24.0 

32.5 

40.5 

47.B 

63.5 

60.0 

65.0 

70.5 

80.0 

2.0 

21.5 

29.0 

36.5 

42.5 

48.0 

63.0 

67.0 

02.0 

.67.5 

2.5 

20.5 

27.0 

33.5 

39.0 

43.5 

48.0 

52.0 

56.0 

63.0 

3.0 

19.5 

25.5 

31.0 

36.5 

40.5 

45.0 

48.5 

52.0 

58.0 

4.0 

18.0 

23.5 

28.5 

32.0 

36.5 

40.5 

44.0 

47.0 

52.5 

5.0 

17,6 

22.5 

27.0 

31,0 

34.0 

37. B 

41.0 

44.0 

49.0 

7.0 

16.3 

20.5 

24.5 

28.0 

31.6 

34.0 

37.0 

39.0 

43.5 

10.0 

15.5 

19.6 

23.0 

26.6 

29.0 

31.5 

34.0 

30,0 

39.6 


TABLE III 

Anode—Copper (oxide) Cathode—Copper 


10mm. 


E 


120.0 

102.0 

92.0 

85.0 

80.0 

74.5 

70.6 
65.5 
61.0 


Arc 

length 

L 

1 mm. 

2 mm. 

3 mm. 

4 mm. 

5 nun. 

6 mm. 

7 mm. 

8 mm. 

Cur¬ 

rent 

am¬ 

peres 

E . 

E 

E 

E 

E 

E 

E 

E 

1.0 

1.5 
2.0 

2.5 
3.0 
4.0 
5.0 
7.0 

10.0 

46.0 

40.0 

36,0 

34.0 

32.5 
30.0 

28.5 

26.5 

25.5 

60.0 

52.0 

47.0 

43.5 

41.5 
38.0 

36.5 

33.5 

31.5 

71.6 
61.0 

66.6 

51.5 
49.0 
45.0 

42.5 

39.5 
37.0 

81.0 

69.0 

62.0 

58.0 

56.0 

50.5 
48.0 
44.0 

41.5 

89.0 

75.5 
68.0 
63.0 
60.0 

55.5 

53.6 

48.5 

45.5 

96.0 

82.0 

74.0 

68.5 
66.0 
60.0 
67.0 

52.5 

49.5 

102.0 

87.5 
79,0 
73,0 
69.0 
64.0 
61.0 

■ 66.0 

52.5 

108.0 

93.0 

84.0 

77.6 

73.5 
68.0 

64.5 

69.5 

55.5 
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forbidden to us before. The development of a revised 
mathematical treatment may thereby however become 
far more difficult, as the simple short cuts of Maxwell 
may then no longer be applicable. 

The paper is intended merely to open up the subject 
and to make suggestions for a revision; it is not intended 
to be a completed and finished treatise on the subject. 
It is hoped some others with better facilities for re¬ 
search will find enough of interest and value in the 
experiments and in the suggestions to continue the 
investigations more thoroughly and perhaps to offer 
different and better interpretations and deductions 
from them. 

If no unquestionable errors can be found in the pro¬ 
posed revision, the chief subject of discussion should be, 
whether the proposed revision would or would not have 
any advantages over the older system and this, of course 
is a matter of opinion. It is of no consequence that it 
may be possible to explain some of the writer’s experi¬ 
ments by means of the old laws, the important question 
is, which explanation is the more rational one and which 
is the better one for the student to grasp. The fact 
that the development of a corresponding mathematical 
treatment may then become far more difficult, ought 
not to be an insurmountable objection. Some of the 
points involved were recommended by Faraday and by 
Ampere, but they were discouraged by Maxwell; they 
did not fit in well with his mathematical short cuts. 

The Physicist and the Engineer 

It is the province of the physicist to discover and 
formulate the laws of nature concerning matter and 
energy and to develop the mathematical relations; and 
it is the province of the engineer to then take these laws 
and apply them to the benefit of mankind; the present 
subject therefore more properly belong under physics. 
During the past fifteen yearn the writer has repeatedly 
called the attention of physicists to the experimental 
evidence of the present unsatisfactory state, and showed 
how some of our laws have misled and even deceived the 
engineer when he tried to apply them; they were 
repeatedly appealed to by the writer to revise them so 
that the engineer could use them and depend on them 
as being correct. But not-only was there no response 
(with one notable exception, the development of the 
quantitative relations by Northrup, concerning the 
‘*pinch effect,” which has been of great value) but there 
was a surprising lack of interest in correcting alleged 
mistakes and shortcomings, and even a determined 
effort to prevent the publication of the writer’s investi¬ 
gations. In one case publication was at first refused 
on the ground that if the experimental evidence was 
coirect, wMch was easily demonstrated, it was so 
prious a matter to change one of the older laws, that 
it ought to be kept a secret! In another case the refusal 
w^ because it was, “so subversive of long established 
princijples, the age of a law being considered more 
important th^ ife correctness. Both papers however 
have been published. 


The invention of a new and special definition of a 
sliding contact, to make an exception still fit an old law, 
seemed to be quite satisfactory to many physicists. 
Their attitude was that the older laws “were good 
enough for them.” To make misfits fit, some have 
alleged that a circuit which was in fact open must be 
considered as being closed; others, that one which was 
in fact closed must be considered as being open. 
Their students have the sympathies of the wi’iter, 
especially as one of the first things they learn in the 
laboratory is the sometimes very serious physical 
difference between an open and a closed circuit. 

On account of this strange neglect, lack of interest, 
and even opposition of the physicist, which was not a 
credit to his profession, to provide the engineer with 
laws that are reliable and up to date, the writer must 
now appeal to the electrical engineers among whom 
there are some physicists of a more progressive class. 
The laws of physics are the engineer’s most important 
tools; if their makers refuse to make proper tools for 
him he must make them himself. 

Motions op Mobile Conductors 
By passing currents, especially at high cun'ent 
densities, through such very mobile metallic conductors 
as mercury or molten metals in some types of electric 
furnaces, the writer many years ago noticed the exist¬ 
ence of some heretofore unrecognized electromagnetic 
forces which tended to move the conductors, and being 
mobile liquids they responded much more readily to 
such forces than solid conductors do. 

Some of these new forces were very formidable, for 
like most of such forces they presumably increase with 
the square of the current. The writer then made use 
of them in electric furnaces many of which are in daily 
use, these new forces being the absolutely essential 
factor, showing their industrial importance. 

Arcs also respond readily to some of these forces. 

Laws Need Revision 

Not only were there these new forces, but that gospel 
faith in the rdiability of laws which the engineer ought 
to be able to have, led the writer in two notable cases to 
waste time and money before finding out that the laws 
had not been correctly stated. These experiences gave 
rise to the present investigation which developed 
similar results with other laws. 

It will be shown below how some of the older laws 
sometimes mislead, leading us away from rather than 
toward the true goal; others apply ambiguously, or 
even specify results quite the contrary to the facts. 
Some supposedly universal ones (that is, having no 
exceptions) were found not to be so, thereby having 
checked possible progress. Some were not based on 
their true fundamentals but on mere incidental factors; 
some which apply correctly to special cases have been 
applied to the more general case, which process may 
lead to serious errors. In a mathematical treatment 
it is important to select the best fundamental, which has 
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not always been done; thus if the mathematics of some¬ 
thing circular, like a soap bubble film, is based on the 
radial pressure, the formula fails for the tension of a 
plane film, giving infinity, which is not true; while if 
based on the tension of a plane film the internal pres¬ 
sure in a bubble may be determined from it. Our unit 
of current is based on tlie magnetic force of a circular 
circuit. A closed finite line had better be made a 
special case of an infinite straight line, than the revei-se. 

In going from the general to a special case some 
factors generally drop out; and can never again I'eappear 
in any subsequent deductions from the mathematical 
treatment of this special case. Or if a mathematical 
treatment is started for a case whicdi is really a special 
and not the fundamental one, it is an error to apifiy it 
to the moi*e fundamental one, or to other special cases 
in which the dropped factors may be different. Yet 
it seems such mistakes have been made. In a com¬ 
plicated system it, is thei'efore important to find or 
select the best and most basic fundamentals. 

A revision of our former laws is also desirable ik)W 
that it is known that, every electric current is merely a 
movement of electrons in the (conductor. In Fig. 1, 
if negative ek>{;tron.s pass from one body A t,o another 



B, through a ccmductor C, what we call a (‘urrent flows 
through that conductor during that. pas.sage, creating 
simultaneous nmgiKJtic. (’Ifects w, m, anjund it, each 
caused by its moving electron c, c; after the operation 
the body A is left, charged positively and B negatively. 
Telegi’uph me.s.sages liuve been sent by currents in such 
a conductor, after an aurora borealis. It is therefore 
no longer an ab.solute necessity to consider every 
electric circuit as being a “complete circuit;" in many 
cases it is a great convenienc^e to do so, a short cut, but 
in some it mi.sleads and involves gi'eat difficulties to 
make it fit the facts; a law l:o l)e universal should there¬ 
fore not be ba.sed on t he circuit being a complete one. 
The complete cjircuii should better be made a special 
case of a unit length of a straight circuit. Ampere 
advocated busing the mathematical treatment on 
elemental x)arts of <!ircuit.s, but Maxwell did not approve 
it, preferring the? easier method or short cut based on 
the complete circuit, which however is a special case 
and not the mo.st general one. 

When two current ccirrying conductors are in some 
parts quite near to each other as at a h Fig. 2, and at 
other parts far apart, the force between them will 
reside almost entirely in the near parts a h; in practise 
this force would be practically the same whether the 
rest of the circuits are a foot or a mile long. In engi¬ 
neering work the consideration of the “rest of the 
circuit” is generally quite unnecessciry; the leads to a 


motor do not electromagnetically affect the mechanical 
forces in the motor. 

The pre.sent tendency to abandon that useful step¬ 
ping stone, the ether, also makes it desirable to revise 
some of our former conceptions. A magnetic field in 
space was thought to be a storage of ener^ in the form 
of a sort of stress or strain in the surrounding ether, 
which was and is still a very convenient and useful 
I)icturization. It seems to be mvich better, however, 
to consider the magnetic field around a current-carrying 
conductor to be merely an action at a distance, as 
Farmlay proposed, the seat and source of the force 
being in the material of the conductor and not in the 
space around it; no assumption of any ether is then 
nece.ssary. 1 he reaction of the.se external forces on 
each other or on a foreign force, must then manifest 
ilself in the material of the conductor through which 
the electrons are pa.ssing, and at tlie places where these 
forces are originated by tliem. 

It is therefore the conduetor itself, that is, the matter 
in it, which had better be refeiTed to in these laws and 
not the more subtle currents, cii-cuits, fields or ether. 
Experiments illustrating this will be de.scribed below. 

It is also our duty to the student and the rising 
genemtion to point out any erroivs anrl exceptions and 
to revise the laws, conceptions anti explanations so as to 
make them the simplest and clearest possible in order 
that they may be grasped and retained as easily as 
lK>ssible. Complicated conceiJtions and explanations 
.such as many of those for sliding contacts, are objection¬ 
able. Above all, the laws should be strictly correct, 
should not mi.slead and should if possible be univeraal. 

Mistakes in Some Laws 
'^I’he elementary law given in every text book, that 
like currents attract and imlik'e repel, is wrongly 
worded; it is not on the currents but on the material 
of the conductor that the.se forces act. If they acted 
on the currents then ^he current density would have to 
be x?-eater in the center of a conductor than near the 
outside, and Ohm’s law would no longer apply to large 
conductors; or when two conductors are clo.se to each 
other the current densities in difiei'ent halves of the 
same conductor would have to be different; or the 
cun-ent in the middle of a cathode or anode in an 
electrolytic bath would have to be gi*eater than else¬ 
where. But we know these are not the facts. More¬ 
over like cathode rays rex^el. The industrially im¬ 
portant pinch effect' would not exist, yet we know it 
does. Maxwell (Art. 501) recognized and called at¬ 
tention to this important distinction between the cur¬ 
rent and the conductor, but many of his followers did 
not. Nor did Maxwell continue to make a similar 

1. Considering a conductor as con.si.sting of a bundle of 
filamentary ones, this force tends to make them move to the 
center. When the conductor is a Iwiiiid the material is free to 
move and these radial forces may then become groat onough to 
eau-se rapture. This phenomenon has been called the pinch 
effect. See bibliography at end of this paper. 




314 


BERING: ELECTROMAGNETIC FORCES 


Transactions A. I. E. E. 


distinction in his law of induction (Art. 531) as he ought 
to have done. 

In a paper before this Institute (Trans. Vol. 27, Part 
2, 1908 p. 1341) the writer described a simple experiment 
showing conclusively that a similar distinction must also 
be made in Maxwell’s law of induction. It is the con¬ 
ductor, that is, the matter and not merely the circuit, 
which must cut the magnetic flux in order to induce 
a- current; if the circuit alone cuts it, the conductor 
remaining stationary with respect to the flux, there will 
not be the slightest induction even though exactly the 
same linkages of the flux and the circuit have taken place. 
(See also a modiflcation of Faraday’s experiment in the 
Jour. Frank. Inst. Nov. 1,1921 p. 606). This important 
law therefore also requires revision. It moreover also 
fails to show in what part of the circuit the induction 
actually takes place and therefore what parts are dead 
or inactive, which is sometimes of importance to know. 

The writer maintains that just as in the two cases 
mentioned above, it is necessary to make a similar 
distinction between the conductor itself and the mag¬ 
netic fleld surrounding it. The forces in this field have 
their seat and origin in the material of the conductor 
where the electrons are passing through it; which should 
therefore be their anchorage or abutment; any actions 
of these forces on each other or on a foreign force should, 
therefore, have their reaction in the conductor. If a 
large heavenly body passed through the field of force 
of gravity between this earth and the sun, the abut¬ 
ments of the new gravity forces would be in the earth 
and the sun, not in the space between them. It is 
difficult to conceive how the abutment of an electro¬ 
magnetic force could be in the ether; the energy in the 
cases here referred to is not a radiated wave motion. 

In other words the flux around a conductor or 
magnet should be pictured as though it were in some 
way elastically attached to the material in which its 
source lies. Faraday entertained this idea (Exp. Res., 
Vol. 2; p. 293; Vol. 3; p. 447), as pointed out by Maxwell 
(^. 529) when the latter says: “He even speaks of 
lines of force belonging to a body as in some sense part 
of Itself, so that in its action on distant bodies it can¬ 
not be said to act where it is not.” Maxwell however 
does not favor the idea of action at a distance (Art. 652). 

A distinction should here be made between a field 
of force or a storage of energy, which remains with the 
somce, such as in most electromagnetic machinery, and 
one which leaves it completely as by radiation, such as 
m mreless transmission. In the latter case the forces 
acting m such fields of energy do not react on the source; 
when a bullet hits a target or is deflected, the forces on 
It do not react on the gun. The present discussion 

to fields of force or energy which remain 
with then* source. 

One of the most common of the older laws concerning 
the production of niotions^b^ a. circuit is to the effect 
that a circuit will produce such motions as will make it 
include more flux; Maxwell (Art. 489 and 490) states 


it in equivalent terms. It will be shown below that 
this law, though often true, is not based on the correct 
fundamental principle, the increase in flux so often 
noticed being an incidental and indefinite secondary 
consequence which may or may not take place, and is 
not the true primary cause, and therefore not the 
proper crucial factor in a law. In the most usual case 
of a motor, the flux does not increase but remains 
constant, hence the law fails even in the most usual 
case; complicated and involved definitions of sliding 
contacts must be called to the rescue; the Faraday 
unipolar motor eliminates the element of commutation. 
But more than that, in the simplest and most funda¬ 
mental case, which is described below, (the proof of 
which is given in the Appendix) the flux is actually less 
in amount after the motion. 

This law has led many to draw wrong conclu¬ 
sions, as was illustrated by the writer receiving from 
many physicists a positive answer to a certain case which 
was directly contrary to the facts. Moreover it is the 
flux energy and not the flux which is concerned when a 
circuit does work in producing motion; the flux energy, 
may increase or diminish while the flux can remain 
constant. 

Anotherfavoritelawisthat only such motions will take 
place as will increase the self inductance. This is a 
badly defined law as it involves a factor which is entirely 
foreign to the case, the number of turns in a coil; the 
magnetic forces are entirely independent of this factor, 
at least for direct currents; they depend on the ampere- 
turns. The self inductance is a purely geometric 
quantity and is independent of any current or energy. 
In every motor, and in certain electric furnaces in which 
powerful motion exists, the self inductance remains 
constant, as also in the experiment Fig. 17 described 
below. In the one described in Fig. 16 it will be generally 
adniitted that it actually is less after the self produced 
motion. Anothercase in which itislessafter the motion 
ia referred to in the Appendix. It may be claimed that 
these cases are unusual ones; but a law to be depended 
upon Bs being really universal must not have a single 
exception. The magnetic energy stored in a coil 
depends only on the ampere-turns, the reluctance and 
the flux, it is entirely independent of the self inductance 
in the sense that‘the latter may be greater or less in 
different cases in which the former are the same. The 
fact that this energy, is readily calculated from the self 
inductance of any particular coil and the current, mis¬ 
leads one to believe it to be a crucial factor in matters 
concerning energy, but it is not, as the energy is depend¬ 
ent on the ampere-turns but not on the turns by 
themselves, 

Another law is to the effect that anything that in¬ 
creases the stored energy will give rise to a force. There 
IS no such increase in a running motor; and in the most 
fundamental case described below the stored energy 

becomes (as it should) when the force acts. 

Another is that such motions will take place as will 
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increase the permeance. This also fails for motors 
unless rescued by forced definitions of sliding contacts. 
A noted physicist recently explained to the writer that 
in a certain experiment the motion was due to an 
“increased reluctance” the exact reverse of an increase 
in permeance. 

With such ambiguities and inaccuracies of the older 
laws, a new law seems very desirable. Above all a law 
should not forbid what may be possible. 

A General Law of Motions 

In view of these descrepancies, and the fact that when 
forces act to produce motion it involves energy, the 
writer concluded to look for a general, universal law 
among those for energy. 

There is a well recognized general law in physics 
applied generally to a system of mechanical forces 
and energy, to the effect that in any system such 
motions will tend to take place as will reduce the 
potential energy of the system) this potential energy 
is thereby transformed into the kinetic energy of 
the motion; water flowing from an elevated storage 
reservoir is a simple example. 

It is believed that this is a universal law of nature 
and therefore should apply in quite as general a way 
to any and all electromagnetic systems in which 
potential energies are involved and mechanical motions 
are produced. To make it more convenient to be 
applied directly to electromagnetic systems, it seems 
preferable to redraft it and state it in such electrical 
terms that it will not only be correct and easily under¬ 
stood but that it cannot be misunderstood, nor will deny 
what may be possible. What the best wording is, is a 
matter of opinion. 

The writer suggests the following version for the 
usual conditions: in an electromagnetic system in which 
the current is being maintained by a source, any and only 
such mechanical motions of the conductor will tend to take 
place as will generate a counter e. m. f. somewhere in the 
circuit. The actual motions which this tendency will 
produce will depend, of course, on the particular free¬ 
dom of motion which the various parts of the circuit 
may have. The counter e. m. f. is not necessarily 
generated in the part that moves as will be shown below. 
It is believed that this is a universal law of all such 
electromagnetic systems, that is, that there are no 
exceptions. 

The reason for introducing the clause about the cur¬ 
rent and the source is to exclude certain very unusua l 
cases, like condenser discharges, and others in which 
there is,(as mth permanent magnets) no outside source 
of supply of additional energy when some is withdrawn 
from the system; to also include such unusual cases the 
stetement of the law would seem to have to suffer in 
simplicity. The universality of the law is, of course, 
claimed only for the cases specified in it, which however 
are the usual ones. 

Magnetic material such as iron in such a system can 


store and give off some energy and thereby may intro¬ 
duce a correction factor in some cases. General laws are 
supposed to be exactly correct only under theoretically 
perfect condition, and just as the element of friction 
does not invalidate the general laws of mechanics, so 
the presence of iron should not be considered as invali¬ 
dating this law. 

It will be noticed that, as in the general law, there 
are no further restrictions as to any particular direc¬ 
tions of the forces which cause these motions; nor are 
there any appai’ent reasons why there should be; ac¬ 
cording to this version of it any and all motions what¬ 
soever are therefore justified, no matter what the 
direction of the forces may be which cause them. 

The chief reason for proposing this electrical version 
of the general law is that it is believed to be without 
exception and in fact a necessary consequence, that 
when any current-carrying system which is connected 
to a source produces mechanical motions of any kind, 
that is, gives off energy, there is always produced a 
counter e. m. f., which when multiplied by the current 
(in phase) is the quantitative equivalent of the mechani¬ 
cal energy produced. This alone might justify this 
version, but there are further reasons and explanations. 

The Counter E. M. F. 

In a system consisting of current-carrying con¬ 
ductors, it will doubtless be conceded that at 
least in the sense of this general law, the poten¬ 
tial energy in an electromagnetic system resides in the 
magnetic flux energy which is stored when the current • 
was started and is somewhat like that of inertia. It 
will probably also be conceded that any self-produced 
mechanical forces which tend to produce motions, are 
the direct results of the action of the energy stored in 
this flux, which may for this purpose be considered as a 
sort of stress or strain or inertia; the greater this flux 
energy the greater the forces are likely to be. It is 
believed to be true also that when such flux energy 
actually produces mechanical motion, that is, kinetic 
energy, it disappears as such, just as when a mechani¬ 
cal stress of strain relieves itself by producing motion it 
disappears as such; but such a disappearance is quite 
different in land from that occurring when a current- 
carr 5 dng circuit is broken, as the potential energy of the 
flux in the latter case is transformed into energy in the 
form of the momentary current caused by the direct 
e. m. f. which the disappearing flux produces; the e. m. f. 
then is a direct and not a counter one. 

When the potential energy of the flux is transformed 
into the kinetic energy of mechanical motion, it seems 
evident that no counter e. m. f. should be produced 
directly thereby, though there will be when this lost 
energy is subsequently replaced again by the current. 
This is shown by the following example of a more 
fundamental case. 

Assume two parallel copper rings at 0 deg. absolqte 
temperature at which their resistance is zdro; le| like 



316 


HERING: ELECTROMAGNETIC FORCES 


Trat3sa<iLions A. T. E. E. 


and equal currents be started in both by drawing a 
magnet pole through them; the energy of this process 
will then be stored as magnetic energy and the currents 
which maintain it would then continue to flow indefl- 
nitely. Now let the rings move toward each other by 
their attraction over a certain distance and then stop, 
thereby converting part of their potential energy into 
kinetic; there will then be less magnetic energy and 
therefore less current flowing after the motion has 
ceased; this cannot be due to a counter e. m. f. as the 
motion has ceased. 

If two unlike poles of two permanent magnets are 
permitted to move toward each other, an amount of the 
flux energy must have disappeared exactly equal in 
amount to the kinetic energy produced by this motion; 
this is restored again when the two poles are subse¬ 
quently forced apart. 

In both of these cases the flux itself as distinguished 
from the flux energy, will also be found to be less, the 
proofs of which by I^of. R. E. Brown are given in the 
Appendix. 

These two illustrations were chosen because there is 
no source of new energy connected to them to replace 
that which was transformed into mechanical energy. 
They are therefore more basic or more fundamental 
than the usual cases, as showing what actually takes 
place physically in the simplest ease, and the order in 
which things take place; they both show that when the 
potential energy of the flux is converted into the kinetic 
energy of motion the flux energy (and in fact the flux 
also) di^ppears as such, and in the former case without 
generating any counter e. m. f.; the process here is not 
masked by any addition of energy from an outside 
source. The immediate, practically simultaneous, re¬ 
placing of this lost flux energy by the usual source is 
therefore hereby shown to be a secondary consequence, 
and not the primary cause of the motion, and it is 
this supply of new energy which really generates the 
counter e. m. f., just as in the starting or increase of a 
current. This seems to be an explanation of the rea¬ 
sons why a counter e. m. f. is always generated when 
such a system generates mechanical motions. 

Concerning the above proposed experiment with the 
two rings at absolute zero (the result of which can be 
definitely calculated, as shown in the Appendix, easier 
than it could be measured), it has been variously 
claimed by some that with zero resistance it is not 
possible to induce any current at all, and by others that 
even with the slightest induced e. m. f. the current would 
then be infinite; these are rather large differences of 
opinions. The facts are that at nearly 0 deg. Onnes 
induced a finite and limited current which persisted for 
a long time. For the purpose of the above argument 
It may be assumed that the conditions are like those in 
the Onnes experiment, therefore possible, and that the 
current lyas not decreased appreciably by the veiy 
small resistance, during the very short time of the 
motion. 


That the current would not be infinite at absolute 
zero resistance nor enormous near to zero, is shown by 
the fact that the finite amount of energy spent in draw¬ 
ing the pole through the rings, is stored in the system 
as magnetic energy of an exactly equal amount; it could 
not possibly be any greater. Hence the current which 
would flow continuously is only that which by its 
ampere-tums and with the existing reluctance, would 
produce and maintain exactly that amount of flux 
energy. It is analogous to the energy of inertia stored 
in a spinning top, under frictionless conditions. 

The Potential Energy 

One of the objections to using the term “potential 
energy” in the above electrical equivalent of the general 
physical law, is that it may not always be clearly and 
definitely understood. But a greater objection is that 
it may sometimes involve necessary and perhaps com¬ 
plicated explanations of apparent contradictions and 
ambiguities; the diminution and disappearance of the 
potenti^ energy (the energy in the flux) is not always 
as readily apparent as it is in mechanics; especially as 
the process is generally masked by an immediate 
replacement of this energy by the source; in a motor the 
ultimate quantity of the flux energy remains constant; 
in some cases it is even greater after the motion than 
before. There is a generally accepted law (though as 
shown above it is not always correct) that a circuit 
always tends to move so as to embrace the largest 
possible amount of flux, therefore apparently directly 
contradicting this general law; the amount of the flux 
and of the flux energy however, by no means neces¬ 
sarily vary in the same ratio, the energy is the product, 
of the flux and the m. m. f. 

A careful and unbiased analysis will, however, show 
that these contradictions and anomalies are only 
apparent and not real; it can be shown that any addi¬ 
tional or new flux energy has in those cases been added 
by the source of current after the motion has taken 
place or while it is taking place; the motion itself may 
have made room for more flux or have decreased the 
reluctance. This increase of flux energy is a secondary 
result and not the primary cause of the motion, as seems 
to have been claimed; it may or may not take place. 
Similar anomalies and apparent contradictions occur 
in the application of the more general law to purely 
mechanical conditions, yet they do not in fact violate 
that law; for instance, the potential energy in the water 
in an elevated tank which is being kept full by a pump, 
will according to the general law, cause it to flow into 
and fill another neighboring tank and at the end of the 
operation there will be more potential energy than there 
was at the start. To avoid such anomalies and apparent 
contradictions it seems preferable to use a different 
term than potential energy in the electrical equivalent 
of this general law. 

Maxwell (Art. 568) defines potential energy as a 
tendency to a change of relative position, and he some- 
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times treats the energy of magnetization as potential. 
He says furthermore (Art. 638) that he ‘‘assumed that 
the energy of a magnetic system is potential energy, 
and that this energy is diminished when the parts of the 
system yield to the magnetic forces which act on them.” 
(The Italics are his). 

To the writer it therefore seems that the generation 
of a counter e. m. f. is the best crucial condition in the 
electrical equivalent of that general physical law, to 
take the place of the reduction of the potential energy. 
That they are the equivalents of each other, or at least 
necessary accompaniments of each other, when there 
is a source, seems evident; the general physical law calls 
for such motions as will reduce the potential energy, the 
flux energy in the electrical case; this flux energy then 
must disappear as such when it is transformed into the 
kinetic energy of motion; as the current necessarily 
always generates as much flux as the reluctance of the 
surrounding space permits, it will at once replace any 
flux which has thus disappeared and, as is well known, 
the generation of any flux in a circuit is always accom¬ 
panied by a counter e. m. f. The writer has applied 
this simple law to every case he could think of, old and 
new, and it never fails to apply correctly. If no 
exceptions can be found to it then it seems to be a 
universal law for the class of phenomena specified in it. 

The Hall effect, like the skin effect, seems to deal 
with the shifting of the current paths in a conductor, 
as distinguished from a movement of the conductor it¬ 
self. They therefore would have no direct bearing on 
this law except in so far as the changes of current paths 
may change the flux distribution which in turn may 
affect the forces. 

Deductions Prom This Law 

If this law is sustained, a number of deductions follow. 
It specifies no limitations to any particular directions 
of the forces which produce the motions, hence any 
directions are possible, provided only that the motion 
generates a counter e. m. f. somewhere in the circuit. 
It has been strenuously maintained that these forces 
could be only perpendicular to the conductor and never 
otherwise; it therefore opens up a formerly forbidden 
field. If for instance any particular motion is desired, 
it follows from this law that if that motion is such as 
would produce a counter e. m. f. then it ought to be 
possible to make the system produce it by providing 
the necessary freedom of motion; this has for instance 
been made good use of for giving molten metals a de¬ 
sired motion in some types of electrical furnaces. 

Lengthening a current-carrying conductor (the 
stretch effect), reducing its cross section (the pinch 
effect), straightening it (the comer effect), winding it 
into a coil, etc., all produce a counter e. m. f. in a con¬ 
stant-current circuit and the circuit could therefore 
(theoretically at l^t) be made to produce them. 
According to Lenz’ Law reversing any of these motions 
should generate current. Some of these deductions are 
further discussed below. 


Longitudinal Force 

One of the deductions from this law is of special 
interest because it has been most hotly contested; there 
is however also another proof of this deduction which is 
entirely independent of this law (and therefore aids in 
confimiing the law) as will be shown in connection with 
Fig. 9. If a current-carrying conductor be lengthened 
(as for instance by stretching, sliding contacts, mer¬ 
cury troughs, etc.) new flux will be produced around the 
added part and the production of this will generate a 
counter e. m. f., as in any conductor in which a current 
is started. Hence it would follow from this law that 
the circuit itself could produce such a lengthening if the 
necessary freedom of motion exists. In other words, 
a current tends to stretch or lengthen its conductor, or 
more generally, there are longitudinal forces tending to 
move the conductor in the direction of its axis. 

This force, the existence of which can readily be 
shown experimentally as described below, the writer 
years ago colloquially termed the ‘‘stretch effect,” 
it being a complementary phenomenon to the “pinch 
effect” which tends to crush the conductor radially, 
both seem to follow the same laws and lead to the same 
ultimate result in liquid conductors by rupturing them, 
when strong enough. 

This longitudinal force is also a consequence of con¬ 
ceiving that these electromagnetic forces have their real 
origin and abutments in the material of the conductor 
at the seat of the moving electron which causes them; 
that is, the forces in the field around a conductor are 
actions at a distance (as Faraday maintained). In Fig. 
1 the lines m m represent the disks of flux around those 
parts of a conductor; such like lines of force are laiown 
to repel each other, and if the seats or abutrhents of 
these repelling forces are in the material of the conductor 
where the electrons e, e, which produce these lines are 
moving, the conductor will tend to stretch. The 
greater the density of this self repelling flux the greater 
this force. 

Physicists have emphatically denied and many of 
them do so still, that such a longitudinal force exists 
or could exist. 2 Maxwell (Art. 507) described an 
experiment, due to Ampere, made under certain con¬ 
ditions, from which he generalized that no such force 
existed or could exist; the writer admits that it would 
not make its appearance under the conditions in that 
particular test, (in which the two longitudinal forces 
are equal and opposite), but that under different con¬ 
ditions to be described below, (Figs. 3 ix) H), this force 
becomes very evident. Recognizing both forces means 
that a resultant in aw?/ direction is then possible. 

This lon^tudinal force does not appear in the usual 
mathematical treatments of electromagnetic forces; the 
reason seems to be that such treatments were originally 

2. . Northrup’s Laws of Physical Soienoe (1917), p. 162, 
par, 3. “If a wire carries a current no external m^netio force 
can so Etct upon the wire as to tend to hiake it move intthe direc¬ 
tion of its length.” 
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based on a special case in which this longitudinal 
component consists of two opposite forces which are 
exactly equal and therefore drop out of the mathe¬ 
matics; having once dropped out this force can of course 
never again reappear in any subsequent mathematical 
deductions which are based on this original case even 
when they are unequal, as they are in some of the 
experiments described below: 

These two new forces, the pinch effect and the 
stretch effect, are generally not great enough to crush 
or stretch solid conductors, (though they might perhaps 
act on the softened filaments of forced incandescent 
lamps), but with liquid or gaseous conductors like those 
in some electric furnaces or in the arc, they may become 
of vital importance, being sometimes quite formidable, 
and should therefore be recognized, studied, and in¬ 
cluded in mathematical treatments; to deny their 
existence might check possible progress and develop¬ 
ments. That they are of practical importance is shown 
by the fact that hundreds of electrical furnaces are at 
present in daily successful use in which this longitudinal 
movement of the liquid conductor by its own current, 
is the absolutely essential factor. 

Some physicists who declined to recognize thip 
longitudinal force have endeavored to explain the very 
evident longitudinal movement in the writer’s earlier 
experiments with liquids, as a hydrodynamic action of 
the liquid due to the pinch effect. But ^ some of the 
experiments described below show that this force will 
also move solid conductors lengthwise, they are a 
positive proof that the action cannot be primarily 
hydrodynamic in the liquid; in the writer’s opinion the 
hydrodynamic action resides in the field itself. 

Unlike the stretching of a compressed helical spring, 
this stretching theoretically continues indefinitely and 
is constant if the current and the cross section of the 
conductor remain constant, as in a mercury trough. 
^ in all these phenomena, it will no doubt be found to 
increase ^ the square of the current. It is independent 
of the direction of the current or the length of the 
conductor. For the same current it becomes greater the 
smaller the cross section and can rupture the circuit by 
tearing it. It no doubt is greatest at the center of a 
roimd conductor and is least at the circumference. In 
a liquid conductor the motion is therefore greater along 
the central axis than near the circumference. Like a 
compressed helical spring a flexible circuit secured only 
at the two ends may form itself into the shape of the 
letter C as is often seen in the arc, or even like the letter 
if thereby it can lengthen itself (see Fig. 8). It has 
been suggested by a noted physicist that this might 
explain the sinuous character of a bolt of lightning. 

A circuit maMng an angle at a hinged joint tends to 
straighten itself, due to this stretching force. This is 
^tially explained by the action of the coinponent of a 
force perp^dicular to the moving part, and when it is 
straight this force which straightened it becomes zero, 
t can be shown however, that if the necessary freedom 


of motion exists at the joint the force which straightened 
it, namely the repulsion of the diste of flux, still con¬ 
tinues and will then stretch it, showing the older explana¬ 
tions to have been wrong. A flexible circuit is known 
to expand; why should this same force cease when the 
conductor becomes a straight line; it does not; our 
former limitation to a perpendicular force has misled 
us. A straight soap bubble film (therefore having no 
radial pressure) has a tension just as the curved one has. 

A straight conductor leading down into a large 
liquid conductor tends to be moved upward out of the 
liquid, if the proper freedom of motion exists, and new 
flux will appear around the lengthened part, causing 
the counter e. m. f. In general, where there exists any 
difference of flux density near a conductor there will be a 
tendency to produce a motion to equalize this flux 
density if that motion would generate a counter e. m. f. 
In experiments care must of course be taken that the 
force is not counterbalanced by an equal and opposite 
force somewhere else, which is generally the ease. As 
will be shown below, the longitudinal force may be made 
very evident by making the two opposing forces un¬ 
equal. 

Ampere had referred to such a possible longitudinal 
force and gave some formulas; this is briefly discussed 
by Maxwell (Art. 526) and is not then denied by him, 
though he denies it elsewhere. In Art. 687 however he 
described the Ampere trough experiment (see Fig. 5) 
saying **This experiment is sometimes adduced to 
prove that two elements in the same straight line repel 
one another” (this is what the present writer calls the 
stretch effect) **and thus to show that Ampere’s formula, 
which indicates such a repulsion of collinear elements, 

IS more correct than that of Grassman, which gives no 
action between two elements in the same straight line.” 
Maxwell adds that the Kcperiment does not favor one 
more than the other; it is significant that he here does not 
deny such longitudinal forces, though he does elsewhere. 

According to Maxwell (Art. 527) Ampere had claimed 
that the force between two elements of the circuit, 
(evidently meaning limited parts of a circuit, or of 
circuits), is along the line joining them, which Max¬ 
well (Art. 527) considers the best assumption. For 
conductors inclined to each other, such lines joining 
their parts must necessarily be inclined to them, hence 

such forces must have longitudinal components. (See 
Fig. 9). 

The Corner Effect 

Many years ago the writer noticed that in a wide 
mercury trough which turned a right angled comer 
there was great agitation of the mercury at that corner 
when a large current flowed, showing the presence of 
decided local forces; the current was not great enough 
to show a marked pinch effect in the straight parts; he 
called it the “comer effect.” The writer's explanation 
was that as the amount of flux must of course be the 
sme pn the inside and outside of the comer, the den¬ 
sity must be far greater on the inside part of the corner. 
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therefore the forces on the mercury there must be far 
greater than those on the outside part, hence the 
agitation. 

Recognizing the existence of the longitudinal force, 
this experiment can also be described as the mutual 
action of two currents whose conductors are inclined 
toward each other (see Fig. 9); the forces will of course 
be greatest where they are nearest to each other, in this 
case at the comer, "^en these two currents are unlike 
in direction (as in the above case) there should be a 
longitudinal flow of the conductor away from the comer, 
and for like currents toward the comer. An electric 
furnace based on this, for obtaining a unidirectional flow 
of the liquid conductor, operated as predicted, the 
motion being quite strong and rapid (Jo?.tr. Frank. 
Inst. Nov. 1921, Fig. 9 and p. 612). 

Quantitative Value op the Pinch Effect 

In the c. g. s. system the writer found {Met. & Chem. 
Eng. Vol. 9, Feb. 1911, p. 86) that the quantitative 
value of the pinch effect at the central axis of a circular 
conductor was P — P/S in which P is the pressure in 
dynes per square centimeter, I the current in c. g. s. 
units, and S the cross section in square centimeters. 
This pressure is of course greatest at the center and 
least at the circumference. The-fact that this is a unit 
relation in the c. g. s. system is of interest. It will be 
seen that the pressure is not proportional to the current 
density. As the current in a given liquid conductor is 
increased, an unstable state is ultimately reached at 
which this force increases automatically by contracting 
the conductor enough to mpture the circuit. 

Hydrodynamic Action in a Magnetic Field 

No one has yet deduced the quantitative formula for 
the longitudinal force, this force having dropped out of 
our present mathematical treatment of such forces. 
But the writer has reasons to believe it will ultimately 
be shown that these electromagnetic forces in a magnetic 
field act as though the medium, the ether, were like a 
liquid or gas, that is, they act hydrodynamically and 
therefore can turn comers, as it were. As they act on 
solid conductors also, the conductor itself need not be 
this hydraulic medium, as was formerly claimed by 
others. 

If this is tme, the quantitative formula for the stretch¬ 
ing should be exactly the same as that for the pinch 
effect. Some years ago Northrup made a very careful 
and accurate measurement of what he claimed was the 
pinch effect, but as the force he measured was a longi¬ 
tudinal one (claiming that the liquid conductor, mer¬ 
cury, acted, as the hydraulic medium) the writer 
maintains that what he really measured was this 
stretching force. His measurements confirmed the 
formula of the pinch effect, hence the writeffs conclusion 
that they are numerically equal. Maxwell (Art. 109) 
in discussing so-called static electricity says *‘the 
numerical magnitude of the pressure’' (between lines 
of force of static electricity) '"being equal to that of the 
tension” (along these lines) “and both varying as the 


square of the resultant force at the point.” Many 
parallels between electrostatic and electrodynamic 
phenomena exist. 

If these forces act as though the medium (not neces¬ 
sarily the conductor) were a fluid, the whole subject is 
simplified as only one of the two magnetic forces need 
then be recognized as the primary, either and preferably 
the tension along a line of force, the other, the repulsion 
of like lines, being a hydrodynamic resultant, just as 
the radial pressure on the side of a cylindrical pump is 
produced by and is exactly equal to the longitudinal 
pressure of the piston. 

Pole Moving Along a Line 

A third electromagnetic force is sometimes included 
with these two, namely the force which tends to 
move a single pole along a line of force; Faraday 
showed this in a very ingenious experiment (see Fig. 12). 
This force is however not a property of the field itself, 
but of a foreign body which is introduced into it, that 
is, the force is that between two independent fields. 

There is a deduction from this experiment which 
seems to bear out one of the writer's contentions. It 
will be conceded that when a single pole moves along a 
line of force encircling a conductor, the equal and op¬ 
posite reaction required by Newton's third law should 
tend to rotate the conductor around its axis in the 
opposite direction, which it does, as will be shown below. 
As there is no physical connection between the pole and 
the conductor it seems that the flux around a conductor 
must be considered as though mechanically connected 
with its conductor, or in other words that it is a case of 
action at a distance from the moving electron. 

The “Sliding Contact” 

The most unsatisfactory and most confusing ele¬ 
ment in our present system, and the most trouble¬ 
some and discouraging one to the student, is the inevi¬ 
table “sliding contact.” Every book-writer and teacher 
seems to try to invent a new definition.'’ When new 

3. As a good illustration the following is from a letter recently 
received from a professor of physics in a well known college, 
who is responsible for teaching many young men. “1 think the 
only satisfactory way to treat such cases, and the way in which 
they usually have been tacitly reasoned out, is to imagine the 
sliding contact replaced by a very thin layer of conducting liquid 
in which the motion varies continuously from one surface of the 
layer to the other. Then everything becomes clear (!). . . 

Sliding contacts are to be treated as the limiting eases of a thin 
transition layer in which the motion varies continuously from 
one side of the layer to the other.” He speaks of “what happens 
to the flux-linkage when the filament is broken by the sliding 
at a sliding contact. . . If you do not like my conducting fluid 
(in the above definition), then put in a short wire across the break 
and consider what happens during the thousandths of a second 
before the wire breaks.” The circuit was never broken in the 
case referred to. 

A well-known electrical engineer and able physicist defined 
a sliding contact as a ‘‘commutator with an infinite number of 
sections.” Maxwell (Art, 491) says that in the case of a sliding 
contact the circuit “must be regarded as a system of two or of 
some greater number of circuits of variable strength,” currents 
of even opposite directions. 
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experiments conflict with the older laws, a new definition 
is at once invented to try to make them fit, and this 
seems to be quite satisfactory to many physicists. To 
the writer however the responsibility placed on the 
sliding contact has always appeared as a tacit admis¬ 
sion that something is wrong, an admission of our 
ignorance or of some mistake. 

All this could be avoided by the revision suggested 
below. The adequate definition of a sliding contact 
then reduces itself as it should, merely to “a contact 
which slides,” and nothing more. 

General Law op Induction 

Our laws of induction (Faraday’s law of cutting lines 
of force and Maxwell’s law of change of linkages in a 
complete circuit) were based on special cases. They 
have been invaluable and perfectly satisfactory when 
limited to those special cases. But trouble and misfits 
generally arise when the laws for one special case are 
applied to another special case; it is unwise to attempt 
it. Moreover as both are special cases can we depend 
upon it that together they cover all possible cases, 
without exception, that is, are they universal.^ Has 
not our belief that they are universal perhaps checked 
development in other special cases. A single pole will 
move around a conductor, hence the reverse motion 
should generate a current. A magnet will rotate a 
conductor (Fig. 14) hence rotating the conductor near 
a magnet should generate a current. Contracting 
a current-canying conductor, or expanding its cross 
section, or unwinding it from a coil, and perhaps many 
other odd motions, ought to generate current. Some 
of these cases of induction are difficult to explain by our 
present laws, except perhaps by means of special forced 
and involved definitions of a sliding contact. Our older 
laws would surely not have led us to them, though no 
claim is made here that those above mentioned are of 
any industrial importance. 

The writer maintains that this state of affairs is not 
satisfactory and that we ought to look for a more 
fundamental general law of induction, of which the 
present ones are then special cases, to which they should 
then be limited. Such a general and presumably 
universal law could be based on a combination of the 
newlawgivenaboveformotionsand Lenz’ law, that is, if 
any of these self produced motions are reversed, there 
will be induction. Lenz’ law has presumably never 
been questioned, and the law of motion is nothing more 
than an electrical version of a well established and non- 
contested law of physics concerning energy; both are 
believed to be universal. In such, devices as trans¬ 
formers the relativity principle is then also involved, in 
that it is immaterial whether the conductor moves 
a^ss the fiux or the flux (originating with the moving 
dectron) moves across the conductor; there is relative 
motion in e ither case. 

4. That Moxw^ considered his law to be uniyersal is in¬ 
dicated in, Art. 541 in which he says we can “enunciate com¬ 
pletely the true law of magneto-electric induction” in t.liis way. 


Intensity and Direction op Field not Specific 

Enough 

It has been claimed that a magnetic field is completely 
specified by its intensity and direction. This means 
that if the source, either a magnet or a current-carrying 
conductor, moves in such a way that the field- at any 
outside point does not alter its intensity or direction, 
then the field does not move, in the sense that it would 
not cause induction in a fixed conductor. Experi¬ 
ments seem to indicate that each line is attached to its 
source, the conductor, as the rim of a wheel is attached 
to its hub, except that the attachment is elastic. If so, 
the above definition of a field is incomplete and should 
include a reference to the motion of the source, even if 
such motion does not alter the intensity or direction at 
any specific point. See also Figs. 15 and 17. 

Present Mathematical Treatment Needs Revision 

Our usual mathematical treatment has misled us in 
creating a very positive and nearly universally accepted 
belief that the only force which can possibly exist is one 
perpendicular to the conductor, like the one in the 
def^ition of the unit of cun*ent. This has checked 
progress. The usual mathematical treatment should 
not have been based on a special case in which the 
longitudinal force happens to fall out in the mathe¬ 
matics. 

A new mathematical treatment should now be devised 
in which the longitudinal force is recognized. The 
mathematical short cut based on integrating around the 
“complete circuit” which often involves quite unneces¬ 
sary complications, should be limited to those many 
cases in which it is useful. It should be accompanied 
by a mathematical treatment (far more difficult to 
devise) based on limited parts or elements of circuits 
(as proposed by Ampere) and on their relative inclina¬ 
tion and distance apart. When a desired force is like 
that between two inclined conductors, by far the 
greatest part is where they are nearest together, and 
we should therefore be able to determine how long it 
is economical to make such conductors. 

It is believed that such a system could be based on 
the assumption of only a single magnetic force, the 
tension along a line of force; then deduce the other, 
the repulsion of like lines, on the basis that there is an 
action analogous to that in hydrodynamics and that 
therefore this one force can produce motions in any 
other direction depending only on the freedom of 
motion which exists. It should also be based on the 
forces being actions at a distance, the abutments of 
these forces being in the material of the conductors and 
in that part in which the corresponding electron is 
moving. 

Experiments 

The following experiments, mostly original with the 
writer, illustrate some of the facts, opinions and 
departures expressed above. The results in many of 
them were in accordance with the predictions based on 



Feb. 1923 


HERING; ELECTROMAGNETIC FORCES 


321 


these opinions and contrary to opinions based on the 
older laws. Gospel faith in the older laws would not 
have led to them. Some of them have been published 
before and are reproduced here (by request) to illustrate 
the deductions from them. Many of them have been 
discussed for some time with able physicists whose 
comments have been considered, though generally 
when they could not justify them with the older laws 
they ignored the experiments. 

The apparatus was mostly crude and improvised 
though the results were always quite definite and 
decided. No claim is made that this is a thorough and 
completed research, nor were any quantitative measure¬ 
ments made. The experiments should be considered 
merely as a preliminary investigation. 

As it is often not possible to multiply these forces by 
using coils of many turns, the currents required are 
generally rather large and cannot be kept fiowing long 
on account of the heat. About six storage batteries of 
the usual portable laboratory type, and a low volt 
transformer giving up to about 2000 amperes, were 
generally used; in some cases a dry cell current suffices. 

In Fig. 3, IF is a long horizontal wire suspended so 
that it can move lengthwise. One end dips into the 
center of a large dish of mercury 0, in which, therefore, 
there was practically no change in the flux when the 
wire moved slightly. The other end dips into the 
narrow mercury trough M, in which a force to stretch 
or lengthen that electrically elastic part of the conductor 
could manifest itself. TOen current was passed the 
wire moved decidedly to the right showing the tendency, 
of the part M to stretch. Assuming a constant cur¬ 
rent, new flux was produced in the part which was 
added to the mercury trough part of the circuit by this 
lengthening; and it is in this part that the counter e. m. 
f. must have been generated. Moderately large cur¬ 
rents must be used unless the apparatus is light and 
sensitive, though they should not be large enough to 
cause an appreciable pinch effect in the part M, The 
vertical pat^ were made very short and can be neglected 
(see Fig. 6). Care must be taken to have the whole 
circuit in a vertical plane, or there will be a disturbing 
side motion of TF. 

Fig. 4 described over a decade ago is of interest 
because without exception every one of numerous 
physicists gave the wrong answer as to the direction of 
motion, showing how badly our older law had misled us. 
A horizontal wire TF is pivoted at P, the other end being 
free to move in a curved mercury trough M. It was 
placed in the position as shown before the current was 
started; with current it moved in the direction shown, 
which is the contrary one to that called for by the older 
law that a circuit tends to expand. The enclosure of 
the circuit decreased instead of increasing. The writer^s 
explanation is that the only part of the circuit which has 
a freedom of motion to lengthen itself, namely the 
mercury part, did so. When started on the other side 
of the^ ‘‘dead point” it of course moved in the opposite 
direction, for the same reason. 


Fig. 5 is a modified form of the classical Ampere 
trough experiment. P is a bridge wire floating on the 
two mercury troughs M M. In the original experiments 
by Ampere the battery circuit was placed at the left 
as shown in dotted lines, and the resulting moveirient 
of the wire B to the right was attributed to the old law 
that the circuit tends to enlarge itself; also to the repul¬ 
sion due to that part of the battery wire which is parallel 
to the bridge wire. The writer attributes the motion 
to the tendency of the mercury parts of the circuit to 
lengthen, owing to the lateral pressures of the disks of 
flux around them; they are the only parts in which this 
force is free to act. This was shown to be the correct 
explanation, and the older explanations were shown to 
be wrong, by reversing the position of the battery cir- 



same direction, as it should be, w;hile according to both 
the older laws it should have been reversed. The 
battery wires should not be too near the troughs. 

It is of interest that Ampere himself thought there 
was some such longitudinal force in this experiment, 
but his followers, notably Maxwell, were not convinced; 
it did not fit in with Maxwell’s mathematics. 

An interesting feature about this experiment is that, 
assuming a constant current, the counter e. m. f, is 
evidently generated in the parts which are added to 
the lengths of the trough part of the circuit, as these are 
the only parts around which new flux has been generated, 
hence it is not essential that the counter e. m. f. must b€ 
generated in the part which moves, namely P; a motiop 
may therefore be produced if a counter e. m. f. is thereby 
generated in part of the circuit. While P is the 
part which moves, the forces which niove it reside 
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entirely in the mercury trough parts, and not in B it¬ 
self, as is generally claimed. 

In Fig. 6, a long horizontal wire W suspended so that 
it has freedom of motion lengthwise, has one end dip¬ 
ping into a mercury trough M the cross section of which 
is large, and the other- end into one (m) in which it is 
small. For the same current the flux encircling the 
large cross-section in M is of course less in amount than 
that aroimd m hence the lateral repulsion of this flux 
in m should be greater than that in M; the wire W 
should therefore move to the right, which it does quite 
decidedly. 

It was, of course, claimed by the upholders of the 
old law that this was due to the repulsion of the vertical 
parts entering the troughs, even though they had been 
made very short. These were therefore placed as 
shown, close together in M and far apart in m, yet the 
movement was still in the same direction though 
slightly less in intensity; it should have been reversed 
if caused by those vrfcal parts. This shows con¬ 
clusively that the movement was not due to these 
vertical parts and that the longitudinal forces were 
greater as they overpowered the others. 

Fig. 7 shows a better and simpler way of making the 
same experiment. Three long slender mercury troughs 
were made as close together as possible, the walls be¬ 
tween them being made as thin as possible. A movable 
copper bridge piece B floating freely on the mercury, 
connects them. The meniscus of the mercury pro¬ 
jected slightly above the troughs so that the bridge 
piece had practically no vertical component. Both 
of the right-angular parts of the bridge piece were there¬ 
fore made so short that they could be neglected; this 
was done because it is these right angular parts that the 
upholders of the older theory depend upon; the previous 
experiment in Fig. 6, however, in which these perpen¬ 
dicular parts were much longer showed conclusively that 
even when very much longer than in Fig. 7, they did 
not determine the motion. 

When current was passed into the middle trough and 
out of the outer two (or all three) the bridge piece 
moved very decidedly and quite rapidly to the right. 
The motion appeared to have a constant velocity. The 
explanation is the same as in Fig. 6, that the flux around 
the smaller cross section was much greater than aroimd 
the larger one, hence the longitudinal force of the former 
overpowered that of the latter. This apparatus is in a 
more convenient form for a lecture room experiment. 

In Fig. 8, a well amalgamated copper chain was laid 
in a much longer mercury trough in a contracted posi¬ 
tion so that it could stretch. When the current was 
passed it inunediately and decidedly stretched to its 
extreme length. Copper being a far better conductor 
than mercury naost of the current passed through the 
copper, which having a far smaller cross section had 
much more flux around it than there was around the 
ends of the mercury trough, hence the longitudinal force 
pyerpowered that at the ends. As the copper is likely 


to be sucked under by the pinch effect (where the 
stretch effect is also stronger) and disappear while the 
current is flowing, it is well to float the ends with some 
light non-conductor. 

This experiment also meets the claims sometimes 
made that in some of the movements in these experi¬ 
ments it is the pinch effect which by its hydrodynamic 
action in the mercury causes the motion. If the pinch 
effect were the cause, it would act to push the ends of 
the chain towards the middle, but the fact is that the 
movement is in the opposite direction. This experiment 
which requires large currents, might perhaps be more 
conveniently carried out with much smaller currents by 
suspending the chain from floats in an electrolyte. 

TOen this chain was laid in a contracted form in 
circular mercury dishes C and S with its ends secured 
near the terminals, and in the positions shown by dotted 
lines, it stretched itself into the positions shown in full 
lines when current was passed, as a compressed helical 
spring would do. Repeated short applications of the 
current seemed to act better. 

Fig. 9 is a modifled form of an old experiment 
attributed to Faraday or perhaps to Ampere. It 
furnishes a .different and independent proof of the 
longitudinal force and one which it is difficult if at all 
possible to meet by the older laws. In the original a 
vertical conductor V was mounted so that it could move 
to the right or left parallel to itself. It contacted with 
a horizontal wire H which was stationary. When cur¬ 
rents were passed in the directions indicated the mov¬ 
able wire y moved to the left. 

The writer maintains that as the movement of V was 
caused by the current in H, then if the apparatus be 
reversed so that V is fixed and H has a freedom of 
motion in the opposite direction, the same force would 
move H in the direction of its length, which it did, thus 
showing the existence of this strongly denied longitudi¬ 
nal force. This must follow from Newton’s third law, 
that for every action there is an equal and opposite 
reaction. It also must follow from the view of Ampere 
and others, apparently endorsed by Maxwell (Art. 
527), at least not denied by him, that the force between 
two elements is along the line which joins them, as 
shown by the diagonal line. If so, such a direction 
must have components in the directions of the lengths 
of both conductors. 

It seems strange that although this experiment, the 
law of Newton, and the views of Ampere, have been 
known for the past hundred years, this method of 
proving the existence of the longitudinal force has 
apparently not been considered before, or if it has it 
has certainly not been generally known, or had been 
forgotten, and is still being strongly contested. 

In the writer’s modification the wire V was fixed and 
the long wire H was suspended so that it had a freedona 
of motion lengthwise. When the currents were passed 
in the directions shown, the wire U moved to the right, 
or when one of the currents was reversed, then to the 



Feb. 1923 


HERING: ELECTROMAGNETIC FORCES 


left. The contact between the two was made with a 
small mercury trough carried by H, When H was 
fixed and V allowed (by means of a mercury trough) to 
move in the direction of its length, it so moved away 
from H. Before the experiment a current was passed 
through H alone to make sure that no motion was 
caused by the very short vertical parts that dip into 
the mercury dishes; moreover the final motion was 
again in the opposite direction to what it would be if it 
had been caused by these vertical parts as most physi¬ 
cists will claim, because the cuiTent in one pair of ends 
is necessarily gi’eater than in the other. 

It will probably not be denied that the forces involved 
are concentrated almost entirely at or near the corner 
where the conductors are nearest together; it is there¬ 
fore a weak argument to make a crucial point, as has 
been done, of where the ‘Vest of the circuit” is. Beyond 
a few inches from the corner the circuits have probably 
an entirely negligible effect on the forces, and it there¬ 
fore does not matter where they are. Some physicists 
have “grabbed at straws” to uphold the older laws, 
instead of being helpful in trying to improve them. 

This same test was also made and exhibited by the 
writer some years ago, in a different way, resembling 
more closely the apparatus existing in many physical 
laboratories to show the original experiment of Faraday. 
H was a stationary circle and V moved around this 
circle. In the modified fonn V was faced and the 
circular part moved. Sliding contacts were used to 
replace the usual liquid conductor and this caused 
much friction, but still the movement was quite 
decided, and was witnessed by many. 

In Fig. 10 three short pieces of well amalgamated 
copper mre were floated on a mercury trough in a 
stra.ight line with their ends close together. When alter¬ 
nating currenf was passed they separated a short 
distance as shown, but would move no farther even 
with repeated applications of the cuirent. This seemed 
to indicate that the denser field around the copper 
pieces was, as it were, elastically connected to its con¬ 
ductor and that the repulsion of like lines made it 
extend itself a slight distance beyond the ends. 

Fig. 11 shows, an interesting difference between a 
direct and an alternating current. A kite shaped piece 
of well amalgamated copper was floated as shown on a 
circular dish of mercury. The idea was that the denser 
flux around the main path near the small end would 
produce a greater longitudinal force than the less dense 
flux around the much larger main path at the larger end, 
thus causing the piece to move to the right. With 
direct current it moved every time the circuit was 
closed but only for a very short distance and then 
stopped. An alternating current ought therefore to 
move it continuously, which it did, across the whole 
bath ^d at apparently a constant velocity, always in 
the direction of the large end forward. This experi¬ 
ment showed that the motion was not due to the pinch 
effect, ^ had been claimed, though if the current be¬ 


comes very great the alleged hydrodynamic resultant 

of the pinch effect in the liquid conductor will contri¬ 
bute to the motion. 

Fig. 12 represents Faraday‘s ingenious experiment 
to show that a single pole iV of a magnet moves along 
the circular lines of force aroimd a fixed current-carrying 
conductor C. This experiment does not seem to be 
described in his well known Experimental Researches, 
but was published by him in the Q^Mrt. Jour, of Sciences, 
XII, 186, and again with an illustration in the next 
issue 283; the date seems to be about 1822, just 100 
years ago; this description is included iii a later collec¬ 
tion of his works. Maxwell (Art. 486) refers to Fara¬ 
day’s experiments and shows a figure (Art. 491) which 
however is totally different from the original and the 
explanation accompanying it is difficult if at all possible 
to understand, owing apparently to Maxwell’s efforts 
to include an involved explanation of a sliding contact, 
nec^sitated by his mathematical treatment. Fara¬ 
day’s own explanation is very simple and is not burdened 
with any such complications. The writer could find 
no illustration in Faraday’s works corresponding to 
the one given by Maxwell. 

In Faraday s original experiment a permanent 
magnet N S was floated in a cup of mercury in a slant¬ 
ing position as shown in Fig. 12, with one pole tied with 
a string to the center of the dish at the bottom. The 
current entered through the central fixed conductor C 
and left through the center of the bottom. When 
current flowed the free pole moved in a circle around 
the wire C. 

The writer repeated the experiment, and found that 
apparently the chief force was a couple, as shown in 
Fig. 13, which represents a top view of the upper part 
of Fig. 12; the conductor C and magnet pole N each 
endeavored to revolve around the other, as Faraday 
showed. If linked together and pivoted at 0 they should 
therefore revolve around 0; if the link is pivoted at P 
they should revolve less forcibly around P, due to the 
difference between the two torques; these were not tried. 

When the conductor is revolvably mounted on its 
axis it ought to revolve when the magnet is stationary, 
according to Newton’s third law. The revolving force 
is then tangential, like the pull on a string wound around 
the wire, and its effect therefore becomes very RTnall 
when the diameter is small. By making its diameter 
large relatively to the distance to the magnet, especially 
when it is made hollow, the writer obtained decided 
rotation. 

It is of interest that according to Lenz’ law when any 
of these motions are reversed by an external force, a 
current should, be generated. 

A result of some interest is that when this experiment 
is arranged as shown in Fig. 14 in which a large (pref¬ 
erably hollow) fixed conductor C C has a part a mounted 
so that it can revolve on its axis, (6 6 being sliding 
contacts like a layer of mercury), it revolves whep the 
magnet is placed as shown, parallel to the conductor. 
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If the magnet were mounted so that it could move 
around the conductor keeping parallel to itself, it would 
seem to have to follow that when the part a is forced 
to rotate there would be some movement of the magnet; 
this was not tried. 

Another deduction is shown in Fig. 16. We are told 
that for the same current in the small conductor c and 
in the large hollow one C the magnetic effect on a point 
P is the same, being the same as though the current 
were all concentrated at the axis. Yet, as shown above, 
if a magnet pole be placed at the point P, it will easily 
rotate C, but c only with great difficulty. And if the 
current was concentrated at the axis, 'it would take an 
infinite force to revolve its conductor. Hence there is 
some physical difference between the fields around those 
two conductors and our older law leads us away from 
rather than toward this difference. 

In Fig. 16, jS is a solenoid mounted so that it can move 
down into a mercury cup M. C is a stationary coil. 
When like, constant, currents were passed through 
both, S moved downward decidedly. It thereby cuts 
out some of the ampere-turns, which reduces the flux 
generated by it; the reluctance of the combination will 
also be decreased somewhat but presumably in a less 
proportion, and if so the total flux of the combination 
would be less after the motion than before, thereby 
contradicting the older law that the flux increases, 
which it surely does not do in this case. Moreover, 
the self inductance is surely less after the motion than 
before; the writer had no means for measuring it. The 
two coils may be assumed to be in series. As actually 
carried out the mercury was replaced by a fixed brush, 
as in Fig. 17. 

In Fig. 17 the conditions are similar except that the 
current is now led into the solenoid S by a tod brush, 
B; the other brush B at the coil was the same as before. 
To avoid cutting out and in a whole turn at a time, these 
brushes may form a complete circle around the solenoid, 
therefore acting like the surface of the mercury. In 
this arrangement the magnetic field of the combination 
remains exactly the same everywhere in intensity and 
direction, and there is no contraction of the flux as a 
whole, yet there was very decided motion. The self¬ 
inductance evidently also remains constant. There is 
no commutation. If the lines of force are not con¬ 
sidered to be in some way attached to the moving 
electrons which produced them the troublesome sliding 
contact must again be called to the rescue to explain it. 
In the writer’s opinion new flux is generated at the 
distant end of the solenoid as the current is started in 
new p^ of the conductor, this is strongly attracted by 
the coil C; the flux at the near end which is being cut 
out, exerts little or no attraction to G; a part of the flux 
which was generated by both coils, together disappears 
as such by being converted into the kinetic energy of 

the motion. The flux therefore seems to move with the 
coil.'>" 

Fig. 18 represents a top view of a mercury trough M 


endmg in two large reservoirs or mercury, to which the 
current connections were also made. When currents 
is passed the mercury in the trough should stretch 
thereby moving into the end reservoirs, the flux around 
it being far denser than around the end reservoirs. It 
did so, as was shown by a rapid flow of mercury from 
the middle reservoir R through the short connecting 
channel and into the trough. In this case there was 
absolutely no perpendicular component of the circuit 
on which the upholders of the older laws depend. That 
this motion was not due to the pinch effect, as claimed 
by others, is conclusively shown by the fact that if it 
were, the mercury in the small connecting channel 
should have flowed in the opposite direction; the action 
of the pinch effect would be a compression of the 
liquid in the trough, which would cause it to flow into 
all three reservoirs. 



General 

It has been claimed that some of these experiments 
are “tricky” and therefore are not worthy of notice. 
The writer however maintains that a law to be universal 
must not have a single exception; if it has then possible 
progress in new fields is forbidden by it. 

The writer desires to express his thanks to the depart¬ 
ments of Physics and of Electrical Engineering at the 
University of Pennsylvania for the courtesy of extending 
to him the use of their laboratories for demonstrating 
some of the experiments. Also to Prof. R. E. Brown 
of Philadelphia for his encouraging cooperation in some 
parts of these researches. Also to the many physicists 
and electrical engineers whose antagonistic attitude 
during the past decade led the writer to a number of 
new and apparently significant experiments. 

Conclusion 

As a basis for discussion the writer suggests tenta¬ 
tively the following general outline of a proposed 
revision, in logical sequence, of the older laws, and of 
their mathematical treatment, aj^jaum ing that the 
correctness of each step has been, or will first be, 
sufficiently • conclusively demonstrated. 

Starting with the tension along a straight line of 
force (the pull between magnets) as the most basic 
fundamental, deduce from it the repulsion of like lines 
and the radial force on the conductor, from the princi¬ 
ples of hydrodynamics; then the two forces in a single 
conductor, the pinch effect and the stretch effect, which 
are independent of the length; then those between unit 
lengths of conductors, and those between magnets and 
unit lengths of conductors. Omitting the ether, 
recognize that the forces in a field are an action at a 
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distance, having their abutments in the material of the 
conductors or magnets, and that therefore the imaginary 
lines of force must be picturized as having some physical 
elastic connection with their source, the moving electron. 
Formulate in electrical terms a general law of motion 
(like the one suggested above) based on the long 
established general law in mechanics concerning the 
self-conversion of potential into kinetic energy. Finally 
on this law, combined with the Lenz law, base the 
general law of generators, that is of induction. 

Appendix 

The following is the mathematical solution by Prof. 
Richard E. Brown of Philadelphia, of the problem 
referred to above. The problem is: two like copper 
rings on the same axis, are reduced to 0 deg. absolute, 
at which their resistance is zero; like and equal currents 
are induced in them by drawing a magnet through 
them once, which currents will then continue to flow 
indefinitely (there is no outside source of supply); the 
energy put into the system is stored in the magnetic 
field. Let their attraction move them nearer to each 
other, thereby setting free kinetic energy at the expense 
of their potential energy; their flux energy and the 
currents will thereby have been reduced; (the reverse 
motion would increase the currents.) The question is, 
will the total flux of the combination have been reduced 
thereby. 

The combined flux energy of two like coils canying 
the same current, as though connected in series, is 
1/2 L = 1/2 Ili^ MP- in which % is the 

current, L the self-inductance of the combination, I that 
of each coil separately, and M the mutual inductance; 
the sign of M i is plus because the fluxes are in the same 
direction. 

The total flux linking any coil is: self-inductance 
multiplied by the current and divided by the number 
of turns; there is only one turn per coil in this case. 

Assume the current canying rings to be so far apart 
that there is no mutual inductance, and then to move 
toward each other until they coincide (theoretically), 
the current i being at first assumed to be maintained 
constant during this motion by some outside source, 
hence at the end there will be one coil of two turns; they 
are at first assumed to be filamentary, having no thick¬ 
ness. 

When the rings are far apart (no mutual inductance): 
magnetic energy = 1/2 IP + 1/2 IP = IP 
self inductance of combination = L = 21 because the 
energy 1/2 LP — IP 

total flux of combination = li + H = 2li 
When the rings coincide: 
magnetic energy = 1/2 IP -|- 1/2 IP + tp = 2 IP 
self inductance of combination = L = 4: I because 1/2 
LP^ZIP 

total flux of combination = 4/2 Z e = 2 Z i. 

Hence when the current is assumed to be maintained 


constant, the total flux remains constant during this 
motion, and the magnetic energy would be doubled, 
being supplied from the assumed source which main¬ 
tained the current constant. But in the above problem 
there is no such source and there must of course be less 
magnetic energy in the combination after the motion 
than before by the amount of kinetic energy given off 
by the self produced motion. Hence the current must 
have decreased, and as the total flux was shown above 
to remain the same when the current is kept constant, 
it follows that with a decreased current the total flux 
will have decreased. 

The writer here calls attention to the fact that in the 
above the self inductance of the combination has been 
doubled by this motion, on the assumption that at the 
end there is one coil of two turns. The flux and flux 
energy, however, and therefore the forces, are quite 
independent of whether there are then two turns with 
a current i or one turn with a current 2 i, as for instance 
if the rings were of mercury or of liquids in a furnace. 
In the latter case, the self inductance would be halved 
at the end of the motion instead of doubled. This 
shows again that the self inductance is a wrong term to 
u^ as a crucial one in such a law; also that in practise 
the self inductance may actually decrease. The fact 
that in practise when two such material rings coalesce 
(the single ring having double the original current per 
ring) the flux will be somewhat less than double that 
of a single ring, (because both the cross section and the 
current have been doubled) shows that the self-induc¬ 
tance may be even still less than a half. 

In the case of the attraction of two permanent 
magnets, it seems self-evident that not only the total 
flux energy but the total flux itself, of the combination, 
is less after the motion than before, thus disproving the 
older law that it always increases. At the neutral part 
of such a magnet, if it is a good one, it is presumably 
saturated, hence after they are in contact the flux in 
that part of each one cannot be assumed to have practi¬ 
cally doubled, which would have to be the case if the 
total flux did not change, or more than double if it 
increased with the motion. 

Prof. Brown’s tests confirmed this in the following 
way though he says the tests were somewhat crude. 
By the total flux in a 17-shaped permanent magnet is 
here meant the flux in the magnet at its netural point 
(at the curved part). This was measured approxi¬ 
mately by means of a galvanometer and a coil around 
the keeper, while it was being attracted; call this F. 
The change of flux at the neutral point of one of the 
two like magnets was then measured while the other 
was moved into contact with the fiirst; call this /. This 
quantity / was found to be less than F, showing that the 
total flux of the combination was less after the motio" 
than before, that is, less than double that of one magnei 
Some flux’as well as flux energy has therefore disap 
peared. 
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Discussion 

Electromagnetic Theory and its Bearing on the Pinch 
AND Stretch Phenomena 

C. O. Maillouxs The features of commanding interest in 
Dr. Bering’s paper are the “pinch” and “stretch” phenomena, 
both discovered by him; and the difficulty of explaining these 
phenomena by the existing theories of electromagnetic fields 
is whit has led Dr. Bering to urge the revision of these theories. 

The discussion of the paper must, at the outset, recognize the 
polemic situation due to the very interesting and significant 
circumstance of the apparent antagonism to the paper, which 
has resulted from the necessity of questioning the completeness 
and adequacy of certain theories, notably those of Maxwell, in 
regard to electromagnetic fields, because, as will be seen, the 
limitations of Maxwell’s theories are of the greatest importance 
in this ease. It is as if it was not known that fiaws have been 
found, even in great numbers, in Maxwell, years and years ago, 
and by men who were Maxwell’s peers,—^Bertz, Bemu Poinoar<5, 
Helmholtz, Heaviside, Bjerkness, etc. "When facts and theories 
fail to agree, the theories usually have to yield ground in the 
end. It is the speaker’s opinion that the facts have the best of 
it in this case. 

It seems hard to believe that any teacher could expect un¬ 
questioning faith in Maxwell today,- in the light of the commen¬ 
taries and revisions made by the men just named, to mention 
no others. For over twenty-five years Maxwell’s treatise, 
though a great classic, and a valuablework of reference, has been 
obsolete as a text book, and as a means of presentation of Max- 
w^’s own theories. The reasons for this were made very clear 
by the very man—Hertz—^whose research work on electric 
waves supplied experimental evidence of the accuracy of Max¬ 
well’s electromagnetic theory of light, and helped to prove that 


theory.^ Hertz’s two papers on the “Fundamental Equations 
of Electromagnetics,” published in Wiedemann's Annalen, in 
1890, (and which constitute Chapters XIII and XIV of the 
English. translation published in 1893), were an attempt to 
simplify and clarify Maxwell’s equations and to make them 
more consistent with Faraday’s fundamental idea that the 
“field of action” of energy was an intervening medium known as 
the ether. As Hertz put it. Maxwell fi’equently wavered 
between the conceptions that he found in existence and those 
at which he arrived himself. Hertz points out that between 
the concept of direct action at a distance, springing across 
space, and the concept of an action which is propagated from 
point to point in a hypothetical medium, four distinct methods 
of reasoning and mathematical treatment can be distinguished, 
and that Maxwell, in different pai’ts of his treatise, leans 
towards two of these modes of thought, each involving a dif¬ 
ferent conception of “electricity.” He says: “And so, unfor¬ 
tunately, the word ‘electricity,’ in Maxwell’s work, obviously 
has a double meaning.” After giving the two meanings, he 
adds: “If we read Maxwell’s explanations and always interpret 
the meaning of the Word ‘electricity’ in a suitable manner, 
nearly all the contradictions which at first are so surprising can 
be made to disappear. Nevertheless, I must admit that I have 
not succeeded in doing this completely or to my entire satis¬ 
faction.” 

Poinoar6 expressed a similar opinion in his discussion of 
Maxwell’s theories in Vol. I of his “Electricit6 et Optique.” 
Also see on this point Poincare’s “La Science ot I’HypothCse,” 
page 250 and page 259. 

"While Maxwell is always given the highest credit by all 
authorities for the marvelous gigantic work done by him as a 
pioneer in the development, formulation, and demonstration of 
new theories and principles, it is admitted generally that his 
work was not so complete and perfect as to require no ulterior 
revision or modification. 

The work of revision of Maxwell’s equations was begun a.s 
early as 1885 by Heaviside, and the importance and value of 
Heaviside’s contributions are admitted by all those who have 
participated in the work since then. For twenty years or more 
it has been considered necessary, in order to obtain a complete 
understanding and a satisfactory interpretation of Maxwell’s 
theories, to discard Maxwell’s own methods, and to resort to 
more modern methods of presentation v^hich include the ideas of 
Heaviside, of Hertz, Poincare and the other eminent authorities 
who have gone into the subject exhaustively. The study of 
Maxwell without the guidance of these authorities is apt to 
be misleading and harmful. Admiration of the mtigniflcent 
structimes erected by the genius of Maxwell does not make it a 
duty for his admirers to close their eyes to certain defects in 
these structures, or to insist upon their being also acknowledged 
as perfect anyhow. "We would not proceed far before realizing 
the absurdity of such a policy. 

Thus, Hertz has called attention to rudimentary ideas of a 
physical and of a mathematical nature (“vector-potential,” 
being cited as an example of the latter), used by Maxwell, which 
are now regarded as being superfluous and really encumbering 
scaffolding. He says, significantly, that there is no object in 
replying the forces themselves by ‘potentials unless a mathe¬ 
matical advantage is gained thereby. He sees no such advan¬ 
tage in the introduction of the vector-potential in the fundamen¬ 
tal equations; and he adds: 

“Furtherm ore, one would expect to find, in these equations, 

2. Although Hertz was one of the first workers in this field, his first 
experimental determinations of the velocity of propagation of electro¬ 
magnetic waves gave erroneous results—only about 200,000 km. per second 
(instead of 300,000)—^whlch threw serious doubt upon the correctness of 
of Maxwell’s equations. Blondlot, in Prance, was the first physicist to 
obtain experimental results by two independent methods that were in 
complete accordance with Maxwell’s theory. Hertz’ experiments confirmed 
these results subsequently. 
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relations between the physical magnitudes which are actually 
observed, and not between unignitudes which serve for calcula¬ 
tion only.” 

It is for such reasons that vector-potential lias boon eliminated 
altogether, and that other concepts have been nrodifted in the 
modernized form of Maxwell’s equations. 

Having thus brought; out the now recognized fact that Max¬ 
well’s work was not invulnerable, but tliat it was weak in 8i)ots, 
and has had to bo retouchod, we may next consider the funda¬ 
mental limitations of the Maxwellian t.heory, to see if porliaps 
too much has not boon exijooted of it. 

P«iinoan!, the poor of all his contemporaries in pure and applied 
mathematics, and the greatest genius of all time in mathematical 
philosophy and logic, said: 

(“La Science et I’llypothose,” page 249): 

‘‘Maxwell does not give a mechanical explanation of electricity, 
and of magnetism. 

He merely shows that such an o.xplanatiou is possible.” 

The notes obtained from .some coui’ses of loctures on Ma.xwoll’s 
theories presonted in the revised form aliovo mentioned, which 
the speaker attended many yoai*.s ago, as a graduate student, 
contain tho following interesting commentary: 

‘‘It should 1)0 stated and understood at tho outset that tho 
Maxwellian theory does not toll us any tiling of tho true ultimate 
nature of electricity and magnetism, or of electronlaguotio 
processes. What it tolls us is how certain vectors, namely, 
voctor.s of electric and of magnetic force and flux, vary in siiaoe 
and in time. If. furnishes a fairly complete {foometricnl theory 
of the space and time relations of those vectors and of f.ho forces 
or fluxes which they represent. While it tells us of the.so things 
to a .saiKsfactory degree of oompleton(!.s.s, it gives us only limited 
information-satisfactory as far as it goes, but not going far 
enough—regarding tlie dynamic theory of these forces and of the 
phenomena in which they are involved.” 

Tlu).so views were oonfirmed and corroborated in convincing 
maimer by Prof. V. F. K. Bjerknes, in his lectures on “Fields of 
Force” delivered at Columbia University in 1905, which tho 
speaker attended. In his introductory remarks (See tlie printed 
account of these lectures, Pulilication One of tho E. K. Adams 
Fund for Physical Research, Columbia University Press, 1909), 
Prof. Bjiirknes said: 

“Tlie idea of electric and rnagiietio fields of force was intro- 
eluced by Faraday to avoid the mysterious idea of an action at a 
distance. After the victory which Maxwell’s theory gained 
through tho oxj)onmGiil-.s of Herl.z, tlie idea of tho.so flehls took its 
place among the most fruitful of theoretical physics. And yet 
if we ask, what is an electric or a magnetic field of force*/ No 
one will bo able to give a satisfactory answer. We have theories 
relating to tho.so flehls, but we have no idea wliatover of what 
they are intrinsically, nor oven tho slightest idea of tlie path 
to follow ill order to di.scover their true nature. Above all 
other problems which are related to fields of force, and which 
occupy investigators daily, we have, tlierofore, the iirobletn of 
fields of force, namely, tho problem of thoir true nature.” 

The method of research followed by Prof. Bjerknes consisted 
in generating what he termed "hydrodynamic” fields of force 
in masses of water by moaiis of motion of vibratory nature, 
produced by pulsating and oscillating bodies, and then tracing 
analogies between the phenomena of attraction and repulsion 
produced in these “hydrodynamic” fields and tliose produced in 
electric and magnetic fields. By moans of lieautiful experiments 
he showed that tho lines of magnetic force in a magnetic field 
can be represented in perfectly analogous manner by linos of 
oscillation in a hydrodynamic field. The hydrodynamic field 
experiments produced phenomena resembling magnetic attracr 
tipn and repulsion so closely as to suggost a very close analogy, 
if not an identity, between the physical principles Involved in 
both cases; and explanations of electric and magnetic phenomena 
were sought by the aid of these analogies. It was found, how¬ 


ever, that tho analysis and interpretation of tlie phenomena was 
much less dillfioult in the ease of the liyih'odynamio field than 
in the case of the olootric and magnetic fields. Prof. Bjerknes 
says: 

“Tho extent of our knowledge of the different kinds of fields 
differs greatly. All tho properties of the liydrodynamic fields 
follow directly from the most trustworthy laws of nature, that 
is from the principle of the conservation of the mass, and from 
the principles of dynamics. With reforeiico to electric or 
magnetic fields, on the contrary, we have only formal theories. 
First we have an e.\tensively developed (feomctric theory of the 
distribuHoii in. space of the vectors, which describe the field. 
And then, in a more or less superficial connection to this geo- 
motric theory, we liavo a very much less developed theory of the 
dynamic jiropertios of the fields. 

Taking tho facts as they lie before us, we .sliall be oliliged, 
therefore, to give to our theory a dualistic form, comparing 
separately the geometric and tho dynamic iiroiiorties of tho two 
kinds of field. It may bo resorvod for the future to penetrate 
to tho central point, wliore tho geometry and the dynamics of the 
question are perfeci.ly united, and thus make tlie comparison 
of the two kinds of field perfectly easy.” 

In roforonee to the dynamics of the electric or tlie magnetic 
field he says: 

“Our knowledge of the dynamics of tho oloctrio or magnetic 
field i.s very incomplete, and will presumably remain so as long 
as tho true nature of tho fields is unknown to us. 

“What we know empirically of the dynamic.s of tho electric 
or magnetic fiohl is this:—bodies in the fields are acted upon by 
forces ivhich may bo caloiilated when we know tho geometry 
of tho field. Under tho influence of those forces tho bodies may 
take visible motions. But wo have not tlio slightest idea of 
the hidden dynamics upon wliich these visible dynamio phe¬ 
nomena depend.” 

Faraday’s idea, for instance, of a tniision parallel to, and a pres¬ 
sure perpendicular to tho lines of force, as well as Maxwell’s 
mathematical translation of this idea, is merely hypothetical. 
And oven though this idea may contain more or loss of tho truth, 
invastigatora liave at all events not yet succeeded in making this 
dynamical theory a central one, from which all tho properties 
of tho fields, the geometric, as well as the dynamic, naturally 
develop, just as, for example, all jiroporties of liydrodynamic 
Acids, the geometric as well as the dynamic, develop from the 
hydrodynamic oquations. Maxwell himself was very well 
aware of this incornplotonoss of his theory, and ho stated it in 
the following words: 

“It iriust bo carefully lM)rne in mind that we have only made 
one step in the theory of tho action of the modium. Wo have 
su|)posed it to lie in a state of stress but have not in any way 
accounted for this stress, or oxiilained how it is maintained. 

I have not been able to make tho next stoj), namely, to account 
by mechanical considerations for these stresses in the dioloctric.” 

In spite of all formal progress in the domain of Maxwell’s 
theory, these words are as true l,oday (1905) as they wore when 
Maxwell wrote them. 

In reference to the geometric properties of eleetromagnetlc 
fields according to Maxwell’s theory, Prof. Bjerknes says: 

"Our knowledge of oloctroraagnetio fields is contained in 
what is generally called Maxwell’s theory. This theory does 
not tell ns what electromagnetic fields are in their true nature. 
It is a formal theory, bearing upon two aspects of the properties 
of tho fields. What are called Maxwell’s equations give a 
very full description of the variation from time to time of the 
geometric configuration of ulectroinagiiotio fields. To this 
geometric theory is only feebly linked the much less developed 
theory of the dynamical properties of these fields.” 

In reference to the geometric description of electromagnetic 
fields. Prof, Bjerlmes says: 
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“To give this description, a series of special electric and special 
magnetic vectors has been introduced. 

“We believe that these vectors represent real physical states 
existing in, or real physical processes going on in the medium 
which is the seat of the field. But the nature of these states or 
processes is perfectly unknown to us. What- still gives them, 
relatively speaking, a distinct physical meaning is, as we shall 
show more completely in the next lecture, that certain expres¬ 
sions formed by the use of these vectors represent quantities, 
such as energy, force, activity, etc. in the common dynamical 
sense of these words. These quantities can be measured in 
absolute measure. But their expressions as functions of the 
electric or magnetic vectors contain ^ways two quantities of 
unknown physical nature. When once the discovery of a new 
law of nature allows us to write another independent equation 
containing the same unknown quantities, we shall be able to 
define perfectly the nature of the electric and magnetic vectors, 
and submit them to absolute measurement in the real sense of 
this expression. Provisionally, we can only do exactly the 
same as does the mathematician in problems where he has more 
unknowns than equations; viz. content ourselves with relative 
determinations, considering provisionally one or other of the 
unknown quantities as if it were known. But we retain the 
sjmabols for the unknown quantities in aU formulas bearing 
upon the pure theory of electromagnetic phenomena, for this 
will be the best preparation for the final solution of the problem.” 

“This imperfect knowledge is, of course, also the reason why 
our theory of electromagnetic fields is split into two different, 
loosely connected, parts; first the geometric theory of the fields, 
where the relation of the vectors to time and space is cousidered 
independently of every question of the physical sense of the 
vectors; and, second, the dynamical theory of the fields, where 
the question of the nature of the vectors is taken up, but only 
imperfectly solved.” 

If we bear in mind the obviously electrodynamic nature of the 
new phenomena mentioned in Dr. Bering’s paper, and for which 
the classic laws of electromagnetism fail to give an adequate 
explanation even when they are strained by more or less sophistic 
expedients (sliding contacts), we can appreciate the force of the 
preceding comments of Prof. Bjerknes upon the limitations of 
Maxwell’s theories from the electrodynamic point of view. 
Indeed, in the opinion of the speaker, the burden of proof may 
be considered as having been thrown back upon the Maxwellites, 
meaning those of the orthodox school, because the Maxwellites 
of the reformed school would have been less militant, precisely 
because they are informed in regard to the flaws, the gaps, and 
the weak joints in electromagnetic theory as it stands today. 
It is dangerous in physios, as in other things, to claim more than 
the physical facts will warrant. The true office of physical 
laws is to explain physical facts and not to contradict them or 
deny their possibility. 

The reference made by Bjerknes to Faraday’s idea of a tension 
parallel to, and a pressure perpendicular to, the lines of force 
in a magnetic fleld, indicates that he attached much importance 
to further development of a dynamic theory based upon that 
idea, in a manner that would make it possible, as he says, for 
aW the properties of magnetic fields, both geometric aja.6. dynamic, 
to be developed naturally. Dr. Bering comes very close to 
Bjerknes when he expresses the belief that a satisfactory theory 
could be based on the assumption of only a single magnetic 
force, the tension along a line of force, the other property, the 
repulsion of like lines, being then deduced from the first. 

Unfortunately, this is easier said than done. We may see the 
goal that it is desired to reach, but as Bjerknes well said: “We 
have not eyen the slightest idea of the path to be followed in 
order to a.ttain it.” ^ ^ 

The trouble appears to be that the specification of the physical 
characteristics and properties of magnetic fields is not yet com¬ 
plete. That is lyhy, as Bjerknes says, we have more unknown 


quantities than equations. Nevertheless, Dr. Bering’s paper 
contains many suggestions and cautions that will prove of great 
value, as a means of keeping on the right track whenever w'e do 
succeed in finding an entrance to the right path. The paper is 
filled with ideas, the complete discussion of which, in some cases, 
would lead us far into physical and philosophical problems of 
more or less abstruse character. 

With regard to the stretch phenomenon, which seems to be the 
principal cause of objection to Dr. Bering’s views, it may surprise 
those who dispute its existence and even its possibility on Max¬ 
wellian or other theoretical grounds, to learn that two very 
distinguished disciples of Maxwell, Mascart and Joubert, 
disagree with it very seriously. This may be due to the 
fact that the treatment of electromagnetism in their own cele¬ 
brated classical treatise on “Electricity and Magnetism” does 
not follow Maxwell very closely, but follows more the French 
School of Physics. In Volume I, Part IV, Chapter I, Paragraph 
455, after the statement that “the action of a current upon 
itself, can also produce deformations or continuous motions,” 
some experiments with a movable portion of circuit ai*e described; 
and the discussion ends with the following significant remark: 
“If the wire is elastic it will stretch until its elasticity balances 
the electromagnetic forces.” 

This may be considered expert opinion of highly qualified and 
competent character in defense of Dr. Bering’s views. 

Dr. Bering’s suggestion that the mathematical theory should 
avoid intentions around complete circuits and should, instead, 
be based upon limited portions or elements of circuits, is of great 
importance. Be sees the same dangers in going too far, or 
beyond proper limits, that occurs in the case of the mathematics 
of the soap bubble film, mentioned in the paper, in which a 
formula that is quite rational for finite values of the radius of the 
buble, becomes “insane” when the radius is increased to infinity. 
This is a matter of such importance, and similar oases of mathe¬ 
matical insanity are so frequent, that it is worth while to call 
attention to the simple means of preventing it, namely: “Be¬ 
ware of absolute infinity," “No thoroughfare here." Tliat is 
perhaps the first thing that every student of mathematical 
physics should learn by heart. It is the one and only unfailing 
preventive .of that form of insanity. It may be consoling to 
learn that many of the greatest mathematicians that the world 
has known were not free from attacks of that form of insanity; 
but that is no excuse for not taking measures to stamp out the 
disease. 

Ask any student to draw two right lines, one perpendicular 
to the other, at or near its middle, and then to imagine both 
lines to be prolonged indefinitely; and ask him if he can possibly 
conceive that as the two lines were increased in length, there is 
at any stage even a faint resemblance of the T to a sector of 
circle. Be will say “no.” Let him, now, start with a small 
sector of circle, and let him imagine the radius of the cii'cle to 
be increased indefinitely; and then ask him if, ultimately, the 
arc of the circle will become a right line. The chances are that 
he will answer “yes;” although the correct answer should be: 
“There can be no circle whose periphery is a perfectly right 
line.” What is the reason for this error? In the first example, 
the naind was left free to see and to reason; in the second ex¬ 
ample, the mind was hypnotised by a question which assumed 
the possibility of doing something that is impossible physically, 
metaphysically, and mathematically, for human beings, namely, 
the Crossing of the abyss that extends from the limits of the 
finite to the infinite. That impossible kind of circle is the 
hypothetical “circle of Pascal” whose center is everywhere and 
whose circumference is nowhere. The limit of the finite is only 
a rdative infinity. The other is an a&soZute infinity. The rela¬ 
tion between these two kinds of infinities has been treated 
exhaustively in the work of Bemy Fleury (“Thdorie rationelle 
de rinfini .math4matique et du Calcul Infinitesimal,” Paris 
1899, pp. 324). Under the heading of “Properties of Infinity” 
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lecture, and I still adhere to it as being, in my opinion, somewhat 
more appropriate, and I have believed, for a long time, that 
when the mathematical theory of elasticity shall have been 
developed to a sufficient point, we shall have all of the data 
necessary for Avorking out a perfect theory of magnetism. In 
other words, I believe that magnetism is nothing more than 
a manifestation due to the elasticity of the surrounding medium, 
that it is an elastic disturbance, and I may state, in passing, 
that it is here that I differ with the conception advanced by 
Faraday and Prof. Thomson as to the shortening of the lines of 
force. I think that the idea of shortening is rather vague. 
I hardly think that we can say that lines of force shorten as 
such. It would probably be more appropriate to express it 
in some other way. What seems to us to be shortening is 
probably merely the manifestation of some other phenomenon. 
Another point is the snapping of the lines of force. I shall 
endeavor to present some experiments which illustrate the fact 
. that lines of foi’ce do snap and break, as I did in the lecture of 
1883, and that the snapping is not simultaneous.” 

These remarks would need very little modiffcation today, so 
far as their substance is concerned. They might be amplffied 
somewhat so as to make clear what were (and are still) the 
speaker’s views in regard to the so-called “shortening” of lines 
of magnetic force. There was also a slight error in saying that 
lines of magnetic force “break” without explaining more fully 
what was meant. The fact is that lines of magnetic force do 
not ''break'* in the sense of being severed or parted like a 
string or a wire that is broken into two pieces; but they may 
break away and be parted from an “anchorage” such as from an 
iron armature which is moved in front of the poles of a magnet 
or in any magnetic field. That “break away” movement is 
sudden or “snappy,” but it does not occur simultaneously for 
all the lines of force in a given portion of magnetic field; it 
occurs for each “vortex” by itself when the conditions are 
right for that vortex or line of force. 

The additional details promised were not'sent in, partly from 
lack of time, but mainly from a realization of the importance of 
reviewing the whole subject fully before adding to the extempore 
discussion referred to. 

The earliest conjectures of the speaker, as outlined in 1879 
(in the unpublished paper mentioned in the previous A. I. E. E. 
discussion) are not without interest on this occasion, when it is 
desirable to gather together all ideas that may prove helpful. 
These conjectures Were: 

That lines of magnetic force were elastic like steel rings or 
hoops; that they tended, normally, in a homogeneous dia¬ 
magnetic medium, to take the form (figm*e) of perfect concentric 
circles; that any departme from the circular concentric form 
was, in a sense, abnormal, being due to disturbing conditions 
and forces, and that it was always attended by reactions which 
tend to restore the circular form; that there was.a limit to the 
extent to Avhich they could be swerved or distorted from the 
circular form; and that, at the limit of distortion, they would 
‘ break away" and assume a more circular (“normal”) form, and 
would do so in a sudden, snappy manner as if they were resilient, 
and recoiled like an elastic ring that has been distorted and is 
suddenly released or else suddenly breaks loose from the dis- 
tortmg force that was acting upon it. 

The process of reasoning followed was as follows: 

Ha hoop made of tempered steel wire forming a perfect circle 
IS distorted in any way and then released suddenly, it wiU 
instantly recover the form of a perfect circle. A perfectly 
elastic Steel hoop would be a good physical model of a line of 
magnetic force or of a bundle or coil of such lines, in regard to 
the manner m which it is infiuenced by, and reacts upon, outside 
forces, but such a model is incomplete a,nd inadequate for the 

magnetic field itseH 

exerts upon the forces producing it. According to Newton’s 
prmciple, dynamic action and reaction are always equal and ’ 


opposed to each other. On the theory that, in this ease, an 
elastic disturbance is produced in the ether surrounding an 
electric conductor, a line of magnetic force may be regarded as 
being a dynamic reaction against some dynamic action wliich is 
exerted by the electric current passing througli the conductor 
If we picture the action at each line of force as comparalile to 
that of a conical wedge which is forced into a rubber ring, then 
the reaction is made intelligible to us as a state of tension which 
causes the ring to be stretched into a larger, thinner ring; and 
the tension thus produced is the complete measure of both the 
reaction and the action. If the action is increased, the reaction 
will increase enough to balance the action and the rubber ring 
will be expanded into a still larger circle. If the action decreases, 
the ring will shrink in size until the decreased reaction in tlie 
new state of stretch balances the reduced action. This is what 
the speaker had in mind when he said (in the A. I. E. E. dis¬ 
cussion in 1890) that we can hardly say that lines of force shorten 
as such, and that the shortening is probably the manifestation 
of some other phenomenon. The phenomenon which he had in 
mind was the elastic reaction of the medium against the action of 
the current producing" the lines of force. In this case, the 
“action” is, in all probability, different from that represented by 
a mechanical pressure exerted radially like the pressure exerted 
by the conical wedge above mentioned; and, consequently, tho 
reaction is entirely different from that represented by the tension 
of a stretched rubber ring. The speaker early acquired tho 
habit, which he has never lost, of using elastic steel ring.s as a 
mechanical model or analogy in explaining magnetic action. 
Thus in a note-book under date of August 11,1889, we have: 

Theory of Magnetic Attraction and Repulsion (based on 
experiments of 1879), (with two diagrams): 

“Taking two conductors parallel to each other and carrying 
currents, as the simplest illustration, we have; 

1st, attraction when the currents are in the same direction; 

2nd, repulsion when the currents are in contrary directions. 

(1) In the first case, I regai-ded the attraction as due to the 
blending of the magnetic circuits into one circuit, as shown in the 
sketch, and the effort made by the resultant circuit to assume the 
concentric circular form. In other Avords, Avhen there is only 
one conductor it tends to maintain itself in the center of the 
vortex: when there are two or more they tend to go to the center 
of a combined or resultant vortex, and consequently to come 
together. 

In such a case I can conceive that, instead of being shortened, 
some of the lines immediately surrounding the conductors, might 
be on the contrary actually stretched or distended. In fact, 
they would aU be in a sense stretched as long as the vortex did 
not resume the perfect circular form. 

(2) The second case (of repulsion), I regarded as that of the 
compression of a steel hoop or ring, by contact Avith another 
steel hoop or ring, with the conductor impelled as before to 
maintain itself central with respect to the rings, and being 
consequently, urged in a direction opposite from attraction. 
In this case, we might consider that the lines of force act rather 
by expanding than by contracting or shortening.” 

In a note made the next day, the concept of a vorte.x-like 
disturbance of the ether is introduced. 

The vortex-motion theory always was interesting to the 
speaker largely because it is a kinetic theory. He believes, with 
Maxwell, Shelford-Bidwell, and others, that kinetic theories of 
mag;netism are the only ones that will stand serious scrutiny. 
Even in a medium which is infinitely tenuous like the ether, 
Idnetic energy can still be developed in measurable quantities, 
since the decrease in mass can be made up by an increase in 
velocity. In the formula E = m »V2j the value of E Avill 
remain constant as long as the product m remains constant, 
and when the mass (w) is reduced to 1/n of its value, the velocity 
(») does not have to be increased n times but only the square 
root of n times. Noav the elastic properties that make lines of 
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John H. Klorecroftt Dr. Bering’s paper is rather difficult 
to discuss, as he makes so many ambiguous and general criticisms 
of our present laws, trying to show their inadequacy, but never 
apparently doing so, when one analyzes his methods. Such 
ideas as conveyed by the expressions “reactions of these forces 
on each other, or on a foreign force” and “abutments or anchor¬ 
age of the forces in a field” certainly do not tend to clarify his 
arguments. 

When one conceives of the electric current as moving electrons, 
as he is evidently beginning to do, it seems rather inappropriate 
to speak of the energy of the rhagnetic field as potential energy, 
as he does; this energy is due entirely to the motion of the 
electrons and so would naturally be classified as kinetic energy, 
while the energy of the electric fields of the electrons, present 
when the electrons are stationary, is better called potential 
energy. 

The whole paper is so full of ambiguities and misleading 
statements that a complete discussion is out of the question, but 
an analysis of a few points Dr. Bering brings up is attempted in 
the foUovdng notes. 

In discussing Pig. 1, in his paper he apparently thinks 
that the idea of current flowing in such a circuit is a 
new one; it seems well to point out therefore, that every 
time he telephones he is probably sending his voice 
current through just such a ch'cuit, and that the tele¬ 
phone engineers use circuits of this make-up probably 
more than any other kind. ' The circuit of his Fig. 1 
is closed through a condenser, the two plates of which consist 
principally of the two spheres A and R; the ordinary telephone 



Pig. 1 

circuit is closed in just the same manner, but there the condensers 
have a somewhat larger capacity than is the ease in Pig. 1. In 
spite of this statement to the contrary, it is necessary “to consider 
every circuit closed, if we wish to calculate how much current 
will flow in it; what seems to constitute an “open circuit” in 
his Pig. 1 is rather a capacitive reactance between plates A 
and R, a reactance so high for ordinary frequencies that neg¬ 
ligible current can flow and so it is classed by engineers dealing 
with ordinary power circuits, an open circuit. But there is no 
real distinction between an open circuit and a closed circuit, from 
the theoretical viewpoint; current will flow in any circuit in 
which there is electromotive force acting, especially if this is an 
alternating e. m. f.; the amount of current may be so small that 
its effects are negligible and the circuit is therefore called open. 
Actually the same law of durrent flow holds good for all circuits. 

In such a circuit as that of his Pig. 1, this current would be 
so small in the ordinary test as not to be measureable and so the 
circuit is said to be open; if however a frequency of one hundred 
milhon cycles is used the capacity reactance of the condenser 
A-B is sufficiently low to permit the passage of measurable cur¬ 
rent and so the circuit would not be called open; the writer sees 
no r^/Son at all therefore for any argument at}Out this circuit; 
it follows the ordinary laws of circuits, as do all the rest of his 
circuits, one or two of which will now be discussed. 

To cla^y somewhat (even though only a little) some of the 
material presented in the paper, and to show how the author of 
the paper thuiks and reasons, I \^1 recall an argument he pre¬ 
sented about fifteen years ago; I hope he wiU bear with me for 
■^or so as the experiment he then described contains what 


seems to the writer a fallacy, which fallacy is present in some of 
the experiments contained in the present paper. 

Can a circuit, being linked with some magnetic flux, be un¬ 
linked from this flux without having a voltage induced in it? 
That was the question Dr. Bering put to himself, and his answer 
was—Yes, arrived at as a result of the experiment now to be 
described. 

Bis experiment was arranged about as shown in Pig. 1. 
An electric circuit consisting of the galvanometer G, two flat 
brass springs D, D, fastened to a wooden block C, and in contact 
at jSf, is linked with all of the flux through a bar magnet, shown 
in section at A. Around the bar magnet is fitted a smooth brass 
ring B. ^5 

By pulling block C (towards the right in Fig. 1) the springs 



Pig. 2 


D-D come in contact with ring R, further motion in the same 
direction opens the contact at R, and still further motion carries 
them around the ring, until they finally slide over the ring and 
again come in contact on the right side of the ring. This se¬ 
quence of events is suggested in Pig. 2. In Pig. 1 the circuit 
evidently is linked with the magnet’s flux, and in condition c 
of Pig. 2 it evidently does not, and hence, as the galvanoraotor 
has shown no deflection during the progress of this ingenious 
experiment, the author would have us conclude that a circuit 
can be unlinked from magnetic flux without having an e. m. f. 
induced in it. The results of this experiment, however, con¬ 
stitute no reason at all for the conclusion; our old ideas about 
changing interlinkages generating e. m. f’s. are just as trust¬ 
worthy after the experiment as before. 



Pig. 3 


It will be seen that in position a Pig. 2 there is no longer a 
circuit involved in the argfument, but there are two circuits, one 
of which (springs and left hand side of ring) still links with the 
flux and another (spring and right side of ring) which does not 
link with the flux. So, the experimenter has replaced a circuit 
by circuits, one of which does not link with the flux at all. 

I suggested at the time that the audience would understand 
the experiment better if it were performed as suggested 
in Pig. 3, the sequence of events being exactly the same 
as it was before, but the various steps being somewhat more 
evident. A circuit shown by the full lines of Pig. 3 boka with the 
flux of ma^et A; the wire of which the circuit is comprised being 
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must think accurately, not confusing one circuit with another— 
he must not be willing to apply a law to a ease which involves 
premises which the law does not. It seems to the writer that 
the older laws, about which doubt was supposed to be east by 
these experiments, are rather substantiated by them. 

John Mills: I have had no opportunity unfortunately to 
try out any Of these experiments. I approach the problem very 
much from the standpoint of the remarks of past President 
Mailloux and I wish to use the occasion to arouse a further 
interest in the mechanisms which underlie the phenomena Mr. 
Hering describes. 

I think Mr. Hering’s interesting paper should be approached 
in the spirit of one who recognizes that the past twenty-six 
years, since J. J. Thompson identified the electron, have been 
revolutionary and scientific concerts. He calls attention to a 
much needed reconsideration of our formal expression and 
exposition of electro-magnetic phenomena. Today, we have 
electronic mechanisms which Maxwell and his immediate suc¬ 
cessors did not have. Today the ether is the most debatable 
assumption and energy and an electrical matter are the two 
entities with which the electronic physicist deals most con¬ 
sciously. With Mr. Hering’s fundamental appeal for recognition 
in our expositions of underlying mechanisms I am most heartily 
in accord. I have tried some missionary work along that line 
myself but with relatively small success. 

Without any regard to the criticism which can be directed 
towards the experiments which Mr. Hering has presented let 
us consider his Pig. 4, and look at it without reference to the in¬ 
ductance. Imagine billions of electrons rushing along from the 
negative terminal of the battery, along the connecting wire and 
plunging into the liquid of the trough Then remember that 
each of theseelectronsisaboutl/1845of themassof a hydrogen 
atom. Remember that for the currents used there would be 
about a thousand billion billion of these electrons taking that 
plunge each second. Now I simply raise the question: Is it 
inconceivable that, as they do plunge, they should kick back on 
the slider? I do not believe it is inconceivable,—and I cannot 
see—and here is where I differ and am unpopulai'—I cannot see 
that flux and other Maxwellian concepts enter into the problem 
at all. 

Whether or not, however, these electrons, in their obedience 
to Newton’s third law of equal action and reaction will result in 
a perceptible motion of any given slider is a question that the 
electronic physicists can answer for us, either from data at hand 
or by simple but refined researches. 

I admit our knowledge is incomplete, but it seems to me ohr 
knowledge has to be expressed in terms of the electron of which 
we have heard for twenty-six years. We may apply the same 
ideas to other figures of the paper by Mr. Hering and reach similar 
conclusions. In each case, however, the problem is one- of 
electrons and is not a problem of flux nor a problem of “stretch 
effect.’’ If there is a stretch effect it must be explainable on 
an electronic basis. 

Two of the experiments, namely those of Pigs. 3 and 6 are 
conceivable upon the electronic basis mentioned above but 
require a recognition of the fact that because the shape and 
sizes of the vessels, into which the moving wire dips, are dis¬ 
similar there will be possible dissimilar conditions of turbulence 
due to thermal effects. One could have wished that Mr. Hering 
had approached this investigation more directly from the view 
point of electronics and obtained quantitative results. 

H. G. Brintou: In conneotiou with the subject of funda¬ 
ment^, I would like to say a few words about fundamental 
electiic fields and the electron theory. 

The electron theory is not completely perfected. There 
^e Some phenpmeha which it has not yet explained, although 
it is accepted as our most fundahiental theory and deals with 
the constitution of matter as weU as electric and magnetic 
phenomena. The phenomena of Cavitation and of the propo- 


gation of electromagnetic waves through space are two of the 
most interesting oases of unexplained phenomena. There is 
also need for more clear and fundamental explanations of other 
phenomena, as pointed out by Dr. Hering. These unsolved 
problems make a consideration of the fundamental theory still 
more fascinating. I have made a study of this subject as a 
matter of personal interest and have worked out a development 
of the electron theory which affords a basis for the explanation 
of gravitational as well as electromagnetic phenomena. 

The point of view of this discussion is based on the idea or 
fact that we have no conception of the ultimate essence of 
electrons, protons, and fields of force. We only know how 
they act. The human mind has not been capable of going 
further than that. What is spoken of as “knowing the ultimate 
nature of matter’’ can only consist, under present conditions at 
least, of a detailed knowledge of the nature of the behavior of 
the smallest units. We consider matter as made up of a large 
number of fundamental units. Prom this point of view, an 
explanation of complex phenomena involving fundamental units, 
will be a statement of the actions taking place, in terms of the 
actions of fundamental units and in accordance with fundamental 
laws. The things we now consider most fundamental cannot 
now be explained in terms of anything more fundamental, but 
our ideas in regard to what is most fundamental are subject to 
change. Our fundamental ideas must be judged by their eoii- 
sisteney with each other and by their utility as a basis for 
explanation. 

The fundamental units of matter should involve electrons and 
protons in some way. Since we regard electrons and protons 
as primarily centers or teminals of fields of force, it sooms 
logical that the fundamental units should involve electric fields 
of force. Let us therefore take, for a fundamental unit, the 
field of force extending from a single proton to a single electron. 
We will retain the idea that electrons and protons maintain 
their identity and assume that the fundamental unit fields of 
force maintain their identity under all conditions. There is 
such a field of force extending from each proton to every electron. 
What we usually have called an “electric field’’ must now bo 
called a “resultant electric field’’ to distinguish it from the 
fundamental unit electric fields. 

We have to consider next the inter-action of these fundamental 
fields. The action of a single field needs no description here. 
Let us consider the case of two positive particles with fields 
directed outward from each particle, or the case of two negative 
particles with fields directed inward to each particle. In these 
eases the adjacent fields are in the same direction or have com¬ 
ponents in the same directions, and wo know that there is a 
resultant force tending to move the two particles apart. Wo 
may, therefore, say that two adjacent fundamental fields in the 
same direction tend to move apart. This is the same action 
that takes place within a single field. If one field is super¬ 
imposed on another field having components in the same direc¬ 
tion, but of varying intensity, the first field tends to move 
away from the stronger part of the second field as a result of the 
combined actions of adjacent parts of the fields. This resultant 
action is what determines the direction of the resultant force 
tending to move two positive particles or two negative particles 
away from each other. 

In the case of two particles, one of which is positive and one 
negative, we have fields directed outward from the positive 
particle and fields directed inward to the negative particle. In 
this case the two adjacent fields have components in opposite 
directions and we know that the two particles tend to move 
together. To be consistent, we must say that two fields having 
components in opposite directions tend to move together. This 
is the direct opposite of the action between two adjacent fields 
in the same direction. There is, however, another action to 
consider in the case of a positive and a negative particle. In 
addition to the fields referred to above extending to and from the 
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zero initially then they must remain zero, whatever else happens, 
so long as the rings are closed and have zero resistance. 

Therefore, the deductions in the appendix are wrong. The 
magnetic linkages cannot decrease or increase in a closed ring 
without resistance. 

Inasmuch as the equations used by the author assume the 
validity of the above equations, the conclusion would seem, to 
be clean cut. 

It may be of interest to further point out that the author’s 
proposed law is merely a specialized re-statement of the com¬ 
monly applied principle that the electromagnetic force acting on 
any part of a circuit is 


/ = 1 / 2^2 


dL 

dx 


^ dL 
where, —- 
dx 


— the rate against distance, not time, at which 


the total inductance of the circuit would change if motion of that 
part of the circuit occurred in the direction of the force. 
i — instantaneous value of current. 

The author’s proposed law is: “in an electromagnetic system 
in which the current is being maintained by a som*ee, any and 
only such mechanical motions of the conductor will tend to take 
place as will generate a counter e. m. f. somewhere in the circuit.’’ 

The counter e. m. f. which the author defines here is, 

= . dL 
^ dt 

Of course if there are circuits in inductive relation to the one 
in question, the force is given by 


/ = 1/2 tV 


dLi 

dx 



and the counter e. m. f. referred to, is given by 


e — ii 


dLi 
d I 



attentive and thoughtful reader. Every exception or restriction 
upon the scope of a law ought to be mentioned, at least in a foot¬ 
note. And then, besides' imperfections of statement, many 
books contain a distressing number of genuine errors. But to 
err is human and we shall never see perfect books. 

Let us take up Dr. Bering’s chief points in order. 

1. Do circuits tend always to increase their flux? I think that 
thej' do; Dr. Bering’s own experiments confirm this law. Of 
course, in calculating the change in flux one must imagine the 
current to be kept constant. This assumption will be found to 
underlie all deductions of the law, although I am afraid that 
textbook writers do not sufficiently emphasize the point. 

In Dr. Bering’s Fig. 5, a careful study of the flux shows that 
the motion increases the flux no matter on which side the battery 
is placed, for when we flop the circuit over to the other side of the 
mercury troughs we reverse the direction in which a line of flux 
must be called positive as it passes through the plane of the 
paper, and this reversal compensates for the change in the loca¬ 
tion of the area enclosed by the circuit. 

What this experiment really shows is that a circuit does not 
always enlarge rmder the action of its own flux—and I must admit 
that some textbooks make wrong statements about this. I think 
that any plane circuit so shaped that it bends always toward 
the same side as we go round it, will always tend to enlarge under 
its own electromagnetic forces, whereas this may not hold if the 
circuit contains a part shaped like an S or a Z. 

The law holds also for Dr. Bering’s imaginai’y experiment in 
which two rings of no resistance have currents induced in them 
and are then brought toward each other; for the currents in the 
rings do not remain constant. We can write for each ring 
Ldi/dt = — d 4 >/d t where </> is the flux through the ring due 
to the current in the other one; this equation gives by intognv- 
tion L t -f </. = const., which shows that the flux through each 
ring remains fixed forever. Bence as the rings approach and 
the mutual flux increases, the flux of self-induction, L i, must 
decrease, and so must the current, i. Thus the change in flux 
produced by the motion, which determines the mechanical 
force, is exactly compensated for by another change cau-sed by 
the change in the current, and this is why the flux through each 
ring remains constant. 


Furthermore, udng the above familiar expression for force, 
it is easily demonstrated that it is not necessary to assume, as 
the author does, the special case of constant current. The ex¬ 
pression gives the force existmg for the particular current, 
whether the latter is rapidly var 3 dng or constant. • 

In other words, the proposed law is not new, and hardly 
merits the name of a law, for it is merely a re-statement, with an 
unnecessary limiting condition, of a long established corollary 
of the Law of Conservation of Energy, from which the above 
mathematical expression at once follows. 

Thus to summarize, all of us will probably agree that, for the 
profession, it is a wholesome and commendable thing to review 
and question, as the author has done, the validity of our funda¬ 
mentals, and to demand an explanation of certain observations 
which appear to him to be in contradiction to the so-called laws. 
Bowever, 1 do not agree that he has demonstrated the invalidity 
of the law of electromagnetic induction in the particular applica¬ 
tion of determining forces. On the other hand, the fundamental 
assumptions involved in the equations given in the Appendix, 
contradict the conclusion there arrived at. Also, the proposed 
new law is iherely ah incomplete re-statement of a well-known 
corollary of the Law of Conservation of Energy. 

E. H. Kaanardt Dr. Bering’s paper arouses in me very 
naingled feelings. With his criticisms of the textbooks I feel 
compeUed to sympathize to a considerable degree. The writers 

textbooks ought, I think, to remember that their books are 
be employed more or less as referWee books and the text 
to be so written that it oanhot be naisunderstood by any 


2. ^ A General Law of Motion. Dr. Boring emphasizes two 
principles, (1) that potential energy tends to become kinetic, and 
(2) that no motion can be produced by electric currents, at least 
in the absence of iron, without the generation somewhere of an 
e. na. f. These two principles are, of course, well known both 
to physicists and to engineers, although the proposal to make 
them the foundation of the theory of electromagnetic forces is, 
perhaps, new. The merits of this proposal are a matter of opin¬ 
ion; for myself, I cannot feel that the proposal is a good one, 
but the subject is too large for discussion here. 

3. A longitudinal force is not shown to exist by Dr. Bering’s 
experiments, which are entirely explained by the accepted laws, 
as I shall show presently. 

4. Sliding Contacts are a Nuisance. So they are. To the 
mathematical theorist every discontinuity or abrupt change in 
wnditions is & nuisance and requires a special explanation. 
The umal practise among physicists (except, perhaps, among the 
Frmch) seems to be to state the general laws of physics as if 
such discontinuities did not exist, and then to replace the dis¬ 
continuous cases by an equivalent continuous one. 

The law of induction I like to state in three steps as follows: 

(a) Definition. A circuit means a closed filament of matter. 

(b) The E.M.F. induced in any circuit (measured in electro- 
ma^etic umts) equals the time rate of decrease of the flux that 
IS linked with the circuit. 

, At a conteuit one may imagine a thin layer of con- 
^®>serted between the sHding surfaces, so 
that there wiU be a continuous gradation of motion through this 
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who are not hidebound to traditions, and in the developments 
in new, formerly forbidden fields which now appear to be open 
to us. 

Practically the only attack of importance by several discussers, 
concerns those old laws which are to the effect that there must 
always be an increase of flux and of self inductance when a 
system does mechanical work. These critics claim that I have 
denied the corrections of these laws. As there is no such denial 
in the paper, these critics in this case as also in several other 
cases in which I did not say what they are attacking, have merely 
set up a straw man in "order to have something to knock down. 
Discussers ought to read a paper carefully before they attack it. 

I had even admitted that in many cases these laws apply 
correctly, although in some a highly involved, very artificial, 
confusing definition of sliding contacts (like the very old one 
used in Prof. Moreeroft’s discussion), or other limitations, must 
be included to make, them apply. Many misfits can be made to 
fit, and our ignorance be made to appear to be wisdom (at least 
to the unsuspecting student), by resorting to an involved 
definition of sliding contacts, especially when the student cannot 
understand the definition. 

What I did claim, and do so still, now even stronger than 
before, as my opponents could not deny it, is that these laws are 
special case laws, and not the most fundamental or universal 
ones. A universal law is one which can have no exceptions, but 
these older laws have, as was clearly shown. To exclude these 
exceptions (and probably others also) it is absolutely necessary 
to read some limitations, restrictions or qiialiflcations into the 
law, so that it will fit and not mislead; these, of .course, make it 
a special ease law, as it then admittedly does not apply outside 
of these limitations. This, of course, leaves us without any law 
for all eases outside of those limitations, which is the best proof 
that it is not a universal law. There may perhaps be very 
useful eases which. are outside of these limitations. One of 
these proposed restrictions is “provided the m. m. f. does not 
change;” another is “provided there are no structural changes,” 
yet in every motor there are continual structural changes of the 
circuit at the commutator. Moreover it is surely no crime to 
change the m. m. f. or make structural changes, if something 
useful may be gained thereby, and for these oases we had no 
laws. One of the chief purposes of this paper is to help those 
who desire to work in new and formerly forbidden fields. 

In my opinion taking refuge behind a “sliding contact’ to 
make misfits fit, is unscientific and a tacit admission that there 
is something wrong somewhere, either in the subject or in the 
teacher or book writer, when that old fashioned subterfuge 
becomes necessary. Sliding contacts used as a subterfuge in 
explanations can now be (as I have shown), and should now be, 
ruled out as obsolete, if they are not, the students have my 
sympathies. Moreover these laws seem to be taught so as to 
leave the impression in the mind of the student that such increase 
of flux and self induction wore in some mysterious way the 
cause of the motion (which they are not, though in many cases 
they are incidental to it, due to the connected outside source of 
energy, as I showed), and that without such increase there could 
not possibly be any self produced motion; this is not true and 
ought not to be taught. 

The self inductance (a purely geometric quantity) depends 
greatly bn the number of turns, while the flux and fl.ux energy 
(on which the forces depend) are quite independent of the number 
of turns beiiig a fuoction only of the ampere-turns; for the 
same ampere-turns aiid a given reluctance, hence for the same 
flux and flux energy, the self inductance may have very greatly 
different values when the number of turns is changed; to give 
tHe student the TOpresssion that the self inductance and the 
flux and flux energy always go hand in hand, is positively wrong. 
To define A in terms of B when R varies greatly with a factor 
that does not affect A , is not a proper defimtion. By combining 
the self ihduct^ce ai.nd the current as one quantity (representmg 


flux and flux energy) useful laws and undoubtedly correct 
calculations may be made, as admitted in the paper, but the 
student should by all means be told (though apparently he is 
not) that this is limited to special or restricted eases, and is not 
universally true; this was shown in the paper. 

The presence of iron moreover increases the self inductance 
the flux very greatly, yet the flux in the iron may not always 
be free to produce motions; an iron pipe around a centrally 
located conductor would presumably not increase either the 
pinching or the stretching forces, notwithstanding the greater 
flux and self inductance. Hence formulas based on self in¬ 
ductance may sometimes give wrong results. 

The chief other point in the paper which the opponents 
attacked, though ineffectively, is the one concerning the two 
rings at nearly 0 deg. absolute, though no one has shown the 
statements made in the paper to be incorrect; this case shows 
clearly that the flux and flux energy dwrdnish when there is self 
produced motion. In this case the two rings were, and must of 
course be, considered together as forming one system; to treat 
one ring and its linkages by itself, as some have done, leads to 
nothing new and useful, and is improper as one ring does not 
constitute the whole system. 

The real purpose of this example was apparently lost sight 
of or was not grasped by the opponents, namely to completely 
separate an electromagnetic system, containing stored energy, 
ft-om any outside source of new energy, in order to be able to 
study this stored energy alone and by itself without any inter¬ 
ference by new energy. This can easily be done’with electro¬ 
static systems, but it is believed that this is the first time an 
experiment was devised in which this could be done with an 
electromagnetic system. Our old book laws (like the very old 
Kelvin law) were always based on the united action of two 
things, the stored energy and a source of new energy inseparably 
connected; never before (I believe) could the stored enei’gy be 
experimentally studied separately, and this is very necessary in 
order to get at the real fundamentals. A single equation with 
two unknowns cannot give the values of each by itself, it is 
incomplete information; so is an experiment or law involving 
the inseparable joint action of two factors, as in the old Kelvin 
law. 

The above answers the discussion in general. The con¬ 
structive discussion of Dr. Mailloux is a contribution of value and 
importance. His remarks about infinity are especially im¬ 
portant, as they explain the absurdities, inconsistencies and even 
serious fallacies arrived at by even able expert mathematical 
physicists when they have recklessly jumped into that dangerous 
abyss, infinity; and still worse, have then tried to force their 
unacceptable conclusions on to the more cautions thinker or on 
to the trusting, unsuspecting student, thereby tending to mud(Ue 
his brain and to check progress. The bringing out of his dis¬ 
cussion on infinity has been one of the useful fruits of the paper. 

His references to the able work of some of the older French 
physicists who sometimes disagreed with Maxwell, will no doubt 
surprise the orthodox, hidebound, Maxwellians who seem to 
consider it a crime to even question anything which that ad- 
nuttedly brilliant mathematical physicist said 50 years ago, as 
though progress in science was not possible. The writer, who 
has discussed these subjects for years with many, has found that 
there are many progressive physicists who do not consider all 
the 50-year-old Maxwellian views to be incontestible today, and 
who admit that progress has since been made. Able physicwts 
have admitted that the Maxwellian “complete circuit” restriction 
has long ago been abandoned as the most fundamental case and 
is now out of date and behind the times; it refers to a special 
case only (though the most usual one) and when so restricted is 
very useful. Today we must admit that an electron can stsrt 
from rest at a point A, move to a point B and stop there, that is, 
it is no longer necessary to involve all the other electrons in the 
world or universe in this localized action. The old conception 
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no one Las or can deny axtd wLat Le himself proves) that the 
current (and therefore the flux also) diminishes when the flux 
enei^y is used up in doing work. 

He refers to one ring; the “system” consists of two rings 
and they must, of course, be considered together as one system, 
as I did. I am pleased that he admits that “some text books 
wron^ statements” about a circuit tending to enlarge 
(my Figs. 4 and 5). In saying that “sliding contacts are a 
nuisance” he ought to have added, to the theorist who tries to 
make misflts flt (and to whom they are really a blessmg); 
starting with better laws they drop out completely as a subter¬ 
fuge; aiidi-ng contacts are extremely useful in practise. Ap¬ 
parently in order to meet the well known exceptions to the 
linkage law, he says “a circuit means a closed filament of matter.” 
I differ with him decidedly, as I have shown in the paper some 
extremely important differences, which every student ought to 
be taught, between a “circuit” (as usually considered) and the 
“material” of the conductor. Moreover an e. m. f. can be 
induced in an open circuit, a straight bar for instance. To me it 
seems clear that a line of flux can vanish by converting its energy 
into mechanical energy, hence be unlinked (in effect) without 
inducing an e. m. f.; but this view may not yet be generally 
accepted. In his thought that physicists will never adopt the 
line-cutting conception for that based on linlcages, he is mis- 
as there are prominent ones who long ago have done so; 
students ought to be taught both. 

I fl'Tn qiiite willing to leave it to students whether my experi¬ 
ments are quite “as easy to explain” by the old laws as by the 
proposed new ones. Surely, no one but a ‘ heretic would ever 
have thought of making these experiments (which even oppo- 
ents admit are interesting) and in every ease the results were as 
predicted. I repeat here what I have often said before, that if 


a teacher, who is responsible for what his students have learned, 
were to ask them what would happen in some of these eases, 
they would probably give the wrong answer or none at all. In 
questioning the validity of Newton’s third law, I think Prof. 
Kennard has few if any followers. I admit having “blind dog¬ 
matic faith” in this law. His explanation of the forces in Pig. 
9, are contradicted by the facts. In not accepting the longi¬ 
tudinal force he differs with many others, including more 
especially some noted French physicists, like Ampere, Mascart, 
Joubert, etc. When he says that Pig. 8 can be explained by the 
pinch effect, he shows that he has not read the paper or does not 
understand the pinch effect, as the observed motion of that chain 
is in the reverse direction to that which would be produced by the 
pinch effect. In conclusion he seems to intimate that I have not 
been trained “in habits of exact and consistent thought.” As I 
have also been accused of exactly the reverse (being too exact 
and consistent in interpreting the old laws), 1 leave tne verdict 
to the students and engineers who may read the paper. 

In conclusion, now that these proposed reforms have been 
thoroughly discussed, some of them for years, the engineer and 
the student may form their own opinion as to whether they find 
the new or the old more useful, direct, correct, reliable and less 
misleading. In some respects, the choice is a matter of opinion. 
With liquid conductors, like in electric furnaces and in electroly¬ 
sis, in which these forces have g^reater freedom of action than in 
solids, the new method will be found to be far more helpful and 
reliable. The open minded progressive student may find inter¬ 
esting departures in new fields formerly closed to us. 

Those interested in the subject of this paper will find some 
additional matter in a note on “Magnetic Flux Around a 
Conductor,” by Carl Hering, A. I. E. E. Journal, May, 1923, 
p. 519. 
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Introduction 

HEN we use the term magnetic permeability 
we ordinarily think of it as defined by the ratio 
of B/H = (ju), where B is expressed in gausses 
and H in gilberts per centimeter. It is the ratio of the 
flux in a magnetic circuit produced by a given mag¬ 
netizing force to the flux which would exist if there 
were no magnetic material present. If we are con¬ 
sidering [permeability values for inductions less than 
that at which maximum fx occurs the true permeability 
is given only when the material has been carefully 

demagnetized by applying gradually decreasing revers^ 
of magnetizing force. Referring to the magnetiz¬ 
ation curve of Fig. 1 the permeability of the material 
at the induction P is given by the slope of the dotted 
straight line P 0. 

There are, however, other less well known types of 
•permeability. For instance, we have the so-called 
differential permeability (ixd) which may be defined as 
d BjdH for any point on the magnetization curve. It 
is the rate of change of flux with respect to magnet- 
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izing force. At the point P the differential perme¬ 
ability is the slope of the tangent drawn through this 
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Fig. 1—^Magnetization Curve Showing Different Kinds 

OF Permeability 

point as represented by T P. The differential perme¬ 
ability may be greater or less than the ordinary perme- 
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ability depending upon the induction at which it is 
taken. Another tsrpe of permeability is the reversible 
permeability (/Ur) of Gans'. If at any point on a 
hysteresis loop we apply a very small reverse magneti¬ 
zing force, the induction will be slightly changed. If 
now, we return to the original magnetizing force the 
induction will return to approximately the original 
value with the production of a minute hysteresis loop. 
The change of flux with respect to magnetizing foi’ce 
under these conditions is termed by Cans' reversible 
permeability. The slope of the line through 0 indicates 
the magnitude of this type of permeability. We shall 
have more to say about this later. 

Incremental Permeability 
The type of permeability which we wish to consider 
here will be termed incremental permeability (ai a)^ sind 
will be defined as A B/L H where the change of B may 
range from the small values required by Gans’ rever- 
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sible permeability up to large values. We shall at¬ 
tempt to give a means of calculating its value at least 
approximately for any magnetic conditions regardless 
of the previous magnetic history of the material and 
for any known types of ferro-magnetic substance, A 
better conception of the nature of this incremental 
permeability may be had from Fig. 2. For any minor 
displaced loops superimposed on a major loop, as for 
instance, ah, ce, or df, the // a will be the ratio of the 
difference of inductions for the two tips of the minor 
loops to the difference of the H values for these tips. 
For minor loops one of whose tips coincides with one 
tip of the major loop the incremental permeability 
is represented by the slopes of* the dotted lines shown 
at the bottom of the major loopi 

The mean slopes a) of these minor hysteresis loons 
is a functio n of two variables, i. e. 

1. Die Reversible Perraeabilitat aiif der idealen Magnet 
esierungskurve, Richard Gans. Annalen der Physik. Vol. 61, 
No. 4, p; 379 (1920. 

2. Term suggested by Mr. Tensen. 


1. For a given A B the greater the displacement of 
the minor loop from its normal position the less the 
incremental permeability (/i a)* 

2. For a given displacement of a minor loop the 
greater the A B the greater the incremental permeability. 

There is a number of cases where a method of 
estimating this type of permeability is desirable. For 
instance, suppose we wish to insert an iron core choke 
in a circuit carrying direct current. The effective 
reactance with respect to small alternating currents 
in the same circuit can not be calculated even approxi¬ 
mately from a knowledge of the permeability of the 
core at the induction corresponding to the known d-c. 
magnetizing force as may be seen from an inspection 
of Fig. 2. Suppose the a-c. component of cuiTent 
produces a displaced hysteresis loop a h. Then the 
effective permeability of the core is not the slope of the 
line 0 a, but the line h a, which may be very much less. 
In mdio circuits, where we have an iron-core choke coil 
in the plate circuit, for instance, we have exactly this 
condition. 

Similarly in the case of a transformer with a d-c. 
component of current in one of the windings a knowl¬ 
edge of the incremental permeability is essential if we 
wish to estimate the value of the a-c. magnetizing 
current. 

If it is desired to calculate the magnitude of the 
skin effect due to the high-frequency flux pulsations 
in the laminations which make up the teeth of an 
induction motor, for instance, a knowledge of the 
incremental premeability is essential since here we have 
the case of displaced minor hysteresis loops superim¬ 
posed on a major loop. 

Again take the case of the permanent magnet of a 
d-c. voltmeter or magneto. According to the usual 
practise this magnet is magnetized with a yoke across 
the air gap. The magnetizing force and yoke are then 
removed and due to the demagnetizing effect of the 
poles the magnet is partially demagnetized, for instance, 
to a point d (Fig. 2). Now when the regular pole 
piec^ are ai>plied this demagnetizing effect is decreased 
and we have an increased flux (point /). In order to 
estimate this increased flux and calculate the available 
magnetic energy for a given type of magnet steel a 
knowledge of the incremental permeability is essential. 

In order to devise a method of estimating this type 
of permeability we have principally made use of the 
data in two previous published articles.'*'^ From the 
data of the first article we calculated the average 
permeability of various unsymmetrical loops and 
plotted these values against different variables. It was 
found that when plotting against pulsating amplitude 
a series of approximately straight lines was obtained 

3. The Effect of Displaced Magnetic Pulsations on the 
Hysteresis Loss of Sheet Steel, L. W. Chubb and T. Spooner. 
Proc. A. I. E. E., Vol. 34,1915. 

4. Tooth Frequency Losses in Rotating Machines, T. Spooner. 
Journal A. I. E, B„ Vol. XL, Sept. 1921. 
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as shown by Fig. 3. The values on the curve m^ked 
B. indicate the maximum inductions of the mmor loo^- 
The short cross lines indicate the value at which the 
pulsating amplitude equals one-half the pulsating flux 
for the major loop. Now these curves can obviously 
be represented by a simple formula, thus, 

jUA = o + 6 X A B, 


Ma 


Mb« 
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= the incremental permeability or the average 
permeability for a displaced loop, 

= the ordinary permeability corresponding to 
the induction of the tip of the loop farthest 
from zero induction, 

a and 6 = constants as given by Fig. 4, and 
A B = amplitude of flux pulsation of the minor loop 
expressed in kilogausses. 

The value of “a” when Bm. equals zero is one and 
approaches one again for high values of B^: ap¬ 

proaches zero for high values of Bm> 

In order to illustrate the difference between normal 
permeability and incremental permeability see Fig. 5. 
Here we have shown a normal permeability cuive 
plotted against Bmax and an incremental permeability 
curve also plotted against Bmo» where A B = 1 kilogauss 
for the latter curve. As A B becomes smaller the 
difference between the two curves would increase and 
as A B becomes larger the difference would decrease. 


where . 

a = intercept on the vertical axis, 

6 = slope of the line, and 

A B = amplitude of pulsation for the minor loop. 

From these data and other data largely taken from the 
results of the second above mentioned paper, the aver¬ 
age curves for “a" and are drawn as shown by 




Fia. 4 ^Constant 8 “a” and “ 6 ” for Incremental Pbrmb- 
ABiLiTT Equation /«a “ + bx AB) 

Fig. 4. A further examination of the various test 
results showed that the values of ma were also a func¬ 
tion of the: ordinary permeability (m) of the material 
corresponding to the induction of the tip of the minor 
loops farthest from zero induction. The formula for 
incremental permeability is, therefore, 

•Pa+ X 


Pig 5—Curves Showing Relation Between Ordinary and 
Incremental Permeability (a-B21) as a Function of Bm 

Discussion op Results 

It must be understood that this method of calcu¬ 
lating Ma is merely an approximate empirical one and 
while it holds very well for most commercial ferro¬ 
magnetic materials of very different properties ran^ng 
from permanent magnet steel to very high permeability 
vacuum iron, it is subject to considerable error for 
certain special types of material as will be pointed out 
later. If an attempt is made to use the formula for 
pulsating amplitudes (A B) much greater than one-half 
B„ the calculated results will in general .be somewhat 
low. This can be seen for instance by an inspection of 
the B = 3 or B = 5 curves of Fig. 3. The average 
slope decreases at the higher pulsating amplitudes. 

Now we need to give some consideration to the case of 
the minor loops which do not occur at the tips of the 
major loops. In the investigation of tooth pulsation 
losses in induction motors referred to aboveS a l^ge 
number of minor loops were obtained located in various 
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positions with a reference to the major loops of various 
magnitudes. So far as we could determine the average 
permeability for the minor loops is very largely inde¬ 
pendent of the magnitude of the major loops with 
which they are associated, but is chiefly determined 
by the amplitude and the displacement of the minor 
loops. A minor loop for a given amplitude and dis¬ 
placement will have a slightly higher jjl^ if it occurs 
on the downward branch of a major loop above zero 
induction than if it occurs below zero induction, but the 
calculated values will in general be between the two. 

Mr. Searle’^ has published some data which may be 
used for checking our formulae. He applied a certain 
magnetizing force to his sample bringing it up to an 
induction, say of “a” Fig. 2. He then applied a 
certain demagnetizing force bringing his induction 
down to such a point as “o”. He then reversed this 
demagnetizing force for two hundred times and de¬ 
termined his minor hysteresis loop. The or average 
permeability for this loop equals his apparent perme¬ 
ability. The following tables I and II give results 
deduced from his data and also gives calculated results 
using our method. The only difference in the various val¬ 
ues for a given material is that a different initial magnet¬ 
izing force was used in each case, the first horizontal 


TABLE I 
IKON WIRE 


Bm' 

Minor 

Loop 

gm 

A B 

A// 

MA 

Urn 

Test 

Oal 

4.4 

1760 

1.03 

3 

340 

474 

2.5 

3.65 

1600 

1.38 

3 

460 

550 

2.3 

1.82 

1040 

1.93 

3 

645 

694 

1.75 


Mm is normal permeability corresponding to Rm'- 
Jim is maximum JJ for m^or loop. 

Bm' Is the tip of tho minor loop farthest from zero. 


TABLE II 
TAGGER PLATE 


Bm' 

Minor 

Loop 

Mm 

A B 

Alt 

1 

i 

•ftl 

> 

Ilm 

Test 

Oal 

6.8 

4110 

3.67 

2 

1840 

1800 

1.05 

4.8 

3870 

4.71 

2 

2350 

2.500 

1.24 

*2.78 

2780 

5.56 

2 

2780 

2060 

1.00 


♦Normal loop. 

Wo have obtained similar data on ring samples of commercial sheet 
witli the results as shown by Tables 1H and IV. 


TABLE III 

0.014* 2‘4 PER CENT SILICON STEEL 


B'm 

Minor 

Loop 

Mm 

M 

AB 

AH 

MA 

Major Loop 

Test 

Oal. 

Jim 

Bm 

4.77 

3670 

3260 

6.07 

2 

3030 

2030 

30.0 

14.8 

5.33 

3600 

980 

0.73 

1 

730 

756 

30.0 

14.8 

4.1 

3630 

3330 

6.3 

2 

3150 

2960 

4.4 

10.0 

4.77 

3670 

1020 

0.77 

1 

770 

842 

4.4 

10.0 


A JB 

M ■= normal permeability corresponding to —=— 

2 


5. Studies in Magnetic Testing, G. P. C. Searle. I. B. E. 
Vol. 34, page 55 (1904). 


line corresponding to the highest magnetizing force. 
This means that the fimt horizontal line corresponds to 
the largest major loop. 

There are some interesting points in connection with 
these loops. 

a. The first minor loop has 10 to 20 per cent higher 
permeability than the 100th loop. 

b. This change is nearly complete at the end of ten 
double reversals and is quite complete (within the 
limits of accuracy of test) at 50 double reversals. 


T.AB LE IV 
0.028* BESSEMER 


Bm' 





1 /^A 1 

Major Loop 

Minor 





— 




TjOOP 

Mm 

M 

A B 

All 

Test 

Cal. 

JJ m 

Bm 

0.25 

2 o;io 

400 

O.-W 

2 

2.50 

357 

6.15 

10.0 

7.65 

1060 

370 

0.45 

2 

225 

294 

30. 

15.45 


c. After 100 double reversals the minor loop has 
shifted down towards the horizontal axis to a very 
slight amount only (perhaps 2 or 3 per cent on the 
average) as shown by measuring the change in induction 
when going to the lower tip of the major loop. 

It will be seen from these data that the low values of 
permeability obtained from a magnetic test sample 
which has been insufficiently demagnetized is simply 


TABLE v 
BALL’S DATA 


Bm 

Mm 

A B 

AH 

MA 

Test 

Oal. 

12 


4 

5.45 

735 

776 

10 

3510 

4 

3.35 

1100 

1330 

8 

4450 

4 

2.4 

1670 

1900 

6 


4 

1.9 

2100 

2290 

4 

4000 

4 

1.6 

2500 

2550 

•2 

2700 

4 

1.48 

2700 

2840 

11.5 

2880 

3 

4.18 

718 

786 

0.5 

4130 

3 

2.05 

1130 

1200 

7.5 

4690 

3 

2.05 

1460 

1670 

5.5 

4660 

3 

1.68 

1780 

1080 

3.6 

4110 

3 

1.37 

2190 

2320 

•1.5 

2310 

3 

1.30 

2310 

• • 

11 


2 

3.3 

607 

698 

9 


2 

2.3 

870 

1040 

7 


2 

1.68 

1200 

1430 

5 

4420 

2 

1.41 

1420 

1550 

3 

3760 

2 

1.16 

1740 

1800 

*1 


2 

1.14 

17.50 

• • 

10.5 


2 

2.15 

465 

680 

8.5 


1 

1.52 

658 

850 

6.6 


1 

1.12 

802 


4.5 


1 

1.05 

052 


2.5 


1 

0.85 

1180 

1270 

*0.6 


1 

0,76 

1320 

^ .. 


•Symmetrical Loop. 


a case of displaced loops and if we know the displace¬ 
ment we may calculate the corresponding effective 
permeability ()a^), which will be the test value under 
these conditions. The test should be compared 
with the normal permeability (ju) for the undisplaced 
loop of the same B amplitude. It will be seen that the 
values are alw:ays lower. 

As a further check on our formulae we took Ball's 
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data® and determined the his test results. We 

then compared them with the values obtained from 
our formula. Table V gives the results. One tip 
value of the minor loop coincides with the tip value of 
the major loop in all cases. 

Now to come to the limiting case of Gans of very 
small pulsating amplitudes, namely, the case of re-^ 
versible permeability. This should be given by the 
first part of our formula, thus 

Ma ~ Mb»» 

since AB and therefore 6 are negligible. It will be 
found by comparing our results with those of Gans that 
the values do not check well. This is due to the fact 
that as shown by Gans’ reversible premeability is a 
function of the initial permeability at low and moderate 
inductions which varies quite considerably for various 
materials. For pulsating amplitudes of any appre¬ 
ciable magnitude when “6” becomes an important 
factor the results will be much more accurate since “6” 
is not subject to much variation for different materials 
(see Fig. 4), where the circle and triangle points are 
“6” values and the dots and crosses are “a” values. 
If we were to take into account the variations of the 
initial permeability we would have to use a different 
curve for each material. 


TABLE VI 
GAN’S DATA 


Material 

rr„ _ 

B 


MA (Mr) 

"0 = 1 - 1 
V 4ir y 

Oal. 

Gans 

Hard Steel. 

41.8 

12.9 

99.2 

7.56 

15.0 

A A 

41.8 

7.64 

130.0 

14.3 

34.0 

A A 

41.8 

2.51 

68.0 

13.9 

43.0 

Anaealed Steel. 

71.0 

15.7 

131.0 

11.0 

8.0 

A ® 4* . 

71.0 

7.54 

471.0 

51.9 

59.0 

A A 

• • • • 

71.0 

2.51 

209.0 

42.7 

70.0 

Soft Iron. 

92.0 

17.0 

116.0 

15.8 

10.0 

(C a 

02.0 

7,64 

1680.0 

185.0 

72.0 

tt A 

92.0 

2.51 

838.0 

176.0 

89.0 

Nickel.... 

11.2 

4.06 

24.0 

3.89 

6.8 

A 

11.2 

2.51 

50.2 

10.2 

10.1 


Mr. Gans has given test results for four samples as 
shown by one of the previously mentioned articles^ 
The following table VI gives his results as compared with 
our calculated results. 

Ko and fio are respectively the initial suscepti¬ 
bility and initial permeability for the samples (equals 
the susceptibility and permeability as H approaches 
zero). If the reversible permeability is required 
accurately, it may be calculated by the following 
formulas due to Gans: 

_ 1 _ 1 
Ko ~ sin^Z 

T ~ cot XI — w 
I a X 

jXr— 1 

Kr = ( ^ jj. ' ) is the susceptibility for any given in- 


3. The Unsyinmetrical Hysteresis Lo6p, John D. Ball. 
ANS. A. I. E. E., page 2693 (1915). 


/ (B-H) \ 

tensity of magnetization Ia ~{—/ 

Kr is the initial susceptibility corresponding to zero H. 
I a is the saturation value of the intensity of magnet¬ 
ization. 

The difficulty in using these formulas is that ordi¬ 
narily we do not know either the initial susceptibility 
or the saturation induction since both are rather difficult 
to obtain experimentally. 

The data of table VII were obtained from tests of 
various experimental alloys having a wide range of 
properties, and serves to show the accuracy and limi¬ 
tations of our formula. 

The data of sample A refers to a major loop having a 
maximum induction of 14 kilogausses. The minor 
loops therefore start at a considerable distance down on 
the demagnetization curve of the material. For all 
the other samples the maximum tip of the minor loop 
coincides with the maximum tip of the major loop and 
the permeability, therefore, corresponds to the slopes 
of the dotted lines of Fig. 2. 

Sample B is a hard chromium magnet steel, and 
sample C is a much softer specimen of the same sample. 

Samples D, E, F and G are nickel-iron alloys supplied 
by Mr. Yensen. Samples E and G have very low 
retentivity. Sample F has a low saturation value of 
the order of 5 kilogausses. 

Sample H is a very pure iron having a very high 
retentivity value. 

Samples I, J and K are approximately 4 per cent 
silicon-iron alloys having very high maximum perme¬ 
ability and low hysteresis. 

These samples have been selected because of their 
very wide variations in magnetic properties.. It is 
seen that with very few exceptions the checks between 
calculated and test values are quite good, certainly 
good enough for any ordinary commerical calculations. 
When the retentivity is exceptionally low or exception¬ 
ally high (see samples E and G for low Br values and I 
for high) the checks are not so good, but for materials 
having anything like normal Br values regardless of 
the permeability whether 20,000 or 20 the calculated 
results check the test results very well. No check 
results in addition to those already presented are given 
for commercial electrical sheet, but in all cases that we 
have examined the calculated results may be relied on 
to within 10 or 20 per cent even in the completed 
apparatus. 

WTien an air gap is present in the magnetic circuit a 
little different procedure is necessary in order to calcu¬ 
late the effective permeability. First from the known 
characteristics of the material calculate ju then 

AB 

A H = -. Now calculate or determine expen- 

mentally the gilberts per centimeter necessary to over¬ 
come the reluctance of the air gap, namely, the magnet¬ 
izing force used up in the air gap to produce a change 
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TABLE VII 

MISCELLANEOUS SAMPLES 


Sample 

Material 



A B 

AH 

M Bf,i 

MA 

Test 

. Oal. 

A 

Or Magnet Steel Hard 


8.8 

—16.5 

1.8 

36.5 

166.0 

49.4 

40.1 


a 

a 



a 

a 


7.2 

—7.7 

2.2 

41.3 

147.0 

53.3 

44.2 

B 

a 

a 



a 

a 


14.0 

200.0 

1.0 

85.0 

70,0 

11.8 

9.9 


u 

u 



a 

a 


14.0 

200.0 

4.0 

200.0 

70.0 

20.0 

22.0 


a 

a 



a 

a 


14.0 

200.0 

14.0 

250.0 

70.0 

56.0 

62.6 

O 

a 

a 



a 

Soft 


14.9 

200.0 

1.0 

95.0 

74.6 

10.5 

10.4 


a 

a 



a 

a 


14.9 

200.0 

5.55 

200.0 

74.6 

27.7 

29.7 


a 

a 



a 

a 


14.9 

200.0 

14.9 

214.9 

74.6 

69.4 

69.5 

D 

50 

Per Cent Nickel Steel 

10.0 

4.1 

1.0 

1.35 

2440.0 

740.0 

412.0 


a 

a 


a 


a 

a 

10.0 

4.1 

6.0 

3.9 

2440.0 

1540.0 

1279.0 

E 

34.5 

a 


a 


a 

a 

10.0 

29.5 

2.0 

16.7 

340.0 

120.0 

82.0 

P 

20 

a 


a 


a 

a 

4.0 

21.0 

1.0 

14.6 

190.0 

69.0 

54.0 


a 

a 


a 


a 

a 

4.0 

21.0 

1.8 

21.0 

190.0 

86.0 

73.0 

G 

14.9 

a 


a 


a 

a 

10.0 

27.7 

2.0 

14.0 

361.0 

143.0 

85.0 

H 

Pure Iron 





10.0 

0.085 

1.0 

0.085 

11760.0 

1176.0 

1980.0 


a 

a 






10.0 

0.085 

5.0 

0.119 

11750.0 

4200.0 

5320.0 


a 

a 






10.0 

0.085 

10.0 

0.130 

11750.0 

7690.0 

9500.0 

1 

Silicon Steel 




10.0 

0.435 

1.0 

0.0336 

23000.0 

2980.0 

3880.0 


a 


a 





10.0 

0.435 

5.0 

0.0535 

23000.0 

9350.0 

10400.0 


a 


a 





10.0 

0.435 

10.0 

0.0585 

23000.0 

17100.0 

18600.0 

J 

a 


a 





10.0 

0.638 

1.0 

0.478 

15700,0 

2090.0 

2660.0 


a 


a 





10.0 

0.638 

5.0 

0.748 

15700.0 

6690.0 

7110.0 


a 


a 





10.0 

0.638 

10.0 

0.798 

16700.0 

12500.0 

12670.0 

K 

a 


a 





10.0 

0.75 

1.0 

0.53 

13300.0 

1890.0 

2250.0 


a 


a 





10.0 

0.75 

5.0 

0.82 

13300.0 

6100.0 

6760.0 


a 


a 





10.0 

0.75 

10.0 

0.83 

13300.0 

11400.0 

10740,0 


in the iron induction of A B. Let this be A Hg. If 
the air gap is very short this will be approximately 
A B times the length of the gap in centimeters. Then 

AB 

we have jua (actual) = — ^ — —zF- 

A Xl “T A Ilg 

The and 'V curves of Fig. 4 have not been 
carried below values of 2 kilogausses because the 
effect of displacement is very small for small displace¬ 
ments and it is just as well or better under these con¬ 
ditions to use the ordinary permeability corresponding 
to A B. For values above B^ equals 18 kilogausses 
the hysteresis loop practically collapses and the values 
of can just as well be calculated from the ordinary 
magnetization curve and will be equal approximately 
to the differential permeability for the mean pulsating 
induction. 

In using this method of calculating there are a 
few precautions to take, for instance, if we have the 
case of an iron core with a magnetizing winding carry¬ 
ing both alternating and direct currents, the maximum 
induction in the iron can not be obtained with certainty 
from the d-c. magnetization curve of the material and 
the value of the d-c. magnetizing component, but for 
moderate values of induction it will be higher and pos¬ 
sibly very much higher due to two causes. In the first 
place the maximum magnetizing force is the arithmet^ 
ical sum of the d-c. and maximum a-c. components of 
the magnetizing force and second the magnetic particles 
may be more readfly oriented since they are sha-ken up 
by the a-c. magnetizing force. If the a-c. component 
of ma^etization is sufficiently large the apparent d-c; 
magnetization curve will be approximately a straight 
line passing through the induction point corr^ponding 
to the maximum permeability and through the origin. 


Above the point of maximum permeability the a-c. has 
little effect on the d-c. magnetization curve. 

Again if the a-c. frequency is high enough or the 
laminations thick enough we shall have skin effects 
which may make the effective permeability much less 
than the normal d-c. value’^ and will make ju^ less than 
that calculated by the above formula when a d-c. 
component of magnetizing force is present. This was 
evidently a large factor in the results obtained by A. 
W. Smith®, where he found even for symmetrical 
conditions an effective a-c. permeability of about 1/6 the 
d-c. value at 500 cycles. As an illustration of the use 
of the values we had occasion recently to put an 
autotransformer in a d-c. circuit as a choke for a small 
high-frequency component which was also present in 
the circuit. The effect of this choke could of course be 
determined from a knowledge of the inductance which 
might be calculated by the following well known formula 


L = 


4 TT 
R 


where 


R = 


li A 


Now taking the permeability corresponding to the 
maximum induction due to the d-c. component as 
determined from a magnetization curve of the core 
material we would obtain a certain value for L. If, 
however, instead of using iimax as determined above, we 

— — ■ n il V . _ 

7. liosses in Sheet Steel at Radio Frequencies, Marius 
Latour Institute Radio Eng^eers," Feb. 1919, page 61. 

8 Effect of a Superiinposed Constant Field upon the Mter- 
natang Current of Permeability and Energy Loss in Iron, A. W. 
Smith, Physical Review, March 1921, page 416. 
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use the correct value /i^, the value of the inductance 
for the particular conditions considered is about 1/20 
the value obtained by using 

Conclusions 

We have given an approximate method of calculating 

the ratio = (Ma) usually with an error of not 

greater than 10 per cent or 20 per cent for any class of 
ferro-magnetic materials regardless of the magnitude of 
AB and AH and of the previous magnetic history. 
The results will be more accurate if the amplitude of 
B is considerable. For very small values of A B the 
result may be rather unreliable. In order to calculate 
for any value of A B and any value of magnetic 
induction B« we need simply to know the ordinary 
permeability (/x) of the material corresponding to 
and the constants ‘"a” and “6” as given by Fig. 4. 
It is rather surprising that this method checks as well 
as it does due to the fact that the curves of Fig. 4 are 
based on rather meager data involving only a few 
samples. We might have increased the accuracy by 
nsing a different curve for different classes of 
material but this would have complicated the method 
and is not necessary except when considerable accuracy 
is required or when the A B values are very small. It 
is hoped that this simple method may find application 
for the solution of various electrical problems as sug¬ 
gested in the early part of this paper. 

Discussion 

E. L. Bowless Mr. Spooner has presented some very in¬ 
teresting data concerning an involved and difficult subject. The 
analysis of circuits containing what are rather equivocally called 
“variable constants,” is a difficult and sometimes an impossible 
problem. At present we are faced with a very serious sitxiation 
no matter which way we turn. Variable coefficients of resist¬ 
ance are met with in the case of gaseous or thermionic conduction, 
and they are met with also in the case of circuits containing 
magnetic materials. In fact, even dielectrics suggest the con¬ 
sideration of variable coefficients. In view of these conditions, 
it seems that we should talk of the Coefficients of an 
electric circuit rather than the Constants, for after all, in 
developing the subject, one must overcome the handicap which 
results from a treatment of the electric circuit on the basis of 
constants. 


rather seriously. The question of what liappens in a choke coil 
used for radio frequency is as yet unanswerable, owing to the 
complexity of the conditions involved. Conclusions based on 
low frequency analyses can hardly hold in such oases. The 
reactance of an iron circuit depends not only upon the phenom¬ 
enon of hysteresis but also upon the eddy current loss. The 
separation of these two is difficult, and in some cases it is 
impossible. 

Another point to be brought up is the question of the induct¬ 
ance of a circuit containing variable coefficients. In a circuit 
containing a magnetic material of variable permeability, it is 
not possible to speak of such a thing as a constant inductance L, 
but rather to speak of another variable or instantaneous induct¬ 
ance I for the induced voltage is by fundamental concept: 

e = — JV X 10~® volts 
d t 



■PiG. I 


If now the permeability is constant, then the derivative of flux 
with respect to current is constant, or: 

N ^ 

L = — j — X 10“® henrys 

which is the familiar expression for inductance ordinarily used, or 

T di 

e — — L —;;— volts 
d t 


Thus far, circuits with variable coejBficients have required the 
use of Fourier series, Fourier integrals and integral equations. 
Many analyses are so involved that one loses sight of the very 
principle or purpose. Unless a great simplification is made in 
bur treatment of such problems, we will have to rely almost 
solely upon empirical, or else cut-and-try methods. Perhaps it 
will be possible to develop a number of graphical solutions 
wherein the volt-ampere or other characteristics are used as the 
foundation. Graphical methods have been applied in the deter¬ 
mination of the : operating characteristics of generators and 
motors. To a certain limited extent, they have been applied to 
thermionic problems, and it is the writer’s feeling that this 
method of attabk; may ultimately become a very fruitful one. 

It is hard to place general confidence in Mr. Spooner’s special 
results, since the assumptions made .are likely to mislead one 


The Research Department of the Massachusetts Institute of 
Technology has spent considerable time during the last three 
years in attempting to exactly determine the dynamical condi¬ 
tions existing in a magnetic circuit containing iron. Much work 
has been done in the development of a special bi-vibrator-quad- 
rantal oscillograph. This idea is not new, nor was its applica¬ 
tion new in this particular case. This oscillograph consists of 
two vibrators facing each other, and at right angles. A beam 
of %ht striking one of the mirrors is reflected to the other, and 
then reflected once more, as shown in Fig. 1. In this way, a 
compounding of the motions of the two mirrors will produce the 
well known Lissajous figures in the case where the two motions 
are hannonic. If the deflection of one of the vibrators is made 
porportional to the ma^etizing force, and the deflection of the 
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io = Ki 


O) 


Ro^ + L2 6)2 
Ro 


[ 


B 


L <a 


V Sm® 




amperes (4) 


Or by expansion in which all terms except the first are neglected, 
equation (4) becomes: 


io = Ki I B zt 


[ 


Ra 


(I) L 


V B^ 


- 52 ] 


amperes (5) 


From which the per cent deflection error, 176 , for a major loop is: 

V - B^ 

- numeric (6) 


»?€ = 


<0 


B 


It is seen that the error is zero when B = Rmt a<nd a maximum 
when B = 0, or: 

Ro 


(Vw) 


max 


(j) L 


numeric (7) 


The area represented by the error term is of the form of an ellipse. 
In order that the area of the ellipse be negligible, Ro must be very 
low, or L very high,.or both. For frequencies in the power I’ange, 
L would need to be impractically large. It was attempted to 
make Ro small by the use of a dynatron, but difficulties were 
encountered which at that time, at least, could not be overcome. 
With no corrections for resistance, J. P. Putnam, in his Bachelor’s 
Thesis fl921), secured some very interesting oscillograms which 
are shown in Pigs. 6 and 6. (These were obtained with an 
experimental instrument as first used.) In Pig. 6, a very 
interesting effect is noticeable. The tips of the successive loops 
do not follow the magnetization curve as one ordinarily imagines. 
Fig. 6 shows the effect of a direct comiJonent of current in an 
iron core. These curves suggest points of considerable interest 
which can only be investigated by dynamical methods of hystere¬ 
sis loss determinations. 

Another method of seeitriug a current through the flux vibra¬ 
tor proportional to the flux is to replace the inductance L, shown 
in Fig. 1,* by a high resistance in series with a condenser. The 
difference in potential between the terminals of the condenser is: 

Vo = 1/cJ'i d t volts 
But if Ro is large, then 

Vc - ^ J" edt volts 

Rff (J 

And since the integral of voltage is flux: 

1 

Vo = volts 

tCo ^ 

where 0 is the instantaneous flux. The error is of the same 
nature as in the case of the inductance, and is expressible by: 

(i7e)«»o* =-^ numeric 

65 Ro 0 


The tw^o methods mentioned are impractical as they stand, but 
a third method is now being worked upon, which iiromises to 
jdeld results which will be accurate, under the condition that 
the laminations making up the magnetic material under test are 
so thin that the effect of eddy currents is negligible. 

G. H. Cole: Mr. Spooner’s paper is of value to the designing 
engineer rather than to the mathematical physicist. It is 
quite probable that in the majority of design calculations involv¬ 
ing incremental permeability, its value is simply guessed at. 
Pig. 5 of Mr. Spooner’s paper shows that the ordinary perme¬ 
ability may be several times as large as the incremental perme¬ 
ability and hence the use of this value instead of incremental 
permeability may result in large errors, while Mr. Spooner’s 
simple formula quickly gives the incremental permeability of 
sufficiently good accuracy for most practical purposes. 

For the benefit of engineers who are aceiistomod to measuring 
electrical quantities with errors of less than a per cent, it may be 
well to mention that the standard method of measuring ordinary 
permeability of sheet steel may inti’oduce errors, if the perme¬ 
ability is very high, of the same magnitude as the difference in 
the incremental permeability given by the Spooner formula and ‘ 
the test values recorded in Table YII covering a variety of 
materials of quite different magnetic properties. Even though 
the ordinary permeability may be accurately determined on 
specimens, the variation throughout the lot of steel from which 
the samples are chosen may be of the same order as those of the 
incremental permeability expected from the Spooner formula. 
This formula therefore, seems to be of sufficient accuracy for 
most applications and enables the designer to quickly estimate 
this characteristic of steel concerning which so little is generally 
known. 

T. Spooner: With reference to the calculation of incremen¬ 
tal permeability where the frequency is sufficiently high or the 
thickness of the laminations sufficiently great so that skin effect 
is appreciable Mr. Bowles points out that this method does not 
give reliable results. This is, of course, true as we have taken 
pains to mention in the paper. We hope to go into this aspect 
of the subject at a later date. 

With reference to this new oscillographic arrangement men¬ 
tioned by Mr. Bowles I had the pleasure a year or so ago of 
seeing some hysteresis loops taken with this apparatus. These 
loops were rather far from true hysteresis loops due to the fact 
that the resistivity of the secondary circuit could not be niade 
negligible. This, of course, introduced very appreciable errors. 
It is to be hoped that this apparatus can bo developed so that the 
resistance factor will be negligible since there would then be 
available a very valuable method of ansdyzing magnetic circuits. 
under these special conditions. 

It is a very easy matter to take a ring or other suitalde sample 
of laminated steel which is provided with the necessary windings 
and,to measure the effective permeability for vaidous conditions 
of superimposed d-c. flux simply by reading the voltmeter and 
ammeter. We have done this in a few cases and in general have 
obtained fair checks with the value as calculated from the curves 
and formula based on ballistic results. There are some marked 
discrepancies, however, which perhaps Mr. Bowles’ oscillographic 
method can explain. 
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T he increasing application of temperature measure¬ 
ments to central station control arises primarily 
from the fact that the limiting factor of safe 
operation is temperature rather than current or energy 
output. Another and closely related factor is that of 
efficiency. With these two influences bearing upon the 
management there is demanded a knowledge of tem¬ 
perature conditions in the boiler, the engine, the 
generator and the distributing system. Hence the 
wide range of temperatures to be measured and the 
varying circumstances under which they are made often 
place them beyond the capacity of mercurial or other 
expansion types of thermometers. Moreover, a per¬ 
manent and continuous record of temperature may be 
necessary or it may be desirable to automatically con¬ 
trol or limit the temperature of some apparatus or 
process. The thermocouple has definitely established 
itself as a convenient and precise instrument for such 
purposes. We wish, therefore, to consider some of the 
difficulties to be overcome and precautions to be taken 
in applying the thermocouple to such measurements. 

Froni the viewpoint of the station engineer we may 
conveniently classify temperature measurements under 
the following heads: 

1. Feed Water 

2. Boiler Water 

3. Economizer 

4. Flue Gas 

5. Superheated Steam 

6. Bearings 
7.. Generator Windings 
8. Transformer Windings 
9. Cables 

Before considering these applications it is desirable 
to refer briefly to the' sources of error that may arise in 
making temperature measurements with the thermo¬ 
couple. They may be outlined as residing in the follow- 
iiig- 

1. Thermocouple Calibration 

2. Instrument Calibration 

3. Thermocouple Circuit 

4. Radiation Losses 
6. Conduction Losses 
6. Parasitic e. m. f. 

7. Temperature Lag 

8. Cold Junction Temperature 

9. Measured Temperature Variable 

10. Measured Temperature Not Representative. 

, Presented cut the Midwvnier Corwenlion of the A. I, E, E. 
Hew York, February 14.-1T, 198S. 


I. Thermocouple Calibration 

A thermocouple may be in error because its original 
calibration was wrong or because its calibration may 
have changed from use. Manufacturers are accustomed 
to furnish thermocouples with either a table or a curve 
giving the relation between e. m. f. and temperature. 
It is not safe to employ such couples or to secure wires 
and make up couples without either the manufacturer’s 
or one’s own check on the calibration. This applies 
particularly to base metal couples but it should not be 
ignored even with noble metal couples. The writer 
received some reports recently on checks of Pt-PtRh 
couples that were apparently standard when checked 
by the wire manufacturer but were out 6 deg. cent, at 
some points when checked by the pyrometer maker. 
This was due in part to the use of different standard 
curves and in part to errors in cold junction measure¬ 
ments. 

For temperature measurements below 320 deg. cent, 
it is customary to use couples of copper and const^tan. 
They may be relied upon to remain constant to within 
0.6 deg. cent. Even up to 600 deg. cent, they will be 
found accurate and reliable although the copper element 
oxidizes rapidly at such a high temperature and there¬ 
fore must be renewed frequently. It is the writer’s 
experience that electrolytic copper taken from various 
sources and at different times will not vary 0.05 deg. 
cent, when checked against the same piece of con- 
stantan. With the constantan, however, despite its 
name, one must use caution and not assume that any 
material supposedly constantan or its equivalent will 
have the same temperature e. m. f. relation against 
copper. In fact there is a sufficient variation in a 
single melt of constantan to demand on the part of 
the manufacturer that careful checks be made on all 
coils of wire and even at intervals along a single coil. 
To show to what extent a single coil of constantan may 
vary, ten couples were made from the same coil cutting 
them off in succession from the coil. They were 
checked with great care so that errors of checking were 
less than 0,05 deg. cent. The couples differed amongst 
themselves by 0.1 of 1 per cent at 38 deg. cent., and 
0.2 of 1 per cent at 320 deg. cent. Because of the 
great variation in the e. m. f. of constantan when got 
from different sources, pyrometer manufacturers have 
adopted different standards of e. m. f. against copper. 
For example, the standards of two American makers 
differ 16.6 deg, cent, at 93 deg. cent. 19 deg, cent, at 
200 deg. cent., and proportionately more at higher 
temperatures. Of course no error results from the use 
of any couple if the proper e. m. f. temperature relation 
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is known and used but it emphasizes the fact that 
couples should be used only with either the maker’s 
or one’s own check to insure that no error results from 
this source. 

Up to 320 deg. cent, thermocouples may be checked 
against a mercurial thermometer by placing both in a 
well stirred oil bath keeping them close together but 
away from the sides or bottom of the bath. Practi¬ 
cally the only difficulty is to obtain a reliable and accu¬ 
rate mercury thermometer available up to 320 deg. cent. 
When employing a mercurial thermometer it is neces¬ 
sary to avoid stem errors by immersing in the bath 
just up to the point where it was immersed at the time 
of calibrating or by applying stem corrections. Failure 
to do this may result in errors as great as 14 deg. cent, 
at 320 deg. cent, and errors proportionately great at 
lower temperatures (Scientific Paper No. 170 (1911) 
Bureau of Standards). Nearly as large errors may also 
result from using mercurial thermometers that have 
not been properly annealed. In view of these facts, 
the writer considers the mercurial thermometer less 
desirable as a standard than a thermocouple. It is 
found both convenient and reliable to reserve two or 
three copper constantan couples of about No. 22 B. 
& S. gage wire as standards, sending them occasionally 
to the Bureau of Standards for check and using them 
only for the purpose of checking working thermo¬ 
couples. Checking one couple against another is 
easily and quickly accomplished. No particular pre¬ 
caution need be observed to avoid errors due to the 
cooling effect of the emergent portion of the couples. 
The writer immersed fine wire couples to a depth of 
about one half inch in a bath of mercury which was 
stirred and electrically heated. The couple wires were 
drawn down to diameters varying from 0.013 in. to 
0.031 in. While the mercury was heated to 149 
deg. cent, and then cooled, a continuous record was 
made of the differences in temperature registered by 
the various couples. They differed at no time by so 
much as 0.25 deg. cent. This difference was not 
increased measurably by maintaining the bath at a 
constant temperature and heating the extended wires 
to a red heat. Nor was it increased by placing the 
wires in ice. A similar procedure using an oil bath 
but immersing the couples to a depth of six inches 
produced like results. As indicated in Fig. 1, an oil 
bath had a light asbestos sheet cover ^ in. above the 
oil and the thermocouple wires extended through the 
cover. Heating or cooling the wires was done just 
above the cover. It appears, therefore, that from the 
standpoint of cooling by conduction along the couple 
wires, there need be no fear of errors of any appreciable 
magnitude when the couple wires are of No. 22 B. 
& S. gage or smaller, providing the hot junction is in 
intimate contact with the bath. When, however, the 
couples are of heavy wire or are not intimately in 
contact with the bath, error from this source may be 
considerable in magnitude as well as imcertain in 


amount. For example, a No. 8 B. & S. at 149 deg. 
cent, by immersing t© a depth of six inches in oil had 
an apparent error of 10 deg. cent, due to conduction 
along the wires. By so coiling the wire that there was 
an amount under the oil equivalent to a depth of 
immeraon of eighteen inches the couple showed no 
measurable error. 

While twists and sharp bends in the couples set up 
strains which may-be the seat of parasitic e. m. f., such 
disturbances are too small to be a source of trouble at 
temperatures no higher than those to be measured with 
copper-constantan couples when, the wires of which 
the couples are made are small. The writer has taken 
couples of No. 22 B. & S. gage wire and twisted and 


Bunsen Flame or ice 
Applied Here 



bent them sharply at the point of emersion from the 
oil bath without introducing errors as great as 0.06 
deg. cent. 

In checking a thermocouple, it is sufficient, if a 
potentiometer method of measurement is employed, 
simply to twist the couple wires together, no precaution 
such as soldering or welding the wires being necessary. 
In fact, couples are often used in actual tests by merely 
twisting them together. While this procedure would 
be unsafe when measuring with a millivoltmeter, it 
is not conducive to error when using a potentiometer 
type of indicator. If, due to twisting the wires to¬ 
gether, there results a high resistance at the joint, the 
only effect is to reduce the sensitivity of measurement 
when employing a potentiometer. As a rule the ample 
sensitivity will still permit of precise measurements. 
The writer has made accurate temperature measure¬ 
ments in this manner when the couple contact resist¬ 
ance had risen to two hundred ohms, a value so high 
that a millivoltmeter method of measurement would 
have given a totally incorrect result. 

For measuring temperatures above 320 deg. cent, 
it is usual to employ a couple made of iron and con- 
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stantan. These couples are sei’viceable up to 1000 
deg. cent. Here also care must be taken to insure 
that the couple is in correct calibration. A fairly 
large eiTor may result from the u.se of iron wire not 
standard. In a check on a lot of iron constantan 
couples the iron elements were found to arrange them¬ 
selves in two distinct grouf)s, one gi'oup centering 
ai’ound + 0.5 deg. cent, departure from standard and 
the other around — 3 deg. cent. In .similar manner 
the constantan elements grouped themselve.s about 
- 3 deg. cent, and -}- 5 deg. cent.. The>se were all 
checked at 820 deg. cent. While the u.se of this 


tion with its proper lead wires as the calibration includes 
the potential drop along the leads as well as the e. m. f. 
.set up at the hot, junction. On the other hand a poten¬ 
tiometer may be checked independently of its leads 
whether it reads directly in temperature or is calibrated 
in millivolts .since the leads do not enter into the cali¬ 
bration. As a rule a check on the accui’acy of the 
standard cell is all that is needed with a potentiometer 
to warrant one in relying upon the correctness of the 
in.striiment as a whole. 

III. Thermocouple Circuit 


material would account for an error of 8 deg. cent, at, 
820 deg. cent, the amount of the error at lower tempera¬ 
tures would be proportionately less. Iron con.st.antan 
couples are very reliable in maintaining their calibra¬ 
tion. Even though the iron is oxidized to a point of 


Any change in the resistance of the thermocouple 
circuit causes an error in a millivoltmeter type of pyro- 


met(»r or thermometer 
The circuit resistance 


proportional to such change, 
may vary due to changes in 


temperature or oxidation of the leads or due to changes 


nearly opening the circuit the e, m. f. temperat ure 
relation maintains and no error is introduced if the 
measuring instrument is of the potenl;iomet.er type. 

The life of such cou])les is .satisfactorily long for 
temperatures below 1000 deg. cent, excepting however, 
under atmospheric conditions where oxidization is very 
rapid. To lengthen their life under .such service 
conditions, they have .sometimes been calorized. I’his 
materially adds t;o the life but changes their (>. m, f. 
temperature relation. 'Twenty-four iron-constant an 
couples after ealorizing were found to have changed 
by varying amounts ranging from 55 deg. cent,. l,o 
111 deg. cent, at 820 deg. cent. This variation from 
the original calibration was found to be wholly in the 
constantan. The iron wire hud not changed. Making 
up couples using the calorized iron but new constanf;an, 
not calorized, resulted in .securing the normal o. m. f. 
temperature relation of uncalorized couples. 'I'hi.s, 
therefore, offere a means for adding to the life of iron 
constantan couples when they are to be used continu¬ 
ously in oxidizing atmospheres and at temperatures 
around 900 to 1000 deg. cent. 

Above 1000 deg. cent, the .so-called chromel alumol 
couple has been found serviceable. They are u.seful 
up to 1400 deg. cent. Above thi.s temperature P f- 
P t Rh couples must be used. A.s we are not, however, 
interested in temperature.s of this magnit;ufle, no 
further con.sideration will be given to the.se u.seful 
thermocouples. 


in the material, size? or length of the? leads. Oxidation 
of the hot junction also may greatly change the resist¬ 
ance of the circuit. With modern types of millivolt- 
meter of high resistaiu'c the error due to changes in 
lead t;emi>erature may he kept low but this .soin’(?e of 
error limits the length of leads which may be u,« 5 ed. 

With instruinonts of the potentiometer type no error 
ix?sults from t he above .sourc(‘s excepting a small one 
arising from a ehange in sensitivity of the instrument 
due to a change in resistance of the circuit. If, for 
example, for some rea.son, |)i?rhaps oxidation of the 
hot junction of a (jouple, the re.si.slance of the circuit 
hius iloubled, then a potentiometer capul)le at finst of 
balancing to say 0.5 deg. cent, wouki now be of such 
.seasitivity as to balance to 1 deg. cent, thereby intro¬ 
ducing an uncertainty of 1 deg. cent, in the measure¬ 
ment from this cause. On the other hand a milli- 
voltmet(?r would show an error at .say 100 deg. cent, of 
nearly 50 deg. cent. 'I^his source of error is not readily 
determined with a millivoltmc?ter unle.s.s the whole be 
checked at somt? known temperature. Such error in 
a potentiometer, however, may be readily checked by 
simi>ly throwing the tlial .somewhat off of the balance 
po.sition and noticing from the deflection of the instru¬ 
ment to what extent the .sensitivity is impaired by the 
unusually high circuit resistance. 

On the whole the nece.ssity of making a proper check 
of a millivoltrneter in.strument so a.s to take account of 
changes in couple and leads as well as in the instrument 


II. Instrument Calibration 

The e. m. f. of a thermocouple is best determined 
by means of a potentiometer. The millivoltrneter 
method of measurement is for several reasons one of 
less precision and reliability but it has the advantage 
of being direct reading and of being more readily com¬ 
prehended by the layman. Either type of instrument 
may, of course, be out of calibration and therefore 
should be checked occasionally. A millivoltmeter 
whether calibrated in millivolts or directly in tempera¬ 
ture cannot as a rule be checked excepting in conjunc¬ 


is one of the chief drawbacks of this type. It demands 
removing the couple to some location where a definite 
and known temperature may be imposed and at the 
same time necessitate.s employment of the proper lead.s 
in the check to insure that no error resi<les in them. 

IV. Radia'hon Losses 

Errors due to radiation may be positive or negative, 
depending upon whether the radiant energy is being 
transferred to or from the thennocouple. The errors 
are reduced by making the couple of fine wires and by 
not enclosing them in protecting tubes. This will be 
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consider6d in great©!* detail when dealing with par¬ 
ticular measurements. 

V. Conduction Losses 

In measuring temperature with a thermocouple there 
is, in general, ah. error introduced due to the fact that 
the wires of which the couple is composed conduct heat 
to or from the hot junction. With a good thermal 
connection between a couple and a good heat conducting 
solid or liquid no trouble is experienced with couples of 
small dimensions. Under other conditions, however, 
large errors may result and are often difficult of elimi¬ 
nation or estimate. If, for example, one were to attempt 
the measurement Of the temperature of a cylinder of 
baked porcelain, even a couple inserted in a hole in tlae 
porcelain would be likely to show a large error in its 
measurement. Heat conducted along the wires of the 
coiiple would result in cooling appreciably the tempera¬ 
ture of the hot junction. To avoid error from this 
source it is usual where practical to place fine wire 
couples with their wires leading away from the point, 
the temperature of which is to be measured, along a 
thermally equipotential surface. This eliminates the 
conduction errors and permits of accurate measure¬ 
ment but of course is a procedure which can be followed 
only under special circumstances. One might naturally 
think that a couple of wires so fine as 0.031 in. diameter 
(No. 22 B. & S. gage) inserted in a fairly deep hole 
in a porcelain block would closely assume the tempera¬ 
ture . of the porcelain. But this is by no means true 
even when the block is of some good conducting material 
such as metal. A No. 22 gage couple was hammered 



flat and placed in intimate contact with a brass block 
at a temperature of 150 deg. cent. See Figure 2. The 
couple registered 16 deg. cent. low. Pressing the couple 
firmly against the brass-block with a strip of hard fibre, 
F, Figure 2, resulted in reducing the error to 8 deg. cent. 
This could be reduced still more by using a plastic 
insulator covering the surface of the couple and the 
sides but there is always the danger that such a pro¬ 
cedure will cause a change in the heat distribution arid 
to that extent give an incorr^t measurement. A 
jg jmilflr couple with ends well twisted but not flattened 
and inserted to a depth of H ih a 34 hole in the 
blockregistered 11 deg. cent, low, Figure 3 indicates the 


arrangement. The couple made contact with the 
bottom of the hole. Porcelain insulating tubes slipped 
over the thermocouple wires failed to reduce the error 
below 8 deg. cent. When the hole was filled with 
mercury, however, the couple registered correctly to 
within 0.2 deg. cent. The mere contacting of a couple 
against a surface whose temperature is to be m^sured 
may result in large errors. A No. 22 couple bearing end 
on against a brass block at 150 deg. cent, registered 
67 deg. cent. low. This way of applying a thermo¬ 
couple is plainly not a practical method but the writer 
has on several occasions seen couples contacting in 



this manner. It is quite apparent that care must be 
taken if a surface temperature of a few hundred de¬ 
grees C is to be measured to an accuracy of 10 pw cent. 

A couple of small dimensions embedded in the 
material, preferably by peening each couple wire 
separately into a hole in the body whose temperature 
is to be measured, is the best approach to ideal condi¬ 
tions and in many cases is a practical means of elimi¬ 
nating conduction errors. Under such conditions 
conduction errors are negligible. Small couples ranging 
from 0.013 in. to 0.031 in. diameter when employed 
in this manner showed errors of less than 0.5 deg. cent, 
when the extended wires were heated to a dull red and 
when cooled with ice. 

VI. Parasitic E. M. F. 

The use of iron constantan thermocouples at high 
temperatures creates a region of inhomogeneity where 
the steepest temperature gradient exists. This be¬ 
comes the seat of local e. m. f. To avoid error from 
this source in checking or in future use the couples 
should be immersed to at least an equal depth. 

As stated previously, parasitic currents arising from 
bends and twists are small enough to neglect when using 
small wires and measuring temperatures of but a few 
hundred degrees cent. 

VII. Lag 

In the use of thermocouples it is sometimes required 
that they be protected from contact with their surround¬ 
ings by lag^ng them. This lagging may be for the 
purpose of protecting them against the chemical action 
of gases, molten metals or liquids or it may be for the 
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purpose of electrically insulating them from their 
surroundings. The errors introduced thereby may be 
the result of radiation losses or simply due to the thermal 
resistance introduced. In the latter case the losses due 
to conduction are accentuated. This subject will be 
further considered when the various applications are 
taken up in detail. It might be stated, however, that 
under some conditions lag may be found of value in 
steadying the temperature readings from a varying 
source of heat. 

VIII. Cold Junction Temperature 

Perhaps the one source of error most often referred to 
is that arising from the temperature of the cold junction 
of the thermocouple. It is now well understood that 
if a thermocouple temperature indicator is calibrated 
when the cold junction is at one temperature, it will not 
read correctly when the cold junction is at another 
temperature unless the instrument is so constructed as 
to eliminate error from this source. It is not correct, 
as some makers have assumed, to add to the instrument 
reading the excess or deficit of cold junction temperature 
over the calibrated value. The error from this pro¬ 
cedure is not large when measuring temperatures of but 
a few hundred degrees cent. By far the best way, how¬ 
ever, is to employ an instrument having a correct 



Pio. 4 


automatic cold junction compensator. There is great 
satisfaction in knowing that when making measure¬ 
ments this source of error is satisfactorily and auto¬ 
matically eliminated by the apparatus itself. This 
will be particularly appreciated by those who have 
taken a series of measurements, only later to make the 
discovery that the cold junction temperature had not. 
been recorded or the position of the hand operated 
compensator was unknown. When temperatures are 
to be recorded an automatic cold junction compensator 
is essential, or Otherwise interpretation of the record 
becomes impossible or burdensome. 

IX. Measured Temperature Variable 

When the measured temperature is varying it is per¬ 
haps incorrect to attribute the error to the thermocouple 
but, as will be shown later, a consideration of the ther¬ 
mal couple design and location will offer a means for 
lessening any error from this cause. Cases have arisen 


useful through being less subject to constant variation. 
And where a control mechanism is in use such lagging 
of the recorder or damping out of its motion may be 
essential for proper control. 

X. Measured Temperature Not Representative 

The measured temperature may vary in place rather 
than time. For example, fiue gas temperatures may 
vary across the section of the boiler passes or down 
take. Here again the error is not properly an instru¬ 
ment error but one which may be in part, at least, 
eliminated by giving due consideration to the design of 
the couple, for example, by using a multiple couple. 
This will be more fully considered later. 

The various applications previously enumerated will 
now be considered and the methods of dealing with the 
problems arising will be detailed. 

Classification of Temperature Measurement 

I. Feed Water 

The determination of feed water temperatures is 
usually made with a mercurial or other type of expan¬ 
sion thermometer. The mercury thermometer placed 
in a mercury or oil well is in general a sufficiently accur¬ 
ate method of measurement but it often entails placing 
the thermometer in a more or less inaccessible place and 
does not permit of recording such temperatures. If a 
record is desired or if a distant indication is deemed 
necessa.ry the thermocouple will be found convenient. 
For this and similar applications a thermocouple has 
been developed which is capable of withstanding the 
boiler pressure and convenient to install. When 
supplied with an automatic cold junction compensator 
it leaves nothing to be desired in the way of reliability 
and accuracy, convenience of installation, and ability 
to have indications or records, or both at distant points. 
This type of theimocouple is in design quite similar to 
a gas engine spark plug. As indicated in Figure 4, it 
is so constructed with tapered and insulated leads that 
the internal pressure acts to prevent rather than produce 
leaks. ^ For this service no particular care need be taken 
to avoid errors as when once properly calibrated they 
should hold their calibration indefinitely. The inti¬ 
macy of contact with the water whose temperature is 
measured insures against errors. The relativly Tow 
temperatures are within the range of copper constantan 
couples. There may be cases where stray e. m. f. will 
demand unusual care in insulating the circuit and instru¬ 
ment but this is a precaution which should be taken in 
practically any installation. 

II. Boiler Water 


where lag in the couple has been conducive 'to better This problem is similar to that of determining feed 
results by offenng an average temperature more nearly water temperatures but in this case we have to contend 
representati^ of the me^ than would otherwise be with both high temperatures and high pressure. The 
secured. a recording instrument is employed same type of thermocouple plug has been found effect" 

It may often be so adjusted as to damp out many ive. The plug insulation is of mica and as stated be- 
vanations and secure a record more representative and fore, the design is such as to preclude the liHihood of 
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leaks starting due to the pressure and temperature to 
which the plugs are subjected. In fact, due to im¬ 
proper workmanship some plugs of this type when they 
were first being experimentally produced did leak when 
first installed. The temperature and pressure to which 
they were subjected soon closed up the leak. It has 
been found practical and safe to tap such plugs directly 
into a boiler. There has been some discussion as to the 
temperature distribution throughout the tubes and 
drums of water tube boilers. Plugs of this type may be 
tapped into drums and headers and extended into tubes 
a distance sufficient to enable a study to be made of the 
relative steaming efficiency of various sections of a 
boiler. As in the determination of feed water tempera¬ 
tures no serious errors are encountered in this appli¬ 
cation. 

III. Economizer 

The determination of the temperature of the gases 
entering and leaving economizers has been made by 
means of thermocouples arranged in series and so dis¬ 
posed as to secure an approximation to the average 
temperature of the gas. In this case the various cold 
junctions are brought out to a convenient point where 
a compensator is applied. . 

When such couples are placed both before and after 
the economizer a double curve drawing recorder may 
be employed indicating at each instant the temperature 
of the entering gas, the temperature of the exit gas and 
the drop in temperature through the economizer. 

IV. Flue Gas 

A continuous record of flue gas temperatures may be 
required or it may be desired to control some other 
element of operation automatically in terms of flue gas 
temperature. The thermocouple controller recorder 
offers a means of accomplishing either or both results. 

Kreisinger in Bulletin No. 145 of the Bureau of Mines 
calls attention to the fact that the major error in the 
determination of flue gas temperatures is that due to the 
radiation from the couple to its cooler surroundings 
unless precautions are taken to prevent such error. 
He states that under some conditions the error may 
amount to several hundred degrees in some passes of the 
boiler. Even in the down take an error of 25 deg. cent, 
may result from this cause. 

In the last pass of the boiler or in the down take the 
error is always in a direction indicating temperatures 
lower than actual, owing to the fact that the tubes in 
the last pass are at a much lower temperature than the 
gases. For this reason the couple radiates to the tubes 
and is therefore lowered in temperature. Kreisinger 
pertinently calls attention to two points .' first, that the 
degree of accuracy of gas temperature measurements 
depend more upon the judgment of the user of the 
instrument than upon its correct calibration and second, 
because ah instrument is correctly calibrated, the read¬ 
ings are too often assumed to accurately indicate the 
empCTature of the gas. 


The important point to note in gas temperature 
measurements is that the larger the diameter of the 
couple or its protecting tube the greater the radiation 
error will be. While it is usually assumed that a heavy 
couple or a heavy protecting tube markedly lowers the 
couple temperature by reason of conduction along the 
wires or protecting tube such is not generally the case. 
The conduction error can be made small. The real 
source of error lies in the fact that a large diameter 
couple offers a large surface for gain or loss of heat by 
radiation. With a couple projecting into the hot gases 
a distance of eighteen inches, conduction error may be 
ignored. Hence a properly constructed couple for gas 
measurements should be placed in a substantial steel 
tube for mechanical strength but the hot junction of 
the couple should be exposed for a distance of perhaps 
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six inches. The couple wires should be unprotected for 
this distance and should be not larger than No. 22 B 
&S. gage. With the low temperature of flue gases 
200 to 250 deg. cent, and with a couple constructed as 
above outlined the gas temperature should be measur¬ 
able to an accuracy of 3 to 5 deg. cent. 

In the last pass of a boiler where the temperature of 
the gas may be 650 deg. cent, to 750 deg. cent, this 
type of couple should give a reading not more than 25 
deg. cent. low. Experience seems to indicate that for 
the latter measurement a correction approximating 
3 per cent will leave only a small outstanding error and 
for temperatures in the down take a correction of 
about 1 per cent will allow for the lowering of tempera¬ 
ture due to radiation. 

In some tests made for the writer for the purpose of 
determining the error in flue gas measurements due to 
radiation, screens or baffles were so located and con¬ 
structed as to shield the couple from radiation to the 
boiler tubes. The arrangement is illustrated in Fig. 5. 
The rod A could quickly slide the baffles away from the 
couple. They could be quickly withdrawn and re¬ 
placed without disturbing any part of the couple and 
without loss of time. When readings were made in 
rapid succession both with and without the baffle, 
differences of temperature of not over 1 deg. cent, 
resulted. In this case the couples were of No, 22 
gage wire. While this method is a satisfactory means 
of measuring gas temperature at a point in the flue 
it does not insure that the measured temperature is a 
representative one. For this reason multiple couples 
have been used to secure an avOTafee in the same manner 
as in averaging the temperature of economizer gas^. 
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V. Superheated Steam 

The thermocouple because of its rapid response to 
changes in temperature, has found an unexpected 
application in connection with the measurement of 
temperature of superheated steam. If water is carried 
along with the steam and strikes tlie thermocouple it 
lowers its temperature suddenly. A continuous record 
of the thermocouple temi^erature, therefoi-e, shows sud¬ 
den breaks, the cause of which is readily recognized. 
The application to this servicte was i)ilmarily for the 
purpose of determining the degi-ee of superheat in 
making acceptance tests of superheaters. It proved 
very useful in this respect in that it was immoftiately 
responsive to any changes due to (thange in load 
and was free from suspicion of error due t,o lead 
conduction. 

For this service the plug t,vi)e couple will be found 
useful. Experience, however, shows that, its conslriu;- 
tion must be carefully attended t,o in order that, it may 
have sufficient rigidit,y to withstand the rather high 
pressure due to the velocity of the steam and l:he 
impact of the water. 

VI. Hearings 

Thermocouples embedded in bearings operate under 
conditions that insure reliable measurements providing 
care is taken to secure proper electrical insulation in 
ordei that stray currents may not produce error.s. 

Ihe couple should be set in a hole of siu^h depth that 
the hot junction is near the running surface and 
should be made of small wires, otherwise conduction 
along the wires may result in indic-ating too low a 
temperature. C/Ouples constructed and installed as 
indicated in Pig. (i, have been suggested although the 
writer cannot say whether t.hey have been tried out. 
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enable the temperature of the copper at this point to be 
detennined. 

In service, the couple has to be placed outside the 
insulation and therefore a correction is necessary 
for the temperature drop through the insulation. 
Standard corrections for this drop have been adopted 
in the Standardization rules of the A. I. E. E. 

In a shop test constantan wires can be substituted 
foi .some of the small strands in the armature conductors 
and these constantan leads welded to the armature 
copiier at the hot sjiots. A potentiometer connected 
lKd,ween l.he constantan lead at the neutral point, if 
grounded, and the neutral coi>per will {lermiti deter¬ 
mination of the copiier temperature. If at the same 
tune additional copper constantan couples are placed 
outside the copper insulation adjacent to the first 
couiiles, simultaneous measurements will give the 
correction for (be lat ter cciuples when used in service. 

After the test the leads of the inside couple can be 
(*ut. off, 

1 hermocouj)les installed in generators are subject 
to strong a-c. fields hence they shoukl be so designed 
as to previmt heating due to eddy currents. 

I hennocouples used in generators are always 
grounded as a iiroteetion to the operator but of course 
only on<* ground is permissible sima* the difFerence in 
potential between t.wo grounded points may be large 
in comparison with e. m. f. generated in the couple. 
Couples should riol; have common return leads us this 
gives rise to trouble and also makes it more difficult 
to locate trouble. Furthermore, trimble in any one 
collide effects the whole system anti not simply its own 
tnrcuit. 

It i.s almost unnecessary to point out that the leads 
shoultl be individually insulated with good rubber. 

I he fact that the e. m. f. of a thermocouple i.s but a 
few millivolts may lead to the inference that a low 
in.sulation is sufficient. 


This construction grounds the thermocouple since the 
copper sheath is one element of the couple. Perhap.s 
a betto construction would be to u.se .silver for a shcatli 
for only about one inch of length the balance heinu 
made of porcelain or light wall german silver. In this 

case the couple can be made of fine wire and in.sulated 
from the sheath. 

It is practical to keep not only a continuous record 
earing emperatures but to have the recorder furnish 
aaf^v ^ signal if the temperature rise.s above a 


VII. (.Jenerator Windings 

the design of a macbi 
1^ indicated the probable hottest region, th 
remains the problem of so locating the couple as 


VIII. Tran.sfokmer Windings 


rhci mocouples have not. been useil t<j any great 
extent in this country for mea.suring the temperature 
of transformer windings. The resistance thermometer 
has the advantage that it may be placed in an a-c 
bridge and insulated by means (if a special imsulating 
transformer. This is (be arrangement used by the 
(Jeneral Electric (k). 


I^arge t,runsformers are usually of higher voltage than 
generators and con-sequently the insulation problem is 
more difficult. Even if the spot" could be reached, 
It would not be safe from the standpoint of life hazard 
to use undergrounded thermocouples, and it would 
cause dangerous stresses in the insulation to run 
grounded thermocouples into the windings in the ordi¬ 
nary manner. 

The Westinghouse Company employs an "'artificial 
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hot spot” located in the oil of the transformer and 
supplied with current from an auxiliary transformer. 
In this “artificial hot spot” it is safe to place a thermo¬ 
couple or any convenient type of temperature detector. 

Very many high-voltage transformers have one 
winding connected in Y with the neutral solidly 
grounded. Accordingly it is possible to place thermo¬ 
couple leads in the main winding with the instrument 
connected at the neutral point. This method is now 
being investigated by one of the transformer manu¬ 
facturers. 

IX. Cables 

In the last year or two the thermocouple has been 
used extensively for temperature measurement in 
cable systems. The thermocouple is valuable in 
this work because of its extreme simplicity and 
robustness. 

Where it is possible to solder the couples to the lead 
sheath of a cable before drawing in, the problem is 
rather simple. The errors to be avoided are those due 
to stray e. m. fs. leaking on to the leads, and due to 
e. m. fs. produced by electrolytic action on the thermo¬ 
couple leads.. The ducts are usually very wet and 
excellent insulation is required to avoid the errors 
mentioned. 

Most of the measurements have to be made in empty 
ducts as it is not possible to pull a couple for any great 
distance into a duct occupied by a cable. However, 
thermocouples can be pulled into occupied ducts up to 
limited distances, but there is considerable uncertainty 
in the measurements as it is quite impossible to tell 
whether the couple is in contact with the sheath, the 
duct wall or neither. 

Whether the couples are pulled into empty or oc¬ 
cupied ducts it is necessary to guard against conduction 
along the leads and it has been found advantageous to 
place a small mass at the hot junction in order to reduce 
conduction errors. This makes it necessary to leave 
the couple at each point to be measured for a consider¬ 
able length of time (15 minutes to ]4 hour) to allow the 
mass to assume the local temperature. 

Of course the results are affected by radiation from 
and to the duct walls, but this error is probably small 
and usually in the direction to show a temperature 
more nearly that of the cables in adjacent ducts. 

Long leads are used with thermocouples for cable 
measurements and these leads are subjected to varying 
temperatures along their length. The temperature of 
leads may be abbve or below the junction temperature 
but is not very different. It is necessary to select the 
lead wire in order to avoid errors due to parasitic 
e. nd. fs. but it has not been difficult to obtain lead wire 
which is apparently very satisfactory. 

The writer is indebted to Mr. I. M. Stein of the Leeds 
& Nprthrup Company for the substance of the remarks 
pertaiiung to generators, transformers and cables. 


Discussion 

E. D. Tanzer: Not so long ago, a thermocouple was solely 
a physicists instrument. At the present time, however, it 
has a wide field of application among the operating companies. 
At least, we of the Philadelphia Electric Company, during the 
past three years have used it extensively in held determinations 
of the operating temperatures of cable duct lines, cable sheaths 
and transformer manholes, as well as in research problems 
pertaining to the operation of an extensive underground cable 
system. 

Mr. Smith has defined very nicely some of the limitations 
inherent in the use of various types of couples in the field. We 
have experienced in our own investigations, some of these same 
factors, and accordingly I believe that it may be of interest to 
show some ways in which we have found the thermocouple 
particularly useful in the investigation of temperatures in our 
underground system. 

In measuring temperatures in duct lines, carrying several 
cables, it is obviously impossible to get the thermocouple into 
a duct occupied by a cable. The only thing that we can do 
is to devise a means of readily locating a couple along an adjacent 
empty duet. 

In the device utilized for this purpose a mandril carries the 
thermocouple. In the center of this mandril, the thermocouple 
junction, imbedded in a small copper block, is protected so far as 
possible from any mechanical injury that might result from 
pulling the mandril through a duct. The first of these devices 
made up to investigate a duct run of about 400 feet length, 
was made with these mandrils spaced at approximately 50 
foot intervals. The little block of copper in which the couple 
junction is mounted, is for the purpose of providing a small 
amount of thermal capacity just at that particular point and so 
obviate the possibility of heat radiation or conduction away from 
the couple junction itself since this would mitigate against the 
accuracy of its indication. 

In one particular duct line in which a large number of measure¬ 
ments were made we had a duct length of about 400 feet badly con¬ 
gested with cables. Accordingly, a great deal of heat was to be 
radiated and the operating temperatures were rapidly becoming 
large. Thermocouples made possible the exact determination of 
the existing temperature within this duct run and so gave the load 
ing that could be used to advantage for the cables involved. The 
configuration of the duct run was such as to cause difficulty 
in determining temperatures at midlength locations. The 
leads from each of the 50-ft. spaced couples were all brought 
back to the one location enabling the operator to read the 
temperatures along the duet run with a minimum of effort. 

Couples have also been used to determine' the location of a 
leak beneath the street level in a steam service main. In this 
ease steam, was present in adjacent manholes but the exact 
location of the leak was not readily determinable from the 
surface of the street by ordinary methods. However, by 
checker-boarding the surface of the pavement and locating a 
couple at the center of each one of these sc[uares, the temperatures 
attained by the couples served to indicate the particular point 
in the steam main which was giving trouble, to within a distance 
of approximately 3 ft. 

I believe, therefore, that in the future, there will be more, 
of what I might call “out of the ordinary,” applications of 
thermocouples to the problems of the operating companies. 
Accordingly, Mr. Seth's paper is very timely as it discusses 
some of the things which we* cannot expect thermocouples 
to do. For instance, although the couple, by itself, is very 
accurate, yet it may be so mounted as to nullify a portion, 
or even a large part, of its accuracy. .Particular attention, 
therefore, must be devoted to not only the couple itself, but to 
the mounting with which the couple is to be used. 

G. H. Golet Thermocouples, because of their simplicity 
are frequently used under conditions which have been given 
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little thought. For e.\:aniple, even with somewhat more ther¬ 
mocouple experience than the average engineer, it is improbable 
that I would have hesitated about jneasuring the temperature 
of a brass block by putting a thermocouple junction at the bottom 
of a small hole in. deep, as shown in Fig. 3 of Mr. Smith’s 
paper, unless very good results were desired. Yet this proce¬ 
dure resulted in nearly as great a difference in the temperatm’e 
desired and that read as between tihe mean temperature of May 
and December in New York Chty. 

While it is well known that the temperature drop at siirfsmes 
of solids through Avhich heat Hows is relatively large, as for 
example at the junction of bricks in a furnace wall, Mr. Smith’.s 
paper has been of value in calling attention to the jio(}d for using 
this knowledge in thermocouple applications. 

Due to the numerous surfaces to bo crossed by hoiit floAving 
across a lamiuatod transformer core, the thermal drop may 
50 to 100 times greater in this direction than perpendicularl 3 f 
to it for the same distance in one lamination. The foregoing 
indicates the importaueo of making intimate contact with the 
surface Avhose temperature is to bo measured. 

I AAmuld like to ask Mr. Smith if surface drop and con¬ 
duction errors can be largely eliminated bj' having the two 
thermocouple Avires make contact with the body to be 
measured at different points. 

R. P. Brown: Mr. Rmith, in his paper, makes the following 
statements: 

“Any change in the resistance of the thermocouple circuit 
causes an error in a millivoltmetor type of pyrometer or ther¬ 
mometer proportional to such change.” He further states: 

“With instruments of the potentiometer type, no error results 
from the above sources e,xeopting a small one arising from 
change in sensitivity of the instrument duo to a change in 
resistance of the circuit”—Avhich ho explains, Avith doubling 
the resistance of the circuit, might cause an error of 1 deg. 
cent. Mr. Smith further adds: 

“On the other hand, a millivoltmetor AA'ould show an error 
at say 100 deg. cent, of nearly 50 dog. cent, and that this source 
of error is not readily determined with a millivoltmetor unle.ss 
the whole bo checked at some known temperature.” 

In making a comparison of the errors oncounterod in using 
a millivoltmeter pyrometer as compared to a potentiometer 
pyrometer, under conditions Avhorehi a thermocouple circuit 
resistance is doubled, it is, of course, necessary to compare on 
the basis of the same thormoeouplo circuit conditions for each 
meter. 

In tlu! case of a millivoltmijter pryometer normally of about 
600 ohms resistance and used Avith a thermocouple circuit of, 
say, one ohm resistance, it Avould be necessary for the thermo¬ 
couple circuit to bo increased to 6CX) ohms in order to halve the 
deflection of the millivoltmeter pyrometer. 

For Comparison,—in the case of a potentiometer pryometer, 
the same thermocouple circuit conditions must necessarily 
exist. In other words, the same change from one ohm to 600 
ohms must take place. Mr. Smith, in his paper, states that an 
uncertainty of % deg. cent, normally exists. Ho then states 
that by reason of the circuit resistance being doubled, the 
uncertainty in reading becomes 1 deg. cent, instead of H deg. 
cent. This is not possible under the conditions encountered 
in the usual potentiometer furnished for such measurements. 
The slide Avire resistance of such a potentiometer is normally 
approximately 30 ohms and the galvanometer resistance is 
approximately 20 ohms. It is therefore apparent that a change 
in the resistance from one ohm to 600 ohms in the couple circuit 
would far more than double the uncertainty existing in moar 
suring with a potentiometer. Since the total circuit resistance 
increases from approximately 51 ohms to 651 ohms, it is evident 
that the uncertainty of measurement must increase in ratio of 
the resistance. In other Avords, the uncertainty of the balance 
will then be 13 times as great as originally, thus amounting to 
approximately 6^4 deg cent., instead of 1 deg. cent, claimed 


. ^ ^ Smith. From this it is apparent that the comparison 

as ma e is ineorreot, in that the same condition of thermocouple 
have not been applied in making the oomparison. 
e only condition under which the comparison as stated 
won be substantially correct, is to assume that the thermo¬ 
coup e circuit, as referred to by Mr. Smith, applies only to the 
ex eina oircuit, including the thermocouple and its lead wires., 
e average millivoltmeter pyrometer of today, put out by 

e majority of manufacturers, has an internal resistance of 
some 600 ohms. • I have seen an instrument made by one of 
our competitors having a resistance of 1200 ohms and we 
t^requently build instruments of this resistance ourselves, but 
to take an average condition, Ave can assume 600 ohms for the 
instrument. 

A thermocouple most commonly used, 36 in. long, with 15 
of extension leads to convey the cold junction from the 
thermocouple to the instrument, has a resistance of ^ of an 
ohm. Lengthening the extension leads from 15 to 30 ft. and 
increasing the thermocouple from 3 to 6 ft. long, Avould double 
the resistance of this cirouit and would produce an error of only 
1.3 deg. cent, in the readings of an instrument graduated, for 
example, to 1000 deg. cent. This is equivalent to only 0.13 of 

1 per cent error (instead of nearly 50 per cent claimed by Mr. 
Smith.) 

It is misleading to have a statement appear broadly implying 
that a millivoltmeter pyrometer would show an error at, say, 
100 deg. cent, of nearly 50 deg. cent, on account of doubling 
the thermocouple cirouit resistance. 

The variation in temperature of the lead wires, referred to 
by Mr. Smith, will also produce exceedingly RTTnfl.11 errors in a 
modern millivoltmeter ps^rometer. Assuming a length of 
lead wire of 100 ft., the change in resistance due to a change 
in temperature of 1(K) deg. cent, will amount to 0.1 ohm in a 
cirouit of 600 ohms, or about 0.02 per cent. On a pyrometer 
reading to 1000 deg. cent, the error would amount to only 0.2 
deg. cent. It is quite eAudent, therefore, that errors in a high 
resistance millivoltmeter, due to lead wire changes in tempera¬ 
ture, are immaterial. 

The only remaining possible cause for change in. resistance in 
a millivoltmeter pyrometer, is the change produced by oxi¬ 
dation of the thermocouple. Claim is made that oxidation of 
the thermocouple results in an increase of thermocouple re- 
sistonce, thus affecting the millivoltmeter pyrometer and not 
the potentiometer. The truth of the matter is that resistance 
errors due to oxidation are exceedingly small. Before the 
deterioration of a thermocouple can be carried to such an extent 
that the resistance errors are appreciable, the e.m.f. of a ther¬ 
mocouple changes so badly as to render the thermocouple 
useless for measurements either with a potentiometer or a 
millivoltmeter. 

When we compare the relative merits of the millivoltmeter 
and potentiometer for temperature measurements, let us not 
take for comparison a type of millivoltmeter which is not pro¬ 
duced and compare it with a standard potentiometer. 

I recognize the valuable features in both instruments—the 
millivoltmeter for its simplicity, the ease Avith whieh an un¬ 
skilled operator can use it, its absence from standard cells, 
dry batteries and slide wires required in the potentiometer. 

In the potentiometer I recognize its valuable feature in the 
entire absence, for practical purposes, of any errors due to changes 
in oircuit resistance, and its value for extremely accurate mea¬ 
surements of temperature. Both types of instruments have 
their field and both have many valuable features. 

I. B. Smith: The calculations made by Mr. Brovm and 
myself may be carried out in a variety of ways. It seeins 
hardly worth while, however, to go into details since Mr. Brown 
and myself appear to be in agreement as evidenced by his last 
remark, that one valuable featm’e of the potentiometer is “the 
entire absence for practical purposes, of any errors due to chauges 
in circuit resistance.” 
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Review of the Subject.—The object of this paper is to point 
out that the existing methods of measuring power when applied to 
unbalanced three-phase systems are not equitable for symmetrical 
polyphase machinery. On the other hand, unsymmetrical loads on 
polyphase systems are not sufficiently penalized for the trouble 
which they create in the system. 

It is first of all shown that a symmetrical generator cannot deliver 
power except through the balanced components of current. The 
unbalanced currents are capable of resolution into two balanced 
systems of currents, one of which is of the same phase sequence as 
the generator e. m.f., and the other component is of reversed or 
negative phase sequence. The generator cannot deliver power 
through the medium of this latter component of the currents, because 
the instantaneous product of the generated voltage and these currents 
in the three phases is always zero. However, the volt-ampei'e product 
per phase is of great significance, because it is a measure of the effect 
of the current unbalance on the system. 

The generator therefore delivers power only through the medium 
of the positive phase seqxience currents. Any power that appears in 
the system through the negative phase sequence currents is positive 
phase sequence power which has been supplied by the generator and 
degraded through unbalanced loads and fed back to the system in the 
form of negative phase sequence power. This power is Always 
additional loss in all rotating machines on the system, and with the 
present method of charging, the consumer having symmetrical 
machines is charged with this additional power, which serves him no 
useful purpose hut reduces the output of his machine, and decreases 
his load power factor. 


In the paper it is proposed that the positive phase sequence power 
output only be measured, and the power charges be made on the basis 
of this measurement. It is further proposed that the unbalanced 
k-va., which is the product of the positive sequence voltage and the 
negative sequence curreni be measured either by means of a negative 
sequence ammeter, indicating or recording, or a k-va. meter, and a 
charge made for the amount of unbalance. The user of symmetrical 
polyphase rotating machinery should then be given a lotoer rate, 
based on the estimated cost of unbalance, and the consumer having 
unbalanced loads should be charged directly for the amount of un¬ 
balance he creates, or else should have his positive phase sequence 
poiver rate increased, based upon the estimated cost of unbalance. 

It is pointed out that the unbalanced kv-a. is a factor of the same 
order of importance as reactive kv-a. and in any system subject to 
unbalanced conditions this factor should be considered and the 
unbalanced factor, as well as the power factor, should be measured. 
The unbalanced factor is the ratio of the negative phase sequence 
kv-a. and the positive phase sequence kv-a., the former being obtained 
by taking the pi'oduct of the positive phase sequence voltage and the 
negative phase sequence current. 

Devices for measuring these quantities are being 'developed and the 
outfit for making these measurements will be no more complicated 
than the present existing measurement devices. In fact the tendency 
is towards greater simplicity. 

In presenting this subject the author has no intention of suggesting 
how rates should be made, but merely wishes to point out what factors 
enter into the question of equitable rates when the polyphase system 
is subject to unbalance. 


Generators 

OR the purpose of this discussion, it will be suffi¬ 
cient to consider S3nnmetrically wound machines. 
Such machines when excited by a direct-current 
machine, give balanced three-phase voltages at their 
terminals of sine wave form. If currents are supplied 
from these terminals to a symmetrical load, they will 
be in balanced three-phase relation to one another, and 
the sequence of the maxima of the current waves will 
be the same as that of the generated e. m. f. waves. 
Generators are usually built with the field the rotating 
member; to avoid confusion we shall refer to this 
member as the rotor and the rotor field will in general 
be the main field of the machine, although as we shall 
see later, the main field is, in reality, a field set up by 
the resultant of the m.m. fs. of both stator and rotor. 

A symmetrical system of currents fiowing in the stator 
winding produces a resultant ssmchronously rotating 
m. m. f. which in the case of balanced currents having 
the same sequence of phases as the generated e. m. fs. 
will rotate in the same sense as the main field, and its 
phase position with respect to the main field will 
depend upon the time phase of current vdth respect to 
the e. m. f. Where the relation between m. m. f. and 
field in lin ear^ the former may be resolved into two 
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components at right angles wdth each other, and the 
field that would be produced by these m. m. fs. may be 
compounded with the field produced by the exciter 
currents in the stator to give the actual field of the 
machine under load. Since the e. m. fs. produced by 
the components will be proportional to them, we may 
consider these components in terms of the e. m. fs. they 
produce in the stator winding and compound these 
instead. Thus, in each phase an e. m. f. will be pro¬ 
duced by the resultant magnetomotive force due to the 
symmetrical currents fiowing in the stator windings and 
will lead it in time phase by one quarter of a cycle. 
In addition to this e. m, f., there will be a resistance 
drop due to the current in its windings. A complete 
theoretical discussion of these problems is given in the 
appendix. It is shown there that if the resistance drop 
which is negligible is ignored, the increase in exciting 
current required to maintain a given e. m. f. is propor¬ 
tional to the wattless current, and the phase angle 
of the rotor and armature adjust themselves, so that 
there is equilibrium of induced voltages. In other 
words, the presence of wattless lagging current in the 
winding necessitates a proportional increase in the 
exciting current. This entails larger conductors in the 
exciting winding and larger parts for the complete 
machine. The effect of saturation is not so important 
as might be supposed; for since the field itself does not 



368 



Feb. 1023 


FORTESCUE: MEASUREMENT OP POWER 


350 


change in value during a cycle, the value of the average 
mutual and self inductance will not be affected during 
a cycle, but will depend upon the average degree of 
saturation present. In most machines this does not 
vary much from no-load to full-load on account of the 
long air gaps. 

Let us suppose the generator to be provided with a 
winding on the rotor of similar character to the stator 
winding, but short-circuited on itself. It will be quite 
obvious that the various component fields discussed 
above, since they are stationary with regard to the 
rotor, will have no inductive influence on this winding 
and that, therefore, so long as the machine is rotating 
at unifonn speed, and the currents in the winding of the 
stator are symmetrical three-phase of the same se¬ 
quence as the terminal e. m. fs., no current will flow in 
this winding. Let us now consider the effect of a 
system of balanced three-phase current, the •sequence 
of whose maxima is opposite to that of the generated 
e. m. fs., that is to say, the maxima of the currents in 
phase A. B. C. instead of following in time the order A 
leading B and B leading C, will instead follow the order 
C leading B and B leading A, It will be evident that 
the sequence of these currents will correspond with the 
normal sequence of currents for the same machine 
with the direction of rotation reversed, consequently 
following the same general reasoning for the case of 
normal sequence given above, this system of currents 
will set up a m, m. f, rotating synchronously in the 
opposite direction to the m. m, f. of the exciting cur¬ 
rent of the rotor. This m. m, f. will, therefore, ro¬ 
tate relatively to the distributed winding on the rotor 
at double synchronous speed and the field it will tend 
to produce will set up double frequency-balanced 
polyphase currents, which will in turn set up a m. m. f. 
opposing that due to the stator currents. 

The field actually produced will be the resultant of 
these two opposing m. m. fs., and will be such as to 
produce e. m. fs. of sufficient value to overcome the 
impedance of the rotor winding due to its resistance and 
leakage reactances. We have here an action similar 
to that of a short-circuited transformer, the difference 
being that there is in addition a tranformation of fre¬ 
quency that is always accompanied by a transforma¬ 
tion of mechanical power into electrical power. In this 
particular case, the transformation of mechanical power 
into electrical is such that one-half the secondary losses 
are directly supplied through rotation by the prime 
mover. The e. m. f. at the generator terminals re¬ 
quired to force this current through the stator windings 
will be determined by an impedance which will be 
similar to the short-circuited impedance of a trans¬ 
former. Similarly, the relation between the double¬ 
frequency rotor current and the stator current will be 
similar to that between the secondary and primary 
currents of short-circuited transformers. For practi¬ 
cal purposes, we may say that the ampere-turns of 
stator and rotor winding will be equal. These relations 


are independent of the actions accompanying the flow 
of balanced currents of normal frequency in the wind¬ 
ings. 

It will now be evident that the presence of current of 
opposite phase sequence in the generator e. m. f. 
requires something in the generator which was not 
necessary before, that is, damper capacity, and this 
is a further requirement in addition to the additional 
capacity required in the stator winding as a result of 
the current. 

The product of the negative phase sequence current 
and the normal terminal voltage is a measure of the 
amount of phase conversion taking place in the genera¬ 
tor and the presence of the negative phase sequence 
current requires this phase converting capacity in the 
machine. The mean heating in the stator will be pro¬ 
portional to the sum of the squares of the positive 
phase sequence current and the negative phase se¬ 
quence current; and the heating in the rotor will be 
proportional to the sum of the squares of the exciting 
cuiTent and the double-frequency current if they have 
a common winding. 

It has been shown elsewhere and the solution has 
been repeated in the appendix that the operation of a 
generator depends upon two fundamental inpedances, 
namely, the impedance to the normal balanced cun’ent 
or positive phase sequence impedance, and the im¬ 
pedance to the negative phase sequence current, the 
action of which we have just discussed; this latter is the 
negative phase sequence impedance. 

In this discussion we are leaving entirely out of 
consideration currents flowing through the winding 
by way of the neutral of the three-phase winding. 
These currents while important in questions of in¬ 
ductive interference are of little importance in commer¬ 
cial power circuits. It seems hardly necessary to say 
that a solution of any circuit condition may be obtained 
without the use of positive and negative sequence 
currents and, impedances by using self and mutual 
impedances. These impedances are, however, diffi¬ 
cult to evaluate and are not the natural constants of 
the machine. 

A discussion of the equations of a generator using 
self and mutual impedances and the derivation of their 
relation to the positive and negative phase sequence 
impedance will be found in the appendix. This method 
of solution might be regarded as the single-phase 
method of treating a polyphase problem, each phase 
being considered as a single-phase branch circuit 
related to the other circuits through mutual impedance. 

In the symmetrical coordinate method, the sym¬ 
metrical polyphase component system are the units, 
and these have definite impedances and are inde¬ 
pendent of each other in a symmetrical machine. 
This method, therefore, leads to considerable simpli¬ 
fication. It is interesting to note that a similar rela¬ 
tion holds between the phase impedances and the 
positive and negative sequence impedance, as exists 
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between the phase currents and the positive and 
negative sequence components of current. 

We are not concerned, however, with the mere solu¬ 
tion of the three-phase circuit, but what we desire is a 
measure of the requirements of the machine. 

(1) How much true power it must carry—kw. 
capacity. 

(2) How much reactive power it must supply- 
exciter capacity, field copper, additional stator copper. 

(3) How much unbalanced kv-a. it must supply— 
its phase-converter capacity—damper windings on 
rotor—^additional copper on stator. 

The first two requirements are well known, the first 
being determined by the demand for power current or 
active component of current, the second being deter¬ 
mined by the demand for magnetic energy which is 
furnished by the reactive component of current. The 
third requirement is determined by the magnitude of 
current unbalance, and is measured by a balanced 
system of currents, the sequence of the maxima of whose 
phases is the reverse of that of the generated voltage. 

K we take Ji for the total current due to the first two, 
then if Ip Iq be the two components of power current 
and wattless current respectively, .= Ip^-\- 
If Ja be the third current, which measures the magnitude 
of the unbalanced fiow, the total average heating in the 
stator alone will be determined by 1^ - Ip^ -f- 
I<i + M so that in its relation to the generator 
capacity, JaMs a factor of the same order as and the 
three quantities as regards the average heating are 
independent of one another, and the necessity for 
supplying /a calls for additional copper in the stator 
winding as well as the addition of a suitable damper 
winding. To sum up: The character of a generator is 
such that it has three functions; 

(a) To deliver true or active power. 

(b) To deliver reactive power or supply magnetic 
energy. 

(c) To maintain balance at its terminals (phase 
converter capacity.) 

The quantities that are measures of these three 
characteristics combine as far as average total heating 
is concerned as if they were three vectors in space 
mutually at right angles to one another. 

In the preceding paragraphs, we have concerned 
ourselves only with the average heating, due to the 
presence of unbalance currents. We have shown that 
a machine subjected to such operating condition must 
have damper capacity and additional copper in the 
stator; but this is not the whole story, the effect of un¬ 
balance is to cause unequal dissipation of energy in the 
three phas^, as a result any phase may have to with¬ 
stand a loss several times the averag:e loss according to 
the average loss e;xpression given in one of the preceding 
paragraphs. Since the phase of the negative phase 
sequence component current is not definitely fixed, any 
one of the three phases may have to stand this high loss. 


In a single-phase machine, the unbalance is definite 
and may be provided for, but in a three-phase machine, 
each winding must be designed for the maximum 
possible loss it may incur under unbalanced loads. 

It appears to be a reasonable deduction that the 
simplest system and the most fundamental one in 
considering a rotating machine, is one in which the 
reactions in the magnetic circuit will appear in terms 
of fields of the same character as that set up by the rotor. 
We see that balanced currents flowing in the stator will 
set up a field of this character which may be combined 
siniply with similar fields set up by other balanced 
systems of currents. The balanced systems of currents 
in the stator setting up these component fields will 
differ from one another in magnitude, phase-sequence 
and frequency. Any particular component fields may 
be the resultant of two balanced systems of current, one 
of which flows in the stator winding and the other in the 
rotor. A balanced system of currents which produces a 
m. m. f. rotating in the same direction as the main field 
is termed a positive phase-sequence system. A system 
of balanced currents flowing in the stator producing a 
field rotating in the opposite sense is termed negative 
phase sequence. It is convenient to refer all the 
quantities to one phase “A” which is termed the 
principal phase. 

In dealing with the generator in these terms, we are 
considering the field as resolved into component fields 
of exactly the same character as that set up in the field 
magnetic circuit by the exciter. In the complete 
theory the field may be compounded of a number of 
fields of different numbers of poles rotating at different 
multiples or submultiples of the speed of the main 
field. Rotating positively or negatively each field is 
associated with a S3m[imetrical system of currents in 
both rotor and stator, each having a definite frequency 
depending on the speed of. rotation of the field and a 
definite phase sequence depending on the direction of 
rotation. 

The instantaneous value of the field set up by a 
symmetrical system of currents of other than sine wave 
form in a symmetrically wound generator may be 
expressed in the form of a Fourier series consisting of 
only odd harmonics of the fundamental, the electric 
angle for a complete pole pitch being 27r. In the three- 
phase symmetrical generator, there may be present in 
the field form, due to the symmetrical currents, the 
5th, 7th, 11th, 13th, etc., harmonics of which the 5th, 
11th, 17th, etc. will be fields rotating in the negative 
direction while the 7th, 13th, 19th will be positively 
rotating fields.^ On account of the counter m. m. fs. 


1. The reason of this may be explained very simply as follows: 
If we take the wave form of say phase A and displace it through 


2 IT 

the angle we obtain the wave form of phase B for a sym- 
o . 


metrical machine. For the rth harmonic which has 1/rth the 
wave length, this displacement corresponds to the harmonic 
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due to currents set up in the damper winding and in the 
pole faces, these harmonic fields are largely damped 
out. The harmonic fields due to the flow of symmetri¬ 
cal positive phase-sequence currents of fundamental 
frequency do not produce harmonic e. m. fs. in the 
stator, but the e. m. fs. produced are all of fundamental 
frequency and of symmetrical positive phase sequence. 
The field forms so produced are of the nature of sub¬ 
multiple rotating fields, having numbers of poles 
related to the main poles in the inverse ratio of the 
relative rotational speeds. Their values are .small, due 
to the counter reactions set up by the induced cun*ents 
in the rotor. 

The fields set up by the flow of negative sequence 
current of fundamental frequency in the stator are of 
similar character, but the direction of rotation is 
reversed, consequently, all these fields are opposed by 
those of the currents set up in the damper windings. 
All the e. m. f. set up in the stator is used up in over¬ 
coming the resistance and the internal reactance of its 
windings and in addition a certain amount of mechanical 
power is required to produce a portion of this e. m. f. 
which is dissipated in the form of P R in the rotor wind¬ 
ings. The e. m. fs. set iq) in the .stator are all dissi¬ 
pative and reactive e. m. fs. 

A symmetrical rotating machine driven below 
synchronous speed is incapable of delivering power when 
excited in the primary alone; an additional exciting 
agent in the secondary circuit is required. Any 
mechanical power necessary to drive such a machine 
is used up in heat losses in the windings. The above 
includes machines driven in a negative direction at any 


2 r TT 

angle =f —~— . If r is a ninltiplo of 3, we see that the angle 
2r7r . , 

-3—always a multiple of 2 tt or a ooinpletu oleetnea,! 

revolution, so tliat in a throc-pliase machine, all harnioni<;s whieh 
are multiples of 3 give voltages in pha.se.s A Ji C in pliu.so with 
one another. The two groups of nuinber.s (6 n - 1) obtained 
by giving n all integral value.s from 1 to infinity give all tho odd 
integers from 5 to infinity, except tho multiples of 3. If wo 
take r equal to (6 n — 1) tliis group of harmonic.s will bo dis- 

placed by the angle — 4 n tt + or what is the same thing 

f.i 

by the angle that is to say phase B will be advanced by thi.s 

angle, similarly it r is taken equal to (6 n -b 1) tho angular 

displacement for the harmonic will be-that is, this group 

of harmonics will be displaced in phase B by the angle 
2 TT 

g . Hence the first group will be positive phase sequence, 

Trhfle the second will be negative phase soquenee. In (6 n — 1) 
g^g all integral values, we obtain the harmonic group 5, 11, 
17, eto., and similarly, the group (6 n + 1) gives the harmonics 
7, 13, 19, etc. 


speed. There is an apparent exception to this in the 
case of standard generators; due to the saliency of the 
poles, they are capable of delivering a certain amount of 
power when excited from the primary. This character¬ 
istic is the result of the variation of inductance of the 
stator winding with varying position of the rotor, and 
may be regarded as a form of dissymmetry. The 
amount of power a machine is capable of delivering in 
this way is a fixed fraction of the total exciting kv-a. 
Steam turbine generators have very little of this 
characteristic. 

The generatoi* relative to the negative phase-sequence 
cuirent is being driven backwards at synchronous speed, 
and, therefore, as we have .shown, if it is a symmetrical 
machine, it cannot deliver any useful work at its termi¬ 
nals through the medium of the negative phase-sequence 
currents. The mechanical power at the shaft, due to 
the negative phase-sequence currents is completely 
used up in losses in the damper windings. In short, 
a generator cannot deliver useful power at its terminals, 
except through the .system of e. m. fs. .set up through 
its main field excitotion. It will now be apparent that a 
symmetrical generator cannot deliver any other than 
positive phase-sequence jiower. All the negative 
phase-sequence current flowing therein represents 
losses; the flow of the.se currents requires also the 
application of a certain amount of mechanical torque at 
the driving shaft which must be .supplied from the true 
source of power which in the case of a generator is the 
prime-mover. 

One special form of generator should be mentioned, in 
which the field windings have high external reactance 
and the field is thoroughly laminated and is not pro¬ 
vided with damper windings. In such a machine the 
impedance to negative phase-sequence current is the 
.same as that to positive phase-sequence current. Such 
a machine delivering a single-phase load will have a 
pulsating field. Moreover, the harmonics due to the 
field fonn will not be damped out as in the machine 
provided with damper winding. The unbalance in 
voltages due to unbalanced load in .such a machine will 
be very marked. 

It is possible that a generator may give perfectly 
balanced voltages at no load and will be inherently 
unbalanced under load. The fact that a symmetrical 
generator cannot deliver power through the negative 
phase-sequence currents affords a simple check to 
determine whether an unbalance is wholly due to 
external sources or is partly inherent in the generator. 
The total negative sequence power ofitput may be 
measured, and if it is negative, the unbalance is due 
mainly to external conditions; if it is positive, a great 
part of the unbalance is inherent. 

Three-Phase Induction Motors: Synchronous 
Motors: Rotary Converters: 

The action of polyphase motors is quite similar to 
that of polyphase generators. Thus, if the machine is 
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an induction motor, at no load, the rotor, since it is 
rotating at near synchronous speed, is traveling at 
approximately the same angular velocity as the field 
set up by its primary currents; there is, therefore, 
practically no current set up in the secondary winding. 
The effect is similar to that in an open-circuited trans¬ 
former. As a load is thrown on the motor, the speed . 
decreases and sufficient current flows in the secondary 
to produce the required torque. In the case of nega¬ 
tive phase-sequence currents in the primary, the rotor 
is traveling, relative to the fleld set up by these currents, 
at double synchronous speed, approximately; the 
effect, therefore, is similar to that in a short-circuited 
transformer. For a slight unbalance of the impressed 
voltage, a relatively larger unbalanced current will, 
therefore, flow. If the negative sequence input is 
measured, it will always be positive if the motor is 
tending to maintain a balance. If it should read nega¬ 
tive, the motor is unsymmetrical, and is causing un¬ 
balance. The above analysis applies equally well in 
the case of synchronous motors. In the case of rotary 
converters, the effects of unbalance may be quite 
serious for the negative phase-sequence current is not 
commutated, but circulates in the winding and produces 
secondary double-frequency currents. Both primary 
and secondary currents may be quite large, and since 
the former is not compensated by the flow of direct 
current, it has its full heating effect in the windings. 
Moreover, the negative phase-sequence current in the 
primary sets up a double-frequency voltage between 
commutator segments, which increases the tendency to 
flaigh over. A certain amount of double-frequency 
current flows through the brushes into the d-c. system, 
heating the brushes and causing inductive disturbances. 

In the measurement of power supplied to a sym¬ 
metrical motor, we are chiefly concerned with its 
operation considered with reference to a balanced 
positive phase-sequency system which is the standard 
polyphase system of reference in the same way that 
the sine wave is the standard wave form of current and 
e. m. f. As pointed out in a preceding paragraph, in a 
symmetrical motor, the total power input which is the 
sum of the positive and negative sequence power, is 
greater than the positive phase-sequence power input 
and the difference constitutes loss in the motor, due to 
the unbalance. But this is not the only loss due to the 
imbalance; there is a counter torque required to as¬ 
sist in driving the double-frequency current through 
the secondary windings, and this is supplied by the 
positive phase-sequence power which is also increased 
as a result of the unbalance; the increase is, however, 
very small, being approximately equal to one-half the 
secondary loss due to the double-frequency current 
flowing therein, and it may practically be ignored. 

It will be apparent from the above statement that the 
existing methods of measuring power input to motors 
and rotary converters ^e not quite equitable and 
penalize the. machines that assist in balancing the sys¬ 


tem while it favors those which inherently have charac¬ 
teristics that increase unbalance. 

The simplest procedure to obtain the input of power 
to polyphase motors is to ignore the small additional 
loss due to the back torque set up by the negative 
phase-sequence currents in the motor, and to take the 
positive phase-sequence power and kv-a. or power 
factor as a measure of the performance of the machine. 
This method is a great deal more accurate than the 
present method of measuring the performance of the 
machine by the total power input and the effective 
power factor. 

The product of negative phase-sequence current and 
positive phase-sequence volts, is a measure of the phase 
balancing or unbalancing effect of the motor .on the 
circuit. When it is known that the motor is sym¬ 
metrical, this will always measure the balancing effect 
of the motor on the system. When there is doubt as 
to the symmetry of the motor, the question as to 
whether its operation is favorable or detrimental to the 
balance of the circuit may be answered by obtaining 
negative sequence power input. If the value is positive, 
the operation is favorable; if it is negative, the opera¬ 
tion is detrimental. There are certain cases where 
these criteria fail, but the number of cases in which it 
will be necessary to apply the test is small, and the 
number of cases in which the test fails is an unimpor¬ 
tant figure. 

Single Phase Motors 

Considered from the point of view of symmetrical 
coordinates, single-phase motors are only a special case 
of three-phase motor unbalanced operation. The 
positive phase-sequence current and the negative phase- 
sequence currents are equal in magnitude; the unbalan¬ 
cing effect of such a motor is, therefore, quite definite 
and is equal to its positive phase-sequence kv-a. 

It would appear reasonable to charge a consumer, 
lijsling single-phase motor, on the basis of this unbalanced 
kv-a. whether other consumers using similar machines, 
when operating simultaneous with his, are connected, 
to jointly produce a balance or not. The cost of single¬ 
phase service on polyphase systems should be based 
on the cost of unbalance, compiled from the previous 
year. 

This method of charging could be extended to all 
single-phase power loads, and would be equitable except 
in the case of consumers having mixed loads, who should 
be encouraged to balance up the single-phase portion 
of their loads as far as practicable. It should be 
remembered, however, that single-phase loads even 
when perfectly balanced are inferior to balanced poly¬ 
phase rotating loads, because the latter have high 
inherent balancing characteristics which the single-phase 
balanced loads do not have. That is to say, the 
admittance to negative phase-sequence current for a 
balanced single-phase load is the same as its admittance 
to positive phase-sequence current, whereas in the case 
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of a polyphase synchronous or induction motor or 
rotating converter cairying the same load, admittance 
to negative phase-sequence current may be many times 
that to positive phase-sequence currents. 

Single-Phase Lighting 

The same comments apply to this type of load as to 
single-phase motors, except that the power factor being 
near unity, the lighting load becomes less objectionable 
from this standpoint. When it is possible to balance 
the loads on all phases, it should be done by the con¬ 
sumer as closely as practicable, and he should be 
charged on the basis of the polyphase power consumed 
and the unbalance he creates. At the present stage, 
it will be sufficient to charge him for his unbalanced 
kv-a. without considering whether he is helping or 
hindering the balance. This charge may be considered 
the penalty attached to single-phase service, which is 
reduced in proportion to the care with which the con¬ 
sumer arranges hig circuits. This method of chai'ging 
holds equally well for all single-i)hase loads where they 
can be aiTanged to give good approximate balance. 

Three-Phase Furnaces 

The three-phase furnaces may be balanced by intro¬ 
ducing a properly designed control. With proper 
control, it should be balanced both as to current and 
e. m. f. between neutral and terminals. Under these 
conditions of balance such harmonics of current as 
occur will be a minimum. A practical method of 
obtaining balance, is with the use of a series phase bal¬ 
ancer which will be small as compared with the output 
of the machine. This should be combined with a 
voltage regulator to control the depth of the electrodes; 
in this way perfect balance as to the current as well as 
voltage may be obtained. Furnace loads when balanced 
have no inherent balancing capacity whatever, and 
therefore all unbalanced kv-a. should be charged for. 
In addition if the wave form of current is very much 
distorted, some account should be taken of this dis¬ 
tortion when the operating conditions warrant it. 

Equitable System op Rates Based on Sequence 

Measurements 

The positive-phase sequence power delivered to a 
load may be measured by a single-element wattmeter 
with the proper form of network constraint which can 
be inco^orated in the meter. It has been pointed out 
that this power is the only power that a generating 
station is capable of delivering. The total power 
delivered measured at the terminals of a symmetrical 
generator which carries an unbalanced load is always 
1^ than the positive phase-sequence power. The 
difference is absorbed by the generator in the form of 
losses. In the case of a load causing unbalance, the 
positive phase-sequence power input will always include 
the negative phase-sequence power delivered to the 
system by the load as a result of the unbalance. Bal¬ 
anced polyphase loads, such as motors and balanced 


polyphase networks in general, do not contribute to 
the unbalance, but assist in maintaining balance. 
They absorb negative phase-sequence power, but do 
not transform positive phase-sequence power into 
negative phase-sequence power. Their operation as 
motors has nothing to do with their phase-balancing 
characteristics and is dependent solely on the positive 
phase-sequence power taken. There is a certain 
amount of positive phase-sequence power, so small that 
it may be neglected in the motor power, absorbed by 
reason of the balancing effect which is dissipated in the 
secondary vrindings as P R loss. The motor is per¬ 
forming an important seiwice as a phase balancer for 
which, with the present method of charging, it is 
penalissed. If only the positive phase-sequence power 
delivered is measured and charged for, this penalty will 
be removed and placed, where it should be placed, on 
the unbalanced loads on the system. The consumer 
who uses polyphase motors should get a polyphase rate 
.somewhat lower than that for other kinds of polyphase 
load depending upon the estimated cost of unbalancing. 

In the case of the consumer having a mixed load, if 
his single-phase load is of sufficient importance, it may 
be metered separately. If it is small as compared with 
the polyphase motor load, it may be connected so as to 
produce a minimum unbalance and the charge should 
be ba.sed on the positive phase-sequence meter reading 
and a rate obtained by taking the weighted average of 
the polyphase rate for single-phase balanced networks 
and that for polyphase motors, based on the respective 
value of the wired single-phase and polyphase loads. 

In the case of single-phase loads connected so as to 
minimize unbalance, the power charges should be made 
on the ba.sis of the positive phase-sequence power. A 
charge should also be made for negative phase-sequence 
kv-a. obtained by means of a recording negative phase- 
sequence current device, in the same manner as reactive 
power is charged for, the cost of unbalance being com¬ 
puted from previous results. 

To sum up: Positive phase-sequence power is the 
only commodity manufactured by the power plant; 
phase balance is a service to which all consumers using 
polyphase motors contribute and with which users of 
single-phase devices interfere. Users of balanced poly¬ 
phase power other than motors should pay for this 
service in the regular polyiffiase rates. Users of single¬ 
phase devices should pay over and above the regular 
polyphase rate depending upon the amount of un¬ 
balanced current they create. Users of polyphase 
motors should obtain a lower polyphase rate, based on 
the average amount of service they contribute to the 
maintaining of balance. 

The meters required for assigning the proper charges 
are as simple or simpler than those used at the present 
time for polyphase power measurements and the results 
should prove more satisfactory and equitable all 
round and are based on correct theoretical grounds. 
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Characteristics of Transmission and Distribu¬ 
tion Systems Required to Maintain Balanced 
Polyphase Service 

It is essential to the maintenance of good balanced 
polyphase service that all banks of transformers should 
be symmetrically grouped that all transformers in one 
bank shall have the same performance and character¬ 
istics. It was not unusual in the past to find rotary 
converters connected to polyphase systems through 
a bank of open delta-connected transformers; such 
practises should not be tolerated except for ^ short 
intervals while starting or under emergency conditions. 

All feeders used to supply mixed loads should be 
loaded as S 3 rmmetrically as possible. They ^ould have 
as low impedance as possible for two reasons i (1) So 
that the effect of starting and stopping motors will not 
affect the lighting service unreasonably. (2) In 
order to reduce the voltage unbalance caused by any 
given value of unbalanced load they may incur. 

Where a polyphase circuit is called upon to supply a 
large single-phase load, special provision should be made 
for the service such as heavier feeders and in many cases 
balancers or phase converters should be installed. 

In gp^lling power to a consumer of this kind the cost 
of the converter station will naturally enter into the 
rates charged for power, otherwise, the rates used will 
be the regular polyphase rates for power. 

Dissymmetry in transmissions, feeders, etc. should be 
avoided with careful transpositions, dissymmetry in 
conductor arrangements may be compensated. In 
long transmission systems when synchronous condensers 
for regulating purposes are distributed over the line, 
they will also serve the purpose of phase balancers. 

The. fact that normal overloads have the charactw- 
istics of remaining balanced offers great possibilities in 
the way of protection on feeders selective operation and 
so forth. For if a loaded system is normally balanced, 
we may employ a positive phase-sequence relay for 
load control having the proper time element, and for 
short-circuit control, we may use the negative phase- 
sequence principle, and since negative phase sequence 
current flows only under short circuit, completeselective 
operation may be obtained. 

There are many more applications of this principle 
to apparatus protection and control, too many to 
enumerate, that will suggest themselves to anyone who 
takes the trouble to study this subject. 

Appendix 

There appears to be a certain amount of misunder¬ 
standing in regard to the derivation of power quantities 
froin the vector quantities used in alternating-current 
problems. In a leeqnt letter, a copy of which was sent 
to the writer, the statement was made: “The quantity 
Z-©K Jk sin (?K seems to me without physical signifi¬ 
cance, and as far as I am aware cannot be measured 
except when there are no harmonics present.” 


This quantity, however, has this physical significance, 
for example, in a constant voltage transmission system 
it is a measure of the magnetic energy that must be 
supplied to the system in order to maintain the voltage 
constant. It is also a measure of the capacity of the 
synchronous condensers required to supply the magnetic 
energy. In certain cases it would be impossible to 
supply more than a very limited amount of power, 
over a transmission line without supplying the neces¬ 
sary amount of this quantity which is stated to have no 
physical significance. 

The fact that when harmonics are present the sum of 
these products cannot he measured with any known 
device is not of any great importance, as engineers me 
not greatly concerned with harmonic power quantities 
except in their elimination. It may be safely said that 
as far as the regulation of the lines and the supply 
thereto of magnetic ener^ is concerned these harmonic 
quantities have no practical significance. 

Current and e. m. f. are from the point of view of 
linear cmcuits scalar quantities, but it is convenient to 
represent them by means of vector quantities. Simi¬ 
larly, power is a scalar quantity, and it is found equally 
convenient to represent it by means of a vector. 

When the current and e. m. f. are simple harmonic 
quantities they are directly resolvable into two vectors 
rotating in opposite senses at uniform angular velocity. 
The power however, will not be a simple harmonic 
quantity but will consist of a mean term and a double¬ 
frequency term. The instantaneous power is therefore 
represented by two fixed vectors combined with two 
vectors rotating at double normal angular velocity in 
opposite directions. In both cases the two systems of 
vectors are conjugate and it is found convenient to 
ignore one system and represent those quantities by the 
positively rotating system. In the case of simple 
harmonic quantities such as current and e. m. f. a 
simple vector, rotating positively at an angular veloc¬ 
ity, giving one complete revolution for each cycle is 
used. Power due to simple harmonic quantities is 
represented by a stationary vector which gives the 
mean power and a vector of the same magnitude 
rotating positively at double synchronous speed, or 
making one complete revolution for each half-cycle. 

Representation of Single-Phase Power 
The representation of harmonic scalar quantities by 
vectors is not in any sense artificial, the relations follow 
at once when we express the harmonic quantities in 
their exponential form. The ignoring of one of the two 
conjugate quantities naturally follows from expediency, 
as it simplifies matters and makes the interpretation of 
formulas and equations easier. 

If e and i are the instantaneous values of e.m.f. 
and current in a circuit and and 1 are the correspond¬ 
ing symbolic expressions for these quantities the fol¬ 
lowing relations hold good: 
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d dW 


dt d e'l 


we find that 


where & is conjugate to S. and 1 is conjugate to and 
air the s3nnbolic terms are expressed as root mean 
square quantities. 

e and i being simple harmonic & and 1 take the form 
E I when co is 2 x times the frequency. 

In carrying out linear operations on i and e it is 
unnecessary to consider the conjugate terms / and iB. 
as the same operation on these terms yield a result which 
is the conjugate of that obtained by operation on/and .S. 
We may say therefore that i and carefully represented by 
the symbolic terms / and JS, and that their actual value 
may be determined by either adding the conjugate 
term to each of these quantities and dividing by V2 
or byjaking the real part of these quantities ihultiplied 
by VS. 

The instantaneous power delivered to the circuit is 
ei, and when the values of e and i are . expressed in 
terms of jS,and 1 and their conjugates we obtain 


1/2 R u 
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C" 

ii I ii d 
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for a sine wave 


t being measured from any convenient datum. There¬ 
fore 

r . Bl-BI . BI-Bt 

V2j = ^ - -3 - — -.(5) 

The mean value of this integral is therefore given by 

. Bl-Bl 
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e and i being both simple harmonic 

/ = 1 = 


so that the term 


Bt^Bl , 


IS constant and repre- 


B1 + B 1 

sents the mean power. The term- -z -is a 

harmonically varying quantity of double normal fre¬ 
quency and consequently its mean value is zero. 

The mean power input is defined in the usual manner 
by the integral 


1 


e 


and this is equal to W the electromagnetic energy since 

the mean value of 1/2 R ii, J^ix d t is zero. We thus 
have 

w - _ • 

Wmean —3 ^ ^ 

The “reactive power” is the average flow of electro¬ 
magnetic energy throughout one half-cycle from the 
instant that W = o to the next instant that W = o 
and since W is a double-frequency pulsating quantity 
whose average value is one half the maximum, the 
“reactive power” Q is given by 2 co W or 

. .&1-B1 

Q = -, - - - ( 6 ) 

multiply (6) by j and add to (4) we then have 

P-\-JQ = B! 

This product therefore defines both the true and react¬ 
ive power of the circuit. 

The second terms of (3) and (5) are the double¬ 
frequency portions of the power product and we find if 
we take 

Bl + Bl 


where 6 is equal to co ^ at any Instant t. If we substitute 
from (3) for e i and carry out the integration we obtain 

Bl^Bl 

-^-- ( 4 ) 


P = 


Ph = 


Qh = -3 


Bl-Bt 
2 . 


since the second pair of quantities in equation (3) 
being of double frequency becomes zero when inte¬ 
grated between the limits o and 2 x. 

If we have an electric system consisting of linear 
circuits having self-induction and mutual induction, its 
electromagnetic energy W is a quadratic function of 
the currents or W = 1/2 L ix^ 4- Mu ii H + 112 L 
+ . . . Taking into account the dissipative forces 
we have 


Ph + y Qn ~ B 1 

The complete symbolic expression for the power is 
therefore 

(P+yQ)+ (PH+yQH) = + 

The expression Ph -f J Qn however is superfluous as 
we are only interested in the mean values of power 
and furthermore, when the values of P and Q are given, 
the values of Ph and Qh may be determined. It may 
be-shown that the vector Ph -f- y Qh which is rotating 
positively at double synchronous speed will be equal in 
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mfl. gnitnfie to P j Q s-ud coincide with it at the same 
instant that the vector M is in coincidence with it, and 
since it rotates in the positive direction with twice the 
angular velocity of it will always be in advance of 
^ by the same angle that & is in advance of the station¬ 
ary vector P +jQ (See Fig. 1). 

In the case of wave-forms having harmonics it seems 
reasonable, since the heating effect of the harmonics 



0 _ True Power 


Pig. 1—^Vector Representation op Relation Between 
Zero Frequency Power Product (P + SQ) and Double 
Frequency Power Product (Ph Single-Phase 

Circuit 


is independent, to treat each frequency independently 
as to both true and reactive power so that if 

.fi = S 
I = S/n 

P -FiQ = S^n/« = S(Pn+iQ«) 
and apparent power might then be defined by 

VP^ + Q* = V (S PnY + (S QnY 
Measurement op Power in Single-Phase Circuits 


True power may of course be measured by a watt¬ 
meter in the usual way. To measure reactive power a 
wattmeter having a large inductance in series with the 
voltage coil may be used., connected into the circuit 
in the same way as the ordinary wattmeter. Assuming 
the resistance of the voltage coil to be negligible and 
taking io for the current flovnng in it, <p for the angle 
of the voltage coil relative to the current coil in which 
the current i is flowing (the current and voltage coils 
of a balance type instrument shouldbe in non-induct¬ 
ive relation and therefore M = o) we have 


io = 1 /L 



The instantaneous torque is 


„ bM . . 
F - ^ - to t 


b <p 

= 1/L 


bM . n 

* j 

and the mean value of the torque is 


bM 


Q 


CO L b <p 

rhis arrangement therefore gives the mean magnetic 


energy, and when the frequency is known, the mean 
reactive power. 

When the wave form of current and e. m. f. has har¬ 
monics this instrument gives the value of 2 Wmean or 
the mean magnetic energy. If Qn be the reactive power 
for the nth. harmonic the quantity measured by the 

instrument is equal to S / ^ ^ - V There will there- 

fore be a frequency error in the instrument. 

Measurements Required for Complete Deter¬ 
mination OP Single-Phase Circuit 

The following measurements or their equivalent are 
required to completely determine a single-phase cur¬ 
rent: 

(1) Magnitude of impressed e. m. f. 

(2) Phase of impressed e. m. f. 

(3) Magnitude of current in circuit 

(4) Phase of current in circuit. 

For the last two, measurements of true and reactive 
power may be substituted. The second measurement 
is not required if the particular circuit only is under 
consideration. If we have measurements of e. m. f. 
kv-a. and power-factor, the circuit is completely deter¬ 
mined and no other measurements are required. 

Measurements Required for Complete Deter¬ 
mination OP Balanced Polyphase Circuit 

In a balanced system if e. m. f. and current are deter¬ 
mined in one phase they will also be known in the other 
phases. The requirements are therefore the same as 
for single-phase and apply to one phase only which we 
shall call the “principal" phase. 


Representation op Power in Unbalanced 
Three-Phase Currents 

Confining ourselves to three-phase systems, we find 
that an unbalanced four-wire system required twelve 
measurements to define it completely or if expressed 
in symbolic form six quantities are required. If 
ABC are the three phases these s 3 rmbolic quantities 
may be 

i,. h ^ 

h (7) 

Ec Ic 

In S3nnmetrical coordinates the six quantities will be 
S^Eao S^Lo \ 

S'Eai S'Iai . (8) 

S^EAi 52 As J 

These are related to the quantities (7) by the simple 
relation 

Ea Eb “h Ec 


50 Eao = 
syEAi = 


3 

Ea -f* OL El 


-j- a® El 


A1 - M- — 3 

Ea -f- QJ* Eb Ot Ec 

- —3 
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where a = ~ 1/2 + y V 3/2 a® = - 1/2 - j •v/3/2 
exactly the same relations exist between iS® I AO Iai 
5*/a 2 and /a la Ic. We have also the reciprocal 
relations 

&A = JS\0 &Al “h JSa2 \ 

&b = JSao + CX^ Mai a Ma 2 i (10) 

Me — Mao 4" <X Mai 4" OL^ Mao ^ 
and corresponding relations between line currents and 
symmetrical coordinate currents. We sum the above 
up by the short hand expression 

{Mfi) = iS® J^Ao 4“ Max 4“ Mao 

(/a) = 5® Lo 4- S'- hx 4- ho 

The terms prefixed by S° 5^ and are respectively 
called the zero-phase sequence, the positive phase 
sequence, and the negative phase sequence components 
of e. m, f, or current. The sequence symbol S pre¬ 
fixing each of the quantities, indicates that the quantity 
in question is the principal one of a group of three 
quantities constituting a symmetrical three-phase 
system. 

For each current or e. m. f. sequence there is a con¬ 
jugate current or e. m. f. sequence which is distinguished 
from it by having a negative exponent 

5® Mao conjugate seq 5“® Ao \ 

S' Max conjugate seq S-' Mai | (12) 

S- Mao conjugate seq S-^ Mao ^ 

The relation between instantaneous values in the 
symmetrical coordinate system and the vector values is. 
exactly the same as for single-phase. Thus the system 
of e. m. fs. fia Gb Be is given by 


(Ca, fift, 6c) 


S" A, + ■?-» ja.„ 5‘Ai + 5-‘£.i 
V2 \/2 


Aa "f" S * jSa! 

1/2 


The conjugate symbol S~' is as it implies, a sequence 
which is conjugate to S'. Thus, if S' Max signifies the 
system 


Bax - Max 
MbX “ ot^ Max 
Max ^ a Max 


(13) 


The conjugate system *5"^ is 


Max = Max 


MbX = a Max 
Max * a** Max 


( 14 ) 


If we sum the terms of a sequence other than zero 
sequence the value will be always zero or 


' 2 {S'P) = 0 
S(52P)=«0 

But s {S"P) = SP for three phase 
Consider the system of e. m. fs. and currents Ca, Bb, e<, 
ia, ib, ic These two systems have been shown to be 
equal to 


(Ca, Bbf Be) •— 


(tat tbt te) — 


S» £.0 + 5-" £.0 

4“ 

S' Max ■+■ S ' Mat 

V2 

vi 


4- 

S^ MaO 4“ S~^ MaO 


V2 

S" laO 4“ *S“® taO 

•4- 

S' lal 4“ S~' laX 

V2 

V"2 


S'' fa2 -h S ^ faO 


If we take the product of these two quantities treating 
the sequence symbols as if they represented actual 
quantities we shall obtain the instantaneous power in 
each of the phases. The zero-frequency portion of this 
quantity will be considered first as it represents the 
mean power in each phase. It will consist of two terms 
which are conjugate to each other. These two terms 
are those obtained by taking one half the product of 
S' (&.) and 5- (/.) or 1/2 (S» + S' &.,) 

(S~* 1.0 + S~' /.I + S~^ /.s). Prom this, following 
the method of proof used for single-phase, we find that 
the mean power per phase may be represented by the 
vector sequence quantity (Pa + J Qa). The mean 
power per phase obtained by taking the products of 
instantaneous values of current and e. m. f. is one half 
the sum of this term and its conjugate. Therefore the 
real part of this term represents the mean true power 
per phase and the imaginary part the mean flow of 
magnetic energy or the reactive power per phase. 
Using currents u ia ic and e. m, fs. 6 a bb bc instead of 
u 4 ic etc. 


S'' (Pa 4- j Qa) = (5® Mao 4- S' Max + S^ Mao) (5"® ho 

4“ S~' /ai 4" S~^ Tao) 

= 5® (Mao ho 4" Max hi 4~ Mao ho) ’ 

4” S^ (Bao ho 4” Max /ao 4” Mao hi) 

4- S'^ (Mao hi 4- Max ho + Mao ho) (15) 

The symbol S-' being in the three-phase system the 
same as Sx^ and S-^ being the same as S'. The total 
mean power is P 4- y Q * 2 5'' (Pa -h J Qa) or 

(P 4“ j Q) ~ 3 (j^Ao ho 4” Bax Iai 4“ Mao ho) (16) 

S jS* ( ) and S 5* ( ) being both equal to zero repre¬ 
sent instantaneous power interchanges among the 
three phases, and are caused by unbalance. The 
double-frequency power product S' (Pua 4- J Qha) is 
given by 

S' (Pua 4" y Qha) « jS® (Mao ho 4“ Max ho 4” Mao hi) 

4“ S' (Mao hi 4" Max ho 4” Mao ho) 

4" (Mao ho 4“ Max hi 4” Mao ho) 

(17) 

which is seen to be the product 
(S" Mao 4“ S' Mai 4” S^ Mao) (S" ho 4" S' hi "h ho) 
and therefore the double-frequency product is obtained 
for three-phase in exactly the same way as it is obtained 
for single-phase, and furthermore, the amplitude and 
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three-phase angle of the double-frequency term for the 
principal phase is related to the e. m. f. of which it is 
composed in exactly the same way .as in the case of 
single-phase. That is the double-frequency power 
vector is as much in advance of the corresponding 
e. m. f. vector as this vector is in advance of the cor¬ 
responding mean power vector. The sequence of the 
double-frequency power vector is obtained from (17), 
that is the exponent of the sequence symbol or order of 



Pig. 2—Powbe Vector Diagram 
26 per cent current unbalance. 5 per cent voltage unbalance 

the sequence is the sum of the exponents of the se¬ 
quences of current and e. m. f. 

The significance of the expression (15) is that it gives 
not only the mean power for each phase, but it also 
determines the magnitude and phase of the double¬ 
frequency power product which results from unbalance. 
The portions of (17) whose instantaneous sums are 
zero are of no significance. The important double¬ 
frequency quantities are given by 

PnJ Qh = S S' (Pha -h Qha) 

. = 3 (j^AO I AO + Mai /ai -h Ma2 Ja^ 

and are seen to be double-frequency power vectors of 
like value and phase in each phase. These power 
vectors are present only when there is unbalance and 
they have no relation to the power factor of the system. 



(0'A'.0'B;o'C')-S'ijnt^ 

(0A,0B,0C) * Load per Phase 

Pig. 3—Power Vector Diagram 
25 per cent <hirrent imbaJaiice. No unbalance In voltage. Dlustrates 
the load condition at a distribution point at which a phase balancer is 
installed. 

In a balanced system the instantaneous sum of the 
double-frequency power vectors is always zero. 

A power y^tor diagram for the zero frequency power 
products may be drawn. This vector diagram repre¬ 


sents the resolution of the mean power per phase into 
symmetrical coordinate vectors. For each of these 
coordinates there is a corresponding double-frequency 
power vector which gives the actual value of the double¬ 
frequency power at each instant. 

Fig. (3) illustrates a system having about 26 per 
cent unbalance in current and about 5 per cent un¬ 
balance in voltage. The relative distribution of load 
among the three phases will depend upon the position 
of the triangle ABC which may be rotated about its 
centroid without changing the total mean power but 
producing a marked difference in the values of mean 
power per phase. The unbalance factor for current 
is the ratio /a 2 //ai which is a complex quantity. The 
conjugate of this quantity gives the magnitude and 
position of the unbalanced power vector S^ Mai 1 a 2 with 
respect to S9 Mai Iax the quantity which gives equal 
values per phase and is the total mean power product 
or kv-a. per phase. 

The vector method of representing power quantities 
affords a simple means of obtaining a physical picture 


c 



lUustrates a single-phase load on a three-phase system, the balance of 
which is 100 per cent due to a phase balancer. {O' A, 0 B,0 C) represent 
the load on the balancer due to the single-phase load 

of the heating effect due to unbalanced currents. In 
many cases the e. m. f. unbalance is small enough to 
be ignored in rough approximations. Take the case of 
a small induction motor having a negative phase 
sequence impedance of 15 per cent which is about 
an average figure; 3J4 cent unbalance in voltage 
at the terminals of this mqtor will cause 25 per cent 
unbalance in current. From a practical standpoint in 
estimating the heating effect of the unbalance the 
voltage unbalance may be ignored. The mean power 
load will be practically the same as for balanced 
voltages with the addition of the kv-a. per phase due to 
the unbalanced current which will be added vectorially 
to the mean power; this will be obtained by taking the 
square of the unbalanced current multiplied by the 
negative sequence impedance. The end of this vector 
obtained in this manner serves as a centroid for an 
equilateral triangle A' B' C' such that the lines drawn 
from the centroid to A, B, and C, are equal to 25 per cent 
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of the mean power per phase or the vector jS® Ai. 
By rotating this triangle about its centroid all the dif¬ 
ferent conditions of load to which the motor may be 
subjected on a line having this degree of unbalance are 
obtained. The triangle is drawn nega¬ 

tive sequence. If we wish also to include the un¬ 
balance due to the voltage we may represent this by a 
positive phase sequence equilateral triangle whose 
distance from centroid to apex is 834percent of the 
mean power per phase. The angle this vector makes 
with the mean power vector is arbitrary and is the same 
as the angle Ma 2 makes with Eai. Let us denote it by 
di. Let 08 be the angle that the negative sequence 
current lags behind the negative sequence voltage, 
this is given by the power factor of the negative phase 
sequence impedance.. Then the principal phase or 
apex A" will be in advance of the datum line by the 
angle 03 — 0. To obtain a complete solution we should 
take 

(1) mean power per phase P/S-\-jQ/S leads 
datum line by angle 02 

(2) neg. seq. power per phase £a 2 Ta 2 length of 
vector compared with (P/3 + j Q/B) is given by pro¬ 
duct of current unbalance factor and voltage unbal¬ 
ance factor leads datum line by angle 03 . 

(3) voltage unbalance volt. amp. &a 2 Iai length 
of vector compared with (P/3 -|- j Q/B) same per¬ 
centage as Ma 2 is of JSai leads datum line by angle 
02+01 

(4) current unbalance volt amperes Mai /a 2 length 
of vector compared with P/3 + j Q/B or Mai Ai 
is same percentage as A 2 is of Iai or unbalance 
factor leads datum line by angle 08 — 0i. 

Each of the systems of vectors Mai A 2 , Ma 2 Iai 
will give an equilateral triangle whose centroid is the 
end of the vector 5® {Mai Iai + Ma 2 A 2 ). The two 
combine to form a triangle not equilateral which may 
be rotated about its centroid at the end of the mean 
power vector to give the power per phase for all 
possible conditions of load, thus the complete range of 
possible values of kv-a. per phase may be obtained by 
the lengths of the vectors 0 A, OB, OC drawn from 
the origin to the apices of the composite triangle. 

A study of the diagram will show that the quantities 
measuring unbalance do not affect the true mean power 
and power factor, and therefore any attempt to deduce 
a factor which will simultaneously take account of both 
power factor and unbalance is useless. The positive 
and negative sequence current, voltage, true power, 
reactive power, etc. may all be measured with single 
element meters and a suitable constraining network. 
Mr. Evans has kindly undertaken to describe in the 
discussion some of those which have been developed. 

Applying the principles outlined above it is easy to 
prove that a ssnnmetrical generator can deliver power 
only through the positive phase sequence current it 
delivers to the siystem, and that any power due to nega¬ 
tive phase Sequence current is a.bsorb€;d as losses in the 


generator. This is also true of all symmetrical rotating 
machines on the system, any power due to negative 
phase sequence current is absorbed in the form of 
additional losses. 

In the body of the paper the task has been under¬ 
taken of showing that unbalance is of the same order 
of importance as power factor. If we denote by Mi the 
terminal e. m. f. of one winding of a generator and by 
Mq the e. m. f. that would appear at the terminals if 



OA', OB^ 0C^= -S*( E^i 2 j) Iai 

(OA" OBr0C")s S'lA^Zg 
-iA2 

Fig. 6—Powbb Vector Diagram 

Single-phase generator supplying power (0 A , 0 B , 0 C ) represent loads 
on'pbase A , B and C respectively 

the current were zero, and if ri I be the resistance drop 
y X 1 1 the e. m. f. due to the component of the 
field set up by the stator m. m. f. including the internal 
leakage field 

Mq = Ml {r I j Xi) 1 1 

The phase and magnitude of Mq will depend upon the 
time phase of h. Since Mo is the component due to the 
exciting current Jo we may use the coefficient of mutual 
induction Mq to give the generated voltage in terms of 
the exciting current 

= y CO Mo Jo 

and therefore 

y CO Mo Jo = Mi+ (ri + j Xi) h 
In particular if we take Ei as datum and if I is lagging 
in time phase behind £7i by a quarter cycle 
y CO Mo Jo e'”'" = El + in + y *1) (- j h) 
y CO Mo Jo = (E + ajxJ)- (yrJ) 

Thus if we ignore the value oinli which is small, the 
increase in the exciting current required to maintain 
a given terminal e. m, f. under zero power factor load 
is proportional to I 

A T — 

~ juM, 

showing that the presence of wattless lagging current 
in the winding necessitated a proportional incr^se 
in the exciting current. The cyclic changes in ^tura-- 
tion will not affect the value of Mo which is the avei^ge 
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vahie. But the average value wiU change vrith the where « = -1/2+j V3/2 

strength of the resultant field, but on amount of the ^ -v 

long air gaps, these changes are not so important as ^ . ^-r ft) = s [ 5' (£o - -?i) 

• ^ ^ _• _ w - .^ ^ . 


might be supposed. 

When the terminal voltages are unbalanced they 
may be resolved into their positive and negative phase 
sequence components <S' ^ and 5* ^2 so that we have 

we have further 

Ml = S' (J CO Mo lo - Zx lx) 

(0 - Z 2 I 2 ) 

the generated negative sequence voltage in a sym¬ 
metrical generator being zero. This gives 

Mo = S^ i&i + Zi h) 

0 — {Mo 4" Zo li) 

The total current is 

S'- {!) = S^ li + 52 lo 

conjugate (!) = S~^ lx + S-^ lo 

The power generated „ « «, 

P. + / Q. - 2 [ S‘ £0 + s* (0) 1 (S-‘ A + S-^ Al 

= 3 (JSo lx) 

which shows that no power is generated through nega¬ 
tive sequence current, but such as appears at the gener¬ 
ator terminals is power that was originally generated 
by the machine through positive sequence voltage and 
current which has been degraded through sonie un¬ 
balanced load and fed back into the system in the 
form of negative phase sequence voltage and current, 
producing increased losses and heating. 

The total heating due to ^2 in the stator windings 
will be obtained correctly by considering lo as entirely 


-S^Zoh] {S-^ lx + S-^ lo) 
^Ii[S'>{Molx-Zxix^)-- S<^Io^Zo 
-\-SHMo-1xZx) 12- S' lolx Zx 
= 3 {Molx-lx^Zx- WZo) 

3 Mo lx is the output of the generator not including the 
copper losses. The real part of {I^ Zx-\r l^Z^ 
therefore ^ves the total copper loss. 

The solution of the system may of course be obtained 
by the methods used in ordinary linear circuits having 



B 


Fig. 6— ^Vector Diagram of E. M. Fs. 
Single-phase generator supplying power. Obtained from Fig. 6 

mutual inductances. If we have a three-phase machine 

will oe oDxameu -- winding impedances Zxx Zn Zoo 

independent of U The losses due to the double- impedances ZxoZozZox etc. we have the following 

frequency current in the rotor which arises from relations in a symmetrical machine 

lo will also cause independent heating so that the total Zxx = -^22 = 2^33 = -^1 + ^2 ‘ 

copper loss in the machine is obtained ^ ^e power ^ ^ ^ ^ 0,2 4 . aZo 

product ^ {I^ Zx 1^ Z^, the real part being the n r, rr r? a. % 7 

true copper loss. This may be obtained by considenng Zxo = Zox = Z 32 = a ^1 + a ^2 

the output of the machine at its terminals; this is given (Conversely we have for Zi and Zo in terms of the im- 


by 

p 4. y Q = S (S'*- X 5-" A) 

Mk being the terminal voltage and A the conjugate 
of the terminal current with particular reference to 
phase A as principal phase 

A =* A + A 

A. — lx + olIo 

A = all + a® A 
and the terminal e. m. f. 

s^Mk = S' (£o - A/^i) - a 

Mk — Mo ~ Zx lx — Zo A ; 

jSb OL^ Mo Zi O^ lx ““ Z% OL lo 

Me - a Mo — Zx d lx — Zooc i 


pedances Zxx Zxo etc. 


Zx = 


^-ii 4“ olZxo 4” Ci^ Zxo 


Zo = 


^11 4“ a* -2^12 4" d Zxo 
3 

The equations of the generator in terms of the imped¬ 
ances Zxx Zxo etc. are 
Mk — Mo — Zxx/^ A — Zox/^ A — Zox/^ A 
Mo — Mo — ^12/3 A — ^22/3 A — Zooj^ A 
Me — Mo ^ Zxo/^ Ik — Zoo/^ A — Zoo/^ A 
The relations 

A 4 “ A 4 " A — 0 
-2fii 4" -2^12 4" Zxo ^ 0 
Mk Mo 4- Me = 0 


( 18 ) 


( 19 ) 
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reduce the number of independent variables in these 
equations to two but there is not much simplification 
introduced. 

The above solution illustrates the difference between 
the method of solution which consists in considering 
each phase as an independent single-phase circuit and 
that in which the effects of the currents in all phases in 
symmetrical groups are considered simultaneously. 
Equations (18) and (19) are the forms to which the 
differential equations reduce on solution for steady 
conditions. The impedances Zn Zv 2 . Zx 9 etc. are com¬ 
pounded of two impedances Zi and Za which are 
fundamental characteristic impedances of the machine 
and it is interesting to note that the form of these 
impedances bears the same relation to Zi and Z-x that 
the currents A Jc bear to h and /a. 

Three-Phase Power Measurements 

It is convenient to represent line currents, and, 
e. m^ fs. measured from the neutral point, by A A Ic, 
Mk JSh j5c respectively and the corresponding sequence 
quantities by Ao Ai Ik‘i etc. Delta currents 
and e. m. fs. between lines are represented by A 
h A &a &b as shown in Fig, (7) the positive direc¬ 
tion being indicated by an arrowhead. This gives the 



7—Diagram IlijUstrating Convention Used in 
Star and Delta Currents by Symmetrical Coordinates 

following relations between the line currents, delta 
currents, Y voltages and delta voltages 

Ma = JSai + 

^ S^j VBMai- S^j VSMa, 

So that J^ai = j VT&ai 

With these relations the various methods of measuring 
power in three-phase circuits may be easily proved. 

Three-Phase Power with Two Wattmeter 
P + y Q = S ( 5 fi Mai + Ma^) Iai -t- Aa) 

= S [ (Mai Ai -|- Ma^ Aa) + Mai Aa 

•+• Ma 2 Ai] 

The sum of the instantaneous values of all but the 
5° group is zero. We may therefore add to the e. m. f. 
aJiy quantity which will give and 5® groups with no 
group without changingthe value of the iS® term. Thus 
if we add to S' Ea any][<S® term we shall not change the 
mean power . If we add - S^ (Mai + Ma 2 ) ; this will make 
the power in phase A zero. The wattmeter in this 


phase may therefore be dispensed with. This will add 

(Mai Aa jEa 2 Ai) and — (Mai Aa "f" Ea 2 Aa) 
to the power product. The voltages will be 

Ma = Mai Ma2 — j^Ai — Ma2 = 0 
Mb — Max — Eax -j- Ot Ma2 — Ea2 — Me 
Me = Oi Max — Ea -|- CX^ Ea2 — Ma2 = — M^ 

We have therefore the line currents A A in the series 
coils and the voltages Ea and — Ee across the shunt 
coils. It should be noticed that the addition of S^ 
in any quantity to the e. m. f. will not affect the mean 
power, and therefore we may impress the voltage 
to the lines from any convenient point without chang¬ 
ing the mean power. Graphically this is shown by the 
fact that the 5® power product determines the mean 
power and the centroid of the triangles defining the 
amount of unbalance. Displacing the neutral point 
merely adds S' and S^ products to the power and these 
represent equilateral triangles having their centroids 
coinciding with the end of the mean power factor. 

Single-Phase Generator 
In the single-phase generator we have a generated 
symmetrical e^ m. f. Mo and at the terminals e. m. fs. 
Si Max and S^ Ma 2 o Furthermore if S^ I ax be the positive 
phase sequence current — 5“ Ai will be the negative 
phase sequence current and therefore 

S^ (Mo — Zi Iax) Max 
S^ Ma2 S^ Z2 Ai 

Then S^ Max -h S^ Ma 2 » S^ (Mo - Zi Ai) 4- S^ Z 2 A, 

S (P A ^-J Qa) = £f® (Mo - Zx Iax) Ai 
— S^ (Z2 Iax^) — S^ (Mo 
— Zx Iax) Ai -f- (Z2 Ai*) 

The mean output per phase P + 3 Q is therefore 
5® (Mo — Zx Iax) Ai — S^ (Z 2 Iai*) SO that the addition 
of the vectors — S^ (Mo - ZxIax) Ai -h S^ ( 2^2 Ai*) 
makes the power in the A phase zero as it should be. 

The vector diagram may be drawn as follows: 
Draw from the origin 0 the line 0 O' equal to P -1- y Q. 
The value of Ai is known it is P -|- y Q divided by the 
Y voltage corresponding to the value of the single¬ 
phase terminal voltage. Through the point 0 ' draw 
the vectors S^ Ai* Z2 giving O' A" O' B" O' C" in posi¬ 
tive phase sequence relation. Draw O'A' parallel 
and equal to A" Of O' A' will then'be the principal vector 
of the system ■- 5 * (.^0 - Zx hi) Ai. Complete the 
system by the lines 0* B' 0' c'm negative sequence 
relation with o'A'. The resultant of the systems 
S' Ai^Za and — (J^o — Zx Ai) Ai represented re¬ 
spectively by the equilateral triangles A" B" C" and 
A' B' C' combined give the triangle ABC oi which the 
apex A lies on the point 0 and the lines OB and OC 
represent the power delivered by the phases B and C 
and these vectors are also proportional to the voltage to 
neuiral of these two phases under load. The datum 
of P+yQ represents also the phase of A and A 
in drawing the diagram. Fig. 6. 
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Discussion 

R. D. Evans* The proper method of mal^ measure¬ 
ments on polyphase circuits has been the subject of considerable 
diLussion the last few years. With balanced cncuits 

the methods were rather generally accepted, but this wa,s not 
the case with unbalanced circuits. It is recognized that if the 
definitions and methods of measurement for polyphase 
were to have any assured standing they should pover un¬ 
balanced circuit. Unbalanced polyphase oncuits were not 
well understood, and consequently there has been a lag in t 
development of corresponding measuring systems.^ 

A method for analyzing unbalanced polyphase circuits was 
presented before the .Institute by C. L. Fortescue m ^s paper 
on “Symmetrical Coordinates”. Subsequently, it w 
that the various quantities used in the analysis of the u^alanced 
circuit could be measured. In the present paper, Mr. Fortescue 
has applied this method to the question of the measurement of 
power for the general case of the polyphase circuit, viz., the 
unbalanced circuit. Three conclusions of this study may be 
stated as follows: 1. The present basis for the energy charge 
is not fundamentally correct, and a new basis is proposed. 2. 
Power factor should be defined as being distinct from unbalance. 
3. The use of an unbalance factor is desirable in nietermg po y- 
phase circuits when there is appreciable unbalance. 

That the present basis for the energy charge for electrical 
power is open to criticism may be surprising, the explanation 
however, Res in the fact that the special, rather than the general 
case of a polyphase circuit has hitherto been given conaderation. 
Mr. Fortescue has pointed out that a customer with rotatmg 
machinery on the same line with a customer drawing a large 
single-phase load such as an electric furnace load, ^ ^ve an 
energy charge in excess of that which would occur if the loads 
were balanced. Instead of employing the present bams for the 
' energy charge, it would appear more equitable to char^ the 
furnace customer with- the energy which he consumes and also 
with the energy which he causes to be dissipated in the rotatmg 
machinery, and at the same time, not to charge the rotatmg 
machinery customer with the energy dissipated in the damper 
windings of his machines, due to unbalance. Mr. Fortescue 
proposes to do this very thing by basing the enwgy charge on 
what he terms “positive sequence power”. This charge is m 
reality based on a component of the total power in the system, 
which quantity may be measured by a wattmeter of the ordinary 
type with suitable supplementary net work. As has been 
pointed out, this method would not appreciably modify the 
aggregate energy charge, but would distribute it more equit¬ 
ably. The success of the system proposed, will depend in a 
large measure on the reliability, simplicity and cost of the 
necessary metering equipment. Some of these meteri^ d^ 
vices will be described and their operation will be explained in 
a general way. 

The method proposed by Mr. Fortescue for analyzing un¬ 
balanced circuits is based on the fact that any unbalanced 
system may be resolved into two or more balanced or syn^e^ 
rical systems. For example, in a three-phase three-wire circuit 
an unbalanced system of current may be resolved into two sym¬ 
metrical three-phase systems, in which the currents of one system 
reach their mfliyiTna. in ihe different phases in a positive sequent 
as A, B, C, and the currents of the other system reach their 
in the negative sequence C, B, A,. The method used 
here of resolving currents into components, positive and nega¬ 
tive sequence, is similar to the method now in general use for 
resolving currents into components in phase or active, and out 
of phase or reactive. The reason for the resolution of the cur¬ 
rents into components for the two oases are the same, viz., that 
the diffment components have different effects, thus simplifying 
the solution of the problem. Each of these , phase sequence 
quantities if present on a polyphaise circuit may be measured. 
The method of separating out these components is accomplished 


by the use of suitable supplementary net works. In general, 
the method for measuring these phase sequence quantities is 
based upon a separation of positive and negative sequence 
components of voltages and currents, which are used separately 
for the measurement of sequence voltages or currents, or which 
are used in combination for the measure of sequence watts, 
reactive watts, power factor or unbalance. The method may 
be described for a positive sequence device as involving a meter 
element in connection with a net work such that positive se¬ 
quence voltage or current will cause current flow through the 
meter element and negative sequence voltages or currents will 
not. Similarly, the negative sequence device consists of a 
meter element in connection with a net work such that negative 
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sequence voltage or current will cause current to flow through 
the meter element and positive sequence voltages or currents 
will not. A detailed explanation of the operation of some of 
the simpler forms of phase sequence devices was given before 
the Institute by the speaker in a paper relating to the deflmtion 
of power factor on unbalanced circuits. The Electrim 
World has recently published an explanation of the operation 

of the sequence devices. .... 

The speaker is however, interested principally in pointmg 
out the type of measuring devices required for these phase 
sequence quantities. For simplicity, only devices for the 
three-phase, three-wire system will be shown. In Pigme 1, 
the sequence voltmeter devices are shown diagramaticaUj^ 
The meter on the left measures positive sequence voltage and 
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consists of a meter element, a resistor and a reactor which con¬ 
stitute the supplementary net-work, and the potential tran^ 
formers. The negative sequence voltmeter is shown on the 
right and the same apparatus is involved only a difference m 
connection is required. In Figure 2, the sequence current 
devices are shown diagranmiatically. The positive sequence 
ammeter is shown on the left with ammeter element, resistor 
and reactor, which constitute the supplementary net work and 
the current transformers. If both positive and negative se¬ 
quence voltages of a circuit are desired, they may ^be obtamed 
from one set of potential transformers as shown in Figure 3. 
The corresponding devices for measuring positive and negative 
sequence current are shown in Figure 4. The schemes shown m 
Figs. 1 to 4 inclusive indicate how positive and negative se- 



Feb. 1923 


FORTESCUE: MEASUREMENT OF POWER 


373. 


quenoe voltages may be separated and measured independently. 
These net work arrangements may be used to separate the se¬ 
quence voltages and currents which may be combined to meas¬ 
ure for' example, positive sequence watts. In Figure 5 is 
shown positive and negative sequence wattmeters. The posi¬ 
tive sequence wattmeter is shown on the left with negative 
sequence wattmeter on the right. R and Z represent resistors 
and reactors which consitute the supplementary net work. 

With reference to the sequence devices in general, the speaker 
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Fig. 4 



Positive and Negative Sequence Wattmeters 
Fig. 5 


wishes to emphasize that standard types of meter elements or 
relays and standard types of instrument transformers may be 
employed. The supplementary net work consists only of 
resistors and reactors. By these means, reliability and accuracy 
are insured. It is to be .pointed out that the form of net work 
restraint here employed is of a type permitting higher accuracy, 
as reactors without resistance or resistors without reactance 
are not required. 

With the proposed sequence system, there will result either 
more complete indication of circuit conditions or fewer metering 


elements. With the sequence measuring system, there are 
particular advantages resulting from the use of the quantities 
thus m ade available. For example, Mr. Portescue has proposed 
that the energy charge be measured by the positive sequence 
wattmeter. Another example is the application of the negative 
sequence current device as a relay to provide protection against 
single-phase operation of motors. 

In conclusion, the speaker wishes to emphasize the simplicity 
of the sequence measuring system. In considering the appli¬ 
cation of the proposed system of measuring devices, there are 
two eases to be considered. First, with no unbalance present, 
in which case, the proposed system and the present systems 
give the same result, and the proposed system has the advantage 
of employing fewer metering elements than used with the present 
system. Second, with unbalance present, in which case, the 
two systems will give different results, and it is probably desir¬ 
able to give special consideration to unbalance, which is best 
measured by the system proposed. 

V. Karapetofft I fully realize the importance of the 
principle of resolution of an unbalanced polyphase system of 
currents or voltages into two balanced or symmetrical systems 
of opposite rotation; and this method has been and will be in 
the future of inestimable value in numerous problems. How¬ 
ever, when it comes to a proposal to use this system for charging 
customers for energy consumed or even for the maximum de¬ 
mand principle, I believe there will be difficulties which are 
well-nigh insurmountable. The very necessity of oonvinciag 



regulating bodies, public service commissions, of the soundness 
of this principle would be a big job. Besides, the average con¬ 
sumer will have to understand what is meant by two systems 
of opx>osite rotation, and that the energy of each system has to 
be charged for, and how much he ought to be charged. 

This matter has been presented and discussed at length at 
one of the preceding Annual Meetings, and as a result of that 
discussion, I tried to evolve a different principle of metering, 
perhaps not so sound theoretically, but one that may be much 
more easily understood by an average consumer of energy, and 
by an average member of a public service commission. I shall 
illustrate tins principle by means of a hydraulic analogue. 

The three horizontal lines A, B, C, in Fig. 6 represent pipes 
through which water is being delivered to a common reservori 
D at the following rates: 24 gallons per minute in A;' 16 gallons 
per minute in B, and 2 gallons per minute over the pipe C. The 
pumps are denoted a, b, c, and the common intake is E. 

Here is an analogue of an unbalanced polyphase system. 
The consumer needs 24+16+2—42 gallons per minute; but 
instead of opening the three valves uniformly, the operator 
opens one valve wide, another less wide, and the third one just 
a little until he gets a total of 42 gallons per minute. It is an 
easy problem to explain to the manager that it makes a con¬ 
siderable difference from the point of view of the pump and pipi 
equipment whether 42/3=14 gallons per minute is dolivece< 
through all the three pipes, or 24, 16 and 2 respectively. We 
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surely will not say, “What difference does make to you as long 
as you deliver 42 gallons per minute ” We. as engmeers feel 
that the consumer of that careless type ought to be penalized. 

Now, the question is how much should a consumer be penal¬ 
ized who opens one valve wide, and another a little, as compared 
to what he would pay had he opened the three valves to the 
same extent? This, and not two opposite vector rotations, is 
a right kind of approach to the men to whom we sell electocity, 
and to those who govern the rates at which it is sold, 
figure, 24 can be replaced by 14 plus 10; 16 can be replaced by 
14 plus 2; and 2 can be replaced by 14 minus 12. That is, m 
each pipe we resolve the actual discharge in each pipe mto the 
uniform flow 14, plus or mious the excess or deficiency as com¬ 
pared to that flow. We can explain to the consumer that 
what he does is this: He takes 14 gallons per minute through 
each pipe; that makes 42. In addition to this, he creates a 
circulation of water. This circulating water flows at the rate of 
10 gallons through A, 2 gallons through R, with a common 
return through C. If the pumps a, b, c, are good only for 
14 gallons per min., then additional pumps have to be 
installed because of the unbalance. Of course, these pumps 
will merely chum water, without lifting it ^ to his reser¬ 
voir, but any practical man will agree that if in addition to 
taking water at a uniform rate, he forces the producer to install 
pumps to circulate water, he has to pay for it. He can also see 
that the rate for this additional unbalanced water should be 
different from the rate which water is delivered to his reservoir 
for consumption. 

From this mechanical analogue, a system of metering has 
been developed, which permits of separating the average flow 
of electric energy actually consumed from the energy that is 
merely circulated due to unbalanced load. By using another 
set of meters, with their potential windings in quadrature, the 
reactive enerb^ unbalance can be determined. With such 
meters installed, you can read the energy consumed, the energy 
circulated, the reactive energy that is uniform, in the three 
phases and the amount of reactive energy chculated. It re¬ 
mains only to multiply each by the agreed unit rate and to add 
the results. 

E. P. Peck: The two papers, one on Measurement of Power 
Balance in Polyphase Circuits and the other one. Kilovolt¬ 
ampere Demand Measurement, are very distinct technically, 
but in their application they merge, because they both work 
back into the question of measuring something Hiat you are 
going to sell and the determination and application of a rate for 
what you sell. 

The rate, to be workable, must be understandable, and it 
should be simple. As brought out in one of the papers, there 
were 418 rates investigated; 69 of them had power factor 
clauses, and a relatively few of those 59 power clauses were act¬ 
ually enforced in the collection of the bills. 

We made an investigation somewhat similar to this in which 
we found that a good many companies were not puttmg in 
powOT factor rates, and very few of the companies that have 
power factor rates were enforcing them. Apparently this is 
for the reason that a business man or a manufacturer could not 
be made to understand what power factor was. Horse power 
means something to him, but even the terras ’’kilowatt” and 
“kilowatt hour” give him considerable trouble. 

One of the men in the Company came down to my ofidce a 
few months ^o, and he said: “I have been with ihe Company 
for years and years and I have heard of power factor for years 
and yearSi Noyr, can you tell me in about five minutes what 
power factor is?” I talked about fifteen mmutes, and he said 
he understood what power factor was in a rather general way. 

You Cannot, in general, use a factor in your rate which cannot 
be understood by a man who is paying money for his service; 
he must understand what he is paying money for. 

For that reason, the more recent proposal of chmiging to a 


kv-a. rate, particularly for demand, is appealhig. You can 
explain, so that a man can understand what you are talking 
about, what the kv-a. is, and if he can understand and see the 
justice of paying on a kv-a. basis, you do not have the objection 

that you would have otherwise. 

Now, in the proposal of including another element the un¬ 
balance in the rate, I think, as Dr. Karapetoff just brought out, 
you are bringing in something that is still less understandable, 
and therefore still less applicable. I do not believe it could be 
applied at all. That would set up a rate with an energy charge, 
an unbalance charge, and the power factor, or a Icv-a. charge. 

It appears at first glance, or as far as I have been able to see, 
unnecessary to apply an unbalance chai'ge, for the reason that 
at certain periods you can check up on your circuits, readjust 
the taps on the circuit, so as to get an approximate balance. 
That has been the standard practise in different companies 
with which I have been connected for a number of years. The 
result is that the circuits are always commercially balanced. 

It appears inadvisable to bring the unbalance factor into the 
I’ate for another reason, that is, it is not, as far as I have been 
able to see, one of the dominant factors in your cost of supplying 
service, and, of course, your rate is quite largely based on the 
element of cost of supplying that particular customer. 

The distance from the generating station to the customer has 
a good deal to do with your investment in transmission and dis¬ 
tribution; the voltage that you serve your customer at has a 
large influence on the investment; and, of course, as your in¬ 
vestment changes, your carrying charges, and consequently the 
cost to the company, changes. 

A difference in load factor on your plant, whether steam or 
hydro, has a tremendous effect on your rate; on Sunday night 
your load is very light, and your cost per kilowatt hour is away 
up.. On Tuesday, at 2 o’clock, when your load is very heavy, 
your investment is working pretty hard, your steam plant is 
working efficiently, your cost per Icilowatt hour is only a fraction 
of what it was on Sunday night, and you cannot differentiate 
between those two conditions. 

There are a number of other things that change your costs, 
not in a ratio of three-quarters of one per cent to one per cent, 
but change it several hundred per cent. 

Since so many of those things have to be absolutely neglected, 
it would not seem advisable to include a factor in the rate which 
represented a relatively minor element of the cost. Of course 
it is advisable to make an analysis of all of these things, so that 
you have a knowledge of the different factors involved. 

I must confess I had not thought of this particular element in 
cost before, but I do not think that it would work out well in a 
practical rate schedule. 

R. C. Fryer: After listening to Dr. Karapetoff’s remarks I 
would like to introduce some ideas from another viewpoint. 
The metering methods presented by Mr. Fortescue appear to be 
complicated, however, it is only through close and careful anal¬ 
ysis of the most complicated conditions that the simplified 
conditions can be obtained. It is perhaps best not to discourage 
the development outlined in such papers as read by Mr. Fortescue 
but to encourage this development since the actual use of such 
methods will never take place until the economy of the situation 
so dictates. 

It is quite certain that these fundamentals which are being 
worked out are not going to be put into use until they are tried 
and approved. Would it not then be better to encourage such 
studies knowing that they will lead to a similar analysis which 
may be the simplified condition so desired? 

W. V. Lyon: It seems to me that Mr. Fortescue has outlined 
the effects of power factor and unbalanced factor boHi from the 
standpoint of the producer and the consumer of electric energy 
exceptionally well. Thmre is no doubt that in time, both of these 
factors will be considered when metering electric energy. In 
commercial circuits, the effects of harmonics in the electromotive 
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force and current may l»o disregarde<l ordinarily and tlieu the 
readings of recording, active and reactive wattmeters and jjosi- 
tivo and negative setixience ammeters and Avattmeters, may be 
used in determining equitalde charges. 

1 am also wholly in aecoril wit.li Mr Fortesoiie’s statement in 
the first sentence of the appendix. It seems to me that there is 
need to go no fartlntr than the imxt two j)aragraphs for evidence 
of this liolief. It slimdd be .said that the quoted sonteuco had 
reference, not to the metering of energy in commercial circuits, 
but to a proper definition of power factor. The aspects of the 
question may be entirely dilTeront Avlien considered from a Cfim- 
mercial rather than from a scientific point of view. Definitions 
and mod{!S of measurements that are good practise may be 
entirely unsuited to form the basis of .scientific definitions.^ 
Thus it is with the quantity X ii’/.-, fk sin Ok- In commercial cir¬ 
cuits where tlie electromotivt) force and current are sulfieiontly 
near the sinusoidal in wave form this quantity is aiiproximatoly 
equal to E\ I\ sin d[. In this case it is all that Mr. Fortesoue 
claims exctipt that the <l<!Scription of.the doriAuition of its value 
as shown in equation (6) is .somewhat ambigiunis. Eg I sin 
omitting the sul)scripts (1), is ordinarily called the reactive 
power. It is the maximum rat<j at Avhich (uiergy floAvs into the 
nuigmftic field. It is alsf» equal to the average A'alue of the 
stored magnetic energy multiplied by 'loi, where 03 = 2 TT times 
the frequency of the eh'Ctromotive force an<l current. If the 
resistance and inductance of the e.ircuit do not vary throughout 
the cycle, the se<Jond of tlnwe rlefiiiitious is still correct even 
though t.he eleclromot.ivo f<irc(i and current are rion-sinusoidal. 
The lir.st definition, however, fails e,\'C(q)t when the oleolroinotive 
force and current are b«)th sinusoidal. If the iuduotaneo varies 
throughout the cycle as <ioes that of a synchronous motor, in 
Avhich the ma.ximum variation on either si<lo (»f the average may 
be as much as 30 per cent, neither of tlu^se delinitiona is in accord 
with physical facts. As Mr. F«>rtesou(' points out, a reactive 
Avattmoter can Ik! calibrated to read the average value of tlwj 
stortsd magnetic energy evcm t.hough the current and voltage may 
not be sinusoidal, provided, however, the I’csistanee and induct¬ 
ance of the circuit do not vary cyclically. The quantity 
w Ek Ik sin Ok, however, is not even proportional to the average 
value of the stored magmdie energy, nor to the reading of a 
reactive wattmeter, except Avhen the sid)script k is liTuited to the 
value 1, that is, Avhen tlu! curre/it and the olectromotivo force 
are both .simisoi<lal. Furthermore, the ])ro<luct of the electro¬ 
motive fore<! and curnm.t is imt ofpjal t(» the square root of the 
sum of the squares of tlus real power and the reactive power, as 
defined in either of the pnsjeding ways. Neither is this product 
the square root of the sum of tln! squarcts of the readings of ati 
active and a reactive wattiiu'ter <!xcept in tlujse cases where the 
current and electrornotivti force are bol.h. sinusoidal and the cir¬ 
cuit constants do not vary cyclically. The ijoint that 1 Avish to 
bring out is that while the jnethorls of me.asurenmnt, as skotched 
by Mr. Fortescue Ji.re sulllciently accurate in most commercial 
practise, they .should not form the basis of any scientific <lolini- 
tion of power factor. 

F« B. Silsbec: It is most unfortunate that tho ideas Avhieh 
electrical engino<srs have inlnsrited from tlie single-phase circuit, 
have boeojne so fixe<l along the lines of a separate consideration 
of tho several phases of a polyphase circuit, that a very great 
deal of mental inertia has to bo oA'orcome, before the simpler . 
methods of analysis here presented can come into general use. 

I feel that several more papers similar to tho present, one Avill be 
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required before the metering systems of central stations are 
changed oA^er to register positive and negative sequence power. 

Several years jigo a committee was apiiointed to consider the 
possibilities of obtaining a definition of balance factor in poly¬ 
phase systems, but tho iuhorent complexity of the subject, the 
lack of realization of the i:inp<jrtanee of u nbalance in some eases, 
and the hmlc of familiarity Avitb the symmetrical coordinate 
nietliud of analysis all cons]}irod to pi’oduco a general apathy 
among engineers Avliicli, so far, has ju’evented the adoption of any 
definite method for treating nnhalanccd conditions. 

In tliis ami earlier papers Mr. Fortescue has suggested tho 
ratio of negative sequence to positive sequence currents as a 
definition of unbalance, Avhich would solve this problem. While 
this definition Avorhs out perfectly for tlie case of 3-wire, 3-phase 
circuits Avhich, of caur.se, is by far the most frequent case in 
practise, it seems desirable to have a more general definition of 
which this might bo a special case, Init Avlncli would cov'er the 
more complex cases of 4-wire circuits and tlio.se of other than 
three phases. It seems to me certain that such a generalized 
definition will nltimatoly ho based upon the symmetrical method 
of analy.sis, and I trust that Mr. Fortescue Avill supply ns Avith 
suoli a definition in the near future. 

Charles F<»rtescue: 1 Avaut to exjiress 3ny appreciation of 
the dLscussions that 1 luive receivtsl this afterno«>n on my paper. 
IVofe.s.sm* KarapetolT always adds lucidity to any subject which 
he discus.ses. However, I do not agree Avith him that the com¬ 
mercial ap]>licatien of tliis |)rincii)lo iiresonts insiirmountablo 
obstacles, and this also applies to the next speaker. Mr. Peek 
.seems to think that, consumers are so dull that they will not he 
aide to ab.sorb this idea. 

Now, I think tliat the Ihiblic Service (Annmissions and largo 
consumers can take care of themselves very well. They stsom 
to be iiive.stigating a Avhole lot of things, and they seem to lie 
able to get tho right kind of talent. I tliirik they will make out 
pretty well on ])ositlvo sequence quantities; and as I am quite 
sure tho principle is right, I am sure that it will prevail. 

You knew sometimes we do not inulerstand a thing because 
Avo do not Avish to. The average comsumor no doubt) is quite 
dull when it comes to a change in his rates Avhich he thinks is 
going to bo in the wrong direction, ami lie finds it very hard to 
understand such things as jiuAver factor and unbalance factor. 

JIoAvever, if you ride on any train, you Avill hear them talking 
there glibly about deteoters, multi-stage amplifiers, feed back 
regenerative circiiit.s, and so forth—they seem to understand 
those tilings very thoroughly, so that I think they must bo quite 
capable of understanding such a simple thing as unbalanced kv-a. 

However, should there lie any possiliility that this method will 
not come into commercial use, nevertheless it provides a means 
to enable the rate man to arrange his rates so tliat tliey are more 
equitable; so that no doubt you Avill find it very cenveniont to 
make use of positive sequence devices in tlie laboratory, and in 
investigating various kinds of loads. 

J believe that there is a real a;)pIication of these principles, 
and as Mr. Evans has shoAvn, tho jirinciple cati lie applied Avith 
standard instruments, commercial instruments, that are used 
every day. 

It does not add any complication; in fact, tlie tendency is 
towards simplicity, and moreover, certain conditions do occur 
from time to time in circuits Avhieh demand protection for 
motors, and this principle affords the best means to give that 
protection. 
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T he point is well known and generally accepted 
that many things can be done which do not be¬ 
come general practise until the economics 
governing the practise show that the difference 
between ‘^cost of doing” and “earnings through doing” 
is on the proper side of the balance sheet. 

The engineer, being a technician, may be a little slow 
to admit, even to himself, this fundamental; yet engi¬ 
neering development, in terms of actual progress for the 
good of all concerned, is as fully subject to the im¬ 
mutable law based on this fundamental as is human 
progress in general subject to other economic and 
psychological laws. 

We in the engineering profession perhaps now, more 
tha n ever before, are less ready to admit that any task 
is impossible, yet we will have to admit that in general 
our research and development follow the cause of the 
necessity rather than precede it. This in some re¬ 
spects is as it should be, yet the question arises “Would 
not this necessity be more often clearly recognized and 
the solution more promptly offered if it were known 
that means were at hand for meeting the situation or 
condition brought about by that necessity?” 

The first recognition of the necessity of metering or 
measuring kilovolt-amperes of alternating currents came 
through experience to manufacturers of electrical 
machinery. Many, who do not consider themselves as 
aged can remember when it was common to purchase 
generators, motors, transformers etc. rated in kilo¬ 
watts. Due either to the fact that the above machines 
were often required to carry inductive loads or to the 
fact that under these conditions controversies regarding 
the capacity ratings of electrical apparatus often arose the 
manufacturers took a wise step and changed their a-c. 
apparatus rating from a kilowatt to a kilovolt-ampere 
basis. 

ps At the time this took place the central station in¬ 
dustry was carrying a load in which highly inductive 
apparatus was the ^ception rather than the rule, and 
to a large number of central station engineers the full 
significance of the change was not at once apparent. 

During the few years following, which really consti¬ 
tuted the “youth” of the central station industry, the 
effort of the central station was to secure more load, 
and in the majority of cases very little thought was given 
to the character of the load with the exception perhaps, 
of its load factor. Following these years, however, 
some of the more progressive central stations canying 
industrial loads realized that they were purchasing 
electrical equipment rated upon a kv-a. basis and 
apportioning the use of same upon a kw. basis. It 
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became apparent that increased investment was 
necessary to carry an inductive load over the invest¬ 
ment necessary to carry an equivalent non-inductive 
load. This not having yet become a matter of much 
importance to many central stations it did not attract 
general interest and the result was that where steps 
were taken to remedy conditions, such action was 
local in application and generally took the form of 
penalization of the customer operating an inductive 
load. Being largely local the methods and degree of 
penalization were varied and largely arbitrary. Per¬ 
haps we can not be sure, but it seems that, while these 
attempts were a step in the right direction, the “penal¬ 
ization idea” was not very constructive. Perhaps 
these attempts secured a better income on the demand 
charge of customers operating inductive loads, yet no 
basic attempt was made by manufacturers in general 
or by central stations to remove the infection, the result 
being that with each additional industrial load the 
condition became worse. 

About the beginning of the World War many centr^ 
stations generated a peak load approaching their 
kv-a. capacity. Finding it difficult to carry their 
kilowatt load without exceeding their kv-a. capacity 
these stations were faced with the necessity of not 
being able to care for all load offered or of having^ to 
enlarge generating and distributing capacity at a time 
when the capacity was badly needed and yet at a time 
when capital for same was very difficult to obtain. 

This condition stimulated study of the “low power 
factor” or inductive load question and it was generally 
admitted that some action was necessary. 

Study of the situation brought out the fact that 
about 75 to 80 per cent of the central station investment 
lay in the generating and distributing app^atus. It 
was pointed out that the canying capacity of the 
•apparatus covered by this portion of the investment 
was directly limited by the kilovolt-ampere load. 
From this it became apparent that while no^ unit of 
measurement defined central station capacity in terms 
of 100 per cent investment the unit of capacity applying 
directly to the greater percentage of the investment 
was and is the kilovolt-ampere. 

Many utilities had given a power factor clause tri^ 
in their rates, but finding that this complicated their 
contracts; finding that many customers could not or 
did not understand its application; finding that most 
customers did not see the justice of that which they 
termed “penalization for low power factor;” finding 
they were unable to directly meter the factors involved 
and that the human element largely entered into calcu¬ 
lation methods and finding that the return given a 
customer under “power factor correction clauses” was 
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not a direct ratio to his investment in necessary cor¬ 
rection apparatus, many utilities allowed the “power 
factor clause” to become a “dead letter” in the con¬ 
tract. 

Results of the attempts cited above are given space 
in the T-2-22 report of the Subcommittee on Power 
Factor and kv-a. of the National Electric Light Asso¬ 
ciation Meter Committee, which states that of 418 
utilities in cities of 20,000 and over in the United States 
and Canada, 59 show clauses relating to charges in 
billing low power factored customers. Among these 
59 companies there are more than 20 different clauses. 

During the last two years this condition of affairs has 
added interest to the development of 

(1) Induction motors to operate at better power 
factors. 

(2) Corrective apparatus (static and synchronous 
condensers). 

(3) Kilovolt-ampere meters. 

This has led to more study in proportioning the size of 
the motor to the load carried, and in obtaining both 
induction and synchronous motors of the proper 
voltage rating. 

Even isolated stations generating and using their own 
power have found it economical to employ synchronous 
apparatus. • 

The writer recently witnessed a 20,000-kw. load in a 
large rubber mill near Akron, Ohio, operating at 98 
per cent power factor. This was secured largely 
through the unusual practise of using synchronous 
motors specially designed for operation on rubber mill 
drive. 

It is of course understood that at unity power factor 
the ordinary induction watt or watt-hour meter will 
measure volt-amperes or volt-ampere-hours. 

It follows that if both the current and voltage fluxes 
in the meter be held at their proper value and in proper 
phase relation the meter will measure volt-ampere 
hours for any power factor, leading or lagging. 

Your attention is also called to the fact that if the 
in-phase and reactive components of a circuit are 
properly metered the volt-amperes may be known 
through calculation. 

In general, then, any volt ampere meter or volt 
ampere hour meter must, of necessity, obtain its 
operation from one or both the above principles. 

I desire therefore, to more tersely cover the present 
state of volt-ampere metering art to divide the types 
and makes of meters as follows: 

Tlie Bodi Meter 

(1) Proper phase rela- _ (Westtnghotise) 

tion type meters. Range 

The Angus Meter 
(Esterllne-Angus) 

Pteed Range Electric Meter 

■ ^ A The Lincoln Meter 

Pull Range / The Lincoln Meter 

Indicating \ The Sangamo Meter 

( 2 ) Resultant type meters 

Pull Range / The Spertl-Ble<ao5mith Meter 

Integrating A (Westlnghouse) 


In the above outline only meters involving the 
principle and not the practise are mentioned. Other 
meters involving the above principles may now be made 
or may be made in the future. 

The Bodi (Westinghouse) meter involves the princi¬ 
ple of operation of the polyphase power-factor meter. 
It has been found that moving coils carrying the current 
of the circuit measured (or a portion of same) or carry¬ 
ing the potential of the circuit when suspended in the 
potential field (in one case), or in the field of the cur¬ 
rent (in the second case) will take such positions that 
current taken from them may be in phase with the 
field in which they are placed. 

If then such an arrangement of coils is provided the 
current from it may be led through the current element 
of a watt or watt-hour meter and if this current is of the 
proper value the watt or watt-hour meter is caused to 
register volt amperes or volt-ampere hours. To 
supply such a current to the potential element of the 
meter involves some difficulty since the torque tending 



Fia. 1—One Element op the Anqu.s 3-Phasb Meter 

to change the position of the movable coils with a 
slight change in power factor is rather small. More 
torque for such an arrangement may be had by con¬ 
necting these movable coils in series and thus supplying 
current of proper phase relation to the current element 
of the standard watt or watt-hour meter. The diffi¬ 
culty encountered with this arrangement however is 
that the volt-ampere load of such an arrangement is 
rather above the secondary volt-ampere rating of 
■standard current transformers. It must be remembered 
however, that with this arrangement the standard 
induction watt or watt-hour meter may be used. 

The Angus meter employs somewhat the same 
principle with a slightly different arrangement. In¬ 
stead of using the standard watt or watt-hour meter a 
special meter compri^g in the case of three-phase 
circuits two elemeifts (one of which is shown in Fig. 1) 
are used. The frame F is magnetized by the current 
coils C and Cl. The potential element A is so mounted 
that it may rotate, chan^ng its position with variatidn 
in power factor of the circuit. The poljrphase winding 
on potential element A produces a rotating field about 
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its periphery which reacts against and with the current 
flux, a portion of which cuts the disk D at the points 
KN. This reaction causes the potential element, 
therefore, to assume a position such that its resultant 
flux is in phase with the field produced by the coils 
G C I, therefore, the torque on the disk is proportional 
to volt amperes. With a rotating disk and a register 
the meter becomes a volt-ampere-hour meter, since the 
usual type of full-load adjustment can be supplied. 



Fig. 2—^Angus Meter 


Fig. 2 is an assembled view of the Angus meter. 

As has been 'stated a standard watt or watt-hour 
meter may be caused to register volt-amperes or volt- 
ampere hours if potential of a degree, of displacement 
corresponding to the displacement of the fiux due to the 
current through the meter is supplied. If the degree of 
displacement of the flux in the current elements of the 
meter is known the potential elements of the meter 
may be wound to cause in their magnetic circuit the 



Fig. 3—KiiiOVOLT-AMjfBBB-HoTiR Meter 


same degree of displacement. Under such conditions 
the meter will measure volt-amperes or volt-ampere 
hottra over about 22 degrees angular range with ac¬ 
ceptably good accuracy. The General Electric kv-a. 
hour meter of this type is shown in Fig. 4. Since the 
meter is not a standard watt-hour meter its range is 
increased by the addition of another shaft and necessary 
special potential coils on the required elements. 


Both shafts are connected to one register through an 
overrunning clutch in such a way that the shaft which 
is running fastest is carrying the register. Such an 
arrangement practically doubles the range of the single 
shaft meter. 

To change the range of operation beyond the 22 
degrees angular range for which one set of elements is 
built it is necessary to add another rotor and elements 
or change the windings of the potential elements in use. 

In Fig. 3 is shown the Lincoln type VAD trans¬ 
former and the Lincoln thermal, volt ampere demand 
meter. This is a fixed range instrument, but unlike 
the instrument just previously described the displace¬ 
ment of the potential flux does not take place in the 
meter itself, but is secured by picking up the desired 
taps supplied on the small auto transformer provided 
for the meter. The range of the meter is thereby 



Fig. 4—^3-Elembnt Ampere Hour Meter 

increased since the change necessary in widely varying 
power factors can be more readily made, although it 
mimt be remembered that the change is to be manually 
accomplished. 

Mr. Paul M. Lincoln has also worked out other ideas 
in volt-ampere measurement which have been proved, 
but which are not on the market. It is understood that 
patents on these are held by the Westinghouse Company 
for the United States. In one of these meters Mr. 
Lincoln provides for the movement of two arms—one 
proportionate to kilowatts and the other proportionate 
to reactive volt-amperes. 

These two arms are attached to a conomon point, the 
resultant movement of which is proportionate to the 
square root of the sum of the square of the movements 
of the kw. and r. ky-a. arms, therefore, the movement 
of the common point is closely proportionate to volt- 
amperes. 

In one arrangement Mr. Lincoln carries the resultant 
motion to a rotating menaber engaging a disk rotating 
at a constant speed. The value of the resultant 
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determines the distance from center at which the 
rotating member engages the disk, thus the volt-ampere 
value is integrated. If this were a practical arrange¬ 
ment it would seem to be ideal, since he obtains a value 
proportional to the integrated square root of the sum 
of the squares. 

The Sangamo Company is producing in Canada its 
watt-hour meter combined with the Lincoln volt-am- 
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pere demand meter as described f<jr use with phase 
shifting transformer, (kmibining as this instrument 
does a registration of kilowatt-hours and volt-ampere 
demand it is said to be meeting with hearty approval 
in Canada. Last years rei)ort shows some 1500 volt- 
ampere-demand met;ers in use in Canada. 

Possibly the latest volt-amT)ere-demand meter on 
the market is the Sperti-Blecksrnith meter being manu- 
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factured by the Westinghouse Company. The actual 
construction of this meter is shown in Fig. 5. As shown 
the meter is designed to register kilowatt-hours and 15 
minute block interval volt-ampere-demand. The meter 
uses standard watt-hour current and potential elements, 
—no special windings being required. 

The rotation of the two right disk sare proportional 
to kilowatt-hour and the rotation of the two left disks 


are proportional to r. kv-a-h. The shafts are connected 
to two arms operating a pantograph, the centre point 
of which is connected through a flexible lead to the 
kv-a. demand indicator which indicates the resultant 
value of the in phase and reactive components— i. e. 
the square root of the integrated kw. and r. kv-a. for 
the interval of time for which the meter may be de¬ 
signed. Further detail's of operation are shown in Fig. G. 

The reactive meter is so connected to the panto¬ 
graph that its integi’ateil value is constant in direction 
for all ranges of power factor, leading or lagging; there¬ 
fore the standai'd meter elements are operative over 
100 |)er cent range in power factor, ^’he inherent 
errom are small, and being constant in progression have 
easily been can(‘elled so that the meter compares in 
accuracy well with the standard watt-hour meter. 

It is .seen from the foregoing that quantity produc¬ 
tion on volt-ampere, volt-ampere-hour or volt-ampere- 
demand metem merely awaits a consistent demand. 

Several large utilities have made, are making and 
are arranging to make contracts on a volt-ampere- 
(iemand basis. 

It seems safe to assume or predict that during the 
next few years the volt, ampere or “kv-a." meter will 
have taken its deserved place on a plane equal at least 
to the present kw. demand meter. 

P. A. Borden t f atn plcusnd to noo Mr. Fryer's riifcreiice 
to tlio ndvmiees whiidi liavo Imjku made in tJio use of volt-aioperc 
ini'tors in Canada, with particulur reforenco to the Linindu 
instruniont. The IJydro-EUxdrie Power (^umnisHion of Ontario, 
with whieJi I am eonne(!t(«d, is prolialily the larKost user of the 
Lincoln meter, either Avith «>r witimut the so-called V.A.D. 
transformer. The (^mimission and the .‘itM) nmniciimlities to 
which it stij>plies power for reside use a lar^je percentUKe ef the 
numher of the.se meters manufactured in Canada, and I may 
.say that hotii those who sell and t hose who l)uy power as metered 
hy this method seem satislied with the principle as well as with 
its practical working out. 

The eomhinalien meter, te which Mr. Fryer has referred a.s 
being developed by the .Sangamo Company in eon,inn«tit)n with 
the Lincoln Company is, to date, I believe, a wholly (Canadian 
product. A sample of this device is at present undergoing 
tests in the Commission’s lAiboratories. It combiiie.s a poly¬ 
phase watthoui’ meter and a Lincoln dcunand element, pha.se 
shifting for the latter bidtig arranged for three different ranges 
of power facbAi's, covering everything from ubont 40 per cent 
to unity with a lheoreti(?al error of less than 2 per cent.. In 
this meter no attmnpt is imub' to integrate tlie volt-amperes. 
The integration is performed solely on a watt, basis; while demand 
may be dotermincsl on either a watl- or a volt-ampere ba.sis, 
as desired. 

A brief doscriiition of an ingenious volt-ampcfre meter devcl- 
ope<1 some years ago liy Mr. If. S. Baker may here be of interest. 
In .some points this meter is not unlike the present volt-ampere 
meter prmlueed by the Estorline Company, but it Avas in regular 
use some years iM^fore anything was published in regard to the 
latter instrument. Referring to Fig. .1, (which for purposes 
of elmmesH is shown as for a tAVo-phase circuit,) w'e have first 
an clement, consisting of the fixed coils, 1,1, and 2,2, together 
with the movable coils 3 and 4, thus con.stituting a power- 
factor meter. The rotatable element is normally in neutral 
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equilibrium, and, consisting, as it does, of a polyphase winding 
in a polyphase field, will tend to take a position about its axis, 
representing the power-factor of the circuit, according to t e 

“Second Definition” of the Institute. _ t mi 

The moving part, however, has another function.. It will be 
noted that the equatorial plane of this part does not coincide 
with that of the fixed part, and that the moving part is^ free, 
not only to rotate about its axis but to shift in the direction of 



Fig. 1 

that axis. It may easily be worked out that, the element 
having rotated into the position which represents the power 
factor of the load, the vertical thrust on the shaft will represent 
the value of the volt-amperes. 

As shown in the diagram, this thrust is balanced by a counter¬ 
weight on a scale beam. In actual practise the beam carries 
contacts, which, through a relay mechanism, similar to that of 


the Westinghouse graphic instrument, produce an indication 
on a scale or chart. At the same time, by attaching a pointer 
to the moving element it is possible to directly read the power 
factor on a horizontal scale concentric with its axis. And if 
the moving element be locked from rotating, in the position 
corresponding to any chosen power factor, the instrument reads 
volt-amperes at that power factor; so that if it be locked 
in the unity position the device becomes a wattmeter. This 
scheme has been in use on the circuits of the Ontario Power 
Company since 1917, measuring some very important loads, 
and has proved of great value. 

Charles L. Fortescue* An accurate volt-ampere meter 
is very necessary for the actual determination of unbalanced 
factor; and I have been watching this development of volt- 
ampere meters with a great deal of appreciation. 

I think that the balance method of measuring power, the 
balance factor will require a simpler device than volt-amperes 
on a polyphase circuit, as measured in the ordinaiy way, so 
that ought to help a little bit. 

R. C. Fryers I think the conclusions that might be drawn 
are these; That considerable progress has been made in the 
solving of the relation of power factor to the rate question. 
That considerable progress is being made towards the correction 
of poor power factors, and that the metering engineers in the 
industry stand prepared to offer practically any device that is 
desired for the measurement of volt amperes, whether it is taken 
by the first or second definition. The actual placing of the 
apparatus in use is now taking place. Several companies are 
actually using kv-a. meters in their billing department. We 
will have to recognize the fact, of course, that the practise will 
not, for a long time, become general. The reason I think is 
this: That a great many contracts are made on a five or ten- 
year basis, especially for the interchange of power. The result 
is that these contracts must run their life, before they can be 
changed, and those that are in a position to change contracts 
now are so doing. Canada, it seems for some reason, has been 
a little bit more forward than the United States, in this direction 
at least. 
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only whCTe no a-c. is available as would be the case 
with a test on a moving electric car. 

The operator may quickly change from correct con¬ 
nections for a-c. operation of lamp, trip-magnet, motor, 
etc. to 6 volt d-c. operation. 


d-c. This element will give nearly 3 inches deflection 
on a 100-millivolt shunt. This makes it possible to use 
a standard meter-shunt, when taking slow Aims, and 
thus obviates carrying a 500 millivolt oscillograph 
shunt for tests on huge reversing motors, etc. The 


Contactor 


^^Trip Magnet 


Incandescent 

Lamp 



Supply Common Battery 
Pig. 3—Diaqham of Supply Circuit for Lamp, Motor, etc. 


A complete diagram of circuits and a key for operating 
the same is moulded into the inside surface of the 
element-control panel-cover. This is shown in Fig. 3. 

The three complete sets of element resistors and dial 
switches (Fig. 2) are extremely convenient for adjusting 
the elements so as to give any desired deflection. The 
upper dial, of each set, has a range from 0 to 100 ohms 
for e. m. f. below 10 volts and for use as a deflection 
adjuster when the element is used, with a shunt, as an 
instantaneous ammeter. The lower dial is used to 
limit the deflection when it is desired to record the in¬ 
stantaneous values of e. m. f. above 10 volts. This 
dial has a range from 100 to 10,000 ohms. This permits 
the recording of a d-c. e. m. f. of 3000 volts, peak. 
Since the sensitivity of the standard element is 0.10 
ampere per inch diection, this would mean a 3 inch 
deflection on . the ground glass, or on the film. The 
mper^S6nsitive eZmenrrequires but 0.02 ampere per 
inch deflection and hence mil give about 3 inches deflec¬ 
tion, ^th 10,000 ohms series resistance, on 600 volts. 


super-sensitive element will not respond to as high 
frequencies as the standard element. The former has a 
natural period in air of approximately 3000 cycles per 
second, while the standard element has a natural period 
of approximately 5000 cycles, at usual tension and 



Pig. 4—Three-Element Galvanometer. Separate 
Element AND Cell to One Side 

sensitivity. The ultimate tensile strength of the 
vibrator ribbons is very high (approximately 160,000 
pounds per sq. inch) and hence permits a greater temon 
on the ribbons when it is imperative to have a higher 
natural period, at a sacrifice in sensitivity. 
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The refinements in the three element galvanometer^ 
Fig. 4 have made it most reliable. The overall 
dimensions have been reduced and the test increased 
to over 10,000 volts between each element. The 
increase in sensitivity is not due to sacrifice in 
natural period but to the efficient design of the mag¬ 
netic system. 

The novel method of controlling transients, on the 
first portable outfit, proved to be so reliable that it was 
incorporated in the final instrument. Further ad¬ 
vantage was taken of this method by designing a day- 
light-loading film-holder. Such would have been use¬ 
less with former controls, which do not place the transi¬ 
ent on a predetermined part of the film, for the daylight¬ 
loading roll-film cannot cover the full circumference of 
the rotating drum. 

Film Holder 

The daylight-loading film-holder. Fig. 5 is the 
latest development of the whole outfit and now 
operates reliably with all standard No. 3-A “Kodak’’ 
roll-films. The novel features of this film holder 
proved to be most satisfactory. A light- tight 
door in the stator gives access to two doors in 



Fig. 5—Rotating Viewing, Mirroks and Daylight- 
Loading. Rotating Film Holder. 

the rotor. One rotor-door carries the unexposed film- 
spool, between clips. This door is snapped in place 
with the unexposed film within the rotor. The initial 
opaque paper is drawn two-thirds the way around the 
rotor and its end inserted in the empty spool which is 
to receive the exposed film. The second inner door is 
then closed and the stator door also. By the simple 
twist of a cap, as it is removed, the rotor may be locked 
in proper position for turning the spool, by an external 
winding-key. To perfect the action of this film- 
holder, it was found necessary to turn the spool so as 
to reverse the curvature of the film and thus keep the 
film, as well as the opaque paper, tight on the drum. 
The exposure number, on the opaque paper of the 
standard film, may be observed through the opening 
in the stator and rotor made by the removal of the cap. 
After ^ch setting ofthefilm, the cap is replaced and the 
rotor is free to turn at any speed desired. After the 
oscillogram has been taken, the cap is again removed 
and the film turned to position for the next exposure. 
The rotor is 4K inches in diameter and is so desired 
tlmt the film comes v^ close to the optical slot of the 


main oscillograph case. This permits a much greater 
angle of convergence of light from the cylindrical 
condensing-lens. This has made possible an optical 
efficiency 250 per cent of that of former outfits. With a 
standard No. 3-A (3^in. x53=^in.), 6 exposure, roll- 
film, one may take six oscillograms 3^ in. wide and Sin. 
in effective length, or three oscillograms 10 in. in 
effective length. The total length of film after cutting, 
is more than eleven inches, for the standard oscillogram. 
Thus prints are correct in length for filing with stand¬ 
ard S14 in. X 11 in. report paper. 

Viewing Attachment 

A rotating-polygon of mirrors. Fig. 5, is added to the 
outfit for viewing recurrent a-c. phenomena. The 
mounting of these mirrofs is so designed that they are 
operated from the standard driving-head at the proper 
speed to cause the waves to float slowly by, or stand 
still, as the tension on the belt of the induction motor 
is slackened. Since the incandescent lamp requires no 
attention, and since the optical efficiency of this 
instrument has been increased 150 per cent over former 
outfits, it is possible to operate this visual attachment 
continuously (without attention) and observe any 
chance momentary change in wave-shape, due to 
harmonics introduced to the line. The waves are so 
bright that several people may observe them at the 
same time, in an undarkened room. A mirror may be 
placed above the attachment at 45 deg. and thus shift 
the plane of vision from the vertical to the horizontal. 
These features make the attachment particularly 
valuable in classroom work. 

For commercial work the photographic record is 
always required. The simplicity of operation, with 
the incandescent lamp and daylight-loading film- 
holder, makes it easy for the student, as well as for a 
trained operator, to take oscillograms. An oscillo¬ 
gram must always be taken to show transient (non¬ 
recurrent) phenomena.. With this instrument it is 
very easy to obtain excellent records of transient 
phenomena, well spread out on the film. 

Photographic Operation 

The general scheme of photographic operation is 
best understood by reference to the diagram. Fig. 3. 
For actual construction see Fig. 1 ' and Fig. 6 
The contactor, on the film driving-head, is set so 
as to operate the trip-magnet a fraction of a revo¬ 
lution ahead of the opening of the mechanical shutter. 
This fraction of a revolution is timed to be equal to the 
lag in operation of the remote controlled apparatus. 
(The setting of this contactor is immaterial when re¬ 
current a-c. phenomena are being photographed). The 
lamp-control switch stop is set at the 3^, 4 or 5-volt 
position for slow, medium or fast films, respectively. 
The control s^tch is first brought, up to the 3-volt 
position, allowing the lamp to come up to normal 
brilliancy and is then thrown against the stop, This 
makes a connection through the contactor to the 
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trip-magmt to operating the rmote^onirol mM. 
After the remote control, of the apparatus undCT tot, 
has started to function, the shutter opens at the begm- 
ning of the active film. The transient 
ately afterward, and makes its record on the film, by the 
proper functioning of the galvanometer and optical 
systems. One revolution after the shutter opens, it 


volts and the armature with 2 or 6 volte, depending 
on the range of speed desired. An additional pulley 
may be supplied to go on the end of the a-c. motor-shaft 
so the backgears may be used for great reductions in 
film speed. This is convenient for studying actual 
operating conditions of electric elevators, subway trains, 
steel-mill motors, etc. This range of 0.2 foot per 

/VA/\ -J - 


_ 


practically all requirements for the standard film and 
- is a big advance over previous outfits. 

A detailed description of the shutter mechanism and 
of the variable shunt (with a range of 20 to 1000 am¬ 
peres continuous and 25,000 momentary) will not be 
repeated here since it would be the same as for the 
original outfit. 


Fig. 6—Driving Head, Shutter Mechanism, Remote- 
Control Switch, and Lamp-Extinguishing Switch 


closes and knocks open the lamp-extinguishing switch, 
thus saving the lamp for hundreds or thousands of 
such operations. Thus the lamp may be on 3)^ volts 
for many minutes taking a slow film, or may be on 5 
volts for 0.02 second when taking a film running at a 
speed of 1000 feet per minute. (0.006 sec. per inch). 
A good film can be taken, of 60-cycle waves, with 
the film running at 1300 feet per minute, using the in¬ 
candescent lamp and the induction motor, in the 
second belt position. 


Long Film Attachment 

A slow-speed, long film, daylight-loading attach¬ 
ment, Fig. 8 has been developed for certain fields 
of works. This is readily attached to the standard 
outfit and makes it possible to take any number 
of oscillograms, 58 inches in length, without resort to a 
darkroom. The film speed is remarkably constant over 
the whole length. On the first test-run, a slow belt- 


Motor 

The instrument is supplied with an induction-motor 
for driving the photographic-film and viewing-mirrors. 
This gives most satisfactory results equipped, as it is, 
with step pulleys and back gears. For any one belt 


Fig. 8—Low-Speed, Long-Film Holder, Opened Up 

AND Assembled 





Fig. 7—-Six-Volt Shunt Motor with Field Rheostat 
AND Pulleys for Operating Film on Isolated Tests 

position, the film speed is very constant and can be relied 
upon to within a fraction of one-per cent, when 
operated at a given frequency of supply. Where no 
a-c. supply is available it is easy to.obtain a small 
six-volt shiM-nwtor to operate the film. Fig. 7 shows 
such a motor equipped with step pulleys and a field 
rheostat. The field is normally supplied with 6 or 12 


position, and the back-gears of the induction motor, 
were used to give a total exposure of over five minutes. 
With the belt’ tight, the record was so uniform that 
each individual cycle could be counted on a 25 cycle 
wave, even though they were less than one hundredth 
of an inch apart. This special holder w^ repeatedly 
loaded and unloaded on a destroyer while the latter 
was rolling and pitching as it plowed through a stormy 
sea. . 

This film-holder is quite novel in \t& operation. A 
standard 10 exposure ?f3-A “kodak’’ film is used. 
Split, flanged pins are plugged into the ends of the spools 
so these extensions fit into vertical slots in the holder 
with the unexposed film below a main driving drum, 1 % 
inches in diameter. The film raps half way around 
this drum and is wound up on another spool just above. 
Two rollers, one bdow the unexposed spool and one 
above the exposed spool, are drawn tight against the 
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opaque paper, on the spools, by flexible (spiral-spring) 
belts working in pulleys beyond the ends of each roller. 
The lower roller tends to hold back the unexposed film 
while the upper roller ensures the proper winding of 
the exposed film. Due to the fact that the upper pul¬ 
leys are slightly smaller than the lower pulleys, all 
creepage is compensated for, and the film keeps the 
same peripheral velocity as the one driving drum. A 
red observation window permits the operator to note 
the numbers on the film as the exposure progresses. 
The holder is easily loaded and unloaded on the 
oscillograph without fogging the film. The film-g may 
be developed by any photographer or by the operator 
at his convenience, either in a dark-room or in a 
’“kodak” tank-developer. This film holder is much 
better for low-speed work than the standard rotating- 
drum, as it gives nearly six times as long a record and 


■ 1 .' 72571 V 

i ;; .j i 

' v: Aril \ 


r\ , . 


■ 

1 ■. 

J1 t.u'., .1; Jc r 

• ^^'1' ■ ■ ' 

••..■ ..-r. 


- 


Pig. 9—Typical Oscillograms Taken with Portable 

Instrument 


meter, battery, rectifier, bus-bars, etc., which were 
formerly required for the electromagnet galvanometer. 
This simplifies the diagram shown in Fig. 3 and greatly 
improves the instrument. These features insure cool 
operation of the damping fluid in the vibrator well and 
thus minimize the errors due to a change in viscosity of 
the damping liquid. This cool operation, together with 
the fact that the walls of the wells are made of micarta 
(with no coloring matter), minimizes discoloration of 
the damping fluid and thus prolongs the optical effi¬ 
ciency without attention. 

Automatic Operation 

Any number of these instruments may be operated 
simultaneously. Each oscillograph may be in a different 
substation and show the local effect of the same 
short-circuit. The novel features, of this instrument 
make it possible to connect its supply (for motor, lamp 
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'thus shows up the details of operation of reversing- 
motors, electric trains, electric-arc furnaces, maneuver- 
injg of submarines, etc. Long films have been taken 
with a total time of 45 minutes. This may be made 
still greater if the case demands. 

Ventilation 

Even though the various parts occupy a very fiTwaii 
space adequate ventilation is provided. The resistance 
units are wound on thin cards of micarta so as to be 
very nearly non-inductive and so as to present a rela¬ 
tively great radiating surface. Over 1700 square inches 
of radiating surface is provided for the 30,000 ohms of 
resistance. Openings below and above these cards 
allow good circulation of air. Practically the only 
continuous operation that they would be subjected 
to would be the voltage from the secondary of a poten¬ 
tial transformer. This would mean but 10 watts per 
element resistor. At ten times this input no appreci¬ 
able heating is noticed. 

The galvanometers in the first units were of an im¬ 
proved electromagnet type and were very satisfactory 
for an. electromagnet equipment, occupying less space, 
consuming less energy and being insulated for a higher 
voltage between elements than any previous 3-element 
•unit. The very latest developments, however, have 
brought out a superior magnet, of a permanent type, 
which gives even better sensitiviiy the same vibrator 
elements> and eliminates: the field coil, rheostat, aih- 


and trip-magnet) to a quick-acting relay, in the second¬ 
ary of a current transformer in a high-voltage power- 
system, so that the oscillograph will function perfectly 
on a chance short-circuit (or heavy over-load). The 
record will show the unreduced value of the short, the 
arcing voltage, the current interrupted by the breaker 
and the restored line conditions. This remarkable 
action is made possible by the automatic, quick¬ 
acting features of this oscillograph. With no series 
resistance in the lamp circuit, the filament will come up 
to abnormal brilliancy in less than one-tenth of a 
second due to the ^eat initial rush of current through 
the filament (the cold resistance of the filament being 
less than one-tenth the hot resistance). The lamp¬ 
extinguishing switch is re-connected, for automatic 
operation, so that it breaks the supply circuit, at the 
end of the exposure, and thus cuts off the motor, lamp 
and trip-magnet. 

New Fields op Oscillograph Activity 
From the foregoing description of the new instru¬ 
ment it is easily seen that Only a few of its many new 
possibilities have been utiliz^. Engineering schools 
may use such an instrument to solve the many problems 
arising in small electrical industries, in the mills of the 
district, in the local electric power plants and trans¬ 
mission lines. This would be good training for post¬ 
graduate students and might r^lt in lessening the 
finandal burdens of the institution. 
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The whole outfit, Fig. 1, may be taken on a 
car in a special carrying case (for the mam ^ _ 
a handbag (for the motor, 

and shunt). An operator, assisted at . 

porter, may personally conduct the outfit to almost any 
PBTt Of th^country. A lower MUn^ 
ample room for both operator and outfit. 
considerable contrast to the bulk of express crates re¬ 
quired to properly transport any 
mercial, oscillograph outfit. In addition o ^ , 
ability, its independence of any source of power supply 
greatly increases its range of operation, an is (^mp 
independence of a dark room makes its application still 
more simple. Such features enabled an operator to 
take two-hundred oscillograms in two days without 
changing a single optical adjustment, n ano^er 
case an operator set up the apparatus in an e ec n 
car, in a distant city, and took over three dozen oscil¬ 
lograms in one day. The apparatus was set up in the 
morning with suitable switches to give a score of dif¬ 
ferent combinations of current and voltage, without 
cutting off the power from the car. Calibrations were 
made and then the car was put through many maneu- 
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Fig. 11 


vers, in and out of thick traffic. Oscillograms were 
taken while the car was at full speed, during reversing, 
braking, acceleration, heavy overload, short-circuit, 
etc. Each record was of a transient condition and 
most of the records were made when the car was 
jerking or jolting, yet the records were as undisturbed 
as though they were made in a quiet laboratory. Not 
a single RItyi was developed until after the outfit had 
been removed and the car put back into service, yet 
tbere was not a poor record in the lot, as far as the 
oscillograph was concerned.' During the whole test 
tbe outfit was supplied by a battery borrowed from the 
starting and lighting system of an automobile. 

The problems which are studied with an oscillograph 
are not always fundamentally electrical. Many purely 
rnechanical movements can be detected and studied 
only through the medium of electricity and the oscil¬ 
lograph. Undesirable vibrations in machinery, noises, 
minute movements, momentary pressures, disturbances 
m the atmosphere, pro^ ma^ 

othW j^on-electricai functions have been studied with 
the oscillo^ph. ■ Force or movement has to be trans- 
fornied iuto' a change in electric current through the 
mediuin of the carbon microphone, a special generator, 
a varying capacity or reactance, or the action of the 


piezo-electric crystal. The resulting current may be' 
recorded directly by the oscillograph, or first amplified 
to suitable strength by the three-electrode vacuum 
tube. It is necessary to study these mechanical prob¬ 
lems under operating conditions, and usually far from 
any electrical laboratory. 

The instrument makes easy the solving of inductive 
interference troubles in distant telephone lines, and, 
in fact, makes it easy to study the actual conditions 
under which any piece of electrical apparatus is opera¬ 
ting no matter whether that apparatus is in a well 
equipped laboratory or in some other part of the 
country, far from any laboratory convenience. 

Summary op the Special Features of this 
Oscillograph Instrument 

1. Complete in one micarta case, 11x111^x26 
inches over all, except for film holder and motor. 

2. May be supplied by 110 or 220 volts at from 20 
to 70 cycles a-c., or from a 6 volt storage battery, for 
field operation. 

3. Shutter mechanism and remote control switch 
which place transient phenomena on desired part of 

fast film. . 

4. Improved optical efficiency and an incandescent 

lamp illuminant, operated at momentary abnormal 
voltage, so as to take fast oscillograms. 

5. Included transformer, for supplying lamp and 

motor. , . 1 ^ j o 1 4 . 

6. Very compact and well insulated o-element 

galvanometer. 

7. Element resistances and control to cover the 
broadest range of commercial testing. 

8. Film, holder using standard roll film requiring no 

dark room. 

9. Weight of complete outfit, 100 pounds. 

Discussion 

J. R. Craighead: The oscillograph shown represents a 
combination of elements which have been considered neoessa^ 
for oscillographic work under most conditions. There is a dis¬ 
tinct advantage in getting as many of these as possible into a 
single device, and making that device as nearly portable as 

’’m Ltoment made by Mr. Legg, that by the devebpmcnt of 
this portable device, Oseillographs can now be used everywhere, 
rath® implies that they could not be usM evmywhere before. 

Now, “everywhere" is a pretty broad term, and I do no 
happen to have any personal experience that goes quite that 
wide; but I have known of satisfactory work done with oscil¬ 
lographs in factories, foundries, mines, battleships, destroyey, 
out-doors in the rain, oui^doors in tents, and in various condi¬ 
tions where it would seem that a limited laboratory device 
would be impracticable. The gain /rom the development 
under discussion, is not so much a gam in the field where t^ 
oscillograph can be used, as it is a gain in the convemence with 
which R can be transported to that field, and applied, when it is 

^’^In^dlvlloping this device, considerable attention has been 
applied to diminishing weight. I. have checked up ® 

I could the elements contained in this device, which is s ated to 
weigh 100 pounds. The latest osciUograph, with full-s zed 

corfesponding elements separate from ^e 
ahmit 145 Dounds. That is a very distmct gam. It is worth 




















388 


LEGG: PORTABLE OSCILLOGRAPH 


Transactions A. I. E. E. 


lower price. For laboratory work it is not necessary to have tbe 
control elements self-contained and a very simple outfit (in¬ 
sisting of a single vibrator with the simplest kmd of shutter and 
rnTlnm de^ce would meet the requirements m many caees 
There is no such instrument upon the market at present and it 
would appear to me as though it would be extremely ^i^eful for 
smaUer institutions and as an auxUiary to the more complete 
oscillographs for the larger institutions. 

1 MV Ledds The latter part of this discussion has, to a 
considerable extent, cleared up some of the questions brought 

^'^ThVpier shows that expansion of osoillography requires 
more than portability; it requires greater completeness of 
equipment, greater permanency of adjustments. Skater reli¬ 
ability, and greater independence of power supply. The instru¬ 
ment described has all these improvements, and may be trans¬ 
ported, as shown by Mr. Borden’s discussion, at from one-mh 
to one-eighth the weight of previous apparatus of comparable 

believe the 145 pounds weight, claimed 
tus, does not include any such resistance as 30,000 ohms. *^6 
figure is nearer 4.000 ohms. Neither does it include a two-^. 
nfotor-generator set, or bulky 110-volt storage battery, one ot 
whioh must be obtained if no oonetant voltage, 
is available to supply the older oseiUograph outfit. The new 
outfit will operate from any a-c. lamp socket, or from a six-volt 

storage battery. 

The paper states that the 3000 volt d-c. circuit is the exception 
wWoh ^oaLot be handled by the oseiUograph continuously, 
Sout external resistor. A 3000 volt peak is very cordon 
during switching operations in a 6W-volt ^ • 

The Lernal resistances of the oscillograph wiU ^^Jidle th s 

nflak verv nicely, for electric railway tests. The whole 30,000 

ohiJ mS^ be used with one element, without overheating, for 
recording 3000 volts applied for half an hour or more. Long 
appUcatfon of high voltage is seldom required, as control switches 
m^y be used to Lw on the 3000 volts shortly before taking an 
osoUlogram, and disconnect it immediately after. 

Another reason why heating will not be m great as 
in this oseiUograph, is that the vibrator ^ 

onrrent nor unit deUeotion, than previous makes, Md hence 
S ta S heat given off in the resistors. After four 
experience with the included resistors, no undue heating has 
ever been encountered in commercial testing. 

^^Pormerly a day’s delay was often caused by the necessity of, 
filing up a suitable dark room for developing, and 
film holLs. A portable dark room was sometimes carried into 
the field for these film holders. This added to the already large 
Lipment of carefuUy packed apparatus. Now we take as many 
as a hundred osciUograms without resort to a dark an 

then turn them in to the town photographer to develop after 
the test is over. This daylight-loa^ng feature of the new film 
holder surely helps to expand osciUography. 

In regard to the remote control of transients; 
films are generaUy required only with smte^s 

and slow-acting switches generaUy require longer exposure 

films. Such oases are veiy easily kan(U«d wi^ Hhrhre^d 
control device incorporated in the oseiUograph. High-speed 
closing switches may operate in a few thousandt^ of a se^^ndj 
With the film traveling at 1000 feet per minute ^ 

mechanism may be started seven-hundredths of a second before 
SmoS of the shutter, if deAed. Even en ordmnry 
tncte wOl olose.in this tune, if it is set 

usual. Heavy switches, such as oil breakers m high voltag 

lines, are more sluggish in action, both eleptneaUy ^d ^eesham- 

ioaUy. In order to show the complete electrical teansient, the 

ph^graphio drum must be run much slower. Thus 

lograph mechanism has ample time to operate the 

and stiU cause the transient to appear on the Pf Pf 

film. In case a higher-speed film is required, to study the first 


part of the short-circuit transient, then the large oil switch m y 
be blocked up so as to be nearly closed, and thus greatly redu e 
the time requu-ed for the magnet to completely close the sivitch. 

Automatic operation, on chance short-circuits, will show the 
a-e. wave before it is reduced by any breaker action. An actual 
record is not made of the first a-e. peak, but this maximum peak 
may be estimated by projecting back the wave according 
general laws of transients. In most such tests, the 
is most interested in the characteristics of arc ^ ^'keoil 

breaker. These are clearly shown on the oscillogram. The 
first discernable cycle may be somewhat 
fact that the film motor may not be fuUy up to speed, but this 

no material handicap in studying the film. 

The problem of keeping the mirrors bright and oleai- w^ 
taken up ten years ago by the Westinghouse company. This 
cLpany has made min-ors ever since, with considerable improve- 
ment in optical efficiency and permanence. One of the vibrators 
in the first portable oscillograph was not taken from its well m 
over a year of travel and testing, yet it was just as pod, at the 
end of that time, as a freshly applied muTor on the adjacent 
vibrator. This is due, partly to the fact that the plyanometei 

remains at room temperature and hepe ‘^®®® ‘^^^‘^diick 

damping-fluid, partly because the well is made of clear due 

mici^ta and does not react with the damping-fluid, and paitly 
because a certain clearer damping-fluid may be used since it 

remains at room-temperature. _ 

At greatest abnormal voltage, the incandescpt-filament 
lamp is operated at the melting point of tungsten, but practice 
has shown that it is not materially harmed at this temperature 
provided the application of excessive current is shpt enoup. 

It is fully up to temperature, as shown by the fact that the begin¬ 
ning of the oscillograph record is just as intense as the end. A 
continuous half second at this maximum temperatore would 
destroy the filament. Unless a complete quartz optic^ system 
is to be used, the writer cannot see any great advantage to a 

tungsten wire in open air. . • i, -u 

A vibrator mirror is not very large in comparison with the 
vibrator ribbon itself. Hence, as the vibrator ribbm does not 
introduce appreciable damping, by eddy-currents, it would not 
seem reasonable that an aluminum mirror would add damping 
enough to replace the damping-fluid. When the wells are made 
slop tight, the damping-fluid detracts little from the portabi ity 

°^Mr. D^uLbaugh greatly exceedeci the advertised Umt 

by taking transient phenomena with a film speed of 2500 fee 
POT minute, with the help of the great optical efficiency of this 
instrument, and the application of a (i-c. arc-lainp. ^ a 
speed is not recommended, as it required special adju^ment of 
the shutter mechanism for this unparaUed film-speed with mg 
speed transients. A film speed of 1250 feet per mmute is often 
used by the manufacturer. At this speed the moandescent kmp 
gives abundant light to show up transient phenomena with the 
main amplitude varying from 3000 to 6000 cycles per second 
Only an experienced operator could expect good results at these 

^To prevent reflection from tbe sky, or white ceiling, it is well 
to place a mirror above the viewing attachment at an angle of 
45 deg This wall enable many people to observe simultaneously 

if they are seated in line with the inclined mirrcir . , ,. , . 

The writer has designed a six-element <>sciUograph which s 
even smaller than the three-element model just described. Ihis 
is to be used for three-phase tests on transmission Imes and oil 
switches. Hence four sets of 5000-ohm resistances and four of 
60 ohms is sufficient. The outfit is to be operated on six-volt 
storage-battery only, and hence has no included transform^ 
These modifications, and the extremely compact oonstmctioii. 
of the new permanent-magnet galvanometer-elements, has ma^^ 
it possible to get this complete six-element outfit in a ease 
by 11 by 25 inches over all, except for the six-volt motor and the 
film-holder (taking a seven-inch width of standard roll film). 
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E. E. F. Creighton: (Communicated) I have in mind one 
point that was brought up by Mr. Legg, namely the credit to 
those who have been involved in the development of the oscillo¬ 
graph. I do not want to take advantage of this occasion to 
impose on you any of my personal history, but there are inci¬ 
dents apropos to this discussion, in that they relate to the early 
development Of the oscillograph. 

In 1898, I was with Mr. Duddel in London, and saw the pro¬ 
gress that he had made in the development of the oscillograph. 
Shortly afterwards I went to work with M. Andre Blondel and 
remained two years. When I arrived in Pains in 1898 he had 
his oscillograph complete^ developed. He had both the magnet 
and bifilar types of vibrators. Without question M. Blondel 
was the father of the oscillograph. Mr. Duddel did a great deal 
to improve it. 

I brought the first Blondel oscillograph to America in 1900 


and used it first at Stanford University and for several years 
while with the Stanley Company. But when I arrived in Sche¬ 
nectady in 1904 I found a very fully developed oscillograph 
there. So I have always given Mr. L. T. Robinson full credit 
for the work that he has done, which is greater than Duddel's 
in malcing a practicable, useful device out of the oscillograph,— 
it is actually the oscillograph as we know it today. 

I have used the oscillograph every year since 1898 and having 
taken many thousands of oscillograms I can answer one question 
about the mirrors. The mirrors are stuck on to the bifilar with 
shellac. When the shellac dries it natm*ally shrinks and cracks, 
and thereby breaks the continuity of the silver on the back of the 
glass. Therefore we renew these mirrors periodically, without 
stopping to make extensive photographic tests to determine 
whether or not they are in first-class condition. It can be 
done in just a few minutes,—when you get used to it. 


Measurement of Transients 

BY FREDERICK E. TERMAN 

Leland-Stanford University 


Review of the Subject.—The transient crest meter was 
developed to investigate several pressing problems in high-voltage 
transients. It consists of a gold leaf electroscope in series with a 
rectifying device, an electron tube, which enables the electroscope to 
charge, but prohibits discharge. The charge that is captured in 
this manner is proportional to the maximum impressed potential, 
and where adequate insulation is possible, will remain substantially 
undiminished for many seconds or even minutes after the transient 
has passed by. 

The instrument described is thua seen to be essentially a crest 
voltmeter. By the proper use of inductance, resistance, and 
capacitance it is possible to make the applied voUage dependent 
upon the maximum peak, maximum slope, or maximum area of 
current and voltage waves, thus' giving information regarding the 
character as well as the size of the transient. 

The method of calibration, and the precaulions that must be 
taken in measuring transients with this instrument are pointed 
out in detail in the paper. In particular, care must be taken to 


Principle 

RANSIENT phenomena occur continually in 
electrical practise, and are often of the most prac¬ 
tical importance because of the disturbances 
they give rise to in electrical circuits. Due to the 
momentary nature of transients, direct experiment and 
measurement of such oscillations is unusually difficult, 
and the choice of methods available for any investiga¬ 
tion is very limited. 

While studying certain high-voltage phenomena. 
Prof. Harris J. Ryan of Stanford University found it 
necessary to develop a new type of transient crest 
voltmeter. The instrument that was evolved to fill 
this want can be used to advantage in the investigation 
of many types of transient oscillations, to determine 
their nature and magnitude. The following paragraphs 
give an outline of this meter with the hope that others 
will find it of assistance in solving their problems. 

Presented at the Midwinter Conversion of the A. /. E. E., 
New York, N. F., February 19SS. 


carefully insulate the gold leaf. The minute charge stored aX several 
hundred volts makes it necessary to employ special vacuum bulbs 
with the filament and plate leads coming through opposite ends of the 
tube. 

The crest meter has already served successfully in several investi- 
galions. The first application was the measurement of the potential 
of the sphere electrode of a high-voltage oscillator. The method 
followed consisted in measuring the charging current to the sphere 
by means of a shielded electroscope resting within this eledrode. 
When combined with a second gold leaf acting as relay contact to 
give an alarm at a given voltage, the instrument is admirably 
suited for the study of transmission system disturbances, for the 
observer need be tied no closer to the test than remain within hearing 
distance of an electric bell. Such an application was made during 
four months of the past summer on a 110 kv. line belonging to the 
Pacific Gas & Electric Company, in an effort to discover the cause 
of apparently unprovoked flashovers which this particular line 
ezperiened from time to time. Other similar applications become 
evident as their need arises. 


Some years ago. Dr. Clayton Sharps described a 
crest meter used to determine the form factor of low- 
frequency alternating-current waves. This indicator 
consisted of an electron tube in series with a condenser, 
and made use of the principle that the vacuum tube 
win allow a condenser to charge, but not discharge. 
The condenser will hence charge to the crest voltage 
of the wave and hold this potential. 

A consideration of the principles involved in such an 
insirument brings forth the remarkable possibilities 
of this t3qpe of indicator in reference to high-frequency 
transients. From elementary electrostatics, the volt¬ 
age across a condenser is: 

E=a/C)fi.dt 

It is apparent that the factors controlling the time 
required for the condenser voltage to attain a certain 
value OTe the rate of current flow and the amount of 
current req uired, that is to say, upon the size of con- 

1. Sharp and Doyle, “Crest Voltineters,” A. I^E. E., 1916. 
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denser used> and the space current of the vacuum tube. 
In practise the charging rate cannot be greatly in¬ 
creased, since the saturation current of vacuum tubes 
is at best only a few hundredths of an ampere. Where 
the time element is very small, as in the case of radio 
frequencies, it is evident that this low rate of charge 
lasting only a small part of a second requires a very 
minute capacitance to build up to the voltage of the 
transient. 

The requirement of a small capacitance led to the 
adoption of a gold leaf electroscope as the basic unit 
of the instrument. This arrangement was chosen since 
a gold leaf electroscope not only supplies a very small 
capacitance, but also reads the potential of the con¬ 
denser by the deflecting gold leaf. The capacitance 
can be very small, in the neighborhood of two millionths 
of a microfarad being the value for the instruments 
constructed. This quantity is such that one one 
hundredth of an ampere flowing for a ten millionth 
of a second is sufficient to charge the electroscope to five 
hundred volts. It is obvious that with such minute 
amounts of energy stored at potentials of hundreds of 
volts, insulation of the very best must be provided. 

Tluoughout the instrument particular care must be 
taken in this regard. The gold leaf and its electrode 
should preferably be isolated by a piece of cast sulphur. 
Sulphur is chosen, since it can be readily handled, and 
is an almost perfect non-conductor. In fact the re¬ 
sistance between the gold leaf and the case of one elec¬ 
troscope constructed was several trillion ohms, and a 
large part of this conductivity could undoubtedly be 
attributed to leakage arising from surface contamina¬ 
tion rather than by conductivity through the sulphur. 

A great amount of trouble is experienced in obtaining 
adequate insulation between elements of the vacuum 
tube. It is well known that glass gathers a surface 
film of moisture, a film varying in thickness with con¬ 
ditions, and practically impossible to remove. Due 
to this factor, a long leakage distance between elements 
of the bulb is necessary, the ordinary tube with all 
connections coming out of the same press being prac¬ 
tically useless. It was found necessary after some 
experimentation to employ two element bulbs built 
especially for the crest meter by the Moorhead labora¬ 
tories. These tubes have the leads coming from op¬ 
posite ends, and hence give a one hundred per cent 
utilization of the possible leakage distance. 

Even with such construction certain atmospheric 
conditions cause the leakage rate to be excessive. To 
reduce the thickness of the moisture film on the glass 
to a minimum it is desirable to keep the walls of the 
electron tube slightly warmer than the surrounding 
air, in practise this can be gained by covering the 
bulb A^vith a celluloid hood that prevents convection 
currents carrying away the heat radiated by the fila- 
m^t.^ Under liormal conditions the rate of leakage 
per minute will not exceed ten to fifteen per cent of the 
total charge, For most kinds of work it is possible to 


provide a relay that will disconnect the el^troscope 
from the bulb after the transient has passed. Action 
by the relay makes it possible for the leakage to take 
place only over the superior sulphur insulation, and 
hence reduces the rate of loss of chai’ge to something 
less than one per cent a minute. 

The appearance of the electroscopes that have been 
built is shown in Fig. 1. The method of construc¬ 
tion illustrated is both simple and very satisfactory. 
The case was formed on four sides by bending a long 
strip of sheet tin into a cube. The edges were flared 
out as shown, and small wires run across the open ends- 
and soldered in place, forming a complete electrostatic 
cage with perfect visibility to the interior. To pro¬ 
tect the gold leaf from air currents it is necessary to 
shield the open ends with thin glass plates held in place 



Pig. 1—The Tuansiknt Ckebt Voltmetkii 


by heavy paper pasted over the edge. The sulphur 
insulation is in the form of a slab fitting on the top of 
the cube, and supporting the gold leaf on a rod extend¬ 
ing through a hole in the metal case. Other details 
of construction, as well as the celluloid hood, are clearly 
shown in the photograph, so will not be described 
further. 

The deflection of the gold leaf is read by lining up a 
thread with the deflected leaf, and determining the 
thread angle by means of a protractor that is mounted 
on the electroscope as shown in Fig. 9. An accuracy 
of about plus or minus a half of a degree can be readil 
obtained with a little practise. The personal equation 
enters strongly into the readings of the instrument, 
and it is preferable, though not necessary, that call- 
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bration curves and observations during tests be made 
by the same investigator. 

Applications of the Crest Meter 
The crest meter that has been described is essentially 
a crest voltmeter, but in this capacity its use can be 
extended to the investigation of other quantities. By 
utilization of the proper circuits, the crest meter will 
indicate the maximum peak, maximum steepness of 
wave front, and maximum area of both voltage and 
current waves. 

A series of such connections for the investigation of 
current waves is shown in Figure 2. The measurement 
of peak currents is almost self explanatory. It must 
be remembered that R should be absolutely non- 
inductive where radio frequencies are present. Re 
placing the resistance by an inductance as shown in 
Fig. 2b makes the voltage indicated by the crest 
meter equal to the maximum value of Ld i/d t, that is, 
proportional to the steepness of the wave front. Using 
a capacitance in place of the inductance gives informa- 
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Fia. 2 —Connections for Measuring Properties op Current 

Waves 

tion regarding the area of the wave, since the e. m, f. 
across a condenser is the time integral of the current 
flowing in the condenser. Extending the same prin¬ 
ciples to the study of voltages is a simple matter. 
Peak voltages can be read either directly or by the use 
of a potentiometer. Wave fronts and areas can be 
determined by the applications of the principles illus¬ 
trated in Fig. 3b and 3c. In these circuits if the 
impedance offered by R greatly exceeds that offered by 
L or C, the current through the shunt circuit con¬ 
taining R is an exact replica of the voltage wave in the 
main line. 

In the study of transmission line transients, a 
potentiometer of the water filled hose type® serves 
admirably. Fig. 4 shows such a potentiometer used 
in an investigation conducted on a 110,000-volt line. 
The power consumption in the hose is about two kilo¬ 
watts for the complete loop of two hoses in parallel, 

2. H. 3 . Ryaa, “The High Voltage Potential] Meter,” 
A. I. B. E., 1916. 


SO by circulation of the water through a wash tube as 
reservoir, the necessary dissipation of energy can be 
obtained with a limited amount of water. 

The equivalent circuit of the crestmeter is shown in 
Fig. 5. The electroscope acts as a pure capacitance, 
the electron tube as a capacitance shunted by a variable 


A 




R 


C cr 

' " '■ ' ■ > 

Fig. 3—Connections for Measuring Properties of Voltage 

Waves 

resistance. In the proportions existing in the instru¬ 
ment the condenser furnished by the bulb is the smaller 
of the two by only a slight amount. This brings into 
consideration certain complications that can affect 
the accuracy of the results obtained. 



Fig. 4—High-Voltage Potentiometer Used with‘ Crest 

Meter 

An examination of Figure 5 will make this evident. 
At the crest pf a transient the potential of the two ele¬ 
ments of the electron tube is the same. As soon as the 
voltage begins to die away R becomes infinite, the 
potential of the filament is no longer equal to that of the 






392 


TERMAN: MEASUREMENT OP TRANSIENTS' 


Transactions A. 1. E. E. 


plate, and an el^tiic field is set up between them. 
The energy represented by this field comes from the 
charge the electroscope possesses, and hence must 
affecf the indication of the gold leaf. Where the final 
potential of the filament is not controlled, serious errors 
will be introduced in this fashion. 

The remedy is simple, being merely to always keep 
the filament at a definite potential in respect to the 
electroscope case when reading defiections. The easiest 
way of accomplishing this is to connect the two together. 
This operation makes the variable element otherwise 
shown in Fig. 6. Throwing the switch one way 
impresses the known voltage on the instrument, 
throwing to the other side connects the case and fila- 



PiQ. 5 —Equivalent Circuit op Crest Meter 

present become constant at a value easily reproducible. 
Where connections such as shown in Fig. 2a are 
used, and there is no current fiowing when the instru¬ 
ment is being read, it is obvious that this condition is 
attained without the special switch necessary under 
other circumstances. 


leaf appeared to be the principle factor determining 
the sensibility, the general over-all dimensions in other 
respects having very little direct infiuence. 

The calibration of the electroscope changes from day 
to day. This variation extends in a similar fashion 
to the entire range of the gold leaf, and will raise and 
depress the calibration curve as much as seven or eight 
per cent at times. WHiere relative or approximate 
values are desired this factor does not introduce such 
serious trouble, but when absolute values are being 
determined, frequent recalibration is necessary. 



Pig. 7—Typical Calibration Curve 


Calibration 

Calibration of the instrument may be readily carried 
out using direct current, keeping in mind the considera¬ 
tions that have just been presented by using the circuit 
ment. If the potential is supplied by a generator it is 
preferable to use a machine with a large number of 
commutator segments and with steady brushes to 



1 
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Pig. 6—Circuit for Calibration op Crest Meter 

reduce the ripple to a minimum. One must remember 
at all times that the crest meter reads the peak voltage, 
while the direct-current voltmeter does not. 

A calibration of the crest meter incorporating the 
electroscope shown in Fig. 1 is given in Fig. 7. 
It is seen that the useful range of this particular in¬ 
strument is between two hundred fifty and one thou¬ 
sand volts. Above this the curve changes too rapidly 
to be of very rhuch use. It had been thought that the 
intense fi^eld at the edges of the gold leaf might start 
ionization of the air at low potentials, but investigation 
of this point up to twenty-two hundred volts gave no 
evidence that such was the case. From a comparison 
of the various electroscopes built> the size of the gold 


Operation op the Crest Meter 

The very sensitiveness of the crest meter is often a 
source of trouble and error. The peak value of 
voltage is always read by the instrument, irrespective 
of whether or not this voltage is the one being inves¬ 
tigated. In this connection an interesting discovery 
serves as a typical example. A circuit such as shown in 
Fig 8. was being used to study damped oscillations. 
From the connections it would appear that the voltage 
read by the crest meter after charging the condenser 
and closing its switch would be equal to or less than the 



Pig. 8—^A Circuit Which Set Up Unexpected Transients 
That Were Observed by the Crest Meter 

charging potential, but the result was actually three to 
four times this value. Analysis of the factors involved 
gave the explanation of this unexpected result. The 
circuit comprising the electroscope, electron tube, 
and leads, made a series circuit of inductance and 
capacitance to which was applied an instantaneous 
voltage upon switching in the condenser. It can be 
shown that under these conditions large voltages of 
extreme frequencies will exist over parts of the circuit, 
exactly as the crest meter indicated. This is merely 
cited to show how apparently unreliable r^ults merely 
verify the integrity of the instrument as an indicator 
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of crest voltages. It was found that such resonance 
phenomena did not occur when the instantaneous 
voltage was supplied by generators instead of con¬ 
densers, apparently the inductance of the machine 
windings preventing the rapid mobilization of energy 
possible in the condenser discharges. 

A number of possibilities of the crest meter idea will 
occur to the engineer. An electrostatic voltmeter can 
be used to replace the electroscope, although a consider¬ 
able increase in capacitance results which will render 



Pig. 9—Shielded Crest Meter, With Window to Interior 

Open 


To Plot® 
of Vacuum Tube 

t 



Pig. 10—^Showing Additional Gold Leaf Acting to Close 

A-Relay Circuit 

the instrument unfit for the most rapid transients* 
It must be remembered, also, that the crest meter as 
described can only work on one-half of the wave being 
investigated, due to the unilateral conductivity of the 
vacuum tube. Where it is suspected that positive 
and negative crests are different, two Such instruments 
connected back to back must be used. Fig. 9 shows 
a useful form of the instrument for the investigation of 
currents fiowing in parts of a high-voltage circuit. 
Being self-contained, and completely shielded by copper 


gauze, the crest meter may be raised to any potential 
above ground that is convenient. 

In the investigation of infrequent surges it is advis¬ 
able to incorporate a relay in the test outfit. By 
placing an additional gold leaf in the electroscope ar¬ 
ranged as shown in Fig. 10 in relation to an adjust¬ 
able contact, a relay capable of handling sufficient 
current to throw a polarized relay results. The 
polarized relay can operate any number of circuits, 
which may perhaps ring a bell, short-circuit the filament 
of the tube to the electroscope case, and then dis¬ 
connect the tube altogether from the electroscope to 
reduce leakage, and so on. 

By carefully providing protection from dust, dirt, 
and dew, the electroscope will serve very well for field 
use. Fig. 4 gives a picture of the arrangement for 
a ten-day, two-hundred-and-forty-hour test on a 
110,000-volt power line. In such open conditions it 
is always necessary to keep the actual crest meter 
inclosed to protect it from dirt, spider webs, etc. 

Summary 

The electron tube-condenser type of crest meter 
affords a means of investigating the character as well 
as the size of transients of extremely short duration. 
In order to accomplish this, certain precautions in 
construction and operation must be observed. Of 
particular importance is the capacity and insulation of 
the condenser, and the filament potential at the time 
of maldng a reading. The final instrument is suitable 
for the reading of rnaximum height, area, and steepness 
of current and voltage waves with considerable ac¬ 
curacy. Its readings are readings of maximum dis¬ 
turbances occurring, and if unsuspected oscillations of a 
greatly different frequency exist side by side with those 
being investigated, the crest meter can only be expected 
to give an indication of the largest disturbance. For 
this reason it requires an apprenticeship before reliable 
results can be expected. The application of the 
transient crest voltmeter is largely limited to laboratory 
and research work, but by proper protection from dis¬ 
turbing elements it is available for field service. 

The writer wishes to give special acknowledgment 
to Prof. Harris J. Ryan in connection with the transient 
crest meter. He is the originator of the instrument, 
and took a constant and most helpful interest in the 
work that was performed with it. 

Discussion 

E. E. F. Creifihtpiit We have had so much dif&culty with 
large spark lags in vacuums .that I should like to ask Mr. Terman 
a question about his measurements. We have found in all 
sorts of vacuums a considerable dielectric spark lag and he 
has, I know, tested this with an oscillator where the duration 
of discharges can be expressed in thousandths of a second. But 
I should like to know if hd has tried out the spark lag, using 
a frequency say of about five million cycles per second, and 
a single discharge. 

F. S. Dellenbauili, Jr.» Mr. Terman’s device for mea- 
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suring transients should prove a very valuable addition to the 
instruments for measuring electric conditions which exist for 
extremely small periods of time. In the Massachusetts Insti¬ 
tute of Technology Research Laboratory a good deal of work is 
being done investigating transient conditions upon smooth 
artifical transmission lines. If the artificial line, or any line for 
that matter, is long, the duration of the transient occupies 
sufficient time to be measured by an oscillograph with a vacuum 
tube repeater where drawing power would distort the conditions. 
However, a great many cases arise where short lines with ex¬ 
tremely rapid transient oscillations requhe investigation. 
Usually the mg-Yimurn voltage is the point of most interest as 
one of the chief dangers of transients lies in the rupture of 
insulation. For this type of investigation the Terman crest 
meter is ideal. Under those conditions it would also appear 
possible to use an instrument such as the Compton electrometer 
instead of the goldleaf electroscope which would somewhat in¬ 
crease the accuracy of the readings providing the transient 
existed for* a long enough time to charge the electrometer. 

In Figs. 2 and 3 of Mr. Terman’s paper he shows the crest 
meter connected to an inductance in case B. This would not 
always give the steepness of the wave front, since the penetra¬ 
tion of a wave into the inductance depends upon the distributed 
capacity present. If the inductance were free from disti’ibuted 
capacity then a vertical wave front w ould be completely reflected 
and the crest meter would show no reading at all, while the 
rate of change of current immediately adjacent to the inductance 
would be really infinite. 

F. E. Terman: Intergrity tests of the transient crest 
voltmeter under severe laboratory conditions have given no 
indications of a dielectric lag which Mr. Creighton refers to as 
playing an important part in many vacuum discharges. Con¬ 
sidering the mechanism of current flow in a vacuum tube it 
is evident that the conditions are hardly comparable to those 
involving a spark. The ever present electrons surrounding 
the filament begin to move as soon as the electrostatic field 
is established between filament and plate. This occurs with 
the velocity of light, making the only lag that arising from the 
time required by the electron in its travel to the plate, which 
a short computation shows to be entirely negligible, even for 
frequencies in the order of many millions. 

Certain experimental results verify this reasoning. Thus 
with the transients referred to in connection with Fig. 8, which 
were in the order of tens of millions of cycles per second, it was 
found that when the filament temperature was sufficiently low 
the electroscope was unable to charge fully on one transient, in 
contrast with the result accompanying high filament emissions. 
All evidence obtained pointed to limitations in space charges as 


the important factor governing speed of operation. Some other 
experiments not described here, in which travelling waves on a 
twenty foot pipe were partially reflected by a water column 
* potentiometer gave results for the voltage at the water column 
which indicated that the crestmeter indications were reliable 
under these conditions. 

f»rof. Dellenbaugh points out an important fact that is too 
frequently overlooked. Where nearly vertical wave fronts 
exist, reflections, inductance, and minute amounts of distributed 
capacitance take on exaggerated importance compared with 
their effects under the more usual conditions. All results 
given by the crest meter under these conditions must be in¬ 
terpreted accordingly. Where vertical wave fronts are present. 
this is a difficult task, but in the more usual case where 
the wave front has been rounded off the crest meter is still 
serviceable. 

C. L. Fortescue: Referring to Mr. Frederick Terman’s 
paper on Measurement of Transients, this question of the* 
Measurement of Transients of transmission lines and in ap¬ 
paratus connected to transmission lines, is becoming of great 
importance. However, there are surges of several kinds; we 
may have surges of very high voltage, which last for a very 
short time, so short that they do not do any damage. 

It takes more than the application of a high voltage to punc¬ 
ture insulation. Insulation requires time as well as voltage in 
order to be injured, so that what we really need in the measure¬ 
ment of these transients, is something which will weigh the 
effect of the surge or transient, so as to give some measure of 
its real destructiveness. 

The mere recording of the maximum values does not appear 
to be sufficient and may be quite misleading. We ourselves in 
the Westinghouse Company are woi’ldng on this problem of 
developing a device that will record transients, and we are at 
the same time considering some device that will also give a 
measure of the destructiveness of the transients. 

I have had occasion to do some work on transients in connec¬ 
tion with transformers, the switching transients that occur in 
the transformers. These transients occur across the terminals 
of transformers and across portions of the lining after the 
transformer has been removed from the circuit. They may 
reach four or five times the normal voltage across those portions 
of the transformer; but usually they are of such short time, and 
have such a small amount of energy, that they have little effect 
on the insulation. This is particularly true in connection with 
oil transformers. 

As I said before, it requires more than a high voltage to injure 
insulation. It requires also an appreciable amount of energy, 
or what is the same thing, voltage, plu.s time. 
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Introduction 


I T is the purpose of this paper to describe a system 
whereby many of the advantages of balance methods 


ol measurement may be made app'icable to the study 
of alternating-current quantities which do not lend them¬ 
selves to easy measurement with ordinary indicating 
instruments. Convenience, rather than extreme pre¬ 
cision is aimed at. These te.sts are carried out without 
the use of vibration galvanometers, synchronous con¬ 
tactors or the need of precise frequency control. The 
asynchronous detector, using the “heterodyne” principle 
at commercial frequencies is described. In current 
measurement use is made of the three-coil transformer 
or “test ring.” ^'liei-e is illustrated the application of a 
simple method of plotting the vector positions of 
measured currents; ;md in conclusion there are shown a 


number of practical applications of null and semi-null 
methods of measurement. A bibliography dealing 
with kindred problenis or cases where the metlujds here 


described might be applicable in whole or in part, is 
appended. 


The advantages of opposition or balance methods 
of measurement, except where speed is the pri¬ 
mary requisite, are too well known to require 
elaboration in this paper. They may be used, not only 
for measurements where extreme precision is required, 
but also in the determination of electrical quantities 
which are too minute to operate instruments of the 
direct-deflecting type, or which emanate from sources 
where conditions would be disturbed by the introduc¬ 
tion of such instruments. Since alternating-current 
instruments are of inherently lower sensitivity than 
those for direct cuirent, it follows that the need for 
opposition methods of test are more pressing here than 
where meters of high sen.sitivity are available. 

In alternating-current work, the use of opposition 
methods has been seriously handicapped by two con¬ 
ditions which for direct current do not apply. These 
are, first, the difficulty of obtaining a suitable opposing 
current or electromotive force; and, secondly, that 
of detecting a condition of true balance between the 
opposing quantities. While these troubles have been 
fairly well overcome for tests where the most perfect 
conditions of wave form, frequency regulation and free¬ 
dom from outside disturbances are available, the expense 
of the equipment, and the delicate conditions of oper¬ 
ation seriously interfere with the use of these methods 
in ordinary commercial laboratories and testing shops. 
The value of opposition methods in alternating-current 
work is probably best exemplified in the Drysdale‘ 

*See Bibliography. 
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potentiometer; but, as is well known by all who have 
studied this device, any of the interfering conditions 
mentioned above will seriously limit its usefulness. 

The methods of test described below are not in any 
sense those of the extreme precision of the standard¬ 
izing laboratory; but ai’e intended to illustrate how, 
with comparatively simple and common instruments, 
and apparatus which can be built up by any good 
mechanic there may be made measurements on alter¬ 
nating-current quantities of small value or of poor 
regulation which will be far more satisfactory than 
those directly obtainable with indicating instmments. 

Opposition methods of measurement may be classi¬ 
fied under the two heads of “null” and “semi-null,” or 
“balance” and “balance-deflection.” Null methods 
are those in which the quantity to be measured is 
opposed by a similar quantity both adjustable and 
measurable, the difference reduced to zero, and the 
measurement performed upon the latter quantity. 
In semi-null measurements, the opposing quantity, 
while measurable, is not of necessity adjustable. The 
final measurement is performed upon that quantity 
which represents the difference between the other two. 


Referring to Fig. 1, if 0 A represents a vector quantity 
which it is desired to measure, and 0 B be a vector of 
adjustable and measurable magnitude and 
phase position, the null method of measure¬ 
ment would consist in reducing A R to 
zero and measuring 0 B. The semi-null 
method would call for a measurement of 
A B, which, combined with 0 B would 
make possible the derivation of the value 
and position of 0 A. Each of these classes 
of measurement has an important place 
in alternating-current work; and in some 
cases they may be combined in the one 
test. In this discussion they will, as far 
as possible, be studied separately, the null 
method receiving the first consideration. 


Null Methods 

There are three requisites to the use of the null 
method in electrical measurement, first, the opposing 
quantity, against which is balanced the quantity under 
investigation; second, a means of detecting when a 
condition of balance exists; and, third, a means of 
measuring the opposing quantity as to magnitude, and 
possibly as to phase position. These three requisites 
are dealt with in order. 

Source op Opposing Current or E. M. F. 

In direct-current null method work, (probably best 
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exemplified in the simple potentiometer), it is necessary 
only to oppose the current or voltage being measured 
by a giTnilfl-r quantity derived from a separate battery 
and adjust the magnitude of the latter quantity, until 
a balance is obtained. With alternating currents it 
is necessary to derive the opposing force from a source 
synchronous with the quantity under investiga,tion, and 
to provide means whereby not only the magnitude but 
the phase position may be adjusted with accuracy. 
There are several ways in which this may be accom¬ 
plished. It may be done by a combination of rheostats 
fed from a polyphase source or by a similar combination 
of tapped transformers, or by the use of inductances 
and capacities but these schemes are awkward and do 
not lend themselves to fine adjustment unless elaborate 
interconnections are used. Probably the best method 
lies in the use of a separate alternator driven synchron¬ 
ously with the supply and capable of having its field 
structure shifted about the armature. Such machines, 
however, are not very common, and unless one has the 
facilities of the electrical manufacturingplant at his dis¬ 



posal, are likely to be disproportionately expensive. The 
most workable method is in the use of the induction type 
of phase shifting transformer. This is similar in con¬ 
struction to the feeder voltage regulator, being built 
like an induction motor with a wound rotor, having its 
stator energized from a polyphase source to produce a 
rotating field. The secondary winding may be either 
single-phase or polyphase; and the rotor is adjustable 
to any desired position. Phase-shifting transformers 
manufactured especially for the purpose are available, 
and are made with a smooth core, practically elimi¬ 
nating wave distortion. The apparatus used by the 
writer, however, was constructed from a small three- 
phase motor, having the rotor bars removed and re¬ 
placed by a well distributed single winding, and the 
rotor fitted with a worm wheel and graduated dial. 
While a slight wave distortion was visible when the 
primary and secondary voltages were opposed and an 
oscillogram made of the residual voltage, this was not 
found to affect results to any appreciable extent; and 
while the graduated dial was used merely as an indi¬ 
cator of the rotor position, its readings were usually 
found to be in remarkable agreement with phase 


positions as determined by precise methods. By means 
of a small auto-transformer and a potentiometer 
arrangement of resistances supplied from the secondary 
of the phase shifter it was possible to obtain voltages 
and currents which could be adjusted to a very nice 
degree of precision. The general arrangement of the 
phase shifter is shown in the wiring diagrams illustrated 
in Figs. 4 and 6. 

Determination of Balance 

Probably the greatest drawback in alternating- 
current methods of potentiometery, and null methods 
in general has been the determination of a condition of 
balance. For direct current there are available nu¬ 
merous galvanometers and detectors, the most popular 
doubtless being the D'Arsonval galvanometer. Failing 
this, it has been possible to use the, telephone with some 
form of interrupter introduced into its circuit. On 
alternating current we have not the same flexibility of 
choice. High sensitivity instruments having perma¬ 
nent magnets are, of course, not directly applicable; and 
instruments of the moving iron or single-circuit elec¬ 
trodynamic type, operating on a law of squares, lose 
their sensitivity as the zero point of the scale is ap¬ 
proached. The telephone may, of course, be used; but 
as it has a low sensitivity on commercial frequenci^, it 
is almost as necessary to use an interrupter as on direct 
currents. To this difficulty is added the effect of 
harmonics; for, while the fundamental may be balanced 
out, the unbalanced harmonics, to which the telephone 
is much more sensitive than to the fundamental, have a 
very disturbing effect. A galvanometer of the perma¬ 
nent magnet type may be used, the balancing current 
being led to it through a synchronous contactor; and 
while in many tests this arrangement has proved most 
satisfactory, there remains the drawback that if a com¬ 
plete balance is desired, observations must be made 
with more than one position of the contacting points 
relative to the field of the driving motor. Similarly, 
a detector of the dynamometer type with a separately 
excited field may be used, the excitation being ob¬ 
tainable from two out-of-phase sources, synchronous 
with the supply. With either of these detectors it is 
possible to obtain a balance by alternately using the 
' two brush positions, or field excitations, as the case 
may be; and balancing, first on one and then on the 
other, until no deflection is obtained with either, which, 
of course, is the condition of true balance. This 
method, while quite workable, has been found slow and 
cumbersome, as well as very confusing unless extreme 
care is exercised in the sequence of adjustments. 
There remains, of course, the vibration galvanometer, 
which is undoubtedly the most sensitive detector we 
have for this work. It requires, however, a closely 
regulated frequency, which is often not obtainable; and 
it must be carefully protected from outside mechanical 
vibrations. These features seriously limit its use 
except under the most exacting conditions. 
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As an outcome of these methods of detection, there 
has been developed by the writer a system whereby the 
defection of balance is greatly facilitated; and this, to 
borrow the terminology of the radio engineer, may be 
termed the “heterodyne” method; and the detector 
the “heterogalvanometer” or “heterodynamometer,” 
according to the equipment used. This consists, 
in brief, in replacing the synchronous contactor 
which would ordinarily be used with the D’Arsonval 
galvanometer by an asynchronous contactor, or the 
synchronous field of the electrodynamic instrument by 
a field derived from a source slightly differing in fre¬ 
quency from the supply. If a galvanometer is being 
used, the change to a “heterogalvanometer” is made by 
driving the contactor at an asynchronous velocity, 
when the galvanometer will oscillate with a periodicity 
corresponding to the difference between the frequency 
of the supply and that represented by the speed of the 
contactor. It is at once evident that this may be very 
simply accomplished by direct attachment of the con¬ 
tactor to the shaft of an induction motor driven from 
the supply, when the oscillations of the detector will 
represent the slip of the motor. In balancing, it then 
becomes only necessary to adjust until the oscillations 
of the detector cease, when it is known that the current 
flowing in its coil has a value of zero, and that conse¬ 
quently there is a true balance between the opposed 
quantities. If an electrodynamometer is to be used as 
a “heterod 3 nnamometer,” the field is excited from a 
separate source, having a frequency differing slightly 
from that of the supply. If a separate motor generator 
is available this may be very conveniently done; and by 
slight adjustments of its frequency, an excellent control 
obtained of the period of swing of the detector. If an 
alternator is not at hand, a suitable off-frequency 
supply may be obtained by passing direct current 
through a “rectifying” commutator attached to the 
shaft of an induction motor. All these methods have 
been used by the writer with good success. Excellent 
results have been obtained by the heterogalvanometer 
method, using a Leeds and Northrup portable indicating 
galvanometer as a detector; while for the heterodynamo¬ 
meter method, use was made of a re-modelled' Weston 
Model 18 voltmeter. In this instrument the fixed and 
movable circuits were separated and brought out to 
different sets of terminals, the windings being left 
unchanged, with the exception of an auxiliary field 
circuit of a comparatively few turns, used for “feeling 
out” conditions. The zero point was brought to the 
center of the scale, and a new calibration made, using 
a constant field and a varied current in the moving coil. 

Measuring and Locating the Opposing Quantity 

When a condition of balance between the measured 
and opposing quantities has been obtained, there remains 
the problem of determining the magnitude, and possibly 
the phase position of the latter, from which to derive the 
former. If the quantity under measurement be a 


current, and its value be beyond the range of ordinary 
indicating instruments, it is necessary to make use of a 
three-coil transformer, which is described under the 
head of “Measurement of Current.” If a small voltage 
is being investigated, a potentiometer arrangement is 
made up, and a measurable voltage obtained. These 
quantities would then be determined as to magnitude 
with direct indicating instruments of any reliable type. 
As it is frequently desirable to find the vector position 
of the current or voltage, as well as its magnitude, there 
is described below a method developed by Mr. H. S. 
Baker, and capable of almost unlimited application. 
Assuming a sinusoidal wave and a constant voltage, 
the indication of a wattmeter or of any instrument of 
the electrodynamic type is in proportion to the pro¬ 
jection of the vector representing the current in one 
circuit upon that representing the field produced by the 



other; or, to be more lucid, though perhaps not so 
precise, the reading of a wattmeter represents the pro¬ 
jection of the current upon the voltage. Conversely, 
the locus of the end of the current vector will be a 
perpendicular to the voltage vector drawn through a 
point on the latter representing, in its distance from the 
common origin, the indication of the instrument. Now, 
if an equal voltage of different phase position be applied 
to the instrument, the current remaining as before, the 
end of the current vector will lie also on a perpendicular 
drawn through the new voltage vector at a point 
representing the new indication. Since these results 
are obtained with the one current, it follows that the 
intersection of the perpendiculars locates the end of the 
Current vector, thus definitely fixing the position of the 
current in relation to the two voltages. In a similar 
way any number of current vectors may be plotted by ’ 
projecting them against the same reference voltages. 
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This method of plotting vectors is illustrated in Fig. 2. 
The vectors (left), and (right), are the two 
reference vectors, representing the field excitations 
which are used in the wattmeter or dynamometer. 
The indications of the instrument as read with a single 
current projected a^inst first one and then the other 
of these are scaled off along the respective vectors. 
The position of the end of the current vector will then 
lie at the intersection of perpendiculars drawn through 
these points. Suppose the readings with the left and 
right hand vectors had been 59 and 68 respectively; the 
procedure would be as follows: On vector I, using any 
convenient scale, measure off a distance of 69 units, 
and erect a perpendicular. On vector r, using the same 
scale measure off 68, and erect a perpendicular. The 
intersection of these perpendiculars gives the point A, 
the end of the current vector. In a similar way any 
number of cuirent vectors may be plotted by projecting 
them in a dynamometer, against the same reference 
vectors. 

While the above is taken as referring to the location 
of current vectors, it will be seen that with two equal 
current vectors at a fixed angle it is equally easy to 
locate voltage vectors. The reference vectors may be 
at any convenient angle; but practical considerations 
would usually make this angle sixty degrees, as derived 
from two phases of a three-phase system. The plot¬ 
ting of vectors by this system is facilitated by the use 
of a transparent scale similar to that shown in Fig. 3. 

Having described the three elements of the test—the 
source of opposing current, the balance detector, and 
the plotting of the vectors,—we may now proceed to the 
discussion of some applications of the methods in actual 
work. 


follows that the flux in the magnetic circuit of the ring 
has a value of zero; and hence that the ampere-turns 
of the primary and secondary windings are equal and 
opposite. Under these conditions the transformer is 
operating at its true turn-ratio; so that the measured 
current will be a definite and known multiple of the 
opposing current, and in exact phase opposition. The 
opposing current then being measured as to magnitude 
and vector location, the same information is obtainable 
in regard to the measured current by applying the turn 



Pig. 4—^Measuring Small Current, Using “Hetebogal- 
vanometer” Detector 

ratio of the transformer. With the set-up described 
above, the writer has been able to measure and defi¬ 
nitely locate currents of the order of one tenth of a milli- 
ampere; and there does not appear to be any obstacle 
in the path of far greater refinement if found desirable. 
The same general scheme, with a reversal of ratio 
arrangement would be suitable for measurement of 
very large currents. In cases where the current is of a 
magnitude measurable by instruments at hand, the 
test ring may be omitted and a direct opposition con- 


Measurement of Current 

The general diagram of connections for current 
measurement is shown in Fig. 4. When the current 
investigated is not of a magnitude conveniently 
measurable on the indicating instruments at hand, use 
is made of a three-coil transformer or “test ring.” 
Great flexibility of design is here possible, almost any 
amall transformer with three separate windings about its 
core being adaptable to the work. Excellent satis¬ 
faction has been obtained by the writer by making use 
of a “Baker test ring,” designed for current transfomier 
ratio and phase-angle measurements. This ring carries 
three windings, which may be referred to as “primary,” 
“secondary,” and “tertiary,” though here these terms 
ar“e not in strictly correct usage. As employed in these 
tests, the primary consists of two turns wound on the 
ring and, carrying the opposition current derived from 
the phase-shifter. The secondary ■mnding, set to 
200 turiis^^^ « current which was under 

measureineilt. The tertiary winding of some 7000 
turns is led to the detector operating as a hetero- 
galvanometer. The opposing current being adjusted 
mitil the detectoi* indaca,tes a condition of balance, it 



Pig. 5—^Measuring Small Voltage, Using 
namombter” Detector 


‘Hbtbrouy- 


nection used. A cut of the actual apparatus used is 
shown in Fig. 7. 

Measurement op Voltage 

The connections for voltage measurement ^e shown 
in Fig, 5. It will be seen that, with exception of the 
replacement of the test ring by a non-inductive tapped 
resistance of the potentiometer type, the arrangement 
is practically the same as that for the determination of 
current. If a non-inductive adjustable poteiitiometer 
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merit transformer (if any) used in the direct measure¬ 
ment. A system of connections for power measure- 
by Dr. Drysdale.^ ment is shown in Fig. 6. 


is at hand, it may be possible to apply the true potentio¬ 
meter principle to the test; when the method closely 
approaches the system developed 

Measurement op Power 

The application of the null method to measurement 
of power suggests itself, and requires little explanation. 



PlO. (»~Sl\Il>LIFIKD DlAUItAM ShOWINII MKAStTIlKMaNT OF 
Diklkotbic Loss in Caulk 


Determination of Inductance and Capacity 

Inductance measurements may be made by plotting 
the voltage across the cii’cuit investigated, and com¬ 
paring it with the drop across a non-inductive resistance 
carrying the same current. This will give the phase 
angle, from which the inductance may readily be 
derived. In an exactly similar way capacity may be 
determined. If more convenient, the voltage may be 
taken as the fixed quantity, and measurement made 
upon the currents flowing through the circuits. 

Semi-Null Methods 

While semi-null methods of opposition are commonly 
used in alternating-current measurement, it is thought 
well to briefly recapitulate some of these applications, 
more with a view to collecting the matter under one 
head, than with any object of introducing new material. 


In the measurement of small wattages or of power in 
circuits which would be disturbed by the introduction 
of instruments, it is seldom that both current and 
voltage would require a null method of measurement. 
Such being the case, the directly measurable quantity 
is led in the usual way to a suitable wattmeter, and the 
other quantity transferred by the null method to the 



Pig. 7—SnT-ifP fou Misastjring Transformbr Exciting 
C uRRlSNT AT 1/150 VoLTAGE 

A: Transformer under tost, In sltipping crate; B: Phase-shifter: C: 
Adjusthig rheostat; D; Threc-coH transformer, or “test-ring," with two 
turns in primary; B; Asynchronous contactor; P: Ayrton shunt; d: 
Portable Indicating galvonometer used as a “hoterogalvanometor"; H: 
Standard non-inductive resistance, used In examining opposing current; 
I, J: Ammeter and wattmeter used In examining opposing current; K: 
Portable motor-generator set, used with "heterodynamometer” method. 

instrument; when the proper ratios being taken into 
consideration, the wattmeter will indicate the actual 
power in the circuit. Here, of course, if the power be 
at low power factor, as is frequently the case, careful 
allowance must be made for phase angle of the instru- 

*See Bibliography. 



Pig. S—Connbctionb fou Checking Wattmeter hy Semi- 

Null Method 

A; standard Instrument; B: Instrument being chocked;C: Lowreading 
Instrument, indicating error. 

Transformer RatiOvS 

A considerable number of methods of determining 
instrument transformer ratios by opposition methods 
are in vogue; and the principal differences among these 
lie in the way of dealing with the differential current or 
voltage representing the amount by which the trans¬ 
former departs from its intended ratio. While it will 
at once be evident that the null methods described above 
may be applied in the study of these small vector 
differences, it is frequently possible to dispense with 
this refinement; and, by means of the system of reference 
vectors, directly examine the differential current or 
voltage, whence may be derived the constants of the 
transformer. 

In testing current transformers with the “Baker test 
ring,”® previouslyreferredto, theprimaryand secondary 
currents of the transformer iinder test are made to 

3. See Bibliography. 
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circulate in opposition about the ring, (the respective 
windings having first been set to the nominal ratio 6f 
the transformer) and the vector difference of the two 
sets of ampere-tums as derived from the tertiary 
winding examined against reference vectors in a dyna¬ 
mometer. By introducing known errors into the turn 
ratio of the ring, a number of vectors ai*e obtained, 
from which a diagram may be constructed, giving 
graphically the constants of the transformer to a high 
degree of precision. A similar method may be applied 
to the testing of voltage transformers against a standard 
potentiometer; but the possible errors due to current 
flowing in the tap impose limitations which make 
desirable the use of a null method or the employment 
of a standard transformer. 

Instrument Checks 

A method has been published by the writer^ whereby 
increased precision in the comparison of indicating 



PiQ, 9 —Determining Transformer Losses by Semi-Nttll 

Method 

A: Two-element (polyphase) wattmeter; B: Low reading wattmeter, 
indicating losses. 

instruments with standards is made possible by a semi¬ 
null method. This is particularly applicable to watt¬ 
meters, but with certain limitations to ammeters and 
voltmeters also. Here, an auxiliary current is passed 
through the circuit of one of the instruments under test, 
as shown in Fig. 8, both instruments thus being 
brought to an identical reading. This auxiliary cur¬ 
rent being then measured in an instrument of com¬ 
paratively high sensitivity, the difference in accuracy 
of the two instruments under comparison is thus 
shown ih a greatly magnified form. 


pieces of apparatus wherein both the input and output 
are electrical quantities®. This can be applied in the 
case of transformers and some motor-generator sets. 
The system, as illustrated in Fig. 9, consists in passing 
the input and output in opposite senses through the 
circuits of a two-element wattmeter such as is commonly 
used for polyphase measurements, and adding an 
amount of power derived from a separate source to the 
output side of the instrument, to balance the two, and 
bring the wattmeter to zero indication. This compara¬ 
tively small quantity may then be measured on a 
separate wattmeter of suitable range, giving a magnified' 
indication of the losses in the apparatus tested. 

Conclusions 

The tests which have been described above cannot in 
any sense be said to exhaust the possibilities of opposi¬ 
tion methods of measurement as applied in alternating- 
current work. The instances which have been cited 
are given as thoroughly practical examples, and as cases 
which are backed by the author’s experience. It is 
felt that all who have studied this branch of electrical 
measurement or who are in their work confronted by 
problems of measurement which seem to surpass the 
capabilities of the instruments and equipment of the 
ordinary commercial laboratories will be able to find in 
this study many helpful suggestions. In the course of 
the paper, a number of references are made to the in¬ 
vestigations and developments of Mr. H. S. Baker of 
the Ontario Power Company, whose earlier work along 
the lines here set out has been of inestimable assistance 
to the writer, and whose inspiration has been a con¬ 
tinual incentive to carry the development of balance 
methods of testing to a further degree of perfection 
than has heretofore been published; and the writer 
takes this opportunity to pay a part at least of the 
debt of gratitude whicih he owes to Mr. Baker’s in¬ 
finite genius and kind cooperation in the working out 
of these methods of testing. 

Summary 

(1) Owing to the comparatively low inherent sensi¬ 
tivity of alternating-current instruments, balance or 
opposition methods of measurement are more desirable 
and of wider application in alternating-current testing 
than in direct-current work. 

(2) The application of balance methods to alternating- 
current tests is a greater problem than in direct-current 
work, because of the necessity of having to oppose the 
measured quantity in phase position as well as in magni¬ 
tude; and because of the difficulty of precisely detecting 
when a condition of balance is obtained. 

(3) A suitable source of current or voltage for oppo¬ 
sition tests consists in the phase-shifting transformer. 


Eftigiency Measurement 

A semi-niQl method of efficiency measurement has to which is added a potentiometer type of rheostat. 
>een developed and u^ with considerable success on (4) A satisfactory detector is found in the D Arsonval 


See Bibliography. 


5. See Bibliography. 





Fob. 1923 


BORDEN: BALANCE METHODS 


401 


galvanometer or the electrodynamometer, so arranged 
that the indicator oscillates at an easily observable 
periodicity. A condition of balance exists when the 
oscillations have been reduced to zero. 

(6) In current measurement, use is made of a trans¬ 
former having three windings, the measured and opposing 
current flowing in two of these windings, and the dif¬ 
ference, as derived from the third, reduced to a zero 
value, when the ratio between the active cun*ents be¬ 
comes the turn ratio of the transformer. With this 
arrangement it is equally easy to measure extremely 
small or extremely large currents. 

(6) In voltage measurement a simple potentiometer 
arrangement of resistance is used, the ratio being set 
to a suitable value at the beginning of the test. 

(7) The opposing cun’ent or voltage, after a balance 
has been obtained, may be measured by indicating in¬ 
struments, and if desired, its vector position plotted, by 
means of a pair of readings obtained with an instrument 
of the wattmeter type against two ‘‘reference vectors.'' 

(8) Null methods of test may be a])])lied to measure¬ 
ment of quantities of current, voltage or power which are 
either too small, (and in some cases too large) for 
instruments of ordinary types, or are derived from 
sources wherein conditions are so unstable that they 
would be disturbed by the introduction of these instru¬ 
ments into the circuit. 

(9) Semi-null methods, where a complete balance is 
not obtained, are applicable to transformer ratio mea¬ 
surements, instrument checks and, ’in some cases, to 
the measurement of efFiciencies. 
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Discussion 

C. L. Fortescue: This question of Null measurement is 
one that has been discussed in the Institute in the past quite a 
good deal. I think that Null methods of calibrating current 
transformers are in general use now. We ourselves have used 
a method of calibrating current transformers which was described 
by me in the Institute Journal some time ago, in which variable 
mutual inductances were used. At that time we used d’Arson- 
val portable type galvanometer, and a synchronous contactor. 
This method was quite satisfactory so long as the contactor was 
properly maintained; but as we were using this apparatus right 
on our test floor, with green operators from time to time, who had 
to be trained to use the device, it was difficult to get them 
familiar enough with it to be able to tell when it was working 
properly, and the results were sometimes erratic. 

We thei-efore changed over from the D’Arsonval instrument 
and synchronous contactor and used instead a dynamometer 
type instrument, which was excited from a synchronously driven 
motor-generator set through a phase-shifter. This could be 
adjusted to give maximum sensitivities for a change in e. m. f. 
in quadratiure to the current or a change of e. m. f. in phase with 
the current. Thus we had two sensitive positions, and in ad¬ 
justing oxm circuit, so as to get zero, reading we alternated these 
two positions making the necessary adjustments until, zero read¬ 
ing was obtained. 

Now, this hetero-galvanometer or hetero-dynamometer 
scheme passes through both those positions during the cycle, 
and instead of getting steady measurement to be reduced to 
zero, we get slow cyclic measurement to be reduced to zero, so 
that it amounts to the same thing, but the method used by us is 
much quicker and simpler to adjust. 

However, Mr. Chubb and I made use of this method of a com¬ 
mutator driven at slightly below ssmchronous speed, a number of 
years ago, in connection with the calibration of the sphere-gap 
voltmeter and we found it quite effective. Of course, we were 
not using it with a Null method, but for direct measurement of 
crest voltage. 

We are using the Null method device which I have described 
for calibrating current transformers right in our transformer test 
floor and we have very little trouble now. We are able to detect 
differences down to a small fraction of a micro-ampere. 

I. M. Steini Mr. Borden has stated that a-c. instruments are 
of inker enWy lower sensitivity than those for direct current. I be¬ 
lieve that the lower sensitivity to which he refers is not inherent 
but is brought about by the conditions imposed by the use of 
the instruments. If the conditions are such that an iron-core- 
electrodynamometer can be used you can obtain as good sen¬ 
sitivity with an a-e. instrument as you can with the best d-c. 
instruments. 


Transactions A. I. E. E. 

On page 36, Mr. Borden indicates that high sensitivity in¬ 
struments having permanent magnets are not directly applic¬ 
able. I do not believe that he intends to exclude the vibration 
galvanometer because this instrument is mentioned later on 
but from the statements made one would be led to believe that 
vibration galvanometers were not made with permanent mag¬ 
nets. Where the vibration galvanometer is mentioned, the 
paper states that the vibration galvanometer “is undoubtedly 
the most sensitive detector” for such work. This is not true 
because the iron-core electrodynamometer is capable of much 
greater sensitivity. However, the vibration galvanometer is an 
excellent instrument for such work and is of particular value in 
exploring the circuits for stray field effects before starting mea¬ 
surements. In d-c. measurements it is usually satisfactory to 
shield the measuring instrument from stray fields but in a-c. 
measurements it is necessary to shield the whole circuit. The 
fact that the vibration galvanometer responds to all currents of 
the fundamental frequency regardless of phase relations makes it 
an ideal instrument for preliminary stray field explorations. 

I do not agree with Mr. Borden that the use of the separately 
excited dynamometer is “slow and cumbersome.” That is a 
matter which depends very largely upon the design of the instru¬ 
ment and its accessories; when properly designed and applied. 
The use of the separately excited dynamometer is very rapid 
and convenient. 

Referring to the asynchronous commutator and galvanometer 
to which Mr. Borden has given some new names, I do not be¬ 
lieve that the device can be called new. An instrument using this 
principle and called the “Ondograph” has been in use for more 
than 10 years. A similar arrangement for measuring a-c. wave 
form was described in the Institute Transactions several years 
ago. About 3 years ago Mr. Doyle of the Electrical Testing 
Laboratories described to me a device which he had built and 
tried out in connection with instrument transformer testing. 
This device was identical with the one which Mr. Boi’den de¬ 
scribes. 

Concerning a-c. opposition methods Mr. Borden has stated 
that such methods are best exemplified in the Drysdale poten¬ 
tiometer and goes on to say that this instrument is seriously 
limited in its usefulness. I am afraid that nearly all a-e. measur¬ 
ing instruments are seriously limited but that should not be 
discouraging. I believe that opposition methods in a-c. work 
are best exemplified by some of the very useful and convenient 
methods which have been developed for a specific purpose. I 
refer to the opposition methods which have been developed for 
testing instrument transformers. I believe that a mistake is 
often made in designing an instrument to make too many 
measurements; accuracy, rapidity and convenience are thereby 
sacrificed. Concerning the use of the word “Null” I caimot agree 
with the definition which Mr. Borden has given. A “Null 
method” is defined in Punk and Wagnall Dictionary as follows: 

Null Method: “A method of measurement in which the thing 
to be observed is not the degree or extent of a thing but merely 
whether the thing occurs at all, as when the equality of an 
electrical resistance, with another against which it is balanced, is 
indicated by the absence of deflection of a galvanometer needle,” 

I should not consider this source of information a final author¬ 
ity on such matters except that the definition expresses very 
clearly the generally accepted idea. 

There is one point in Mr. Borden’s paper which is not 
brought out as clearly as it deserves to be. This point is 
in connection with the arrangement shown in Pig. 4. While I 
do not agree that this arrangement should be called a null 
method, I believe that the circuit has considerable merit, at 
least for certain kinds of measurements. 

If my interpretation of Pig. 4 is correct, the outstanding 
advantage of this circuit is that the current in which you are 
interested can be measured without materially impeding its 
flow. When the adjustments are made so that a balance ob- 
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tains, it would appear that the only impedance to the flow of the 
current is the resistance of the secondary winding. 

In measuring small alternating currents, the resistance of this 
winding would probably be very much lower than the impedance 
of any instrument winding which you would have to insert in 
order to obtain the desired sensitivity. 

If the cu’cuits in which the current is to be measured were 
located some distance from where the measurements are to be 
made, then by placing the ring at the remote point, the im¬ 
pedance of the lead wires between the two locations would be 
eliminated. Of course, it would be necessary to run four wires 
instead of two, but in many cases there would be no oVijeetion 
to this, and the eliminnf.ion of the impedance of the load a\ ires 
would be a distinct gain. 

H. B. Brooks: Mr. Borden’s paper is one of a number of 
ev'idenees of the great potential usefulness of the potentiometer 
or balance principle, and it reminds us of the fact, often over¬ 
looked, that deflection instruments disturb conditions in the 
circuit to which they are applied. 

In using the two-element wattmeter as suggested by Mr. 
Borden, it should btj ke]it in mind that the two elements are in 
general not e.vaetly balanced and that the amount and sign of the 
unbalance differ from point to point over the scale. For careful 
work the amount and direction of unbalance at the zero point 
should be determined, and a suitable correction applied. 

Chester L. Dawes: Mr. Borden mentions the Drysdale 
potentiometer as illustrative of one of the null methods. At 
Harvard University, we require of each senior electrical engi¬ 
neering student four or five experiments involving the use of this 
apparatus, and we find it highly satisfactory, it requires per¬ 
haps two experiments to give the students skill and confidence 
in the manipulation of the apparatus. Two, and sometimes 
throe oxporiinonts are given in which the students measure the 
current and voltage relations along artificial lines. As a rule, we 
use a Campbell bifllar vibration galvanometer as a detector, sinc‘e 
it is not affected by stray fields as is the Tinsley inagnotic-vane 
type. 1 have found that after some iiraetiso in tho manipulation 
of the apparatus, balances can be rapidly and accurately made, 
provided the frequency and voltage are maintained constant. 
Our power is supplied by a 12 kv-a. alternator, driven by a 20 
h. p. d-c. motor. Hince wo are able to control tho field current of 
either machine from any laboratory, wo have little difficulty with 
variations of froqueiicy or voltage. 

I have also used this potentiometer in the investigation of 
losses occurring in th<3 loa<la, bus-bars, and adjacent iron sup¬ 
ports of large brass furnaces. The potentiom( 3 ter was set up in a 
small laboratory adjacent to the furnace room in a large manu¬ 
facturing establishnuiut. The commercial, (Kbcyole ijowor 
systfiin was used for supply. Currents as high as rj(KK) amperes 
were invcdvc'd, and e. m. fs. of the order of a few millivolts were 
measured. Balances could usually be obtained rapidly and 
accurately, even under those commercial conditions. Twice 
during tho.se times when the main power plant was not in opera¬ 
tion, and a small, lightly-loaded, turbo-alternator was carrying 
the load, some difficulty was experienced in obtaining balances, 
owing to the slight hunting of the turbine. The fact that tlui 
governor was not holding the turbine speed absolutely constant 
was not appreeiatesd at tlio power plant until this time. 

From my own personal experience, 1 feel that this type of 
potentiometer is very useful, and in many oases may be adapted 
to oornmercial measurements, l^ersonally, I prefer the simple, 
vibrating galvanometer to the “heterogalvanometer” method 
described by Mr. Borden, since the asynchronous contactor adds 
considerably to the eomplication of the apparatus. 

There is another type of a-e. potentiometer, called the rect¬ 


angular^ or two-dimensional potentiometer, which perhaps is not 
so well known as the Drysdale, because it has not been generally 
described in textbooks and engineering literature. A simple 
diagram Is shown in Fig. 1. 

.ft is a non-inductive potentiometer wire, which may be sub¬ 
divided by any of the various methods employed with d-c. poten¬ 
tiometers. The working current i is maintained at its correct 
value by a rheostat r, this current being measured by some type 
of a-e. muliammeter A. This milliammeter is preferably of the 
dynamometer type, since this type may be calibrated with a 
standard cell, using reversed d-c. readings. We have also 
oimd a vacuum thermocouple, used in conjunction with a d-o. 
milliammeter, very satisfactory. A hot-wire milliammeter is 
also satisfactory, if sufficient sensitivity is obtainable. The 
Ijrimary P of a mutual inductance M is connected in series with 

1 • detector. The component of the unknown e. m. f., 

which is in pliase with i, is balanced along the resistance R. 
The component which is in quadrature with i is balanced by an 
e. in. t. M OJi supplied by tlie secondary of the mutual indiict- 
mioe M (03= 2 TT/), where/ is the frequency in cycles per second, 
rile unknown e. m. f. is therefore determined as two quadrature 
comixments, one along the axis of reals and the other along the 
axis of im^inarios. By using a reversing switch and positive 
and negative values of M, e. m. fs in any of the four quadrants 
may be measured. This type of apparatus is simple, does not 
require a phase-shifter, and may be made of apjiaratus usually 
to bo found in the measuring-laboratory equipment. 

I have found many instances where mutual inductances may be 
used for making e. m. f. measurements by null methods. 



I have also used tJie soparHtely-e.xcited dynamometer as a 
dolectfir. Instead of obtaining two balances, one with the 
dynamometer across one phase of a polyphase system, and then 
across another phase, I have excited the dynamometer from the 
secondary of a small phase-shifter. In using a separately-excited 
dynamometer, one or two precautions are necessary. If the 
moving coil has a nietiil bobbin, and its plane does not coincide 
with the direction of the magnetic field, the induced currents in 
the metal will cause deflection, even though the moving coil is 
open-turcuited. Even with a non-conducting bobbin, this same 
effect may occur, but to a lesser degree, due to the fact that a 
current flows in the moving coil windings, because of the capaci¬ 
tance between turns. Therefoi’e, care must be taken when using 
this type of detector. 

I have also used a Drysdale- polyphase phase-shifter to supply 
the current to the Drysdale potentiometer. This phase-shifter 
doiw not differ in principle from that described by Mr. Borden. 
It i.s iiioro .satisfactory than the phase-shifter supplied with the 
potentiometer, since the rather tedious task of splitting the phase 
accurately is eliminated, and also it is independent of the 
frequency. 

1. ••AUornating-Ourrent, Planovector, Potentiometer Measurements 
at Telephonic PrequeneJes,” Kennelly & Velander, Proc. Am. Phil. Soc. 
Vol. as, April 1»10, pp. 07 - 132 . 

“A RoctangiUar-aomponent, Two-Dimensional, Alternatlng-Currenli 
Potentiometer,'* Kennelly Velander, Journal. Pranklin Institute, July, 
X91d« 

2, ‘*EIectrlcal Measuremento, ’ F. A, Laws, page 602. 
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I have used rotating synchronous contactors of the commutat¬ 
ing type, and in one or two cases have experienced difficulty due 
to frictional electricity being generated. For this reason, I have 
found that contacts which are opened and closed synchronously 
by some type of cam are more satisfactory. 

I have not as yet had an opportunity to test Mr. Borden’s 
heterodyne methods, and therefore cannot compare them with 
the methods which I have just described. Undoubtedly when 
there are slight but continuing fluctuations of voltage and 
frequency, more rapid balances can be obtained by the heter¬ 
odyne method. 

E. D. Doyles Referring to Mr. Borden’s paper (Fig. 8). it 
would appear to me that this is bj’’ no means a null or even a 
semi-null method. Every instrument there shows a deflection. 
With regard to the accuracy with which the checking can be 
done, one has the observational errors in both meters, A and B, 
and the only purpose that meter G can serve, is to read the dif¬ 
ference between A and B when they are brought to a common 
indication. Of course, a meter can be held on a point with much 
greater accuracy than an observation can be made in between the 
cardinal points. 

Referring to Fig. 9, the same observational error comes in as in 
Fig. 8. However, if the polyphase meter A were provided with 
a very weak suspension, that is, weak compared to the toi’ques 
of the two elements, you may obtain very great sensitivity. 
We have applied this particular principle to a double djmamo- 
meter of the reflecting type, for comparing a-c. voltages with each 
other. We have an instrument which we built ourselves, and 
which enables us to compare a-o. voltages with an error of less 
than two-hundredths per cent. This is done with a meter which 
is only consuming about one-flfth of a watt. This particular 
type of double dynamometer is' also available for making com¬ 
parisons between alternating and direct currents, and may also 
be used for a number of other purposes, such as measuring an 
impedance in terms of a pure resistance, by connecting one ele¬ 
ment first across the resistance and then across the impedance. 

Now with regard to detectors, w^e have had very satisfactoiy 
results from a synchronous rectifier and d-c. galvanometer. 
The rectifier we are now using has brass segments and butt 
copper brushes. When it is lubricated rather freely with ordi¬ 
nary machine oil wehave no trouble at all from thermal e. m. fs., or 
bad contacts. We have also provided two sets of d-c. brushes, 
a double throw switch, we can quickly throw from a position 
where we are sensitive in-phase voltages, to the reactive posi¬ 
tion and vice versa thereby making it much more convenient 
from the operating standpoint. 

One other point which I would like to bring up in connection 
with the various methods of detection is the influence of har¬ 
monics in the wave on the particular apparatus. Of course, the 
vibration galvanometer is sensitive only to the fundamental 
frequency. The rectifier has a greater sensitivity for fundamen¬ 
tal frequency, but any harmonics in the wave, will be detected 
to a greater or less extent, depending on the phase of rectifica¬ 
tion, and also on the order of the harmonic. 

At a mayiTTniTn the third harmonic will influence the galvano¬ 
meter to one-third of its value; because in rectifying two of the 
loops will balance out, leaving only the third. In a similar way, 
the fifth harmonic will appear only to one-fifth of its value and 
so on. The double dynamometer, which has its two elements 
entirely separate from each other is affected only by the effective 
value of the wave irrespective of any harmonics which may be 
present. 

P. A, Borden: Both Mr. Fortescue and Mr. Stein have 
compared the use of the synchronous with the asynchronous 
dynamometer, the latter gentleman being inclined to differ from 
my statement that the synchronous use of the instrument was 
“slow and cumbersome,’’ as compared with the other. I have 
made many tests using the electrodynaniometer in a-c. work, 
both the indicating type, having about the sensitivity of an 


ordinary wattmeter, and the reflecting type with a sensitivity 
comparable to that of a d’Arsonval galvanometer. In these 
tests I have found- I think I may safely say, without exception 
that the slow swing introduced by asynchronous excitation is 
much easier to reduce to zero than the two separate deflections 
necessary where excitation is derived from the same soiuce 
as the test. This, of course, may lie partly in the accessory 
equipment used; and I may here say that practically all the 
apparatus employed in the work described in my paper is that 
intended for general use in a laboratory called upon to perform 
an immense variety rather than a great volume of tests, so that 
the primary object in the equipment is flexibility rather than 
specialized fitness for one type of test. 

I am pleased to learn that use has been made of the asyn¬ 
chronous commutator in conjunction with a galvanometer. 
Upon trying this scheme, I was surprised that anjHhing of such 
evident usefulness had not previously been employed; but being. 
unable to find any published record of its use, by Mr. Fortescue 
or others, 1 was forced to refer to my own development of the 
idea. 

Mr. Stein has taken issue with my statement that a-c. instru¬ 
ments are of inherently lower sensitivity than direct, and states 
that if you can use iron in an a-e. instrument you can get the 
same degree of sensitivity as in a direct. You can, if you can 
use iron; but conditions are unfortunately such that the use of 
iron is generally out of the question. Again, on reading the 
context, as it appears in the first paragraph of my paper, I think 
it will be quite evident that I was here referring to indicating 
instruments rather than to detectors as used in balance work; 
and it is a well known fact that even the best makers have not 
attempted to market a-o. instruments which for smallness 
of energy consumption could compare with instruments of 
the permanent-magnet moving-coil type. In the use of 
an instrument of the electmdynamic type, incorporating ii-on 
in its magnetic circuit, my experience is confined to a certain type 
of a-c. galvanometer, in which I found that before the damping 
resistance could be reduced to a value to cut out swinging on 
25-cycle work, the circulating currents in this circuit, due to 
e. m. fs. set up in the moving coil completely obliterated the 
quantities under investigation. In my opinion, it would have 
been necessary in this case to fit the instrument with a torsion 
head and make all observations with the moving coil in the 
position of zero mutual induction with the field. 

I think I may be pardoned for having overlooked the Hospi¬ 
taller Ondograph as an instrument making use of the asynchro¬ 
nous commutator, in view of the fact that the use of that device 
as a wave tracer is so radically different from my application of 
the principle as a voltage detector that I had neglected to associ¬ 
ate the two ideas. As to the use of the word “Null” in my work, 
I am quite ready to yield the point to Mr. Stein; and if my usage 
is not in strict accord with the dictionary definition of the word, 
admit the fact that I sought no higher authority than the gener¬ 
ally accepted technical works and writers. As to whether in the 
particular instance to which Mr. Stein refers, 1 have properly 
classifled the test under the heading of “NuU,” I leave to those 
interested, to decide. And at the same time I thank Mr. Stein 
for pointing out the wide uses to which may be put the circuit 
shown in Fig. 4. 

I wish to thank Mr. Brooks for calling attention to the fact 
that the elements of a polyphase wattmeter may not be in exact 
balance, at zero or at other points of the scale; and while this 
was recognized by the writer, it is well to repeat that in tests of 
this class it is assumed that a high grade instrument is used, in 
which this unbalance is very small. At the same, time; as the 
deflection of the wattmeter is by the method used reduced to 
zero, it is usually sufficient that the strengths of the respective 
elements be equal only at the zero point. 

Mr. Doyle has called attention to the possibility of observa¬ 
tional errors in the additional meter used in the calibration 
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described in Fig. 8. True, tlie error of the instrument C, as well 
as that of A comes in, but in a negligible degree. In the first 
place. A, the standard is read when indicating on a cardinal point, 
which is much more definite than the interpolation which would 
ordinarily be necessary. At the same time, this would usually 
be a point whereon the accuracy of the standard was determined 
in comparison with a primary standard. In the second place 
any error in the calibration of C, appearing as an error in the 
error, would be of the second order of magnitude, and hence 
usually negligible. The possibility of observational errors, too, 
is much reduced; for once a setting has been obtained, it may 
be maintained indefinitely until the tester is assured that the 
principal meters are in agreement on the point at which the 
observation is being made, after which he may read the error, as 
indicated on C, at his leisure. What I have said in regard to 
observational errors in this test applies equally to Mr. Doyle’s 
oomment upon similar errors in the transformer test in Pig. 9, 


with the additional feature that the wattmeter when finally 
balanced, is read only upon the zero point of the scale. A two- 
element meter with a weak spring would, without doubt, greatly 
increase the sensitivity of this test; but I have found the ordi¬ 
nary type of polyphase instrument, when used on the zero- 
deflection principle, to have sufficient sensitivity to prove itself 
of great value in this work. 

In demonstrating this method of efficiency determination, I 
have often made use of a small motor-generator set, driven from 
a d-c. supply, and giving a single phase output. Such a set 
has, of course, comparatively large losses; and when the output 
and input are opposed in a two-element wattmeter, the con¬ 
venience of the method becomes very evident. This method is 
particularly useful in determining the efficiency of single-phase 
rectifiers, and does away with much controversy as to the 
type of instruments used in the measurement of the rectified 
output. 
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Review of the Subject.—In the early days of power tram- 
mission, there was no consistent practise in respect to operating with 
neutral isolated or with neutral grounded. The rapid growth of 
transmission systems with their extemive networks soon began to 
show disastrous results from arcing grounds on isolated neutral 
systems and now most power transmissson networks have their 
neutrals grounded in some manner. 

The discussion of general considerations of neutral grounding 
ts divided into two parts, that of overhead line systems and under¬ 
ground cable systems. He brings out the fact that while most over¬ 
head systems are grounded there is some difference in practise as to 
the extent to which they are grounded, that is as to whether they are 
grounded solidly or through resistance. Prevailing practise tends 
toward little or no resistance. 

Attention is called to different possible methods of grounding a 
system and shows by diagrams the flow of short-circuit current with 
the different methods. 

Underground cable systems are consistently operated with 
neutral grounded but general practise tends toward the use of resist¬ 
ance in neutral. General considerations as to protection from the 


voltage strains due to arcing grounds on cable systems are similar 
to overhead line systems and the author analyzes briefly the character 
of cable breakdowns and genercd effect of such breakdowns with a 
view to determining the importance of the extent to which a cable 
system should be grounded. The conclusion in regard to cable 
systems indicates about the same limitations as those found for over¬ 
head systems and no very good reasons are found for a distinctive 
difference in practise. 

The paper considers the vise of grounding resistors of different 
types and gives some cast figures to show the effect of time and 
current in the design of metallic resistors. 

The general conclusion arrived at is that, on either overhead or 
underground transmission systems, high-voltage strains are more 
to be feared than high-current strains and that resistance to limit 
ground current, if used at all, shotdd be of very low value. 
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T he question of grounded neutral has been under 
discussion for many years and many papers have 
been written covering various phases of the sub¬ 
ject from time to time, each with the purpose in view 
of presenting data tending to show the logic of the 
author's conclusions on the particular phase of the 
subject which has interested him. The general prac¬ 
tise of the country has undergone certain changes 
during the past ten or fifteen years in the methods and 
extent in which systems have been grounded. These 
changes of practise have been brought about partly 
from the influence of individual writers' ideas as 
presented i n the various papers mentioned and partly 
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by an actual change in the problem due to the rapid 
growth of our transmission systems during that 
period. 

In the early days of power transmission, there was 
little to base one's judgment upon in determining the 
advantages or otherwise, of operating the system with 
the neutral grounded. Such esgieriences as had been 
obtained by the pioneers of transmission were compli¬ 
cated by conflicting evidence due largely to the fact 
that where trouble had occurred, it was often accom¬ 
panied by the presence of many uncertain factors, and 
no direct comparison could be made between the iso¬ 
lated neutral and grouncied neutral an^gem^ 

From the beginning of power ti*ahsmission in 1888 or 
1890 to 1910 or 1912, it is safe to state that there was 
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no general practise as regards the question of operating 
transmission systems either with grounded neutral or 
with the neutral isolated. During that period, trans¬ 
mission voltages increased at a very rapid rate, the 
length of individual lines for straight-a-way trans¬ 
mission greatly increased, and the number and len^h 
of interconnected lines forming networks handling 
thousands of kilowatts of power where hundreds had 
been handled before, presented an entirely new phase 
of the question. 

A glance at the transmission problem of today seems 
to divide the question into two natural classes, that of 
overhead lines which have grown in extent and voltage 
to cover very wide areas handling large blocks of power, 
and that of underground transmission systems which 
cover smaller areas but with a much higher density of 
power per square mile and much lower transmission 

voltage. / . 

The overhead systems generally speaking, vary in 
voltage from 13,200 volts to 220,000 volts and involve 
an aggregate of some 50,000 miles of line. There are 
several systems having a metallic connection of cir¬ 
cuits extending well above 3000 miles at voltages around 
44,000 volts and several systems having 1200 or 1500 
miles of line at voltages of 110,000 volts or above. 

The underground cable systems have an aggregate 
cable length of perhaps 10,000 miles and handle close 
to the same amount of power that the overhead lines 
do. An adequate discussion of grounded neutral ver¬ 
sus isolated neutral, requires a careful consideration of 
the operating characteristics of the two types of systems 
and an analysis of the results of practical operating 
conditions from the early days of transmission to the 
present time. 

Overhead Transmission Systems 

It probably can be truthfully said that in the early 
stages of transmission practise where the extent of the 
systems was small and the voltage low, there was no 
decided difference in the results of operating either 
with neutral grounded or ungrounded. As they grew 
in extent, voltage surges began to make themselves 
felt over wide areas, resulting in breakdown of insula¬ 
tion at various points. In seeking a remedy, many 
engineers grounded the neutral of their generators or 
transformers. 

So many systems were installed simultaneously and 
at ever increasing voltage that there was not time to 
make an analysis of the advantages of either plan and 
such practise as was shown in the development of our 
American systems was the result of individual engineer’s 
ideas and experiences during a period when develop¬ 
ment was too rapid to compare notes thoroughly and 
to build up a. practise based upon weighted judgment 
and experience. 

It has been the natural result then, that during the 
years from about 1904 to 1912 or 1914, many sjrstems 
were put into service, some arranged for isolated neutral 


and some for grounded neutral operation as well as 
others for what might be called a compromise between 
the two, that is, neutral grounded through extremely 
high resistance. During this period, then, it might 
be said that there were two schools of engineers making 
an impress on the practise of the country. Neither 
had very much past experience on which to base its 
judgment and their conclusions were drawn largely 
from theoretical considerations. 

In the early days of high-voltage overhead line trans¬ 
mission development, certain principles of design and 
factors of safety of insulation were followed which 
results seemed later to conclude to be inadequate. 
Line insulators in particular showed too small a factor 
of safety and too short a life under operating condi¬ 
tions. The overhead transmission systems during the 
period mentioned have passed through many vicis¬ 
situdes and few of the line insulators in use as far back 
as 1904 are still in service. We have gone to higher 
insulation and have vastly improved the design of 
porcelain insulators to make them stand up under 
operating conditions. ’ 

In 1912 or 1914 there were thousands of miles of 
overhead lines in operation on systems using isolated 
neutral and grounded neutral as well as some systems 
with the neutral grounded through high resistance. 
Sufficient experience had been obtained to enable 
engineers contemplating the design of new systems to 
take stock of past experience and the result of this 
stock taking seemed to indicate that the grounded 
neutral systems had certain advantages in most cases 
over the isolated neutral system. The evidence was 
not conclusive at that time and perhaps is not con¬ 
clusive today, but there are certain fundamental 
principles that seem to be reasonably definite and most 
of them tend to show important advantages in favor 
of the grounded neutral systems. 

The arguments in favor of the isolated neutral system, 
especially with delta connection, were that a single 
broken insulator would not cause a short circuit and 
consequent loss of service over an individual line and 
that the breakdown of a single transformer did not 
completely interrupt the service of an entire bank, as 
it was possible to operate with one line grounded or with 
two transformers out of three connected in open delta 
and maintain at least partial service. There was a 
third theoretical consideration that with delta-con¬ 
nected transformers, any disturbance coming in over 
one conductor, such as lightning or a steep wave front 
surge, would have its energy expended over two trans¬ 
formers and be less likely to cause serious damage. In 
the early days of transmission when the mileage and 
voltage were low, many systems operated for hours at a 
time and in some cases days, with one phase grounded 
and there was considerable use made of open delta 
connection of transformers on such systems. 

It was argued that line insulators were designed to 
have the necessary factor of safety with full potential 
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to ground and that while the grounding of one phase 
increased the strain on a given insulator to 73 per cent 
above normal, it should entail no hardship as the insu¬ 
lator was designed for continuous operation on this 
basis. Practise, however, showed that most grounds 
of this nature were not solid grounds but were accom¬ 
panied by severe arcing which produced oscillations 
tending to build up high-frequency and high-voltage 
disturbances which placed the whole system under 
severe strain and often resulted in breakdown of 
apparatus at different points on the system. 

As the systems grew in extent and increased in volt¬ 
age, the severity of the disturbances due to these arcing 
grounds, became a very serious menace to service, not 
only from the fact that breakdowns often occurred at 
widely separated points on a network as a result of 
an arcing ground at a given point, but these* dis¬ 
turbances resulted in the breakdown of apparatus such 
as bushings, transformers, lightning arresters, etc. 

As the amount of power transmitted grew, the im¬ 
portance of isolating cases of trouble to the section of 
line actually in trouble, became apparent. The great 
exposure to lightning, varying weather conditions, etc. 
of these extensive systems considerably increased the 
actual number of unavoidable breakdowns in spite of 
the greatest vigilance and the question of continuity 
of service became more and more important as the 
territory served, increased, and much energy was 
brought to bear on the study of protection for these 
systems. 

Up to this time, the relay situation was not all that 
could be hoped for but improvements were going on 
constantly and there was every hope that if the dis¬ 
tribution of current during breakdowns could be pre¬ 
determined, satisfactory relays for selection of trouble, 
would be available. 

An analysis of the character of breakdowns with this 
in view, gave some pretty definite indications that on 
isolated systems the problem was an extremely com¬ 
plicated one. Nearly all transmission line break¬ 
downs occur initially as the failure of some weak insu¬ 
lator from lightning or other cause. The current 
flowing in the arc caused by this breakdown, is the 
charging current to ground of the other two conductors 
of the entire interconnected system. This current 
may be considerable, depending upon the amount of 
interconnected line, but is almost entirely wattless 
and shows up in such an uncertain manner as to be use¬ 
less for selective relajdng. During the time that this 
arc is playing over the weak insulator, the other two 
phases of the whole network are subjected to the strains 
due to this arcing ground until a second breakdown 
occurs, producing a short circuit from phase to phase 
and causing sufficient power current to flow to trip the 
relays. 

It is evident that the location of the second break¬ 
down will be uncertain and one that should not have 
occurred if the line in trouble could have been tripped 


out by the relay before the arcing ground surge had 
time to spread the trouble. This second breakdown 
often occurs on an entirely different line, perhaps miles 
from the origin, of the trouble and it is entirely within 
the range of experience to have several secondary 
breakdowns on different lines or different parts of the 
same line following an arcing ground at a given point. 
Such occurrences make selective relaying out of the 
question and a general shut-down of the system may 
well occur under such conditions. 

The frequent occurrence of arcing ground troubles 
on isolated neutral systems led to the development 
of the so-called arcing ground suppressor which was 
brought out and advocated by Mr. Creighton and also 
by Mr. Nicholson, with the hope that a dead ground 
immediately placed on the phase in trouble would 
eliminate the destructive effects of the arcing ground 
and make it unnecessary to use relays to take the line 
out of service until inspection and necessary repairs 
could be made. The arcing ground suppressor how¬ 
ever, was an expensive device and only a few were 
installed. 

Another remedy for the elimination of a multiplicity 
of breakdowns was to ground the neutral of the circuit 
and. thus make all initial breakdowns short circuits, 
which positively defined the flow of current and made 
possible the selective action of relays. As most sys¬ 
tems feed their important stations by more than one 
circuit the loss of a line due to trouble is not prohibitive 
and the system of protection that has grown up on 
high-voltage networks has been to ground the neutral 
either solidly or through resistance and to make the 
maximum use of selective relays to cut off the section 
of line in trouble in the shortest possible time. 

The good results obtained from grounding high- 
voltage networks and increasing the efficiency of pro¬ 
tective relays has been such that the practise has 
extended to practically all overhead line work and the 
great majority of transmission line networks at all 
voltages from 22,000 to 220,000 volts are laid out with 
some plan of grounding the neutral. The usual 
practise is to establish a neutral by grounding the trans¬ 
formers at the source of power, that is, the generating 
station or generating stations as the case may be, 
employing delta-T, step-up transformers at these 
stations. A definite flow of short-circuit current away 
from the generating stations is thus established and on 
straight-away transmission lines, particularly, leaves 
it optional as to the type of transformer connections 
that may be used at the step-down substations. 
Grounding at the generatmg stations and hot the sub¬ 
stations allows the use of delta-7, step-dovm trans¬ 
formers at the substation, thus establishing the neutral 
point at the source of power for the secondary network 
emanating from these substations. This general prac¬ 
tise may be follow^ on to the ultimate distribution 
^stem in Several steps if desirable, each network in 
itself having its neutral grounded at the source of powa*. 
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There has been some difference in opinion as to the 
desirability of several neutral grounds on an overhead 
network at distant points, on account of the pos¬ 
sibility of interchange current between neutrals which 
may affect telephone communication. There are, 
however, in operation, many extensive transmission 
systems with neutrals grounded at generating stations 
as well as at many substations with little, if any, tele¬ 
phone interference. The normal interchange of current 
between neutrals is usually so small as to be negligible 
and there have been in fact, only a few isolated cases 
where telephone interference due to circulating current 
in neutrals, has manifested itself. The conclusion from 
operating experience to date, indicates that no serious 
telephone interference under normal operating condi¬ 
tions n^d be anticipated even though the neutral is 
grounded at many points. 

For the effective application of selective relays on a 
complicated network, a calculation of the short-circuit 
current with its distribution as to amount, direction and 
source, is of great value. Such calculations are com¬ 
paratively simple with only one neutral grounded but 
where several are involved, each contributes to the 
ground current modifying the amount and direction, 
depending upon the location of these ground points. 
It is sometimes very difficult to predetermine this 
ground current with sufficient definiteness as to allow 
accurate selection and adjustment of relays so that in 
studying the question of grounding the neutral of a 
system, it is well to have this point in mind and to 
attempt a determination in advance as to the complica¬ 
tions that may arise from the addition of neutral 
grounding points. 

There is a number of possible combinations both in 
the connections and kind of transformers that may be 
used for grounding a system, and the different possible 
locations of groimd points and an analysis of some of 
these combinations may be of interest. 

The simplest arrangement is as shown in Fig. 1, with 
one generating station transmitting power over a single 
three-phase line to asubstation. Insucha case, delta-F 
transformers would be used at the generating station 
with the neutral grounded at this point. The sub¬ 
station transformers may be connected in any manner, 
if there is no generating equipment at this point, with¬ 
out affecting the distribution of current. In such an 
arrangement with the ground at G, the flow of current 
will be in one conductor only, direct to the ground point 
and back to the neutral, appearing in one phase only 
in the transformer and two phases only in the genera¬ 
tor. The calculation of this current is simply taking 
into account the reactance of the generator, transformer 
and line to the groimd point. 

Fig. 2, shows a similar arrangement of transmission 
line but with the substation transformers connected 
F-delta with the neutral founded at the substation 
only. The flow of current in this case is quite different 
from that in Fig, 1, and will be as indicated by the 


arrows on Fig, 2. It will be noted that the current in 
all three legs of the substation transformer Y are equal 
and so far as the generating station is concerned, there 
are also heavy currents in all three phases; the current 
in the grounded phase, however, being double that in 
the other two phases. The reason for the equal dis¬ 
tribution of current in all three legs of the step-down 
transformer will be apparent, in that, if there is current 
in the primary of the transformer of the grounded 
phase it must appear in the secondary and if it appears 
in the secondary, it must flow, and the only path is 
around the delta. This puts the same current in the 
other two legs which must again reappear in the pri- 


Generator Transformer Nol Transformer Na2 



Pia. 1 —Transmission System with Nbtjtbaij of Generating 
Station Transformer Grovnhes 
line ground at point “G'\ Arrows indicate flow of current 

mary giving balanced current in the substation Irans- 
former which acts as a grounding transformer for the 
system. 

Fig. 3, shows a case similar to Figs. 1 and 2 with the 
exception that both the generating station trans¬ 
former and the substation transformers have their 
neutrals grounded. In this case the distribution of 
current will be similar to a combination of Figs. 1 and 
2, current flowing as in Fig. 1, directly to the ground G 
from the generating station and appearing on one phase 
of the transformers and two phases of the generators. 
There will also be a current back from the substation 
neutral to the ground G, which current will appear in all 



Pig. 2—Same System as Shown in Pig. 1, Except Substation 
Transformer Neutral Grounded 

three phases of the substation transformers. The flow 
of current to the ground from the generating station 
direct and the generating station by way of the sub¬ 
station, will depend upon the relative impedance of the 
various circuits and its calculation is somewhat com¬ 
plicated. For a comprehensive analysis of the cal¬ 
culation of single-phase, short-circuit currents on com¬ 
plicated networks, see article by W. W. Lewis, entitled, 
“Short-Circuit Currents on Grounded Neutral Sys¬ 
tems” in the General Electric Review for June 1917. 

Fig. 4, shows a similar arra.ngement of circuits but 
with two substations, each having F-delta, step-down 
transformers with their neutrals grounded as well as 
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the neural groianded at the generating station. The 
distribution of current on this system will be similar 
to that shown in Fig. 3, except that still greater com¬ 
plication due to the division of current among all three 
neutrals, will follow, the substation transformers having 
equal current in all three legs but the grounded phase 
in the generating station carrying the heaviest current. 
This again will divide up with relation to the impedance 
of the various circuits. 

Fig. 5, shows an arrangement with two generating 
stations each having the neutral grounded, which intro¬ 
duces a combination of Figs. 1 and 3. The generating 
station will feed direct to the short circuit. The 
generatingstation “B” will feed direct to theshort circuit. 
Generating station “A"’ has a tendency to feed over the 
other two lines to the transformers in generating station 
“B” which will act similarly to the substation trans¬ 
formers in Fig.. 3. Generating station *"B” has a 
tendency to feed to the transformers in Station “A** 
and back to the short circuit in a similar manner. The 
distribution of current under such circumstances is 
problematical, depending upon the location of the short 
circuit with respect to the two stations assuming they 
are of the same size. If these stations are of different 



Pig. 3—Same System as Shown in Pig. 1 


Neutrals of transformers at both generating station and substation 
grounded. 

size, the relative impedances of the various paths to the 
short circuit will influence the division of current. The 
above examples will serve to call attention to the pos¬ 
sible complication in relay equipment that may be 
encountered in systems groimded promiscuously. 
There are many other possible combinations that might 
be mentioned but they are nearly always only variations 
of the cases cited above. 

It will be noted that in the suggestions above, delta- 
Y or F-delta transformers have been used in all cases. 
Transformers connected in this manner are most 
usually employed for establishing neutral points on a 
system. There are a few other combinations that 
have been used occasionally, such as transformers 
connected Y-Y with a delta tertiary winding. Where 
this combination is used, a neutral may be established 
on both primary and secondary networks, the delta 
tertiary winding acting as a secondary for either 
high-tension or low-tension Y, depending on which cir¬ 
cuit the fault occurs. 

A three-phase, core type transformer connected Y-Y 
will act as a partial grounding transformer, a-s the 
interlinked magnetic circuit, allowing the circulation 
of flux, performs somewhat the same function as the 


delta which allows circulation of currents. It, however, 
is a rather inefficient grounding transformer as its 
reactance with one phase grounded is of the order of 
50 per cent. That is, it will allow only about two times 
full-load current of the transformer to flow. 

Another form of transformer that may be used to 
establish a neutral and allow heavy currents to flow 
in case of a fault to ground, is the so-called zig-zag or 
interconnected Y transformer which has no secondary 
winding as such. The winding on each core leg con¬ 
sists of two equal parts. The upper part of one leg 
is connected to the lower part of the adjacent; the three 
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Fig. 4—Transmission System with Generating Station 
AND Two Substations 
Transformer neutrals at all stations grounded 

phases thus formed, being connected in Y and the neu¬ 
tral grounded. When a ground occurs on the line, 
this transformer acts similarly to a F-delta grounding 
transformer as indicated in Fig. 2, equal currents 
appearing in all three phases. One-half the winding 
on each leg acts as a primary and the other half as a 
secondary winding, the currents in each half being 
equal and opposite in direction. Such a transformer is 
equal in efficiency as a grounding transformer, to a 
y-delta connected transformer and generally speaking, 
will cost slightly less to build. Transformers of this 
type have been used to ground the neutral of systems 



Pig. 5—Transmission System with Two Generating Stations 
Transformer Neutrals at Both Stations Grounded 
Ouirmit It flows as ^own if voltage c d is greater than voltage a b. If 
fl d te greater thau c d, then it flows in reverse direction. 

where no Y-delta connection is available to establish 
a neutral point for no other purpose than for protection. 

The use of the Y-Y transformers is very limited and 
confined almost exclusively to three-phase core type 
units as Y-Y connected single-phase transformers 
invariably have circulating triple harmonic currents 
between their neutral and the neutral of any other 
grounded transformers on the system thus tending to 
cause telephone interference. If there ^e no other 
neutrals, the lack of a triple frequency exciting current 
for these transformers tends to produce triple frequency 
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voltage between line and ground and to put excessive 
voltage strains on the system. Transformers connected 
Y-Y or auto transformers Y-connected, perform no 
function as grounding transformers unless their neu¬ 
trals are connected to the neutral of a generator or 
other Y-connected transformer which would in itself, 
act as a grounding transformer. 

The question of the desirability of limiting the current 
in the neutral on overhead systems is one on which there 
is a considerable difference of opinion. There is little 
question that the gjreatest protection from high-voltage 
strains comes from the use of a solidly grounded neutral 
and that in the long run high-voltage disturbances are 
the most fruitful source of trouble to the lines and 
apparatus forming a part of a high-tension system. 
Modem apparatus is designed to withstand the mag¬ 
netic and thermal effects of absolute short circuits for 
the time necessary for relays to clear the circuit and 
from this standpoint, no real disadvantage is derived 
from grounding solidly. The dead ground allows high 
enough currents to flow to make the action of the relays 
definite and a tendency to greater selectivity results. 
Where the proper relays are used and short time set¬ 
tings employed, the jolt to the system tending to trip 
synchronous apparatus out of step, is not a serious 
matter. In any case, many phase to phase and three- 
phase short circuite are bound to occur and must be 
provided for. 

The main disadvantage claimed by the advocates 
of limited currents to ground, are almost entirely those 
of telephone interference. This is a difficult point to 
pass upon for all cases, as the relative exposure vanes 
as does the relative activity of the engineers of the 
telephone company in different territories. There is no 
question that with a short circuit to ground of heavy 
current, the acoustic shock on an exposed telephone 
line is considerable and is to be avoided if possible unless 
there is a probability of introducing other factors that 
may be more serious in the long run. Any resistance 
in the neutral tends to increase the voltage to ground 
on the other two phases and if this resistance is suf¬ 
ficient, it may produce a semblance of arcing ground 
effects and the resulting operation over a period of time 
may cause more acoustic shock trouble than would be 
the case with a solidly grounded neutral system. 

There are different methods employed for limiting 
the ground current, such as neutral resistance, ground¬ 
ing only one transformer of limited capacity or by the 
Use of a small grounding transformer bank. The 
grounding resistance for high-voltage transformers is 
an expensive device and requires considerable attention 
and maintenance. Various types of resistance have been 
used such as metallic grid or wound tube resistors, water 
resistance, concrete and graphite columns, etc. The 
most satisfactory resistance, however, is either the grid 
or tube type. Fig. 6 shows a 46,000-volt neutral 
groimding resistance of the tube type designed for two- 
minute duty. The individual resistance tubes are 


insulated by porcelain between sections and post t 3 q)e 
porcelain insulators to ground. This completed resistor 
is insulated for line to neutral voltage and is not 
only very costly to build but requires considerable 
installation expense from the fact that it takes up a large 
amount of room and must be housed. 

At the present time, the greater number of high- 
voltage systems are operating with the neutral solidly 
grounded at their important generating stations. As 
an example of such systems, the following may be 
mentioned: 

Alabama Power Company, Georgia Power Company, 
Southern Power Company, Mississippi River Power 
Company, Montana Power Company and the Utah 
Power & Light Company and many others. There are 
a few high-voltage systems operating with neutral 
resistance such as the Hydro-Electric Power Commis¬ 
sion of Ontario, Niagara Falls Power Company, Niagara 
& Lockport Power Company and Public Service Com¬ 
pany of New Jersey and a few others. The Pennsyl- 



Pio. 6 —Neutral Grounding Resistance for 45,000-Volt 

Service 

vania Power & Light Company, Shawinigan Water & 
Power Company and the Georgia Power Company 
operated for several years with a neutral resistance but 
have since taken them but of service. 

The effect on methods of relaying high-voltage sys¬ 
tems with limited gi'ound current for the selection and 
isolation of faults, varies with the extent to which the 
current is limited. 

A ground resistance is often selected of such value as 
to allow sufficient current to flow to trip overload relays 
on any feeder and in such cases the current amounts to 
two or three times full-load current of the largest one. 
There are no complications with such an arrangement 
and any type of relay that could be used with solidly 
grounded neutral, will give equally good results with 
such a neutral resistance. Systems using high resist¬ 
ance in the neutral and consequent low ground current 
must resort to special methods of relaying for selective 
action and there is usually a narrow margin of error 
allowable in these special cases. The overload relay 
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on the system. As an example, a grounding transformer 
on a 110,000-volt network, would be required to furnish 
sufficient current to trip an overload relay on any 
110,000-volt line. As an average value the normal 
line capacity may be taken as 25,000 kv-a. Under 
abnormal conditions this line might be required to carry 
as high as 50,000 kv-a. The overload relay settings 
should be something above this value, say 60,000 kv-a. 
The grounding transformer then should be able to pass 
60,000 kv-a. equivalent current over the grounded phase. 
Assuming no reactance in the circuit to the grounding 
transformer, a Y-delta bank of 6000 kv-a. having 10 
per cent reactance would be required, or a 4800 kv-a. 
bank having 8 per cent reactance. If the longest line 
from the substation should have a reactance based upon 
this 60,000 kv-a. of 10 per cent a transformer bank 10 
p^ cent larger of the same reactance would be required. 

Such a grounding transformer would give protection 
equivalent to a system grounded through a neutral 
resistance of low enough value to allow the same current 
to flow. If more effective grounding is desired, such as 
afforded by the solidly grounded neutral system through 
a large percentage of its generating capacity, a still 
larger bank must be used or a bank of lower reactance, 

thus allowing more current to flow. 

The advantage in a high-current flowing would seem 
to be the assurance of a minimum increase in the voltage 
strain of any part of the system to ground above its 
noimal value. A heavy current flowing from the 
generator tends by armature reaction to not only re¬ 
duce the voltage in the grounded phase but also in the 
other two phases. Full-load current on the generating 
station flowing to ground through a circuit consisting 
of step-up transformer, transmission line and grounding 
transformer would have a fairly low lagging power 
factor which would have a tendency to drop the voltage 
of the entire system and in consequence the voltage to 
ground from the two ungrounded phases to a value 
little in excess of normal and insure no excessive voltage 
strains on any part of the system in case of trouble. 

It has seemed to the writer that a rule to the effect 
that ground current at least equal to the full-load 
current of all the generators should flow. This would 
give adequate grounding protection to the system and 
would be a surer rule to follow than merely to allow 
sufficient current to flow to trip the relays. In some 
cases this rule would give about the same results as the 
method of arriving at the size of grounding transformer 
by a determination of the short-circuit current necessary 
to trip all the overload relays taking into account multi¬ 
ple circuits, etc. 

In case the engineer determines that he wishes to 
create the same conditions by use of a groimding trans¬ 
former as he would on a new system by the use of high 
resistance in the neutral, the grounding transformer 
would be, of course, correspondingly smaller in capacity 
as the requirements would be much less. 

It will be evident from the foregoing discussion that 


the extent to which a system is grounded is usually 
dependent upon the relation of ground current duifng 
a short-circuit to the full-load current of the total 
generating capacity and not necessarily on whether 
resistance is used in the neutral or not. We normally 
.speak of a system as grounded solidly if no resistance 
is used, but many so-called dead grounded neutral 
systems are grounded through such a small part of their 
total generating station transformer capacity as to 
allow less current in terms of a percentage of their total 
generating capacity to flow, than in some other systems 
grounded through resistance. The impedance from 
the generators to the point of short circuit is really the 
measure of the extent of the grounding. 

Adequate grounding for the maximum voltage pro¬ 
tection of a system will always be obtained by grounding 
all the generating station transformers and usually 
by only one half or less. The grounding ot any 
system at its source of power through all the trans¬ 
formers feeding that system will give ample assurance 
of no arcing ground effects tending to produce high- 
voltage strains. There is not as a rule, much object 
in grounding the receiving stations, practically the 
only advantage being to insure a neutral point on a 
station normally acting as both a receiving station 
and generating station should this be split apart from 
the mfliTi system. There is in fact, some disadvantage 
in grounding the neutral of several substations fed from 
the same line or network as a ground at any point on 
the system draws ^ort-circuit current from every one 
of these as illustrated in Fig. 4, tending to trip their 
overload relays or blow their fuses as the case may be, 
while there is no reason why these stations should be 
involved in the short circuit at all except for a slight 
dip in voltage on one phase. 

Another method of neutral grounding is by use of a 
reactance coil between neutral and ground. Such a 
reactor when designed with an ohmic value such as to 
allow a current to flow equal and opposite in phase to 
the charging current to ground of the entire line on 
which it is connected, is called a Petersen Coil. Papers 
are being presented at this meeting by Mr. W. W. Lewis 
and Messrs. J. M. Oliver and W. W. Eberhardt, dis¬ 
cussing the action of such a reactor and some operating 
results from its use. It is probable that such a coil 
has a very limited field of application and that on 
comparatively small low-voltage systems or very short 
lines up to perhaps 110,000 volts where the charging 
current is of low value and a reasonable percentage of 
error in tuning will not be likely to allow sufficient 
current to flow over the insulator to maintain an arc. 

Cable Systems 

The practise in grounding underground cable systems 
which are usually supplied direct from the generators 
witibout; tiie interposition of transformers has in the 
main, been somewhat different from the practise on 
overload transmission systems. The greater number 
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of such systems are operating with the neutral grounded from one conductor to the sheath rather than from con- 


as is the case on overhead lines but a much smaller 
proportion are operating solidly groimded. It has been 
quite common practise on such systems to use a small 
amount of grounding resistance designed to limit the 
fault current to a value calculated to trip overload 
relays. A few are operating with solid grounds and a 
few with comparatively high resistance but the latter 
are so few in number as to require little comment. 
No difficulty from telephone interference need be 
provided for and the object of extremely low fault 
current being absent accounts for the difference in 
practise in this respect as the same difficulties are met 
in selective relaying from the low short-circuit current 
complicated by.high ground charging current. 

The most usual method of grounding the neutral of 
an underground system is to ground one generator 
through a resistor at each generating station, provision 
being made to ground any one unit at a time for the 
sake of flexibility. This practise grew from the fact 
that in the early days generator wave shapes differed 
widely and large third harmonic currents were likely 
to circulate between neutrals if more than one unit were 
grounded at a time. Modem generators have only a 
slight third harmonic and such circulating currents 
will be negligible in most cases. There is, however, no 
great object in grounding all the generators in a station 
where a resistor is used as in most cases one unit can 
provide all the short-circuit current that can pass 
through the resistor. 

Underground cable systems have grown in extent 
and amount of power handled, at a rate that is compar¬ 
able with the growth of overhead systems and there is 
a marked tendency just at this time for even more 
rapid growth. The generating stations being Con¬ 
structed by the larger companies are making the dis¬ 
tribution of this power more and more difficult to handle 
and the voltage of cable distribution is increasing at a 
rapid rate. At this time, there is a considerable amount 
of 22,000 to 24,000-volt cable in operation and some at 
26,400 volts and one or two installations in the United 
States of 33,000-volt, 3-conductor cable. There are 
also one or two installations of 66,000-volt, single¬ 
conductor cable being seriously considered. Abroad 
they have been operating 33,000-volt, 3-conductor cable 
for sometime, have a 50,000-volt, 3-conductor system 
about to go in operation and two or three 60,000-volt, 
single conductor cable systems working. In all of the 
higher voltage cable installations the neutral has been 
grounded and up to date, ever 3 rthing above 26,000 
volts, has had this neutral solidly grounded. Ground¬ 
ing in this manner definitely insures a limitation of the 
voltage strain to ground, during faults, not exceeding 
the leg voltage, which in the present state of the art 
at least would seem to be ^remely desirable. 

There seems to be a preponderance of evidence from 
operation of underground cable systems to indicate that 
. practically all cable faults occur initially as breakdowns 


ductor to conductor. The limitation of the ground 
current thus caused to flow by means of resistance in 
the neutral of the generator or transformer feeding the 
system and the use of selective relays with extremely 
short time setting gives a good chance of clearing the 
trouble before the fault can develop into a phase-to- 
phase short circuit. Of course the greater proportion 
of underground cable troubles have developed in the 
the cable joints rather than the cable itself and there 
is probably considerably greater tendency for such 
breakdowns to go from conductor to conductor in the 
joint than in the cable itself, so that we are probably 
getting a large number of short circuits on our cable 
system that are not limited by the neutral resistance. 

In higher voltage cable such as 26,400 or 33,000 volts, 
it is problematical as to whether cable breakdowns 
from conductor to sheath may not develop so rapidly 
as to produce phase-to-phase short circuits before the 
switches can open on both ends of the cable even with 
the minimum time of operation possible with relays. 
If this proves to be the case the advantage of neutral 
resistance for limiting the current will be lost and it is 
probable that better operation will follow from dead 
grounding of such systems. 

Many of the systems now in operation have been laid 
out for radial distribution and there is a marked tend¬ 
ency toward the use of reactors to limit the current 
that can be fed into a short circuit on any cable. 
With such an arrangement it is common practise to 
use reactors of about 3 per cent reactance based on the 
rating of the table. Generating stations of the large 
capacity now becoming general are not seriously 
jolted by a short circuit of even 33 times the capacity 
of a given feeder, especially as the use of bus reactors 
to partially segregate the station are in quite common 
use. This again probably precludes the necessity 
of neutral resistance to limit the short-circuit current. 

Several recent large generating stations have been 
built with a radically new bus arrangement generally 
referred to as “isolated phase” construction. The main 
object in such an arrangement is to preclude the possi¬ 
bility of a bus short circuit as all parts of each phase are 
isolated from the other two phases. The only way in 
whidb a short circuit can occur will be to ground and 
here we obtain a definite advantage from the use of 
neutral resistance which will limit the possible short 
circuit in the station to the value of current that will 
pass through the resistor. In such stations it is common 
practise to use reactors on all feeders, and in many cases 
reactors in the generator leads, omitting the use of bus 
reactors for partial isolation of sections of the station. 
The only manner in which a station short circuit can 
occur is through two simultaneous breakdowns to 
ground which should be ah extremely rare occurrence. 
If neutral resistance is used vdth Such an arrangement 
of a value Sufficient to limit the current to that necessary 
to trip overload relays dr to a value from 1000 to 1600 
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amperes, it is probable that the heaviest arc that could 
be expected would be of this value. If neutral resist¬ 
ance were not used, and the practise maintained of 
grounding one generator at a time, the current in this 
arc might be as high as 26,000 or 30,000 amperes to 
ground in some of the larger stations. 

At the present time there seems to be little agreement 
among engineers as to the best method of grounding the 
neutral on cable systems. There is some tendency 
toward reducing the resistance in the neutral to a very 
low value or to leaving it out altogether. The writer 
hesitates to give an opinion as to which is the better 
method, but is inclined to think that the omission of 
resistance is not out of the question, from an operating 
standpoint, and to feel that lower voltage strains on the 
complete system would ensue from such a practise, for 
reasons similar to those discussed for overhead line 
practise. 

Underground cable systems may be grounded in 
similar ways as discussed for overhead lines and the 
different methods have a similar influence on theamount 
and distribution of short-circuit current. The only 



Fia. 7—Two Generators in Multiple, Neutral op One 

Only Grounded 

Line ground at "G”. Owrent flows to line ground from both generators, 
as illustrated. 

distinctive difference lies in the tendency for circulating 
currents between neutrals of generators where it is 
usually of less importance than between the neutrals of 
transformers. It is quite general practise to wind high- 
voltage generators for Y connection and a ready means 
of grounding is thus provided. 

It was shown in Fig. 5, that a delta-Y transformer at 
a generating station not only furnishes current direct to 
a fault to ground from its own generators but in addi¬ 
tion may furnish extra current from its function as a 
grounding transformer from other generating stations. 
A generator with a grounded neutral will act in a similar 
manner furnishing current generated internally in the 
ground phase and also extra current coming from other 
ungrounded neutral generators. This current flows 
from the ungrounded neutral generators to ground on 
the phase in trouble and returns through the neutral of 
the grounded neutral generator and thence back over 
the other two phases to the ungrounded neutral 
generators. (See Fig. 7). 

Should it be impracticable or undesirable to obtain a 
neutral ground by the direct grounding of generator 


neutrals, the system may be grounded through F-delta 
transformers Y-Y transformers with tertiary delta, 
zigzag connected transformers, etc., as in the case of 
overhead systems and the calculation of the rating of 
such transformers would follow the same general method 
as outlined. 

The effect of different methods of grounding the neu¬ 
tral of a cable system on the function of various t 3 q)es 
of relays is similar to that on overhead lines although 
there are in use in some cases certain relay schemes on 
underground networks not generally considered appli¬ 
cable to overhead line use. 

Overload relays on radial feeders are used very 
extensively and are only affected by the method of 
grounding to the extent that sufficient.current must be 
available to cause them to trip with a fault to ground. 
For this purpose provision is usually made in grounding 
for a current of two or three times the rating of the 
feeda*. As an alternative scheme for radial feeders 
r^idual current relays are sometimes used in which case 
lower ground current is possible as residual current 
relays may be made more sensitive and set to trip at a 
lower current. 

Relay schemes such as the Merz-Hunter or Cole 
scheme using split conductor cable for differential 
protection or using pilot wires, are peculiarly applicable 
to cable systems and are only affected by the method 
of grounding by the relation of the sensitiveness of their 
setting to the current available in case of a fault to 
ground. While it would seem that lighter ground 
currents would be possible with these relay schemes, it 
is probable that more accurate and consistent results 
would be obtained by working with heavier currents 
with more available energy for the relays. 

Relay schemes such as the case of balanced current 
relays at the source of power and directional relays at 
substations require practically as much current as 
overload relays for selective action. 

It has sometimes been argued that higher resistance 
could be used to ground the neutral of a cable system 
than a high-voltage overhead line system for the same 
protection against voltage strains, on the basis that a 
large amount of energy is stored in the electrostatic 
capacity of the latter system which tends to produce an 
oscillatory arc when discharged to ground. Such an 
argument can hardly be substantiated as the electro¬ 
static capacity of a cable'system is much greater at the 
same voltage than an overhead line system. A 13,200- 
volt, three-conductor cable at 60 cycles has a charging 
current per mile to ground of about one and eight 
tenths amperes, while a mile of 110,000-volt line at 60 
cycles has a charging current of only about one half an 
ampere. It is evident that a 60-cycle system consisting 
of 13,200-volt cable of the same total mileage as a 
110,000-volt overhead line systein discharged to ground, 
would have more than three times the amount of leading 
current in the arc and a consequent greater destructive 
tendency. 
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The presence of the high charging current in an arc 
from conductor to sheath in an extensive cable system 
tends to nullify the effect of an unduly high resistance 
in the neutral for the purpose of limiting the current to 
a low value, as the charging current does not return 
through the neutral and hence is not limited by it. 
A 13,200-volt, 60-cycle cable system with 600 miles 
of cable would have a chai*ging current to the sheath 
of over 1000 amperes and on account of the indefinite¬ 
ness of its path in the system tends to make relaying 
unreliable. Such a large leading current is almost 
sure to produce a destructive oscillatory arc unless the 
short-circuit current combined with it, is of high enough 
value to stabilize it. 

The relay protection of generators is influenced to 
some extent by the method of grounding the neutral 
of the system. As units are becoming so large and 
represent such a heavy investment, it is important 
that an adequate relay scheme be employed to preserve 
them from excessive damage resulting from electrical 
breakdown. It is necessary to open the oil circuit 
breakers, disconnecting them from the bus and to open 
their field switches, as well, in the minimum possible 
time after a breakdown to prevent excessive burning. 
The relay scheme almost universally employed is to 
use sensitive quick acting relays, differentially con¬ 
nected to current transformers in the neutral and line 



Fig. 8—NKUTEAt. Geoundino Resistance pon 13,200-Volt 

Service 


grounding generator neutrals consists of the grid type 
similar to Fig. 8. All parts are of standard construc¬ 
tion in general use for starting resistors for induction 
motors and show a high efficiency as to space, first cost, 
relkbility. and minimum of maintenance cost. Such 
r^istors can be safely operated for short time duty at 
tempa^tures up to 400 degrees cent, and thus absorb 
a great amount of energy for the space taken up. When 
it is realized that a 1200-ampere, 6.3-ohm resistor in the 
neutral of a 13,200-volt generator must absorb 9100 kw.. 



MINUTES 

PiQ. 9 —Relation op Weight and Cost to Duty in Time op 
A 1200-Ampere, 5-Ohms, 13,200-Volt Resistor 

the importance of working materials to their limit, will 
be apparent. 

A factor of great importance in selecting a neutral 
resistor is the length of time to be specified for safe 
operation. The size, weight and cost of such a re¬ 
sistor increases very rapidly with increase in the time 
for which it is designed. Curve Fig. 9, shows the rela¬ 
tion of cost and weight to duty in time of a 5-ohm, 
1200-ampere resistor. 

Practise varies widely in respect to the time specified 
for such resistors but the tendency is to make it as 
short as possible on account of the great saving in first 
cost. There are many resistors in operation designed 
for 30-second duty and they range from that all the way 
up to 10 minutes. 

The principles on which the rating should be based 
are not entirely clear and the issue is usually decided 
on more or less a compromise basis. The primary 
function of such a resistor is for the purpose of limiting 
the current flow to ground for the time necessary to clear 
the short circuit. Most relay schemes are laid out with 


end of each phase. A breakdown to ground causes 
current to flow back through the neutral current trans¬ 
former and not through the line current transformer, 
thus producing differential current to operate the 
relays. Should such a ground develop close to the 
neutral end of the winding, this unbalance will be small 
and if limited by a neutral resistance of high value may 
delay the action of the relays and extend the damage to 
the generators. 

The most usual type of neutral resistor used for 


the expectation of tripping the oil circuit breakers in 
a few seconds at most and if they work properly a 
resistor designed for 30-second duty should have ample 
margin of safety. If the circuit breaker or relay fails 
to operate, either due to being out of order or unfore¬ 
seen distribution of current over several feeders, time 
must be allowed for the operator to act and 30 seconds 
is an insufficient time for him to locate the trouble and 
clear it, The assumption may be made that failure of 
relay opsmtion is very remote and that in such a c^e 
theloss of a resistor may not be serious. This of cburse. 
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will depend on the damage that might be eicpected out¬ 
side of the loss of the resistor itself. 

Conclusion 

The author has attempted to outline the major prob¬ 
lems that present themselves for consideration in lay¬ 
ing out a large power system, having in mind the 
lYia-i riTrmm protection feasible for good continuity of 
service. It is evident that future practise in the design 
and operation of power systems, both overhead and 
underground, will be with some form of neutral ground. 

There are various methods of grounding in use, such 
as grounding Y-connected generators direct on through 
resistance, grounding step-up transformers direct or 
through resistance, the use of step-down transformers 
grounded direct or through resistance as well as the 
use of special types of transformers arranged especially 
for grounding purposes such as Y-Y transformers with 
delta tertiary, zig-zag connected transformers, three- 
phase core type transformers connected Y-Y, etc. all 
of which were discussed with the purpose of calling 
attention to the variations in the methods of grounding, 
which the author has tried to make, leads to the con¬ 
clusion that effective grounding for desired results can 
be obtained by any of the methods outlined. The 
choice of method, then becomes one of convenience 
and economics. 

The one important consideration that the author has 
laid the most stress on, is the question of the extent to 
which a system should be grounded for best all around 
protection to equipment and service. Systems have 
been loosely spoken of generally as being grounded 


solidly or grounded through resistance, irrespective of 
the fact that a system grounded solidly through a rela¬ 
tively small part of its total step-up transformer capac¬ 
ity may show less effective grounding than another 
system where low resistance in the-neutral is used. 
The real measure of the extent to which a system neutral 
is grounded depends upon the relation of ground cur¬ 
rent flowing to the full-load current of the system. 

The important function of the grounded neutral is to 
limit voltage strains on the system at the time of faults 
to ground, as experience has shown that such strains are 
the most fruitful source of extended interruption to 
service. Modern apparatus is designed to withstand 
the magnetic and thermal stresses of high current and 
modern relays will protect service under short-circuit 
conditions. Voltage strains, however, are difficult to 
predetermine and expensive to protect against and the 
neutral ground should be selected with this in mind. 

The author has attempted to show that effective 
grounding for limitation of voltage strains can best be 
obtained by allowing comparatively heavy currents to 
flow which means either solid grounding of an appre¬ 
ciable part of the system capacity or a larger part 
through fairly low resistance. 

It has been brought out that from the standpoint of 
continuity of service, which involves the protection of 
apparatus and equipment, the successful functioning of 
relays, etc., that the system with heavy ground current, 
has many advantages. 

Discussion 

For discussion of this paper see page 464. 
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Then Ii Iz ^ j Cg {E-iz “• E^z) 

= j(aCG{-2jE/2VB) 

= CO Cg E -y/ 3 ( 1 ) 

But E = y/^e 

in which e — voltage to neutral, 

Then Ix + h^ScaCoe (2) 

That is, by equation ( 1 ) the current through the 
arc is times the charging current from one of the 
two ungrounded conductors to ground when the third 
conductor is grounded, or by the equation (2) it is 
three times the normal charging current from one of the 
three conductors to ground, when none of the con¬ 
ductors is grounded. 


Let 

Jl = Jl + 1 2 

Then 

e ^ ^ 

"■f — 3 CO Cg e 
CO L 


1 

From which 

“ 3 CO^Co 


In actual practise there is a watt component of cur¬ 
rent due to the losses in the reactor and lines, and this 



0—^Typical Relation op Currents in a Practical Cir¬ 
cuit, WITH Watt as Well as Reactive Components 
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PiQ. 3 —Three-Phase System with Reactor Between 
Neutral and Ground. Figure Shows Flow op Currents 
WITH Arc prom Phase 3 to Ground 
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Fig. 4—Vector Relation op Currents Flowing in Cir¬ 
cuit OP Fig. 3. All Angles Marked by Arrows Equal 
90 Dbg. 
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Fig. 6—^Flow op Current in Circuit op Fig. 3 when There 
IS Pbbpect Neutralization op Lagging aktd Leading Cur¬ 
rents 

Now if a reactor is inserted between the neutral and 
ground as in Fig. 3, a current Jl will flow through the 
reactor and the arc as shown; Vectorially the charging 
currents of Fig. 1 and the reactor current of Mg. 3 may 
be represented as in Mg. 4. 

If we so proportion the reactor that the current It is 
numerically equal to as it is directly opposite 

in phase, the resultant current through the arc will be 
zero, and the final flow of current will be as shown in 
B. 

The inductance necessary to give this relationship 
is found as follows: 

^ e 

Jl- f 

(a L 


cannot be balanced out, but exists as a residual cur¬ 
rent through the arc. (See Mg. 6). In this figure 
_j_ jj is the line charging current and Jl the reactor 
current, both with a watt component, which add up to 
give the total watt or resultant current Jr. The react¬ 
ive components h and h neutralize each other. 

The next question that arises is how to determine Cg, 
the capacitance from line to ground. The writer has 
done this for three t3rpical arrangements by means of 
Maxwell’s coefficients. The arrangements chosen are 
shown in Fig. 7. In each case conductor 3 was 
grounded. The charging currents found, in terms of 
the normal three-phase charging current, are as follows: 


Case A. 

Normal charging current.. =1.00 

Conductor 1 .Ji =1.31 

Conductor 2. 1 2 =1.29 
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Fig. 7—Arrangement op Typical Circuits por Calcu¬ 
lating THE CAPACITAN CE TO GROUND BY MeANS OP MAXWELL S 
COEPPICIBNTS 
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Conductor 3 (beyond ground). I z =0.51 

Ground...........=1-45 

Conductor 3 (generator side of 
ground)......Ja + Jg = 1.96 
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Case B. 

Conductor 1.7i =1.36 

Conductor 2. Ja =1.41 

Conductors (beyondground).Is =0.52 

Ground..'..7 g =1.51 

Conductor 3 (generator side of 

ground)..73 + 7 g = 2.03 

Case C. 

Conductor 1.7i =1.32 

Conductor 2. =1.35 

Conductors (beyondground). Is =0.48 

Ground.....7 g =1.51 

Conductor 3 (generator side of 

ground).73 + 7 g = 1.99 

Average 

Conductor 1. 7i =1.33 

Conductor 2. =1.35 

Conductors (beyondground). Is =0.50 

Ground... 7 g =1.49 

Conductor 3 (generator side of 
ground)..73 + 7 g = 1.99 


Grounding a conductor other than No. 3 may change 
the results slightly, and other configurations may give 


Fia. 8 —Calculated Flow of Cubrent with One 
Conductor Grounded. 

Ourrent Values Expressed in Terms of Normal Three-Phase Charging 
Current. 


Interference of the California Railroad Commission 
and from this has learned that Mr. L. P. Ferris of that 
committee worked out a similar relationship between 
the charging currents of a line with one conductor 
grounded. Mr. Ferris also refers in his report to some 
work done a number of years ago by Mr. Geo. S. 
Humphrey. The fi^es of both Mr. Ferris and Mr. 
Humphrey check fairly well with those of the writer 
as given in the preceding tabulations and in Fig. 8. 

The Alabama Fewer Co. Installation 

The system chosen for a trial installation of the 
neutral grounding reactor is the 44-kv., 60-cycle system 



Fig. 9—One Line Diagram op System on which Reactor 

Tests were Made. 

System is 44 kv. 60 Cycles. 

of the Alabama Power Company extending from Lock 
12 generating station to Montgomery and Selma, 
Alabama. This is not the main 44-kv. network of this 
company, but only a small, though important, isolated 
section. This line is subjected to frequent and severe 



somewhat different results. The presence of a ground 
wire will increase the capacitance of the conductors to 
ground and thereby probably increase the current to 
ground, and consequently increase 7g. 

The results of the preceding tabulation, somewhat 
rounded off, are shown in Fig. 8. From these figures it 
will be seen that the capacitance from the ungrounded 
conductors to ground is about 75 per cent of the normal 
three-phase capacitance from one conductor to neutral. 

Now it is simply necessary to calculate the normal 
three-phase charging current of the line, and multiply 
this by 1.5 in order to get the current to ground, in case 
of a ground on one conductor. Then the neutral 
grounding reactor should be designed for this current. 
That is, the ohmic reactance of the neutral reactor is 
found from the relation: 

X — ——— 

^ " 1.5 7« 


T u , , 

4H:6in 3H-6in| 


w- 






I 

9U0in. 

I 


]5in 

r* 

"A 




|l5in. 

h 

^Telephone 


28ft-5in. 


-Ground Wire 


3fl;6il!. 


45ft.Pole 


IfWOin. 




3fL-6in. I—♦ 

2fl-6in| 


l6ft-Oin. 


12 in.. 




r 


19ft.-0in. 


• Ground Wire 
-Steel 




S. Baijonet 




Sin. 

Jelephone 


•45 ft. Pole 






Fig. 10 (a)—^Arrangement Fig. 10 (b)—^Abbang:^ent 
OF Conductors on Lock-12- of Conductors on the vida- 
ViDA Selma Section. Montgomery Section. 


in which X = reactor ohms lightaiing/disturbances and has given considerable 

e — voltage line to neutral trouble from this cause in the past. 

7„ = normal line charging current. Fig. 9 shows a simplified one-line diagram of the line. 

The writer has recently read Technical Report No. Fig. 10 a shows the arrangement of. conductors 
52 of the Report of the Joint Committee on Inductive Lock 12-Vida-Selma section. Fig. 10 b the yida- 
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Montgomery section and Fig. lOc the Lock 12- 
Mitchell Dam section. 

Following are the data as to the transmission line 
conductors, lengths of line, etc.: 




efUin 


h-Sft- 


12ft.-8tn. 


]?in.8in 

[.•yj 


ISftlOin. 


i 




3 ft-6 in. 
\ 


\ 




No Ground Wir« 


Telephone 


-35ftPole 




Fig. 10 (c)-~-AuuANai!:MBNT of CoNDtrcTous on tub Lock 12- 
Mitchkm.. Dam Section 


Soctiou 

Cnuduclor 

.Spacing 

Ft. 

1, Lock-12-Vlda 

3/0 Alum, 8t«nl core 

6-3.r»-0.1 

2. Vldfi-Solma 

No. 4.Copi»«r 


3. Vldu-Montgomery 

3/0 Alum, stool Coro 

7-4.5-8.3 

4. Lock 12-Mitclioll Dam 

No. 4 Aluminum 

.3.6-3.5-5 


SecUott 

lyongth Ml. 

Oalculatotl 
capacitance to 
Neutral f*/. 

1 . Lock 12-Vida 

27 

0.470 

2. VIda-Solma 

20 

0.37.'} 

3. Vlda-Montgomery 

27,8 

0.4.34 

4. Lock 12-MlfcchoU Dam 

12.2 

0.184 


The calculated capacitance is based on the geometri¬ 
cal mean spacing. The normal charging current, as¬ 
suming balanced line conditions, at 60 cycles and 
46,000 volts (the actual operating voltage) is for the 
total system 14.7 amperes, and for sections 1, 2 and 4 
(that is, omitting the Vida-Montgomery line) 10.35 
amperes. 

In order to take care of various combinations of the 
present line, and some future proposed extensions, as 
well as to compensate for possible errors in calculating 
the current to ground with one conductor grounded, the 
reactor was designed with taps in approximately 6 per 
cent steps from 2015 ohms to 811 ohms. The change 
from one tap to another is made by means of two ratio 
adjusters with control handles at the top of the cover. 


Following is a list of the taps as found by test with the 
corresponding amperes flowing through the reactor: 


Tap 

Reactance 

Olinis 

Amperes 
at 40.000 volts. 

1 

2015 

13.2 

2 

1915 

13.0 

3 

1825 

11.5 

4 

1735 

15.3 

5 

1030 

10.3 

0 

1507 

10.0 

7 

1492 

17.8 

8 

1410 

18.8 

0 

13.57 

19.0 

10 

1270 

20.8 

11 

1207 

22.0 

12 

1140 

23.3 

13 

1088 

24.4 

14 

0.S2 

27.0 

15 

020 

28.0 

IC 

870 

30.5 

1" 

811 

.32.7 


The reactor has no core. It is oil immersed and water 
cooled, and designed to operate continuously at 795 
kv-a. with 55 deg. cent. rise. In order to prevent eddy 
losses in the steel tank, the cooling coils are connected 
as a short-circuited winding in accordance with the 
Kierstead Patent.^ The total losses in the reactor at 
full voltage and maximum current are about 21 kw. 
Fig. 11 is an external view of the reactor and Fig. 12 
an internal view of a similar reactor. 



Fio. 11 —Exteunal View of NmiTUAii GiiofiNDiNo Rkactob 

Occasionally there may be a ground on a conductor 
which is in the nature of a dead ground, for example 
ground wire against a conductor, conductor down on 
ground, baling wire connecting conductor and ground 
wire or conductor and tower, shattered or punctured 
insulator, etc. In these cases, while the grounding 
reactor wo uld neutralize the current at the fault, still 

1. U. S Patent 1,394,910. 
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there would be a large ground current flowing and the 
system would be in a state of voltage unbalance. It 
therefore would be desirable to be able to cut out the 
section of the system in trouble. This is accomplished 
as follows: 

In series with the reactor at the ground end is placed 



a current transformer of suitable ratio. To the; second- 
aiy of the current transformer is connected a definite 
time limit relay, set so that wit.h the minimum current 
through the reactor the relay will operate in a pre¬ 
determined time and energize the closing coil of an 
circuit breaker, which closes around and short-circuits 


tI 


U'V VllH 

■Jltl-I* 


jVfiR foefr V 


t’ 


Hftl I nt'in 


'"'gl.O- 




rtKr. 

- 4 .--. 

Or.rr* 


I 

i. 


I 5 




i 

\ 

.. i 
. 1 -. 
1 


\ 0)' 


“IHa' j 

t 1 • ^ 

I I i 


r:: ’ i 


JCif 
It* 


j M i 

—v--r* f, ■* « 

T-' jir 
i..• 

»• <, j 

'2^‘- 

4 J i *»'»*»■- • 


and the section in trouble is tripped out. This scheme 
was suggested by Mr. E. W. Pragst.- 

Connected to the secondary of the current trans¬ 
former is a recording ammeter, which gives an indica¬ 
tion when current passes through the reactor, and across 



El,;. M.ViKW OK Rkaotou 1 nstalukd 



E„. m -Visw OK On, (niwjtjrr Uhkakkii and Oisronnbctino 
S wiTfuiKH Uhkij wiw Hkactoh 


Pio. 13— Biagham Showing Connkction ok ItKAC'rori ani> 
Auxiuahv Dbvickh in CmauiT 

the reactor. The system now has a dead or solidly 
grounded neutral and short-circuit current flows from 
the power source to the point of line ground. The 
regular protective relays respond to the short circuit 


the red lamp of the oil circuit breaker is a recording 
voltmeter. By these devices a record may be kept of 
the operation of the reactor and the short-circuiting 
breaker. A bell alarm also warns the operator that the 
circuit breaker has closed. 

''‘ITuT’s. Pttttiiil, 1,378,557. 
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TABLE I. 

Summary of Test Results 
All Readings Changed to 46,000 Volts Equivalent 


Voltage 


Test 

Date 

Line to 
Line 

Line to 
Groimd 

Line to 
Neutral 

Neutral 
to Groimd 

1 

2 

3 

N 

G 

L 

1 

11/27 

12/4 

46,000 

46,000 

26,800 

26,700 

369 

793 

9.88 

10.1 

11.05 

11.02 

10.82 

11.07 





Av. 

46,000 

26,800 

26,700 

681 

9.99 

11.04 

10.95 




2 

11/27 

12/4 

46,000 

46,000 



26,800 

26,950 

21.1 

21.4 

14.55 

14.35 

14.2 


17.7 

17.77 

3.85 


Av. 

46,000 



26,875 

21.3 

14.55 

14.28 


17.74 

3.85 

3 

11/27 

12/4 

46,000 

46,000 



29,100 

28,000 

21.3 

21.72 

14.9 

14.33 

14.1 


18.3 



Av. 

46,000 



28,550 

21.51 

14.9 

14.22 


18.3 


4 

11/27 

12/4 

46,000 

46,000 


26,600 


9.6 

10.35 

11.1 

10.7 

10.8 

0.52 

0.59 




Av. 

46,000 


26,600 


9.98 

11.1 

10.75 

0.56 



5 

11/27 

12/4 

46,000 

46,000 


26,400 

1,050 

3,613 

9.22 

9.53 

11.08 

11.43 
. 11.7 

1.58 

2.46 




Ay. 

46,000 


26,400 

2,332 

9.38 

1 

11.08 

. 11.57 

2.02 



6 

11/27 

12/4 

46,000 

46,000 



27,600 

26,400 

6.29 

6.28 

13.9 

14.98 

14.2 

15.3 

14.86 

3.04 

2.6 

3.81 


mi 

46,000 



27,000 

6.29 

13.9 

14.59 

15.08 

2.82 

3.81 

7 

BH 

46,000 

46,000 



27,250 

26,300 

5.14 

6.1 

14.54 

14.28 

,14.15 

14.95 

15.02 

0 + 



Av. 

40,000 



26,775 

5.62 

14.54 

14.22 

14.99 

0 *1- 



Current 


Fig. 13 is a wiring diagram of the auxiliary connec¬ 
tions and shows how the reactor is connected in circuit. 

Figs. 14 and 16 show views of the apparatus in service. 

Tests 

Steady Conditions. 

A series of tests was made under steady conditions 
(no arcs). The Vida-Montgomery section was dis¬ 
connected and tests made on the remaining sections, 
i. e., Lock 12-Vida, Vida-Selma and Lock 12-Mitchell 
Dam. The line was not loaded and the step-down 
transformers at the ends of and along the line were 
disconnected. 

Fig. 16 shows a diagram of connections for these tests. 
The readings were taken by means of current and poten¬ 
tial transformers connected directly to the high-tension 
lines. In Table I are summarized and averaged the 
results of the tests of November 27th and December 
4th, 1921, the results in all cases being changed to 
equivalent figures at 46,000 volts. In tests 5, 6 and 7 
the reactor was set at 1735 ohms. 

In Table II are summarized the calculated currents 
for the various conditions. These calculations are 
based oh a capacitance of 1.035 microfarads for the 
lines in circuit. This would give a normal three-phase 
charging current of 10.35 amperes, and with one 
conductor groimded the following amperes in accprd- 


h (groundedconductor)_ 2 x 10.35 = 20.7 

1 2 (ungrounded conductor).. 1.3 X 10.35 = 13.5 

1 3 (ungrounded conductor).. 1.3 X 10.35 = 13.5 

K (beyond ground). 0.5 X 10.35 = 5.2 

lo (current to ground). 1.5 X 10.35 = 15.5 


Test 1 ^ 

■ 

r: 


C 

Test 2 ^ 


r ^ 

1 -1 .L 

40 

Tests ^ 

[- 


1 -1 -L 5cltn.T 


[- 

- 

-3 

1— 

..- ^ 

1 -1 

__«2_ 


- 

J, 4 

46 


^3 

-L Selma 


Pia. 16 —Diagram of Connections for Tests 1 to 7 iNCLtrsiVE 
Made Under Steady Conditions 

Based bn a current to ground of 15.5 amperes, the 


reactor setting should be 1710 ohms. The nearest tap 
ance with the previous discussion and as shown in Fig. 8. 1735 ohms was used in the tests. Comparing the cal 
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TABLE II. 

Calculated Currents 

Lock 12—^Vida, Vida—Selma, Lock 12—Mitchell Dam Lines 


Voltage 


Line to 
Test Line 


Current 


grounded through reaHor) there is a neutral current 
of about 2 amperes. 

From the oscillogram Fig. 17 it is interesting to note 




46,000 

46,000 

46,000 

46,000 

46,000 

46,000 


26,540 

26,540 

26,540 

26,540 

26,540 

26,540 



10.35 

20.7 

20.7 

10.35 

10.35 

5.18 


10.35 

13.48 

13.48 

10.35 

10.35 

13.48 


7 I 46,000 I 26,540 I 5.18 I 13.48 I 13.48 


These values are what would be expected if the three conductors were 
symmetrically arranged with respect to each other and ground. This not 
being the case in practise, the actual values should differ somewhat from 
the above. 

culated currents with those measured in tests 2 and 3 
we find that the current to ground averages about 18 
amperes against a calculated current of 15.6 amperes. 
Also the current in conductor 1 beyond the ground 
measures 3.85 amperes against a calculated current of 
5.2 amperes. In other words, the current to ground is 
about 16 per cent greater and that to the grounded 
conductor about 26 per cent less than calculated. 




Fig. 18—C D 57281, Test 5, Line Charged, No Load, Reactor 
Between Neutral and Ground 
Curve A, Current in Conductor 2. 

Curve B, Current in Neutral Reactor. 

Curve C, Voltage between Conductors 2 and 3. 
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Fig. 17—C D 67279, Test 4, Line Charged, no Load, Neutral 

Solidly Grounded 

Curve A, Current in Conductor 2. 

Curve B, Current in. groimded neutral. 

Curve C, Voltage between conductors 2 and 3. 

This is very likely due to the ground wire, which in¬ 
creases the capacitance of the ungrounded conductors 
and thereby their charging current to ground. All the 
ground current, whether it goes directly to ground or 
first to the ground wire, must eventually return by way 
of the fault or grounded point on the conductor. 

Using the figure of 18 amperes for ground current, 
then the proper setting of the reactor would be about 
1470 ohms instead of 1710 ohms. It will be interesting 
to compare this figure with that found from the res¬ 
onance point test reported in the next section. 

In test 1 there was measured a voltage from neutral 
to ground of about 600 volts. This is evidently the 
residual voltage due to the unbalanced capacitance from 
the three conductors to ground. If the neutral is 
grounded a current should flow, due to this voltage. 
In t^t 4 (neutral directly grounded) there is a neutral 
current of about 0.6 amperes and in test 5 (neutral 


Fig. 19—C D 57282, Test 6, Line Charged, No Load, Reactor 
Between Neutral and Ground 
Curve A, Voltage between Neutral and ground. 

Curve B, Current In Conductor 1. 

Curve C, Voltage between Conductors 2 and 3. 
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Fig. 20— C D 57293, Test 7, Line Charged, No Load, 
Reactor Between Neutral and Ground. Conductor i 
Solidly Grounded at Selma 

Curve A, Current in Condiictor 2. 

Curve B, Current in Neutral Reactor. 

Curve Ci Voltage between Conductors 2 and 3. 

that the neutral current of Test 4 consists of a funda¬ 
mental and large fifth and sev^^ hannonics,^^ e., the 
sUme Imrmonics as contained in the line charging cm- 
rent. However, in the neutral current of Test 6, (Fig. 
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18) the harmonics have disappeared, leaving the 
fundamental only, although the line charging current 
is practically identical with that of Test 4. The volt¬ 
age across the reactor (Curve A, Fig. 19,) also contains 
a fundamental only. The impedance of the reactor to 
harmonics other than the fundamental is apparently so 
high that they are wiped out. This conclusion is 
confirmed by numerous other oscillograms, for example, 
Fig. 20 curve B shows the current through the reactor 
for Test 7. This is again a pure sine wave of funda¬ 
mental frequency. 

Determination op Resonance Point 

The resonance point was determined in two ways: 
a. Under normal conditions with no conductors 

TABLE III. 

Te.st 12. Dotormination of Resonance Point. 

System Unloaded. No Line Grounds. 

Vida—Montgomery Line Out. 

Jan. 20, 1922. 


Reactor 

Ohms 

Amp. N 
Direct. 

Amp. N 
at 40,000 V 

1207 

3.15 

3.2 

1276 

4.2 

4.27 

1357 

0.4 

0.5 

1410 

7,65 

7.78 

1492 

0.15 

0.25 

1567 

4.3 

4.37 

1630 

3.1 

3.15 

1735 

2,27 

2.31 


Readings at about 113 X 400 = 45,200 volts 
Raining during test. 

See Fig. 21. 

TABLE IV. 

Test 12. Determination of Resonance Point. 


System Normal, Carrying Load 
Vida—Montgomery Line in Dry Weather Jan. 18, 1922. 


Reactor • 
Ohms 

Volts 2—3 

Volts N G 

Current N 
Direct 

Read 

Actual 

Read 

Actual 

811 

114.7 

45,880 

43 

2580 

2.13 



46,000 


2590 

2.14 

870 

114.5 

45,800 

52 

3120 

2.92 



46,000 


3140 

2.04 

929 

114.6 

45,840 

70 

4200 

4,.36 



46,000 


4210 

4.37 

982 

114.5 

45,800 

104 

6240 

6.06 



46,000 


6250 

6,08 

1088 

114.6 

45,800 

67 

4020 

3.46 



46,000 


4040 

3.48 

1140 

114.7 

45,880 

54 

3240 

2.31 



46,000 


3250 

2.32 

1207 

114.0 

46,840 

49 

2940 

1.68 



46,000 


2050 

1.69 

1276 

114.6 

45,840 

43 

2580 

1..35 



46,000 


2590 

1.36 

1357 

113.6 

45,400 

40 

2400 

1.07 



40,000 


2440 

1.00 

1410 

113.8 

45,520 

38 

2280 

0.91 



46,000 


2.300 

0.92 

1492 

113.5 

45,400 

36 

2160 

0.79 



46,000 


2190 

0.80 

1667 

113.8 

45,520 

33 

1980 

0.69 



46,000 


1095 

0.70 

1630 

113.6 

45,440 

32 

1920 

0.60 



46,000 


1950 

0.61 


Pot. Traos. Ratio for Volts 2-3 =400 
.. i< #f .. i> NO-60 

See Fig. 22. 


TABLE V. 

Test 12. Check on Resonance Point 


Wet Weather Conditions Jan. 19, 1922. 


Reactor - 
Ohms 

Current N 
Direct 

Current N 
at 46,000 V. 

811 

2.35 

2.44 

870 

3.35 

3.48 

029 

4.9 

5.09 

082 

5.55 

6.75 

1088 

2.95 

3.06 

1140 

2 1 

2.18 

1207 

1.6 

1.66 


Rain all along line for several hours previous to, and during this test. 
See Fig. 22. 

TABLE VI. 

Test 13. Determination of Resonance Point 
System Cairylng Load. One Conductor Grounded. 


Vida—Montgomery Line In. Jan. 18, 1922. 



Volts 

2—3 

Volts 

N G 

Cur, 

G 

Cur. 

N 

React’r 

Av. 


Av. 


Av. 


Av. 


.Not¬ 

ing 

Read¬ 

ing 

Actual 

Read¬ 

ing 

Actual 

Read¬ 

ing 

Actual 

Read¬ 

ing 

Actual 

1630 

111.6 

44,600 

46,000 

107 

26,800 

27,600 

4.9 

9.8 

10.1 

2.53 

15.2 

15.7 

1567 

111.2 

44,500 

46,000 

106.1 

26,600 

27,400 

4.G3 

9.26 

9.57 

2.63 

15.8 

16.4 

1402 

111.6 

44,600 

46,000 

106.3 

26,600 

27,400 

4.23 

8.40 

8.74 

2.77 

16.6 

17.1 

1410 

111.6 

44,600 

46,000 

105.9 

26,400 

27,200 

3.82 

7.64 

7.87 

2.9 

17.4 

17.9 

1357 

111.0 

44,400 

46,000 

104.9 

26,200 

27,200 

3.34 

6.68 

6.94 

3.05 

18.3 

19.0 

1276 

111.0 

44,400 

46,000 

104.9 

26,200 

27,200 

2.84 

5.68 

6.89 

3.23 

10,4 

20.1 

1207 

111.0 

44,400 

46,000 

104.5 

26,150 

27,100 

2.37 

4,74 

4.9i 

3.4 

20.4 

21.2 

1140 

111.0 

44,400 

46,000 

104.25 

26,100 

27,050 

1.9 

3.8 

3.94 

3.59 

21.6 

22.4 

1088 

111.0 

44,400 

46,000 

104.5 

26,150: 

27,100 

1.45 

2.90 

3.0 

3.8 

22.8 

23.6 

982 

111.5 

44,600 

40,000 

104.6 

26,150 

26,900 

1.19 

2.38 

2.45 

4.2 

25.2 

26.0 

929 

111.5 

44,600 

46,000 

104.65 

26.150 

26,900 

1.63 

3.06 

3.16 

4.46 

27.4 

28.2 

870 

111.5 

44,600 

46,000 

104 

26,000 

26,800 

2.23 

4.46 

4.6 

4.74 

28.4 

29.2 

811 

111.5 

44,600 

46,000 

103.8 

25,950 

26,700 

3.1 

6.2 

6.39 

5.02 

30.1 

31.0 


Pot. Trans, ratio Volts 2-3 —-400 
Volts N-Q =250 
Our. Trans, ratio Our. G - 2 

Cur. N - 6 

See Fig. 23. 

i. 

grounded. In this case the reactor ohms are varied and 
readings taken of the reactor current, which current in 
this case is merely a residual capacitance current due 
to unbalanced capacitance from the three conductors 
to ground. The resonance point is indicated by the 
maximum current. 

b. When one conductor is grounded. The reactor 
ohms are again varied and readings taken of current fiow- 
ing into the ground. This current is the resultant of the 
leading charging current and the lagging reactor cur¬ 
rent, combined with the loss current. At the point of 
resonance this current should be a minimum and con¬ 
sist only of the loss current. 

In Table III are given the readings taken with the 
system unloaded and the Vida-Montgomery section of 
line disconnected. The results are plotted in Fig. 21 
and show that the resonance setting in this case is about 
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Fig. 24—C D 57311, System Loaded. All Lines in Service. Conductor 1 Grounded at Lock 12 by 1 Ampere Fuse Over 

Pin Type Insulator. Neutral Reactor Setting 1630 Ohms. 

Curve A, Current in Neutral Reactor. 

Curve B, Current from Conductor No.l to ground. 

Ciuve C, Voltage between Conductors 2 and 3. 
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Fig. 26 —C D 57310, System Loaded, All Lines in Service. Conductor 1 Grounded at Lock 12 by 1 Ampere Fuse Over 

Pin Type Insulator. Neutral Reactor Setting 1492 Ohms. 

Curve A, Current in Neutoal Reactor. 

Curve B, Current from Conductor 1 to ground. 

Curve O, Voltage between Conductors 2 and 3. 
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Fig. 26— C D 67309, System Loaded, All Lines in Service. Cowuctor 1-P»®^ndbd at^ck 12 by 1 Ampere Fuse Over 

Pin Type Insulator. Neutral Reactor Setting 1357 Ohms. 

Curve A, Current in Neutral Reactor. 

Curve B, Current from Conductor 1 to ground. 

Curve C, Voltage between Conductors 2 and 3. 
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FiOi 27-^ D 67303, System Loaded. All I ines in Service. Condijctor 1 GROUiJDBD at Lock 12 by 1 Ampere Fuse Over 

Pin Type Insulator. Neutral Rbactor Setting 1207 Ohms 

Curve A, Current in Neutral Reactor. 

Curve B, Current from Conductor 1 to ground. 

Curve C, Voltage between Conductors 2 and 3. 























































428 


LEWIS: THE NEUTRAL GROUNDING REACTOR 


Transactions A. I. E. E. 


TABLE VII. 

Arc-Over Tests with Neutral Reactor 


Pin Type Insulator 


Pig. 

C D 

Ohms 

Amperes 

Per cent 
Unbalance 

Arc 

Lasts 

24 

57,311 

1630 

16.3 

40 lead 

10.5 cycles 

25 

57,310 

1492 

17.8 

34 “ 

7.5 “ 

26 

57,309 

1367 

19.6 

27 “ 

8.5 , “ 

27 

57,303 

1207 

23.0 

19 “ 

7.0 “ 

28 

57,304 

1088 

24.4 

10 “ 

9.5 “ 

29 

57,305 

982 

27.0 

Zero 

6.5 “ 

30 

57,306 

929 

28.6 

6 lag 

8.5 “ 

31 

57,307 

870 

30.5 

13 “ 

5.5 " 

32 

57,308 

811 

.32.7 

21 “ 

14.0 “ 


frequency of the circuit consisting of reactor and line 
capacitance for different settings of the reactor by the 


equation/ =-=r. In Table VIII are summarized 

2tVLC 

the results for the reactor settings corresponding to 


and a residual current of 6 amperes circulates through 
the reactor and arc in series. The resonant circuit has 
a natural frequency of 66 cycles. 

Now suppose that the arc breaks. Then the 6 
amperes through the arc cease to flow. The 27 amperes 
in the reactor-condenser circuit tend to die away by an 
o^illation at the natural frequency of the circuit, 66 
cycles. The potential of conductors 1 and 2 decreases 
from 1.732 times normal to normal potential (e) above 
ground. • The potential of conductor 3 increases from 
zero to normal potential (e) above ground. The charges 
on conductors 1, 2 and 3 adjust themselves corres¬ 
pondingly. This adjustment takes place through a 
compound oscillation, consisting of a superposition of 
the normal frequency and the frequency of the resonant 
circuit. 

Fig. 39 illustrates the adjustment of the voltage of 
conductor 3 to ground when the normal frequency is 



Eia. 32—C D 57308, System Loaded, All Lines in Service. Conductor 1 Grounded At Lock 12 by 1 Ampere Fuse Over 

Pin Type Insulator. Neutral Reactor Sbttino 811 Ohms 
C urve A, Current In Neutral Reactor. 

Curve B. Current from Conductor 1 to groimd. 

Curve C, Voltage between Conductors 2 and 3. 


Figs. 24 to 32 inclusive, both as calculated and as 
measured from the oscillograms. 

Assume a reactor setting of 811 ohms. Then cur¬ 
rents will flow somewhat as shown in Fig. 37 (neglecting 



Pig. i33 —^Photograph op Arc Over Pin Type Insulator. 
Reactor Setting 1630 Ohms. Taken with C D 57311 (Fig. 24) 


60 cycles and the frequency of the resonant circuit 
greater than, equal to, and less than 60 cycles. 

From this figure it will be noticed that there is a 



Reactor Setting 811 Ohms. Taken with C D 57308 (Pig. oZ) 


loss current). Fig. 38 represents an equivalent cir- tend^cy for the voltage from condq^ to ground to 
,cuit. A current of 27 amperes circuli^tes in the reso- over-shoot in the adjustment to normal value after the 
nant circuit consisting of reactor and line capacitance, arc is extinguished. Mr. L. F. Blume has shown this 
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in another way by plotting, in polar coordinates, the 
voltage from neutral to ground (voltage across reactor). 
Three of his plots are reproduced in Figs. 40, 41 and 
42, these being respectively for the 49, 60 and 66-cycle 
resonance frequencies. The data for these tests are 



Fia. 35 —Photogbaph 
OP Abo Ovbb Thkbe 
Suspension Insulatob 
Disks. Reactob Set¬ 
ting 1630 Ohms 



Fig. 36 —Photogbaph op Abc 
OvEB Thbee Suspension Insula- 
TOB Disks. Reactob Setting 811 
Ohms 


is 90 deg. ahead of the current. After plotting these 
to scale it is then possible to determine at any instant 
the voltage from any point to ground, the ground being 
considered to occupy successive positions along the 
spiral. Thus in Fig. 40 at the instant the arc breaks,, 
the voltage from conductor 2 to ground is the distance 
2-G, conductor 3 to ground 3-G, and neutral to ground 
0-G, conductor 1 being at ground potential. At the 
instant represented by the first positive peak after the 
arc breaks the voltages are respectively from conductor 
3 to ground 3-Gi, from conductor 2 to ground 2-Gi, 
from conductor 1 to ground 1-Gi and from neutral to 
ground 0-Gi, etc. The voltage from neutral to ground 


• 6 Amp. 


Arc 

-X- 


=i=r*iii 

27Amp.V6Amp. 


1 


■ 6 Amp. 


TABLE VIII. 

Natural Frequency of Resonant Oircuit 


Fits. 


24 

25 
2G 

27 

28 
20 
SO 

:u 

82 


C D 


57,311 

57,310 

57,309 

57.303 

57.304 

57.. 306 
57,300 
57,307 

57.. 308 


Ohms 


1630 

1402 

1357 

1207 

1088 

082 

029 

870 

811 


L 

Henry 


4.32 

3.95 

3.6 

3.2 
2.88 

2.6 
2.46 

2.3 
2.15 


C 

Mf. 


2.7 

2.7 

2.7 

2.7 

2.7 

2.7 

2.7 

2.7 

2.7 


Natural 

Frequency 

Calculated 


47 cycles 
49 “ 

51 “ 

54 “ 

57 “ 

60 “ 
62 “ 
64 « 

66 “ 


Natural 

Frequency 

Measured 


47 cycles 
49 “ 

51 “ 

54 “ 

57 “ 

00.75 “ 
02.5 ” 
63 “ 

66 “ 


taken directly from the oscillograms. Figs. 25, 29 and 
32 as follows: 

Curve A of the oscillograms shows the current in the 
neutral reactor. This may equally well be taken for 
the voltage across the neutral reactor, this voltage 
having the same shape and being at all times the prod- 


PiQ. 38 —Equivalent Diagram, Showing Resonant Circuit 





Fig. 37—Three-Phase Circuit with Neutral Grounding 
Reactor Ohms Opp Balance. Assumed Flow op Currents 


uct of the current in the reactor tirhes the ohms. 
The amplitude of the reactor voltage may therefore be 
measured on the oscillograms and the angle of lag or 
lead determined by comparison with the reference 
voltage, Curve G, remembering that the reactor voltage 


Fig. 39—^Adjustment op Voltage From Faulty Conductor 
TO Ground After Arc Breaks 

a,_^Natm'al frequency of resonant circuit greater than that of supply circuit. 

b_Natural frequency of resonant circuit same as that of supply circuit. 

c_Natural frequency of resonantcircuit less than that of supply circuit. 

does not finally go to zero but remains at some value 
such as 0-Gii on account of the residual ground current 
which fiows through the reactor at all times. 

It will be noted that on some of the oscillograms the 
curve of current in the neutral rea.ctor after the arc 
breaks apparently decreases to a minimim value and 
then increases, in other words has an anti-nodal point. 
Fig. 43 illustrates this nicely. This is becau.se the cur¬ 
rent in the reactor consists of the oscillation current at 
the natural frequency of the oscillation circuit, super¬ 
imposed on the 60-cycle residual ground current. At 
times their maxima coincide and at other times oppose 
and the anti-nodes appear at the points of opposition. 
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We have thus seen that there is the theoretical 
possibility when the arc-breaks of a voltage building up 
from the faulty line to ground greater than the normal 
line to neutral voltage and from the sound lines to 
ground greater than the normal line to line voltage, in 
ease there is a difference between the resonant and supply 



Pia. 40—^PoiiAK Diaqbam of Voltage Oscillation After 
Breaking op Arc. From C D 57310 (Fig. 25). Reactor 
Setting 1492 Ohms. Frequency Decreases Prom 60 to 
49 AT Instant Fuse Blows 



Pig. 41—^Polar Diagram op Voltage Oscillation After 
Breaking of Arc. From O D 57305 (Pig. 29). Reactor 
Setting 982 Ohms. Frequency Decreases Prom 60 to 59.4 
AT Instant Fuse Blows 



Pig. 42—^Polar Diagram op Voltage Oscillation After 
Breaking of Arc. Prom OD 57308 (Pig. 32). Reactor 
Setting 811 Ohms. Frequency Increases From 60 to 66 
AT Instant Fuse Blows 

frequencies, i. e., providing the reactor setting is not in 
exact resonance. Ijet us see what the tests show in 
this respect. 

Two tests were made at the 982 ohm setting (reso¬ 
nance setting), arcing over a ^-inch horn gap from 
conductor 1 to ground. The oscillograms showed the 


(3-ROUNDING reactor Transactions A. I. E. E.- 

following: (a) the wave of voltage line 1 to ground went 
abruptly to zero at the making of the arc and at the 
breaking of the arc slowly increased to normal, (b) 
The voltage from line 3 to ground jumped from normal 
to about 40 per cent above normal (should theoreti¬ 
cally go to 73 per cent above normal for a dead ground), 
(c) The voltage from neutral to ground goes to a value 
of about 26,800 root-mean-square volts (theroetically 
should be 26,600 volts) and remains at this value 
throughout the arc, except that at the first half cycle 
after the arc is made there is a peak 5 to 20 per cent 
greater than the steady peak value. 

With the 1207 ohm setting (19 per cent unbalance 
leading) three tests were made, one with an arc over a 
^-inch gap and two over a 33/^-inch gap from conductor 
1 to ground. The oscillograms showed (a) wave of 
voltage line 1 to ground, after the arc broke, went 
through a slow oscillation increasing above normal then 
decreasing to less than normal and finally increasing 
to normal. The maximum was about 35 per cent above 
normal, (b) The voltage from line 3 to ground in¬ 
creased from normal to a steady value of 50 per cent 
over normal and for a half cycle to about 70 to 76 per 
cent above normal. (Should go to 73 per cent above 
normal as a steady value for a dead ground), (c) The 
voltage from neutral to ground goes to a steady value 
of about 26,800 volts, but at the first half cycle after 
the arc is made there is a peak 15 to 25 per cent greater 
than the steady peak. Fig. 44, Fig. 45 and Fig. 46 are 
typical. 

As far as the oscillograms are concerned for the 
limited number of settings tried, there is no overvoltage 
from any conductor to ground beyond the 73 per cent 
excess voltage expected from two conductors to ground 
when the third conductor is grounded. From neutral 
to ground there is a half-cycle peak about 25 per cent 
above the line to neutral voltage expected with one 
conductor grounded. Possibly a further unbalance in 
the reactor setting would increase these figures some¬ 
what. 

Some check tests were made on this point by means 
of a 12^-cm. sphere gap, with one sphere connected to 
ground and the other sphere connected to the line con¬ 
ductor by means of four disk insulators, arranged two 
in series and two in multiple. Readings were taken 
for the four tests just described and also for three 
additional tests in which arcs were made from conductor 
1 over 3J^-inch horn gaps and with reactor settings 
of 1630 ohms (40 per cent unbalance leading), 1207 
ohms (19 per cent unbalance leading) and 811 ohms 
(21 per cent unbalance lagging). The insulator and 
gap were arranged in some of the tests between con¬ 
ductor 1 and ground and in others between conductor 2 
and ground. The sphere gap was set above the ex¬ 
pected arcing distance and then screwed down until it 
arced. The results are given in Table IX. 

The figures of Table IX may be discussed as follows: 
With the sphere located between conductor 1 and 
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ground and the 1207 ohm setting, the sphere gaps arced 
over in one case at 9.5 kv. and in another case at 14.5 
kv. With the sphere from conductor 2 to ground and 
the 1207 ohm setting, the sphere gap arced over at 25 
kv. in one case and 30 kv. in another case. With the 
1630 ohm setting the spheres arced over at 30 kv. and 
with the 811 ohm setting at 25 kv. Now in order to 
interpret these results, it would be necessary to know 
the division of voltage between the spheres and the 
insulators. This division of voltage depends upon the 
relative capacitances of the sphere gap and insulators, 
and on whether the spheres are grounded or not. 


that high-voltage switching operations on grounded 
neutral and ungrounded neutral systems commonly 
give overvoltages 70 to 80 per cent above normal 
(theoretically twice normal), also that single-phase 
short circuits from line to neutral on grounded neutral 
systems will so distort the voltage triangle as to give 
an overvoltage between the two uhshort-circuited 
conductors of approximately 80 per cent. Overvoltages 
less than these values should therefore not be con¬ 
sidered excessive. 

Short Circuit prom Line to Line 
Some tests were made to detennine whether or not a 



Pig. 43 —C D 57257-B. System not Loaded. Vida-Montqomery Line Out. Conductor 1 Grounded at Lock 12 by 

1 Ampere Fuse Over 3.5 Inch Horn Gap. Neutral Reactor Setting 2015 Ohms 
Curve A, OorrenC In Neutral Reactor. 

Curve B, Current from Conductor 1 to ground. 

Curve C, Voltage between Conductors 2 and 3. 


This is further complicated by the fact that the capac¬ 
itance of the spheres varies with the setting, being 
greater with smaller settings. It is possible that the 
division of voltage is such as to give rather high momen¬ 
tary voltage from line to ground. However, if so, this 
is not sufficiently prolonged to show itself on ‘the oscil¬ 
lograms, and therefore is probably relatively harmless. 



Fig. 44—C D 57367-A. System Loaded. All Lines in 
Service. Conductor 1 Grounded at Lock 12 by 1 Ampere 
Fuse Across 3.5 Inch Horn Gap. Neutral Reactor Setting 
1207 Ohms 

Curve A. Voltage from Neutral to ground. 

Curve B, Voltage from Conductor 1 to ground. 

In considering the question of overvoltages, we must 
remember that all tralnsformer? (except those with 
graded insulation, which at pri^ent are not very com¬ 
mon) are tested at 3.46 times normal (line to ground) 
voltage and that the line insulation has this much or 
greater factor of safety. Also it must be remembered 


TABLE IX. 

Test 15. Measurement of Voltage Rise 
During Arcing Test 

12K Cm. Spheres Placed on Ground Side of 4 Insulator Discs Arranged 
Two Series and Two Multiple. 

Arc from Conductor 1 to Ground Over Horn Gap. 


Jan. 19, 1922 


Reactor 

Ohms 

Horn 

Gap 

Setting 

Inches 


Sphere Gap 

Sphere Gap 
Arc or 
Not Arc 

Oscilio 

C D 

Located 

Cm. 

Kv. 

982 

H 

1-G 

1.65 

35 

No 

57,360-1 



1.2to 

26 to 

No 

57,362-3 




1.0 

21 



1207 

H 

1-G 

1.2 to 

26 to 





0.51 

10 

No 

57,364-5 


• 


0.5 

1 9.5 

Yes 1 


1207 


1-G 

0.5 to 1 

9.5t0 


57,366-7 


0.72 

14.5 

Yes 




0.73 

15 

No 


1207 


2-G 

2.45 

50 

No 

57,368-9 



2.1 

44 

No 





1.65 

35 

No 





1.0 

20 

Yes 





1.15 

25 

Yes 





1.4 

30 

No 


1630 

3K 


1.4 

80 

Yes 




1.65 

35 

No 





1.65 

35 

No 


1207 

Z14 

2-G 

'i.4'^^ 

30 

Yes ' ■ 



1.65 

35 

No 


811 

Z'A 

2-G 

1.4 

30 

. No^'/ 



1.15 

25 

Yes 
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Fig. 45—C D 57368. System Loaded. All Lines in Service. Conductor 1 Grounded at Lock 12 by 1 Ampere 

Fuse Across 3.5 Inch Horn Gap. Neutral Reactor Setting 1207 Ohms 

Curve A, Current In Neutral Reactor. 

Curve B, Ciurent from Conductor 1 to ground. 

Curve C, Voltage from Conductor 3 to ground. 



Fig. 46—CD 57369. 


System Loaded. All Lines in Service. Conductor 1 Grounded at Lock 12 by 1 Ampere 
Fuse Across 3.5 Inch Horn Gap. Neutkal Reactor Setting 1207 Ohms 

Curve A. Voltage from Neutral to ground. 

Curve B, Voltage from Conductor I to ground. 



47—c D 67372. System Not Loaded. Vida-Montgomery Line Out. Neutral Grounded Through 

at 1410 Ohms. Short Circuit Between Conductors 2 and 3 at Vida 


Reactor Set 


Curve A. Voltage from Conductor 1 to ground. 
Curve B, Voltage between Conductors 2 and 3. 




Pig.-48a 

jPiQ, 4^0 D 57375-A, 0 D 67375-G. System not Loaded. Vida-Montgomery Lii^ Out. 

R-wnw/p rjTnnTTTT Between Conductors 2 and 3 at Vida. 


48b 

Neutral Solidly 


Curve A, Current in groimded neutral. 

Curve B, Voltage from Conductor 1 to ground. 
Curve O, Voltage between Conductors 2 and 3. 


Grounded 
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single-phase line to line short circuit would cause a 
voltage rise from the unshort-circuited line to ground. 
The system was not loaded, and the Vida-Montgomery 
line was out. A single-phase short circuit was placed 
between conductors 2 and 3 at Vida and the switch 
closed at Lock 12. Voltage was measured from Line 
1 to ground and between lines 2 and 3. Tests were 
made with the neutral grounded through the reactor, 
set at 1410 ohms, and also with the neutral solidly 
grounded. Fig. 47 illustrates the case with reactor. 
Fig. 48 the case with the neutral solidly grounded. It 
is interesting to note that in Fig. 47 there is a momen¬ 
tary rise at the make and break of the short circuit of 
67 to 58 per cent in the voltage from line 1 to ground. 
In Fig. 48 there is a voltage rise of about 63 per cent 
at the break of the short circuit. In other words there 
is about the same voltage rise whether the neutral is 
grounded solidly or through a reactor, and this is 
probably solely due to the distortion of the voltage 
triangle by the short-circuit current acting [on^the 
generator voltage. 

Solid Grounds on Line 

As previously explained when a solid ground occurs 
on a conductor, means are provided to cut off the sec- 



Fig. 49 —C D 57262. System Not Loaded. Vida-Mont- 
ooMBUY Line Out. Neutkal Reactor Setting 1735 Ohms. 
Conductor 1 Somdly Grounded at Lock 12 and Reactor 
Automatically Short Circuited. Thus Placing Short 
Circuit on System 

Curve A, Current In Neutral Resactor. 

Curve B, Short circuit current. 

Curve 0, Voltage between Conductors 2 and 3. 

tion in trouble at a predetermined time. Fig. 49 and 
Fig. 50 illustrate the action of this device. 

In Fig. 49 the top wave is the current through the 
reactor due to the solid line ground on conductor 1 at 
Lock 12. About the middle of the oscillogram the oil 
circuit breaker closes and short-circuits the reactor, 
the reactor current going slowly to zero. Short-circuit 
current then flows (middle wave) until the line is dis¬ 
connected by the overload relays. The bottom wave 
is the voltage between conductors 2 and 3 and it is 
interesting to note that this increases in value to a 
marked extent, the highest peak being about 90 per 
cent greater than normal. 

In Fig. 50 the middle wave is the reactor current. 


which is residual current only until the line ground is 
thrown on about ^ of the distance from the left end 
of C D 57302-A. At the end of the two seconds the 
oil circuit breaker short-circuits the reactor and the 
reactor current goes to zero (just beyond the center of 
C D 57302-jB.) The short-circuit current then appears 
in the top wave and is cut off by the line oil circuit 
breaker near the end of the oscillogram. The bottom 
wave is the voltage from conductor 1 to conductor 3, 
which increases during the time of short circuit at the 
maximum peak about 70 per cent above normal voltage 
and about 30 per cent during the sustained period of 
the short circuit. 

The relay connected to the secondary of the current 
transformer in series with the reactor, in this case was 



Pig. 60b 

Pig. 50— C D 67302-A, C D 57302-B. System Not Loaded. 
Vida-Montgomery Line Out. Neutral Reactor Setting 
1736 Ohms. Conductor 1 Solidly Grounded at Lock 12 
AND Reactor Automatically Short Circuited, Thus Placing 
Short Circuit on System 

Curve A, Short circuit current. 

Curve B, Current in Neutral Reactor. 

Curve C, Voltage between Conductors 2 and 3. 

set to operate in two seconds and on about 12 amperes, 
and in Fig. 50 it mil be noted that the reactor oil cir¬ 
cuit breaker closed in just 120 cycles after the ground 
was placed on the circuit. 

Limitations in Use and Other Forms op Device 

From the vuiter's study of this device he is of the 
oi^bn that its use ^11 be J^iteci for the^^^ to 
comparatively low-voltage lines of moderate length, 
i. perhaps up to 66,000 volts, or in a fet7 ca^s up to 
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100,000 volts if the length is short. The reason for 
this limitation is as follows: The current through the 
reactor is affected by the line reactance. In the case 
of a short line or low-voltage line this is comparatively 
small. For example, the Alabama line we have been 
considering has about 20 ohms reactance, which added 
to 982 ohms makes an insignificant change in the reactor 
current. On the other hand a typical 164,000-volt 
line may require 200 ohms in the reactor and reactance 
of the line itself may be 150 ohms. It is probable that 
the residual current in this case would maintain the arc. 

In this country the device appears most applicable 
to those systems which are now operating isolated 
neutral, and which for some reason connected with the 
operation or apparatus, do not wish to go to the solidly 
grounded neutral. 

If more than one point is grounded, a reactor must be 
provided for each point. 

If there are no points suitable for grounding, an 
artificial neutral may be provided by means of a ground¬ 
ing transformer connected Y-delta, the Y being con¬ 
nected to the high-tension line and the reactor placed 
between its neutral and ground, or the reactor may be 
connected in one comer of the low-tension delta, or the 
neutral of the transformer may be grounded solidly 
and the necessary reactance placed inherently in the 
transformer between high-tension and low-tension 
windings. 

It has been suggested that with each section of the 
line a reactor be provided, which may be switched on 
and off with the line section, thus providing a good bal¬ 
ance at all times. Such a reactor may take any of the 
forms previously mentioned or it may consist merely of 
a reactor between each of the three conductors and 
ground, this reactor being designed to balance the 
capacitance to ground of that section of the line. If one 
conductor become grounded, then the reactor on that 
phase is short-circuited as well as the capacitance to 
ground, while on the other two phases the reactor and 
capacitance as well are raised to the same voltage 
above ground, and therefore still neutralize each other. 
By this method, the reactors being in circuit at all 
times, tend to counteract the normal line charging 
current, which is sonietimes useful for line regulation. 

Conclusion 

Calculations show that the current to ground when 
one conductor of a three-phase system is grounded is 
approximately 1.5 times the normal three-phase charg¬ 
ing current. Tests pn one system show that if the 
system has a ground wire the ground current is increased 
about 20 per cent. 

About 50 arcover tests were made with the neutral 
grounding reactor in service, and various settings of 
reactance both in and out of balance. The reactor 
satisfactorily performed its function as an arc ex¬ 
tinguisher. FVom the tests it would appear that con¬ 
siderable tolerance is permissible in the setting of the 
reactor. 


From the standpoint of voltage stresses, the system 
with reactor is more like an isolated neutral system 
than a grounded neutral system, except that the ex¬ 
cessive voltage rises due to arcing grounds which occur 
on an isolated neutral system are eliminated. There is 
a possibility of overvoltage when the arc breaks due to 
a difference between the resonant and supply frequen¬ 
cies, providing the reactor setting is not in exact reso¬ 
nance. 

The system with reactor has an advantage over the 
grounded neutral system in that arcs are eliminated 
without short circuit, which is desirable since short 
circuits cause mechanical stress to apparatus as well as 
frequent interruption of service. 

In the case of a dead ground on the line, the reactor 
is short-circuited, the neutral grounded and the circuit 
cleared by line relays. The device designed to take 
care of this operation satisfactorily performed its func¬ 
tion in test. 

In the writer's opinion the device will be limited to* 
comparatively low voltage and short systems for the 
present, owing to the expense of installing on high 
voltage and long systems and the difficulty of obtaining 
a current balance at the arc. Owing to the popularity 
of and satisfaction achieved with grounded neutral 
systems in this country, the use of the grounding reactor 
will probably be limited mainly to isolated neutral 
systems, whose operation is not satisfactory, but on 
which for some reason it is not wished to solidly ground 
the neutral. 

On the system tested there was a small current flowing 
at all times to the solidly grounded neutral, due to un¬ 
balanced line capacitance. This current contained fifth 
and seventh harmonics. The neutral reactor caused 
this current to increase appreciably but the fifth and 
seventh harmonics were totally eliminated. 

The writer wishes to acknowledge the hearty co¬ 
operation of Mr. J. M. Oliver, Operating Engineer of 
the Alabama Power Company, and his assistants, also 
that of Messrs. M. A. Rusher and C. L. Schermerhom 
of the General Engineering Laboratory of the General 
Electric Company in making the tests. 
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Operating Performance of a Petersen Earth Coil 

BY J. M. OLIVER and W. W. EBERHARDT 

Associates, A. I. E. E. 

Both of the Alabama Power Co., Birmingham, Ala. 


Review of the Subject.—This paper is a report on the 
Alabama Power Company's operating exp&rience with a Petersen 
Earth Coil installed between the neutral and ground of a 120-mile, 
44,000-volt, S-phase, star-connected, 60-cycle system. 

A Petersen coil is essentially an inductive reactance of such value 
as to maintain resonance with the capacitance of the system to ground 
at the fundamental system frequency. With a ground on one wire 
the current through the fault is reduced to such a low value as to 
prevent maintenance of an arc. Therefore, on the assumption that 
the majority of phase-to-ground short circuits start as insulator 
flashovers, the installation of such a device as a Petersen coil which 
would snuff out flashover arcs should considerably reduce the number 
of interruptions to the line. 

By means of proper relaying, cases of trouble outside of the opera¬ 
ting sphere of the Petersen coil, such as phase-to-phase short 
circuits afid solid grounds have also been successfully taken 
care of. 

Previous to the installation of this coil numerous interruptions 
to service were experienced on this system during lightning storms, 
which are unusually severe in the territory covered by these lines. 


This system, therefore, offers an ideal location for a trial installation 
of the coil. 

Since the installation of the coil the number and duration of 
interruptions due to lightning flashovers have been reduced by 8S.5 
per cent and 94 per cent respectively. Several doubtful actions, 
however, have occurred during switching operations, indicating the 
presence of unusual phenomena. By proper relaying it is hoped 
to prevent the recurrence of such action. Further tests are also 
contemplated to investigate the unusual phenomena accompanying 
certain operating conditions. 
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A PETERSEN Earth Coil, or neutral grounding of Montgomery, Selma, Marion and Clanton, Having 
reactor was installed on the Alabama Power a combined population of over 60,000. The mainte- 
Gompany’s Lock 12-Vida 44,000-volt ^stem on nance of service to these lines consequently is of prime 
October 12, 1921, and, with the exception of short importance, and the application of any device such as a 
intervals during testing and construction periods, has Petersen coil, which would reduce the number of inter- 


been in continuous service to date. Although Petersen 
coils have been in use in Europe for sometime, the 
Lock 12 installation is perhaps the first one in this 
country which has been in actual continuous operating 
service for a considerable length of time, and it has 
consequently aroused a great deal of interest. 

The purpose of this paper is to give a description of 
the Lock 12 installation and a complete account of its 
operating performance to date. The theory of opera¬ 
tion of the Petersen coil together with a report of tests 
made at Lock 12 on December 3-4, 1921, and January 
18-19, 1922, in conjunction with the General Electric 
Company, are presented in a companion paper by Mr. 
W. W. Lewis. 

Description op Lines 

The Lock 12-Vida 44,600-volt system, is a three- 
phase, star-connected, 60-cyele system, consisting 
of a main line from Lock 12 to Vida having tap lines 
to Mitchell Dam and Clanton, an east branch from 
Vida to Montgomery, and a west branch from Vida to 



Pig. 1— Lock 12—Vida 44,000-Voi.t System 


Marion as shown in the single-line diagram Pig. 1. 

These lines are not a part of the main 44,000-volt 
network, but form a separate and very important sys¬ 
tem, as they are the main source of supply to the cities 

1. So named after its inventor Prof. W. Petersen, of Darm¬ 
stadt, Germany. 

Presented at the Spring Convention of the A. I. E. E,, 
Pittsburgh, Pa., April 04-^6, 192S. 


ruptions could be well demonstrated here. Further¬ 
more, the territory covered by this system is subjected 
to lightning storms of unusual freqiienijy and intensity 
resulting in numerous line outages due to in^ator 
flashovers, the very trouble froin which the Petersen 
coil promises relief. These lines w 
selected as the most ideal Ipcatidn for a trial in^^ 
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tion of the Petersen coil on the Alabama Power Com¬ 
pany’s system. 

The physical characteristics of the lines comprising 
the Lock 12-Vida system are as follows: 


line 

Length 

.miles 

Num¬ 
ber of 
cir¬ 
cuits 

Conductor 

Spacing 

Insulation 

Lock 12-Vida 

27.0 

1 

(168,000 cm. 
Al. steel core) 

5-3.5-6.1 

60-kv. pin type 

Mitchell 






dam tap 

12.0 

1 

No. 4 Alum. 

3.6-3.5-5 

60-kv. pin type 

Clanton tap 

1.3 

1 

No. 4 Cu. 

5-3.S-6.1 

50-kv. pin type 

VidarMont- 






gomery 

27.8 

1 

(168,000 cm. 
Al. steel core) 

7-4.5-8.3 

4 0. B. suspen¬ 
sion units 

Vida-Marion 

52.0 

1 

No. 4 Cu. 

6-3.5-6.1 

60-kv. pin type 


These lines are all of pole construction with wooden 
cross arms giving conductor spacings as shown in Figs. 
2, 3 and 4 of the various lines. There are no transposi¬ 
tions in any of the lines. 

All the lines, with the exception of the Lock 12- 
Mitchell Dam line, are equipped with one 5^-in. 7- 
strand steel, overhead ground wire grounded at each 


3fL6m. I nI/ 


-1 *. • 


1 2ft. Bin-. 


<3 


12 in. 


Sin. 


Ground Wire 
,^Sie^Bayonel 


Ground Wire 




«3 


I 3fL6in. 




e:^ 

■i- 


,..15 in 




T" 
2ft. Sin. 




1 ^ 


03 


Sin. 


4- —M: 


% 




5fL 


i 


kv-a. at 26,540 volts, 60-cycle, with a 55 deg. cent rise. 
The reactor is designed to have a reactance of 2015 ohms 
with 5 per cent taps ranging down to 811 ohms. Ex- 



PiQ. 5 —Lock 12—Petersen Coil Installation—Schematic 
Diagram op Connections 

temal and internal views of the reactor are shown in 
Figs. 6 and 7 respectively. 

The numerous taps on the reactor are equipped to 
take care of various combinations of the present lines 
in service and proposed future extensions. The 
Petersen coil operates on the principle of an inductive 
reactance resonated at the fundamental system fre¬ 
quency with the capacity reactance of the system to 
ground—hence, for every setup on the system involving 
different combinations of lines in service, a correspond- 


co 

si 


dSfL Pole 


uS 


45ft. Pole 


.s .s 




3SfL Pole (MITCHELL DAM) 
45fL Pole (SELMA MARION) 
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Pig. 2—Lock 12—Vida-Sblma Line, Pacing Selma 
Fig. 3—^ViDA-MoNTGOMERy Line, Pacing Montgomery 
Pig. 4—Lock 12—^Mitchell Dam Line, Selma-Marion Line 


pole. The insulator pins are not grounded, but the 
cross braces at each pole are connected to the grounding 
wire. On the Lock 12-Mitchell Dam line, which has 
no overhead ground wire, a lateral grounding wire 
runs up each pole to the top insulator pin. 

This system is fed from Lock 12 through a 9000-kv-a. 
transformer bank consisting of three 3000-kv-a. single¬ 
phase, step-up transformers, connected 6600 volts 
delta on the low-tension side to 44^000 volts star on the 
high-tension side. The Petersen coil is connected 
between the neutral of the 44,000-volt winding and 
ground, as shown in Fig. 5. 

Description op Petersen Coil 
The Petersen coil is an oil-immersed, water-cooled, 
reactor without core having a continuous rating of 795 



Pig. 6—Oil-Insulated, Disk-Coil, Water-Cooled Reactor 

ing value of inductive reactance will be required equiv¬ 
alent to the'capacity reactance of lines in service. 

The setting of the reactor to maintain resonance is 
conveniently accomplished by means of two ratio 
adjusters, with control handles extending through the 
tank cover, enabling adjustments to be made in but a 
few minutes time. 
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several flashovers occurred (July 7, August 25, 1922 
and Feb. 23, 1923) on the 44,000-volt bus insulators 
at Lock 12, when the line switch was opened auto¬ 
matically or by hand. At these times the Petersen coil 
was in service. Whether it was in any way responsible 
for the flashovers, is not known, but, as a precaution 
against similar troubles in the future, the line relays 
have been electrically interlocked with the control 
circuit of the grounding switch as shown in’ Fig. 5, 
insuring that the grounding switch is first closed before 
the line switch can open on relay action. This inter¬ 
locking, however, has the disadvantage of slowing up 
the relay operation on phase-to-phase short circuits. 
The operators likewise have instructions to always 
close the grounding switch before doing any line switch¬ 


the division representing 0-5 amperes. Since the 5 
ampere indications are comparatively small, a tentative 
classification has been made in Table II of the 
flashover indications of 6 amperes and above, and 
those below 6 amperes. 

Faulty Operations 

In all there were only two operations which could be 
strictly classed as faulty operations. These occurred on 
December 26th at 5:34 p. m., and on August 8 at 4:55 
p. m. when the flashovers held on long enough to close 
the grounding switch and cause the overcurrent relays 
to open the line. The line in each case went back in 
service properly, indicating that the trouble was not 
a solid ground, but a flashover which the Petersen 
coil evidently failed to clear. 


ing. 

Operation 

Table I is a log of all the Petersen coil operations, 
from October 12,1921, to March 1, 1923, as read from 
the charts of the combined graphic ammeter and volt¬ 
meter. From October 12th to November 30, 1921, 
the graphic ammeter was equipped with a 30-ampere 
coil instead of a 5-ampere coil, which would give only 
1/16 inch deflection on the ch art for 22 amperes. Since 
flashovers last only 5 to 15 cycles, it is thought that 
during this period the Petersen coil may have func¬ 
tioned on a flashover to which the ammeter did not 
respond. One severe lightning storm occurred in the 
period during which no operations were recorded. 
All indications from December 1, 1921 to date have 
been with a 5-ampere ammeter coil in service. 

Flashovers 

A study of the log showed that the majority of opera¬ 
tions gave indications of only 5 to 10 amperes, whereas, 
for a clear cut flashover to ground with all lines in 
service, the neutral current should be 22 amperes. 
These low indications may have been due to 

1. A time lag in the swing of the ammeter pen, the 
arc having been snuffed out before the pen accom¬ 
plished its full swing. 

2. A resistance ground mstead of a clear ground on 
flashover due to the fact that the insulator pins are not 
grounded. 

The latter is a plausible explanation of the low-current 
indications and it is believed that,.for positive action 
of the Petersen coil, the insulator pins should be 
grounded. 

A summary of the operations is shown in Table II 
where it is noted that there have been 168 flashover 
indications, which seems rather high for the period 
covered. It may be that all of the low-current indica¬ 
tions are not the result of flashovers, but if such is the 
case it would be difl&cult to draw a dividing line between 
the true flashover indicaUons and. those due to other 
causes. The ammeter scale is considerably contracted 
from 0 to 5 amperes whereas above 5'afnperes the unit 
scale divisions are more uniform, making an ampere 
division above 5 amperes on the chart nearly equal to 


Solid Grounds and Phase-to-Phase Circuits 

The summary shows that there were a total of 29 cases 
of solid grounds and phase-to-phase short circuits due 
to line, transformer, and bus trouble, which are outside 
of the operating sphere of the Petersen coil. All of 
these cases, however, were successfully cleared by the 
line relays. Of these operations, however, three are 
consider^ doubtful—namely, on July 7th, August 25th 
and February 23rd when, after the line switch opened, 
a string of insulators on the 44-kv. bus between the 
transformer and the line switch flashed over. The 
flashover in each case was across 5 units of 0. B. sus¬ 
pension insulators, indicating the presence of an 
unusually high voltage. The insulator units all meg- 
gered well on being tested after the trouble, indicating 
that the troubles were not due to insulator failures. 
It seems that some high-voltage transient was intro¬ 
duced in these cases due to the disconnection of the 
line capacitance. It is proposed to make further 
t^ts to verify this point. As stated before, all switch¬ 
ing, both hand and automatic, is now being done with 
the grounding switch closed—^that is, with the reactor 
out of service. 

True Flashovers in which Grounding Switch 

Closed 

There were seven operations in which the grounding 
switch closed, but no line switch opened, and no dis¬ 
turbance occurred on the system. As the closing of 
the grounding switch seemingly indicated a solid 
ground on the system, the only explanation for these 
operations is that a flashover or solid ground held on 
long enough (two seconds) to cause the definite time 
limit overcurrent relay to operate, but cleared before 
the contacts of the grounding switch closed. These 
operations are all considered correct as there were no 
interruptions to service. 

Neutral Current Indications on Switch 
Operations 

There were twenty cases of reactor current indications 
coincident with switching operations on the lines under 
conditions when the neutral current must have been 
zero. These indications may have been due to the 
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TABLE I 

ALABAMA POWER COMPANY—LOCK 12 GENERATING STATION 


Log of Petersen Coil Operation 



Flashover 
to ground 


Solid 

grounds 


Phase-to 
phase short 
circuits 


Automatic 

switch 

operations 


Reactor 

current 

amperes 


1921 
Nov. 16 


11:28 a.m. hji206 opened 


10:40 p.m. 


208 closed 


Dec. 8 
Dec. 8 
Dec. 8 
Dec. 11 


5:18 p.m. 
5:20 p.m. 


5:22 p.m. 
6:00 p.m. 
6:12 p.m. 
9:18 a.m. 
9:20 a.m. 
9:25 a.m. 
9:30 a.m. 


208 closed 


208 closed 
208 closed 
208 closed 
208 closed 


Dec. 17 8:55 a.m. 

Dec. 17 9:00 a.m. 

Dec. 26 5:34 p.m. 


1922 
Jan. 6 


1:10 a.m. 


208 closed 
206 opened 


208 closed 
202 opened 


Jan. 16 2:35 p.m. 

Mar. 3 


Mar. 8 


Mar. 14 


Mar. 26 


Mar, 31 
Apr. 11 


Apr. 23 

Apr. 27 
Apr. 28 


1:05 p.m. 1802 opened 
1:35 p.m. 202 “ 

1:40 p.m. 1802 


5:35 p.m. 1812 opened 


5H)0 a.m. 
5:07 a.m. 
2:40 a.m. 
4:50 a.m. 
5:05 a.m. 
5:28 a.ni. 
7:30 p.m. 
3:10 p.m. 


8:17 lum. 202 opened 


Operation Nature of trouble and remarks 


Correct A surge occurred on the Montgomery line, and Line Switch 
iK 206 at Lock 12 opened automatically. Cause of trouble was the 
failure of a transformer -at Prattville approximately 15 miles 
northwest of Montgomery. The fuses at transformer failed to 
clear trouble, and a single-phase line-to-line short circuit devel¬ 
oped. The Petersen coil is not supposed to ftmctlon rmder such 
conditions, so the line switch operation was correct. 

Correct Weather cloudy. Cause unknown. No surge or outage oc¬ 
curred. Evidently a flashover or solid groimd occmred and held 
on for two seconds at which time closing relay of the grounding 
switch was energized, but the flashover cleared before the ground¬ 
ing switch closed its contacts. 

Occurred 12:40 p.m. when switch *1802 was closed. Evi¬ 
dently due to switch contacts not closing together. 

Correct Weather cloudy. No outage or surge occurred. 

Correct Weather cloudy. No outage or surge. Evidently a flashover 

or momentary ground occurred and held on long enough (2 sec.) 
to cause grounding switch to dose, but deared before grounding 
switch completed its dosing operation. 

Correct Weather doudy. No outage or smge occurred. 


Correct 

Correct 


Correct 

Correct 

Correct 

Correct 

Correct 

Correct 

Correct 


Correct 

Correct 

Faulty 


Correct 


Correct 

Correct 



Cause unknown. No lightning or rain occurred during this 
period. The ammeter pen would swing up to values noted, the 
grounding switch would close, but not latch, and then operation 
would repeat. On the fomth operation at 9:30 a. m. the ground¬ 
ing switch latched, but the current in the reactor held on at 6 
amperes. No surge, however, occurred due to a short circuit. 
It is believed that the grounding switch blades did not make good 
contact, which were consequently changed two days later, and 
carefully checked to see that good contact was made. No cause 
could be found for the operation, but at the time, switching was 
being done at Prattville on the Montgomery section of the line. 
No arcs of unusual length were noted, however, when the air 
break switch at Prattville was opened. Considered correct as 
no outage or sturge occurred. 

Weather fair. No outage or surge. 

Weather fair. No outage or surge. 

Weather cloudy. Surge occurred when grounding switch 
closed. The line Switch opened automatically, but was redosed 
2 minutes later and remained in o. k. indicating that disturbance 
was a flashover and not a solid ground. 

Disturbance occurred when 206 was opened by hand to take 
line out of service to change a bad 44rkv. budiing on the trans¬ 
former bank at Lock 12. Bushing, however, failed when line 
switch was opened resulting in a phase-to-ground short circuit. 
The grounding switdi then closed automatically, and trouble was 
cleared by automatic operation of switch on low tension side of 
the transformer bank. 

Weather fair. No outage or surge. 

Switch 1802 first opened auto. When 1802 was reclosed *202 
opened auto. Then 202 was closed and 1802 again opened auto. 
Patrolman later reported a tree down across Mitchell Dam Line. 

Recorded at 12:25 p. m. when 1810 and 1812 were opened and 
reclosed at Vida by hand on prearranged switdiing orders. 

Lightning. Voltage surged from 115 to 108 volts. Switch 
1812 redosed after one minute. Evidently phase-to-phase short 
drciiit. Reactor current probably due to switch operation. 

Recorded at 7:55 a. m. when 1810 was dosed at Vida after a 
prearranged interruption to Montgomery. 

Severe lightning. No outage Or mirge. 

n « « « " • 

Lightning. No outage or surge. 


Weather fair. No outage or surge. 

It «««*':• 

Weather doudy. No outage or surge.^ ^ ^ 

at Lock 12. Voltage surged from 118 to 101 volt* 
BmHtrih 90 S waa redosed 0. k. two minutes later . 
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TABLE I (Continued) 


Date 

Flashover 
to grotind 

SoUd 

grounds 

Phase-to- 
phase short 
circuits 

Automatic 

switch 

operations 

Keactor 

current 

amperes 

Operation 

Nature of trouble and remarks 

Apr. 28 

9:10 a.m. 




5 

Correct 


Lightning at Lock 12. No outages or surges. Operator at 


9:25 a.ni. 




5 

4t 


Lock 12 reported telephone noises at the times of these Petersen 


9:30 a.m. 




5 

1 • a 


Coil actions. No disturbances were recorded on any of the other 


9:40 a.m. 




5 

44 


lines of the system at the time. 


9:55 a.m. 




5 

44 




10:20 a.m. 




5 





10:35 a.m. 




5 





10:50 a.m. 




5 

44 




11:30 a.m. 




5 

44 

1 



11:50 a.m. 




6 


1 



12:00 Noon 




5 


i 



12:10 p.m. 




5 





12:20 p.m. 




5 





12:35 p.m. 




5 





12:40 p.m. 




« 





12:50 p.m. 




6 





1:00 p.m. 




5 

U 




2:05 p.m. 




6 

44 



May 1 

4:30 p.m. 




6 

Correct 

Weather fair. No outage or surge. 

May 2 

3:35 a.m. 




5 

Correct 

Raining. No outage or surge. 

May 6 

11:35 a.m. 




5 

Correct 

Weather cloudy. No outage or surge. 

May 8 

8:28 p.m. 




5 

Correct 

Lightning at Vida. No outage or surge. 

May 9 

10:35 a.m. 



1 

6 

Correct 

Cloudy. No outage or surge. 


7:30 p.m. 




5 

Correct 

Lightning around Lock 12. No outage or surge. 

May 10 

4:20 p.m. 




5 

Correct 

Weather cloudy. No outage or surge. 

May 16 

1:15 a.m. 




5 

Correct 1 

! 

Weather fair. Line was patrolled in the forenoon and an 


1:20 a.m. 




3 

Correct 


insulator found off its pin on pole #38 between Vida and Lock 12. 


1:30 a.m. 




3 

Correct 


A man was stationed at this point to watch and in case of trouble 


2:40 a.m. 




3 

Correct 


he was to place the Insulator back on its pin. No further trouble 


2:55 a.m. 




3 

Correct 


occujred at this point. Considered correct operation as a ground 


3:05 a.m. 




3 

Correct j 


was evidently prevented. line was operated with loose Insula- 








tor until 12K)5 a. m. May 17 when an interruption was pre- 








arranged to place insulator back on pin. 

May 16 

1 


5:02 p.m. 

1812 opened 

7 

Correct 

Lightning was general over territory covered by line. Voltage 


! 



“A" opened 



surged from 116 to 106 volts. Grounding switch 208 did not 



. 





dose. Indicating a phase-to-phase short circuit. Switdi 1812 








reclosed at 5K)3 p. m. and Switch “A” at 5:07 p. m. 0. E. Switch 








“A" opened because Montgomery Steam Plant was on at time. 

May 16 

5:17 p.m. 



“A" opened 

11 

Correct 

General lightning. Voltage surged from 113 to 108 volts. No 








outage at Lock 12. Evidently a flashover. Cause of Switch 








“A” opening not known. 

May 17 





•10 


Recorded when switch 206 was opened to take line out of 








service. 






5 


Recorded when switch 206 was closed to put line back into 








service. 

May 17 

9:50 a.m. 




3 

Correct 

Rain and lightning. 


10:05 a.m. 




3 

Correct 

No outage or surge. 


10:55 a.m. 




3 

Correct 

(1 u u it 


11:10 a.m. 




3 

Correct 

ti 44 u a 


12:02 p.m. 




3 

Correct 

U tt 44 44 


12:20 p.m. 




3 

Correct 

44 44 U 44 

May 18 

10:15 p.m. 




5 

Correct 

Weather fair. No outage or surge. 

May 19 

9:55 a.m. 




5 

Correct 

Lightning at Montgomery. No outage or surge. 

May 20 

9:16 a.m. 




5 

Correct 


Weather doudy. No outage or surge. 


8:05 p.m. 




5 

Correct 

- 

Lightning. No outage or surge at Lock 12. Montgomery. 


8:20 p.m. 




5 

Correct ^ 


reported surges at these times. 


10:30 p.m. 




5 

Correct 

Lightning. No outage or surge. 

May 21 

• 




6 


Recorded when Switch # 1802 was opened to take the Mitchell 








Dam line out of service. Current held on at 6 amperes until 








switch was redosed. 

May 21 

2:32 p.m. 




9 

Correct 

Rain and lightning. No outage or surge. 

May 24 

12:20 a.m. 




5 

Correct 

Weather cloudy. No outage or surge. 


12:29 a.m. 




5 

Correct 

44 44 44 44 44 tt 


12:44 p.m. 




5 

Correct 

Lightning in vicinity. No outage or surge. 


2:03 p.m. 




5 

Correct 

44 U a 44 44 44 tt 

May 25 

10:50 a.m. 




5 

Correct 

Rain and lightning. No outage or surge. 


10:56 a.m. 




5 

Correct 

ri tt tt 44 tt tt 44 


11:06 a.m. 




5 

Correct 

a 44 tt tt ft ft ft 


11:25 aju. 




6 

Correct 

tt , 44 tt ft ft ft . tt 


3:55 p.m. 




5 

Correct 

44 tt tt ft ft ft tt 


7:00 p.m. 




6 

Correct 

ft ft ft ft . tt ft ft 

May 27 

6:30 a.m. 




5 

Correct ] 


Raining. No outage or surge at Lock 12. Operator at Vida 


8:15 a.m. 




5 

Correct 


reported leaky insulator. Insulator was changed 12K)0 o’dock 


9:40 a.m. 




6 

Correct 


that night. 


10:20 a.iii. 




5 

Correct 




3:05 p.m. 




6 

Correct 




6:20 p.m. 




5 

Correct 




7:40 p.m. 




5 

Correct 




8:00 p.m. 




5 

Correct , 
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Transactions A. I. E. E. 






Phase-to- 

Automatic 

Reactor 


Flashover 

SoUd 

phase short 

switch. 

current 

Operation 

to ground 

grounds 

circuits 

operations 

amperes 


July 11 
July 12 


6:28 p.m. 


7:56 a.m. 


7:58 p.m. 


8:00 a.m. 


8:12 a.m. 


8:18 a.m. 


July 12 
July 13 
July 14 


12:18 p.m. 
12:25 p.m. 


)f(208 closed 
206 opened 
208 closed 
206 opened 
208 closed 
206 opened 
208 closed 
206 opened 
208 closed 
206 opened 


2:01 p.m. 206 opened 


J\ily 16 


1:34 a.m. 


1:36 a.m. 


1:45 a.m. 


1:47 a.m. 


208 closed 
206 opened 
208 closed 
202 opened 
208 closed 
202 opened 
208 closed 
202 opened 


July 16 

1:35 p.m. 
1:47 p.m. 
July 18 1:55 p.m. 

July 18 2:00 p.m. 

Ju^ 19 4:28 p.m. 

Ju^ 23 12:20 p.m. 
July 24 10:15 a.m. 
July 26 


July 27 


1:40 p.i)a. 
2:05 p.m. 


July 27 


10:40 p.m. 


July 28 2:10 p.m. 

2:30 p.m. 

July SO 
July 31; 


Correct 


Correct 


Correct 


Correct 


Correct 


Correct 

Correct 

Correct 


Correct 


Correct 


Correct 


Correct 


Correct 

Correct 

Correct 

Correct 

Correct 

Correct 

Correct 


5:28 p.m. 1802 opened 
5:32 p.m. 208 closed 

1802 opened 
5:32^ p.m. 208 closed 

1802 opened 
5:33 p.m. . 208 closed 

1802 opened 
5:33^ p.m. 208 closed 

1802 opened 


Correct 

CorrcKSt 

Correct 


208 closed 
1802 opened 


12:12 p.m. 206 opened 


1:28 p.m. 1802 opened’ 


Weather cloudy. No outage or surge. 

A tree fell on Mitchell Dam line bringing all three phases to 
ground. The four additional operations were obtained when line 
was plugged four times to sectionalize line in locating the trouble. 
Line was out 47 minutes. 


Recorded when 206 was opened by hand prior to switching 
Mitchell Dam back on line. 

T.ightnir>g at Montgomery. No outage or surge. 

II « n II II « « 

Lightning. Voltage surged from 118 to 99 volts. Grounding 
switch 208 did not close. Line switch 206 reclosed o. k. after 2 
miniitna interval. Trouble was either phase-to-phase short cir¬ 
cuit the 11 ampere reactor current was the resxilt of 206 open¬ 
ing, or trouble started as flashover to ground and developed into a 
phase-to-phase ^ort circuit. 

Failure of Potential Transformer Bushing at Vida causing dead 
ground on system. 

Operation repeated three times while plugging line and sec- 
tionallzing for trouble. Reactor current each time rose to 19 
amperes. Line was out 32 minutes. 


Recorded at 4:06 a. m. when l&ie switch 206 was opened by 
band to obtain clearance on the line. 

Weather cloudy. No outage or surge. 

H tt tt a tt u 

Weather fair. No outage or surge. 

u u u u tt a 


Weather stormy. 
Weather cloudy. 


No outage or surge. 

U tt tt , tt 


At 6:30 a. m. Mitchell Dam operator reported that they were only 
receiving single-phase power. The chart showed a reactor cur¬ 
rent of 3 amperes which held on until 7:00 a. m. when switch 
1802 was opened by hand when a current of 8 amperes was 
recorded due to switching. Upon patrolling line, a lug on a test 
loop was found burned in two and remaining in the dear but 
opening the line. 

Lightning. No outage or surge. 

II « II II « 

Stormy. Started as a phase short circuit, which caused »1 
phase conductor to bum in two and fall on ground "on Mitchell 
Dam line at pole 98. Line was plugged back four times in sec- 
tionalizing for trouble. At 5:56 p. m. it was decided to operate 
with the one phase grounded with Petersen coil in service. 
Grounding switch was blocked so it couldn't dose and short out 
the coil. At 6:12 p. m. a bushing failed on switch 1802 due, no 
doubt to full line voltage having been Imposed on the two im- 
groxmded phases. The Mitchell Dam line was then taken out of 
rorvice. 

When M i tch ell Dam was dosed back in after above switch 
trouble was repaired, it again opened automatically. This time 
a line conductor (phase 2) was found burned in two and on the 
ground at pole # 98. This is the same place where# 1 phase burned 
in two at 6:32 p.m. Conductor on Phase #2 was evidently 
badly burned on the line to line short at 6:28 p. m. 

Lightning. . No outage or surge. 

tt tt tt tt tt 

Recorded at 10:50 a. m. while switching was being done at Vida. 

Recorded at 11:10 a.m. when #1802 was opened by hand. 
Omrent held on until 1802 was dosed again at 11:32 a. m. 

Lightning. Voltage surged ftom, 114 to 103 volts. Probably 
a phase-to-phase short circuit as 208 did not close. Reactor 
current probably due to opening of 206. Switch 206 dosed bade 
in o. k. after Interval of 2 minutes. 

Lightning. Voltage surged ftom 115 to 110 volts. Groimdlng 
switch 208 did not dose, therefore, probably a phase-to-phase 
short circuit. Reactor current probably due to opening of switch 
1802. T.inft was closed back in o. k. 12 minutes later. 

Recorded at 1:40 p. m. when 1802 was dosed back in. 
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TABLE I, (Continued) 



Flashover 
to ground 


SoUd 

grounds 


Phase-to 
phase short 
circuits 


Automatic 

switch 

operations 


Reactor 

current 

amperes 


July 31 


1:50 p.m. l302 opened 


1:59 p.m. 1812 opened 


Aug. 1 


Aug. 2 


Aug. 3 


12:28 p.m. 


8:48 p.m. 
8:55 p.m. 
9:05 p.m. 


Aug. 5 10:10 a.m. 

Aug. 8 4:55 p.m. 


208 closed 
202 opened 


Aug. 9 
Aug. 10 

Aug. 12 


Aug. 14 
Aug. 17 

Aug. 18 
Aug. 25 


1:42 ] 
10:40 i 
11:20 I 
10:10 ] 
10:20 I 

10:30 

10:40 

11:10 

1:55 

9:20 

9:55 

6:50 


Aug. 26 


Aug. 27 


3:18 p.m. 
3:20 p.m. 


8:35 a.m. 1802 opened 

208 closed 
200 opened 
206 opened 

208 closed 
202 opened 


12:04 a.m. 1802 opened 


11:35 a.m. 
12:32 p.m. 
4:10 p.m. 
1:00 p.m. 
3:25 p.m. 
4:32 p.m. 


12:28 p.m. 
10:54 a.m. 
6:52 p.m. 
5:25 p.m. 
1:35 p.m. 


Sep. 17 


Sep. 21 
Oct. 7 
Oct. 8 
Oct. 29 
Nov. 5 


1923 
Jan. 14 


6:26 p.m. 
Jan. 19 4:20 a^. 

Jan. 23 


1:18 p.m. 206 opened 


Operation 


9 

Correct 

11 

u 

5 


6 

Correct 

5 


5 

Correct 

5 

Correct 

5 

Correct 

5 


5 

Correct 

24 

Faulty 

9 


5 

Correct 

3 

Correct 

3 

Correct 

5 

Correct 

4 

Correct 

5 

Correct ■ 

4 

Correct 

3 

Correct 

4 

Correct 

5 

Correct 

3 

Correct 

4 

Correct 

4 

Correct 

22 

Correct 

26 

Doubtful 


Correct 


Correct 

Correct 

Correct 

Corrept 

Correct 

Correct 

Correct 


Correct 

Correct 

Correct 

Correct 

Correct 


Nature of trouble and remarks 


Lightning. Voltage surged from 12p to 108 volts. Grounding 
switch 208 did not close, therefore, probably a phase-to-phase 
short circuit. Line closed back in o. k. 20 minutes later. This 
time taken by operator to inspect switch. 

Lightning. Grotmding switch 208 did not close. Probably 
phase-to-phase short circuit. Line was closed back in o. k. one 
minute later. 

Recorded at 11:15 a.m. when switch 1802 was opened for 
elegance. Reactor current held on at 5 amperes tmtil 1802 was 
closed back in at 12:05 p. m. 

Weather fair. No outage or surge. 

Recorded at 10:55 a.m. when switch 1802 was opened for 
clearance and held on until 1802 was closed again at 11:35 a. m. 

Lightning. No outage or singe. 


Recorded at 11:00 a.m. when switch 1802 was opened for 
clearance. Current held on at 5 amperes until 12:00 Noon when 
1802 was closed back in^ 

Weather fair. No outage or surge. 

Lightning. Switch 206 failed to trip due to mechanical trouble. 
Switch 206 was opened by hand and line charged from Mont¬ 
gomery Steam Plant and tested o. k. 

Recorded at 7:50 p. m. when 206 was closed back in. 

Weather fair. No outage or surge. 


Weather cloudy . No outage or surge. 


Weather doudy. No outage or surge. 
Weather fair. No outage or smge. 


Ph^e to phase short circuit on low side of traxisformers at 
Mitchell Dam. 

Tree fell across telephone line causing broken conductors to 
fall across the 44-kv. line between Vida and Lock 12. 

Switch 206 on being closed after above trouble at 3:18 p. m. did 
not latch and on dropping out a flashover occurred across a five 
unit string of O. B. Insulators on 44-kv. bus between switch 206 
and transformer bank. Grounding switch then closed and trouble 
was cleared by switch 202 on low side of transformer bank. The 
O. B. Insulators were meggered after taken down and showed up 
well, Indicating that trouble was not caused by insulator failure. 
Bus conductor was badly burned; 

Lightning. Grounding switch did not close therefore flashover 
must have developed into a phase-to-phase short circuit. Switch 
1802 was closed back in o. k. 

Weather cloudy. No outage or surge. 

Weather fair. No outage or surge. 


Lightning. « « « « 

Rain and lightning. Grounding switch did not close. Volt¬ 
age surged from 116 to 96 volts. Switch 206 was reciosed o. k. 
after one minute interval. 

Rain and lightning at Lock 12. No outage or surge. 

Lightning. No outage or surge. 

Weather cloudy. No outage or surge. 

tt u u u u m 

Weatherfair. “ « « « 


I I I I I 

The Petersen Coll was out of service from November 16,1922 to January 13,1923, while the Transformer 
Bank was being moved to a new location in the Lock 12 Power House. 

g Occurred at 8 :50 a. m. when switch 1810 was opened to cut 'out 

Vida-Montgomery line. Gwrent held on at an average of 7 
amperes until switch 1810 was redosed. It is possible that 
pen .may have been stuck, , 

10 Correct Qlou^. No outage. Surge 108 to 104: volts. 

6 Correct Cloudy. No outage or surge, 

9*04 a m 16 ‘ Correct Raining. No outage or surge. Seems that flashover held Oh 

* ' long diough to caiuse ^8 to opwate, blit cleared before contocts 

' of208closed.. . 


208 dosed 
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TABLE I (Cionbinued) 


Date 

Flasbover 
to ground 

Solid 

grounds 

Pbase-to- 
phase short 
circuits 

Automatic 

switch 

operations 

Reactor 

cmrent 

amperes 

Operation 

Natui’e of trouble and remarks 

Peb. 23 

1 

6:56'p.m. 


11)206 opened 
208 closed 
202 opened 

27 

Doubtful 

A light surge was noticed on the lino one minute earlier—at 
6:55 p. m. At 6:56 p. m. a flasliover occurred on 44-kv. bus 
between transformer and line switch #206. One unit of a five 
unit string of 0. B. di^ insulators was shattered but not punc¬ 
tured."* Insulators were meggered afterwards and found to be in 
good condition indicating that trouble was not an insulator failure. 
The bus conductors near the point of flasliover were badly pitted 
on all throe phases indicating that a phase-to-phase short circuit 
developed. Sequence of switch operations is not known, but as 
there was no cause for lino switch 206 to open on bus trouble, it is 
thought that 206 opened first on some initial case of lino trouble, 
as Indicated by surge at 6:56 p. m. Then duo to perhaps a 
switching transient, tho bus flashed over and this secondary 
trouble was then cleared by tho low side transformer switch #202. 
It is thought that grounding switch #208 did not close until after 
the 44-kv. bus trouble developed. 

Tlio lino was patrolled afterwards, but no evidence of trouble 
was found. I.ino was closed back in o. k. 1 liour and 26 minutes 
later. 


♦This unit was next to the bus conductor. 


TABLE II 

SUMMARY OP PETERSEN COIL OPERATIONS 



Phishovor Indications 

Line Trouble 

Trans. Trouble 

ESElSSEi&8l 

Bus Trouble 

Other Indications 


Under 6 

Over 6 

Faulty. 
Line Sw 

208 
closed 
but no 
inter- 

Phase 

to 

Phase 

to 

Phase 

to 

Phase 

to 

Solid 

Phase 

to 

.Solid 

Pliase 

to 

Open¬ 

ing 

Closing 

Month 

amperes 

amperes 

opened 

ruptlon 

ground 

phase 

ground 

phase 

ground 

phase 

ground 

pliase 

switches 

switches 

1021 

Nov. 

Dec. 

• • 

• • 

6 

1 

6 

• • 

• ♦ 

• • 

• ♦ 

• * 

1 






• • 

1 

1022 

Jan..... 


1 





1 






* , 

• • 

Peb. 


« « 



• . 

• • 







. • 

• • 

Mar. 


2 



, . 

2 







1 

1 

Apr. 

18 

6 



« . 

1 







• t 

• • 

May. 

63 

3 



.. 

1 







2 

1 

Jime. 

17 

3 



, • 

4 







• . 

• • 

July . 

11 

8 



3 

6 

1 


1 

1 

1 


6 

4 

Aug. . . 

18 

1 

i 


1 

1 


1 



1 


2 

1 

Sep.... . 

3 

3 



• < 






•. 


• • 

• • 

Oct. . 

1 

2 









* • 


• • 

• • 

Nov . 

• • 

1 



• • 






. . 


.. 

• • 

Dec . 

• * 

• • 



, • 








. ■ 

• • 

1023 

Jan . 

• • 

2 


1 

1 



• • 





1 

• • 

Peb. 

• • 

• , 

• p 

• • 

• • 



• « 



1 


4 • 

• • 

Total. 

121 

38 

2 

7 

5 

16 

2 

2 

1 

1 

3 


12 

8 


failure of all three poles of the oil circuit breaker to 
open or close simultaneously, thereby causing the 
system neutral to shift somewhat due to a momentary 
unbalanced electrostatic condition on the line. It is 
proposed to make further tests to verify this point. 
Grounded Phase Operation 
As noted in Table I operation with one phase con¬ 
ductor on the ground was attempted on July 27,1922, 
in the effort to continue service until the line could 
be more conveniently taken out for repairs later on. 
After 17 minutes of grounded phase operation a switch 
bushing failed on one of the ungrounded phases, due 
no doubt to the imposition of full line voltage to 
ground on these phases. Gur experience in this one 
case indicates that, although the Petersen coil may 
prevent arcing grounds on grounded phase operations. 


it is hardly safe to take the risk, as the imposition of 
full-line voltage to ground on the ungrounded phase 
for a considerable length of time will tend only to 
aggravate the trouble. 

The Petersen coil was designed for continuous ser¬ 
vice to take care of possible grounded phase operations 
in emergency. Witii grounded phase operation elim¬ 
inated, the Petersen coil need only have approximately 
a 2-minute rating, and could be built at a cost much 
less than that of a continuously rated coil. 

Comparison op Operation with and with¬ 
out THE Petersen Coil 

In the ultimate analysis the value of the Petersen 
coil will be determined by its service record, and no 
better conclusions can be drawn than by a direct 
comparison of the interruption records of amilar 
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periods and conditions, with and without the Petersen 
coil in service. 

For such a comparison we have taken the period, 
January through Sepfember 1921, as covered by Table 
III before the Petersen coil was installed, and a cor¬ 
responding period in 1922, as covered by Table IV, 
when the Petersen coil was in service. 

In 1921 there were 43 interruptions due to lightning 
caasing the line to be out of .service a total of230 minutes. 
In 1922 there were only 7 cases of interru])tions due 


quently gave no indications on the Petersen coil 
chart for this day. The interruptions of 79 and 62 
minutes respectively in July and August were due to 
insulator flashovers on the 44 kv. bus at Lock 12. 
These flashovers seemed to develop after the line 
switch opened, so there is some doubt as to the origin 
of the trouble. 

Oil Switches. The interruptions charged to Oil 
Switches in July and August were all due to mechanical 
trouble in the switch mechanisms. 


TMU.K III 


INTKIiiaJI'TH>NS TO LOOK OVIOA LINK I'.rJl 
(IN»l(*rs»*n <’oil not iti 


(Kxfinsivo of intoiTUiitioiiN cliio iriiiil))<< on oMior purls of AluLuaui Cowor CNnnpuiiy’s syKioni) 


.. 

; Ligliittitiii; i 

Trausl'oriut'r.s 

t^imtlui'lor 


i No 

! Tiuii' tiui i 

No 

Tinii' tint 

No 

'rimi* oul 

Moiitli 

j pasrs 

;iii riiinuii's' 

1 • 

oasavs 

ill UlltlUtl'S 

rast‘.s 

in inliiiiti's 

January. 

1 

.i 

i ,. 1 





Fnbriitiry. 

•i ‘ 

:i 





Mart'll. 

•! ■) 






Ajirll. 

■ i 1 

a 





May. ■ 

•! • 

2H ■: 





Juno. 

.1 

IS 


■ ' 

• 


.Inly. 

. j i:i 

! 121 


• 



August.. 

.j !, 

1 20 





.SHpli'iuliur. 

• I )■) 

i 2S 1 


.. 

* 


T.iial. 

,! -w 

I 2.10 : 




.... 


Oil Swill'll 

llniciiowu 

Total. 

No 

Tlinu out. 

No 

Tiino out 

No 

Tlimt out 

«IHI« 

in minnii'K 

I'USO.S 

in tuiiniti‘.s 

rasi's 

in minuluH 





1 

a 


, , 



4 






1 

a 


, , 



2 

28 





a 

18 


, , 



i:i 

12 L 





A 

20 

J 

72 

1 

2 

1(1 

102 

1 

72 

1 

2 

‘l.l 

ao4 


TAHLK FV 


INTKUItUl’TlON.S TO LOOK 12-VM)A LINE—1(122 


(I*ot4?rson Ooll In .ScTvioo) 


(KxoUMvo of liiiorruptlfmH iliio (o l.roul>lt« on olUor purls of Alabama Powor Oompany'H Kystem) 


Moittli 

.latmary. 

I'’«'bruury. 

Mumh. 

April. 

May. 

.luuo. 

•Inly. 

August. 

Soptniiibor ... 
'I’ulal. 


ijghiniin; j 

'rraiisformors 

(JotulutUor 

IjiHulator 

OH .Switch 

Total 

No 

; Tlino out i 

No 

'I'lnin out 

No 

'rimo out 

No 

TJmo out 

No 

'PI mo out 

No 

TImo out 


111 ininuu's| 

oast'.s 

In in{iiuti'.M 

oasi'H 

In inltnu.os 

oasoH 

In mlnuti's 

(;a.scH 

In mimitoH 

casoa 

ih miiiutos 

, . 

i 


aia 

* * 

• • 


. • 



1 

aia 




' * 

, 

1 

2 

10 

8.S 

.. 


11 

no 

1 

!• 

j 

_ 


* 




• ■ 


1 

2 


4 1 




.. 


, , 


. . 

•J 

4 

a 

• 0 i 

1 

la 

1 

17 

1 

71» 

•> 

11 

8 

1.10 


; i 





1 

(12 

1 

172 

2 

224 

1 

i 2 i 





, . 

, • 

. . 

. . 

1 

2 

f 

1 LI I 

2 

ant} 


40 

12 

220 

a 

18a 

20 

sai 


to lightning, or a reduction of 83.5 per cent, with the 
line out of service a total of only 14 minutes, or a reduc¬ 
tion of 94 per (lent. 

In 1922 there were, however, more cases of trouble 
due to other causes, hut that the majority of them 
were independent of the Petersen coil perfonnance 
can be .shown as follows: 


Trmisformars. The interruption of 343 minutes due 
to transformer trouble occurred on Januaiy 21 while 
short-circuit t^ts were being made at Lock 12. A 
transformer failed due to short-circuit stre.sses. The 
Peter.sen coil was out of service during the tests. 

Combiclors. The interruptions of 2 minutes and 
47 minutes respectively in March and July charged to 
conductors, was caused in each case by a tree falling 
down on the line. 

Insulators. The ten interruptions in March all 
occurred on the 7th when an insulator pulled loose 
from its pin and swung into the phase above. This 
resulted in a phase-to-phase short circuit and conse- 


CONGLUSIONS 

The Petersen coil has decidedly reduced the number 
of interruptions due to insulator flashovers during light¬ 
ning stoims. It has, however, produced several actions 
which need further investigation, namely, the bus 
insulator flashovers which occuiTed when line switching 
was done with the Petersen coil in service. It is 
proposed to make further tests on such actions to see 
if high voltages are actually produced. 

Points, which operating experience with the Petersen 
coil has thus far proven are: 

1. All insulator pins should be grounded in order to 
secure the best positive action on the coil. 

2. All switching, both hand and automatic should be 
done with the coil out of service—namely, with the 
.system neutral solidly grounded. 

3. Grounded phase operation is not advisable. 

Bi.scitS8ion 

Bbr discussion of this paper see page 464. 



























Present Day Practises in Grounding of Transmission 

Systems 

First Report of Subcommittee on Grounding of Protective 

Devices Committee A. 1. E. E. 


T he Subcofaimittee on Grounding of Systems of 
the Protective Devices Committee was created on 
October 14th, 1921, 'To Study the special 
problems and applications of grounding of systems.” 
In order to fulfill its function, the subcommittee pre¬ 
pared an inquiry on the general subject of grounding 
which was sent out through its members to representa¬ 
tive operating companies throughout the United States 
and Canada. 

Thirty-six replies were received to this inquiry 
covering 6,371,850 kv-a. of generating capacity and 
31,408 miles of transmission lines. The data obtained 
in this manner form the basis of this first report of the 
subcommittee. 

On account of the complexity of the various systems 
which are not only operated at various voltages but 
also inter-connected with each other, it has been 
found necessary to establish sonie sort of arbitrary 
classification. Accordingly in the analysis following 
each transmission section of each company which 
operated at one voltage has been designated as a sys¬ 
tem, i. e., each company is said to operate as many 
transmission systems as it uses different voltages. On 
this basis the 36 companies reporting operated a total 
of 111 systems. This definition of a system will be 
used throughout the report. 

With respect to the grounding of neutral problems, 
transmission systems divide themselves into two main 
classes, each of which has its own peculiar character¬ 
istics radically different from those of the other. The 
two classes included are: 

I—Systems Transmitting at Generated Voltage 
II—Systems Transmitting at Higher Than Generated 
Voltage 

In the following report these two classes of systems 
will be treated in detail separately: 


discussion. On account of the complexity of the va¬ 
rious systems considerable difficulty has been experi¬ 
enced in getting them on a comparable basis. In order 
to arrive at some definite means of comparing the 
different systems, it was endeavored to segregate the 
actual kv-a. generator capacity of each property, in 
accordance with the method of grounding employed 
in the generating station, grouping all capacity of each 
system, regardless of voltage, in accordance with 
whether it was dead-grounded, grounded through 
resistance or ungrounded. 

In Fig. 1 the result of this classification is shown very 
clearly. 

It is evident from inspection that by far, the greater 



GENERATING CAPACITY-KW 

FlO. 1 


I—Systems Transmitting at Generated 

Voltage 

BY W. W. WOODRUFF, 

Associate, A. I. E. E., Field Engineer, Philadelphia Electric Co. 

Twenty companies reported on 31 systems trans¬ 
mitting power 9 .t generated voltage, the total generating 
capacity of which companies was 2,387,600 kv-a. and 
the total mileage was 8627. 

In analyzing the information received, it is intended 
to point out the features upon which there is general 
agreement and to indicate those that require further 

Presented at the Spring Convention of the A, I. E. E., 
Pittsburgh. Pa., April £4-^6,19£S. 


portion is grounded through resistance, that the un¬ 
grounded system comes next in importance, while the 
dead grounded system is in the minority. The figures 
are: 

Grounded through resistance.. 1,901,700 kv-a. 

Ungrounded.. 371,300 kv-a. 

Dead Grounded. . 114,600 kv-a. 

These figures do not include those systems which 
Iransform practically all the power generated to a 
higher voltage. 

This analysis leaves no doubt that the preponderance 
of opinion is in favor of operating with a neutral 
grounded through resistance. This generalization must 
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be understood to apply only where the generated voltage 
is used on the distribution system. 

The main points brought out by the analysis of the 
information received are as follows: 

a. The tendency is toward operation with some 
form of grounded neutral. 

b. The abolition of the free neutral and adoption of 
the gi’ounded neutral has decreased cable troubles. 

c. The general opinion is in favor of grounding the 
neutral through a resistance, in preference to the dead- 
grounded. 

d. The relation between voltage and value of neutral 
resistance as indicated by calculation of the “volts per 
ohm’" shows that a fairly con.sistent policy has been 
followed in proportioning the neutral resistance for 
the various voltages. 

e. Where ground relays are used the neutral 
resistance is generally higher than for systems relaying 
on phase relays. 

f. The cast iron grid resistance box mounted on 
insulators appears to be giving satisfactory service. 

In going over the information submitted, it is 
interesting to note the changes that have come about 
with the growth of the properties, and the relative 
importance of certain engineering features as compared 
with the amount of generating capacity. 

In general, the systems when comparatively young 
and with small generating capacity were operated 
without grounds—and the tendency seems to have 
been to avoid the grounded neutral wherever possible. 
This policy seems to have been dictated by the desire 
to prevent accidental grounds from developing into 
short circuits. 

It should be borne in mind that at the time these 
systems were built, the protective devices for opening 
breakers and the circuit breakers themselves had not 
reached their present state of development and that 
consequently a short circuit was very likely to be ac¬ 
companied with quite unpleasant results in the stations. 

So long as the systems remained comparatively 
small, and the greater part of the di.stribution system 
consisted of aerial feeders, there seems to have been 
very little reason to complain of the ungrounded sys¬ 
tem. However, with the increase in the amount of 
underground work, and consequently the electrostatic 
capacity of the system, it began to appear that such 
grounds as did occur had a very disturbing effect, 
causing suiges and high-frequency oscillations that 
were communicated to otherwise unaffected parts of 
the system, and furthermore, that the actual location 
of the circuit in trouble was very difficult. 

As the systems continued to increase in size it began 
to appear that the ground current, or system charging 
current, had reached such a magnitude that the arc 
formed at an accidental ground was very destructive 
and would burn the cable at the fault sufficiently to 
establish a short before the faulty section could be 
isolated. 


With the advent of this contingency the supposed 
advantages of the isolated system, in so far as they 
pertained to the prevention of short circuits disappeared 
and the tendency in several instances was to go to the 
other extreme and dead ground the neutral without 
resistance. 

In general, it may be said that dead grounded systems 
operated quite successfully for a time, but it became 
evident with the increase of generating capacity that 
such grounds and short circuits as occurred began to 
cause disturbances of increasing severity. 

While these data do not prove the point, it is known 
that the first step taken to minimize the effects of the 
severe short circuits was to place reactors first in the 
generator leads and then in the outgoing feeders. 
Eventually, however, the increasing severity of the 
disturbances caused by grounds led to the insertion of 
r^istance in the neutral connection. 

The question naturally arose as to the amount of 
resistance required and apparently the first tendency 
was towards the insertion of so great a resistance, that 
the ground current was decreased to the neighborhood 
of the normal current of the feeders. Under this 
condition, it developed that very frequently when a 
ground occurred, the combined ground and load current 
was insufficient to operate the overload relays. In 
consequence, the tendency was again towards decreas¬ 
ing the resistance to a point where the ground current 
would be sufficient to operate the relays regardless of 
the extent to which the particular feeder happened to 
be loaded. 

This policy naturally brought the conditions back 
towards the point where ground currents were of such 
magnitude that considerable disturbance resulted from 
them, but the general opinion seemed to be that this 
condition with the certainty of the ground being auto¬ 
matically isolated, was preferable to the conditions of 
the less certain operation of the breakers. However, 
attention naturally turned towards methods of de¬ 
creasing of the current disturbances, so that at the 
present time the tendency appears to be towards the 
increasing of this neutral resistance with the addition 
of various types of ground detecting, and reverse power 
relays to automatically isolate any feeder that is 
defective. 

In comparing the replies from the different companies, 
it is quite interesting to note the relation between the 
magnitude and nature of the system and the amount of 
attention which has been given to the matter of ground¬ 
ing. Even with several of the larger companies, where 
conditions are such that a considerable portion of the 
construction is aerial, no very careful attention seems 
to have been given to the system of grounding, or at 
least to a comprehensive scheme of relay protection, 
while those companies whose systems are almost 
entirely underground, and which have a very high 
standard of operating performance, have gone into the 
matter in considerable detail. 
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As to the systems of protections used there seems to 
be very little standardization of practise except that 
there may be said that at present the majority of 
properties rely on the ground current being of sufficient 
magnitude to trip out the circuit breakers of the affected 
feeder. This, of course, applied mainly to those sys¬ 
tems where there is no provision for ground detecting 
relays. 

However, where ground relays are provided, there 
is wide divergence in the methods employed, both for 
the operation of feeder switches, and the making of 
the ground connections. 

Coming to the methods of operating protective 
relays, a very wide divergence of practise is again 
noticeable. In some cases, one company may have 
several different arrangements on various parts of this 

system. . 

It does not appear that any of the companies have 

developed an arrangement which meets with its entire 
approval as in practically all cases where efforts have 
been made to develop a system of protection, there are 
either several different arrangements of apparatus in 
use, or the arrangement that is in use has hot been made 

universal. . , , ‘xx 

The principal points about which the committees 

inquiry brought out information are as follows. 

Value op Ground Resistance 

The value of the ground resistance must be adjusted 
in accordance with the voltage, generating capacity, 
number of points at which the system is grounded, 
system of relays, size of reactors used, electrostatic 
capacity of lines, and several other features. 

In an effort to determine if there was any relation 
between the voltage of the system and the neutrd 
resistance, a calculation of the volts per ohm, for each 
system has been made. That is, the potential frona 
line to ground is divided by the value of the neutral 
resistance. Consequently, the final values obtained 
are the ^Volts per ohm” used in proportioning the 
resistance. This value—“volts per ohm”—is identical 
with the "^maximum ground fault current” which could 


VOLTS PER OHM 
of 

SYSTEMS GROUNDED THROUGH RESISTANCE 


Number 

of 

Oom- 

paay 

Oapao> 

Ity 

kv-a. 

Volt¬ 

age 

Neu¬ 

tral 

Resist¬ 

ance 

Volts 

per 

Ohm 

Remarks 

3 

6 

A 

U 

17 

18 

.21/ ' 

22* 

23 

20 

36 

105,000 

119,600 

331,500 

46,000 

117,000 

241,700 

242,250 

20,000 

112,000 

49,900 

157,400 

95,000 

102,000 

13,200 

12,000 

9000 

11,000 

13,200 

13,200 

12,000 

13,200 

11,000 

7800 

13,200 

13,200 

13,200 

4 

3 

2^ 

5 

3 

2 

6-10 

6 

15 

2 

8 

4 

7 

1910* 

2310 

2080* 

1270* 

2540 

3800 

1065* 

1766* 

423 

2250 

955 

1910* 

1090* 

(*) Indicates values showing 
very close agreement 

(♦) Indicates ground relays ha 
service 

Capacity grounded by zig-zag 
transformers not included 


exist, assuming that the resistance and reactance of the 
return circuit, from fault to ground connection was 
zero, and that the voltage at the fault be held at normal. 

In the accompanying tabulation it will be observed that 
of the thirteen values calculated, eight show a fairly 
consistent agreement, varying from a minimum value 
of 908 to a maximum of 2080 and averaging 1500. Of 
the exceptions, one value, is very much below the aver¬ 
age, being 423, and one very much above this average 

being 3800. 

Number of Points at Which it is Necessary to 

Ground a System 

It appears to be a well established practise to ground 
at each generating station. The majority of systems 
find it advisable to ground only one generator on each 
section of bus. Naturally, the number of points at 
which it is found necessary to ground will be dependent 
on the size and extent of the system and to the trans¬ 
former connections used at substations. . 

Arrangement op Switches for Protecting Neutral 
Resistance and Controlling Ground Current 

As to this point there seems to be two schemes of 
operation diametrically opposed to each other. One 
of these supplies a switch between the generator and 
ground, this is sometimes automatic and sometimes 
hand-controlled, but in either event the operation is to 
break the ground connection. The other places a 
short-circuiting switch in parallel with the resistance. 
Both of these arrangements seems to be designed for the 
protection of the ground resistance grids, rather than 
for the protection of the system. In general it appears 
that the main reliance is placed on the operator locating 
and clearing the. feeder in trouble before the resistance 
is destroyed. While it is evident that the most desir¬ 
able practise will depend upon the kind of relay pro¬ 
tection in use, there still seems to be considerable room 
for discussion as to which method is preferable, and the 
operating phenomena and experience gained in connec¬ 
tion with each method. 

In Table I is found a tabulation of data covering the 
above points for a number of the most important sys¬ 
tems. These data were very generously furnished by 
the Electrical Apparatus Committee of the National 
Electric Light Association. 

Forms op Relay Protection 

There are several forms of relay protection in use 
and all seem to give more or less satisfactory service, 
although, as mentioned before, the fact that there does 
not appear to be even two duplicate arrangements, 
indicates that the operating engineers have not r^ched 
any unanimity of opinion as to the merits of the different 
arrangements. 

The systems of most importance are as follows: 

a. Ground relay operated from a sheath type 
current transformer on each feeder. 
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b. Ground relay inserted in the common connection 

of three current transformers. 

c. A similar system operated in connection with a 
differential relay interconnected with a current trans¬ 
former in the grounded neutral. 

In connection with relaying it is worthy of note that 
the sheath type transformer is not affected by such 
triple harmonic currents as may be induced in the com¬ 
mon connection of current transformers when a heavy 
load occurs on the feeder, due to slight difference in the 
transformers and consequently may be adjusted at a 
lower setting. It would appear that this point should 
prove of considerable interest and have a very decided 
bearing on the selection of the most satisfactory type 
of relay. 

Special Grounding Arrangements 

Two special arrangements were reported. One was 
zig-zag connected transformer in series with a three- 
phase resistance connected to the bus bars as shown in 
Fig. 2. In the other arrangement the neutral of the 
system was obtained from the middle point of the trans¬ 
former primary winding of a 5000 kv-a. bank of trans¬ 
formers; the secondary winding being connected in 
closed delta. The middle point of the star was con¬ 
nected to ground through a 15-ohm resistance. No load 
was handled by this transformer bank its sole function 
being to provide a system ground. See Pig. 3. 


B600 Volt-ZS'-Bus 


As these have considerable effect on the short-circuit 
current, their influence on the operation of the system 
and of the protective apparatus should be considered. 

Neutral Resistance Construction 

The cast iron grid type of resistance mounted oli 
insulators seems to be almost universally adopted, and 
apparently is giving satisfactory service. The rating 
of the resistance is usually sufficient to carry the full 
current to ground for from one-half to two minutes. 

Generators 



Bus Switch 

Bus Relays ' 

'-Feeder Switch 

Grounding Transformer Relays 
- Trips feeder Switch 

, Grounding Resistor 
67 Amperes Per Phase 
10 Seconds 

Zig Zag Grounding 
Transformer 200 
Amperes Total 
for 10 Seconds 


^ Neutral Current 200 Amperes 

Fig. 2--BUS Grounding Tbanspormbrs, 6600 Volts, 25 Cyclids 

Arc Suppressors 

The use of arc suppr^ors on generated voltage 
systems does not appear to have any adher^ts. 
Apparently, none are, or have been, in service at these 
Voltages. The suppressors have been used at higher 
\7oltages hut generally have been abandoned even for 
this service. 

Reactors 

The use of reactom is hardly mentioned in any of 
the replies, however, it is known that many are in use. 



Surge Absorbers 

One company operating 29 miles of underground 
cable at 11,000 volts ungrounded reports the use of 
surge absorbers for protection of the cable. Although 
these have not been in operation long enough to give 
conclusive experience they are reported as satisfactory 

so far. 

The above paragraphs have outlined the present 
general trend of practise on the various points covered, 
constituting all companies reporting. However, there 
is a wide divergency of practise and a thorough dis¬ 
cussion of each of the points above presented should 
prove very valuable. In future reports of the sub¬ 
committee it is hoped to offer more detailed information 
relative to the various methods used and results 
obtained. 

All data obtained from the inquiry sent out by the 
subcommittee are summarized in Tables lA, IlA and 
IIlA following. 

There is also presented in the appendix a series of 
excerpts from the various reports received which con¬ 
tain much valuable information supplementing the 
summarized data. 

jj—Systems Transmitting at Higher Than 
Generated Voltage 

BY E. C. STONE 

Member, A. I. E. E., Chief of Eleo^cal Planning Divisions, 

Duq,uesne Light Co. 

In this class, thirty^wo companies reporting eighty 
systems with a total generating capacity of 3,984,350 
kv-a. responded to the subcommittee s inquiry. 
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Dead grounding the neutral is clearly the prevailing 
practise as shown by the following figures: 



No. of 
.Sy.s(.em.s 

Total 

M ileUKi! 

Average 
Milos i»er 
System 

Unici'oundvcl. 

.•u 

r»;i77 

i7r. 

:i;m- 

Dead Grounded. 

l.S.(W7 

Grounded throuKh resistance. 

<1 


:isr> 

Grounded throuKli rea(!(.unc<!. 

1 

100 

100 


Although the above figures show the trend to be 
in favor of the dead grounded neutral, the mileage 
ungrounded is very considerable. The average mileage 
per system of the ungrounded system is however, less 
than one half that of the grounded systems. Further¬ 
more a number of the companies reporting ungrounded 
systems report unsatisfactory operation—generally 
trouble through high voltage disturbances—and state 
they are planning to change to grounded neutral 
operation. 

There are several well defined reasons for the preva¬ 
lence of the dead grounded neutral in this class of 
systems among which are the following: 

a. Higher transmission voltages where a dead 
ground stabilizes operating conditions and simplifies 
the insulation problem. 

b. Lower maximum currents to ground both on 
account of the higher reactance in all parts of the ay.s- 
tem, especially the step-up ti’unsformer and of small 
generating capacities on the average. 

c. Greater use of outdoor installations at the 
higher voltages where line damage is possible from 
heavy ground currents. 

The limitations to the dead grounded neutral is of 
cour.se the maximum short circuit developed in case of 
a grounded phase and the damage which may result 
therefrom. 

On systems with dead grounded neutral the usual 
practise is to ground at fairly frequent intervals; the 
average number of miles per ground on 34 such .sy.stems 
is 32 as against 136 miles per ground on 9 sy.stem.s 
with neutral grounded through resistance. 

On long transmis.sions at high voltage both trans¬ 
mitting and receiving ends are almost invariably 
grounded, while in high or medium voltage networks fdie 
neutrals of the transformer banks are frequently 
grounded; not only at generating stations but also at 
all or nearly all step-down systems. This practise i.s 
undoubtedly due in part to the simplicity of making 
dead ground connections. One company reported very 
frequent grounding on account of soil conditions which 
makes the conductivity of the individual grounds un¬ 
certain. 

The only company in this class reporting over one 
hundred miles of cable reports on three hundred and 
fifty nine miles at 24,000 volts. The neutrals of the 
step-up transformers are dead grounded at two genera¬ 
ting plants. Automatic switching is prevalent on 


this system and is operated in a network the same as 
similar lower voltage systems. Above 30,000 volts, 
only one company reported operation of cable. This 
system consists of 28 miles at 33,000 volts constituting 
two tie lines between principal power plants; each 
line is supplied with its own step-up and step-down 
transformers. The high-voltage windings on both 
being connected in star with neutrals dead gi'oimding. 
Switching is done on the low-tension side. 

Most of the sy.stems in this class operating with 
resistance in the neutral are of comparatively recent 
development. The magnitude of resistance used shows 
wide variation. The prevailing type of resistance is 
the cast iron grid similar to that used in generating 
stations, de.scribed in the first section of this report. 

Two systems, however, are using water rheostats with 
apparently entirely satisfactory results. 

Dominating inlluences leading to the insertion of 
resistance in the grounding neutral of high-voltage sys¬ 
tems are the rapidly increasing generating capacities of 
these systems, leading to dangerous currents with dead 
ground and increasingly rigid demand.s for high grade 
service, requiring the elimination of voltage disturb¬ 
ances which would result from heavy ground currents. 
Conditions making such operation practicable are the 
high reliability of in.sulators; development of automatic 
circuit breakers for heavy duty, at high voltages and 
improvement in relay systems which make selective 
relaying possible on ground current of less than full 
load of the line.s protected. 

One company report.^ the use of a Petersen Coil on a 
44,0()0-volt system of one hundred miles extent, all 
overhead. The installation is a recent one and no 
comments were made as to the results attained. 

Two companies reported former use of the arc sup¬ 
pressor. Both however, regarded this equipment as 
outgrown and expressed themselves in favor of auto¬ 
matic circuit breakers and selective relays rather than 
the arc suppressor as protective equipment. 

Ill- Protection of High-Voltace Underground 

CADLE.S 

While .seven companies reported operating 526 miles 
of cable above 20,000 volts only one of the.se reported 
cable operating above 30,000. O'he .subcommittee has, 
however, also secured data on four British in.stallations 
of cable which are now in operation at 33,000 volts. 
The following i.s a summary of the protective arrange¬ 
ments used on the one American installation and on the 
four British installations which were reported on; 

It will be noted that four out of five systems have 
neutral dead gi*ounded and operate each cable as a 
separate unit isolated at both ends by transformera. 
Only one company attempts anything like a transmis¬ 
sion net work with sectionalizing switches. 

Inquiry among cable desi^ers which has been made 
by the subcommittee brings out a definite and uniform 
opinion that in the present state of the art, cables 
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Arrangement 
of neutral 

Lightning 

arresters 

Switching 


No. of 
company 

Number 
of lines 

Miles 
each line 

Location 

Method 

Scheme of operation 

6 

2 

14-1/2 

Dead grounded on both 
lines at both ends 

None 

Low-tension 

side 

Automatic 

Separate step-up and step-down 
transformers for each cable at both 
ends 

38 

1 

15-1/2 

Dead grounded generating 

None ■ 

Same 

Same 

Same 



end only 



Same 

Same 


39 

40 

2 

1 

{ 

Same 

Grounded at step-up trans- 

None 

None 

Same 

High-tension 

All operated through one 33-kv. bus 

formers through resist- 


side 



41 

4-1/2 

ance 200 amperes 2 min. 
Dead grounded generator 
end only 

None 

Low-tension 

side 

Same 

Separate step-up and step-down 
transformers at both ends 


operated at 33,000 volts or aboveshould have the neutral 
dead grounded at as many points as possible. 

With reference to switching practise, the high-voltege, 
high duty switches now available should prove entirely 
adequate for switching on both routine and automatic 
on failure on high-voltage cables. If such cables are 
to be used to any great extent in future transmission 
systems the present practise of isolated operation must 
necessarily give way to operation in net works, -in 
many cases connected with-overhead lines—with the 
usual automatic sectionalized switches. 

Even if greater voltage disturbances are produced by 
switching at cable voltage rather than on the low-t6n- 
sion side—and opinion is more or less divided on this 
point—such operation cannot be avoided. 

One manufacturer writes as follows with reference 
to these matters: 

‘Testing and research have indicated that the low- 
tension switching generally produces less voltage dis¬ 
turbance than high-tension switching. However, the 
voltages produced by switching are only a part of the 
disturbances to which cables are sp-bject. If. }.0W"te^“ 
sion switching is used, therefore, there will be a slight 
probability of fewer troubles in the cable, and where 
individual transformer banks, are used for the cables^it 
is easy to use low-tension switching. There will be 
many places, however, where it is necessary to use a 
high-tension bus and high-tension switching. We be¬ 
lieve this will be the case in the future and that the 
system should be made in some way proof against the 
disturbances resulting from high-tension switchii^. 
Future experience will indicate whether this can be 
done best by increasing the insulation of the cable or 
by installing ptotective devices, such as resistance in 
shunt with reactance or resistance in series with con¬ 
densers. 

While cables are less subject to lightning disturbances 
than overhead Unes, yet, it appears desirable to protect 
such cables by lightning arresters whether they are 
connected to overhead lines or not. Since the cost of 
arresters is low compared to that of the cable, that is, 
the insurance is cheap, they should without doubt be 
protected by lightning arresters where they are con¬ 
nected with overhead lines.’^ 


IV—Conclusions and Summary 
BY B. C. STONE 

Duquesne Light Company, Chairman of Sub-Committee 

From general considerations fundamental to the 
problem and analysis of all data received by the Sub¬ 
committee, the following conclusions are reached: 

Operation with Ungrounded Neutral 

The only argument in favor of operating a system 
with ungrounded neutral is the possibility of continuing 
in operation with one phase grounded. In the early 
days of power transmission, when mileages were small 
and voltages low, this was possible not infrequently, 
and on systems in undeveloped territory, especially mth 
lines running radially out from a central power station, 
such operation became of distinct economic advantage. 
However, as the size of these systems increased it was 
soon found that in a majority of cases that the increased 
charging currents on a grounding phase not only made 
continued operation impossible but developed excessive 
voltages at other points of the system which resulted 
in one or more break downs, thus causing serious 
interruptions to considerable portions of the system as 
well as material damage to valuable equipment. 

When to Ground the Neutral 

The grounded neutral of a transmission system per¬ 
forms two definite functions: 

a. It acts as an anchor to' hold the generator wind¬ 

ings,. transformer windings and line wires at potentials 
to ground which are within the values for which a sys¬ 
tem is designed; , , 1 

b. It completes, in case of a grounded phase, a 

closed circuit through the generator which short cir¬ 
cuits the electrostatic capacitance, of a system to ground 
and prevents the building up of arcing grounds involv¬ 
ing disasterous voltages. . . 1 ,. 

The dead grounded neutral limits the voltage 
stresses that may occur at normal frequency to a value 
of approximately 50 per cent of that which may occur 
with any other operating arrangement. ^ 

The creation of excessive voltages in transmission 
systems, both from internal surges and arcing grounds 
depends largely upon the amount of energy storage m the 
electrostatic capacity of a system which increases 
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directly as the number of miles of line and as the square 
of the voltage. Hence the increasing mileage and 
increasing voltage of transmission systems have been 
the definite factors leading to grounding of the neutral. 

These conclusions have been amply proved by 
operating experiences. In many cases the excessive 
voltages have become increasingly frequent and disas- 
terous as ungrounded neutral systems have grown and 
have subsequently been practically eliminated by the 
grounding of the system neutral. 

From the data available it is not possible to indicate, 
except in a very general way, at just what stage in the 
growth of a system the neutral should be gi*ounded. 
When however, the magnitude of any system has be¬ 
come so great that evidences of excessive voltages be¬ 
come frequent and insulation failures develop simul¬ 
taneously on different parts of the system, it is time to 
consider grounding of the neutral. 

In this connection, it should be remembered, that 
because of the higher electrostatic capacity of cables, 
one mile of cable is equivalent to approximately 25 
miles of overhead lines. On all systems reporting only 
6385 miles out of a total of 31,408 are operating with 
free neutral. Mileage of systems is the determining 
factor in grounding and is shown by the fact that the 
average mileage per ungrounded system is 152 against 
a mileage per system with dead grounds of 441 and with 
resistance grounds of 248. The latter being chiefly on 
systems consisting largely of underground cable. 

How TO Ground 

Four factors must be considered when designing a 
neutral ground for transmission systems: 

a. Excessive voltages must be taken care of. 

b. Excessive currents must be prevented. 

c. Due consideration must be given to conditions 
imposed by selective relaying. 

d. Due consideration must be given to reducing to 
a minimum the effect of system disturbances on inter¬ 
ference with operation of motors and other load. 

As previously stated operating experiences show 
conclusively that dangerous voltage disturbances will 
become more and more prevalent as mileage and voltage 
of systems increase, unless suitable grounding of the 
neutral is resorted to. 

Several companies grounding through a resistance 
report gradual reduction of resistance as the magnitude 
of the system increases. With this premise, let it be 
assumed that for the same degree of protection on 
various systems, the grounding resistance should vary 
inversely as the total system charging current. In¬ 
ductance and electrostatic capacity per mile of over¬ 
head line and cable do not vary very widely within the 
ranges of construction used by the systems under 
consideration; let them be assumed constant with the 
electrostatic capacity of cable taken as 25 times that 


of overhead line. Expressed as a formula these assump¬ 
tions give the following results: 

(La-\-5 -\-25Lb) XfXR=K. 

where: 

La = Miles of overhead line 

L 6 = Miles of cable 

/ = Frequency of system in cycles per second 

R = Resistance of combined neutral ground circuit, 
in ohms. 

A calculation of the value oi K for those systems on 
which sufficient information is available shows inter¬ 
esting results. If K came out a constant for all systems 
it would mean that a definite relation had been es¬ 
tablished between systems charging current and ohmic 
value of grounding resistance. As a matter of fact 
however very wide variation is shown as indicated in 
the following summary: 




Value of K/10» 


ISO. OI 

Systems ' 

Minimum 

Average 

Maximum 

Transmitting at gonorated 

vnU.n^n .. 

8 

0.008 

1.04 

3.55 

Transmitting at higher 
than generated voltage. 

7 

0.022 

0.52 

2.00 


Petersen, inventor of the Petersen grounding coil, 
has given a value of K of 6.2 X 10'“’ as suitable for 
calculating a grounding resistance of proper ohmic 
value for preventing the accumulative voltage varia¬ 
tions from arcing grounds. This would give a value of 
resistance from 6 to 12 times the average, as shown by 
the above data, and two or three times the maximum 
values in actual use. 

In view of the fact that some of the later grounded 
neutral installations have been installed with the 
highest resistance values it is of interest that one com¬ 
pany with a relatively very high grounding resistance 
reports occasional insulation failui’es simultaneously 
at different points on the system, similar to those which 
previously occurred on the ungrounded system. 

So much for the higher limit of resistance value. The 
lower limit is determined by the maximum permissible 
current flow in case of a grounded phase and this in 
turn is determined by the possible damage to equipment 
and disturbance to service, resulting from such cmrent 
flow. The limits have however, a considerable range 
depending on service conditions, system connections, 
outdoor and indoor bus structures, etc. 

The data collected show that of the 49 systems with 
grounded neutral transmitting at higher than generated 
voltage and operating 24,926 miles of line 39 systems 
with 18,478 miles are dead grounded, while only 9 
systems with 2626 miles are grounded through 
resistance. . 

The reason for the predominance of the dead 
grounded neutral on the higher voltage systems seems 
clear when it is remembered that^^the reactance of a 
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system goes up at least in proportion to the voltage, 
with the result that relatively small currents flow in 
case of a grounded phase at the higher voltages. For 
example—assume that a 200,000-kV’'a. station is de¬ 
signed for 11,000-volt operation and that the generators 
have 6 per cent internal reactance, the maximum cur¬ 
rent which could then flow to ground if neutral of all 
generators were dead grounded would be: 


200,000 X 1.73 
11,000 X 0.06 


525,000 amperes 


If however, the generators step up their entire out¬ 
put to 132,000 volts through transformers of 6 per cent 
reactance and all transformer neutrals are dead 
grounded, the maximum possible current at the high- 
tension bus would be reduced to one twenty-fourth of 
the above value or 20,000 amperes. 

From another point of view if it was found that 
25,000 kv-a. was the maximum permissible station 
capacity at 11,000 volts for dead grounded neutral, then 
a 600,000-kv-a. station at 132,000 volts might have its 
neutral dead grounded without any increase in maxi¬ 
mum possible ground currents. The resistance of a 
ground circuit through a fault is so low that it is practi¬ 
cally negligible compared to the impedance of the rest 
of the circuit. Hence the greatest currents arising from 
grounding the neutral may occur at the large stations 
at the lower voltages and it is at these stations that 
limitation of ground current by insertion of resistance 
in the neutral becomes compulsory. 

From the point of view of relay operation, the dead 
grounded neutral is the most satisfactory arrangement, 
since it allows ample currents for positive selective 
action of relays and permits using the same relays for 
protection against grounds and short circuits. A low 
internal resistance of the order of two or three ohms 
does not materially alter this condition, since ground 
currents will be still much in excess of normal full-load 
line currents. The information received indicates that 
selective relay requirements, have been a limiting in¬ 
fluence in 12 cases on the maximum value of resistance 
used in neutral grounds. See Tables 6a and 6b. 

On the other hand, the demands of a rapidly growing 
motor load—much of it synchronous—for relief from 
inconvenient disturbance due to drop of voltage has 
created a tendency toward the use of greater values 
of ground resistance particularly on high-voltage over¬ 
head systems where most break downs are grounds, 
rather than short circuits, and individual lines have very 
large carrying capacities so that a single fault to ground 
may effect a very large block of service. 

In the last few years there has been a faWy marked 
trend toward the use of higher resistance in grounded 
neutrals especially in the higher voltage systems. 
This has led to the development of a number of relay 
schemed in which selective operation of breakers is 
obtained with ground currents less than the full-load 


current of the line. Six companies are using schemes 
of this nature on parts of their system. 

In studying the effects of heavy ground currents on 
the operation of synchronous machinery a series of 
tests was made by one of the manufacturers under 
conditions approximating those of a certain trans¬ 
mission system. The results of this test indicated 
that the average voltage at the motor could not drop 
more than 30 per cent without interference with opera¬ 
tion. With greater drop in voltage than this motor 
generators may be expected to drop out of step and 
rotaries to flash badly. The average drop of thirty 
per cent at the load, means of course, materially less 
than this on transmission systems since when the volt¬ 
age begins to drop, motors immediately draw more 
current, thus adding to the drop due to ground currents. 

Insertion of resistance in the neutral reduces the 
distortion to the voltage triangle in case of ground, as 
well as the average drop in voltage. 

Calculations of the maximum current which will flow 
in case of a grounded phase on systems with neutral 
grounded through resistance have been made by 
dividing the rated system voltage, from neutral to 
phase wire, by the resistance, at the grounding point, 
assumed to be in parallel. On 17 systems for which 
this information is available the following figures for 
maximum ground current have been obtained: 

Maximum Average Minimum 
6950 Amperes 2080 Amperes 102 Amperes 

Under 700 amperes, 5 systems: 1100 to 2600 am¬ 
peres, 8 systems: 4000 amperes or over, 4 systems. 

Type op Resistance 

Details of the data obtained by the Subcommittee 
will be found in Tables 3a, 3b, 6a and 6b. Prevailing 
practise calls for grounding resistances made up of cast 
iron grids for either indoor or outdoor operation. 

These grids are designed for a maximum temperature 
of 350 deg. cent, to 600 deg. cent. The average being 
about 400 deg. cent. On 30 grids now in service, the 
time required to. reach this temperature runs from 10 
seconds to two minutes with an average of 45 seconds. 
One grid has a time rating of 10 minutes having re¬ 
placed a 30-second grid on account of burning out of 
the latter. 

In general, these grids are giving satisfactory service. 
Of 11 systems for which information was furnished on 
this point, 8 reported no trouble, while 3 using thirty 
second resistances and one having a 10 second resist¬ 
ance reported trouble from burnouts on sustained 
grounds. Of two of these using 30 second grids, one 
has gone to dead grounding and the other to 10 minute 
rating, while the company using the 10 second resistance 
on a 66-kv. system has installed a circuit breaker to 
automatically short-circuit the grids on maximum 
ground current sustained for 10 seconds. 

Two companies are using water rheostats for ground- 
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ing resistance, the ohmic values are five to one hundred 
and fifty ohms. One of these reported satisfactory 
operation and one burnout due to low capacity. One 
company reports resistance of 60 to 100 ohms made of 


13200 Volt 60-Bus 






\ 


Generators 


H Type K Oil 
Circuit Breakers 


\ 

Neutrai Bus 


., Ammeter 
400 /6 Inst. Relay Operates 

Indicaling Lamp 



5 ITL. Thermal Relay 
Trips Neutral Circuit Breaker 


Graphtc Ammeter 
1000/5 

E 10'1200 Amperes 
8000 Volt Circuit Breaker . 

Resistor 
8 Ohms 
10 Min 

1000 Amperes 
Ground 

Pro, 4—GiioiTNDiNO OP 13,200-Vor.T, GO-Cyclk System 

Monel metal, the ratings being 67 amperes for 10 
seconds and 40 amperes for 20 seconds respectively. 

Grounding Through Reactance 

The most recent development in methods of ground¬ 
ing of neutrals is the use of a reactance instead of 


6600 Volt Bus 



Pia. S—Showinq Method op Groundinq and Protecting 
15,000-Volt, 25-Cyclb Station Tib 

resistance. If for any given system, the reactance is 
properly proportioned it will exactly neutralize the 
capacitance of the transmission system to ground, so 
that in case of a grounded phase no current will flow 
through the fault. It is claimed that arcing grounds arc 


absolutely prevented by this device which is called the 
Petersen coil, after its inventor. 

Although a number of his schemes of grounding 
through reactance have been in operation for some time 
in Europe, only one company in the United States was 
reported to the subcommittee to be using it. A 
thorough analysis of the theory of the grounding 
reactance was presented by Messrs. Conwell and Evans 
in the A. I. E. E. Journal for February, 1922, and a 
report on practical results obtained from operation of 
such a coil over a period of eighteen months is presented 
by Messrs. Oliver and Eberhardt coincidently with this 
report. 

Grounding the neutral of a transmission system in a 
suitable manner is thoroughly standardized in the 
United States as the best protective measure against 
internal voltage disturbances. This conclusion is 
definitely proved by the data received by the subcom¬ 
mittee. 

Protective Schemes Other Than Grounded 

Neutral 

Several companies have used various forms of arc 
suppressors with more or less success, for a number of 
years. Outlines of their experiences will be found in 
the ^‘excerpts'' in the appendix of this report. 

In general the arc suppressor'has proved only reason¬ 
ably successful as it has many limitations. The con¬ 
census of opinion seems to be that with the high duty 
circuit breakers and selective relaying now available 
the arc suppressor should be abandoned. One company 
reports the use of surge absorbers on their ungrounded 
cable systems with satisfactory results. This device 
consists of reactance and capacitance in series in the 
form of a static condenser and this connected into the 
line in a manner similar to lightning arresters. The use 
of this device is suggested in addition to the dead 
gi’ounded neutral for protection of very high-voltage 
cables. 

In Europe it appears that considerable success in 
protecting against excessive voltages has been obtained 
by the use of horn gaps in series with the resistance 
connected to the line, the same as lightning arresters. 

One case has come to the attention of the sub¬ 
committee where the neutral of a transformer bank was 
connected through a spark gap to ground. 

In conclusion the present situation as to pounding 
the neutral of transmission systems is summarized in the 
following paragraphs: 

1. Grounding the neutral has proved successful to a 
very high degree in limiting trouble from excessive 
voltage on transmission systems. Case after case^ is 
on record where frequent and destructive insulation 
break downs on systems operating ungrounded have 
been practically eliminated after the neutral is 

grounded. . . 

2. The trend of present practise is definitely toward 

grounding the neutral of large transmission systems. 
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Increasing mileage and voltage have been the factors 
necessitating this practise: 

a. On systems transmitting at generated voltage, 
the neutral usually is grounded at each generating 
station with resistance of low value. 

b. On systems tr^sinitting at higher thairi generated 
voltage the neutrals of the transformers are grounded 


Mam Bus 



Pig. 6—6600 and II.OOO-Volt Radial Feeder Relays, 25 

Cycles 


at each generating station and some or all substations. 

c. Where resistances are used they are generally 
made up of cast iron grids with time ratings at maximum 
current of 30 seconds to 60 seconds. 

3. The use of arc suppressors has been very generally 
abandoned. This is not because such apparatus was 
without merit since some fairly good results were 
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obtained with its use, but rather because of the develop¬ 
ment of high interrupting capacity breakers and select¬ 
ive relays which are fouiid to be a better solution to 
the problem. 

4. Certain departures from present standard prac¬ 
tise in neutral grounding as outlined above are taking 


place which are apparently proving successful and are 
likely to become increasingly used: 

a. High resistances in the neutral ground connection 
of the order of one to one and one half ohms per thou¬ 
sand line volts. One company is using a resistance 
of 150 ohms on a 26,400-volt system. 

b. Reactance, (Petersen coil), is being tried instead 
of resistance in the neutral ground connection. 

Excerpts prom Replies to Inquiry 

The following excerpts, which are taken from the 
replies submitted in answer to the questionnaire, give 
in a general way the attitude of the various operating 
engineers towards this subject. These replies refer to 
the systems as a whole and include lines operated both 
at generated and transformed voltages, and, conse¬ 
quently, refer to methods of grounding the neutrals on 
the high-tension side of transformer banks as well as 
the generator neutrals. 

The company number at beginning of each excerpt 
furnishes a reference to other data on same company 
in the tables. 

■ Company No. 1 

(1-A), The method of grounding is considered 
entirely satisfactory. The only difficulty which has 
been experienced is the burning up of the cast iron 
rheostat in case the ground, due to failure of some other 
protective equipment, should hang on too long. 

When the main power house started in operation 
the neutral of one of the transformers connected to each 
of the two high-tension circuits was connected directly 
to ground without any resistance. As the summer of 
1911 proved that these lines were subject to considerable 
lightning trouble it was tried for a while to run the sys¬ 
tem ungrounded, but as this did not minimize the 
effects from lightning this method of operation was 
quickly abandoned again in favor of the grounded sys¬ 
tem which permitted selective relay operation by means 
of neutral relays in the ground connections. Resist¬ 
ances between the neutral points of the transformers 
and the ground were shortly after introduced because 
it was believed that some of the transformer breakdowns 
experienced during 1911 might have been due to exces¬ 
sive flow of current which would occur through the dead 
grounded transformer when only one of a number of 
transformers in parallel was grounded. Resistances 
made of concrete separating electrodes of wire netting 
were first tried but proved entirely unsuitable as they 
would cause arcing when heavy current passed through 
them and were abandoned in favor of the present cast 
iron grid rheostats. 

Arc suppressors and a field destroying device have 
been used a number of years on the transmission sys¬ 
tem with fair success. Both have been abandoned, 
however, due to the fact that they were found unneces¬ 
sary, as iour parallel circuits have been constructed and 
an ''V.^orate relay system of overload and neutral 
relays at the generating station and reverse power relays 
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at the terminal station have been brought to such per¬ 
fection that the other devices were found unnecessary 
on the system. 

(1-B). We originally operated without neutral 
grounded. About 1907 we grounded the neutral of one 
generator through a grid resistance having 10 ohms. 
The object of this grounding was to reduce voltage 
strains on the system. As the capacity of our system 
increased it became necessary to reduce the resistance 
of the grounding resistance to accomplish the same 
results. About 1916 we burned up the grounding 
resistance and as we were approaching zero resistance 
we decided to abandon the resistance. Since that time 
we have operated with the neutral solidly grounded and 
have found this practise satisfactory. 

Company 5 

We originally installed resistance in series with the 
neutral but it was abandoned, and since we have been 
operating with a dead-ground we had an arc suppres.sor 
a number of years ago, but it did not; seem to be of any 
particular services. 

Company 7 

The operating condition during the period from 
February to August was such, however, that for all 
practical electrical considerations the system was 
operated as a purely grounded system. On ungi'ounded 
operation, from the beginning of March to the end of 
August 1920, 61 cases of trouble interfered with the 
operation of the system. Upon inve.«stigation it was 
found that there were actually 120 cases of trouble; 
that is, usually each case of trouble brought with it a 
reflected case of trouble; i. a. interference with operation 
was usually caused by more than one sumultaneous 
breakdown. We have record of five cases of breakdown 
occurring simultaneously and as can be readily imagined 
it was somewhat difficult, if not impossible to actually 
establish which was the primary cau.se. Against the 
before-mentioned our operating experience for the same 
period in 1921 with dead grounded neutral .showed that 
there were 47 cases of operating interference and but 48 
cases of trouble found. This means that when a break¬ 
down occurred on the grounded star-connected system 
it stayed as an individual case and did not bring with it 
a multiplicity of simultaneou.s breakdowns. 

Company 9 

Full load on our feeders is from 200 to 260 amperes. 
The relays are adjusted to trip on approximately 120 
amperes ground current. 

Company 11 

Before grounding neutral, .simultaneous cable failures 
did occur and in one case five faults appeared. Since 
grounding neutral only one has occurred when two 
feeders failed at once. 


Company 18 

The 150-ohm resistances in the two 26,400-volt 
.sections have not been in service long enough to supply 
sufficient data regarding the suitability of this value of 
resistance. The ungrounded sections in are not entirely 
.s:itisfaetory in comparison with grounded operation. 

Company 20 

On four occasions the 1000-ampere, 30-seeond 
resistor through which the neutral bus of the 60-cycle, 
13,200-volt system was grounded failed in seiwice be¬ 
cause of sustained grounds on other station busses with 
the ground current divided over several feeders. In 
each case the resistor burned apart leaving the neutral 
bus ungrounded. 

A new resistor rated at 8 ohms, 100 amperes for 10 
minutes has been installed. A thermal relay with 
current time characteristics similar to those of the 
resistor opens an oil circuit breaker in series with the 
resistor when the grids reach a dangerous temperature. 

Company 21 

Our system was fimt changed from free neutral to 
solid gi’ounded neutral. This eliminated the trouble 
due to surges but caused our lead cable sheaths to be 
burned when the line became grounded. To remedy 
this, we changed from solid grounded neutral to neutral 
grounded through resistance. After trying various 
values of resi.stance, we have found that approximately 
6 to 10 ohms gives very satisfactory results on our 
systems. 

Company 24 

No trouble has been experienced with the resistance 
used in grounding the neutral of our transmission sys¬ 
tem, while in service. Inspection of the gi’ids has shown 
broken grids at various times. However, as the units 
are built up with two grids in parallel, this at no time 
has opened up the circuit to ground. 

Company 29 

As our 11-kv. system has increased in extent and 
consequently in electrostatic capacity, surges due to 
arcing grounds have become increasingly violent. They 
are jjarticularly destructive to lightning arresters, cable 
terminals, transformers etc., we therefore propose when 
one new i5,000-kw. ll-kv. turbo generator is installed 
to ground the neutral of the system, but whether 
through resistance or not has not yet been determined. 

Company 36 

The 60-cycle .system was originally operated with 
a free neutral but after failure of the insulation of a 
large generator, cause of which was attributed to 
voltage disturbances which would very likely not have 
occurred had there been a neutral ground connection, 
plans were made for connecting this neutral to ground 
through ah 8-ohm resistor. 
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Experience obtained during the next few yeai-s 
indicated that there was a certain number of faults to 
ground through which the current was not of sufficient 
value to cause the circuit breakers to open, and it, 
therefore, appeared advisable to reduce the resistance 
with the gi’ound connection. This was done in such a 
manner as to obtain a resistor of 4-ohm resistance 
designed to carry 2000 amperes for one minute. 

At the present time there is a number of trial instal¬ 
lations of low-current ground relays connected in the 
common return wire of the current transformer second¬ 
aries which operate alarms to indicate to the operator 
which line is grounded. Owing to the fact that nearly 
all transmission is through underground cables, the 
ground faults usually develop into short circuits before 
the operator can clear the line manually. It is possible 
that in the future installations will be made of ground 
relay protective equipments which will automatically 
insolate a grounded section. 

Company 10 

At the time the plant was built, the manufacturers 
did not feel capable of building 110,000-volt oil switches 
which could be relied on to open short circuits safely 
with the power of the plant behind them. Instead, 
therefore, of relieving short circuits which might occur 
on the 110,000-volt lines by automatically opening the 
supply with oil switches, all of these oil switches were 
made non-automatic and provision made for lowering 
the voltage on the line in trouble by cutting in resistance 
of the exciter fields. After the arc was extinguished in 
this manner the voltage was again brought up on the 
units and service re-established. 

You will see that the above method of operation 
meant that every time a short circuit occurred on the 
circuits service was interrupted. We therefore looked 
around for some suitable way of taking care of such 
service interruptions and installed the arc suppressor 
for that purpose. 

The arc suppressor has very satisfactorily performed 
the work for which it was intended and has taken care 
of about 80 per cent of the line flashovers, which are 
practically all caused by lightning, without the loss of 
load. On the other hand, severe short circuits at re¬ 
ceiving end caused by cable failures, etc., also operate 
the arc suppressor and under such conditions the load 
is generally shaken off, so you will see that there are 
times when we would be better off without the arc 
suppressor. 

In addition to the above, there is no doubt in my 
mind but what the short circuits which the arc suppres¬ 
sor places across the lines at the power house is very 
severe oh the transformers and while we have had no 
failures of such apparatus, it has never seemed to me 


just right to place such severe short circuits on the 
generating equipment if it could be avoided. 

The state of the art at present is such that I believe 
if we were building a new plant at the present time, all 
of the outgoing lines would be equipped with suitable 
oil switches which would be made automatic and short 
circuits would be taken care of by promptly opening 
the circuit in trouble. For this reason I believe our arc 
suppressor equipment is out of date and I doubt very 
much whether a story of the operation of the arc 
suppressor would be of very much value, except as a 
matter of history. 


SUMMARY OP DATA 



Systems at 
generated 
voltage 

Systems at 
higher than 
generated 
voltage 

All systems 

Number of Oompanios. 

20 

32 

36* 

Number of Systems: 




Ungrounded. 

11 

31 

42 

Dead Grounded. 

3 

30 

42 

Resistance Ground. 

17 

0 

26 

Reactance Groimd. 

0 

1 . 

1 

Total. 

31 

80 

111 

Total Mileage: 




Ungrounded. 

1008 

6377 

6385 

Dead Grounded. 

3707 

14,678 

18,476 

Resistance Graund. 

3822 

2626 

6448 

Reactance Ground. 

0 

100 

100 

Total. 

8627 

22,781 

31,408 

Average Mileage; 




Ungrounded. 

02 

176 

152 

Dead Grounded. 

1270 

377 

441 

Resistance Ground. 

22.5 

292 

248 

Reactance Ground. 


100 

100 

Resistance Factor K: 




Minimum. 

0.008 

0.022 

0.008 

Average. 

1.04 

0.52 

0.80 

Maximum. 

3.55 

2.00 

3.55 

Maximum Ground Current: 




Minimum. 

425 

102 

102 

Average. 

2300 

2000 

2080 

Maximum. 

4620 

5050 

5050 

Milos per Ground: 

Dead Groimd. 

24 

32 


Resistance Ground. 

110 

146 

. . 

Reactance Ground. 

. » 

100 


Total Generating Capacity.... 

2,387,600 

3,984,350 

6,371,850 


*Somo companies operate both types of system. 


TABLE I-A—TRANSMISSION AT GENERATED VOLTAGES 
UNGROUNDED SYSTEMS 


Voltage 

No. of 
Com¬ 
pany 

1 Miles 

Protection Other 
Than Ground 

Over¬ 

head 

Under¬ 

ground 

Total 

11,000 

13 

60 

7 

76 



18 



63 

Arc suppressor 


27 

26 

29 

55 

High-frequency absorber 


20 

315 

0 

315 


13,000 

5 

133 

, « 

133 


13,200 

18 


• • 

115 

Arc suppressor 


25 

5 

0 

5 



26 

70 

6 

76 



31 

0 

50 

< 50 



34 

92 

0 

92 



35 

28 

0 

28 
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TABLE III-A—SYSTEMS GROUNDED THROUGH RESISTANCE 
TRANSMISSION AT GENERATED VOLTAGES 









Resist¬ 

ance 


Resistance 



No. of 



Miles 


No. of 



Rating 



Voltage 

Com¬ 

pany 

Pre- 

quency 

Over¬ 

head 

Under¬ 

ground 

Total 

Grounds 

Per 

Ground 

Type 

Amps 

Time- 

Sec. 

Temp. 

Location of Ground Connection 

6000 

36 

25 



10 

2 

7 

Grid 

.. 

.. 


Generator neutral 

6600 

19 

25 

0 

400 

400 

2 

57* 

per 

phase 

Zig Zag 
Transf. 

and 

resistor 

67 

per 

phase 

10 


Station Bus 

7800 

20 

60 

0 

91 

91 


2 

Grid 

2300 

30 


Generator neutral 

9000 

6 

60 

0 

396 

396 


2-M 

Grid 

2000 

, * 


Generator neutral 

11,000 

11 

60 

46 

31 

77 


4 

Grid 

1500 

60 

350 *0 

Generator neutral 

l9’-20 

25 

0 

182 

182. 

2 

48* 

Zig Zag 
Transf. 
and 

Resistor 

150 

per 

phase 

60 


Station Bus 


23 

60 

ICO 

151 

311 


15 

Grid 

868 

30 


Transformer neutral at power stations 

12,000 

6 

60 

22 

353 

375 


3 

Grid 

2000 

, , 


Generator 

21 

25 

27 

143 

170 


5 to 10 

Water 

, * 

. . 


One generator in each group 

13,200 

17 

25 

65 

33 

98 


? 


2000 

60 


Generator neutral 

17 

60 

146 

85 

231 


3 


2000 

60 


Generator neutral 


18 

60 



? 


2 


3750 

120 

450‘C 

Generator neutral 


19-20 

60 

0 

198 

198 

H 

8 

Grid 

1000 

1000 

30 

600 


One generator in each power station 


22 

60 

25 

0 

25 


5 

Grid 

1600 

60 

400" C 

Generator neutral 


36 

25 



33 

^B^B 

7 

Grid 

* , 

, * 


Generator neutral 


36 

60 


,. 

170 


4 


, * 



Generator neutral 

13,800 

3 

60 

71 

353 

424 

2 

4 


2000 



Neutral of one generator and one transformer 


*Iiiclucles irapodanco of Zig zar transformer. 


TABLE in-B—TRANSMISSION AT HIGHER THAN GENERATED VOLTAGE 
SYSTEMS GROUNDED THROUGH RESISTANCE 


/• 

Voltage 

No. of 

Fre¬ 

quency 

' Miles 

No. of. 

Resist¬ 

ance 


Resistance 

Rating 

Neutral of transformergroundedat 

Com¬ 

pany 

Over¬ 

head 

Under 

ground 

Total 

Grounds 

Per 

Ground 

Type 

Amps 

Time 

Secs 

Temp. 

22,000 

23 

60 

172 

0 

172 

7 

15 

Grid 

868 

30 


Pending substations 

23,000 

9 

60 

0 

25 

25 

1 

10 

Grid 

1325 

30 


Generating stations 

25,000 

24 

60 

886 

0 

886 

3 

28.8 

Grid 

200 

60 

• 

Generating stations 

26,400 

mSm 

60 

277 

18 

295 

2 

6 . 

Grid 

2000 

60 


Generating stations 



60 



? 

2 

150 

Water 

200 

2 


Generating stations 

66,000 

mm 

25 

200 

0 

200 

1 

58 

Grid 

200 

30 


Generating stations 


17 

25 

85 

0 

85 

1 

? 

Grid 

2000 

60 


Generating stations 


.23 

60 

161 

■■ 

161 

2 

63.5 

Grid 

600 

10 

600* C 

Generating stations 

110,000 

31 

25 

802 


802 

1 

100.0 

Water 

•• 





TABLE IV-B—TRANSMISSION AT HIGHER THAN GENERATED VOLTAGE 
SYSTEMS GROUNDED BY SPECIAL METHODS 


Voltage 

No. of 

Prequenoy 

Milos 

No. of 

Description of Ground 

Company 

Overhead 

Underground 

Total 

Grounds 

44,000 

3 

60 

100 

0 

100 

1 

Peterson coil placed in neutral of transfornler bank 
at generating station. 


TABLE V-A. CALCULATIONS TO ANALYZE DESIGNING OP GROUNDING RESISTANCE 


Voltage 


7500 

11,000 

12,000 

13,200 


13,800 


No. of 
company 


19 

11 

23 

6 

17 

19-20 

22 

36 

3 


Prequency 


60 

60 

60 

60 

60 

60 

60 

60 

60 


Number of 
grounds 

Ohms per 
ground 

Calculation of Pactor 

Maximum current all 
grounds. Connections 
in parallel 

25 Lb 

La +25 Lb 


IIIIImbI 

1 

2 

3,775 

3,775 

120 

0.45 

2250 

1 

4 


, • 


. • 

1590 

1 

15 

3,775 

3,935 

900 

3.55 

425 

3 

2.75 

18,725 

18,747 

55 

1.03 

4620 

\ 1 . 

3 

2,120 

2,266 

180 

0.41 

2540 

■ 2 . ' ■ 

8 

4,150 

4,150 

240 

0.99 

1910 

■ . 1^ ^ 

5 

0 

25 

300 

0.01 

1520 

1 

4 

4,250 

4,702 

240 

1.13 

1900 

2 

■ 4 ^ ^ 

8,725 

8,796 

120 

1.06 

4000 
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TABLB V-B. CALOULATfONS TO ANALYZK DKSrON OP OKOUNDING UKSISTANCB 


VoltaRO 

Nt». of 
compatiy 

Pi'otumiicy 

No. of 
Ki'oiiiuls 

(lUni.s i»(3r 
Kroutid 

C1al«;iiIatJoii of Pacslor k 

Maximttin ctirront all 
grountls, €onne(3tionfl 
in parallel 

25 L li 

L n 4- 25 I. ft 

rif 

/r/lO« 

22,000 

>>•* 

—* 

00 

7 

15 

0 

172 

12{» 

0.02 

5050 

23,000 

0 

•iO 

1 

10 

r.25 

r<25 

000 

o.;is 

1330 

2.1,000 

24 

00 

3 

28. S 

0 

880 

570 

0.51 

1.500 

20,400 

17 

r.o 


0 

450 

727 

180 

0.13 

5100 

00,000 

I 

25 

1 

5.S 

0 

200 

14,50 

0.20 

000 


23 

00 

•1 

<■3.5 

0 

101 

1000 

0.31 

000 

110,000 

31 

25 

1 

100 

O 

802 

2500 

2, (K» 

1100 


TAMhB Vl-A. TKANSMtHHION AT <iKNBHAT151> VOl/lVViKS 
OATA ON CHlAN(JIfl.S fN (lUOUNOrNG MKTIIOI) ANO OOMI’AKATiVK IMSUKOIlMANOW 







i Fact ors deiis’inliiirig mag- 

1 

Volt- 

(loin- 


(Oiaiige in t.vpo 

Is present iiietliod of 

1 ilitude of resistaiiee. 

! • Trouble experienced 

ago 

r«uiy 

of gcoimditi!.'; 

of grutiiKi 

grounding .siitisfaetory 

if used 

with re.sjstance 

0000 

30 

7 Minn n>s|Mlanoii in 


Yes 

Operation of relays 

None 



gon. neutral 





0000 

10 

/,ig /ai5 'rraiKfoniier 

liiicroiindi'd to /ag 

Yes 

Operation of relays and 

N one 



and n•siNlallt!^• 

'I'raiisf. rcNj ii. ground 


limited disturbance 


7800 

20 

2 Minu resist iinnc 

Ibigroiiiiiied to 2 olim 

Yes 

Ourrent einuil to 125 per 

N one 




resislaiif.e 


cent of full load on gen¬ 
erator 


0000 

0 

2-1/2 ohm ri^.slstaiice 

l''ree to reslstatiee 

Yes 

Limit at ion of damage 

None 



in Kenersit or.s 





11.000 

a 

Dttad groundi-d at. 

l*’ree neutral to resislaiKre 

Belays do not ofii‘ritl.» as 

,Severity offaull,s 

None 



Nub.stai.i(ins 

ground 

(luieltly as <te.sire<i 

Operation of lireulters 



23 

15 ohms all source 

Ungrounded to dead 

Fairly lower resl.stanee i 

Minimum current to oper- 





grourul to resist anee 

may bu installed 

ate relay.s, Kliminallon 





ground 


ef damage t o etjulpinent 



27 

UnKroundisl 


Ungrounded Ny.slem Is un- 







satisfaeiory due to lu- 
(ireased eapaell-y 




20 

Ungrounded 


Propose to clinnge from 

, , 

j 





free to gniiinded neutral 



12,000 

0 

3 oiinis at gi;nfS'al<.u* 


Yes 

Kesisl ance in generator to 







Jlinll current to 20(11) 
amperes 



21 

5 to 10 olinis.wali'ri 

I'^ree neutral to dead 

Yes 

humiliation of surges 





ground to resistaiiee 


Limitation of Damago 
Iligli re.sistance found un- 


13,200 





satLsfactury to prevent 
surges 


1 

Dead ground at power 

Ungrounded to 10 olirn re- 

Not entirely 

Oapaelty of systoin 

He.slstancu liurnt up 



and suii.station.s 

.sisiantai. 10 ohni.s by 


Oiirrenl necessary for prop- 


. 


gradual .sbuis (o disid 


or breaker operation 





dis'id ground 


VoltaKu .strains on sysi.em 



17 

3 olims on gofinraior 
neutral 


1 Yes 

Operation of relays 



18 

2 ohms on Konunitor 

Ungrounded to 2 oliin re- 

1 Y'e.s 

.Severll.y of findls 




lUHiiral 

.slstanee 

1 

Opertvlhm of reltiy.s 



20 

8 ohms oil generator 

Ungi’oumled to 8 ohm re- 

! Yes 

.Severity of faults ' 

Grid re.HlHf,ttnco burnt up 



uniitnil 

slsiams! 


Opera! Ion of relays 

four times because of 




30 Siteond resislanee to 10 



divided ground current 

13,200 



min. resistanee 




22 

5 ohms in generator 

Ungrounded l,o re.slstaneo 

Yes 

i I’nitectlon of maeliiiie 

None 



neutral 

ground 


Operation of relays 



25 

Ungrounded 


Ungrounded iioutrul lui- 

, , 

« • 





satisfactory 




32 

Dead grounded at 

Ungrounded to deiwl 

Yes 

• • 'i 

• • 



generator 

ground 


1 



36 

HuHi.stunce In gen- 

Free to 8 ohms to 4 ohms 

Yew 

Operation of relays 

None 

13,800 


era! or neutral 


1 



3 

4 ohms at generator 

Dead to rnslHtanee 

Ve« . ' j 

Moguitude of current in 

! ' • • 





1 

; cose of ground 
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TABLE Vl-B. TKANSMISSION AT HIGHER THAN GENERATED VOLTAGES 
DATA ON CHANGES IN GROUNDING METHODS AND COMPARATIVE PERFORMANCE 


Volt- 

aso 


22,000 

23,000 

25,000 

20,400 

33.000 

33.000 

•14,000 

60,000 


100,000 

110,000 


Com¬ 

pany 


Prusont tniitliod 
of grounding 


27 

0 

24 
17 
IS 

7 

25 

27 

2 

.5 


17 

23 

24 


30 

4 


31 


Cliangtf In lypo 
of ground 


Ungrounded 


10 ohms at generator 

28. S ohms at genera¬ 
tor stations 

6 oiiras at gonorating 
stations 

150 ohms water at 
gonorating stations 

Dead grounds at sub¬ 
station 

Ungrounded 


Ungrounded 


UoaeUnce (.^oil 
Dead gromul at snij- 
statinns 

58 ohms at power sta- 
•tion 


Ueslstaneu groundcxl 
at powisr stations 
0.3.5 ohms at powor 
plants 

Doad ground at power 
plant > 

Ungrounded 
Doad grouiuiod 

Doad groundod 
Doad gronmlod at 
power station 


Doad ground to raslstanco 

Ungrounded to rosistanco 
ground 


Doad groundod to 150 
ohms rosistanco 

Preo neutral to doad 
ground 


I.s present ractliotl of 
grounding satisfactory 


Dead ground to rea<4.anee 
Resistance t.t» dead ground 

Dead ground to fr(«t neu¬ 
tral 1,0 r«»sl.stiuu;e grouiul. 
Coucr<Jte r(,!.sl.stane<! t.o 
grid roslstunc^e 


Ungrounded neutral un- 
satisfjictory duo to In- 
creasotl capacity of sys¬ 
tem 

Yos 

Not satisfactory with pro.s- 
ont rolay instollatlon 

Yos 

Not .sullleicnt informal ion 
to decide 

Yes 

UngroundtHi neutral im- 
siitishMUory because of 
surges 

Ungrounded neutral un- 
salisftuU.ory due to In- 
<T«?aswl capacity 

Expect l«» ground .'Ul lines 

Yes 

Vos 


Yes 

Y*?s 


Ungr«iiiidi!d neutral un- 
.stitisfaclory duo to In 
cr««ise capstcity 


UiigroUndctl to doarl 
ground 

Rosistanco to dead ground 
Ungrountiod to 1000 ohm 
rosistanco to 100 <»hm 
resistance 


Y4SS 

Yos 


Factors determining mag 
nitudo of resistance, 
if used 


Severity of faults 
Operation of breakers 
Elimination of surges 
Protoction of oqulpment 
Operation of relays 

Minimum ground current 
giving satisfactory rolay 
operation 


Trouldes experienced 
witlx resistances 


None 

Broken grids 


Currenl. reijulred to ojxer- 
atn relays l>ut not (xiuso 
overload of transformers 


Operation of relays 


ISlImlnatlon of surges and 
limitation of duty on 
Ixreakors and transfor¬ 
mers 


Concretu i'osistance caused 
arcing upon passing cur¬ 
rent. Grid resistances 
melt when br(salcor.s fall 
to clear trouldo 


Grid ro.slstanco burnt up 
by hanging on of ground 
current 


HIgli resistance of low 
capacity burnt up 


TABLE VII. GENERAL DATA--.SUMMARY 


No. of 
company 

Generating 

capacity 

Icv-a. 

Ungrounded 

Voltage 

Mikjs 

Protcmtlon other 
than ground 

1 

1.30,000 




2 

153,500 

22,000 

00 





80 


3 

173.000 

K mQIm 

21 


4 

252,000 

B 

896 




■t uoiii!l 

im 


5 

315,850 

13,000 

133 


6 

523,000 




7 

102,205 

20,000 

80 




33,000 

93 


8 

293,000 




9 

14,000 




10 

124,760 




11 

72,600 

22,000 

22 



Dead 


Volts 


13,200 
20,400 
44,000 
110,000 
25,000 
100,000 

44.000 

100,000 

20.000 

22,000 

33,000 

33,000 

24,000 

48,000 

11,000 

30,000 

06,000 

110.000 


Grounded 


Miles 


180 

40 

240 

564 

20 

1100 

709 

1489 

03 

27 

28 
057 

937 

212 

3596 

105 

010 

193 


Rc.sistancu 


Volts 


06,000 


13,800 


9000 

12,000 


23,000 


11,000 


Milos 

200 

424 


396 

375 


25 


77 


Special Schemes 


Volts 


44,000 


Milos 


100 
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TABLE Vfl. OENEKAL DATA—SUMMAUY (Oon(.inu««l) 


No. of 
coituwny 

(iOUOt'UliUK 
ca parity 
kv-ii. 

Vollaijr 

rTtiu-rnniiiliul 

Oroi 

ndcd 


Mill's 

I'rntcrt ion ot lirr 
than ai'ounil 

Hi 

‘snl 

Rcsistaiicn 

Special .ScUenie.s 

Volts 

Alik^ 

Volts 

Mill's 

Volts 

Mih's 

la 

171,200 

17,not; 

88 










22.t)t)0 

1 wli 










ll.OOt) 

:{0.5 










7.5.00t) 

171 










NO.OOt) 

518 








1.) 

lao.oot) 

11.000 

tlO 


1 Itl.tltN) 

141 







33,000 

tu 


Arc Nii|}pros.si)rs also nsoO 







tin .000 

2!l 


on 1 to itv. .sysloiu 





11 

t'.O.lOO 




33.(810 

105 










110,000 

0(1 






30.800 

1.5,0tH) 

28 








It; 

288.7.50 




15,000 

3.S0 










.‘lO.OOO 

170 










50.00(1 

201 








- 

' 

60,000 

l(H)() 



i 






1.50.000 

ISO 



! 

17 

117.000 






13,200 

32!( 










26,400 

205 

1 








6l>,()(l() 

85 

i 

IK 

2)1.700 

ii.otio 

ti3 

.Ani .sii|iiir<).ssor 

26,100 

7 

13,200 

Oil 1 





I3,2tl0 

11.5 



26,4(H1 

> 



lu-ao 

0.'»7,5"tt) 


! 



0600 

400 









7.S00 

01 






i 



11.000 

18; 









13.200 

108 




277,800 


t 



1.5„500 

13 



21 

302.2,50 

ai.otio 

13.5 ! 



12.000 

170 



22 

38.400 


! 



13.200 

25 






1 



11,000 

311 



28 

238.000 


1 



22,000 

172 






1 




172 






i 

! 



06.000 

161 



24 

14.5,000 



06.0(H) 

20 

25,000 

886 



ar. 

16,000 

13.200 











.’la.ooti 

»3*l 
—• 








2i*i 

iti.OOO 

13.200 

' 7 tl 










1.5.000 

4.5 j 









33.t)Otl 

1.85 








27 

.S0..500 

1 t .tlOO 

.5.5 

En 8 11 u*tuty al wf»clH*r 









22,tl00 

01 

<*n raltlt) syst om 









33.000 

Ot) 








2H 

ti0,000 


j 

.5v5.0(MI 

all 








1 

87.000 

221 








i 

\ 

100.000 

20H 





21) 

17,700 

11.000 

31.5 ! 

06,0(N) 

72 





au 

.’)26,200 

22.00t) 

217 

17.(M)0 

327 









60,0(M) 

2042 









110,000 

51,5 





aiA 

207.000 

13.200 

50 



110,000 

802 





20.400 

210 







aiB 

21.200 




110.000 

7.5 





aia 

0050 

22.000 

.580 








a 2 

02.000 


i 

13.2(K) 

121 





aaA 

12.000 

tOi.OOO 

175 ! 

132,000 

76 







21,t)00 

7tl 1 







aaB 

3.5,700 

60,000 

202 ! 







330 

115,000 


i 

06,0(H) 

180 







i 

132,000 

110 



1 

aaD 

34.000 

33.000 

1)5 i 





• 

34 

78,000 

13.2{M» 

02 

66.0(K1 

460 



j 



10,000 

08 1 

ExpcrinitmtiOK with arc 



r } 



44,000 

«0 ' 

siipprt.'Hsor 




i 

35 

.5.5.000 

la.aoti 

28 1 





I t 

36 

270.(K)0 

06.000 

31 ■ 

O.OtM) 

10 



! 



1 

1 

i3,2(H) 

203 






SUMMARY 


Nuinbur of Coiuimnltifi au Total Capacity 0,5)71.8}.'$ kv*a. 


Number of Sy.Htem« ... 


. ins afiiiiotfo. ... . . 

. .31..303 Av«. 

MU. 

per Syetom. ....... 

...200 

' ** 

it 

«i 

Unaruunded. 

• • « # • 

. 43 

O 

Ungroundod. . 

. . 6,385 " 

M 

* Ungrounded .. 

••• i4d 


U 


Dead Grounded . 

• « « • « 

. 41 

t$ 

Dead Grounded. ..... 

.. 18.475 •' 

H 

** Dead Grounded. ...... 

.. .450 

tt 

a 


ReslHtance Ground. .. 


. 25 

H 

Ii€Hii«baa(H3 Ground. . . 

., 6,448 •• 

N 

" Beafotance.. .. 

...258 


li 


.Specially Orouuded .. 


, 1 

II 

Hpecially Grounded... 

., 100 “ 

N 

" Specialty Grounded .... 

...100 
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TABLE VIII—KEY TO COMPANIES SUBMITTING 
INFORMATION 


Number 

of 

Company 

Name of City 

Name of Company 

1 

Baltimore, Md. 

Consolidated Gas, Elec. Light and 
Power Co. and Pennsylvania 
Water and Power Co. 

2 

Birmingham, Ala. 

Alabama Power Co. 

3 

Boston, Mass. 

Edison Electric Hlumlnating Co. 

4 

Butte, Mont. 

Montana Power Co. 

5 

Charlotte, N. 0. 

Southern Power Co. 

6 

Chicago, Ill. 

Oonomonwealth Edison Co. 

7 

Chicago, Ill. 

Public Service Elec. Co. of North¬ 
ern Illinois 

8 

Detroit, Mich. 

Detroit Edison Co. 

9 

Fall River, Mass. 

Fall River.Electric Lighting Co. 

10 

Fresno, Cal. 

San Joaquin Light & Power Co. 

11 

Hartford, Conn. 

Hartford Electric Light Co. 

12 

Jackson, Mich. 

Consumers Power Co. 

13 

~Keokuk, Iowa 

Mississippi River Power Co. 

14 

Los Angeles, Cal. 

Department of Public Service 

15 

Los Angeles, Cal. 

Los Angeles Gas and Electric Oorp. 

16 

Los Angeles, Cal. 

Southern California Edison Co. 

17 

Milwaukee, Wls. 

Milwaukee Electric Railway and 
Light Co. 

18 

Newark, N. J. 

Public Service Electric Co. 

19 

New York, N. Y. 

New York Edison Co. 

20 

New York, N. Y. 

United Electric Light & Power Co. 

21 

Niagara Falls, Ni Y. 

Niagara Falls Power Co. 

22 

Pawtucket, R. I. 

Blackstone Valley Gas and Elec¬ 
tric Co. 

23 

Pittsburgh, Pa. 

Duquesne Light Co. 

24 

Pittsburgh, Pa. 

West Penn. Power Co. 

25 

Port Arthur, Tex. 

Eastern Texas Electric Co. 

26 

Poughkeepsie. N. Y. 

Central Hudson Gas and Electric 
Go. 

27 

Providence, R. I. 

Narragansett Electric Lighting Co. 

28 

Riverside, Cal. 

Nevada-Callfomia Power Co. 

29 

San Diego, Cal. 

San Diego Cons. Gas and Electric 
Corp. 

30 

San Francisco, Oal. 

Pacific Gas and Electric Co. 

31 

Toronto, Ont. 

Hydro-Electric Power Commission 

32 

Washington, D. 0. 

Potomac Power Co. 

33 

Wheeling, W. Va. 

American Gas and Electric Co. 

34 

Worcester, Mass. 

New England Power Co. 

35 

Worcester, Mass. 

Worcester Electric Light and Power 
Co. 

36 

Philadelphia, Pa. 

Philadelphia Electric Co. 

37 

Buffalo, N. Y. 

Buffalo General Electric Co. 


Discussion 

GENERAL CONSIDERATIONS IN GROUND NG THE 
NEUTRAL OF POWER SYSTEMS (Ddwey) ; 

THE NEUTRAL GROUNDING REACTOR (Lewis) 
OPERATING PERFORMANCE OF A PETERSEN EARTH 
COIL (Oliver and Eberhardt) ; 

PRESENT DAY PRACTISE IN GROUNDING 
TRANSMISSION SYSTEMS (Committee Reports; (a) 
SYSTEMS TRANSMITTING AT GENERATED VOLTAGE, 

(WooDRUPB’): (b) 

SYSTEMS TRANSMITTING AT HIGHER THAN 
GENERATED VOLTAGE (Stone),. 

Pittsburgh, Pa,, April 24,1923. 

R. W. Atkinsons I want to say a word with regard to 
the eompiMison between the condition of a cable system and an 
overhead open-wire system with regard to the grounding of the 
neutral. There is a large and important difference for two 
reasons. The most important reason is the relative cost 
of insulation of the cable system as compared with the 
overhead bable for high voltage. The insulation is a 
very important part of the transmission system, whereas it 
is a relatively minor part in the overhead system. You can 
afford in the overhead system to put on insulation to take care 
of the voltage ris«e due to abnormal conditions, and you can 
afford to put on the insulation to take Care of service condi¬ 
tions; whereas the same difference in service conditions costs 
you a whole lot more in insulation of cable systems. Another 


difference from the standpoint of operation, is the very much 
greater electrostatic capacity for the cable system. 

Another thing that we have often overlooked, not only the 
operating people but some of engineers connected with the 
manufacturers, is that when you have the same thiclmess of 
insulation between conductor and sheath in a cable, as you 
have between conductors, you really haven’t the same voltage 
strength. 

The best reason perhaps is the fact that the ratio between 
the maximum stress and the average stress is much higher 
where you have the stress concentrated only on one side, as 
you do from the conductor to the sheath, as compared with 
where you have it concentrated in two places, and your stress 
subdivided. Your belt insulation is probably not equal in 
its voltage resisting strength to the insulation on the con¬ 
ductor, and as a general proposition a cable with equal in¬ 
sulation between copper and sheath as between conductor and 
conductor; has very much less actual strength from copper to 
sheath than from copper to copper. Therefore, if we only got 
the same amount of voltage disturbance or the same potential 
between copper and lead, as between copper and copper, we 
would be expecting more trouble. 

As a matter of fact, with the underground system, it has 
been shown to proceed to higher ground as in eases of arcing 
grounds. Coming to the other side of the case, the neutral 
grounded through resistance; there we have removed the most 
serious source of possible disturbance, but we still have the 
condition that any conductor of the' system may be subjected 
suddenly to a potential, exceeding line potential. In view of 
the less apparent strength of the insulation from conductor to 
sheath, we want to have more insulation there than we would 
have applied otherwise. 

Another point to consider in comparing systems is the matter 
of the size of the system. A very few cable systems oper¬ 
ate without grounded neutrals at voltages above 90 kv. and 
a few have operated with resistance in the neutral. I be¬ 
lieve all of those systems above 20 kw. which have not operated 
with solidly grounded neutral are very small or the actual 
part of the system itself is small. That is, if we have a 
bus at the genera-tor voltage and a step-up transformer to the 
cable, and then through the cable to another transformer, with¬ 
out going to a bus, then only the one cable is involved. That 
system is radically different in its operating condition from the 
other system, whereby the voltage is stepped up before you 
get to the bus, and you have a bus voltage above generator volt¬ 
age. Now, in that case, all of the cable on the system is sub¬ 
jected to the abnormal condition resulting from a single voltage 
failure, which means that we have the difference between the 
large and small system. 

The large transmission system may have a number of small 
units each having the same characteristic, as far as the effect 
on grounding neutral is concerned, as a small transmission 
system, and the effect is this. 

A system, of course, without grounded neutral acts just ex¬ 
actly like one with the grounded neutral as long as nothing 
happens.. As soon as something happens, you put strains on 
the system, and one thing causes something else, and that 
causes somothing else again, and troubles will be multiplied 
in proportion to the square of the amount of cable involved, 
perhaps, if they are troubles due to incomplete grounding. 

There is another thirty-three thousand volt cable in opera¬ 
tion in this country, (it is a very small amount in addition to 
the one which is mentioned here) in Los Angeles, and that is 
operating with a solidly grounded neutral system, and has 
been for nearly two years. 

F. C. Hanker: Mr^ Dewey has given Us a very comprehensive 
review of the problems involved in grounding the neutral of 
transmission and distribution systems. I do not believe that 
too much emphasis can be placed on the advantages of opera¬ 
ting a system with the neutral stablizer. The principal argu¬ 
ment for the free neutral, that it permits continuity of supply 
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even when one phase is grounded, is misleading in that it is a 
dangerous practise as well. The possibility of arcing grounds 
with their resultant recurring oscillations are so likely to cause 
extremely high voltages as to be dangerous. It is far better 
policy to remove a circuit that has failed from service rather 
tha ri risk more general and widespread breakdowns due to 
high-voltage disturbances. 

While it is true that the smaller systems can generally operate 
successfully with the neutral free, it is also true that is a limit to 
the growth of a system. One of the systems referred to by 
Mr. Dewey, the Montana Power Co., was initially a delta 
system operating with the neutral free. • As the system grew 
the effect of failures became more serious and widespread with 
the result that the engineers practically reached the conclusion 
that there was a definite limit to the size of a transmission sys¬ 
tem that could be operated successfully. The solution of the 
problem was in the stabilization of the neutral. This has proved 
so successful that, based on the experience of several years opera¬ 
tion, the present conclusion is that there is no limit to the size 
of a transmission system. 

The strongest advocates of the stabilized neutral are the 
Pacific Coast systems. In 1898 a transmission system opera¬ 
ting at 60,000 volts was planned by the Standard Elec. Com¬ 
pany. They adopted the 60-oyole, grounded system and the 
same plan was adopted later by the Bay Counties Power Com¬ 
pany. The grounded system has been generally used on the 
Pacific Coast from the beginning and engineers, prominent on 
the coast have expressed the opinion that their success is largely 
due to the fact that the neutral was fixed. 

An analysis of the relative magnitude of possible surge volt¬ 
ages on the free neutral and grounded neutral systems will 
show to the advantage of the grounded system. Advantages 
of this feature can be considered in two ways, first by retaining 
the greater factor of safety, in insulation strength and second, 
by grading the insulation. On lower potentials up to 110,000 
volts the advantage in cost is not great and it may be desirable 
to retain the higher factor of safety. On higher voltage systems 
the saving is appreciable and we are justified in taking advan¬ 
tage of the reduction. Very appreciable savings have resulted 
in apparatus purchased for operation on 220 kv. and have been 
accepted by operating engineers after careful comparative 
analysis of various factors affecting the conditions. 

J. B. Taylor: A few years ago there would have been 
little difficulty in securing a number of papers on this general 
topic in which perhaps the majority would have favored work¬ 
ing without grounded neutral. The absence of any paper to¬ 
day in which* the author definitely advocates running in the 
old method is quite obvious; it is not necessary to comment on 
it. The practise is fairly well crystallized and those who haven’t 
swung into line, as far as I can discover, are holding back either 
for reasons of expense or because their systems may be in such 
good shape that their troubles with the free neutral are not 
serious. 

Of course, if there were no causes of trouble, there would be 
no point in deciding whether to work one way or the other, 
and the whole question could be left open. Consequently, it 
isn’t possible for me at any rate to dispute much of what is 
said here, and a discussion is necessarily limited to comment¬ 
ing and questioning a few of the points which boil down really 
to comparatively minor differences in practise. 

We might emphasize this best by calling your attention to 
the fact that Mr. Dewey in his conclusions advocates ground¬ 
ing heavily so that voltage rises will be kept down at the ex¬ 
pense of currents. Mr. Lewis, in his conclusions, says the Petersen 
coil is a good thing where it is desirable to keep down the rises 
in current at the expense of voltage. In the report of the com¬ 
mittee, I think you wiU find ou one page a statement that the 
tendency is to cut out the resistance and elsewhere a statement 
that the tendency is to increase the resistance. 

Now, this state of affairs is not disturbing; all systems are 


not alike. They operate at different voltages, have different 
lengths of line; the cables are from different makers and 
loaded to different extents. The ducts are laid differently, so 
that there are plenty of good reasons why the prevailing kind 
of trouble which one system has is different from the prevail¬ 
ing kind of trouble which another system has. 

One thing to which the engineers who have presented the 
papers, at any rate, agree and probably a great many more, is 
that grounding in some form is desirable. 

Now, the particular form seems to come down to a matter 
of accumulated experience on the particular system and en¬ 
gineering judgment on how to meet that particular condition. 

I am inclined to think that if you can clear your faulty cable 
without a big rush of current, even though your apparatus 
will stand that rush, there is particular virtue in doing it that 
way. Consequently, continued experience in designing select¬ 
ive relays and these various diffei-ential arrangements will 
perhaps be the tendency. 

I am also inclined to make a general comment on some of 
the statements in the committee reports. It seems to me there 
is a little confusion in spots between presenting the present 
practise and stating the trend. 

Now, a census does not always show the trend of things at 
all. It may show the amount of previous mistakes compiled, 
so we must discover the trend in more subtle ways instead of 
counting up what you already have on your hands. I would 
draw a line through the word trend, because it appears to have 
been put in where they should have said the practise is thus 
and so. 

There is only one more point. In the committee’s reports 
where there is a discussion of what determines the value of 
resistance in the neutral, where resistance is used, on the third 
page, the middle of the first column. My comment is that the 
most important controlling factor in determining this resistance 
is included under the several other features not mentioned. 
The current-carrying capacities of the cable determines the 
setting of the oil switch, very often set on triple, double and 
normal load. 

The neutral resistance, to work properly, must take into ac¬ 
count the setting of the switches. I believe that this has been 
the controlling factor in determining the value of this resistance. 

L. P. Ferris: In presenting these remarks I want to em¬ 
phasize that I do not wish to suggest that the features which I 
will mention are necessarily to be considered controlling. All 
I wish to do is to call attention to some of the effects which 
manifest themselves and that these effects should be given 
their due consideration and nothing more. 

On the third page of his paper Mr. Dewey states as a con¬ 
clusion, that no serious telephone interference under normal 
operating conditions need be anticipated even though the 
neutral is grounded at many points. I believe that opera¬ 
ting experience does not justify such a generalization, although 
there are doubtless instances where this conclusion holds. 
There is just this difference, under normal operating condi¬ 
tions, between the grounded neutral system and the isolated 
neutral system: In the former you give opportunity for triple 
harmonic voltages to be impressed upon the line with respect 
to the ground, and thereby affect the neighboring communica¬ 
tion circuits, whereas in the isolated systems these triple har¬ 
monic voltages and currents cannot get out on the line. There 
are certain minor exceptions to that which we won’t go into. 

Sometimes this effect is emphasized by multiple ground¬ 
ing of the neutral although you can create a disturbance with 
only a single ground. The capacity of the system to ground 
presents a path for any triple harmonic current, the circuit be¬ 
ing completed via the neutral. Such current would in general 
be negligible from the standpoint of the operation of the power 
system, however, there are cases where it is important in its 
effect on neighboring circuits. 

X am glad to note on page 5 of Mr. Dewey’s paper his cob- 
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elusion that the use of Y-Y transformers is very limited in view 
of the interference which they tend to cause in the neighbor¬ 
ing communication lines. 

Obviously from the standpoint of telephone interference it 
is an advantage to limit the short-circuit current to ground 
which if not limited may give severe acoustic shocks to operators 
listening, on parallel circuits. Mr. Dewey, evidently inadver¬ 
tently, stated the contrary at the bottom of his fifth page. 

Will Mr. Dewey please explain what is meant by a semblance 
of arcing ground effects. 

At the midwinter convention of a year ago, I called atten¬ 
tion to some of the properties of the Petersen coil from the 
standpoint of its effects on induction into neighboring cir¬ 
cuits. It is very gratifying to note from the paper by Messrs 
Oliver and Eberhardt that operating experience with this de¬ 
vice shows that its use reduces the interruptions due to fiash- 
overs from lightning by some 83 per cent. Without that device, 
it is fair to conclude that in those cases in which the coil cleared 
the fault there would otherwise, in general, have been a direct 
short ch’cuit to ground on the system, and had there been a 
telephone line from Lock 12 extending toward Vida, it is reason¬ 
able to expect that in a good many of those cases there would 
have been induced in the telephone circuits high voltages, 
some producing acoustic shock. In such a situation the use 
of this coil would have saved about 83 per cent of the dis¬ 
turbances in the neighboring circuits. 

This installation uses in combination with the Petersen coil 
a short-circuiting switch which solidly grounds the system in 
those oases where the Petersen cannot be expected to clear the 
line. In this instance there in no particular reason why a 
resistance would offer advantages over the direct grounding of 
the system. However, had there been a telephone system ex¬ 
posed to this power line, in those cases where it was necessary 
to resort to other means than the Petersen coil to clear the line, 
if instead of grounding the neutral solidly the switch had con¬ 
nected the neutral to ground through a moderate resistance of 
such value as to permit reliable operation of a ground relay you 
could have accomplished the desired result and at the same 
time prevented a condition which might give rise to a dis¬ 
turbance in the telephone system. The combination of this 
coil and a moderate resistance, may, therefore, offer advan¬ 
tages in situations where we have disturbances in telephone lines 
to contend with. 

In closing, I would make one suggestion for the considera¬ 
tion of the authors of the Petersen coil papers. The net¬ 
work of the Alabama Power Company with which the coil is 
associated is in the form of a Y, and Mr. Lewis presents curves 
which show that at resonance the current in the neutral reaches 
a maximum as we should expect, amounting in this case to 
about six amperes. That is due, of course, to the unbalanced 
voltages of the system produced by the unbalanced line capaci¬ 
tances acting in the series resonant circuit. There is an unusual 
opportunity at the junction point of this Y to connect conductors 
of high, low and medium capacitance to ground, one from each 
branch of the Y, and so to improve the balance of the system 
without the expense of transpositions. Of course, if the branches 
of the Y are very different in length, this scheme would not work 
so well, unless the excess lengths of two branches over the 
third were transposed. At any rate, a considerable improve¬ 
ment would seem to be practicable at slight expense. Improved 
balance would, of course, enable the coil to be operated closer 
to the resonance adjustment without excess current under 
normal conditions. 

H. W. Smiths In regard to the question of grounding the 
neutral of power systems, it should be pointed out that the 
engineers of the Westinghouse Conipany have consistently advo¬ 
cated this from the early days of power tranisinission. 

For instance, P. M. Lincoln read a paper in 1907 on 
“The Grounded Neutral With and Without Series Resistance 
in High-Tension Systems,” which he followed in 1909 with a 


paper on “Protection of Electrical Equipment” in which he 
stated “It is my opinion that so far as protection to apparatus 
is concerned, the advantages of grounding the neutral very 
much outweigh the disadvantages and if protection to ap¬ 
paratus alone were to be considered I would have no hesitation 

in recommending a solidly grounded neutral system.” 

¥ 

The experience of transmission companies is recorded in the 
files of A. I. E. E. in such papers as: 1914—The Experience 
of the Pacific Gas & Electric Company with Grounded neutral 
by Messers. Jollyman, Downing & Baum; 1916—Report of 
of the Transmission Committee; 1919—Grounding The Neutral 
of Generating and Transmission Systems by H. R. Woodrow; 
Grounded Neutral Transmission Linesby W. E. Richards. They 
have led towards a general adoption of the grounded neutral. 

I believe the operating companies, as regards this question of 
grounded neutral, should be divided into three classes: 1. 
Large metropolitan companies transmitting at generator volt¬ 
age mostly through underground cables. 2. Medium voltage 
systems transmitting at 22, 33 or 44 kv. These systems often 
do not involve a large lew. capacity, but there is a large mileage 
of lines covering large districts. These systems often distribute 
at these voltages, rather than transmit; 3. High-voltage systems 
66 kv., 88 kv., 110 kv., 132 kv., 154 kv., 165 kv., and 220 kv. 

The general practise in class 1, is to ground the neutral. This 
was done quite early in the art, for example on the Manhattan 
Railway in New York about 1904. 

A severe cause of trouble which was theoretically investigated 
by Dr. Steinmetz in his paper “High Power Surges in Electric 
Distribution Systems of Great Magnitude” (Trans. 1905), led 
to the grounding of the neutral through a 6-ohm resistance 
(1000 amperes for two minutes). 

As mentioned by Mr. Dewey, these systems can be: 

(1) Grounded solidly; (2) Grounded through low resistance 
to pass currents in case of ground of such magnitude to operate 
relays set for short current protection; (3) Grounded through 
higher resistance to limit the current and prevent excessive 
burning of cable in case of ground. 

This latter system involves a special system of ground relays 
the expense of which many companies have not seen fit to incur. 

Satisfactory systems of ground relays have been developed 
for this use and are available for those companies which desire 
to use them. 

Exact data showing the propox'tion of cable faults which 
are grounds and those which start as short circuits would be a 
welcome contribution to our information and help us to decide 
whether such ground relays should be used. 

As pointed out, if it is desired to apply differential protec¬ 
tion to generators to disconnect them in case of a ground on wind¬ 
ing, it is necessary to ground the neutral of one or more 
generators. 

In regard to the design of grounding resistors I believe it is 
safe to work up to a maximum temperature of 600 deg. cent. It 
should be pointed out that working through this range there is 
a considerable increase in the value of the resistance probably 
around 50 per cent, so that a resistor which was 5 ohms when 
cold would be around 7 ohms at the end of the time interval 
for which it was designed. 

In regard to the time for which the grounding resistor should 
be designed there are a number of points to be considered. If 
there are a number of feeders in parallel feeding a substation^ i^ 
the case of a ground occurring in that substation or beyond, the 
ground current wiir divide up so that the relays will probably 
not trip out the lines carrying the ground current and the total 
ground current through the resistor may bum it out; The 
resistor, therefore, in a case like this should have a long time 
element or should be protected by thermal relays which will 
either short-circuit or open-circuit the resistor when it reaches 
a dangerous temperature. 

In regard to systems of the second class. In many cases the 
neutral is grounded at several points through a resistance. There 
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IS no <l(»uht (hat SIS I hoso sysUuns j^nnv l.lioy will roswh a point, 
whoro ill is osssailisil (.o j^jrouinl llm nouirsil. Tlioro siro liowovor 
a numhor of sysUinis with siiif'lo-looi) Ininsmissioii lin«!S luiv- 
ill" customoi's iapiMul at; intorvals whioli hositsilit l.o ("romnl tin* 
noiil.r:i.l on siceoiint of inlsirniptioii of snrvicc'. In many casos 
fchnso systems art! imt properly e(|uipt)tHl with relays suit! oil 
ciraiiit hrosikers. All tjxttmsions to sueh systems sltouhl he 
matle so that ath!ipialo relay ami eirenit breaker protethion 
art' installeil with thiplicalt! lines to important loatl emiters st* 
that a {frimmltMl neutral system ean he instalh'tl as soon as 
possible. 

In rogartl to eon.shhiratitms Uxing the si/e of resistance. If 
no ro.sistance or a low resistatice is usotl to ground tht? mmtral, 
then any ground will .stsritmsiy disttirt the voltage triangle, 
and aflnct sychronons appa.ra.tus on tlm systt'in. 

Tests have been matle whit'h slmw that the faettir Iti htt tam- 
sitleretl is the i>ositive jihase stujuenet' e.tnu}Hine.ni of tht! vtilt- 
ago at the terminals of tht' apparatus considerod. If this volt¬ 
age is loss than 70 pt'r mtnt of normal voltage it is prtdiablt* that 
no tnmble will l»e e.'cpttritinctul frtun aptmratus dropping out tif 
st«M» j)rt>viilt!tl thi'.v are not ovt'rltmdetl anti liavi; full t>x«ita- 
tion. Ttists ha.vt! slmwn tliat the valuo tif gnmntl re.sistancm to 
give tliis tlroi» in vtdtagti is ap|irt>.\iimd.ely a rt'sistanco whioli 
allows titmbli' fidbloatl tmrri'iit tti litov tti grtiuml, that is 


tihase Vtiltage 


2 X K.b. current, sti that If tht' grtuintl t'lirrt'nt 


does not exet'ed twice full-htatl current, synttlironous apparatu.s 
slmnUl gentjrully stay in sb'it. 

II. M. Trucblood* I ha,ve merttly a brit'f snggt'slion to 
offer with regartl l.t» Mm thnie tiastts of doubtful titn'raliou t»f 
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the Petersen crdl which are meutieiusd in the paper by Mtsssrs. 
Oliver and Kbtjrhardt. They are rtiferred to on page 007 «»f Miat 
paper and further in Table 1, under tlm dates of July 7 and 
August 2r>, 1022, and February 2J1, It is rather intero.sl- 

ing, I think, that in each of tlmse three cmstis what was observed 
was a flashover on the 41-kv. bus, and, connf'<d<««l with that 
disturbance in some way, was an ojmration of line switch 200 
between the line and tlie hu.s. 

In the diagram, the Fig. 1, 1, 2, and 0 represent the three' 
poles of a .switch and the condensers Cim and Can repre¬ 
sent the ilirect capacities of the three phases to ground. X is 
the Petersc'ii coil. Let us suppose that otio of the three .switch 
contacts, c. f/., No. 3 opens up whllt! the other twoi remain closed, 
as might occur, for instance, if, through some defect iii the 
switch meehauism, the three poles arc not operated sinuiltaim- 
otisly. In thi.s case the capacity in what has somnlimes been 
called the “series resonant circuit", etinsists of f/m and Czn in 
parallel, plus an additional capacity etp^ivalent to the direct 
capacities of phases 1 and 2 to phase 3 in parallel, in series with 
C 30 . Now, if the reactance in X h larger than is correct for 
resonance with all three poles of the switch closed, a condition 
of resonance with polo No. 3 open may bo approached. This 
will tend to produce high voltages across the inductance and 


also acriKSs tlm cajiacity of the series eireuit. If tlm reactance 
of the Peterson coil exceeds the correct value for resonance under 
normal conditions by the appropriate amount, it will, of cour.so, 
rosniiato e.xacl.ly with the oaiiaeity of the sys(;om to ground 
with one pole of the switch open. In this ca.so there will be 
nothing to limil, the ri.se of voltage except the system los.st's. 

Ill eomparhig the <hita in the table on page bOd of the Oliver- 
Eborhardt paper with Figs. 21 ami 22 of Mr. Lewis’ paper, I 
havm been led to th(' conclusion that the system de.sci'ibed has 
been o|)erated with a reactance on tlie Petenseii coil in e.\cess of 
the proper value for resonaiico under normal conditions. E. //., 
the curves of Fig. 22 of Mr. Lewis’ paper indicate that for exact 
re.sotiance about t).S0 olims is reiiuireil in the reactor. From the 
talde ill t he othi'i* papm*. however, it appears that the reactance 
actually u.sed for the system arrangement referred to is 1207 
ohms, 'riie excess reactance is thus about 23 pur cent in this 
case. The .saint' comliMon may be iratmd from a Comparison of 
Fig. 21 i»f Mr. Lewis’ paper with the data in tlm Olivt'r and 
Elterlia-rilt paper. 'Phe Hgnre slmw.s that; about 1110 (dims in 
the reactor wtmhl be correct for lint's I, 2 and 4. 'riiu value 
list'd, Imwever, is ajipartiuHy 1735 ohms. Tlm i!.voes.s is again 
about 23 }mr cent. 

If 1 am corrtmt in inferring from these data that tlm systtmi 
has btien opeiiited with I'xcess reactaiict! of this magnitude in 
tlm I'eter.sen coil, I think that the explanation tif the c.\cossive 
vtiltages that have boon oliserved may bo as 1 liavo imlicatcd. 
The coiidiMou tsouhl, ttf coiir.st», be corrifcttnl by decreasing tlm 
rt'actaiice u.setl. 

U. 1). Mr. Oliver and Mr. Eberhardt have [irc- 

sentetl tlm results of tlm opisrating exiit’rieiicti with tlm Pi'turstm 
coil instalhnl on the Alalninia Ptiwtu* (’tmipany’s system. In 
comparistm witli Mm previtms yt'ar’s tiperal-ion a.s a solidly 
grtiiintlt'il tit'iilral systt'in, (.he Peterstm coil installatiim resulted 
in ih'creast'tl intiUTUptioiis due to line imsuhitor llushovers 
caiisetl by lightning, and itntreasetl intt'rniplions in the ro- 
maiiiiler of the system, apparently due to exctiss vtiltages cau.s- 
iug bus llushover and transfttrmer troublt*. Both of these results 
might have Imtm anticipated, as previous dl.scussioiis hai'o 
ptiinli'd out tlmir jirtibability. 'I’liat excess voltages niuy occur 
with Mm Polersen coil i.s borne tint by the tlaslmver.s on the 44- 
kv. bins at Lock 12, which ftillewetl the niiening of a circuit 
brttaker lietweiiu the coil and the transmission lints. The.so 
ilashtiverH may have been duo tti tlm Tion-.simultaTmoUH tipon- 
ing of the 3 poles of the circuit breaker, which ctindilion is one 
that may produce excessive voltages with the Peterson coil 
system. 

The tiperating recorti shows that in a number of cases an in¬ 
sulator llushover iirtidiiced an arc lasting ftir two seconds, 
wimn tlie neutral was grounded liy the circuit breaker. All tif 
tlm.st» conditions wore not produced by tit*ad grountls, as in 
winit' emst's the line coultl be chisoil liack in service ti.k. The 
oimrating Itig ftii* these cases is marked “Onrect Operation’’ 
though tim Pt!icr.st'n (mil did ntit suppress tlm arc, and it is dtiubt- 
ful if it would after the are hatl pt'rsisted for two secoiitis- In 
tlm arcing test mutlt! by Mr. Lewis, it is to be noted that the 
arc was maintained ftir 14 cycles ftir a reactor setting of KO per 
cent ntirmal, ami that the arc resembled “a power are". The 
arcing test and the maintenance of an arc for two Hcconds under 
service conditions indicates that Mm limits for the satisfactory 
operation of Mm Petersen coil arc being approached for a system 
as c.stenaive as this section of the Alabama Power Company’s 
44-kv. system. 

On account of the high voltages produced by switching opera¬ 
tions, which led to interruptions, Mr. Oliver and Mr. Eberhardt 
have concluded that all switching operations should bo performed 
with the neutral solidly grounded. In view of this fact, and 
because of the number of conditions where the arc was not sup¬ 
pressed by the Petersen coil, it appears vary desirable to sup¬ 
plement the Peterson coil with equipment to solidly ground the 
neutral. 
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Mr. Lewis is of the opinion that the field of the Petersen coil 
will probably be limited mainly to isolated neutral systems, 
whose operation is not satisfactory, but on which for some 
reason it is not wished to solid-ground the neutral. In view of 
the reasons given above for supplementing the Petersen coil 
with grounding equipment, it would appear that a change-over 
from a free neutral system would require that the system be 
designed for solidly grounded neutral operation, including the 
installation of relays and circuit breakers, in addition to the 
Petersen coil, auxiliary groundmg circuit breakers and relay. 

It is to be noted that Mr. Lewis concludes that for the present, at 
least, the Petersen coil is not of general application, but limited 
to comparatively low-voltage lines of relatively short length. 

C. L. Fortescue* In 1914 I presented a paper (Proc. 
May 1914 p. 771) grounding of the neutrals of syterns, above 
44,000 volts. At that time the General Electric made an an¬ 
nouncement of their new policy with respect to grounding 
neutrals of l^h-voltage systems. It is interesting to see that 
about a decade later we are investigating the results of this 
agreement in the engineering policy of the two large electric 
manufacturing companies and the results are quite gratifying. 

Mr. Dewey seems to imply that at that time there was a 
certain amount of uncertainty in the minds of engineers as to 
whether to ground or not to ground. However, my impres¬ 
sions at that time were that the evidence in favor of ground¬ 
ing was quite convincing.. The basis of the evidence on which 
this conclusion was based was well borne out by the experi¬ 
mental work of Mr. Paccioli. The theory on which most of us 
worked at that time was that an ungrounded system was free 
to oscillate at its natural period with very little damping, and 
therefore in extensive systems surges set up would be reflected, 
superimposed, etc., causing high-voltage disturbances. At the 
present time with the very extensive high-voltage systems that 
are in contemplation, there are additional very weighty reasons 
for grounding, and also for grounding at many points. 

For example, let us consider a 760-raile transmission line of 
440-lcv. I have taken this length because it is not outside 
future possibilities, and happens to be about one-quarter wave 
length of 60 cycles. If such a line were ungrounded a ground 
near the generating station would be equivalent to a potential 
of 127,000 volts impressed on an open line 760 miles long, 
and having exceedingly low loss. The result would be, to quote 
from a recent paper by Mr. Peck, “Instability will be noticed at 
distances considerably less than this. At no load and very low 
generator voltages, the power of such a line would be limited, in 
fact, only by the losses.” Therefore, if a high-voltage line of the 
kind in contemplation were not grounded, we would have in 
the case of ground on one line exceedingly high-voltages at the 
further end. 

A transmission system grounded at many points is on the 
other hand equivalent to a number of short-circuited trans¬ 
mission lines,' and the surge potentials that can be obtained due 
to disturbance at immediate points are very limited in value. 

In regard to the effect on telephone systems, these will best be 
taken care of by keeping as far away from such high-voltage 
tr ansm i ssi on lines as possible. Quick operating relays may afford 
a measure of relief, but the power companies and the telephone 
will have to depend much on co-ordination. 

The Peitersen coil seems to have found the place which was 
predicted for it. Personally the writer believes that the use of 
grounding resistance, of value below the critical value, will be 
found more satisfactory. 

As to how to ground, high-voltage systems above 110,000 
should be solidly grounded. In general this should apply for 
still lower voltages, say, down to 66,000 volts. On very high- 
voltage systems, all distributing points And the substation at 
the end of aJl feeders of high voltage should be founded. 

Of course, no system can actually be soUdly grounded, but 
as far as the tran^ormers are conceimed if their neutral points 
are solidly connected to ground, the potential Etregses they vill 


be subjected to wiU be a minimum. This will also permit 
graded insulation which in the ease of very high-voltage trans¬ 
formers makes a very substantial reduction in cost. 

J. A. Johnsons There are two or three points in con¬ 
nection with this matter of grounding which I feel should be 
perhaps brought out a little more in detail than have been 
mentioned. 

In the first place, systems differ very greatly in character¬ 
istics, and I very much doubt whether any one system of ground¬ 
ing will ever be found satisfactory for all systems; systems 
which have large exposure to communication systems may al¬ 
ways require high-resistance grounding for the limitation of in¬ 
terference. In that connection engineers I think, as well as other 
people, are prone to follow the line of least resistance and when 
they run against a problem which requires an immediate solu¬ 
tion, they usually jump to something that looks pretty obvious 
and if it works, why, they stick to it until something else comes up 
that causes them to change, and possibly some situation of that 
sort may be responsible for some of the systems using high- 
. resistance grounding. 

Now, in connection with systems, more particularly those 
operating at generator voltage: I think that we sometimes 
lose sight of how the tools which we have to work with in¬ 
fluence our practise, and in that connection I want to bring to 
your notice the connection between the characteristics of our 
modern relays, referring especially "^to the so-called induction 
type, having the inverse-tiihe characteristic, and the question 
of grounding. 

In using these relays for short-circuit protection, on account 
of the fact that short-circuit currents usually exceed normal 
currents by so great an amount as they do, it is very diffcult to 
apply these relays in such a way as to. take advantage of their 
inverse-time-current characteristic, and they become in most 
oases simply current relays, operating at their minimum time, 
so that for selective action, we have to depend mostly on the 
time adjustment rather than on the current adjustment. 

Now, when we come to the question of grounding, one of 
the objects of grounding, or at least one of the advantages that 
we get from grounding, is the ability to isolate a circuit that is 
in trouble with a minimum of interference with the operation 
of the system. The fact that a system will stand short circuits, 

. so far as the apparatus goes, is to my mind, no excuse for sub¬ 
jecting it to unnecessary short-circuit currents because large 
currents are bound to interfere more or less with operation, 
even though they do not injure the apparatus. 

Now, suppose you have a simple radial system, consisting of 
some sort of a center of distribution, with various generating 
sources feeding into it, and various lines feeding out of it. And 
let us suppose that we get a ground on a feeder. If we ground 
our neutrals at all of these generating sources through moderately 
high resistances, we will then get a moderate ground current 
going over each of these circuits, but all concentrating into the 
feeder that is in trouble, and if we use a ground relay separate 
from our overload protection; we can choose that relay of such 
a capacity or we can choose our resistances of such a value as 
to produce a ground current which comes within the normal 
range of the relay and take advantage not only of the current 
characteristic but also of the time characteristic of the relay. 
We can thereby trip out the faulted circuits without danger to 
the rest of the system better than we can if we depend solely 
on the over-current relays for tripping out ground faults. 

L. F. Blumet The excellent performance of the Petersen 
earth coil, as recorded in the two papers presented today is a 
gratifying confirmation of the sound theory upon which it is 
based. Although it was clear theoretically that such a coil 
should function to reduce the current flowing in a line fault to 
ground, it nevertheless could not be foretold that it would prove 
so effective in disposing of the line fault and thereby materially 
lessen interruptions in Service. 

Th 3 flashover which resulted in the breakdown of the busses 
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is probably very excellently explained by Mr. Trueblood and 
shows the effect of extreme dissymmetry in the lines, dissym¬ 
metry of the three lines being very extreme due to the break¬ 
ing of the line at the point of the operation of the switch. 

It is perfectly feasible by having fifty per cent untuning, 
combined with this combination of circumstances, to get serious 
resonance of this voltage to ground, and at normal frequency. 
Of course, under those conditions very excessive voltage will be 
obtained. The remedy for that however is very simple. All 
that one need do is to be sure that this coil is untuned on the 
other side of resonance, by making the resistance a little less 
than for the normal resonating conditions. The voltages which 
you will get under this particular condition of operation will 
be only moderate, so if that is the explanation of the flashovers 
from the busses, I think that a simple adjustment of the coil will 
take care of the trouble. 

It seems to me that the records given in the two papers show 
that the operation of the coil could be improved by introduc¬ 
ing more resistance. The coil as designed has very little resist¬ 
ance, because it was designed to operate continuously with a 
fork on the line. 

Now, if it is to be operated for intermittent duty only, it is 
perfectly feasible to introduce considerable inherent resistance 
in the coil which will be very effective in preventing danger due 
to serious over-voltage, resonance, dissymmetry. It will reduce 
the residual current under such conditions as shown by the oscil¬ 
lograms considerably. 

H. L. Wallaut We have been operating for about eighteen 
years a moderate voltage system with a grounded neutral and 
the results of our experience, confirms Mr. Johnson’s state¬ 
ments to a vei'y wide degree. I wanted to comment in that 
connection on a statement made by Mr. Smith: If I under¬ 
stood him rightly he said that the thennal capacity of the re¬ 
sistance might be a considerable factor where a ground took 
place beyond a substation bus, which bus was fed by a number 
of lines in parallel, because the ground current would be divided 
between these lines. It seems to me that would only be the case 
if the breaker in the outgoing line was set so high that it could 
not trip at a reasonable speed with the total ground current 
that must flow tlmough it, due to the current flowing into the 
fault beyond the substation bus. 

You might have but a few hundred amperes in the individual 
supply lines, but the total current would flow in the final line 
on which the ground developed, and if the time of tripping is re¬ 
duced to a mimimum, you need not have such a large thermal 
capacity. 

Another point brought up by Mr. Atldnson was that the 
cables with equal thickness of insulations, conductor insulation 
equal to belt insulation were not quite as effective as cables 
would be designed with a greater belt thickness. It has been 
our experience that since we changed over from a six by six 
thirty-seconds insulation on 11-lcv. cables to eight by two, there¬ 
by increasing the insulation beween phases and decreasing 
from phase to ground, we have had considerably less cable 
trouble, and I believe although I am not positive, less trouble 
from phase to ground. 

W. I. Slichtert There is a practical condition in connection 
with the tuning and detuning of the circuit which seems tome 
has been overlooked, namely that the step-down transformers 
at the receiving end of the transmission line will probably remain 
in circuit and they, afford a circuit between phases which it 
would seem would prevent the detuning. . I wish to ask whether 
this is not the case in practical operation. 

W. W, Lewis: The discussion has brought out a number of 
constructive suggestions. Mr. Ferris suggests transposing the 
three banks of the Y at Vida; Mr. Trueblood gives an explana¬ 
tion of the possible cause of the three cases of over-voltage which 
resulted in bus flashover and suggests a reduction in the reactor 
ohms to remedy the situation; Mr. BlUine suggests increasing 
the resistance of the coil to reduce the residual current arid 
increase the damping effect. All of these Suggestions will prob¬ 


ably be acted upon v^thin the present year and will no doubt be 
reflected in an improved operating record. 

As to Mr, Evans’ statement that the use of the coil resulted in 
increased interruptions in the remainder of the system, appar¬ 
ently due to excess voltages causing bus flashover and transfor¬ 
mer trouble: I would call attention to the fact that the 343 
minutes outage due to transformer trouble in January was the 
result of a burned out transformer coil. This transformer had 
been subjected to repeated short circuits during the progress of 
switch tests in November and December 1921 and January 1922, 
which finally broke down the transformer winding. The Peter¬ 
sen coil was not in circuit dm’ing the switch tests but the neutral 
of the transformer bank was dead grounded. The Petersen coil 
can only be charged with the three insulator flashovers which 
caused a total outage of 229 minutes. 

W. W. Eberhardt: Mr. Evans has obviously made a mis¬ 
interpretation of Tables III and IV of bur paper in stating that 
“The Petersen coil installation increased interruptions in the 
remainder of the system apparently due to excess voltage causing 
bus flashover and transformer trouble.’’ As pointed out in the 
explanation of the 1922 interruptions, the 343 minute interrup¬ 
tion charged to transformers occurred during a short-circuit test 
when the Petersen coil was out of service; the interruptions 
charged to conductors were caused by trees falling on the line; 
and the interruptions charged to oil switches were caused by 
mechanical trouble in the switches. These interruptions were 
obviously, therefore, not caused by any action of the Petersen 
coil. The only interruptions strictly chargeable to the Petersen 
coil are the bus insulator flashovers of 79 and 62 minutes in 
Table IV. Eliminating the cases of trouble not chargeable to 
the Petersen coil, the total for 1922 would be 9 cases of trouble 
with a total outage of 155 minutes compared with 45 interrup¬ 
tions in 1921 with a total outage of 304 minutes. 

In order to make the comparison between Tables III and IV 
complete, we wish to present the following tabulation of lightning 
storms occurring over the Lock 12-Vida line in the years 1921 and 


January... 

.. 0 

3 

February. 

. 7 

7 

March. 

. 8 

12 

April.. 

. 2 

8 

May. 

. 6 

17 

.Tiinfi.. 

. 11 

16 

July. 

. 18 

16 

August.'. .. 

. 19 

10 

September. 

. 11 

8 

Total. 

. 82 

97 


Prom this tabulation it is seen that during the period when the 
Petersen coil was in service the lightning storms were more 
numerous than before the installation, thereby making the com¬ 
parison even more favorable for the Petersen coil. 

Mr. Trueblood in his discussion has pointed out that the Peter¬ 
sen coil has been operated with approximately 23 per cent excess 
reactance. The object in operating above the resonant point 
is to avoid the continuous flow of the neutral current of 6 amperes 
at the point of resonance. As pointed out by Mr. Trueblood, the 
same results could be obtained by operating below the resonant 
point, with the added advantage of perhaps elumnating the exces¬ 
sive voltages obtained in the past. Experiments will probably 
be carried out along this line. 

Mr. Blume’s suggestion of improving the operaiton of the 
Petersen coil by the introduction of more resistance, thereby, 
preventing danger due to serious overvoltage and resonance is 
well taken. As pointed out in our paper, our experiments with 
the Petersen coil will be eontmhed along the lines suggested, 
the results of which we hope to have available at some future 
date. 
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Review of the Subject.—In high-voltage poiver circuits, such 
as transmission lines and the high-voltage coils of large power 
transformers, not infrequently disturbances are observed of a fre¬ 
quency differing from, and usually very much higher than that of the 
power supply, and differing from the typical transient of energy 
readjustment, in that they do not gradually die out, but increase in 
intensity until either destruction occurs, or they finally limit them¬ 
selves. Such cumulative oscillations or arcing grounds derive 
their energy from the machine power of the system, and so constitute 
a frequency transformation, of which the mechanism has been Utile 
understood. 

Physically they may he derived from the typical condenser dis¬ 
charge by the conception of a negative resistance, in combination 
with a source of power, which supplies the energy given, out by 
the negative resistance. 

Attention is drawn to a class of conductors—to which arcs and 
gas discharges belong—the so-called 'Hhird-class conductors,” in 
which the voltage decreases with increase of current, and it is shown 
that these conductors can be considered as a combinalion of a negative 
resistance with a source of power, and as such are capable of trans¬ 
forming the lo%o machine frequency into a high oscillation frequency 
of alternating currents, and their presence in an electric system 
thereby may produce cumulative oscillations. 

The general equations are then derived of a system comprising a 
third-class conductor shunted by an inductive circuit containing 


A. Physical Explanation 

I. The Third Class Conductor 

In a first class or metallic conductor, the voltage 
increases slightly more than proportional to the current, 
due to a positive temperature coefficient of resistance. 

In a second class or electrolytic conductor, the 
voltage increases slightly less than proportional to the 
current, due to a slightly negative temperature coefficient 
of resistance. 

As third class conductor may be defined a conductor 
in which, at least within a certain range of current, the 
voltage decreases with increase of current. Third 
class conductors comprise different types, such as 

(a) Electronic or vacuum, gas or Geissler tube 
(spark) and vapor or arc conduction. In these the 
decrease of voltage with increase of current is due to 
the change of the conducting path by the current. 

(b) Most of the so-called insulators probably are 
third class conductors. In these the decrease of volt¬ 
age with increase of current is a temperature effect. 
That is, the negative temperature coefficient of resist- 
ajice is so large that—at least in a certain range—the 
increase of the conductor temperature with increasing 
current decreases the resistance more than the current 
increases. 

Presented at the Spring Convention, Pittsburgh, Pa., April 
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capacity, and supplied with voltage over an inductive circuit from 
an alternating low-frequency source, and it is shown that in such a 
system currents and voltages of two distinct frequencies may con¬ 
tinuously exist, of which the one is the machine frequency, the other 
a high oscillation frequency. It is further shown that the voltage 
of the latter is limited only by the resistance of the oscillating cir¬ 
cuit, and in low-resistance circuits may build up to very high values. 
Furthermore, the high oscillaiion frequency is essentially limited to 
the circuit shunting the third-class conductor and but little of it 
enters the supply circuit, while the supply frequency enters the 
shunt circuit to a limited extent only, and both frequencies 
are _ superimposed in the third-class conductor as the frequency 
converltr. 
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In Pig. 1, I gives the volt-ampere characteristic of 
a metallic conductor, 11 of an electrolytic conductor, 
and III of an arc as third class conductor. Fig. 2, 
gives the volt-ampere characteristic of a pyroelectric 



Fig. 1 —^Volt-Ampere Characteristics of Different Con¬ 
ductor Types 

1. First class or metallic conductor 

2. Second class or electrolytic conductor 

3. Arc as third class conductor 

conductor, a Nemst lamp glower, which in the range 
above 0.02 X 10”=* ampere is a third class conductor 


470 


Aj)ril ll> 2;5 


471 


STEINM KTA: EHEQUENCY CT)NVKR8l()N 


(plotted for convenience with the fourth root of cur¬ 
rent and voltage as coordinates). 

Such a volt-ampere characteristic of a third class 
conductor can lie considered as a coml)inat4on of a 
constant e. m. f. E\ and an effective negative resist¬ 
ance ri: 

(' - r, / 

The elfective negative resistance ri decreases with 
increase of current, as Vi i must iilways remain smaller 
than El. 

11. Tiiviio La(i 


If the current in the third class conductor varies 
periodically, between ii and h>, the vjdtage also will vary 
periodically, between ci and (h, and if the variation is 
slow enough so that at every value of current stationary 
condition is reached, the variation of voltage is inver.se 
to that of current. That is, if ii is the minimum value 


of current, the corresponding value of voltage ci is the 
maximum value, and inversely. If however, the varia¬ 
tion is sufrici(*ntly rapid, a lag of the voltage occurs 



Kkj. 2 -Vjii.t-Amimiuc <ok Nkunht Eamc 

(Jl.OWKH 

Ak 'I’lilrU ('(induriiir 


behind the current, that is, the maximum value of 
voltage is not reached at the minimum value of current, 
but a little later, and .so the minimum value of the volt¬ 
age is reached a little later than the maximum value of 
current, and con*espondingly, the amplitude of the 
variation is reduced, the mcjre so, the more rapid the 
pulsation. 

This time lag of the third cdiuss conductor, and the 
reduction of amplitude of variation resulting from it, 
depends on the nature of the conductor. It i.s ex¬ 
tremely .small in ionic conduction, but may be very 
considerable where the variation of the effective resist¬ 
ance of the third clas.s conductor is a temperature 
effect. 

As first approximation, the periodic variation.s of 
current and voltage in a third class conductor thus may 
be expressed by: 

i - /fi — / sin 2 tt/^ 

« = E,+ Ksin(2r/«-~ tp) 
where the lag angle <p increa.ses with increasing fre¬ 


quency/ of the pulsation. It is negligible for very low 
frequency, and becomes 90 deg., and the amplitude of 


the resistance variation therefore negligible, for very 
high frequency. 

In ionic conduction, tp is still small at ratio frequen¬ 
cies; in the Nernst lamp glower (temperature effect) 
(p is already practically 9f) deg. at Of) cycles. 

'I'he volt-ampere characteri.stic of the third class 
conductor untler rai)idly varying current (its “transient 


characteristic”) thus differs more or le.s.s from its 
“|)ermanent” characteristic as shown in P''igs. 1 and 2. 


[ IL The Condensiou IJischauge 

If a condenser of capacity C discharges through an 
inductance L and (constant) olimic resistance r, and the 
latter is below the critical value, the discharge current 
is o.scillatory, that is, consists of successively alternating 
half waves of constant frequency and uniformly clecrea.s- 
ing amplitude. The decrease of the cuiTent, or the 
“attenuation” is given by the exponential factor: 

r 

A — t /. 

If then the di.scharge circuit of the condenser con¬ 
tains, besides the ohmic resistance r, a third chiss con¬ 
ductor of the effective negative re.sistance r,, the atten¬ 
uation of the condenser discharge is: 

A - € 2 /. 

Thus, if the effective negative resi.stance Vi is greater 
than the ohmi<! re.si.stance r, the exponent 


2L 


t 


is positive, and A increases with the time thus is not 
an attenuation but an accumulation. The amplitudes 
of succe.sHive half waves of the conden.ser discharge 
cuiTent then progiussively increase, that is, we get a 
cumulative .surge. 

As seen in /, the effcHjtive re.sistance of the third 
chuss (!on{iuetor decreases with increase of current. In 
such a cumulative surge produced by the presence 
of a thinl class conductor in the inductive condenser 
discharge circuit, the succe.H.sive half waves of current 
will progrc'.ssively increase, until by the increase of 
current the effective negative resisf:ance ri has decreased 
to equality with the ohmic n*sistance r, and the expon¬ 
ent of the exponential term A has become zero, A ~ 1, 
and the succe.ssive half waves of the condenser discharge 
current become equal, that is, an alternating current 
rt^sults. 

Thus the final result of a condenser discharge through 
a third clas.s conductor of sufficiently high effective 
negativt^ re.sistance is an alternating current of a fre¬ 
quency determined by the circuit constants. 

IV. BInkbgy Reijitions 

A current i through the effective negative resistance 
- Ti consumes a voltage - ri i which is in phase with 
the current, thus represents electric power generation. 
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Hence an effective negative resistance can exist inde¬ 
pendently only in the presence of some other source 
of energy, supplying the power (mechanical drive for 
instance). Thus an electric generator may be con¬ 
sidered as an effective negative resistance. The most 
typical negative resistance is the induction machine 
driven above synchronism, since (below saturation) 
it generates a voltage proportional to the current, thus 
is a constant negative resistance. 

As seen in 7, a third class conductor may be con¬ 
sidered as the combination of a counter e. m. f. Ei, and 
an effective negative resistance — ri: e = Ex — rxi. 
As Txi must always remain smaller than Ex, therefore 
the power generated by the effective negative resist¬ 
ance: — rxi^ always is less than the power consumed 
by the counter e. m. f. Ex: Exi and the counter 
e. m. f. Ex thus abstracts from the electric circuit the 
power which is returned by the effective negative resist¬ 
ance Tx. 

In the condenser discharge through a third class 
conductor, the current wave builds up cumulatively 
by the effective negative resistance ri, but the condenser 
voltage is lowered discontinuously by the counter 
e. m. f. El, at every reversal of current, and with it 
the current wave is lowered, and as 77 1 is greater than 
Tx i, the discharge oscillation gradually dies out, (though 
by a different law than in the standard condenser 
discharge equation,) as discussed in a previous paper.‘ 

If however the counter e. m. f. Ex of the third class 
conductor is supplied by some outside source of elec¬ 
tric power, and therefore does not abstract energy from 
the condenser discharge, then the cumulative effect 
of the negative resistance of the third class conductor 
Tx on the condenser discharge current i would continue 
until limited by the decrease of ri with increasing i, 
and an alternation results. 

Now the importance of this phenomenon is, that the 
character of the supply voltage giving the counter 
e. m. f. Ex has no necessary relation to the frequency 
of the condenser discharge; the latter is determined by 
the values of the capacity and inductance, and may be 
a high or very high frequency, while Ex may be of ma¬ 
chine frequency, 25 or 60 cycles, or even continuous volt¬ 
age. The power supplied by the effective negative re¬ 
sistance to the high-frequency condenser discharge is de¬ 
rived from the counter e. m. f. 77i and the latter is fed from 
the low-frequency machine power. We therefore have 
here a frequency transformation giving a steady power 
supply to the high-frequency oscillation, so that the 
latter are not any more limited energy transients, but 
unlimited power permanents, of corresponding destruc- 
tiven^s. As such they have been frequently observed 
in electric power systems, as arcing grounds in trans¬ 
mission lines, and as high-frequency cumulative surges 
in the high-voltage coils of large power transformers. 

As the ex act mechanism of this frequency transforma- 

1. Condenser Discharge Through a Gas Circuit A. 1, E. B., 
Feb. 1922. 


tion from the low machine power frequency to the high 
frequency of the cumulative surge is not generally 
familiar, the following may be of interest, though a 
similai* problem has been studied in a different manner 
in radio engineering in the theory of the vacuum tube 
as oscillator. 

V. Frequency 

Suppose a condenser of capacity C discharges through 
an inductance L, an ohmic resistance r and a third class 
conductor N, and upon this third class conductor, a 
constant alternating voltage Bq is impressed through a 
supply circuit of resistance Tq and inductance Lx, as 
shown diagrammatically in Fig. 3. We can consider 
the arrangement as a divided circuit consisting of a 
third class conductor N in shunt to the circuit C, L, r, 
and energized over the circuit Lo, n by voltage . 

We can assume that r is sufficiently small to make the 
condenser discharge oscillatory, and that the frequency 
/ of this oscillation is high compared with the frequency 
/o of the supply voltage 


‘0 



Fig. 3 — C’litcuiT Diagram of Frisquisncy Transformation 
BY Third Cdass Conductor 

N; Tliit’d class conductor 

C = Capacity, l> - inductance, r = resistance of shunt circuit 

Zh, = Inductance, n = resistance of supply circuit 

eo “ low-froquoncy supply voltago 

Denoting then the currents in the two branch circuits 
by i and ii, the voltage by ex, the differential equations 
can be written as those of a circuit containing resistance, 
inductance and capacity. 

As seen therefore, if the effective negative resistance 
of the third class conductor is sufficiently high, the 
oscillatory starting transient of the condenser C does 
not die out, but cumulatively increases in amplitude, 
until limited by the decreasing negative resistance, and 
so reaches an alternating sine wave as final value, i, 
ii and ex then must consist of sine waves. 

The differential equations are therefore integrated 
by representing i, ix and ex by summation of sine waves. 

SJ5sin(g7—^) 

substituting these into the differential equations, and 
from the identities thus produced, calculate the con¬ 
stants B, 0 etc. 

One of the terms must be of the supply frequency 
q = 2^fa, and the amplitude and the phase angle of 
its currents and voltages are given by the terminal 
condition, that the supply voltage is eo. 

This term merely gives the permanent low-frequency 
alternating current and voltage distribution in the 
divided circuit Fig. 3. 
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B. Mathematical Calculation 

I. General Equation 

Let a third class conductor be shunted by a circuit 
of capacity C, inductance L, and ohmic resistance r 
and supplied by a constant alternating e. m. f. of 
machine frequency, over a resistance Vn and inductance 
U. 

We may assume that r is below the critical value, so 
that the current in C, L, r is oscillatory, and that the 
frequency of oscillation of this circuit is high compared 
with the machine frequency, and that Lo is large com¬ 
pared with L. 

Let the alternating supply e. m. f, be a sine wave: 

e,, = Eq sin t - «) (1) 

where: 

f/o == 2 7r/„ I, 
and, 

/o “ frequency of power supply. 

Let: 

ei ™ voltage at the terminals of the third class 
conductor 

ix ~ current in the third class conductor 

i « current in the circuit C, L, r shunting the third 
class conductor 

e' = voltage at the terminals of the condenser C. 

Co, fii, iif i and e* being counted in the direction as 
indicated by the arrows in Fig. 3. 

It is then, at the conden.ser C: 


ficiently long to reach stationary conditions, that is, 
that the starting transient has passed and any cumula¬ 
tive oscillation which may occur has built up to its 
final value. 

$ 1 , ix and i then must be periodic functions, and as 
such may be represented by a sume of sine waves: 


ei = 'E El sin {qt- 
ix = S Ji sin {qt— y) 
i = 2; J sin (Qf < - <ji) 


(7) 


Substituting (7) into (3) then must give an identity, 
that is, the coefficient of cos q t and .sin q t must in¬ 
dividually disappear. This gives: 


Exco&a = I (r cos 0 ) ~ R sin w) 
Exsmfi = I {rs\YiOi+ R cos w) 

where 


R 


A 

qC 


qh 


Herefrom follows: 


and 



_ y sin 3 - jR cos j8 
^ r cos |8 -f JR sin 6 


( 8 ) 

(9) 

( 10 ) 


where: 

2 = ( 11 ) 

♦ 

Substituting (1) and (7) into (5) then gives: 

Eo sin (go t — a) = S JS7i sin (g ^ — jS) 

H- 2 Zo [lx cos (g < - 7 - r) + 7 cos (g t 


It is, in the closed circuit between the third class 
conductor and the capacity inductance shunt: 

ex ~ e' ^ri -jr L (3) 

Hence, differentiating (3) and substituting (2) therein, 
gives: 


i £i = i/c + r 4 + L 

dt dt dP 


(4) 


It is, in the supply circuit: 
eo 


ex + ro (ix + i) + U AShjLJL 


(S) 


and the voltage across the condenser terminal is, by 

( 3 ): 


, . r di 

Assuming that the circuits have been closed suf¬ 


-w-r)} (12) 


where: _ _ 

Zo = V g** L f-\- r} (13) 

tan t (14) 

g Ln) 

11. IjOW Frequency Terms 


(12) also must be an identity. That is, the c^f- 
ficients of cos g t and sin g t must individually vanish. 
This gives, for: q - qo] denoting the terms by the 
index 0: 


* • 

£?o sin O' = El sin jSo — Zo {h cos (7o + To) 

-f J cos (CO d -H fo) 1 

Eo cos q; “ El cos j8o + Zo {/i sin (7o + i"o) 

-j- I cos (cOfl -}- fo) } 

Let: 

rx-^Ex/Xx 


(15) 


(16) 


=* effective resistance of the third class conductor. 
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IV. Amplitude 

Combining the low and high-frequency terms then 
gives the total expressions of current and voltage: 

eo = Eo sin (^o t + oio) 


tan Q!o = + ^ 

Ti 

Eq 


ei = 


•I i + Ct)' 


sin qot-{- El sin (qt~ 8) 


q = - 


= 


% = 


2L 

E(j 


tan 8 -|- 


L 




tan* 8 


V ri* -f- Xo^ 
Eo 


JS7i cos 5 . . 

sm qo t - - -sm q t 


‘+(s) 


, , £7i cos 3 . , 

cos qo t H-—— smqt 


io = t'l + ^ 


Eti 


V ri* -I- Xo^ 


{sin qo t + Ti/k cos qo t} 


(35) 


where: 


qo =2 Trfo ] 
Xo = qoLo 

k 


(36) 


Ti — resistance of third class conductor. 
Substituting into equation (6), gives the terminal 
voltage e' of the condenser C, 


Er\ 


e' = 




,2 sm qo t 

qL 


= Ei(^si 


sin 8 


+ —— cos 8) cos qt 


) 


(37) 


As seen, the high-frequency term of e' indefinitely 
increases with decreasing r. That is, the cumulative 
oscillation builds up to the resonance voltage of L and 
C, or until limited by the ohmic resistance. 

Thus, where r is small, as in the high-voltage coils 
of power transformers, very high voltages may be 
produced. 

As discussed in A III the second term in ii and ei 
must always be smaller than the first term. That is, 
it must be, in iii 


El cos 5 


< 


Eo 


r V ri* + xo^ 

Thus we may substitute: 


El cos 8 


Eo 


= V 


V ri* -I- Xo* 


where: 


p < 1 


(38) 

(39) 


Equations (35) thus become 
Eo. 


h = 
and: 
ei = 


V ri* + Xo* 
Eo 




1 + 


ri* 


sin qot {1 — p sin 7 i} 


sin qot \ 1 




(40) 


As the second term in ei must be less than the first, 
it must be: 


Ti COS 8 


or: 

ro cos 8 


.or: 

Ti cos 8 tpr 
Herefrom follows: 

(1) With a given resistance r of the oscillating cir¬ 
cuit, the oscillation increases, that is, current and 
voltage build up, until they reach the values, at which. 
the transient effective negative resistance of the third 
class conductor, ri cos 3, has dropped down to equality 
with the resistance r, or rather slightly lower. 

(2) When in the inductive condenser shunt to a 
third class conductor, the ohmic resistance r is increased, 
the cumulative high-frequency oscillation still occurs— 
though of an amplitude decreasing with increase of 
the resistance r—until the ohmic resistance becomes 
equal to the transient negative resistance of the third 
class conductor, ri cos 3, or rather slightly larger. Thep 
the oscillation stops. 

(3) The amplitude e' of the voltage oscillation pro¬ 
duced by the third class conductor, is approximately 
inverse proportional to the resistance of the oscillating 
circuit. (As seen by equation (37)). 

V. Instances 

(1) Spark discharge on high-voltage coil of 60,000 
volt 3000-kw. 60-cycle power transformer. 

Let the constants be: 

r =6 ohms, or about 0.5 per cent resistance of the 
coil 

L = 0.1 h, or about 3 per cent reactance 
C = 0.0001mf. 

Lo = 0.6 h, or about 20 per cent reactance of supply 
circuit 

=40 ohms, or about 33*^ per cent resistance of 
supply circuit 

fo = 60 cycles, thus go = 2 tt /o = 377 
Eo = 60,000 •s/'2 = 85,000 volts. 
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Assuming 5 = 60 deg. as time lag at the oscillation 
frequency. 

It is then, by equations (35) to (37): 
q = 316,000 = 837 go 

/ = 50,300 cycles 

Xq = 226 ohms 
qL = 31,600 ohms 
k = 26,600,000 ohms 

Assuming the effective resistance of the oscillating 
circuit increased to 10 times the ohmic resistance, by 
the energy losses in the insulation etc. at the high fre¬ 
quency, that is: 
r = 60 ohms. 

and assuming stationary conditions reached by the 
transient effective resistance of the spark discharge 
having dropped to equality with the ohmic resistance, 
that is: 

Ti COS 3 = 60, and ri — 120 ohms 

this gives: 
ao - 62 deg. 
and, denoting: 

<p = qot, gives: 

Co = 85,000 sin (<p -\- 62.) 

Cl = 47,000 sin ^ {1 -1- sin (837 <p — 60.)} 

11 = 392 sin ^ {1 — sin 837 tp] 

i - 392 sin g? sin 837 <p 

Iq = 392 sin (p 

e' - 47,000 sin ^ {1 — 263 cos 837 <p\ 

or a maximum value of the condenser voltage of over 

12 million volts. 

Obviously, no such voltage is reached, but the insula¬ 
tion destroyed before the cumulative oscillation is built 
up to full value. 

(2) Arcing ground on 30 mile three phase transmis¬ 
sion line supplied with 30,000 volts, 60 cycles from 
generator and step up transformer. 

Let the constants be: 
r =4 ohms 
L =12 mh. 

C =0.3Mf 
i/o = 0.2h. 


ro =6 ohms 

/o = 60 cycles, jthus go = 377 
Ed = 30,000 V 2 = 42,500 volts. 

Assuming 6 = 45 deg. as time lag at the oscillation 
frequency. 

It is by equations (35) to (37): 
g = 16,500 = 44 go 

/ = 2640 cycles 

Xo = goLo = 75.4 ohms 
g L = 198 ohms 

k - -TT" = 8800 ohms 

QoC 

Assuming as effective resistance of the oscillating 
circuit at 2640 cycles, twice the ohmic value, or: 
r = 8 ohms. 

gives as limiting value of the transient effective negative 
resistance. 

Ti cos 5 = 8, and rj = 11.3 ohms 

This gives: 
ao =81.5 deg. 
and, denoting: 


<p 

= go t; gives 


00 

= 42,500 sin 

(gj -h 81.5 deg.) 

ei 

= 6300 sin <p 

{1 -f sin (44 (p - 

ii 

- 560 sin (p 

{1 — sin 44 

i 

= 560 sin (p 

sin 44 (p 

io 

= 560 sin (p 



g' = 6300 sin ^ {1 — 19.2cos 44 

or approximately: 

e' = 120,000 sin ^ cos 44 ^ 

That is, the arcing ground in this case produces a 
continuous oscillation which builds up to nearly three 
times the normal line voltage. 

It is interesting to note that the cumulative surge 
of the arcing ground in a transmission line does not 
reach such excessive values as that in the high-voltage 
coil of the power transformer, but may be of moderate 
intensity, of the magnitude of the normal line voltage. 

Discussion 

For discussion of this paper see page 490. 
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T he subject of arcing grounds in transmission sys¬ 
tems is one of the greatest interest to operators of 
power systems of any extent. The almost uni¬ 
versal grounding of the neutral in this country is done 
primarily to alleviate the destructive effects produced 
by arcing grounds. However, in spite of its great im¬ 
portance, a clear understanding of what happens in an 
arcing ground in not general. There is no agreement 
as to the magnitudes of voltages and .surges produced, 
and the various theories proposed call for different 
properties of the arc. The authors therefore considered 
it well worth while to attempt in the laboratory to 
duplicate the conditions of an arcing ground on a trans¬ 
mission system and by spark gap determinations of 
voltages and by oscillograms to determine the maxi¬ 
mum voltages developed and to discriminate between 
the various theories proposed. 

Transient Conditions in Electrical Systems 

Any sudden change in the constants in an electrical 
system in general produces transient oscillations which 
superimpose themselves upon the normal voltage and 
current distributions in the system. A simple example 
may be given in the closing of a switch in a circuit 
containing inductance and capacity in series, such as is 
indicated in Fig. lA. Fig. IB shows the manner in 
which the condenser acquires the voltage of the power 
supply, the battery. The voltage on the condenser 
does not at once come to that of the battery but there is 
a transient oscillation about this voltage provided the 
resistance in the circuit is not too great. The initial 
amplitude of the oscillation will be equal to the change 
in voltage which the condenser must undergo in passing 
from its initial condition to the final steady condition. 
Therefore, in Fig. IB the maximum voltage which the 
condenser momentarily takes on is approxim££tely twice 
the voltage of the supply. 

In respect to the effect upon the insulation of electri¬ 
cal apparatus two factors must be considered in these 
transient oscillations. One is the absolute value of the 
potential reached in the oscillation and the other is the 
rapidity or steepness with which the potential changes 
during the transient condition. The latter factor plays 
an important part in determining the distribution of 
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potentials within the apparatus during the transient 
condition, whereas the former determines the stress 
upon the insulation to ground. In transmission systems 
rapidly changing or steep wave front surges are im¬ 
pressed upon the apparatus as a result of the distributed 
character of the inductance and capacity as will be ex¬ 
plained in more detail later in the paper. The type of 
oscillation considered in the first part of the paper, 
which will deal entirely with lumped inductances anci 
capacitances, will involve changes of potential which 
are so slow that practically only the absolute value to 
ground will be important. 

It is obvious that an arc when it starts constitutes 
just such a sudden change in the constants of a circuit 



Pui. 1 -Simple Oscillatinq Circuit 

as has just been described so that when it strikes, an 
arcing ground must necesvsarily set up oscillations simil^ 
to those set up by closing a switch. However, there is 
a concensus of opinion that an arcing ground has in it 
more elements of danger than would correspond merely 
to this effect. It is generally believed that short-cir¬ 
cuiting a line permanently to ground will not produce 
nearly the same disastrous results as arcing grounds are 
known to do. 

Theories op the Arcing Ground 

Three theories to explain the high voltages induced 
by arcing grounds have been proposed. To explain 
these three theories in a similar manner the authors pre¬ 
fer to describe the action going on in an arc by an artifice 
of properly manipulated switches. The resistance of 
an arc is not a constant quantity but may vary from a 
practically infinite value when the current through it is 
very small, to an almost zero value when the current 
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through it is very large. Thus when alternating or 
pulsating currents traverse the arc the resistance of the 
ai’c may undergo changes which may keep pace with 
these pulsations or alternations of current. A switch 
also may be made to vary the I’esistance in a circuit from 
very high to very low values. The three theories may 
be classified according to how the change of resistance 
of the arc from low to high values or vice versa or the 
equivalent switching is controlled. 

Theory I. Switching Con'i'rolled by the 
High-Fueqijen(]Y Oscillation 

This is usually known as tlie theory of generation of 
high-frequency by the “negative re.sistance’’ of the arc. 
The Poulsen arc generatoi* of radio frequency currents 
operates on this principle. The manner in which o.scil- 
lations are built up when a switch is operated syntdiron- 
ously with the natural period of an oscillating circuit 
which it shunts may he seen fi-om Fig. 2. Fig. 2a shows 
the circuit diagrammatically and Fig. 2b .show.s the 
building up of voltage on the (M)nden.ser as the switch is 
operated. Beginning with the switch open, the con¬ 
denser C is chargt‘d to the voltage? of battery H with 
zero current flowing through i;he inductance h and re¬ 
sistance B. On closing the switch the cond(?nser begins 
to discharge through the inductance giving an oscilla¬ 
tion, such as has just been described, about the zero 
voltage value to whi(?h I,he condenser would ultimately 
come if the switch remained (dosed. Howcjver, suimpose 
at the end of a half (?y(de of this oscillation at the mo¬ 
ment the current from the (;onden.ser i.s zero, the .switch 
is opened. At this moment the (!onden.ser has a nega- 



P 
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tive voltage equal in magnitude to the positive voltage 
which was first impressed upon it. An oscillation then 
begins in the circuit consisting of the condenser, induct¬ 
ance, resistance and battery. At the start of this os¬ 
cillation the voltage of the condenser will add to the 
voltage of the battery in building up current through 
the inductance L and the resistance If the switch 
were left permanently open after the transient oscilla¬ 
tion, the condenser would again come to have the volt¬ 


age of the battery B. The amplitude of the oscillation 
will therefore, as Fig. 2b shows, be equal to twice the 
battery voltage so that the maximum potential which 
the condenser attains will be after the first half cycle of 
this oscillation equal to three times the battery voltage. 

Now .suppo.se at this moment the switch is again 
clo.sed. T'he condenser, charged to three times batteiy 
voltage, again undergoes an oscillation and after a half 
(?ycle hius a negative voltage three times that of the 
battery. We may again suppose the switch opened. 


* ’ *flWiU.U Swjicli 



Ki«. :i 


-Switching (^gntuoi.i.hh i«y 


IjO-( ? V( T.K Gonimtignh in 
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The o.scillation which then take.s place in a half (‘yttle 
will bring the condenser to a positive voltage of five 
times that of the battery. In this way the voltage on 
the condenser may build up to indefinitely large values. 

Of course the nisistance of an actual an? may not 
range from zero to infinite values. A closer approxima¬ 
tion to Ibe action of an arc building up oscillations, due 
to its “negative resistance” characteri.stie may be ob¬ 
tained by using one or more .switches shunted by and in 
series with properly chosen resivstances. 

To apply this theory to an arcing ground on a trans¬ 
mission system, Fig. will more nearly repr(i.sent ac¬ 
tual conditions. The (xscillating circuit will then be 
the inductance and the capacitance of the grounded 
phii.s(?, Li and Ct, or tlui inductantte of the generating 
.system and the inductanttes and capucitan(?(*s, L» and 
L'«, of the ungrounded phases, or both. 


Theory II. Switching Controlled by 
OO-Cycle Conditions 

Again using big. 11 we may follow the oscillations and 
the resultant development of potentials which en.sue 
when the changes in the resistanije of the arc (jr the 
opening and closing of the equivalent switch are con¬ 
trolled entirely by 60-cycle conditions. Ix‘t us suppose 
that the striking of the arc or closing of the switch takes 
at the moment when the 60-cyele voltage across it is a 
maximum and that the extinction of the arc or opening 
of the switch takes place when the 60-cycle current 
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through it is passing through zero. Assume that the 
two capacitances in Fig. 3a are equal or that a single¬ 
phase transmission line is being considered. Just before 
the first closing of the switch the voltages on the condens¬ 
ers will be as shown in portion 1-2, in Fig. 3b. Now, 
when the arc strikes or the switch closes at 2, Li Ci un¬ 
dergoes a rapidly damped oscillation, damped because 
we are supposing that the resistance of the arc does not 
follow or s 3 mchronize with this high-frequency oscilla¬ 
tion. Cz Lz, together with the inductance of the supply 
.system, will undergo a somewhat lower frequency os¬ 
cillation, but also damped. The maximum potential 
reached by Cz during this oscillation will be three times 
normal voltage while the maximum voltage reached by 
Cl will be nearly equal to normal voltage. When the 
effects of these oscillations have completely disappeared 
the voltage on Gi will remain zero, while the voltage on 
Cz will be 60 cycles and double its former value and 
equal to that impressed by the generating system. 
This condition of affairs is shown in portion 2-3, in 
Fig. 3b. 

The current through the arc or closed switch is now 
the charging current of the condenser Gz- It will, 
therefore, be zero at the moment when the voltage on 
Cz is a maximum. Let us suppose, then, that at such 
a moment the arc extinguishes or that the switch is 
opened. Opening the switch at this point evidently 
leaves a charge trapped on the condensers. From this 
point on the variation in supply voltage will again di¬ 
vide equally between the condensers. The course of 
of these voltages will then be as shown in portion 3-4, 
Fig. 3b; the charge which is retained upon the condens¬ 
ers causes their respective voltage waves to be dis¬ 
placed from the former zero line by an amount equal to 
their normal voltage. 

If the leakage of the condensers is small this condition 
will persist until the arc strikes or the switch closes for 
its second time. Again we assume that this closing of 



Fig. 4—Curves op Fig. 3 Referred to Common Zero 

the switch takes place at the maximum of the voltage 
wave. Immediately after the striking of the arc tran¬ 
sient oscillations take place, as shown at 4, in Fig. 3b, 
just as took place at 2. However, it is obvious that 
now the amplitude of oscillation of Cn will be twice as 
great as that at 2 so that the maximum voltage reached 
will be four times normal voltage. The maximum volt¬ 
age reached by Ci will be twice normal voltage. Now 
if we suppose the switch stays closed so that these os¬ 
cillations completely damp out we will again be back in 


the condition shown in portion 2-3. Again, during the 
period 4-5, the voltage on Ci will remain zero and that 
on Ca will be 60-cycle and of double normal value. 
Again the arc will extinguish or the switch will open 
when the 60-cycle current through it is zero, which will 
be at a maximum of the voltage wave of Cz, as shown 
at 5. When the switch does open we will then be ex¬ 
actly in the condition as shown at 3 so that should the 
arc stnke again an oscillation will again take place 
exactly as shown at 4 with the development again of 
voltage four times normal on Cz and twice normal on 
Cl. Thus, however often the arc may restrike and re- 



Fig. 5—Switching Controlled by GO-Cyclb Conditions in 
Three-Phase Circuit 

extinguish, conditions will not become any worse than 
that shown at 4. 

To follow conditions more clearly in the three-phase 
case, which will now be considered, it is desirable to 
combine the two curves of Fig. 3b upon a common zero 
line as shown in Fig. 4. Studying the curve of Fig. 4 we 
see that during the periods when the arc is extinguished, 
1-2, 3-4, 5-6, the two curves preserve an invariable 
relation to each other but that after the extinction of 
the arc 3-4, 5-6 are displaced so that they become tan¬ 
gent to the normal zero line. During the periods that 
the arc is on 2-3, 4-5, one of the condensers, except for 
the transient oscillations, has a zero voltage. The 
amplitude of the oscillation which takes place upon 
each striking of the arc is equal to the change in voltage 
which the condensers must respectively undergo in pass¬ 
ing from the steady condition before the striking of the 
arc to the steady condition after the striking of the arc. 

Being guided by Fig. 4, we may now readily draw the 
course of voltages under this theory for the case of a 
three-phase transmission system. Fig. 5a is the dia¬ 
gram of the three-phase circuit and 5b shows the volt¬ 
ages on the condensers. Before the striking of the 
arc in the portion 1-2 of Fig. 5b the three voltage ’^yes 
are in three-phase relation and symmetrical about the 
zero line. After the first striking of the arc and after 
the initial oscillations have died down, just as in Fig. 4, 
one of the voltages will be reduced to zero while the 
other two will take delta voltage symmetrical about 




April 192^1 


PETERS AND SLEPIAN: ARCING GROUNDS 


481 


the zero line. This is shown in portion 2-3. 
When the arc extinguishes the three voltage waves will 
will have the same position relative to each other as 
they had in the portion 1-2 but will now be displaced so 
that they are tangent to the zero line. After the arc 
extinction again at 4 and after the oscillations have 
damped out one of the voltages will again be zero and 
the other two will be delta voltages about the zero line. 
After the extinction of the arc at 5 the voltages will be 
relative to each other again as in portion 1-2, but again will 
be displaced so as to be tangent to the zero line as in 3-4. 
The steady conditions of voltage before anti after the 
striking of the arc being known, the amplitudes of the 
oscillations are readily determined. The amplitude 
will, of course, be equal to the amount by which the 
voltage on any one condenser must change to get from 
the value it had in the steady state it wius leaving to the 
value it will have in the steady state it i.s reaching. 

At the moment 2 in Fig, 5. conden.sers and C.,, just 
before the striking of the* arc, have the voltage ]4 K, 
where E is the noimal voltage to neutral. After *the 
arc has been on long enough for st(*ady conditions to be 
reached the voltage will be 1,1.;; times nonnul voltage to 
neutral. The amplitude of the oscillation which takes 
place in going from the one condition to the other will 
therefore be equal to the diiren‘n<!c* of 1 14 E and 1 4 A’, 
or equal to E. Hence, it is obvious f,hat the maximum 
of voltage reached by the condcmsei's f/., and C;, will be 
2^ times E. 

Upon the second striking of the arc. at 4, conditions 
are different because of the fact that the voltage waves 
are displaced in the portion 3-4. Here, before the strik¬ 
ing of the arc, the voltage to ground of the condensers 
Ua and C’i will be — E. After the arc has been on 
long enough for conditions to become steady the voltage 
of condensers C» and Ca will have become -1-114 times 
E. The amplitude of the intervening os(*iIlation, there¬ 
fore, will be equal to 2 times E, so that the maximum 
voltage reached by the condensers (;« and Ca will 
be 31 .^ E, 

From this point on, conditions will repeat with the 
development of no higher voltages. Inspection of 6 b 
shows that the maximum voltages reached by the short- 
circuited condenser Ci will be equal to E on the first 

striking of the arc at 2, and 2 E on subsequent strikings, 
as at 4. 

Theory III. Switch Cubing Controlijjd by 
60 Cycles and Opening by High 
Frequency 

This is a theory which has been advanced and elabo¬ 
rated by Peteraen* in recent years. This theory as¬ 
sumes that tihe strikes at or near the maximum of 
the 60-cycIe voltage wave but that the are extinguishes 
at a mo ment when the arc current passes through zero 

1. E. T, Z. 38 Heft 47, Nov. 22, 1017, pp. SSJI-SSS. 
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as a result of that high-frequency oscillation which is 
of intermediate frequency. 

Referring to Pig. 6, we may follow the development 
of voltages consequent upon this hypothesis. Again 
considering the equivalent of a single-phase line with 
equal condensers Oi and Ca, we have before the striking 
of the arc equal voltages symmetrical about the zero 
line in the portion 1-2 of Fig. 6b. The arc is then 
supposed to strike at 2 when the voltages are maximum. 
The short-circuited condenser undergoes a damped os¬ 
cillation of high frequency. The other condenser be¬ 
gins an oscillation which will be of lower frequency 
because it includes the inductance of the generating 
system. The initial amplitude of this oscillation is 
evidently equal to E, the normal voltage to neutral. 
The current through the arc corresponding to this os¬ 
cillation will be zero when the voltage of this oscillation 
reaches its maximum and at this point 3 the arc is as¬ 
sumed to extinguish or the switch to open. 



El«. 6—'.SwiTCHINO CONTttOI.LEI) BY HiaH-FttBQtllSNCY 

CONUITIONB 

The voltage on condenser Cg at this moment is 3 
.times whereas that on condenser Ci is zero. The 
supply voltage, however, can only maintain a difference 
of potential of 2 E between the condensers Ci and Ca. 
There is, therefore, an equalization of charge between 
the condensers C i and Ca until the voltages on Ci and Ca 
come to differ by 2E. Thus there is at 3 a charge equal¬ 
izing oscillation and after this is damped out the voltages 
of Cl and Ca are, respectively, +14 A’ and +234 A. The 
arc being extinguished, the course of voltage change of 
the two condensers Ci and Ca is as it was before in 
portion 1-2 except that they are displaced from the zero 
line. 

We HOW suppose that the next striking of the arc or 
closing of the switch takes place when condenser Ci 
reaches its maximum voltage to ground. This will be 
one-half cycle later at 4 In Fig. 6 b when the voltage of 
Ci ^-Will be +2^ A and that of Ca, +34The arc 
strikes; condenser Ci loses its charge completely in a 
rapidly damped high-frequency oscillation and condenser 
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TABLE I 



Iron and 
alum. 

Copper and 
iron 

Copper and 
copper 

Copper and 
alum. 

Brass and 
brass 

Brass and 
iron 

Volts at 6. 

10,000 

10,300 

9500 

8500 

9400 

11,000 

Volts at c. 

2.3,400 

24,200 

23,000 

22,000 


• • 

Volts at 6. 

11,600 

11,600 

11,000 

11,000 

• • 

• • 

Volts at c. 

2,3,500 

24,500 

24,900 

24,700 

• • 

• • 



With Cl of Circuit above short-circuited 


Volts at 6. 

22,500 

23,200 

21,200 

22,500 


• • 

Volts at &. 

28,800 

29,500 

33,000 

30,600 


• • 


During the above tests voltages were measured as follows: 

. Esec with voltage transformer = 12,960 
Eh with gap b “ 7700 

Ec with gap c_™ 7050 


Remarks 


Without air blast 
Without air blast 
With air blast 
With air blast 

Without air blast 
With air blast 


trodes of the arc played any particular part in the 
magnitudes of the voltages developed. 

Fig. 12 gives the diagram of the circuit and Table I 
gives the results obtained on these tests. In these tests 
the upper electrode of the arc gap was kept stationary 
and the gap drawn out by rotating the threaded lower 
electrode. The table clearly shows that the metals 
making up the arc electrodes had no great influence 


L,°228in.h. 

1] > 13 in.h. 

C,‘0.l in.b. 

. CfOlfflid. 

Fio. 12 —ConneotioKs Used in Testing Effect of Dippbuent 

ELECTftODE MaTEIUALS 

upon the voltages developed and therefor in the subse¬ 
quent tests only copper electrodes were used. 

Experiments to Determine Voltages Developed 

IN Arcing Ground 

The circuits used are shown in Fig. 13 and the results 
are given in Table II. During the progress of this work 
various oscillograms were taken of which character¬ 
istic ones will be given and described in the discussion 
of results following. 

Discussion of Experimental Results 

The table of voltages observed under various con¬ 
ditions given above may be checked against the voltages 
which the three theories would require to be developed 
on the condensers. 

Theory I permits the development of practically 
unlimited voltages upon the condenser in the oscil¬ 
lating circuits. Theory II, however, if the condensers 
are equal, limits the maximum voltage which can be 
obtained on the short-circuited condenser to twice its 
normal voltage and the maximum voltage which can be 
obtained on the other condenser to four times its 
normal voltage. When the short-circuited condenser 
is much smaller than the other. Theory II limits the 
voltage which can be developed in it to twice its normal 




voltage, or, that is, twice the voltage of the supply and 
the voltage of the other condenser to three times the 
voltage of the supply. Theory III, for the case of 
equal condensers, will permit the development of four 
times normal voltage on the short-circuited condenser 
and six times normal voltage on the other condenser. 
If the short-circuited condenser is small compared to 
the other, then Theory III permits of practically un¬ 
limited voltages. 

Examining Table II we find that the results are 
entirely in agreement with the predictions of Theory II. 

In the case of equal condensers, as shown in tests 1-20 
and 76-90, inclusive, with the exception of the first four 
t^ts, no voltages exceeding twice normal or 13,000 
were observed on the short-circuited condenser; al¬ 
though voltages were observed exceeding this value, all 
the voltages were nearly equal to this value. For the 
voltage across the other condenser in no tests was more 
than three times normal voltage observed and in many 
cases this value three times voltage was nearly reached. 
The falling short of the maximum values predicted by 
the theory is to be expected because of the leakage from 



Pig. 13 —Connections Used in Arcing Ground Tests 


the condensers during the relative long time between 
successive drawings of the arc. 

Unequal condensers were used in tests30-44and 51-63. 
The unlimited voltages called for by Theories I and III 
were not observed at all and even the maximum voltage 
of three times the supply voltage required by Theory II 
was not observed. However, more than twice supply 
voltage was usually observed and the smallness of the 
condenser with the attended rapid leakage of charge 
between strikings of arc readily explains the inability 
to obtain higher voltages. 










TABLE II 


Test 

Cir¬ 

cuit 

Cl 

At/ 

Ci 

At/ 

u. 

mb. 

Li 

mb. 

El 

volts 


Eb 

volts 

■B 

Kind 
of arc 

b in 
volts 

r in 
volts 

Film 

No. 

Remarks 

1 

n 

0.1 

0.1 

13 

228 


12,960 

6500 

6400 


16,900 

22,500 


Tbe min. length of gap a '= 1/8' 

2 

n 

tt 

M 

tt 

tt 


44 

14 

44 

Air 

19,000 

25,500 


44 44 44 tt tt It tt tt 

3 

mm 

tt 

tt 

tt 

tt 

• • 

44 

14 

« 


14.800 

25,500 

, * 

« « « « a « a 3/10, 

4 

D 

tt 

tt 

tt 

li 

• • 

44. 

44 

M 

Air 

15,000 

25,000 


14 14 44 tt tt tt tt tt 

5 

D 

tt 

tt 

tt 

0 

• « 


• • 

• • 


11,600 

22,800 

, , 

No R across Ci & Cs for making 















oscillograms 


tt 

tt 

tt 



• • 


• « 

• 4 


11,300 

21,000 


With R across Ci & Ct (see sketch 





B 










for oscillograms) 

7 

c 

tt 

tt 

B 

228 

2300 

• - 

6800 

7100 


11,800 

24,200 

• • 

NoR across Ci & Cj (checking change 

8 

tt 

tt 

tt 

It 

0 

• ■ 





11,500 

20,000 

• • 

in circuit for taking oscillograms) 

9 

tt 

tt 

tt 

It 

44 

• • 

• • 




11,400 

21.000 

72,579-a, 















b. c led 


10 

wm 

tt 

tt 

B 

tt 

• « 

• • 





. * 

72.679-e 


11 


a 

tt 

B 

tt 

• • 

• • 



Air 

* , 


72.579-f 


12 


tt 

tt 

mm 

tt 

• • 

13,130 




12,500 




13 

■■ 

tt 

tt 

B 

tt 

• • 

44 



Air 

12,000 

21,000 



14 

tt 

tt 

tt 

41 

tt 

« • 

44 

• • 


Air 

• * 

19,600 

, , 


15 

c 

tt 

tt 

44 

44 

« • 

« « 

• • 


Air 

. * 


72.579-z 


16 

tt 

a 

tt 

44 

'41 

• . 

• « 

• • 


Air 

« • 

• • 

72.679-b 

Thin pointed electrodes at a 

17 

tt 

tt 

a 

44 

44 • 

• . 

■ • 



Air 

* • 

• « 

72.679-i 

One tube out. Object to cbedc regu- 















lation of plate generator. 

18 



• • 

, • 

• • 

« • 

■ • 

• • 

* • 

Open circuit voltage of 

72,579-j 

Object: to find cause of b. f. ripple In 


H 









transformer 



wave supply voltage. 

19 


0.1 

0.1 

13 

0 

• • 

13,440 

5850 

5600 

* 

10.400 

19,800 

• • 

To check conditions before making 














• 

oscillograms. 

20 

tt 

tt 

tt 

44 

44 

• • 

• • 

• « 

• « 

Air 

10,500 

19,100 

• • • 

To check conditions before making 










• 





oscillograms. 

21 

B 


tt 

41 

228 

« • 

14,065 

4 4 



21,000 

* * 

• • 

The min. length of gap a » 1/16' 

22 

tt 


tt 

44 

44 


44 



Air 

23,500 


• * 

44 44 44 44 14 14 14 44 

23 

tt 


tt 

44 

44 

, * 

tt 

4 4 



21,200 

, * 

72,679-g 

a It a It It It It tt 

24 

tt 


tt 

44 

44 


tt 

4 4 


Air 

32,000 

, * 


tt It It It It a tt tt 

25 

B 


0.1 

13 ■ 

228 


14,065 

4 4 


Air 

33,500 

, * 

4 4 

The min. length of gap a « 1/16' 

26 

tt 


tt 

44 

44 


44 

4 4 



23,500 

, * 

. . 

" “ •«««■« 3/10, 

27 

tt 


a 

44 

14 


44 

4 4 


Air 

27,000 


72,679-ff 

14 tt tt tt tt it tt tt 

28 

tt 


tt 

tt 

44 


• • 

4 4 



17,800- 


• • 

Gap b broke when closing breaker. 












19,000 




29 

tt 


tt 

44 

44 


• • 

4 4 


Air 

30,500- 

4 4 

* • 













29,300 




30 

B 

0.1 

0.00016 

90 

0 

2370 

13,940 

12,060 



24,600 

31,000 

• * 


31 


tt 

tt 

44 

44 

• • 

« • 

• 4 



. * 

4 4 

72.679-k 


32 

Bi 

tt 

tt 

<4 

44 

• • 

• • 

4 « 



* * 

4 ' • 

72,579-1 


33 

Kl 

tt 

tt 

44 

44 

2370 

13,940 

12,060 



24,600 

30,000 

• • 


34 


tt 

tt 

44 

44 

44 

44 

44 



24,000 

30,000 

• • 


35 

B 

tt 

« 

44 

44 

2300 

• • 

• • 


Air 

24,000 

31,400 

4 4 


36 


tt 

tt 

44 

tt 

• 4 

4 « 

4 4 


Air 

• * 

• • 

72,579-m 


87 

B 

tt 

tt 

44 

44 

2300 

• • 

4 4 


Air 

22,100 

29,600 

• • 


38 

tt 

tt 

tt 

44 

44 

44 

« • 

4 4 


Air 

19,500 

29,600 

4 4 


39 

u 

0.1 

tt 

44 

228 

44 

12,420 

4 4 



19,000 

29,200 

4 4 


40 

tt 

tt 

tt 

44 

44 

« • 

4 « 




19,500 

30,000 



41 

tt 

tt 

tt 

44 

44 

« • 

« • 




20,800 

31,500 

, * 


42 

tt 

tt 

tt 

« 

44 

t • 

• « 

4 4 


Air 

20,700 

27,700 



^ . 

tt 

tt 

a 

tt 

44 

« « 

, ^ • 

« • 


Air 

20,800 

26,200 

* • 


44 

a 

a 

tt 

tt 

44 

2180 


« f 


Air 

18,600 

26,300 

* • 


45 

B 


tt 

44 

44 

2190 


• 4 


Air 

11,200 


• • 

Gap b broke down on closing breaker 

46 

tt 

B 

a 

tt 

U 

tt ■ 

• « 

4 4 



16,800 

• • 

• • 

It a u urn m • 












once 















only 




47 

tt 


tt 

tt 

If 

tt 

t • 

4 4 



11,000 



• 

48 

tt 

HH 

a 

44 

tt 

tt 

• • 

4 4 


Air 

12,000 


72,579-n 


49 

tt 

BM 

tt 

44 

tt 

tt 




Air 

13,500 

• • 



SO 

U 

HM 

tt 

tt 

tt 

tt 


4 9 


Air 

13,000 

* • 



51 

A 

0.1 

0.00008 

90 

0 

2190 

13,140 

9 4 



25,200 

31,500 



52 

tt 

tt 

tt 

44 

44 

44 

44 

4 4 



30,600 


• • 

Gap b broke down on opening breaker 

53 

tt 

* tt 

tt 

41 

44 

41 

44 



Air 

24,500 

30,500 

• • 


54 

tt 

0.4 

0.0008 

tt . 

. 44 

2184 

* • • • 

11,266 

Too low 


24.800 

38,300 

• • 

Gap 5 broke on closing breaker 










for gap 






55 

B 

0.05 

0.00032 

tt 

44 

2180 

12,984 

• 4 

• • 


23.500- 

27,500- 

• • 













23.200 

30,000 



56 

B 

M 

tt 

tt 

44 

44 

tt 





• • 

72,679-0 


57 

B 

a 

tt 

44 

44 

41 

44 

4 4 



30,000 

« • - 


Occasionally, when breaker opened 

58 

..tt 

tt 

tt 

■ 44 

. 41 

41 

tt 

4 4 



20,000 

25.209 



59 


tt . 

• tt 

tt. 

44 

44 

« 

.'44 



• •• ' 


72,679-p 


60 


tt 

tt ■ 

tt 

44 

44 

44 

4 0 



26,000 

30,500 



61 


tt 

tt 

tt 

44 

. 44 

tt . 



Air 

26,000 

30,500 

72,679-a 


62 


* tt 

tt 

44 

44 

44 

it 

4 


Air 

24,000 

• « 

« • - 


63 

■« 

u 

tt 

.a 

44 

44 

tt 



Air 


26,700 



64 

B 

. • • 

tt 

44 

228 

44 





11,500 

• • 


Gap b broke down when breaker closed 

65 

■ tt 

• • 

tt 

44 

tt 

• . 44_ ■ 




Air 

11300 

.• • • 

72,679-r 


66 

** 

• • 

tt 

. 44 ■ ; 

■ 44 

44 


4 4 


Air 

11,700 

• • 

'44 


67 

C 

■ilFl 

0.1 

13 

0 



4 .4 



15,200 

23,800 



68 

tt 

<1 . 

tt 

B 

. rt 

« • 

• « 

4 4 . 


Air 

16,100 

23,800 

72,679-aa 


69 

- - tt 

0.1 

0 

B 

0 

2250 

13.380 




24,000 

• • 



70 

tt 

.tt 

tt 

B 

44 

44 

■ - If 




21,000 


« • 


71 

tt 


tt 

44 

44 

44 

44 

4 0- 



29,000 

• • ' 

4 4 


72 

tt 

tt 

tt 

• M 

44 

41 

« 



Air 

26,800 

• # 

72,579-gg 


73 

tt 

tt 

tt 

44 

44 

44 

If 



Air 

30,000 

« • 

• • 


74 

. tt 

tt 

tt 

44 

. tt 

44 

14 



Air 

28,500 

• • 

• e' 


75 

tt 

tt 

tt 

44 

tt 

44 

tt 

4 » 


Air 

21,500 
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TABLE II —Continued 


Test 


76 

77 

78 


79 

80 

81 

82 

83 

84 

85 

86 

87 

88 

89 

90 

91 

92 

93 

94 

95 

96 
07 

98 

99 
100 
101 


102 


Cir¬ 

cuit 

Cl 

/If 

Ct 

Mf 

ltd 

ohms 

Li 

mh. 

Li 

mb. 

Ei 

volts 

Ei 

volts 

Eh 

volts 

Ee 

volts 

Kind 
of arc 

Ain 

volts 

cin 

volts 

Film 

No. 

m 



99e 

B 

0 




• • 

Air 

11,000 

18,000 - 

72.579-y ■' 

u 

a 

tt 

53 c 

mm 

tt 

tt 



• • 


10,500 

18,700 

72,679-t 

u 

a 

tt 

53 c 

H 

228 

2160 



, ^ 

Weak air 


• • 

72,579-v. 





B 






Insulator 



W, X 





B 






flashover 




u 

a 

tt 

0 . 

B 

0 





Weak air 


19,000 


H 

u 

tt 

0 

tt 

U 





Strong 


19,500 












air 




u 

(4 

it 

90e 

tt 

tt 





Air 


19,500 


a 

ft 

tt 

35c 

tt 

tt 





Air 


19,500 


u 

u 

tt 

5ui 

“ 

a 





Air 


20,100 


tt 

tt 

tt 

O' 

ft 

tt 





Air 


20,100 


II 

tt 

a 


tt 

tt 





Air 


20,500 


M 

tt 

tt 

0.25to 

tt 

tt 







20,500 


<1 

tt 

tt 

0 

13 

tt 







20,500 


c 

tt 

tt 

tt 

0 

tt 







10,000 

72,679-U 

u 

tt 

n 


tt 

tt 







19,000 


u 

tt 

Bi 


tt 

tt 







19,000 


a 

0.2 


tt 

u 

a 





Air 


24,500 


u 

tt 

B 

0 

■1 

tt 





Air 


24.000 


(4 

it 

B 


B 

it 





Air 


24,000 


u 

tt 

tt 


B 

tt 





Air 


25,000 


it 

a 

tt 


tt 

tt 





Air 


23.200 


tt 

it 

tt 

tt 

13 

tt 





Air 


23,800 


a 

tt 

tt 


tt 

it 





Air 


24,000 

72.579-bb 

tt 

tt 

tt 

53c 

U 

228 

2160 




Air 


• • 

72,579-S 

tt 

tt 

tt 


a 

0 





Air 


23,500 

. 

tt 

tt 

B 

115» 

tt 

tt 





Air 


• • 

72,579-CC 

tt 

tt 

wM 

115tc 

tt 

tt 




« • 

Air 


• . 

72,579-dd 



B 








Flash 






B 








over 






B 








Insulator 




B 

• • 

IB 

41 

13 

228 


• • 

• • 

• • 

Air 

• • 


72,670-ee 


See note a for kind of arc 


Bemarks 


When film was made Li - 228 


When 61m was made 43 carbon 


See note b 


(a) Be means resistance was carbon rod. 
(A) Bio wire on tube 1 In. in diameter. 


Discussion op Oscillograms 

With the results of Table II indicating the probable 
correctness of Theory II, it is interesting to study the 
various oscillograms for evidences of the action-called 
for by each of the three theories. In the oscillograms 
the zero lines are shown which represent zero current 
through the oscillograph element but do not represent 
the zero lines of the voltage waves. This is due to the 
fact that when zero voltage is impressed upon the grid 
there is still the plate current flowing through the 
oscillograph element. 

Theory I 


Theory III 

Theory III requires the extinction of the arc to take 
place at the peak of the high-frequency voltage wave 
so that when the arc extinguishes a charge is left on the 
condenser in excess of the charge corresponding to the 



Theory I would require the appearance on the 
oscillogram oscillations of increasing amplitude during 
the periods that the arc was on. However, no oscillo¬ 
grams show this effect. Oscillograms 72,579-d, o and z,. 
which are typi^l of those obtained with circuits A and 
C, show the oscillations through the inductance of the 
supply which were produced by the striking of the arc 
very clearly and these oscillations are clearly damped. 
An oscillation of the short-circuited condenser may be 
inferred by the slight breaks following each discharge 
in the curve for voltage across C 2 . We may infer that 
these oscillations were highly damped because the ciuwe 
becomes continuous again very shortly after. Oscil¬ 
logram 72,579-r, taken with circuit B with a larger and 
lagging arc current, also shows only slight breaks in the 
curve for voltage across C 2 . 


(72579-0) 



(72579-20 

60-cycle voltage at that time. In no oscillogram was 
this observed. One would expect that the greatest 
chance for the Petersen theory to be valid would be 
when the short-circuited capacitance was small, for 
then the heating due to the dissipating of the energy of 
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the short-circuited condenser in the arc would be small, 
in fact, oscillogram 72-579-0 does show the arc extinguish 
for a short time in nearly every half cycle. But even 
here the arc, after striking, held on long enough for the 
high frequency to damp out so that at the time of 
extinction the charge retained on the condenser did not 
exceed that corresponding to the instantaneous 60- 
cycle voltage. Thus, the displacement of the voltage 
waves was never in excess <.)f the normal voltage to 
neutral as is rociuired by i his theory. 

9'iiEoiiY n 

Theory II re(iuires the striking of the arc. at the peak 
of the 60-cycle voltage wave an<l its extinction also near 
the peak of a OO-cycle volt age wave. When the s(;riking 
of the arc took place after (he arc had l)een out for a 
little time, tluit is, more than a half cycle, ( he striking 
always did take fjlace at. th(‘ peak of the voltage but 
when an air blast was u.sed so that- t he arc would be 



(72r»7ll-/tJ 


blown out before tin; gu|) luifl become very long, 
reignition frequently occuiTed within the next half eyele 
before the peak of the voltage* wave as shown at 1, 
oscillogram 72,579-2:. Also when an air blast was used 
extinction sometimes occurred before the peak of the 
voltage, that is, before the (Kbcycle charging current 
would normally pavss through Jsei*o. However, these 
extinctions and reignitions give rise to voltages le.ss 
than those called for by Theory 11 since the retained 
charge under these circumstances would be less than 
that corresponding to peak voltage and the amplitude 
of oscillation would be less becau.se of the smaller total 
voltage to ground at the moment of striking. We may 
say then that the voltages called for by Theory II do not 
develop with each individual extinction and reignition 
of the arc, but we can say that usually when the arc 
extinguishes for a longer time it will do so at the peak of 
voltage with a retained charge equal to normal voltage 
to neutral and that the next striking of the arc will be 
at the peak voltage .so that the maximum voltages 


called for by this theory will nearly always be ultimately 
developed. The final extinction of the arc at the peak 
of the voltage wave and the displacement of the voltage 
waves from the zero line are clearly seen in oscillograms 
72,579-d and o. 

The spark gap voltages obtained and the oscillograms 
appear to substantiate Theory 11 as to the maximum 
voltages which may be developed by an arcing ground. 
However, it must be pointed out that the experimental 
work was limited to a 13,200-volt circuit and it is 
conceivable that for higher voltages with greater arc 
lengths in which heating of the electrodes might play 
a smaller part, Theory III calling for the extinction of 
the arc at zero of high-frequency current might find 
application. The authors' opinion is that this will 
seldom prove to be the case. As to Theory I calling for 
the development of high voltages due to the “negative 
resistance" of the arc they are even more strongly of 
the opinion that it will fail to be realized even with 
higher voltages. 

Guounded vs. llNc;j4()tiNi)EP Neutrae Systems 

In the exi)erimenls described above circuits A and C 
apiiroximat e conditions on a transmission .system with 
an isolattnl neutral and cii*cuit B approximates condi¬ 
tions on a grounded neutral system. The predictions 
of Theory II ai)plie(l tocircuitf -were substantiated both 
by spui’k gjip voltage determinations and by oscillo¬ 
grams. This theory applied t;o a three-phase system 
vii\h for disidacemeiit of neutral relative to ground 
and the rlevelopment; as a result of transient oscilla¬ 
tions of maximum voltage of times normal voltage 
to neut;ral on the .sound phases and two times normal 
voltage to neutral on the gi’ounded phase. In a 
grounded neutral system if the impedance between 
neutral and gi’ound is not too large the charge left on 
the .system after the extinction of the arc will be drained 
oil before the next striking of the arc. Hence the 
maximum voltage which will be developed will be that 
corrasponding to 2, Fig. 5, that is, 2>2 times normal 
vol(.age to neutral on the .sound phases and 1 times 
normal volbige to neutral on the grounded phase. 

Thus the maximum voltages to ground developed by 
arcing grounds on isolated neutral and grounded neutral 
.systems, respectively, are in the ratio 3 to 21-y. How¬ 
ever when the distribution of potentials within appara¬ 
tus is considered, the magnitude of sudden changes in 
voltage becomes important and these .sudden voltage 
changes are very much greater in the isolated neutral 
case than in the case of the grounded system. We 
must, therefore, con.sider the surges set up by arcing 
grounds which are propagated due to the distributed 
capacitance and inductance in transmission systems. 

Traveling Waves Set up by. Grounding Phase op 
T itANSMissioN System 

The transient oscillations generated by grounding a 
phase in a transmission system were described above in 
terms of lumped capacitances and inductances. When 
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the capacitances and inductances are distributed, 
oscillations take place but are not simple sine waves as 
were described above. These oscillations are best 
pictured in terms of traveling waves. Referring to 
PHg. 14, when a ground suddenly occurs on a phase of 
the transmission line the capacity of the line is not 
discharged as a whole like a single condenser but those 
parts of the line nearest to the grounded point dis¬ 
charge first. Since the inductance to the grounded 
point is less for these nearest parts, they discharge almost 
at once while the farthest parts of the line still retain 
their charge. There are thus set up waves traveling 
in both directions from the point of ground. These 
traveling waves reduce the potential from V, the value 
just before the ground occurred to zero. When the. 
traveling wave reaches the end of the line where a 
change of impedance is encountered, refiection occurs 
and at the point of reflection a sudden change of voltage 


takes place amounting to 


2Z2 

Zi -h Zi 


V, where Zi 


and 


Zz are respectively the surge impedance of the line and 
the surge impedance of the apparatus at the end of the 
line. The mathematical derivation-of this expression 
may be found in the appendix. 

The oscillations of the ungrounded phases are also 
accompanied by traveling waves but owing to the 
inductance of the supply system which is in series, 
the wave fronts will be of much less steepness and 
therefore much less disastrous as regards voltage 
distribution within the apparatus at the ends of the 
line. 

We may now compare the magnitudes of the traveling 


TT-- 


W 








Pig. 14 —Propagation and Reflection of Traveling Wave 


waves seit up by an arcing ground in the two cases of the 
isolated neutral and the grounded neutral systems. 
For the isolated neutral system we have seen that the 
arc will usually strike at the maximum of the 60-cycle 
voltage wave and at that moment there will also be a 
retained charge on the system after the previous extinc¬ 
tion which further displaces the voltage of the line from 
groirnd. The voltage of the line to ground is then two 
times the normal voltage to neutral. The magnitude 


of the sudden change in voltage which occurs at the 
end of the line is therefore 


2 Zz 

Zi Z2 


X 2 E, 


or nearly four times normal voltage to neutral. For the 
grounded neutral system there is no charge retained 
by the system at the moment the arc strikes and there¬ 
fore we have V = E. Hence the sudden change in 
voltage due to reflection at the end of the line will be 



dx 

Fig. 16—Traveling Wave on Transmission Line 


approximately 2 F or only one-half as great as that for 
the isolated neutral system. Most observations of 
abnormal voltages on isolated neutral systems due to 
arcing grounds have been not of voltages to ground but 
of voltages across parts of apparatus. The above 
discussion of the traveling waves set up by arcing 
grounds on isolated neutral systems show that this is 
what should be expected. 

Appendix 

Reflection op Traveling Waves 

Consider a traveling wave started by any abrupt 
change in potential on a system containing distributed 
inductance and capacitance. The wave may start 
with an abrupt or sheer front such as results when 
closing a switch on a dead line or grounding an ener¬ 
gized line or it may'start with a tapered front such as 
may be induced by the release of an electrostatic charge 
on a cloud. As the traveling wave proceeds on its 
course it gives up energy in Joulian heat and radia¬ 
tion which causes a progressive tapering of its front. 
When this traveling wave strikes a point on the line 
where the impedance of the line makes an abrupt change 
the wave undergoes a reflection. The theory of such 
reflection follows. In Pig. 15 let A represent a travel¬ 
ing wave of voltage of any shape and let v be its poten¬ 
tial at any point x. 

Let L = inductance per unit length of line. 

Let C = capacitance per unit length of line. 


Then 

■ A V 

r A 

- - Z, A* 

(1) 


Ai 

n A 

dt 

(2) 

from (1) 

bv 

dx 

> di 
~ ^ dt 

(3) 

from (2) 

dt 
d X 

“ ^ dt 

(4) 
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from (3) 



j bH 

(5) 


bx^ 

btbx 

from (4) 


b '^ i 

V 

o 

(6) 


btbx 


from (5) 

and (6) - 

d” V 

1 bU) 

(7) 

b 

'"LC d~x^ 

also 


b”i 

bt^ 

1 b" i 

'TC" '^"bW 

(8) 

It is readily checked by substitution that 

V - f(x + a t) and 

V ~ g (x — at) are .solutions of (8) 



f and g denoting arbitrary functions of (a: 4- a t) and 
(x~ at), respectively, and 

.. __ 1 

^ "" Ij C 

For, substituting v (x at) in (7) we get. 

a‘f (* + a t) = - (* + « I) 


or 7 ,- 

Ij G 

0 = / (a; 4 - «/.) evidently ix‘prcsent.s a voltage wave 
traveling with the velocity a in the direction of nega¬ 
tive x; for if we increase t by unity and at the same time 
decrease a: by a the value of is unchanged; but in¬ 
creasing t by unity and changing x by - a is equivalent 
to shifting the wave through the distance - or in unit 
time. Similarly, v ~ g {x--" a t) repre.sents a voltage 
wave traveling in the direction of positive a;. 

Let us now determine the traveling wave of current 
which accompanies the voltage wave v - f (x a t), 
substituting, v = f {x ■}- at) in (3) and (4), we get 

- L = /' (r. + « t) (9) 

= --<'«/'(* + ««) (10) 


Integrating (9) i --G f(x + al)+ f\ (*) (II) 

4«i/ 


Integrating (10) z = - C a/ (a; 4“ « 0 4“ Fa (0 (12) 

since - A - = c a, F, (x) = F, (0 


F 1 (a;) and Fz (t) therefore represent a constant current 
and can be neglected in considering the traveling wave. 
We have then, finally 


i = ^ / (a? 4- O! ^) _ _ f {X ^ a i) _ 

(xL ^XTC? 

where Z ^ \/ L/C - surge impedance. 


v/Z (13) 


In the same way we may determine the current 
wave corresponding to v = g (x~ at) and find 


f (x— a t) 
a L 


v/Z 


Consider now a traveling wave v - f (x + a t) 
reaching a point P at a; = 0 where the line constants 
change from a surge impedance of Zi to surge imped¬ 
ance Zz. There will then appear a transmitted and 
reflected wave in addition to the oncoming wave. 
Before reaching P we have only the advancing wave 

V ^ f {x + a t) (14) 

i - - l/5;,/(x 4-«/•) (15) 

After reaching P we have on one side a transmitted 
wave. 


Vi - /a (at 4- 0 at < 0 (16) 

ii - - l/Zzfi ix 4- az t)x <i) (17) 

And on the other side of P the oncoming plus reflected 
wave 

»i “ / (at -b a t) 4- 0 (x — a 1 ) x > 0 (18) 

ti = - IfZif (x 4“ Of <) -f 1/Zi g (x — at)x> 0 

(19) 

At point P where a: = 0 the voltage from either side 
mu.st be the same and the current flowing to P on one 
side must equal the current flowing from P on the other 
side. Therefore from (16), (17), (18) and (19) 


h («2 0 / (« 0 + g (- a t) 


( 20 ) 


— 1/Zij<i (of!! f) — — 1/Z\J (a t) 4" Il/Zx (7 (— at) 

( 21 ) 

multiplying (21) by Zx 

- Zx/Zih (o!2 t) - - S (« t) U (- a t) (22) 


.subtracting (22) from (20) 

(1 +Zx/Zi)fi(ait) ^ 2f(at) 


fziait) «= - ^ _ f{(xt) 

A ■'r Mjxl'i^'i 


or 


Vz 


2v 


2Zz 


i 4* ZxlZ'i 4“ Zz 


(23) 


Therefore the transmitted voltage and also the on¬ 
coming plus reflected voltage has a ratio to the oncoming 


voltage of iirespective of the nature or shape 

xtx -r 


of the wave. 
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Discussion 

FREQUENCE CONVERSION BY THIRD CLASS CON¬ 
DUCTOR AND MECHANISM OF THE ARCING 

GROUND AND OTHER CUMULATIVE SURGES 

(Steinmetz), and 

VOLTAGES INDUCED BY ARCING GROUNDS 

(Slepian and Peters) 

Pittsburgh, Pa., April 24,1923 

H. R. Woodrow: In both papers, the maximum surge poten- 
tials have been given neglecting the absorption of our systems, 
and I believe experience would show that the actual potential 
rise is less than that given in either one of the two papers par¬ 
ticularly on underground systems. This factor has been brought 
out in connection with some tests which have recently been 
conducted and which I hope someone will discuss later. 

Our surges are not all due to arcing grounds, but some of them 
are due to switching operations, and on some tests which have 
recently been made on the Brooklyn Edison system, it appears 
that these surges may be as high as two and a half times normal 
voltage. 

I have felt in a good many of our cases we say our trouble is 
due to arcing grounds and surges, and in many cases our deduc¬ 
tions are simply the result of our inability to connect the trouble 
to anything else. 

A particular case of this type has come to my attention 
recently and has caused a great deal of worry and annoyance 
as to the source of the trouble. We did find some surges of small 
magnitude and short duration, but none of them seemed to 
properly account for the trouble. However, after two or three 
months’ study, and the loss of several ,'5000 kv-a. transformers, 
we found it due to nothing more than a little piece of iron placed 
in the wrong position and without ventilation. 

J. Slepian: It is brought out very clearly in the first part of 
Dr. Steinmetz’s paper that the generation of the high frequency 
is due to the px'operties of ares. Some peculiar properties are 
necessary in arcs in order to produce high frequency. One would 
expect in a mathematical treatment, that somewhere in the 
treatment a definite statement would be made as to what is 
assumed about the arc. An equation or some definite state¬ 
ment should be made as to what is assumed as to the nature of 
arc so that from it the currents and voltages can be calcu¬ 
lated. However, you look in vain for any such statements in 
the mathematical work. You have to go through it carefully 



and look for points here and there. Sometimes it is a definite 
statement, and sometimes in a rather concealed way a property 
of the arc is assumed. 

Now, of course, I was helped considerably going through the 
mathematical work by the previous discussion. The previous 
discusdoh gives some idea of the simplified characteristic that 
Dr. Steinmetz takes for the arc. 

Taking oh page 273, the first equation given, he assumes that 
the arc has a straight line characteristic, as given by the equa¬ 
tion e == El — ni. 

The equation given there would give a straight line as shown 
in accompanying Fig. 1, the slope n, being the negative resistance. 
This applies only for the low frequency. When it comes to the 
high frequency , he brings in the idea of time lag between current 


and volts. That is, the high-frequency volts and high-frequency 
amperes are not in phase. This is expressed in the equations 
at the bottom of the same column on page 273. 

These equations plotted with volts and amperes as coordinates 
give an ellipse as shown in accompanying Pig. 2, so we guess that 
probably the characteristic that Dr. Steinmetz makes use of in 
his mathematic work is something of that nature. 

Now, to find where he brings in quantitatively the magnitude 
of the negative resistance and axes of the ellipse, and so on, we 
have to hunt carefully. The first assumption we find is in equa¬ 
tion 16 on page 276, which says, .Let n - Ei/Ii = effective 
resistance of the third class conductor. 

In this section, however, he is dealing only with the low-fre¬ 
quency terms. In calling this resistance n, he makes the assump- 



Fig. 2 


tion that volts and amperes of the low frequency are in the same 
ratio as for the high frequency. This means that the low-fre¬ 
quency volt-ampere curve is a straight line which has the 
same positive slope as the negative resistance with which he is 
going to work. As the low-frequency volts and amperes rise 
and fall, the high-frequency volts and amperes go round ellipses, 
and these ellipses come in and out, swell and retract, so that you 
get a curve of volts and current similar to that given on page 275 
Fig. 4. 

The high-frequency volts and amperes rise and fall with the 
low frequency but for some reason he has chosen to take the two 
in equal ratio. There is no reason why that should be the case. 

The next assumption he makes as to the magnitudes in the 
arc is rather hard to illustrate in the mathematical work, so I 
will go to the first numerical case on pages 278 and 279. By 
assuming that delta equals sixty degrees as the time lag between 
high-frequency current and volts, an arbitrary assumption is 
made as to the shape of the ellipse. However, I don’t quarrel 
with that. Some assumption must be made and that seems to be 
reasonable. 

We next come to the assumption whereby a numerical value 
is given to the negative resistance, ri. Near the top of page 279, 
taking the high-frequency resistance of the oscillatmg circuit 
as r = 60 ohms. Dr. Steinmetz says, “and assuming stationary 
conditions reached by the transient negative resistance of the 
spark discharge having dropped to equality with the ohmic 
resistance, that is: ' 

rI cos 6 = 60, and ri = 120 ohms,’’ etc. 

Thus, from the resistance of the oscillating circuit he has cal¬ 
culated the negative resistance of the arc. 

Now, this is not always a correct procedure and may as in this 
example lead to absurd results. In the text of the paper itself, 
it is explained very clearly that we may not calculate the nega¬ 
tive resistance in this way. In the last paragraph of Section III 
on page 273 we find, “Thus the final result of a condenser dis¬ 
charge through a third class conductor of sufficiently high effect¬ 
ive negative resistance is an alternating current of a frequency 
determined by the circuit constants.” 

I have italicized the words suffioienUy high because they indi¬ 
cate that there are two possibilities as to the steady state.^ H 
the negative resistance is sufficiently high there will be sustained 
oscillations with the negative resistance reduced to eq,uality with 
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several hundred or several thousand amperes, will re-form, that 
is, strike again, if it is not interrupted for say one-fifth second. 
This minimum time seems to be dependent to some extent upon 
the length of the arc. This being the case, it appears that a 
pow.er are is a good conductor when thought of in half-cycle 
intervals, and that the resistance of the arc is low throughout the 
oyole. Otherwise, suppression of the voltage at the arc for so 
long a time as indicated would not be required to stop it. 

Arcing grounds on ungrounded systems certainly cause dis¬ 
astrous voltages. It has been my experience that if the neutral 
of a star-connected system is grounded through a resistance low 
enough to carry, say fifty amperes, the surges which are produced 
on delta or ungrounded systems do not occur to any dangerous 
degree. Accidental grounds produce no dangerously high-volt¬ 
age effects on the ungrounded phases throughout the system, as 
indicated by the absence of lightning arrester discharges at 
various connected stations. For this reason, I do not consider 
that a high-resistance neutral is objectionable from the voltage 
standpoint; on the other hand, it is very desirable, from a cur¬ 
rent standpoint, since the flow of ground emrent is limited to a 
moderate amount. 

Herman Halperins Mr. Woodrow made some remarks 
about surges on underground cables, and I thought he was refer¬ 
ring to some tests concerning which I was telling his committee 
which had taken place the last month in Chicago. I will show in 
brief. Fig. 6, what we did and what was found on some of these 
surge tests. 

A kenotron set with one side grounded was used and, the d-c. 
voltage charged a factory condenser. After, that condenser was 



Fig. 6 


charged up in a few seconds or so, it went over the sphere gap 
into some three-phase paper-insulated lead-covered cables. In 
these three-phase cables we usually discharged into one conductor 
and the other two conductors were grounded; and at the end 
of the lines, the one conductor was grounded solidly or through 
a resistance. Then at various points we measured the voltages 
to ground by means of sphere gaps. In one case the first length 
was 350 feet and the remaining cable was about 15,000 feet long 
or more. These traveling waves that were put in at the sphere 
gap had a steep front and a gradually decreasing tail. The 
length of the main portion of the wave would be of the order of 
twenty micro seconds in time, which is a wave of very high fre¬ 
quency. In these tests we found that the voltage was decreased 
to somewhere around two-thirds of its initial value after it had 
gone through 350 feet of cable, and that it went down to a fifth 
or so at the end of the line, depending upon the cable and con¬ 
nections. Plotting the voltages against feet from the station 
the waves of this nature decreased in voltage rapidly at first and 
gradually towards the end. Of course when resorting to waves 
corresponding to very high frequency, the voltage decrease was 
very rapid at the beginning. The wave after it got down to the 
end pf the cable was considerably flattened out. 

It just indicates that traveling waves such as are shown in this 
second paper on page 791 will be considerably reduced in voltage 
after traveling a very short distance in Underground cables, due 
to the danaping qualities of the cable. 

W. A. HUlebrandt Some of the largest of the high-power 
radio stations in the world utilize the negative temperature 
coefficient of the arc in order to transform the energy from a d-c. 
generator into the energy of a high-frequency oscillation. This 
is known as the Poiilsen are. 


Dr. Steinmetz, in Pig. 3 sets up the circuits of the 
Poulsen are and the equations thereof naturally follow. The 
identity between the fundamental relations that he derives and 
the Poulsen arc is rather striking. 

With respect to some of the discussion on this subject, I would 
say that in order to generate oscillations by means of an are, the 
magnetic field is not necessary, neither is it necessary to have a 
field of hydrogen. The magnetic field is used in the field with 
the Poulsen arc to get uniform arc conditions, so the conditions 
will repeat with a fair degree of uniformity. The hydrogen is 
used because of the high mobility of the hydrogen, and because 
of the high amount of radiation t^t is obtained. It is equiva¬ 
lent to a very large increase in the quantity minus Ri that Dr. 
Steinmetz uses. In my opinion, in this discussion of the arcing 
ground, the matter of voltage is not of fundamental importance. 
One of the most important factors, it seems to me, has been 
overlooked and that is the matter of frequency. The moment 
you puncture the dielectric, you will get a streamer that will 
travel practically indefinite distance due to the high current that 
results from high frequency, and the high conductivity of the 
resulting arc. The relations between the strike distance of such 
an are, once the dielectric is punctured, and those of, for instance, 
the normal 60-oycle variety, or rather, I would say the two bear 
no relation to one another whatsoever. 

On one of the large high-voltage systems of the country, for 
example, one of the operating men told me he has actually ob¬ 
served in time of trouble streamers emanating from the conductor 
of a familiar type, such as you get from oscillators and such as 
you can only get under conditions of high frequency. 

There is one form or arcing that can occur under one set of 
conditions, not referred to by Dr. Steimnetz in his paper, namely, 
between contacts of switch plane and clip where an imperfect 
contact is made. 

That is of either an air break or oil type switch. I believe it 
is possible under such conditions for disturbances to be set up 
of the type that Dr. Steimnetz describes although obviously not 
of the same intensity. 

C. L. Fortescue: There is evidently no doubt that arcing 
grounds do give trouble. We have had ample evidence from 
operating men today, that they do have trouble at times very 
high voltages are obtained by this cause on their systems. 

Dr. Steinmetz has given a mathematical explanation and some 
figures showing that with certain assumptions the voltages that 
can be obtained reach very high values. Now, I think that Dr. 
Steinmetz’ idea of the negative resistance might be carried out 
so as to give possibly more plausible values for the voltages 
reached. 

I think that the principal thing these studies show is that our 
knowledge of these phenomena is very limited and that there is 
need for much further study. 

Now, one of the difficulties of the study of these problems is 
that it is impossible to study them on a large scale because of the 
danger of causing damage. They have to be studied in the 
laboratory and in studying them in the laboratory we are so apt 
to get conditions that we do not get outside; it is so difficult to 
approximate conditions in the laboratory to those in actual 
service and theoretical a.nalysis without corroborative experi¬ 
mental work is not very convincing when the problem is so 
complicated as in this case. 

Charles P. Steinmetzt It is regrettable that Mr. J. Slepian 
rather misunderstood the bearing of my paper, as this led him 
to guess at assumptions made in the paper, and as I did not make 
these assumptions, his discussion, beiug based on these assump¬ 
tions, becomes non-pertinent to the paper. For instance, I 
never made the assumption of a linear arc characteristic, which 
Mr. Slepian imputes by a misinterpretation of the equation on 
page 273, and his discussion based on this assumption does not 
apply. The purpose pf the paper is not to prove that an arc 
produces high-frequency osoiUatiohs. It has been well known for 
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years, that an are may produce undamped and cumulative high- 
frequency oscillations, or continual oscillations, or isolated 
damped wave trains—such as once more described in Messrs. 
Peters’ and Slepian’s present paper—depending on circuit con¬ 
ditions. For instance, in my book on “Theory and Calculation 
of Electric Circuits” which was published in 1917, an entire 
chapter of 40 pages is given to this subject. There for a number 
of different arcs, the stationary characteristics are given and the 
transient characteristics—called “dynamic characteristics” by 
Mr. Slepian—^as derived by oscillogram, and discussion of the 
arc characteristics giving the various types of are oscillations 
and their limitations, and oscillograms of undamped high-fre¬ 
quency waves produced by the are. All this being well known, 
its rehash obviously has no proper place in the paper, especially 
as it has no direct bearing on it. 

The purpose of my paper, as indicated by the title, is to show 
the mechanism by which a third class conductor—which may or 
may not be an are—can act hs frequency converter. None of 
the assumptions, which Mr. Slepian tries to find in the paper, are 
made, nor ai-e they necessary, but the only assumption is that 
the circuit. Pig. 3, contains a third class conductor, as defined in 
the paper, that is, a conductor in which, over a certain range of 
current, the voltage decreases with increase of current. The 
argument of the mathematical part of the paper then is: What¬ 
ever may be the particular characteristic of the third class con¬ 
ductor, as univalent functions of time, current and voltage can 
be represented by a Fomier series with constant coefficients, 
equation (7). Integration of the differential equation then 
shows that only two terms can exist in this Fourier series, a low- 
frequency term, of the supply frequency, and a high-frequency 
term of resonance frequency. In the low-frequency term, the 
coefficients of current and voltage ai’o found of the same sign, 
and their ratio ti therefore is positive, representing power 
consumption. In the high-frequency term, the coefficients of 
current and voltage are found of opposite signs, and their ratio 
(approximately r, the load resistance) therefore is negative, 
representing power production. The mechanism of frequency 
conversion consists in the low-frequency component acting as 
motor circuit, due to the positive ri, and the high-frequency 
component as generator circuit, due to the negative — r, as seen 
in the equations (35,). To make oscillation possible, the power 
of the fundamental or motor component ri must be equal or 
greater than that of the high-frequency or generator component 
r. As ri is a function of the amplitude, the amplitude of the 
oscillation adjusts itself at that value of ri, where the motor and 
generator coniponents are equal. 

Here Mr. Slepian seems to have been badly mixed up, and to 
mistake for assumptions the mathematical conclusions derived 


from the equations. There is no assumption whatever involved 
in the term ri, but ri is merely defined as the constant ratio of 
the two constant coefficients of the fundamental terms of the 
Fourier series of current and voltage respectively, equation (7). 
Being^of the dimension of resistance it is called “effective resist¬ 
ance. As conclusion from the equations and not as assumption 
as Mr. Slepian seems to think, the relation between the load 
resistance r of the high-frequency component, and the effective 
resistance ri of the low-frequency term is derived. 

As regards to the numerical values, and the probability of 
high power osoiUating arcs in industrial circuits, I may best quote 
from my book of 1917. 

In transmission lines, usually the resistance is too high to 
produce a cumulative oscillation; in underground cables, usually 
the inductance is too low and thus no cumulative oscillation 
results,—^in the high-potential windings of the large high- 
voltage power transformers, however, as circuits of distributed 
capacity, inductance and resistance, the resistance commonly 
is below the value through which a cumulative oscillation can be 
produced and maintained, and in high-potential transformers, 
destruction by high voltages resulting from the cumulative 
oscillation of some arc in the system, and building up to high 
stationary waves, have frequently been observed.” 

J. F. Peters s With reference to Mr. Woodrow’s and Mr. 
Halperin’s remarks, there is no doubt but what considerable 
absorption of surges occur, preventing the full value of possible 
surges neglecting absorption. This is particularly true for cable 
systems. 

It^is very interesting to note the large degree of absorption 
obtmned^ by tests described by Mr. Halperin. Since energy 
varies with voltage squared after the surges have traveled 360 
feet, the energy was reduced to less than one-half of its original 
value. 

With reference to Mr. Hildebrand’s discussion concerning 
^ arc as generator of high frequency, he states that a gas 
is not necessary but is used on account of the large amount of 
radiation that it produces. The increased cooling of the arc 
is the big factor in making an arc generate high frequency. This 
is shown clearly by the difference in characteristics of an arc in 
air and in gas, as shown in Pigs. 8a and 8b. With reference to 
the streamer following puncture of dielectric, mentioned by Mr. 
Hildebrand, I assume he means the gaseous vapors produced by 
the large current resulting from shorting the electrolytic charge. 
This, of course, may reach a considerable distance. High- 
frequency voltage of short duration, such as accompany surges, 
will not jump any further and when solid insulation is involved 
will not jump as far as low-frequency voltage. 
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To raise the temperature at this point we have to 
increase the input of energy. For constant current 
this is done by increasing the voltage, so that indirectly 
the distance between electrodes is a function of the 
voltage. 

Based on the above conclusion, that the reactance 
per phase was a constant, independent of the load, 
the general equations of the three-phase furnace were 
developed. 

To avoid any undue complications and obtain equa¬ 
tions which could be easily discussed, the following 
assumptions were made: 

The furnace is fed by three parallel and similar con¬ 
ductors situated in one plane and symmetrically dis¬ 
posed in relation to the middle one. Constant voltage 
across phases is impressed to these conductors by the 
transformers and their resistance is neglected, unless 
otherwise specified. As can be seen the impedance 
of the transformer is neglected also, unless otherwise 
specified. 

General Equations 

The voltage drop due to the inductance in three 
parallel conductors is: 

— — Iz -X'i.2 — la X\.a 

IzXb = — —la X^.a where ( 1 ) 

la Xe = — Ii Xa.i — Iz Xa.z 

Xi.z = Xz.v 

Xz.a = Xa.‘i 

Xa.i = Xi.a 

and where Jj, 1 2 , la designate the currents in phase 1, 2 
and 3 respectively in amperes 

X 1.2 is the effective reactance of phase 1 due to 
current 12 in ohms 

X 2.3 is the effective reactance of phase 2 due to 
current /s 

-X’ 3.1 is the effective reactance of phase 3 due to 
current h 

for reasons of symmetry Z 12 = Xza = X, Xia can be 
written a, X where a > 1 . A dot above a quantity 
indicates that it must be taken as a vector. Ji, ia, la 
being star currents must add up to 0 . 

/i + /a -|- ia = 0 (2) 

Using the complex notation and taking 1 2 as the origin 
we have 


Combining (3) and ( 4 ) ; 

iiZi =/ {- (tE« +/3aZ) - y[ (a e- 1) X 

+ 0 i2o] } = Cl 

UZ2=I[Rb-jX] =62 

ia Za =/ {-(eRc-0aX)-j[(ya- 1) X 

- 0 i?cl j =63 

The impedances of the three phases are: 

„ (a-l)0X 


^ ^ ^ yZ j-Rl — jXi 

Zz-^Rb-jX = Rz-j X2 

„ ^ (a~l)0X 


(a - 1 ) 7 


= Rz-j Xz 


Za=R.- 


-}X[a- 


(a - 1) € 
/S2 + 62 


) = s.-y 


Oi. X 

We see that in phase 1 a resistance ■ ^X is 

added to the load resistance Ra, in phase 3 a resistance 
a — 1 

/32 -f €2 subtracted from Rc. Multiplsdng 

these two resistances by and Ja* respectively we have 




a — 1 

52 _j_ yZ 


Ph 132 _|_ g 2 ^ ^ 

but/i’- = J2 (jS® -I- T^) and la^ = p (02 ^ ^ 2 ) go that 

Pt, = Pt, Pt = P{a-l) 0 X Watts ( 7 ) 

Pi represents an amount of power which is subtracted 
from phase 1 and transmitted to phase B by a transformer 
action. 

If Fj, E 2 .2^3 are the voltages impressed across phase 
2 and 3, phase 3 and 1 and phase 1 and 2 respectively, 
we have in combination with (5) 


ii = I (- y -.j 0 ) 

Iz = I (3) 

/3 = 7(-€+i/5) 
where 7 + 6 = 1 . 

If we call Ra, Rb, Rc the resistance of the load in 
phase 1 , 2 and 3 respectively. Ra, 12 Rb, I a R. are 
the voltage drops due to load. 

The total voltage drop in the three phases, from the 
point where the voltage is impressed to the neutral is: 

— ii (Ra — f Xa) = l\Ra-\- j IzX + j fa OL X \ 
UZi= U (R, - J Xb) = ia Rb+ ftaX+ j i,x . 
hZa = la (Rc - j Xc) = ia Ro+j Ji a X + y X , 

( 4 ) 


Ez — Cl Cz — i [— (7 Ra + Rb 0 (X X) 
y [ (c O' — 2) X + j8 Ra) ] 

El — &Z ~ S 3 = [ (.Rb + € Re — 0 OC X) 

~f[(2-cxy)X+0Rc)] (8) 

E 2 = ea — ei = I [— (e Re - y Ra - 2 0 a X) 

— y [ (q: 7 — ae) X- 0Ra- 0 Rc) ] 

El + J^2 + j^3 = 0 

The total power consumed by phases 1, 2 and 3 
respectively are: 

W, = = J8[ ( 52 + 72) E« + (a~ 1))8X] V 

Wz ^ Ia^Ra ^ PRb (9) 

Wa = la^ Ra^ P[ (0^ + e^) Rc - (a - 1) X] J' 
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The power delivered to the furnace by electrodes 1, 
2 and 3 respectively are: 

Wa=Il^Ra-^P[(^+y^)Ra] 

w, = R, ^PRi (10) 

Wc==U^Rc=IH(fi^ + €^)Rc] 

Equations (8) which include voltage, current, 
resistance and reactance are the desired general 
equations of the three phase furnace. 

Discussion 


Subtracting from phase 1 and adding to phase 3 

P (a-l)X V'S 

the transformation power- ^ -we have 

finally for the power delivered to the furnace by phase 
1, 2 and 3 

Wa = P (Rar. - 2/3 (« - 1) X V^) 

Wi=^PRav _ (16) 

Wc =P(12«. + 2/3(a-l)XV3) 


Taking first the general case where the three im¬ 
pressed voltages are equal, and the three currents are 
balanced: the conditions for balanced currents are. 


7 = 

= 6 = 1/2, B = 1/2 V3, 7® + /32 = 

€2 + /3* = 1 


• 

(11) 

/i 

= -/(l/2-fyi/2V3 


ii 

= / 

(12) 

iz 

= -/(l/2-yi/2V3) 



Wa + W, + Wc^BPRa.. 

if Ei = E {t + j f) Ea® = (ir2 -1- f?) 

“combining this last equation with (8) and (11) we have 
Ei^ = ^22 = = 3/2 + (a -I- 2)2 Z2/9) 

. =3/2 (Ra,^ -h Z„.2) 


where 


Xa. = X 


(a+ 2) 


it Ez = E (tt j f) the condition for equal voltage is 

El = E (tt j t) (~ 1/2 + j 1/2 V 3) 

= £7[ (- 1/2 X - 1/2 f V_3) 
-/(l/2r-l/2TV3)J 

i ?2 = i?(7r+if)(-l/2-il/2V3) (13) 

= E[(-l/2x + l/2rV3) 

~i(l/2f+ 1/2 xV3)] 
jSz = E {tt-\- j 


If we replace in (6) Ri, R 2 , Rz, Xj, X 2 , Xa by their 
respective values we have 

_ (1 a) 

Zi = Ra.- 1/6 (a-l) XVB-j 2 X 
Z2^Ra,-jX 

Za = + 1/6 (a - 1) X - i 2 ^ 


Combining (8), (11) and (13) we have: 

R. = - 2/3 (a-VjXy/l 

- 2/3 (a-1) XvS 

Rg Rh Re 

Rb ~ g “ Rat 

K. = + 2/3 (a- 1 )X Vs 

= R„ + 2/3 (a-l) X Vs 

„ Ra -\- Rb Rc „ 

if we call -g- = Rg^ . 

The three resistances of total power consumed by 
each phase are: 

Ri^ Roc - 1/6 (o!- 1) X V3 ] 

Ri = Rav (15) 

Rz = Rao + 1/6 (o! — 1) X 3 



Xav represents the average of the three reactances 
just as Rav represents the average of the three load 
resistances, and 3 P Xo„ is the total reactive power as 
would be registered, for instance, by the reactance 
side of a double R A Max. demand meter. 

If we are only interested in the total power without 
paying any attention to the unbalancing of the individ¬ 
ual phases, the general equations are reduced to the 
equations of a three-phase balanced circuit. Since 
the currents are balanced we can introduce without 
error, the resistance of the conductors and if desired 
the impedance of the transformer. 

In this case 


_ Eg + Rb + Rc 

— g “t“ J^eond "1“ J^transf' 


” Rgv Rlosiei, 


and Xtct ~~ g X -I- XtTan$/» 


Ziot = •%/ Rtoi^ 4* Xtot^ 


The total power input is 3 P Rgv, but we see that the 
total power consumed by phase 1 is smaller than that 
cons^ed by phase 2 by an amount /2/6 (a — 1) 
X \/3. The total power consunaed by phase 3 is 
larger than that consumed by phase 2 by the same 
amount. 


Table I gives the values of the resistance per phase 
Rtth the reactance Xto^, the power factor cos w 
- Rtot/Ztot, power input Wtot = 3/2 J2to(, the cur¬ 
rent / and the voltage ^ when three of these quantities 
are given. Multiplying Wjo* by Rav/Riot gives the 
power delivered into the furnace. 
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TABLE I 

(The Ssrmbol t»t is Omitted) 



Given 

£ = in volts 

I a in amperes 

X B in ohms 

£ »In ohms 

W »in watts 

COS^ ae 

1 

EIX 

E 

I 

X 




2 

El R 

E 

I 


R 

37® £ 

£7 V3 
£ 

3 

EIW 

E 

I 

A / £* W* 

W 

w 

W 


V 37* 97* 

37* 

£7 V3 


EI cos <p 

E 


£ 

£ cos Ip 



4 

I 

J Vl-CO^<9 

I i 

1 

£7 V3 . cosv> 

cos tp 

R 

EX R 

E 

E 

X 

£ 

£®’ £ 

R 



V3 (X* + £») 

X® + £2 

V £* + X* 

6 

EXW 

E 

a/ E» o, e*-4W*X* 

X 

2 WX* 

VV 

W X v '2 


V G X* 

Eto. V£«-4W*X* 


7 

E X COS V 

E 

£ V1 — cos* V 

X 


£* V1 —cos* «9.cos ifi 

cos ^ 

X 4/a 


X 

8 

1 

ERW 

E 

a/ 

£a/ 1 

£ 

W 

ilW R 

V 3 £ 

V W£ ^ 

E 

9 

E R cos ^ 

E 

£ cos <p 

£ V1 — COS* Ip 


£® co^ ip 

cos ^ 



cos ^ 


£ 

lU 

EWcostp 

E 

w 

£* cos ^ V1 —cos* tp 

£*CO^^ 

W 

cos ^ 

E cos tp 

W 

w 

11 

IXR 

I V3 (R* + X*) 

I 

X 

R 

37® £ 

£ 

VX* + £* 

12 



I 

X 

W 

SP 

W 

W 

V97* X* + W» 

13 

IX cos Ip 

/X V3 

I 

X 

X cos Ip 

37® X cos Ip 


V1 — cos* ip 

V1 — cos* ip 

VI — cos*^ 

cos tp 

14 

TRW 

undeterm. 

I 

undeterm. 

£ 

W 

undeterm. 

16 

I R cos p 

IR ^ 

T 

£ 


37® £ 


VO 

COS tp 


V1 cos* ip 

cos ^ 

R 

cos ip 


I W cos tp 

w 


w 

w 



16, 

r 


W 

cos Ip 

Icoatp V3 


cos ^ 

37® 

17 

XRW 

A / W (X* + 

a/ 

X 

£ 

W 

R 

V R 

V 3 £ 

V £* + X* 

18 

X R COS ^ 

undeterm. 

undeterm. 

X 

£ 

undeterm. 

COS 

19 

X W cos ip 

A / WX 

A / W V1 — cos* <p 

TC 


W 

cos V 

V cos ^ V1 —cos* <p 

y 3 X cos p 





a/ 

a/ 



W 

cos Ip 

V cos* <p 

V 3 £ 

cos <p 1 

It 


Numerical Example. A3000-kv-a. transformer bank 
with taps for 75, 86 and 100 volts with 44,000 volts 
high-tension voltage feeds a three-phase electric fur¬ 
nace. The bus bars are connected delta, so that 
the transformer voltage, is also the voltage between 
phases. The transformer losses at full-load are 2 per 
cent, its reactance 6 per cent at the highest tap. We 
assume that the magnetizing current is negligible. 

The following quantities have been measured by 
instruments: 

High-tension line current: 40 ainperes per phase 
High-tension voltage: 44,000 volts between phases 
The high tension is connected to give 100 volts on the 
lowtension 

Total power input high tension 2600 kw. 

Using Case No. 3 of Table I, we find 


R = 


2600 X 10* 


= 542 ohms 


3 X 40* 

The resistance per phase on the secondary side is 
642 X 100* 


R 


tot 


44000* 

The low-tension current is 
40 X 44000 


= 0.00280 ohms 


100 


= 17600 amperes 


X 


tot 


-4 


100 * 


2600* X 10® 


3 X 17600* 9 X 17600® 

= 0.00171 ohms 

The full-load current of a 3000 kv-a. transformer 
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bank for 100 volts is 17,300 amperes in the furnace 
conductors, so that with 2 per cent resistance and 6 
per cent reactance 

„ 3000 X 10^ X 2 ^ , 

- 3 17,300^ X 100 " 0 -000067 ohms 

3000 X 103 X 6 ^ , 

Xtrar^^j. “ 3 17,300^ X 100 “ 0.0002 ohms 

assume that Reond has been figured to be 0.000133 ohms 
so that Riran,/. + Reond = 0.0002 ohms. 

Rav = 0.00280- 0.0002 = 0.0026 ohms 
Xav = 0.00171- 0.0002 = 0.00151 ohms 


^ „ R _ 

Power Factor = + ig T = V2/2 =0.707 

E E 


I = 


V3(Z2 + i22) Xy/6 


In our case, the power input is a maximum for R 
= 0.00171 ohms. 


I = 


86 


0.00171 . V'e = “’3^® 


3 X 0.00171 X 20,310® 

|/|/ _ “ 1000 2116 kw» 


™ . 0.0026 o 4. 

Efiiciency = q-q^ = 92.8 per cent 


Efficiency = 


0.00171- 0.00020 
0.00171 


88.3 per cent 


A ^ ^ 2600 X 1Q3 n oco 

Aver, power factor = —--—-- — 0.853 

100 X 17,600 X V 3 

Power input into furnace = 2600 X = 2412 kw. 

After operating a while the furnace at 100 volts it 
is decided to change the taps to 85 volts. What will 
be the new conditions for the same high-tension current? 
At 86 volts with 40 amperes high-tension current, 

the low-tension current will be ——— = 20,720 


amperes. 

Using Case No. 1 of Table I: 

E =85 volts 7 = 20,720 a. = 0.00171 ohms 

Rtoi - ^ a x 26,720® 0-001643 ohms 
Rav = 0.001443 

W = 3 X 20,720® X 0.001643 = 2114 kw. 
Powerinputintofumace= =1856kw. 


Efficiency = 87.9 per cent 

Power factor 


= ^1-3. 


20,720® X 0.00171® 
85® 


0.693 


It can easily be shown that with increasing current 
the power input passes through a maximum for Riat 
= Xto(. After this point any further increase in cur¬ 
rent means a decrease' in power. 

Taking, in case 5, 

+ jj* ’ 

where E and X are constant. 

The condition for maximum power is 

dW \, £7® (X® + 12® - 2 E®) 

“ “ (X® + 1?*P ■ 

0 = X®-12® X® = 12® 

X = R 


Power factor = 0.707. Power delivered to furnace 
= 2116 X 0.883 = 1867 kw. 

The power delivered to the furnace passes also 
through a maximum but at a lower current as the 
total power input 

rX7 _ ^ _ E‘ (Riot — Rloaset) 

yy furn ~ p “ P‘2 jV2 ^ 

rt/oi Jtitol “T ^lol 

d Wfco 

d Riot 


pg RioC “h Xtot® 2 (Riot — Rio»Hn») Riot _ f\ 

(Riot^Xtot^) 


0 — Xtot^ — Rio? -f- 2 Riot . Rlogaea 

Riot — Rloaaea "f" ’N/ Rlo»»«a^ H” XioC 
In our case: 

Riot = 0.0002 -I- V0l)06'2M^nO01^ 

= 0.0002 -h 0.00172 = 0.00192 ohms 

j _ _ 85 

V0.00192® + 0.00171® . -s/T 
19,120 amperes 

Winput - 3 X 19,120® X 0.00192 = 2104kw. 

Wfco = 3 X 19,120® X 0.00172 = 1885 

Efficiency = = 89.6 per cent 


Power factor, (High-tension side) = 0.747. 

It will therefore be more economical in our case to 

drop the high-tension current to “ ^7 

amperes when we change the voltage from 100 to 85 
volts on the low-tension side. This current will give 
us maximum power into the furnace at that voltage. 

Problems like the above can easily be solved by the 
analytical method; nevertheless it is generally simpler 
to prepare sets of curves giving for each available 
low-tension voltage the power input in transformer and 
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4‘H} 


furnace, the power factor and if desired tlu? low-tension 
resistance in functions of the low or high tension-cur¬ 
rent, depending on the manner in which the measuring 
instruments are connected, and whether high or low- 
tension current is mostly used for computations. 



Pig. 


1—CH.\HA<"rKKl.STU';>i t*K Hl.KC^TUU; PrUNACK 
(‘oc'i.K (Skk Pm. L’j 


ritoM SiMf- 



PlO. 2 -COMPAIUMON BkTWKKN AND ( •OMl'l.HTI; 

(Jmcia-; 1>IA<}HAM 



Fio. ;5 —Chaua<;teki.mtic.s hc Ki.kctkh* Pi;una«‘k iitnM 

OlMPl.KTK ClttCI.K l>IAtiltAM 

Th« two oiPdH (IfaKi'AniK ar« mo arrattK^’d that, for lo uiniHTrM ltiitit‘.|otL‘*ii>ii 
current the kw. input and the power factor are the Manie. In (tottipiiritta 
Pigs. 1 and 3 one can whj the error whleli is JntroriiidMt liy nsiiig a Miinirflfte*! 
diagram which ncgliicts the tnagnetiring cummt. 

Fig. 1 gives a .set of curves for 100 volt low4en8ion 
voltage and X - 0.00171 ohms. One can naturally, 
if greater accuracy is desired, draw an exact circle 


diagram similar to the one used for induction motors, 
hut it will generally be quite .suflicient for practical 
purptKses to use curves as shown above. 

Fig. 2 shows a comparison between the simplified 
circle diagram corresponding to tlie curves on Fig. 1 
and the theoretical diagram whitdi takes the magnetiz¬ 
ing cun-ent of the tramsformer into account. This 
last circle has been drawn so as to give the same values 
as the simplified cinde for 40 amperes high-ten.sion 
current. 

INFI.UKNCK OP UNBALAN€IN(; 

As will he shown later the value of a, which is the 
ratio lietween and A'l.a, can be tak(m us being 
between 12 an<l 1.2 according to the flimensions and 
arrangements of the leads. In the case of balanced 
current 12 v Jk 

The value of .V,.,. will vary greatly, depending on the 
arrangement, of thi^ leads and the frequency. At 60 
cycles, with well designed furnaces, values as low as 
0 0015 were found, but in t he same plant were furnaces 
with A'„, us high ms 0,0021. At 25 cycles these fur¬ 
naces would have shown values of 0,000525 and 0,000875 
oh ms ri'specti vt*ly. 

In the previous example, we had found A’,„ ™ 0.00151 
but A\„. A' , and if wo tula^ cv - 1,25 


.V 




8 25 


0,001804 say 0,00140 ohms 


introilucing these values in the equation (7) we find that 

l\ - /•■' (a - 1) a X ^ /'• (0 25 X v/872 X 0.00140) 

- 0.000808 /« 

for / - 17,500. 


P. 


17,500“ X 0,000808 , 

1000 -i>t.5kw. 


The total Fwwer consumed by each pha.se is 
W^ - P (H,„. 4 /f,•/, (n 1) A* \/8) 
17 500“ 

- lOPO r0,0028.1, 5 (1.25 


IF? P (Ruu 4 Rl«^t.r») 


1)0,0014 v'ik - 885 kw. 


17 500“ 

X 0.0028 


857 kw. 


IF;, - P iR„,: I- 4“ 1/5 («-- .1) X v' W 

17 500“ 

- 4^ ■ (0 0028 4 1/5(1.25 

- 1)0.0014 %/f 898 kw. 

Total power input 2601 kw. 

The losses per phase are 
17 500® 

“ X 0.0002 =« 68 kw. 
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The power delivered by each electrode to the furnace 
will be 
Phase 1, 

Wa = 836 - 63 - 94.5 = 678.5 kw. or 28.1 per cent 
Phase 2, 

Wb = 867 — 63 = 804 kw. or 33.3 per cent 

Phase 3, 

Wo - 898 — 63 + 94.5 = 929.5 kw. or 38.6 per cent 

Total power delivered - 

to furnace 2412.0 kw. 

The difference between the phases is therefore quite 
large, and would still be larger for furnaces with higher 
phase reactance. 

Since it appears that the arc acts as a straight resist¬ 
ance, the arc voltage on each phase is easily calculated: 


Arc voltage phase 1 


678,500 

17,600 


= 38.55 volts 


804,000 
phase 2 ;|^y,600 


= 45.70 volts 


929,500 


52.8 volts. 


For balanced currents = 1/2 y/~B 

a = Xi,i/X where X = X 12 = X 2.3 

For three parallel conductors, one of which carries 
the return current of the other two. 

X 12 = X23 = X = 2 Trf X 21 (log€ d/a + 1/4 

— d/l) X 10“® in ohms 

If the three conductors are in the same plane, as 
assumed. 


/ 2 d 2 d \ 

Xi3 = 2 tt/ . 2 Z ( log« — + 1/4 - j . 10-» 

\ GC V r • « 

m ohms 

/ is the frequency 
I is the length of the circuit in cm. 
d the distance between center lines of adjacent phases 
in cm. 

a the geometrical radius of the conductor in cm. 
This formula is only an approximation and assumes 
that d/l and a/d are small. 


a = Xn/X = 


2 d 2 d 

~+- ~r 

loge d/a + 1/4 — d/l 


= 1 


Taking now the point where the power input on the 
high-tension side is a maximum, with the low-tension 
at 85 volts and the low-tension current 20,310 amperes, 
we have 

Power 
due to 

trans- Power 

Total power former delivered In Arc 

consumed Losses action to furnace per cent voltage 


Phase 1. 664 - 82.6 - 124.5 = 457 24.44 22.5 volts 

Phase 2. 706.5 - 82.5 = 623 33.33 30.7 volts 

Phases. 747 - 82.6 + 124.5 = 789 42.23 38.9volts 


Total_2116.6 kw. 1869 kw. 100.00 

The lower the average power factor the larger are the differences between 
phases. 

In the case studied above the value of X in equation 
(7) was 0.001394, this is rather low, and furnaces with 
larger values will be found, also a may be larger than 
1.25. It follows that the values calculated above are 
rather favorable and that much larger differences 
between phases are possible. 

This difference of voltage and power input between 
the phases is detrimental to the good operation of the 
furnace. The stock will move much more rapidly 
around electrode No. 3, and have a tendency to stick 
around No, 1. 

The difference in voltage may affect the uniformity 
of the product. It is therefore necessa,ry to design 
the furnace a,nd arrange the leads in such mariner as to 
make the difference between phases as small as pos¬ 
sible. 

Suggestions TO Reduce Unbalancing 

Equation (7) gives the value of the power transmitted 
from phase 1 to phase 3. 

P, = l) i8X 


loge 2 — d/l 
log6 d/a + 1/4 — d/l 

a = approx. 1.43— 0.34 d/Z — 0.016 d/a 
for d/l < 0.26and 6 < d/a <10 



Pi can be reduced by reducing Xcxc a 

(1) X being proportional to the frequency, the same 
furnace will be more satisfactory at 25 cycles than at 
60. 

(2) The closer the furnace is brought to the trans¬ 
former the better, since X is proportional to the length 
of the leads. In case the distance is given, the bus bars 
should be carefully interlaced as close to the furnace as 
possible, 

(3) The leads should be as close together as possible. 

(4) The conductors should be of large dimensions. 

The use of extra flexible cables will often permit to 

reduce Z. 

To reduce the distance between leads the method 
shown in Fig. 4 is suggested. The distance between 
the leads;^is smaller than the distance between elec¬ 
trodes. 

Where two water-cooled pipes are used to carry the 
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noi 


current they should be placed in a vertical rather than 
in a horizontal plane (Fite. 5). 

The use of hollow conductors will help to increase a. 
When using cables, they should form a hollow cylinder, 
each cable making a complete turn to avoid unequal 
current distribution (Fig. (J). The only way to reduce 
a without at the same time increasing X is to make I 
small. 

If the conductors could be placed so as to form the 
3 edges of an equilateral prism a would be equal to 1. 
Even if the ideal case cannot be attained, it would be 
possible to raise or lower conductor 2 out of the plane 



1.3, and it will often prove advisable to bring electrode 
2 forward so as to make tapping (‘asicjr. 

It is interesting to study under whi(;h <tonditions the 
powers delivered l)y the three? elecrtrodes are balanced. 

The condition for equal delivered power is: 

- LrlU - hr Hr (17) 

1st Case. 1 1 ^ Li that is balanced c.urrents. 
From equation (17) it follows that At, - Rh - Hr - R, 
the three load resistances art? cfiual 

The conditions for balanced currents is 

7 = 1/2 € ^ 1/2 a ^ 1/2 x/ 2 72 + ^ I 

Introducing these conditions in equation (8), we get 



E / = /2 (3 A2 ( 01 - - 2 Of + 4) 

+ 2 X A V 3 (« -* 1) 

Er = /- (3 R'^ + X-' - 2 a + 4) 

-2XR V 3 (a - 1) 

- /2 (3 + X2 (3 a ^) 

Er = /" X*-* (3 R^/X- + 3 a-' 

-b 2 (Of ™ 1) \R X \/ 3 ~ {a + 2)) 

Er - /“ X2 (3 A‘“/X-- ,4- 3 

-2(a~ 1) [R 'X V 3 -h (Of + 2) 1 
EJ = X2 (3 A2/X2 -1- 3 «2) 

Table II gives the value of the .square root of the 
factor in parenthe.sis for flilfenfiit values of cx and R/X. 
To obtain the respective voltage multiply by I X. 


TAm,K li 


it X 


«*1 1 

1. 

1-2 

1 .:t 

1.4 

a 



1 . 7:121 

I 7:1111 

1 .V-CKl 

l. 7ft78 

1.7770 


II 

/Cl 

1.7:121 

1. 7;m!i 

i.7i:i(j 

1.7578 

1.7770 

0 


/•*» 

1.7:121 

1, (Miri.'i 

2.()7.S,'i 

2.2ftl7 

2.4240 


1 

Ih 

1, H02.S 

1. K:i;t<} 

1, SIIH2 

1 .'.H)7» 

l.OftlO 

1 

a V3 ! 

/•I 

1,H02H 

1,777(1 

1, 7r,7H 

1.74;(» 

1.7340 

/* 

1. K()2.S 

1 .IKJUS 

2, i:(7K 

2.3005 

2.47ft0 

1 

/^. 

2.00 

2 0:ilK 

2,1071 

2.iono 

2.2271 

2 

vii' 

/<:• 

2 (Ml 

1 .IViIb 

i .(MI70 j 

1.8082 

1.83:10 


lu 

1 

2.(Ml 

2.1017 

2. flOll.'i i 

1 

2.40.37 

2.02:10 

*» 

Ai 

2.n4.'3H 

2,7221 

2. H(HtO 

2,8702 

2.n,'i07 

>% 

v;i 


2 lil.'iM 

2..'i7(II 

2. -lOKO 

2,42(J0 

((..'ViSO 

.•f 

lU 

2,lK.'iM 

2.7(12:1 

2,HKll i 

4 OilU 

1 ; 

:i.m:i:i 


1 :$ 

:t Ibll 

:i..'ir*ii 1 

3.0387 

i 3.7200 



v:V 

Ai 

1 Aj 

:i . i«4i 
.‘(.4IUI 

:i. 377(1 
:i.rift;ii» 

3,2021 
3. (J407 

i 3.2078 
; 3,7ftl(> 

3.1241 

3.M&7fl 

2 

r* 

A‘i 

ri.auir. 

3.3(1 

ft. 18 

ft.ftH 

ft, 07 

! 

Ill 


Ai 

fi.awi.'i 

0.2(1 

ft. 10 

ft.01 

4,02 

"ii" 

^ 4 


r».2!»ir. 

S.lUt 

fi.42 

ft. 48 

ft.ftO 

1(1 

iu 

](),14H{I 

10.2.0 

10. .'It 

10.44 

10.04 

20 

V;i 

/•;i 

lo.Mmi 

10.0.0 

O.Ofi 

0.8ft 

0.70 

“3’"" 

A'a 

10.MS9 

10. IH 

10.21 

10.2a 

10.20 

KMl 

/■:$ 

ibo.o 

100.1 

100.2 

100.3 

100.4 

200 

v;r 

Ai 

1()().() 

00.0 

00. K 

00.7 

00.0 


A'j 

KMI.O 

100.0 

100.0 

100.0 

100.0 


T1m‘» 4 mtiltlpllMd by / K «1vh 0«« voltaga to J«i ituplbid Iwtwwn 

nil tlin Inw tniiMloti. in got bulaiionU loadH In tho ftirnaco with bal* 
ancinl ourmabi. 

HIii«n tlio nurrnntti (U'o l»vlivn«otl fi niuy inc*]iuU! ihu rofibit>a»iTO of tlio 
couductorn. 


Example: 

Take X - 0.00140 ohms, / - 19,000 amperes, a = 
1.3 and R/X - 2/V 3 we shall include in H the resis¬ 
tance of the leads which is taken as 0.000183 ohms. 
In this case 

E, - 2,8792/ X - 2.8792 X 26.6 « 76.S volts 

Er - 2.4269/ X » 2.4269 X 26.6 * 64.6 volts 

Ei - 3.0116/ X « 3.0116 X 26.6 « 80.1 volts 

The power delivered by each electrode is 


♦'V 2 




Ei^ I i(xX V 3) - j (- R ^“8) 





19,000* 

166 o““ 


(0.00140 X 2/vJ 


- 0.000188) kw. « ^7 kw. 
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Trausttctions A. I. E. E 


The lossesjnjthe leads are 


19,0 00- 

1000 


X 0.000133 kw.per 


phase = 48 kw. 

The]|^power transmitted from phase 1 to phase 3 is 


Pi 


19,000“ 

“lOOO 


(« - 1) ^ X kw. 


bases. Join A F, B D, C E; these 3 lines meet in one 
and the same poirtt 0 and the angles A OB, BOC, 
C 0 A are equal to 120 deg. 

O A, 0 B, 0 C are the desired transformer voltages. 
The no-load voltage should be selected so as to give 
this voltage at the chosen load. The kv-a. on the 
high and low side of the transformers are equal if we 
neglect the magnetizing current; the three high-tension 


19,000“ ^ _ 

= -lomT- X v'3/2 

X 0.0014) kw. = 131 kw. 

So that the total power consumed by each phase will 
be 



In 

Por Cont Vollago 

Wt == 537 + 48 + 131 «= 716 kw. 40.8 28.3 volts 

= 585 33.3 28.3 volts 

1^3 = 637 H- 48 - 131 = 464 25.9 28.3 volts 

1766 kw. 

If the transformers were connected in delta on the 
low-tension, the voltages calculated above are the 
voltages which the three transformers should give at 
the chosen load. However since we assume balanced 
voltage on the high-tension, that is voltages which are 
120 deg. apart, it is impossible to have 3 low-tension 
voltages which do not form an equilateral triangle. 
It follows that we cannot use the proposed method 
with a delta on the low tension. 

If the transformers are connected in star on the low- 
tension one can always find three transformer voltages, 
120 deg. apart, which will give the desired voltage 
across the star Using special taps if necessary. The 
diagram in Fig. 7 will show how to find the three 
voltages.^^^^ ^^ ^ 

Draw 3 equilateral triangles with Ei, Ei and as 



voltages are equal and 120 deg. apart, while the three 
low-tension currents are equal and 120 deg. apart. It 
follows that in each transformer high-tension current 
and low-tension voltage are proportional. The three 
low-tension transformer voltages do not necessarily 
form a closed triangle so that the only possible connec¬ 
tion on the high side must be a delta, where the cur¬ 
rents do not necessarily form a closed triangle. 


a 



C 


•nil 

rwfi 


ilJ» 


1 


b Hitch 


C TonHiuK 


i| jirmij.—“ 


J I 


2 


t 


Fig. U~-DisTKiiJO'nGN op Fubnacbh to Kbi«i» High Tension 

Balanced 


We see therefore that the only combination which 
will permit us to use the proposed method of balancing 
the powers delivered to the furnace is star on the 
low side and delta on the high side. 

The three line currents on the high side will be un¬ 
balanced, being proportional to the low-tension volts 
between phases. Fig. 8 gives a distribution of voltage 
and current in our case, assuming a high-tension voltage 
Of 13,000 volts between phases. It is evident that any 
power company would object to any such unbalancing. 
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In a plant where there are several furnaces in operation 
this unbalancing can bo corrected by connecting each 
high-tension line in succession to a. dill’erent low-tension 
phase as shown in Fig. i) being careful not to change the 
direction of phase rotation. 

It may be objected that any <‘hange in load refpiires 
another value of the voltage. Sini‘e electric furnaces 
are mostly run at constant Icjad, and changes art? only 
of short duration, it would be (juite satisfactory to 
keep the voltages unchanged. 

If we plot in Fig. 7, the neutral point 0i in the furnace 
we see that it does not coincide with tht* neutral in 
the bus bars, 'rhere is a slight difference? of vollage 
between these two neutrals. In all our inve.sti- 
gations, we have a.ssumed that tlie neutral in the bus 
bars is not grounded and that, there is no conn(?ction 
between this point and the furnace bottom except 
through the regular leads. 

Second CVrsc. In.stead of balancing the currents we 
can keep the three voltjiges btUanced and tirrange the 
currents so as to .sati-sfy the condition for e<iual power 
on the three electrodes. 

We have again IrEa - Et, ~ f/Er 

The conditions for balanced voltage is 

« E, (- 1/2 4^1/2 v'Ji) 
h\ - E, (- 1/2 - il/2 V 

introducing these conditions in (8), remembering that 
7,2 P (d'* + y^), P and f;,'-* P 4- P), and 
solving for 0 and y, we get two equations of the third 
degree. 

jyS (4 ~ 4- 3 (X 2 ) f} (J y (z ~ 1) 4 a z 

- 4 4 a) (1 f P ) - 0 

3 2 * (o! y 4- (j) - 2 z ( (4 cy) y f 3 y\ 4 ^ tf 

- V ?/'*’ (X V 1 3 II - 0 

2RVY . d 


where g 


BX 


V 


1-27 and z 


V 


/ * 


3 


Solving for y and z leads to rather compli<!ated expres¬ 
sions of the fifth degrw. 


Keeping a constant and varying g fromO to gives 
one set only of continuous values for y ranging from 
7 “ 1 for g - 0 and tending towards 7 = 1/2 for 
</ = cn, the corresponding values of Q being 0 for g 
~ 0 and 1 , 2 3 for g - (». 

For the special case where cy - 1, that is when the 
three reactances are equal, th(?re are three .sets on 
values fonning continuous curves from g - 0 to g 
the general solution is 7 = e - 12 and (i 

= 1/2 \/ 3 for every value of g, it is the ea.se of balanced 
curremts. 

Ibit it is intere.sting to know t hat for every value of 
y there are besides this general solution, two other 
solutions which give ecpial powers under the three 
electrodes, but with imbalanced currents. For cer¬ 
tain values of g there are two nion? ailditional .solutions 
but the curves on which they lie extend only over a 
small range of g. Similarly when a 1 there are 
value's of // for whicli there are three and sometimes 
five solutions. 

Of practical interest is only the one set of solutions 
which gives a (‘ontinuous .series of value.s from g - 0 to 
g ^ ut. 

Table III gives the values of d, 7 and t for different 
values of g, and for (x -• 1 and <x - 1 25, while Table 
IV gives the c.orri?sponding values of \/ 4 * 7 ’ 

and vW Vp. 

Take as an example, the case of g 2, « « 1,25 
whc?n X ■ O.OOTSO ohms and PJ « 110 volts. 

2 3 X 0.0015 

^ " WX ^ " 2 y/'t " 2 X Vt 

- 0 () 02 fiohm.s 

From Table III we find d - 0 513, 7 1,0825, 

€ 04)175. Introducing the.s(? value.s in (8), we find 

- / (- 0 005517 +y (0.0022245) ) 

- / (4 0 00()83f) -- j (0 .(K)692()5) ) 

Mt - / (4“ 0.004581 4 7 (0.0036960) ) 


TAHI.K III 







rt « 1 







u 

Xi 

u \ dt \ 

7a 

,nr 

ft > 

>3 

ft 


74‘ 

76' 

0 

-1- 1.0 

0 

ji 

0 p 0.5 

0.295 i 0.5 

0.5 

0.800 

«I.O 

1 

U 



1 

4 1.331)70 

- 0,33975 

9 5 

0.806 

0.2712 

0 7288 

0.288 



3 

4- I.143.n 

™ 0.1435 

0..550 ! 

0.5 

0.5 

0.806 

0 323 

0.077 

0,451 



4 

4 0.9335 

4- 0.0075 

0.740 

o.r, 

0.5 

0.866 

0.3700 

0 6234 

0 592 



10 

4- 0.0048 

4- 0.3053 

0.843 1 

0.5 

0.5 

0.866 

0. 433 :) 

0.5667 

0 682 

I 0,3025 

^ 3.25 

CO 

4" 0.5 

4- 0.5 

0.800 

0.5 

0.5 

0.806 

0.5 

0.5 

6.800 


1 , . 





a t. 35 







0 



i 

71 


di 

7* 

..- 

Hi 

7«* 

7*‘ 

0 

1 

0 

0 1 

0.5 

0.5 

0 035 

0 

1 

0 


, , 

1 

1.107.5 

0.8335 

0.303 

0 4094 

0.6306 

0.020 

i 0.3193 

6.6807 

0.34 

. , 

• « 

3 

1.0835 

0.9176 

0.513 

» « 




r . 

. • 

.. . 

. . 

:i.l08 

0.9613 

0.0387 

0.634 


« . 


, , 


, . 

« » 

, , 

4 

0.897 

0.103 

0.678 



> 

. . 




4 » 

• . 

10 

0.701 

0.390 

0.7025 

, J 





• ♦ 

- 0.033 

- 2.16 

00 

0.5 

0.5 

0.800 I 



.. 

* • 

i 

i>..i III- 1 *1 *111 n-i 1 irii 

» • 

• « 

lUKtMo aiWiH 


Values of 7. e anafur various valuosi of ir and CK » 1 and flt •* 1 .26. 

1. Due to Uio negligible imporutneo of t,hmo values ibo oorrespondlfig figures for B and B have not been «sa1oulated. 
3 . Where no flg«m*8 are shown the valurn ans not real. 
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TABLE IV 



a =» 1 

a « i.25 

a 


1 

- 

2 

3 

1 

2 

3 

0 

h 

1 

1.0 

0 

1.0 

0.808 

0 


h 

1 

1.0 

1 

1.0 

1.0 

1.0 


I* 

0 

1.0 

1 

0 

0.808 

1.0 

1 

h 

1.266 

1.0 

0.3607 

1.206 

0.777 

0.467 


U 

1.0 

1.0 

1.0 

1.0 

1.0 

1.0 


U 

0.374 

1.0 

0.767 

0.345 

0.815 

0.761 

2 

li 

1.268 

1.0 

0.555 

1.198 

• « 



U 

1.0 

1.0 

1.0 

1.0 

• • 

• « 


U 

0.568 

1.0 

0.813 

0.519 

• • 

• • 


It 




1.152 

• • 

• 

3.168 

It 

not cal 

ciliated 


1 


• • 


It 




0.635 

•• 

• • 

4 

It 

1.194 

1.0 

0.702 

1.126 

1 

I 


It 

1.0 

1.0 

1.0 

1.0 

1 



It 

0.760 

1.0 

0.859 

1.686 

o 

o 








% 

10 

It 

1.093 

1.0 

0.808 

1.026 

* , 

• • 


It 

1.0 

1.0 

1.0 

1.0 

a , 

, * 


It 

0.897 

1.0 

0.887 

0.818 

• • 


w 

It 

1.0 

1.0 

1.0 

1.0 

« • 



It 

1.0 

1.0 

1.0 

1.0 

« • 

a * 


It 

1.0 

1.0 

1.0 

1.0 

• « 

•. 


Multiply by J to obtain Ji. It. and /i. 


It follows that E = I X 0.00696. Since we have 
assumed E to be 110 volts we have 

/ = = 18,470 amperes 


The arc on electrode 2 will have a voltage of 

887,000 


18,470 


= 48.0 volts 


The arc on electrode 3 will have a voltage of 


887,000 „ 

9580 -92.5 volts 


As in the previous case, but in a larger degree the 
high tension currents will be unbalanced. 

When the high tension, and the low tension are both 
in star or both in delta the high-tension line currents 
will be proportional to the correspondent low-tension 
currents. 

If the high tension is in star and the low tension in 
delta, the high tension line currents can be found ac¬ 
cording to the diagram of Fig. 12, and in the case of 
high tension in delta and low in star according to 
Pig. 14. 

In Fig. 12 the low-tension transformer cmrents 
hf le pass through the center of gravity of the triangle 
formed by the low-tension line currents. Dividing 
la, Ih, Ic by the voltage ratio of the transformers gives 
the high tension line currents. 

In Pig. 14, ii, ii, it are proportional to h, U, U.. 
The lengths AB, B C, C A represent h, L re¬ 
spectively. 



Fig. 10 

from Table IV we find: 

h = 18,470 X 1.198 = 22,140 amperes 
Ii = 18,470 X 1.0 = 18,470 amperes 

Ii = 18,470 X 0.619 = 9580 amperes 
Power delivered to furnace by each phase: 

18 4702 

Wa^Wi^Wc^ - X 0.0026 = 887kw. 



'c 

1 i 

b 

■VJUUUULr- 

-r-l lb L 



1 t 

U h 

\ 

h 


18 4702 

P, - - 1)0 X = lo - Q^ - (0.25) X 0.513 


Fig. 11 



X 0.0016 = 65.6 kw. 
Wi = Wa +Pt = 887 + 66.6 = 952.6 
Power consumed by Phase 1 
Wa = 887.0 


Power consumed by Phase 2 
Wi = W«- Pr= 887 - 65.6 = 821.4 

Power consumed by Phase 3 -- 

2661.Okw. 


The arc on electrode 1 will have a voltage of 


887,000 
22,140 “ 


40.1 volts 


Although this method of balancing the power 
delivered by the electrodes is easier to apply than the 
previous one,—balanced currents—it has two big 
disadvantages: First the currents on the high-tension 
side are very unbalanced, and secondly the 3 arc volt¬ 
ages are very different so that although the powers 
are the same, the conditions under the electrodes are 
different with their bad effect on the product. 

Notwithstanding this rather negative result the 
investigation of this second case will show in which 
dh^tiori to go to correct partly for the unbalancing of 
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the loads. In a furnace under observation the dif¬ 
ference in the loads was very large under balanced 
currents and showed badly on the electrode consump¬ 
tion, phase No. 3 using many more electrodes than 1 
and 2. An increase of 10 per cent in the current of 
phase 1 and a somewhat larger decrease of 3 proved 
very successful. 

Investigation op Open Delta Connections 

In order to study the distribution of currents in case 
the materials between electrodes should act as a re¬ 
sistor, and the energy should be consumed in that part 
of the furnace we can use equation (8)—setting Rh 
- 0. For reasons of symmetry ^ R. Solv¬ 

ing for 7 and jS we get: 

G> 

ZR"^ +Zoi^X^ + 2XR{2 - a) v's 
6 {R^ 4- OL^ X^) 

= 1/2 + ^ 

3 B?/X^ + a‘ 



+ 3 a^X‘-2XR (2 - a) VS 
6 (fl’ + X^) 

= 1/2- “ az-y V3 

' 3 


^ SE^ _ EVS 

iP + X2(4-a)* VIP + X‘(i-a)‘ 

Table V, gives the values of ^ and Vc* + 

for different values of R/X and a. The factors given 
in the table when multiplied by I give us Ji, J 2 and Iz. 


TABLE v. 


R 

X 

a 

= 1 

1.1 

1.2 

1.3 

1.4 

0 


h 

1.0 

0.910 

0.839 

0.780 

0.733 


0 

It 

1.0 

1.000 

1.000 

1.000 

1.000 

0 


It 

1.0 

0.910 

0.839 

0.780 

0.733 


1 

It 

1.061 

0.066 

0.878 

0.814 

0.760 

1 


It 

1.000 

1.000 

1.000 

1.000 

1.000 


Vi * 

It 

0.892 

0.825 

0.771 

0.728 

0.693 

0 

1 

It 

1.041 

0.967 

0.885 

0.824 

0.771 

2 


It 

1.000 

1.000 

1.000 

1.000 

1.000 


Vo 

It 

0.764 

0.727 

0.695 

0.669 

0.648 


2 

It 

0.951 

0.897 

0.847 

0.801 

0.769 

4 


It 

1.000 

1.000 

1.000 

1.000 

1.000 


Vo 

It 

0.677 

0.677 

0.677 * 

0.677 

0.677 

0 

3 

It 

0.866 

0.826 

0.796 

0.763 

0.731 



It 

1.000 

1.000 

1.000 

1.000 

1.000 

2 

Vo 

It 

0.600 

0.612 

0.522 

0.532 

0.641 


6 

It 

0.764 

0.744 

0.724 

0.704 

0.685 

10 


It 

1.000 

1.000 

1.000 

1.000 

1.000 


Vo 

It 

0.475 

0.489 

0.601 

0.513 

0.624 

0 

10 

It 

0.671 

0.661 

0.652 

0.643 

0.633 

20 


It 

1.000 

1.000 

1.000 

1.000 

1.000 


Vo 

It 

0.605 

0.514 

0.522 

0.529 

0.637 

0 

100 

It 

0.686 

0.585 

0.684 

0.683 

0.682 

200 


It 

1.000 

1.000 

1.000 

1.000 

1.000 


V 3 

It 

0.669 

0.569 

0.670 

0.671 

0.672 

0 


It 

0.677 

0.677 

0.677 

0.677 

0.677 


00 

It 

1.000 

1.000 

1.000 . 

1.000 

1.000 

00 


It 

0.677 

0.577 

0.577 

0.577 

0.677 



Multiply by I to obtain h. It and I». 


The table shows that the currents are quite unbal¬ 
anced, especially for large values of R. Such an un¬ 
balancing does not appear in a furnace under normal 
operation. The assumption that in alloy furnaces 
the current passes from one electrode to the nearest 
one through the charge is not correct. 

Conclusions 


+ X^ (A a — OL^) — -- 

6 (2^2 + oL^x^) 


7* 


€* 4-/32 





4- 

1/3 


2- 

OL 

+ 

3 


CO 


2- 

Oi 

4* 

3 



2 - « oiRyX^VZ 

3 Ryx^ 4- a* 

2 H- R/X VS 
RyX^ -h a* 

2 - R/X yZ 
Ryx^ 4- a* 


Ji* = ( 7 * 4- 

la* = 7* 

Iz^ = P (€* 4- /3*) 


The above study shows that the general performance 
of a three-phase electric furnace can easily be deter¬ 
mined in advance with a large degree of accuracy by 
using the simple equations of a balanced three-phase 
system. The only thing that is necessary is to have 
previously determined Z, or the low-tension reactance 
per phase, which is an important characteristic of the 
furnace. 

On the other hand, due to the particular construction 
of the furnaces the individual phases show large dif¬ 
ferences which may affect the quality of the products. 
These differences can be calculated and once their 
cause and importance are well understood methods 
can be devised for their correction. . 

Discussion 

For discussion of this paper see page 511. 



Improvements in Ferro-Alloy Electric Furnaces of High 

Power Input 

BY B. D. SAKLATWALLA and A. N. ANDERSON 

Both of the Vaiiadiura Corporation of America, Bridgeville, Pa. 

Review of the Subject.—The paper deals with ihe suited the energy input constant by means of true watt regulation. Also 
of efficiency of power input in ferro-alloy furnaces and discusses several factors in design and construction, are discussed, which 
the electrical factors to he considered in the design of the leads for help to keep the load-factor of the operation as close to 100 per cent 
achieving such effidmcy. It also describes a new system of regur- as possible. . # * * * 

ation, whereby the furnace temperaUcre is kept constant by keeping 


A ll metallurgical furnace operations can be divided 
into two general classes, the one consisting of re¬ 
ducing ores by means of a reducing agent, com-« 
monly carbon, and the other consisting of rem^lting and 
refining already reduced metals. The electric furnace 
has been adapted to both classes of operations. To the 
latter class belong the steel and brass, and to the former 
the ferro-alloy furnaces. As the heat energy required 
for reduction of ores is much greater than that required 
for the mere melting and refining of metals the ferro¬ 
alloy furnaces are fed by comparatively very much 
larger amounts of power. Consequently, the structure 
and arrangement of these furnaces have presented more 
interesting problems from the standpoint of the electri¬ 
cal engineer. 

Since the classical experiments of Moissan more than 
thirty years ago to reduce metals in the electric furnace 
the application of electrical energy has constantly 
widened in this field. The furnaces have not only 
been constructed for a constantly increasing number of 
products but also have increased in their size and power 
input, so that today furnaces having a 12,000 or even 
more kv-a. capacity are commercially operating. 
Undoubtedly in the United States the Niagara district 
can be called the cradle of this industry. It was there 
that the carborundum, aluminum, graphite, carbide, 
and ferro-alloy furnaces had their inception and com¬ 
mercially established by the efforts of such men as Flail, 
Acheson and Price, and from there with the develop¬ 
ment of power projects spread to other industrial 
locations. 

In the early days little was known of the electrical 
phenomena met with in alternating currents of higher 
than 25-cycle frequency and little attention was given 
to the purely electrical phases of the problem. Practi¬ 
cally the only consideration given was to have sufficient 
conductor cross-section for a predetermined current. 
The pressure to be employed was arbitrarily chosen. 
It w^ considered dangerous to go over 100 volts on a 
furnace. The control of the arc and of the bath 
resistance, and the spacing of the electrodes were con¬ 
sidered not practical with high voltages. Generally 
the pressure decided on was between 40 and 80 volts. 

Presented at the Spring Convention of the A. 1. E. E., 
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As the size of the furnaces and their power inputs in¬ 
creased it was found that the conductors heated up 
excessively in spite of the fact that the current density 
was no greater than in the smaller initial installations; 
Addition of extra copper was helpful but did not effect 
a cure. The conductors insisted on heating up with a 
density as low as 400 amperes per squaia inch. Un¬ 
doubtedly other factors had to be taken into considera¬ 
tion, especially as frequencies higher than 25-cycle had 
to be encountered. As 60-cycle current became more 
and more standardized it appeared for a time that 
fmmace energy input at this frequency had reached its 
limit at 3000 kv-a. Meanwhile alternating-current 
phenomena were being studied and investigated by 
such men as Steinmetz, Northrup, Carson, Dwight, 
Roland, Rosa, Grover, and others, especially in refer¬ 
ence to skin effect, spacing and shape of leads for heavy 
duty conductors. The theoretical considerations of 
skin effect had been studied mainly with reference to 
currents of high frequency, though undoubtedly this 
effect is present in heavy conductors carrying large 
currents at low frequencies. W. C. -Kennedy in a paper 
presented before the Association of Iron and Steel 
Electrical Engineers in 1917 stated that the resistance 
loss due to skin effect on a 3750-lcv-a., three-phase, 
furnace, at 12,000 amperes per phase, was by actual 
measurements about 11 volts per lead, the drop with¬ 
out skin effect being 0.15 volt for 10,000 amperes. 

Numerous suggestions for cutting down impedance 
by methods of distribution of current, by proper spacing 
and dimensioning of bars, looping the circuit, so-called 
interlacing, etc., were forthcoming and eagerly investi¬ 
gated. Putting them into actual practise had, how¬ 
ever, been deferred. It was, therefore, the desire of 
the authors to practically carry out these theoretical 
considerations in the design of ferro-alloy furnaces they 
were responsible for. 

It appears to have been common practise for some 
time to employ tubular conductors for high-tension bus 
structures. However, they do not seem to have found 
use as conductors for large currents. 

It appears to be generally accepted that the skin 
effect resistance factor of flat strip conductors is less 
fhflT> that of equi-sectional solid round conductors. 
This holds good only under certain conditions at com 
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6. The farther apart the conductors the larger the 
inductance. 

7. When inductive reactance expressed as per cent 
reactance drop amounts to 20 per cent or more, the 
actual volts drop in the line increases rapidly with de¬ 
creased power factor. 

Considering these factors, namely, the calculated 
voltage drop and line loss, the probable advantage of a 
progressively increasing voltage drop with decreasing 
power factor, and the fact that a bus structure of large 
copper tubing gave promise of a simple and rugged 
construction, it was decided to install 12 copper tubes 
of 3 in. diameter, interlaced and spaced 7 in. center to 
center, fixing the current density at approximately 800 
amperes per square inch. 



Pia. 1—^PowBR Factor—^Voltage Loss Curve for Various 

Types op Conductors 

Next in order was to find a transformer so constructed 
that its secondary terminals could be brought out to 
allow the installation of the tubes as planned. The one 
purchased is wound with two secondary coils per phase, 
making four terminals per phase and the adjacent leads 
are brought out plus and minus. In the 12 terminals 
thus brought out the alternate plus and minus arrange¬ 
ment is continued over the series. 

The transformer delivers a 4000-kv-a. output at 
40 deg. cent, temperature rise and 6000-kv-a. at a rise 
of 55 deg. cent. It is water cooled, 3-phase, 60-cycle. 
The high-tension voltage is 22, 006, low-tension, 224 
volts at no4pad which drops to 220 volts at full-load 
with 100 per cent power factor and 209 volts at a power 
factor of 90 per cent. The actual transformer imped¬ 
ance is 11.3 per cent. 

The nearest approach to the tubular fdrm of con¬ 


ductor for flexible leads for connecting the movable elec¬ 
trodes to the bus structure is the familiar asbestos cored 
extra flexible cable developed expressly for furnace 
operation. Consequently this type of cable of 1,000,000 
circular mils diameter is used. There are 16 cables per 
phase, making 4 cables for each of the 3-in. tubes. The 
other end of the cable is connected to a 5-in. copper tube, 
about 8 feet long running across the furnace to the elec¬ 
trode holder. Directly underneath the terminals of 
the 3-in. tubes, which terminate at different lengths to 
allow placing of cables, are 3 slabs of slate each drilled 
with a hole just large enough to pass a cable. The 16 
holes per phase thus drilled are in the form of a square, 
the spacing being such that each cable is 2 in. away from 
its neighbor. This spacing is maintained throughout 
the cable length by means of grooved blocks, one block 
clamping a row of 4 cables on both sides. These blocks 
also serve to prevent swaying motion of the cables with¬ 
out interfering with the up and down motion. 

The general scheme of arrangement for adjacent tubes 
was applied to the cables. The “delta” connection is 
formed at the end of the 5-in. tube projecting over the 
back of the furnace and the cables are so placed that 
those canying current of opposite sign are adjacent 
both with respect to cables in the same square and 
neighboring cables of adjacent squares. 

This method of construction with respect to arrange¬ 
ment of the 3-in. transformer lead tubes and the flexible 
cables results in a very material reduction of impedance 
due to a-c. effects, as total resistance under full-load 
tests is increased but slightly over the measured d-c. re¬ 
sistance, the .excess being less than 2 per cent with 
phases balanced. The absence of material reactive 
and inductive influences, and the absence of any iron 
forming magnetic fields in the circuit, naturally cause 
little if any disturbance in the phase relation between 
the impressed e.m.f. and the current, allowing the sys¬ 
tem to operate at a very high power factor. 

Slight unbalancing of current values in the several 
leads does not materially affect the power factor. 
Heavy unbalancing however sets up impedances at 
which the power factor had been observed to drop be¬ 
low 0.6 and the voltage at the furnace, due to reactive 
inductance, drops approximately in accordance with 
the calculated power factor-voltage drop curve. 

The phenomena of inductance and reactance are here 
utilized for the purpose of protecting the complete elec¬ 
trical equipment against heavy overloads, yet allowing 
it to operate at maximum efficiency when under control. 
It may be here pointed out that this effect could be 
further augmented by substituting for the 5-in. copper 
tubes over the furnace roof, a continuation of the inter¬ 
lacing system employed for the cables by extending the 
cables to the electrode holder, or by means of tubes or 
strips. 

In order to control and keep up an electrical balance 
it is essential that the control mechanism employed be 
seiisitive to slight changes in power and rapid restora- 
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trode which caused the trouble. Reversed condition 
reverses the operation of the magnets. Thus when one 
of the electrodes is out of balance this device throws the 
other two electrodes out of circuit and holds them in 
position while the unbalanced electrode finds its ad¬ 
justment thereby restoring operating condition in much 
quicker time. By means of these regulations the period 
of contact of the arms and duration of circuit closing on 
the motors can be regulated to a great degree of nicety 
avoiding unnecessary movement of electrodes and wear 
and tear on the regulating equipment. 

The general arrangement of the electrical equipment 
consists of two incoming 3-wire, 3-phase 22,000-volt 
feeder lines, equipped with lightning arresters and choke 
coils, automatic oil switches opening on overload and 
reverse current. A set of disconnecting switches are 
placed on each side of the oil switches. The lines feed 
parallel into a common set of busses. Each furnace 
transformer is connected to the bus through disconnect¬ 
ing switches and automatic overload and no-voltage 
release oil switch. All high-tension conductors within 
the building are of copper tubing. The secondary leads 
of the transformer are equipped with a set of disconnect¬ 
ing switches operated by hand or motor for “deaden¬ 
ing" the portion of equipment situated in the furnace 
room, leaving the transformer alive to furnish power 
for motor drive, etc. The control room, containing all 
instruments, regulators, relays, etc., is a totally enclosed 
compartment. All instruments are placed on pedestals 
and the regulators in cabinets. This allows ready and 
easy access to all parts of the wiring and facilitates re¬ 
pairs. The low-tension disconnecting switches are 
operated from the control room. Switches of the same 
phase are levered to a common shaft and these shafts 
extend through the wall to the control room. 

Each furnace is equipped, beside the regulators, with 
graphic recording watt meter, watt hour meter, volt¬ 
meter, ammeter for each phase and power factor meter.* 
All of the instruments for the first unit installed are of the 
recording type to facilitate the study of the operation. 
The control room also contains a frequency meter. The 
furnaces may be regulated automatically or by hand —" 
remote control. All switching, except high and low- 
tension disconnecting switching, is by means of remote 
control. An automatic change-over switch is located 
directly under the control room. This switch serves to 
connect the main factory feeder lines with a “live" 
transformer. It automatically ’ shifts from a dead 
to a live line. It is operated, when desirable, by remote 
hand control from the control room. A spare set of 
regulator switches is provided that may be used on 
either furnace as may be required. A small amdliary 
control room is located in the furnace building. This 
rooni contains switches for raising and lowering elec- 
trod€s> ammeters and voltmeters. It is installed for 
the convenience of the furnace operators to enable them 


to change electrodes quickly and other work connected 
with the operation. While using these switches the 
main control room is automatically cut out and the 
motor speed automatically doubled. All high-tension 
leads and equipment are contained in bus structure and 
partitioned off from the rest. One transformer is 
placed in a vault, the other is of the out-door type. 

It is highly desirable that an electric furnace operation 
of this nature be made continuous with interuptions as 
few and short as possible. With this view in mind 
facilities for rapid change of furnaces and of electrodes 
have been provided. The furnaces are placed on a 
double set of rollers at right angles to each other, so 
that when the furnace needed relining it was rolled out 
of its position, then rolled aside and a spare one already 
lined rolled into its place. This method of change can 
be effected in less than two hours time. 

For the same reason an electrode holder was designed 



Pig. 3 


to curtail the time of electrode changes. The holder 
used works on the friction-contact principle, eliminating 
all bolts, nuts or other tightening devices. It consists 
essentially of three members, (1) the outer casting of 
copper, forming a hollow water-cooled ring having a 
slight taper on the inside; (2) a copper ring fitting inside 
df the water-cooled ring and having its outside surface 
tapered to conform to the inside surface of the first 
member; (3) bronze wedges fitting between the second 
member and the electrode. In operation the second 
member is applied to the electrode by means of the 
wedges, this taking place on the furnace room fioor and 
the electrode thus provided is lifted with the crane and 
simply dropped into the first member, making a friction 
contact by its own weight. The arrangement is shown 
in Fig. 3. 
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The advantage of this device, besides saving time, is 
that it obviates the necessity of loosening or tightening 
bolts or other devices on top of the furnace where 
working conditions are disagreeable. Further, should 
the holder get hot, as the water-cooled outer ring and 
electrode do not expand, the only material that can 
expand would be the second member ring and the 
wedges, which would produce a tighter contact, instead 
of a looser one, as in the case of a holder of the ordinary 
type. Also, as the electrodes are prepared for service 
between changes, under agreeable working conditions 
and at more leisure, it follows that, in preparing the 
wedges and ring they are properly cleaned and adjusted, 
insuring good contacts. This holder permits the change 
of an electrode in 1 to 2 minutes. 

This furnace equipment operates at an average power 
factor of 99 per cent and an over-all electrical effi¬ 
ciency — for transformer and low-tension leads to elec¬ 
trode —of 98.5 per cent. Repeated tests in opei*ation 
check well with calculated values. 

The practical experience and data gathered from this 
installation indicates the advantage of application of the 
principles involved to large input furnaces for various 
metallurgical operations. Also they indicate the feasi¬ 
bility of larger installations probably with twice the 
power input operating with equal high efficiencies. 

SOME PROBLEMS IN EI^ECIRIC FURNACE 
OPERATION ( Ani ) hkaj 5 )j 

IMPROVEMENTS IN FERRO-ALLOY ELECTRIC 
FURNACES OF HIGH POWER INPUT 

(Saei/Atwalla and Anderson); 

PiTTSBUBon Pa., Ai'iud 2,'j, 1923. 

J. A. Seede: 1 remember distiiietly alarKo HmoltiiiK furnaoo 
making ferro-alloys in which the condition ('xistod that Mr. 
Andreae points out, t.e., the charge surrounding the loft hand 
electrode, looking at the furnace fn»tu the tran.sformer, indicatod 
that the temperature was too low to produce the required 
metallurgical action while the charge around the other electrodes 
indicated that the tompfsrattiro was high and the metallurgical 
conditions satisfactory. Such unbalanced metallurgioal condi¬ 
tions never produce satisfactory ei)erati(m and no ono had 
made, or has made to my knowledge, such a thorough analysis 
as the author has made in thi.s paper. 

One plausible reason has been .suggested why tluj electrodes 
in electric furnaces do not operate equally and that has to do 
with the manner in which the furuaeo is charged. It is evident 
that if the furnace is not cluirged properly and an excessive 
amount of coke happens to be thrown around ono of tho ohic- 
trodes the result is equivalent to inserting a resistance botwoou 
the electrode and the charge which prevents tho power being 
concentrated around the end of the electrode and while the same 
amount of energy may appear as heat around that electrode it 
will be diffused over a large area and the tomperaturo gradient 
will be so low that no metallurgical action may result. 

I am quite sure we are all much interested to read his analysis 
of the conditions in the electric furnace and it is astonishing to 
note the difference, where in a furnace taking a total of 2600 kw. 
there was a difference of 620 kw. between the input to electrodes 
No. 1 and No. 3. The suggestions for balancing the power input 


to the furnaoo are very interesting but it is not quite evident how 
a practicable arrangement can be developed as is sho%vn in 
Pig. 6. 

Edward T. Moore t With reference to the second paper 
by Mr. Saklatwalla tho means of regulation by the watt meter 
principle on tho furnaces upon whicli he is working, I think 
are noeessary, but I would not want it inferred, when it comes 
to steel furnsices in general, that this is necessary or even de¬ 
sirable. The regulation by tho current method seems to he 
working out very satisfactorily; in fact, experiments con¬ 
ducted by using a Kelvin Balance alongside of the common 
regulator does not show any particularly improved results. 

F. V. Andreae: 1 am aware that some of my siiggtsstious 
for halan<iing tlie lojuls of the three ehjelrodos are rather unsatis- 
faetory from tlie point of view of the power oonipanies. 

My aim was to put tlui whole pn>l)leni on a solid mathematical 
basis, and to show how the etpiations <M)uld he iutm'pn^ted. Once 
tho opjyrator has a (*lt'j».ror view of his (liirKJullios lu) is bettor able 
to atUiek tbein. 

1 wish to point out that tho nnbalaneiiig of whitdi 1 am 
spoaking is not momentary but oontinuous, and is duo to 
tli<‘ <lisposition of l,ho bus bars. In a ferro-alloy furnace 
of hiw jMiwor factor, say around 75 or SO, tho operator has 
to ehoo.se between two (ndls. If ho trios to ktjop his high- 
tension einmit l>alatjced to j)leaso the i)owor company his furuaeo 
will 1)0 quite unbalanced. If, on the other hand, ho trios to 
balanee his load in the fnrnaee by equali/.ing the pow(»r under the 
thnte eh)ctro<les lie iinhalanees his liigh-tension eireuit. Ho will 
therefore have to «;oini>roiniso and if he has several furnaces he 
can easily connect, thorn in such a way tliat tlie disturhaiice of 
the power company’s line will bo kept within satisfactory limits, 

B. D. Saklutwullai In the disimssion the matter of uneven 
balance of the eleetrmles in a tliree-jihase furnafse has been 
brought out. The comlition.s of tho bath at the electrodo.s can 
bo kept uniform, avoiding an unbalance, by proper feeding of 
mw niahirlals. In tlie case of tho ferro-vanadiutn furnace this 
is acliioved I>y a continuous feeding of tho matorial botwoon the 
riUictrodes at a rate (sommonsurato with tho electrical load. 

Another point brought out by tbe discussion is tho possibility 
of the use of tho induction furnace in competition with the arc 
furnaerr. Besides eiriudalion of tho bath and other inoeliauical, 
or rather hydro-dynamical, effis-ts, the passage of current through 
tho nmltt’ii melal may have olTocts of a molecular m* even elec¬ 
tronic nature depending on the eleetro-magnetic forces sot up 
within tho iliiid metal. A sl.udy of such eloctromagtiotic in- 
fiuenciis may prove some superiority of induction furnaces over 
that of the arc t.ype, achieving a more perfect refinement of the 
metal. 

A* N. Anderson: The regulation of the powm* injiiit in an 
electric furnace by means of a true watt control offers several 
advantages over current regulators as tliere are sevi^ral factors 
entering tho problem, 8ome of these factors lie outside of actual 
furna<?e operations but are nev('i*theless worthy of consideration 
as they form very important fa(d.ors iii tho problem as a whole. 

The use of a eont.rol mechanism in which the current alone is 
kept constant can not govern or regulate other than the current 
consumption. 

The parties interested in the power consumption of an electrie 
furnace may he divi<led itito throe groups; 

1. The manufacturer, .selling tho pMwiuot of the fiirnaccq who 
wants maximtim production at minimum expense. 

2. The operator responsible for the produ<?t. 

3. Tho central .station furni.shing the power and interested 
in a high power factor, balanced load and freedom from excessive 
ffuetuation& 

The control of the energy input is therefore a factor of prime 
importance. 
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Because of the prevailing methods of transmitting power a 
large majority of electric furnaces now in operation are of the 
three-phase three-electrode type whether used for the smelting 
of ores or the production and refining of steel. 

It is not possible to control and keep constant with any degree 
of accuracy the effective power input in these furnaces by 
means of current regulation alone or the combination of current 
and voltage regulation, where the voltage regulation consists of 
keeping a balanced potential between the electrodes and furnace 
charge. 

AU that a central station can do to deliver reliable power is 
to guard against overloaded lines and to keep, the voltage con¬ 
stant at the station. It cannot materially regulate the load 
factor. 

On lines supplying power to customers using electric furnaces 
of various types and of moi*e or less intermittent energy con¬ 
sumption it is very difficult, if not impossible, to keep up a steady 
voltage and power factor. There are often variations in voltage 
between phases of the same line and the power factor in phases 
may also vary. 

These conditions are not noticeable where power is supplied 
to motors or apparatus having balanced circuits, but is notice¬ 
able where devices such as electric furnaces are used. 

It is highly desirable both from a technical as well as commer¬ 
cial standpoint to be well supplied with measuring instruments 
to keep a check on the various fluctuating factors, 

A properly metered electric furnace installation, employing 
current regulators, will often show an erratic behavior of the 
furnace and irregular power consumption in spite of the control 
indicating a steady amperage flowing, as in addition to the com¬ 


paratively small fluctuations in the incoming power lines those 
of the transformer secondary vary to a much greater degree, 
and it is not at all surprising to find such conditions as Mr. 
Andreae has investigated. 

On the other hand, a furnace installation operating on a true 
watt control principle automatically corrects fluctuations due to 
variations in voltage and power factor so that the actual pre¬ 
determined energy is controlled, measured and delivered to the 
furnace, and conditions such as Mr. Andreae describes cannot 
exist. 

Assuming that volts times amperes times power factor are the 
factors that produce the heat and temperature required for the 
successful operation of an electric furnace of the type under 
consideration, it is apparent that the control of but one of these 
is insufficient unless one assumes that the others are constant, 
which unfortunately is very seldom the case. Often a heat gone 
wrong, a tap or power “off” on analysis, has been blamed on the 
operator or laid to some other cause when the real culprits were 
the current regulators. 

To the manufacturer who pays the bill from the control 
station and collects from his customers for his product, the watt 
regulator serves to prevent peaks much more efficiently than a 
current regulator, thereby keeping costs at a minimum; it 
regidates the actual power input into the furnace and thereby 
maintains the predetermined energy at which the furnace is 
set to operate, thus helping to produce the desired product 
uniformly and at maximum efficiency. 

The watt regulator benefits the central station insofar as it 
has a tendency to more effectively balance the load on the feeder 
lines and to prevent prolonged duration of peaks. 
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factory operation to such load and may cause complete 
interruption. It was therefore decided, since most 
failures on the 66 kv. system would undoubtedly be 
grounds, that the neutral of the system should be 
grounded through a high resistance to minimize dis¬ 
turbance resulting from such failures. 



Fig. 3—Ttpical 66 kv . Line To web 


The conditions imposed introduced certain problems 
in the relaying as follows: 

1. On account of the high-resistance ground, relay¬ 
ing must be provided which would trip put a line on 
ground current less than full-load current. 

2. On account of the heavy industrial motor and 
sjmchronous railway load, faults must be eliminated in 
a Tninimum time, thus barring out selective time 
systems. 

3. Single line operation must be possible, preferably 
without additional relays over the number required 
for parallel line operation. 

4. It must be possible to take care of future growth 
by the addition of parallel lines between any existing 
stations, or to add radial lines from any ring station, 
or to introduce additional sectionalizing stations to 
the present loop, without destroying the existing pro¬ 
tection, either schematically or materially. 

A study of all of the above factors showed con¬ 
clusively that the general principle of balanced protec¬ 
tion must be used. Such protection always possesses 
the inherent advantage that it is absolutely unaffected 
by conditions outside of its own section. This was a 
fundamental requisite in the problem at hand, which 
when viewed with the proper perspective, consisted 
of the proper selective relaying of a basic system frame 
work. The next problem presented was to choose 


SCHEME NO. 

Balanced Reveise Power Protection Only 

Sdiematic Connections 



SCHEME NO. 2 

Balanced Reverse Power Protection 
for Short Circuits and Watt Relay 
Protection for Grounds 

Schematic Connections 



SCHEME NO. 3 

Balanced Reverse Power Protection 
for Short Circuits and Balanced 
Current Relay Protection for Grounds 

Schematic Connections 



SCHEME NO. 4 

Balanced Current Relays for both 
Short Circuit and Ground Faults 

Schemabc Connections 



Fig. 4—Comparison of Schemes op Balanced Line Protection 


ADVANTAGES 

1. Simplicity of wiring and 
eanlpment. 

2i Directional single-line 
protection afforded. 

3. No additional relays re¬ 

quired for ground pro¬ 
tection. 

4. Bequires dead groimded 

neutnral. 


ADVANTAGES 

1. Satisfied all conditions 

for sbort-circult pro¬ 
tection for both paral¬ 
lel and single-line 
operation. 

2. SmAU ground current 

may be used which 
ensures the elimina¬ 
tion of voltage dis¬ 
turbances. 


ADVANTAGES 

1. Wiring and equifunent 

simple, only one set of 
relays being required 
for ground protection 
of two parallel lines. 

2. Satisfies all short-circuit 

conditions, for both 
parallel and single-line 
operation. 

3. Small ground current 

required to operate 
ground relays. 

4 . Groimd relays very posi¬ 

tive in action. 


ADVANTAGES 

1. Simple wiring and equip¬ 

ment. 

2. Only one ground x*elay 

required for ground 
protectionof two paral¬ 
lel lines. 

3. No potential connections 

required. 

4. Ground relays very posi¬ 

tive in action. 


DISADVANTAGES 

1. Imposes severe voltage 

unbalance on line 
which will effect syn¬ 
chronous machines. 

2. Severe damage may re¬ 

sult as heavy ground 
current must pass to 
operate relays. 


DISADVANTAGES 

1. Additional relays neces¬ 

sary for groimd pro¬ 
tection, at least one 
per circuit being re¬ 
quired. 

2. Wiring is complicated. 

3. Extra grounding poten¬ 

tial transformer re¬ 
quired for one sdieme 
using the watt ground 
relay. 

4. Another scheme used 

three double contact¬ 
ing watt relays per 
pur of lines but mis 
scheme does not have 
a dependable selec¬ 
tivity. 


DISADVANTAGES 

1. Ground protection is in- 

operattve when ring 
isopen. 

2. Grotmd relays are non- 

directional for single- 
line operation. 


DISADVANTAGES 

1. N either short circuit nor 

ground protection is 
operative if ring . is 
open. 

2. Single-line operation 

is not directionally 
selective. 
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the proper form of balanced protection. This matter 
was gone into to some length and Fig. 4, shows a com¬ 
parison of the schemes considered. 

After considerable deliberation Scheme 3 was finally- 
decided upon as fulfilling the most important require¬ 
ments; namely, the ability to give complete short- 
circuit protection for both double and single line opera¬ 
tion, with the ring either open or closed, with the use 
of but one set of short-circuit relays; the ability under 
normal conditions to selectively disconnect grounded 
sections of line with a minimum of disturbance to the 
system itself. 

Therelayequipmentasinstalledatthevarious stations 

IS shown diagramatically in Fig. 5 and a typical station 
relay panel is shown in Fig. 6. The short-circuit relays 
are standard Westinghouse single-contact, type C R, 
4-12 ampere, reverse power relays, and the ground re¬ 
lays are single-contact 1-3 ampere, selective differen- 


3 Phase Bus 



fault on line 2 at a point just outside station M. With 
a ground resistance of 63 ohms at each generating 
stetion and a neutral voltage of 38,100 volts, this will 
give between 500 and 600 amperes ground current 
supplied by each generating station depending upon the 



Fig. 6 Typical Relay Panel at Ring Stations 

location of the fault. Using the value of 600 amperes 

shown in Fig. 7 a 

that these currents divide equally until the faulty see- 
tion IS reached, where the shortest section of grounded 
line will add the fault currents from three lines and pass 


Interlocking relays are installed 
in the tap circuits of both lines to render the good line 
non-automatic for a few seconds after the relays have 

thp line. This locks 

out the trip circuit of the good line until the relays at 

the Wosite end of the section have had time to dear 

*“'®’ preventing the balanced 

r^ys improperly disconnecting the good line of 
the pair on the end which clears firat. On standard 
toe ^tions the short-circuit relays are set to operate 
^^0.4 second definite minimum. The 7-ampere cur¬ 
rent tap IS being used on the C. B. relays, and the 1- 
tep on the C. D. relays. One 63-olim grounding 
i^tor IS mstalled at each of the two generating plants 

IS posable that this value of resistance may be in- 
creased at some later date. 

repre^ntation of a typical relay opera- 

shown in Fig. 7. Sketch No. 
VA shows the division of ground currents for a ground 



400 800 1200 1600 2000 2400 2800 3200 3600 

PRIMARY AMPERES IN FAULT 

Pig. 7—Load Time Curves of C H and C D Relays 

900 amperes to ground, the remaining portion of the 
^omded line supplying 300 amperes into the fault. 

relays at the fault with a total 
oi 1200 amperes, since the cross connection of the (7. jf?. 
relays accumulates the currents in the two lines as 
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shown in Fig. 7 b. The ground relays will receive a it was decided to give service tests to the entire instal- 
differential current of 900 - 300 = 600 amperes. Thus lation. The following procedure was accordingly 
both sets of relays will start to close contacts but it will carried out: 

be noted that the line relays receive only sufficient One pole of an out-door type G-11 circuit breaker was 
current to cause them to operate on the inverse portion mounted portably and placed as near as possible to the 


of their time curves, requiring approximately 0.6 
second to close contacts. The ground relays, however, 
operate on the definite minimum portion of their tinie 
curves and close contacts in 0.3 second. Assuming 
0.4 second for the breaker to open, this makes a total 
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Fig. 7c—Chaht Showing Sequence of Events in Clearing 

Grounded Line 

time of 0.7 second to clear one end of the defective line. 
The'opposite end of the grounded line will then start 
to clear on a similar cycle of operation and thus after 
1.4 seconds the grounded line will be entirely disconnected 
from the remainder of the system. See Fig. 7c. 

If for any reason the ground relays fail to respond to 
the ground fault, provision has been made that the 
grounding resistors will be short-circuited after a period 
of approximately 10 seconds following the occurrence 
of the ground on the system. This places a dead 
ground on the system which will draw short-circuit 
current through the line C. R. relays and cause them 
to operate on the definite minimum part of their time 
curves. 

If the fault had been between phase wires instead of 
to ground, the C, D. relays would not have operated 
but the C. R. relays would receive the short-circuit 
current. For the minimum fault current these relays 
would operate at a point P Fig. 7 on the definite mini¬ 
mum part of the time curve and would close contacts, 
in 0.4 second. Adding to this the time of opening of 
the circuit breaker, the defective line would be cleared 
at one end in 0,8 second. Thus a maximum of 1.6 
^bnds would isolate the defective line from the S 3 rstem 
in case of short circuit. 

Before putting this relay equipment into operation 
and in order to prove the effectiveness of the relay 
scheme,! as well as to detect any defects that might 
exist in the apparatus which would jeopardize service. 


point where it was proposed to apply the ground to the 
system. The point chosen because of its convenience 
was just outside the station and a connection was made 
to the line between the line breaker and the last discon¬ 
nection point on the line side of the station. Control 
cables were brought into the station where the grounding 
apparatus could be manipulated safely and the relay 
operations observed simultaneously. The ground con¬ 
nection to the grounding breaker was made by two 
different methods: 

1. A connection directly to the grounded side of the 
11,000-volt ground resistor, which ground consisted of 
five interconnected copper plates 2 ft. 6 in. by 3 ft. 4 in. 
buried five feet under ground and surrounded by char¬ 
coal, located at various points around the station. 

2. The ground presented by a fallen line wire was 
simulated by stretching 800 feet of 4/0 bare copper wire 
over the surface of the ground and this connected to the 
groimd side of the test-breaker. The particular point 
chosen happened to be a plowed field, in the case where 
it was tried, and a good ground connection was 
obtained. 

To observe the effects of the through fault currents 
at the other stations on the system, me'ters were placed 
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in the ground and relay circuits of those stations. Thus 
when the ground was applied, the readings on these 
meters would give evidence of the ability of these sta¬ 
tions to balance out the through fault currents in the 
cross connection of the current transformers. Prior to 
the tests the relays were checked for proper operation 
by means of phantom loads. 

In order to test all of the relays on the system with 
a minimum of test apparatus and connections the tests 
were made in the following manner: 

A grounding breaker was installed at Wilmerding 
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Review of the Subject,—Ever since three-phase distribution 
has been known, a controversy has been going on with respect to the 
relative merits of grounded and ungrounded neutral. The inability 
of locating and isolating a ground fault is the chief disadvantage 
of the ungrounded neutral system, this being the reason why lately 
the grounded neutral has been given preference. 

The purpose of the so-called ground selector is to provide means to 
permit the selective clearance of a ground fault in an ungrounded 
neutral system. The device thus eliminates the mentioned dis¬ 
advantage and raises the ungrounded neutral system to the same oper¬ 


ating standard as the grounded neutral system, retaining at the same 
time the many other advantages inherent to the ungrounded system. 

The paper describes the functioning of the ground selector and 
compares in detail the two systems. Two ground selector installor 
tions on largely different systems are described and the practical 
operating results are reported and discussed. 

The conclusion is reached that the ungrounded neutral system 
equipped with a ground selector combines the advantages of the 
ungrounded and grounded neutral systems without being afflicted 
with their respective disadvantages. 


Introduction 

T he question of the advisability of operating three- 
phase distribution systems grounded or un¬ 
grounded has, within the past ten years, formed 
one of the liveliest subjects for discussion among trans¬ 
mission engineers. The reason for the greatly diver¬ 
sified opinion on this subject is chiefly due to the fact 
that either principle has its pronounced advantages 
and disadvantages. 

In the early days of three-phase transmission the 
ungrounded system was used almost exclusively except 
where it was developed as a four-wire system. 

With the increase in transmission and distribution 
voltages, insulation troubles started to multiply. 
Grounds started to develop quite frequently. It was 
then discovered tl^at the ungrounded system was at an 
extreme disadvantage, particularly in case of extensive 
distobuting systems, because there was no means 
available to detect and select the faulty feeder. More¬ 
over the grounded phase produced a 73 per cent voltage 
rise between ground and the two sound phases. Such 
dynamic overvoltage, sometimes aggravated by reson¬ 
ance effects from an unstable arc at the point of fault 
usually resulted in secondary breakdowns of weak 
insulation at entirely, differen parts of the system. 
Th^ a short circuit developed disturbing the whole 
s^tem and extending the damage unnecessarily to 
other parts of the system, A ground, left on the system 
for. any appreciable time, was found to also have its 
Weakening ^effect on the whole metallically intercon- 

for future 

troubles. It was soon discovered, therefore, that 
m^l^^ ^ a ground fault was detri- 

Improye ments were suggested such as Creighton's 
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arc suppressor to render the ungrounded syst em safer. 
These improvements however failed chiefly in view of 
the fact that they aimed at the less vital disadvantage 
of the ungrounded system, namely the suppression of 
an arcing ground. They offered no solution, however, 

for detecting and selecting a faulty feeder. 

As a result of this wealoiess of the ungrounded system 
the operating engineer’s opinion gradually expressed 
in favor of the grounded system despite many dis¬ 
advantages in regard to transformer connections. In 
the grounded system every ground meant a short cir¬ 
cuit thus supplying the current necessary to operate 
relays and assure clearance of the faulty feeders. Thus 
the grounded system offered a natural solution for the 
most troublesome feature of the ungrounded system. 

Today the stage has been reached where the general 
opinion is overwhelmingly in favor of the grounded 
system. Many operating companies, which have 
operated ungrounded in the past, have changed in 
recent years to grounded systems by devising various 
means of grounding. 

The writer, being connected with a large distribution 
system with delta-connected transformers was, some 
years ago, confronted with the same problem of over¬ 
coming the serious conditions created by a ground on 
the ungrounded system as described above. Circum¬ 
stances were such that grounding, either by changing to 
star-connected transformers or by providing an artifi¬ 
cial grounding scheme, was not readily possible. He 
was forced therefore to the development of another 
scheme which is hereafter called ‘‘ground selector.” 

^ The pui^ose of this paper is to give a brief descrip¬ 
tion of this scheme, to point out its advantages sub¬ 
stantiated by actual operating records and to show how 
the pngrouhded system equipped with a ground selector 
retains practically all inherent advantages of the un¬ 
grounded system and at the same time assures the same 
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effectiveness of clearing grounded lines as would be the 
case with the grounded system. 

Description of the Ground Selector^ 

A ground, occurring on a non-grounded distribution 
system, will be felt over the whole system. There is 
normally no means available to locate the faulty line 
except by disconnecting alternately individual sections 
of the system and observing whether the ground disap¬ 
pears. Such cut-and-try method is rather slow and 
always necessitates the momentary interruption of a 
larger part of the system than necessary, since many of 
the sound feeders may first be disconnected until the 
faulty feeder is located. The ground will cause a 73 
per cent increase of voltage on the two sound phases to 
ground, and if left on for any length of time may cause 
the breakdown of another weak spot at an entirely 
different part of the system. 

To reduce to a minimum the damaging effect of a 
ground, it is essential to provide means to have the 
grounded section cut out selectively and within the 
shortest possible time. 

The ground selector has been developed to accom¬ 
plish such selective and immediate clearance of a 
grounded feeder. 

The fundamental idea of the ground selector is to 
produce intentionally a short circuit immediately after 
a ground develops on the system. This is accomplished 
by automatically grounding one of the sound phases at 
the main station bus by means of closing an oil switch, 
immediately upon the occurrence of a ground. Thus a 
complete phase-to-phase short circuit is produced and 
as a result overload current will flow into the faulty 
line, as if the line were on short circuit. Accordingly 
the ordinary overload protection will enter into action 
and disconnect the faulty line. As soon as the faulty 
feeder has cleared itself, the ground switch will open 
automatically and thus restore the system to normal 
condition. 

Figure 1 shows schematically the principal features 
of the device. P 1-P 2-P 3 are single-phase potential 
transfonners with their primary connected in star and 
with the star point grounded. The secondary of these 
transformers is connected to overvoltage relays R 1, 
-R 2 and R 3, which latter, two in joint action, close the 
ground switches. The so-called transfer relays T 1 and 
2^2 are provided to assure an automatic clearance of 
the ground switch after the faulty line has cleared, as 
will be explained later. 

Normally the three phases of the system will be 
balanced to ground, and as a result the potential on the 
transformer P1, P 2 and P 3 will be the same and equal 
S8 per cent of the voltage between wes. A ground 
on one phase will tend to lower the voltage on the 

1. Original description in “Relay Protective Features of the 
Toronto Power Go’s. Transmission and Distribution System’’ 
by P. Ackerman, Joutnal, Engineering Institute of Canada, 
April, 1921. 


tmnsformer, which corresponds with the grounded 
phase, and at the time the voltage on the other 
two phases will tend to rise toward a value equal 
to line voltage, that is 1.73 times normal voltage to 
ground. This overvoltage on the two sound phases is 
made use of to trip the two corresponding overvoltage 
relays and thus cause, by their joint closure, the auto¬ 
matic closing of one of the ground switches. 

For instance a ground on phase (1) will cause a high 
voltage on phases (2) and (3). The joint trip of relays 
R 2 and R 3 will close the ground switch phase (3) thus 
causing a complete short-circuit between phases (1) 
and (3) and causing the faulty line to clear on overload. 
After the faulty feeder is cleared from the system a 
ground would remain due to the ground switch still 
being in closed position. In our particular example the 
ground would remain on phase (3) due to ground 
switch (3) remaining closed. The overvoltage relays 



phase (1) andl (2) would therefore trip and close 
ground switch (1) thus causing a bus bar short circuit if 
no special provision were made as by the installation of a 
transfer relay, to prevent such action. 

The transfer relay blocks the closing circuit of the 
second ground switch immediately upon the closing of 
the first ground switch, and at same time prepares for 
the tripping of the gi’ound switch which has been closed. 
When ground switch (3) closes, it energizes the coil of 
the transfer relay {T 2) throwing the lever over into the 
other contact position. In this position of the lever 
high voltage on phase (1) and (2) due to ground switch 
(3) being in closed position, will trip the ground switch 
(3) and thus re-establish normal conditions instead of 
closing wrongly the ground switch (1). Transfer relay 
(1) will in a similar manner prevent the closing of 
ground switch (3) and assure the opening of ground 
switch (1) when overvoltage relays R2 and Jf2 3 vpill 
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trip after a ground on phases (2) or (3) has been cleared, 
leaving ground switch (1) closed. 

' The above is a description of the essential features of 
the ground selector. 

Various other features had to be embodied to make 
the device practical. These additional features are not 
shown in the schematic diagram but may be briefly 
discussed in the following: 

The sketch shows three overvoltage relays only, and 
no provision to prevent these relays tripping on three- 
phase overvoltages, as may occur from various reasons. 
Such action would not be harmful in itself, since none 
of the ground switches would be able to close. The 
closing circuits would be ruptured instantly by the 
transfer relays upon the initial energizing of the cir¬ 
cuits. However, their action would unnecessarily 
alarm the operator and necessitate the re-setting of the 
device. For this reason a balance potential relay has 
been introduced which only responds to an unbalance 
of potential to ground. 

This relay keeps the actuation of the phase over¬ 
voltage relays blocked so long as it is not actuated it¬ 
self. It therefore prevents the device from getting 
into action during three-phase overvoltage. 

As a precautionary measure for any -unexpected 
action on the part of the ground selector, the ground 
switches are equipped with overload relays, set suffi¬ 
ciently high for the line protection to clear before the 
ground switch opens. 

As a further precaution, each ground switch is pro¬ 
vided with complete electric control which enables the 
operator to actuate the ground switches by hand, if 
necessity arises. 

A hand blocking switch is also provided by means of 
which the automatic features of the device can'be 
stopped without, however, interfering with the hand 
conta'ol of the ground switches. 

A ground resistance is provided in series with the 
ground switches. This resistance is purposely made 
low so as to influence only slightly the magnitude of 
distant short circuits, but having a tendency to hold 
up the bus voltage for grounds very close to the station. 

The ground selector will operate once only and will 
have to be reset by hand by moving the transfer relay 
into the original position before it is ready for new 
action. This,, however, does not cause any inconven¬ 
ience, and has been found preferable to an automatic 
resetting which latter might cause trouble should a 
ground develop into a short circuit and clear the feeder 
before the ground switch has been closed completely. 

From this description it will be noticed that the name 
“ground selector” is not quite correct, since it is actually 
the relay protection that selects the ground, whereas the 
device is a means only to create the condition which 
wll enable the relays to act and select the grounded 
line. Nevertheless the name was adopted as being the 
most descriptive, 


Comparison op Ungrounded and Grounded Systems 

To fully appreciate the problem involved and the 
advantage derived from the ground selector it will be 
desirable to compare the characteristic features of 
grounded and ungrounded system under various opera¬ 
ting conditions. 

The following table tries to cover in a concise form, 
the behavior of the various possible operating methods, 
showing in the last column for each operating condition 
the scheme which is considered advantageous. 

In going over Table I, it will be noticed that most of 
the items indicate that the ungrounded system equip¬ 
ped with ground selector proves in pi-actically every 
respect advantageous or equal to the grounded system. 

One item only may prove pronouncedly advantageous 
for the gi’ounded system that is cost of grounding where 
Y = connected transformers are in existence (see item 
26). In this respect it may be pointed out however, 
that in many instances this saving compared with the 
cost of a ground selector may be more than offset by 
other inconveniences such as ineffective relay protection 
or loss of flexibility in the use of different transformer 
connections. 

Some other items indicate that the grounded system 
appeal’s to offer some advantage over the ungrounded 
system equipped with the ground selector. 

It will be worth while to further analyze these items. 

Item 7 points out the possibility of line switching 
causing a momentary shifting of the neutral should the 
three phases not close simultaneously. It is well 
realized today that damage to insulation is a function 
of magnitude of voltage and its duration; in other words, 
it does not only require high voltage, but the voltage 
must also last a certain time before it actually is able to 
do damage. A switching surge is of such brief duration 
and of rather limited voltage magnitude, so that the 
possibility of serious voltage stresses from switching 
surges is more problematic . than real. Practical 
experience also plainly shows that troubles are hardly 
ever experienced at times of switching except in cases 
of very depreciated insulation which may barely be 
able to stand normal voltage. 

Item 8 points out the fact that solidly grounded 
systems can have much more sensitivity set arresters 
than ungrounded systems. This is no doubt an ad¬ 
vantage, but in view of the fact of the standard prac¬ 
tise of a test voltage of two times line voltage for one 
minute on all equipment, the general improvement in 
design of transformer windings to withstand steep wave 
front impulses and the possibility of sensitive adjust¬ 
ment of arresters close to line voltage, this drawback of 
the ungrounded system should not be so serious. 

Item 12 shows how, in case of the ground selector on 
the ungrounded system, the overvoltage on two phases 
created by a ground on the third phase cannot beavoided. 
The duration of this overvoltage is, however, so short 
and the overvoltage of such limited nature that any 
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Reference 

No. 

Operating 

Condition 

A 

Grounded System 

B 

Ungrounded System wdth 

Ground Selector 

Advantageous 

Scheme 

14 

Short between phases 
without touching 
ground. 

Inductive interference will be small be¬ 
cause of the neutralizing effect of feed 
and return -wire. 

Same condition as on gi'ouuded system. 


15 

Shorts of two phases 
through gi'ound. 

Will constitute two single phase shorts 
120® out of phase with resultant cur¬ 
rent passing back through ground to 
grounded neutral. Will result iu 
heavy electro-magnetic interference. 

Will constitute a singlo-phase short with 
metallic return so that inductive inter¬ 
ference becomes neutralized. 

B 


(d) Permissible emer¬ 
gency conditions. 




16 

Disabled single phase 
transformer. 

Y/A Transformers can be operated with 

one trf. disconnected, if step-up and 
step-down transformers have grounded 
neutral. This condition, however, 
will create serious electrostatic and 
electro-magnetic Interference. 

A/A Transformers, if using single-phase 
units, will permit operation on open 
delta, with one single-phase transformer 
disconnected. 

B 

17 

Disabled line wire. 

Y Permits operation with two wires only, 
provided step-up and step-down trans¬ 
formers have grounded neutral. Cre¬ 
ates, however, serious electro-static 
and electro-magnetic interference. 

A Could be operated with two wires if 
ground was used as tlilrd wire. Volt¬ 
age between wires and ground would 
be incraased by 73 per cent. Arrange¬ 
ment would create serious electrostatic 
and electro-magnetic interference. 

A 

Advantage in excep¬ 
tional cases only. 

18 

(e) Danger of second¬ 
ary breakdowns 
in case of a ground. 

No such danger because of fixed voltage 
to ground. 

Hazard of cro-ss short circuit very small 
because of grotmd condition lasting 
only for a very brief pei’iod. 

A 

(apparently) 

19 

1 (f) High-resistance 
ground. 

Occasionally high resistance grounds 
develop. Only 58 per cent of normal 
line voltage will be across the fault 
causing danger of insufflcient current 
to actuate relays. 

Ground selector when closing will throw 
full 100 per cent line voltage across 
fault, so that current will be 1.73 times 
greater, under similar conditions than 
in case of grounded neutral. As result 
more definite relay action is assm'ed. 

B 

20 

(g) No. of troubles. 

1 

Larger number of voltage dlsttirbances 
and partial Interruptions is to be ex¬ 
pected since every ground repre^nts 
a short circuit. 

Smaller umnber of voltage disturbances 
and partial interruptions is to be ex¬ 
pected since momentary self-clearing 
grounds not affecting system. 

B 

21 

(h) Adaptability to 
existing systems. 

Y-Connected transformers permit easily 
grounding of neutral point. 

Ground selector can be easily Installed on 
bus-bar of one of main stations irrespec¬ 
tive of existing transformer connections. 


22 

• 


A Systems require special kind of 
grotmding scheme, which will be par¬ 
ticularly expensive if to be of low im¬ 
pedance to assure sufficient current for 
relay action. 

Groimd selector can bo easily installed on 
bus-bar of one of main stations irrespec¬ 
tive of existing transformer connections. 

B 

23 

(i) Limiting effect on 
system in case of 
groimd. 

Disturbance can be lindted by ground 
resistance or high impedance of 
grounding transformer as far as relay 
protection wiU permit. 

Disturbance can be limited at liberty by 
ground resistance in circuit with the 
ground selector switches. 


24 

(k) Short circuit 
stresses on equip¬ 
ment. 

In case of all transformer neutrals of 
parallel operated transformers being 
grounded, the short-circuit stress will 
be equally distributed between all the 
transformers. 

Ground selector providing a direct short 
circuit across phases of the system will 
divide the shorlKdrcuit stress equally 
among parallel operated transformer 
and generator equipment. 


25 


Where only one generator or one trans¬ 
former is grounded or where special 
grounding transformer is used, the 
total short-circuit stress will have 
to be taken up by the respective unit. 

Ground selector providing a direct short 
circuit across phases of the system will 
divide the short-circuit stress equally 
among parallel operated transformer 
and generator equipment. 

B 

ze ^ ■ 

0) Cost. 

Where transformers are star-connected 
so that system can be grounded by 
grounding the tran^ormer neutral, 
the ekpense wlU be very small. 

The ground selector will require oil 
switches, potential transformers, 
ground resistances and some relay 
equipment which wiU Involve a smal¬ 
ler or larger expenditure depending on 
the operating voltage. 

A 

r27'/'' 


Where a special grounding equipment 
must be provided, the expense may 
: become considerable. 

The ground selector will require oil 
switches, potential transformers, 
groimd resistances and some relay 
equipment which will Involve a smal¬ 
ler or larger expenditure depending on 
the operating voltage. 
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cleared immediately upon indication of a permanent 
ground, and then the system was started again by closing 
one feeder at a time, leaving out the feeder, which 
made the ground reappear. With this procedure 
secondary breakdowns could usually be avoided al¬ 
though it meant a complete shutdown of the system. 

It was realized that something had to be done to im¬ 
prove this situation and it was then that the idea of the 
ground selector developed. This was as far back as 
1916. It was realized, however, that the scheme would 
only be beneficial if the overload protection of the 
distribution were effective and dependable. In an 
endeavor of putting first the short-circuit protection of 
the distribution into shape, the installation of the 
ground selector was delayed until September, 1918. 

The main reasons in this particular case for adopting 
the ground selector in preference to some permanent 
grounding scheme were as follows: 

1. The ground selector was cheaper and simpler to 
install, since existing spare feeder switches could be 
used for the purpose and since the ground current could 
be adjusted to any desired value to suit relay require¬ 
ments. 

A grounding scheme would have involved either a 
costly grounding transformer of very low impedance 
to ensure sufficient current to actuate the ordinary 
overload protection, or a less costly grounding trans¬ 
former of higher impedance, in which case however the 
ground current would have been so limited that a 
special ground protection would have been required 
which in itself would have offered serious difficulties and 
expense if the same selectiveness and effectiveness was 
to be obtained for grounds as for shorts circuit. 

2. The ground selector promised, for reason of the 
time lag, of closing the ground switch, to allow self 
clearing grounds to clear without disturbance to the 


decided advantage over a permanently grounded 
system. 

It may be pointed out that since the installation of 
the ground selector not a single secondary breakdown, 
causing a cross short circuit to some other point of the 
system, has been experienced. 


TABLE II 

OPERATING RECORD OP GROUND SELECTOR OP 12,000- 
yOLT TORONTO DISTRIBUTION 

; Sept. 

to 

Dec. 

1918 1910 1920 1921 

(A) Grounded feeders effectively cleared by 
action of ground selector and respective 
feeder protection. 

1. Permanent troubles. 

Cable troubles. 4 11 

Bad insulators. 4 4 1 

Bad apparatus (current trans¬ 
formers, Power transformers, 

oil switches, etc.)....:. 563 

Operator’s fault. 1 ^ 

Miscellaneous. 2 


Total permanent troubles.... 

2. Transient troubles. 

Lightning. 

Unlcnown. 

Miscellaneous.. _ 

Total transient ti’oubles... • _ 
Total of grounded feeders 
cleared. 

(B) Momentary self-clearing grounds, start¬ 
ing ground selector without developing 
Into short circuit. 

1. Ground switch closing and open¬ 
ing momentarily. 

2. Momentary ground relay ener¬ 

gization of too short duration to 
start ground selector switch. 

Total self-clearing grounds.. 


(O) Testing faidty feeders. 


10 10 26 


8 13 


17 18 39 

5 15 3 


system. 

It was originally intended to provide dead artificial 
grounds, so as to obtain identical current conditions for 
grounds and short circuits to assure effective relay 
action under all conditions. However, it was finally 
decided to introduce a very low ground resistance in 
form of a large water rheostat which hardly affected 
the magnitude of the fault current under most limited 
current conditions in case of distant grounds, but which 
offered the great advantage of keeping up the bus-bar 
voltage for grounds close to the terminal station, thus 
helping to keep the synchronous load in step. 

The ground selector was put in service in 1918 and has 
proved very effective and beneficial as following opera¬ 
ting records will indicate; 

Table II shows an operating record of the ground 
selector, showing the number and kind of troubles it had 
to dear. 

Table III shows a suihmary of troubles experienced on 
the 12,00()-volt distribution. This table indicates 
particularly the large number of self-clearing groimds 
without disturbance to the system, which shows a 


TABLE III 

SUMMARY OP TROUBLES OP 12.000-VOLT 
TORONTO DISTRIBUTION 

1919 1920 ioal 

Per Por 

N cenb N cent N cent 

1. Grounds cleared by ground selec¬ 

tor....... 34 30 30 31 32 23 

2. Grounds, self-clearing, without 

disturbance to voltage and 

without partial interruptions... 17 15 18 18 39 29 

3. Short circuits. 63 55 50 51 66 48 

Grand total.. 114 100 98 100 137 100_ 

In all cases the trouble and partial interruption re- 
mmned confined to the faulty feeder. 

With the exception of one case the nature of the 
ground was always of sufficiently low resistance to pro¬ 
duce suffident ground current to effectively trip the 
relays. In the case which did not clear the feeder the 
groimd current was sufficient to be distinctly noticed as 
overload on the respective line amnieter, enabling the 
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Considering however the character of the system, it 
must be realized that the results are rather better than 
expected. 

The momentary self-clearing grounds are of a smaller 
percentage than in case of Table III of the 12,000-volt 
system, so that the advantage compared with a per¬ 
manently grounded system is not so pronounced. 

High-resistance grounds, where the ground selector 
was unable to produce sufficient current to operate re¬ 
lays are also somewhat more numerous than in case of 


TABLE V 

SUMMARY OP TROUBLES OP 50.000-VOLT 
SHAWINIGAN SYSTEM 



1020 

1921 


N 

Per 

cent 

N 

Per 
cent ' 

Feeders cleai’ed by ground selector. 

19 

14 

21 

22 

Momentary self-clearing grounds. 

10 

7 

9 

9 

Grounds where ground selector not effective. 

1 

1 

2 

2 

Grounds developing into cross short circuits 
but without permanently disabling line.... 

20 

19 

11 

12 

Short circuits.. 

81 

59 

53 

55 

Grand total. 

137 

100 

96 

100 


the Toronto system. There were however only three 
cases of this nature compared with forty-eight cases 
where sufficient ground current was developed to ac¬ 
tuate relays, which means only 6 per cent ineffective¬ 
ness.. In view of the uncertain ground condition along 
the line this must be considered an unexpectedly good 
result. 

The number of secondary breakdowns, causing a 
cross short circuit to some other part of the system is, 
as seen from Table V, still undesirably large. It is to 
the credit of the ground selector, however, that only 
one of these cross short circuits actually caused a per¬ 
manent insulation damage. All other cross short 
circuits were harmless flashov^s traceable to asbestos 
mining districts caused by insulators whose flashover 
had been reduced by a combination of broken skirts 
from blasting and asbestos dust coating having become 
moist from fog or slight rain. Considerable troublefrom 
flashovers in this district is experienced under normal 
voltage conditions and it is well known that sometimes 
insulators may be on the system unobserved which may 
barely be able to resist the normal operating voltage; 


so that the least voltage disturbance will cause the 
insulators to flashover. 

The large number of cross short circuits is therefore 
less an indication of a weakness of the ground selector 
in that respect than a weakness in the insulation of the 
system at these points and has to be remedied by in¬ 
creasing the local safety factor of flashover even under 
conditions of broken skirts. 

The operating results of this system indicate, similar 
to the Toronto system, the ability of the ground selector 
to avoid secondary breakdowns, as long as the system 
has only fair insulation, and to provide sufficient current 
to effectively clear faulty lines. 

Conclusion 

The operating results show conclusively that the 
ground selector will improve the ungrounded system to 
the same state of perfection as claimed for the grounded 
system without having to resort to an artificial ground¬ 
ing method. 

The operating results show that the ground selector 
prevents permanent secondary breakdowns and permits 
clearance of grounded lines as effectively as the grounded 
system. Besides this, the ungrounded system retains 
the advantage of less numerous voltage disturbances 
and partial interruptions and the flexibility of permis¬ 
sible transformer connections. 

The ungrounded system, combined with ground 
selector and equipped with an effective relay protection 
should prove therefore advantageous compared with 
the grounded system, at least as far as large distributing 
systems are concerned and for voltages, not exceeding 
60,000-volts. 

This conclusion does not necessarily apply to parallel 
trunk lines where grounded neutral at both ends may 
prove cheapest and best. 

It also does not apply to any system exceeding 60,000- 
volts since the complication and cost may become 
excessive. 

Each individual case, of course, will have to be studied 
on its own merits to arrive at a conclusion of the most 
desirable arrangement. 

Discussion 

For discussion of this paper see page 532. 
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Review of the Subject.—This pape7' describes a new rday 
for automatically sectionalizing transmission lines, similar to 
existing relays in many respects, hut equipped with “brains” so that 
it can determine the location of the trouble and govern its operation 
accordingly. For dead short circuit its time of operation is pro¬ 
portional to the distance from the shoi't circuit so that when it is used 
the circuit breaker nearest to the trouble always trips out first. When 
applied to any system it is adjusted to fit the particular length of line 
which it controls and no change in this setting need ever be made due 
to operating conditions on the remainder of the system. 

Its discrimination is obtained by a time limit which varies directly 
as the voltage and inversely as the current existing during the trouble. 
It has the incidental advantage that since the circuit breaker nearest 
to the trouble is opened first, the final breaker to open is the one 


having the longer section of line in series with it to limit the current 
and therefore decrease the duly required of the circuit breaker. 
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A Relay Which Determines Its Own Time op 

Operation 

T his is a new device, which when trouble occurs, 
makes a calculation to determine its location. 
If the trouble is close to the switching point at 
which the relay is situated, the relay will operate quickly 
to disconnect the disabled section. If, however, the 
trouble is a long way off, the relay will operate slowly in 
order to allow any other relay which might be nearer to 
the trouble to act first. 

Because this device adjusts its time of operation to 
suit the location of the trouble, it will operate on the 
most complicated sort of network; in fact, the more 
complicated the network, the more favorable are the 
conditions for its correct operation. In the past, 
re^onably satisfactory sectionalizing has been ob¬ 
tained by means of over-current and directional relays 
equipped with time limit features. The general scheme 
of operation has been to adjust the relays farthest from 
the power house with a short time limit and to increase 
this time limit on those relays which are located nearer 
to the power station. On a complicated system this 
is rather difficult and in some cases impossible, for 
instance, in the case of tie lines between two generating 
stations. 

The Basis op Calculation 

In determining the distance, the relay makes use of 
Ohm’s law and bases its calculation upon the value of 
the current and voltage existing at the time of the short 
^rcuit. A simple form of distance relay is shown in 
^g. 1 wherein a current coil is shown arranged to close 
6 relay contacts while a voltage coil is so arranged 
that, as long as voltage is applied, it will tend to over- 
power t he current coil and prevent the contacts from 
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being closed. These two coils are proportionate so that 
on the particular section of line to which they are ap¬ 
plied the current coil will just overpower the voltage 
coil when a short circuit occurs at the far end of the 
section. If a short circuit should occur in the next 
section, the voltage across the potential coil of the relay 
will be higher and will thus prevent it from operating, 
whereas, if the trouble is within that section of line and 
close to the relay, the voltage will be lower and the 
relay’s action, therefore, more positive. With trouble 



Pig. 1—Part op a Network Showing a Single Section 
OP Line and an Elementary Distance Relay 

One defect Is that it cannot distinguish between a short circuit at A and 
one at B. 

immediately at the relay, the voltage will of course be 
zero and, therefore, the voltage coil will offer no opposi¬ 
tion to the operation of the current coil. Another way 
of looking at this simple relay is to assume that the two 
coils are balanced against each other and that the cir¬ 
cuit is divided into two branches, one branch going 
through the voltage coil having a fixed resistance and, 
therefore, taking a current which is proportional to the 
voltage^ and the other branch consisting of the current 
coil in series with the section of line. This latter branch 
is of variable resistance depending upon the location of 
the short circuit and the coils are So designed that the 
current coil will just overbalance the voltage coil ^hen; 
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the resistance is its maximum. Therefore, when the 
short circuit is beyond that section of line, i. e., when the 
resistance of that particular branch becomes greater 
than that required to balance the relay, the relay will 
not operate. On the other hand, when the resistance is 
less than that of the full section of line, i. e., when the 
short circuit is closer to the relay, the unbalance will be 
still more pronounced and the relay action more posi¬ 
tive. 

The simple relay mentioned in the preceding para¬ 
graph has two obvious defects. First, it will not work 
properly if the short circuit should in itself have some 
resistance, which resistance, being an unloiown factor, 
would be difficult to take into account. Second, it is 
unable to properly discriminate in case of trouble occur¬ 
ring close to the substation at the other end of the sec¬ 
tion, i. e., the relay cannot tell whether the trouble 
occurs at A or B. This simple relay would furthermore 
be unable to cleai’ trouble in a distant section which for 
some reason had not been cleared by the proper circuit 
breakers on that section. 

The remedy for all these defects is simple; design the 
relay so that when the trouble is close, it will operate 
instantaneously, but when the trouble is some distance 
away it will operate slowly so as to allow any relay which 
is nearer to the trouble to act. 


Similarly, if voltage is applied to the restraining coil, 
its pull will prevent the contacts from being closed until 
the spring has been tightened up sufficiently to ovei’come 
it and since the motion of the disk is damped, this will 
require some time. 

Mathematical Principle 

It is evident that for a given voltage on the voltage 
coil the spring must be tightened to a certain definite 
point before the pull of the voltage coil can be overcome 
and, therefore, if the voltage is maintained constant the 
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Pia. 3 —Distance Relay Type C Z 


Mechanical Principle 

The principle of the time-limit distance relay is 
shown schematically in Fig, 2. This relay is of the 
induction type, the disk being rotated by the current 
coil whenever the current reaches sufficient magnitude, 
—^the movement of the disk being damped by the 



pennanent magnet so that its speed is roughly propor¬ 
tional to the current. The movement of this disk does 
not directly close the contacts but instead it tightens a 
spiral spring. On the other end of this spring is fas¬ 
tened a lever which is pivoted at the center and which 
has the contacts on one end and the core of the voltage 
coil on the other. This voltage coil is so arranged that 
it opposes the cloring of the con^cts. When in the 
neutral position aU parts of the relay are nicely balanced 
so that if there is no voltage On the voltage coil a very 
slight movement of the disk will close the contacts. 


time required for the relay to close its contacts will vary 
Inversely as the current, or stated mathematically: 

T varies as l/I 

Similarly if the current is maintained constant with 
a resulting constant speed of the disk, the time required 
for the contacts to close will vary directly as the voltage, 
or stated mathematically: 

T varies as E 

Combining these two we have 

T = E/I = Z = distance 

Important Details op Design 

The principle which has just been described is exceed¬ 
ingly simple but the actual design of the relay was quite 
difficult, principally because of the requirements that, 
during time of trouble, it must discriminate between 
different voltages of very small value, whereas, during 
normal operation, the voltage coil must be able to with¬ 
stand full voltage continuously. Part of the method 
of overcoming this trouble has been to cast cooling ribs 
on the case containing the potential coil, as shown in 
the accompanying photograph and the schematic view. 
Fig. 3, This loss is only about 8 watts but it is gener¬ 
ated in a coil no larger than an ordinary spool of thread. 
As a result of this design, the voltage coil will discrimi¬ 
nate quite positively between zero voltage and 6 per 
cent of normal voltage. At first, difficulty was en¬ 
countered due to the effect of residual magnetism when 
..suddenly reducing the voltage from normal tp a small 
value, but this has been overcome by using a core of a 
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9, trouble should occur at X. the relay at A should 
operate in, say, 0.1 second. The circuit breaker m\\ 
require about 0,25 second to open, the total time 
required to clear the short circuit being 0.35 second. 
Now the relay at B should have sufficient time delay so 
that it will not close its contacts before the breaker at 
A has had a chance to open (0.35 sec.). If we double 
this time in order to allow an ample margin of safety, we 
will then have a reasonable setting for the relay at B. 
Therefore, we have drawn the dash line across Fig. 8 
to indicate the maximum time which should be required 
to operate any relay. This is the extreme case; the 
average short circuit will be cleared in considerably less 
time. This difference in time between adjacent stations 
is of course due to the difference in voltage between 
them. With the present design of relay the difference 
in voltage between two consecutive stations carrying 
the same trouble current must be at least 5 per cent in 
order to secure proper discrimination. 

All of the preceding argument is based upon the 
assumption that trouble always consists of “dead” short 
circuits which the writer believes to be the case. If we 



Fig. 9 


assume that a high-resistance short circuit exists, it 
will increase the time of operation of the relay but this 
is not particularly serious because this resistance will 
also cut down the value of the current so that the shock 
to the system is not so great and can be withstood for a 
longer time. 

Adjustments 

Consider curve B in Fig. 8 which has been plotted 
from the relay characteristics given in Fig. 7-, and assume 
that the ampere turns on the current coil are reduced to 
one half. Therefore, with our assumed current, the 
disk will rotate at half speed which will alloysr the voltage 
to be reduced to half its value in order that the relay 
may operate in the same length of time. In other words 
by reducing the ampere turns on the current coil to one 
half we can,reduce the distance by an equal amount, 
thus giving a curve D. Similarly by again halving the 
number of turns, curve E can be obtained. Similarly 


the other curves in the group are obtained by means of 
taps on the current coil. 

Suppose the section of line to which we wish to apply 
this relay is so long that the adjustment shown on curve 
B is unsatisfactory. We leave the current adjustment 
as it is and place sufficient resistance in series with the 
potential coil so that its current is cut to half its original 
value. Therefore, in order that the pull on the coil 
shall be the same with a consequent equal time of 
operation, it will be necessary to double the voltage, 
which can only be done by doubling the length of the 
section of line. Thus, we get curve B' and similarily 
by again doubling the resistance of the potential circuit 
we double the distance and obtain B”. The other 
curves can be similarly extended so that adjustments 
can be made which are suitable to intermediate length 
of line section. It is thus seen that by two very simple 
adjustments the relay can be set to work properly on 
sections of lines whose length vary as much as 40 to 1. 

Method op Setting Relay 

The unit of distance shown in Fig. 8 depends upon 
the size of the conductor, the spacing between them and 
the voltage of the system, all of which must be taken 
into account when setting the relay. It is also neces¬ 
sary to consider the ratio of the potential and current 
transformers, so that the total possible number of 
combinations is enormous, and in order to make the 
task of adjusting relays an easy one, it is important that 
the manufacturer of the device furnish curves or tables 
for systems of various voltages and various sizes of 
conductor showing the distances corresponding to the 
different relay settings. When the data are arranged in 
this way the problem of setting the relays is an easy one, 
it being necessary only to determine the distance be¬ 
tween the switching stations to which the relay is to be 
applied and picldng off the proper relay setting from the 
table. As a rule no calculations are necessary, although 
it may be occasionally advisable to make a rough check 
of the short-circuit current available in order to make 
sure that there will be sufficient current to operate the 
relay. Long and laborious calculations of the short- 
circuit currents available at all points of the system are 
certainly unnecessary. Likewise,- it will not be neces¬ 
sary to determine the short-circuit current by means of 
calculating tables and similar devices. 

Its Use on Grounded Neutral Systems 

When a short circuit occurs between two wires on a 
3-phase system, the potential coil of the relay must, of 
course, be supplied with delta potential so that it can 
make its proper determination of the distance. On the 
other hand, it should be supplied with star voltage when 
a short circuit occurs between one wire and ground on a 
system having a dead grounded neutral. It, therefore, 
appears that two sets of relays should be used on such a 
system, one to clear short circuits between wires and 
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the other to clear grounds. On a system having its 
neutral grounded through a resistance, other relay 
schemes must be used to clear grounded conductors. 

The Directional Element 

In addition to the distance determining element 
which has been described this relay will usually require 
a directional element in order to definitely locate the 
direction of the trouble as well as its distance away. 
For example in Fig. 9, which represents a rather simple 
distribution system, it is quite evident that if trouble 
should occur at 7, both relay C and relay D at sub¬ 
station N would- have the same current and voltage 
actuating them so that they would both try to open 
their circuit breakers. In order to prevent such 
improper operation, each relay should be equipped with 
a directional element which has its contacts in series 
with the distance contacts and acts as a sort of “check 
valve” to prevent the relay from operating when power 
is flowing toward the bus bars. Therefore, in the figure 
relays B and D are each shown equipped with directional 



Fig. 10— C Z Relay Elementary Diagram 

element so connected that they will allow their respect¬ 
ive relays^to operate only when power is flowing away 
from the bus bars. Similarly the relays at substation 
M and in fact the relays on all the substations around 
the loop should be equipped with directional elements 
as shown. Of^course directional elements are not 
necessary at the generating station and at other points 
where power can flow only in one direction. 

This directional element is similar to che one which 
has been used so successfully for the past 8 or 10 years 
and consists of a very sensitive watt-indicating device 
without mech^ical restraint of any nature and so 
sensitive that it will operate under the most extreme 
po^ible conditions of low voltages on the system. 
This directional element will easily discriminate on 1 
per cent of normal voltage if the short-circuit current 
through the relay is, say, 5 or 6 times normal. This 
condition is easily obtained during short circuit; in fact 
It is unusual to have the voltage drop to as low a value 
as 1 per cent of normal. 


In Fig. 10 is shown a complete diagram of internal 
connection of the distance relay including the direc¬ 
tional element and the adjusting taps. It should be 
noted that during normal conditions on the system a 
large number of the directional elements will have their 
contacts closed, but this is a matter of no importance 
because the cooperation of the distance element is 
necessary before a circuit breaker can be tripped. 
Therefore, the question of normal direction of power 
flow has nothing whatever to do with the setting or 
adjustment of the relay. 

Method of Connecting Relay in the Circuit 

The experimental work which has finally resulted in 
the production of this relay was begun quite a number of 
years ago and one of the earliest fruits of the work was 
the startling discovery that the directional element 
cannot be connected in the circuit as though it were an 
ordinary wattmeter intended to measure power con¬ 
sumption. Although the problem was quite baffling 
at first, it was found that there were several easy solu¬ 
tions, the best one being to connect the current coil of 
the directional element so that it utilizes the star cur¬ 
rent (the current in the line wire) and connect the 
potential coil so that it uses the delta voltage of the 
system having a phase relation 30 deg. behind the 
current. This scheme has been successfully used for a 
number of years on the present type of directional 
overcurrent time-limit relay and it is usually assumed 
that this lag in the voltage circuit is for the purpose of 
enabling the watt element to work under a little better 
power factor condition when the current lags due to the 
low power factor of a highly inductive short circuit. 
While this is, of course, an advantage, the principal 
reason for using the connection is that it prevents im¬ 
proper operation of the relays under badly unbalanced 
conditions such as will always occur when only two 
wires of a 3-phase circuit are short-circuited. For 
example if the two coils of the relay should make use 
of the star current and star voltage of the circuit, it 
would be theoretically possible to have short circuits of 
such a nature that the current in the relay would, in 
effect, lag 180 deg, behind the voltage so that the relay 
would operate in the opposite direction from what it 
should do. 

In order to more thoroughly investigate this subject 
and check some of the theories, an elaborate 3-phase 
artificial transmission line was constructed. This part 
of the work is described in a paper on the artificial 
transmission line presented before the A. I. E. E., by 
Mr. George H. Gray, in 1917. The conditions which 
exist at numerous points of a large transmission system, 
during almost every conceivable kind of ground and 
short circuit were studied and clarified in a number of 
diagrams and charts which makes the subject easily 
understood. It is, therefore, unnecessary to discuss 
the subject in this paper. 
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Advantage op the Distance Relay 

All dead short circuits will be cleared within one 
second and the majority of them in considerably less 
time. 

Trouble will be cleared with equal rapidity from all 
parts of the system. 

The breaker furthest from the trouble opens last, 
thus insuring the insertion of considerable impedance 
in the path of the short circuit before finally interrupting 
it. This reduces the strain on the breaker, and, in 
effect, converts every breaker on the system into a 
“resistance type” breaker. 

It does not require an excessive amount of mathe¬ 
matical calculations when applying it to the distribu¬ 
tion systems. 

Conclusion 

Although the distance relay as described in this paper 
is a new idea, it can hardly be said to be entirely un¬ 
tried because its use does not involve a large number of 
new mechanical devices or new electrical connections. 
The induction type of protective relay has been thor¬ 
oughly tried out and found to give excellent service. 
The directional element has given the same good service 
and likewise the method of connecting it into the circuit 
has been thoroughly approved by years of experience. 
In effect, the well known directional time-element over¬ 
current relay has been taken and been given sufficient 
“brains” to enable it to determine what time limits it 
should have in its particular location. 


Discussion 

SELECTIVE RELAY SYSTEM OF THE 66,000-VOLT 
RING OF THE DUQUE3NE LIGHT COMPANY 

(Sleeper); 

GROUND SELECTOR FOR UNGROUNDED THREE- 
PHASE DISTRIBUTION SYSTEMS 

(Ackerman) ; 

THE DISTANCE RELAY FOR AUTOMATICALLY 
SECTIONALIZING ELECTRICAL NET WORKS 

(Crichton) ; 

Pittsburgh, Pa., April 25,1923. 

R. N. Conwellt Mr. Sleeper’s paper gives an example of 
one of the methods of determining whether relays are correctly 
set for selective operation. There is another method, that of 
keeping accurate records of relay operations in service, which 
.vill give equally good results but these are not obtained as 
promptly as by applying actual short-circuit tests. The ex¬ 
pense, however, is much less and it is the only method applicable 
to those systems in which the transmission cannot be taken 
oiit of service for tests. Both methods must be preceded and 
followed by the same careful analytical study which Mr. Sleeper 
has given to his problem. 

I regret that Mr. Ackerman has brought into the subject of 
relay protection the item of interference to signal systems. 
The two are separate and distinct problems and I feel sure that 
^y system of relay protection installed on a power supply lirta 
as a reaiedial measure in a case of inductive interference will 
be an entirely d^erent relay system from that installed solely 
to isolate defective apparatus or transihission lines. The s6ale 
of fundamental limiting factors of time, current and voltage in 
tile two problems are in the ratio of 10 or 100 to 1. Further¬ 


more, Mr. Ackerman’s paper brings up the old question of 
grounded versus ungrounded systems from both the system 
protection and interference points of view. From a purely 
power system point of view, I believe there is little doubt as to 
the desirability or even necessity of grounding. Inasmuch as 
Mr. Ackerman’s device may be considered as a Creighton are 
suppressor with the high-tension phases crossed, the reduction 
in interference claimed for the device is not apparent, for the 
occurrence of a single-phase fault to ground in an ungrouoded 
system results in the device operating to ground another phase 
and permitting the cuiTent required to operate the relays to 
flow through the gi-ound between the fault and the ground 
established by the device. The condition therefore, is not 
unlike that found in a grounded neutral system when considered 
from the interference point of view. 

The relay which Mr. Creighton has shown will All a long felt 
need. The continual increase in the number of substations to 
be supplied from a transmission network has forced the use of 
long time settings, if arrangements could not be made for 
parallel line protection. The troubles and hazards incident to 
the use of long time settings in such cases will now lie obidated 
by the use of the “Distance Relay.’’ 

P. Ackerman: I have been interested to heai* the paper by 
Mr. Crichton, chiefly because I have been working on a similar 
principle, such scheme being in operation on one of the Shawini- 
gan Water & Power Go’s, systems for about three years. My 
scheme has been described in a paper read before the Engineering 
Institute of Canada and published in the Journal of the E. I. C. 
in the December 1922 issue. 

The only thing common to the distance relay of Mr. Crichton 
and the one used on the Shawinigan System is the underlying 
idea of using the potential for restraining the tripping tendency 
of the current unless the voltage is very lov'. With respect to 
the detail* consideration of obtaining selective action of switches 
located in series to each other the two schemes are widely diver¬ 
gent. This is apparently due to the fact that the two schemes 
were developed with entirely different ends in view, probably 
because of the difference of the systems. 

Mr. Crichton gave primary consideration to the desire of 
obtaining a relay which was not limited in its active distance 
range, so as to obtain a standby protection for switches located 
in series to each other. He thus conceived of the distance-time 
relay wherein the tripping time was an approximate function of 
the distance to the short-circuit point. He obtained this feature 
by cleverly combining the voltage restraining element with a 
time-limit overload relay. 

I, on my part, was anxious to obtain primarily instantaneous 
protection over the largest possible portion of a line so as to 
reduce the damage to tlie line and the disturbance to the system, 
the lattOT consisting largely of synchronous motor load. I was 
also desirous of obtaining a protection which could be success¬ 
fully applied to the generators. In view of the above, I found 
it desirable to keep the functions of the a-o. relay and the select¬ 
ive time-limit feature separate. 

As shown in Fig. 1 I used a balanced beam with a current 
solenoid at one end and a potential solenoid at the other end. 
The balance between current and potential solenoids can be 
adjusted for any desired active distance range. Thus a relay 
can be adjusted to be effective to the end of a line, but not 
beyond. Such relay will not have to be selective with any 
other switch and in consequence can be made instantaneous. 

A second set of relays is adjusted to have an active distance 
range beyond the substation, thus obtaining a protection for 
substation shorts. If this latter set of relays was made instan¬ 
taneous it would become iion-selective with the protection of the 
feeder ahead. In order to assure time selective action, there¬ 
fore, this latter set of relays is arranged to trip the oil switch 
through a deflnite time relay instead of directly. 

Fig. 2 illustrates the difference in time curves obtained by the 
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I would not necessarily accept the conclusions as outlined 
here—that the ground selector system is a most advantageous 
one from the standpoint of inductive coordination—^without 
having the theory developed and supported by something in the 
way of operating data. 

E, A. Hester: Mr. Sleeper says that in order to get credit for 
effective relay operation it is necessary to get it when the relays 
are installed and before they are called upon to operate. That 
is to say, in effect, that the relays thereafter are usually blamed 
for any failure of lines or apparatus to clear, or for faulty se¬ 
quence of operation. Unfortunately, that is true in a great 
many companies even at the present time, although there is a 
tendency toward a more thorough investigation of trouble, 
which in a great many cases absolves the relays from blame and 
attaches it to faulty application, or to the failure of other ap¬ 
paratus. In any case, it is the duty of the protection or relay 
engineer to draw the attention of his organization to successful 
relay operations. Attention is automatically drawn to un¬ 
successful operations, which quite often gives executives and 
others not so closely in touch with the actual operation a wrong 
impression. It is very interesting to note that a great many 
companies are establishing a bureau which takes care of pro¬ 
tection alone. This is a very encouraging sign and it is to be 
hoped that these bureaus, by making careful analysis of relay 
operations and of interruption reports, will give the protective 
relays a reputation, which is rightfully theu-s, of apparatus, 
which when correctly applied, is almost unequaled in precision 
of operation. 

In this connection it may also be mentioned that the American 
Institute of Electrical Engineers and the National Electric 
Light Association both have Relay Subcommittees engaged in 
the preparation of a relay handbook. This should also do its 
share in preventing wrong applications with resultant faulty 
operation. 

I should like to bring out one point with reference to Mr. 
Crichton’s paper and Mr. Ackerman’s discussion, i.e., that this 
principle of “voltage restraint,” as it was once called, has been 
successfully used by an operating company before the apparatus 
described in this paper and discussion was, produced. Several 
years ago the West Penn Power Company tried out a scheme in 
which they locked the circuit brealter mechanism for voltages 
above a predetermined percentage. I believe Mr. Crichton 
was somewhat interested in this application. The scheme 
worked out very weU for a while on this system, which had very 
long lines and relatively few stations scattered over a large ter¬ 
ritory. The scheme and its operation have been described in 
other papers presented before the Institute, both at Lake Placid, 
New York, in 1919 and in Niagara Falls, Ontario, in 1922. 

H. A. P, Lan^stail: Mr. Hester has referred to the voltage 
restraining relay on the West Penn System. This installation 
was made several years ago when the West Penn System was 
comprised mostly of radial feeders, and under this condition, 
operation was quite reliable. As the system grew and additional 
loops as weU^ as generating stations were added, it was found 
advisable to install a more up-to-date type of relay, and as this 
installation was being made on part of the system, operation 
seemed to drift toward other sections of the system where the 
voltage restraining relay was still in service. 

This feature brought out a very important point, which was 
brought quite forcibly to our attention, in connection with all 
sw:itoh operation analyses; i.e., the re-equippiiig of a system as 
large as the West Penn with new relays. The work should be 
complete as soon as possible. In our particular case we found 
that the new relays, we might say, dammed up the operations 
in the new relayed section and diverted them to the remainder 
of the system. 

In connection with the new impedance relay, we are wondering 
whether or not Mr. Crichton is going to allow us a royalty on 
the original idea. 


We found the that time element of the West Penn voltage re¬ 
straining relay was entirely too speedy, and we found that the 
addition of a time delay relay materially improved the selective 
operation. Twelve stations were equipped with this time 
element relay within one month’s time, thereby enabling us to 
materially rearrange the operating scheme of dividing the system 
into three parts previous to storms, and remaining in parallel, 
which greatly reduced the number of intaTuptions. 

There is one point which I would like to mention in connection 
with balance protection, which needs to be guarded against, 
and that is when one tie-line is out of service for repairs or in 
case of trouble, the remaining lines should have a sufficiently 
high setting to prevent an incorrect operation due to trouble 
on some foreign section. It is quite possible that a radial 
feeder out of a substation might have a considerably higher 
setting than the tie-line which is left in service. 

Another point which has not been mentioned is that wherever 
more than one type of relay is used to control the one breaker, 
some form of indicator should be installed to show which relay 
was the cause of the switch operation. I believe this feature 
should be made standard equipment with all relays. This has 
a very important bearing on the setting of the relays, especially 
p'ound relays, which are more or less difficult to figure unless 
it is possible to carry out a schedule of experiments similar to 
those mentioned in Mr. Sleeper’s paper. The winter has de¬ 
veloped, and we now have in operation, about 25 indicators 
which give an audible as well as a visual alann, and also has a 
Veeder counter which actually automatically records the total 
number of relay operations. This acts as a guide to the station 
attendant, and gives him a check on his switching equipment. 

There is also another pomt which has not been mentioned in 
any of the papers or discussions, and that is the advisability of 
testing all relays in the laboratory. This question has been 
under consideration by us for some time, and we have not yet 
found this to be advisable. In the last two years we have in¬ 
stalled approximately 600 relays and not more than 10 of these 
have been in our laboratory. All shipments are made direct 
fvom the factory to the job, installed on panels and given more 
or less of a laboratory test, and the settings made directly with 
the relays in position. Our percentage of failures has been 
exceptionally low. 

Before starting on our relay program, the question of source 
of tripping current was very thoroughly investigated, and it was 
finally decided to use 12-volt storage batteries and vibrating 
rectifiers, adjusted to give a continuous trickling charge. We 
now have 15 of these installations in operation. Of course, aU 
breakers are equipped with 12-volt, 5-ampere trip coils and the 
plunger in this is set approximately one-half its distance up iu 
the coil in such a way that the coil will actually operate on six 
volts. 

During the last two years I know of no failure which can be 
attributed to this low-voltage service. We have had one case of 
complete failure, due to the blowing of a main line d-c. fuse, 
making all switches in this one station non-automatic, but this 
condition would have applied, regardless of the d-c. voltage. 

Ghas. McL. Moss: The difficulty of any system of balance 
relay protection is inherently the number of cross connections 
required between the current transformers of the two hues. 

I think you probably have not used them. Even in the dia¬ 
grams we have had shown us, the connections are somewhat 
complicated and Mr. Sleeper admits that he left out some of 
them. The complications are further increased if there are 
more than two lines. 

He has pointed out the necessity of operating lines in pairs, 
but has neglected to state that the Duquesne Light Company 
ran into some difficulties at some points where they, had four 
lines, and if you try to pair four lines, and use all possible com¬ 
binations the necessary complications cause it to fall down by 
its own weight, so they wisely abandoned it. 
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The meat of Mr. Crichton’s paper was in his first few words, 
in Avhieh he stated that the distance relay was essentially a 
“self-setting” relay. We all know that we can set up any 
predetermined line conditions and can pack relays on that line 
and give the proper time setting, directional settings, current 
settings, to take care of any difficult conditions we can impose. 
Somebody comes along and puts on additional stations, involving 
more time settings. Instead of having normally multiple lines, 
we have single line operation and then in order to maintain our 
full protection we must reset the relays or limp along on a 
partially automatic protective scheme. 

Mr. Ackerman, in pointing out the disadvantages of the 
grounded systems, brings out in a great many places in his 
tabulation the disadvantages of a grounded system due to 
transient grounds always interrupting the service. It appears 
to me that that difficulty should not be given so much impor¬ 
tance because in any large system of today supplying any im¬ 
portant service, we practically always maintain that over 
duplicate feeds because outside of normal maintenance we may 
get other faults besides grounds. With a grounded system with 
adequate relaying, we can clear a fault immediately, maintaining 
the service over the other lines. He also brings up in his tabu¬ 
lation the difficulty of grounded neutral system, due to the 
requirement of star-star transformers tliroughout, thus requiring 
tertiary windings. In a large number of systems where we 
have both the high and low-tension grounded, that is very simply 
and economically avoided by proper combinations of Y-delta 
transformers, making the tertiary unnecessary, 

O. C. Traver* Mr. Sleeper makes a specification that single 
line operation must be possible, preferably without additional 
relays over the number required for parallel line operation. 
That is very laudable, but at the same time, there is one difficulty, 
in that without additional relays, it would take the same time 
to clear a short whether you have parallel line operation or 
single line operation. The single line must have enough time to 
allow others to clear. Therefore, the 1.2 seconds time mentioned 
by the author would be necessary to clear a fault in any case. 

You have noticed in the moving pictures just shown that the 
arc developed first very small, and very rapidly swung across 
the screen out of the range of the picture. That is the sort of 
thing that makes trouble many times. It is the sort of thing 
I believe it is wise to steer clear of. Acoordmgly I think two 
sets of relays in most cases are more than justified, if you can 
prevent an arc from swinging into a phase-to-phase. or three- 
phase fault. To secure the desired result you would use relays 
of the same general type as Mr. Sleeper has described, b\it two 
sets of them, the first set would be as nearly instantaneous as 
possible; the second coming into play automatically only after 
one line has gone. There is no material complication and the 
scheme works out very nicely. 

I h^ve seen a test similar to the one shown here on the screen, 
an arc started by a fuse, across a 110,000-volt circuit, with the 
full power of a large system back of it, and I was very much 
disappointed and greatly surprised because I expected to see 
some real honest-to-^oodness fireworks and didn’t get them. 
There was a ball of fire about the middle of the fuse and that 
ball never moved out of its tracks simply because the breaker 
was protected by an instantaneous relay. Although the wind 
was blowmg at a good rate the arc had no tiine to move over and 
involve the other phiases. For that reason, I am very much in 
favor of usmg as quick a time as can be had for parallel operation, 
and then automatically introducing a longer time for the remain¬ 
ing' single-line operation. You usually secure an additional 
advantage through time grading making it possible to care for 
more than one line out of service at the same moment. It may 
not happen very often that you need to care for a condition like 
that, but it does happen som^tim^s, and this arrangement w'ill 
give you entire control under all conditions. 

Passing now to Mr. Ackerman’s paper: He states at the 


start that his particular circumstances were such that grounding, 
either by changing to star-connected transformers or by provid¬ 
ing an artificial grounding scheme, was not readily possible. 
He, therefore, hit upon a very clever scheme of taking care of 
the situation which was apparently troublesome. He put on 
something and that something worked. I cannot quite agree, 
however, with his conclusions as applied to the general case. 

Mr. Crichton has demonstrated a mighty interesting relay. 
The pioneer work of the West Penn Company and Mr. Acker¬ 
man’s installation have already been referred to. The earliest 
reference to this principle, of which I am aware, is contained in 
a German patent issued about 16 years ago. Since this time 
the difficulty, as it appeared to some of us, has been that poten¬ 
tial connections are required, and a double set at that, to care 
for both phase-to-phase faults and faults to ground. The 
usefulness of the scheme when properly applied cannot be doubted 
although any universal tise is seriously questioned. 

Some time ago the General Electric Company developed 
what was called an “overload-undervoltage relay” but due to 
the above mentioned difficulties the time was not considered 
ripe for exploitation. The characteristics are about the same 
as for the relay described by Mr. Crichton though the method 
of secmiug them was very different. This relaj' also consisted 
of two elements but instead of a direct mechanical connection, 
the two elements worked independently. One of these w^as a 
voltage element and the other was an induction over-current 
relay of standard construction. The net action of the combina¬ 
tion was that the voltage element automatically varied the time 
setting of the over-current relay. 

L. P. Ferris: Mr. Ackerman has refeired in several places 
to the matter of inductive interference, as have also two of the 
previous speakers in discussing his paper. In a comparison of 
the grounded neutral system, and the isolated system, it is well 
to differentiate sharply between the situation under steady 
state or normal operating conditions and the situation under 
abnormal conditions as of short circuit. 

In Mr. Ackerman’s Table 1, reference No. 4, operating con¬ 
ditions normal, he brings out a recognized difference between 
the grounded neutral system and the system operated without 
ground connection. In the first wo have a source of residual 
current and voltage which is not present in the isolated system, 
so I believe he is correct in stating that the isolated system has 
the advantage from that standpoint. 

In reference 13, condition of a ground on one wire, Mr. Acker¬ 
man draws no conclusions as to which system is the more ad¬ 
vantageous. He states in reference to the ungrounded system 
that the short-circuit will have the same serious effect as in the 
case of the grounded system. That, I think, should be qualified 
because with Mr. Ackerman’s scheme he grounds a phase which 
is not normally grounded, producing a phase-to-phase short 
circuit through the ground. Now, if the two grounded points 
and line between them embrace the parallel, you have a phase- 
to-phase short circuit completed through the ground which may 
give a more severe condition than the grounded neutral system, 
but that will depend to some extent upon the amount of resist¬ 
ance which Mr. Ackerman uses. If that resistance is small I 
should expect the grounded neutral system to have the 
advantage. 

In reference No. 14 I believe Mr. Ackerman’s conclusion is 
that the two systems stand on a par, and this is substantially 
correct. 

In reference No. 15,1 think the statement that the ungrounded 
system gives a metallic short circuit and neutralizes interference 
should be made conditional on the grounds on the two phases 
occurring bn the same side of the parallel. If the grounds are 
on opposite sides of the parallel, you will have the condition of 
a phase-to-phase short circuit embracing the parallel and, of 
course, you wiU get induced voltages. 

In reference No. 19: Mr, Ackerman olmms. as an advantage 
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Review of the Subject.—A general survey is presented of the 
nature and distribution of failures and interruptions due to light-' 
ning upon the circuits of a large city supply system. Recommenda-' 
tions are given for improving conditions without specifying particular 
makes of arresters, in recognition of the fact that a considerable 
number of different types is proving adequate to meet the conditions 
imposed upon them on the moderate voltage systems under con¬ 
sideration. The subject is treated under three principal divisions', 
isi. Troubles on 116-230 voU distribvlion circuits. 2nd. The 2300 
volt circuits, and 3rd. The 13,200 volt circuits. It is shown that 
line failures on the low-voltage circuits are so infrequent as to be 
practically negligible, and that the blowing of fuses and injuries to 
other parts of the equipment on customer's premises are infrequent 
except in the case of house meters. A considerable number of meter 
bum outs are recorded, and it is shown that trouble from this source 
increases with the length of the secondary circuit. To guard against 
future trouble, especially as secondary networks are developed, it is 
recommended that a simple spark gap or other equivalent type of 
arrester be installed at the customer's premises as a part of the 
equipment in his service box. For the 2300 volt circuits, it is found 


that lines which run over high ground and open country are more 
exposed to transformer burn outs and the blowing of transformer 
fuses than lines in the built-up sections where buildings screen the 
circuit. Also, that the amount of damage to the exposed lines 
decreases as the number of arresters increases and that a transformer 
directly protected by an arrester is in a very large measure guaranteed 
against complete breakdown and to a less extent against the blowing 
of its fuses from lightning. Also, that the effectiveness of this pro¬ 
tection is decreased with high resistance in the ground connection. 
Finally, for the 13,200-volt aerial circuits, it is shown that on lines 
at a considerable distance from generating points most of the damage 
from lightning is in insulator breakages and without interruption to 
service, but where line reactance is not sufficient to prevent flow of 
heavy dynamic current at the time of discharge, the conductor is often 
fused allowing the line to fall. To guard against these troubles, 
arresters should be distributed along the line at not more than two 
mile intervals and near generating stations the three arresters of a 
group should be mounted on successive poles and provided with 
independent ground connections. 

if ^ ^ ^ ‘Jt 


T he investigations which form the basis for this 
paper were made upon the Philadelphia Electric 
Company’s system during the summers of 1921 
and 1922. As lightning disturbances show so many 
eccentricities and as each storm has its own individ¬ 
uality both as to its path over the system and as to the 
intensity of its activity, it is necessary, in a study of this 
nature, to consider a great mass of data and at the same 
time analyze many individual cases, before any generali¬ 
zations can be made. 

The work was classified under three main divisions: 
I. The low-tension distribution system, mainly 115- 
230 volt, three-wire single-phase with neutral grounded. 

II. The main primary distribution system, 2300 
volts, three-wire two-phase ungrounded. 

III. The high-tension system, 13,200 volts, three- 
phase with neutral grounded at the generating stations 
only. 

1. Failures on the Low Tension System 

It will probably be rather generally conceded by 
distribution engineers that lightning troubles on the 
low-tension system are of comparatively infrequent 
occurrence and of a much less serious character than 
those on other parts of the system. It was thought 
best, however, in these investigations, to obtain some 
quantitative results from lightning failures on these 
low-voltage circuits; both for the lines themselves and 
for the apparatus upon the customer’s premises. 
Considering first-line failures, records were obtained for 
the storms occurring upon June 3rd and 10th, and July 
1st and 12th, 1922, which were found to be sufficiently 
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widespread and severe to be fairly typical. The line¬ 
mens’ reports upon circuit failures during these storms 
were, therefore, investigated, and it was found that they 
reported no insulator failures upon the low-voltage 
circuits and only three cases of low-voltage lines being 
down; one of these being due to a tree falling upon the 
circuit. On a system as extensive as the one under 
consideration this amount of injury could readily be 
passed over without further investigation. 

At first sight the record of failures upon customers’ 
premises did not offer a very encouraging field for analy¬ 
sis. The three classes of failures which might in some 
cases have been caused by lightning were the blowing 
of fuses, injuries to house fixtures and to meters. 
Monthly totals for each of these were recorded. If any 
considerable number of house fuses had been blown by 
lightning disturbances, this fact was completely masked 
by the large number blown by other causes. The totals 
ranged from 4000 to 5500 and were in some cases greater 
for winter months than during the lightning season. 
The number of injuries to house fixtures never reached 
150 per month and they were quite irregularly distri¬ 
buted. There was, however, distinct evidence that a 
majority of the meter bum outs might have been due 
to lightning as there was a large increase in the number 
of such failures during the summer months. More 
specific information regarding these failures was there¬ 
fore sought by obtaining a record of all meter repair 
orders issued on the days of the four storms referred to 
above, and upon the day following each storm. By this 
method a few meters might have been included which 
had not failed from lightning, but there could not have 
been enough of them to appreciably effect the results. 
Also, it was not possible to locate all of those which were 
638 
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necessary to rely upon the even where several services are run from one transformer 
nV ^ K ^ Reporting the trouble and if the house was the secondary circuits are shorter than those which pre- 
cAvvif til 4 =. ^ ’time, or if the failure did not interrupt the vail in the more congested districts. In order to check 
J tn nlf^ would not be detected until it was too this theory further the meters which failed during the 

late to aetermine with certainty the cause of the failure, storms mentioned above were identified with the circuits 
Oonsideration should first be given to the geogra- which served them, and, except for two questionable 
phical distribi^tion of these meter failures, especially in cases where the addresses were not clearly given, all of 
comparison with the disturbances which occurred on the the 105 failures were on circuits of approximately 1000 
primary circnits during the same storms, as shown from feet or more in length. 

the record of the blowing of transformer fuses. Both This investigation also brought out the fact that in 
of these classes of failures were located on a pin map, only two cases were meters which failed connected to 
but the comparison shows up more distinctly in Fig. 1, transformers on which the fuses were blown during the 
which gives th.e number of failures in parallel strips of same storm, and in no cases were such meters connected 
territory 2500 feet wide running across the city from to transformers which were burned out by lightning, 
east to west. The few failures which occurred in West Thus all the evidence points to the fact that the light- 
Philadelphia are not included as they were too scattered ning disturbances in the secondary circuits are not trans- 
to have any significance and by their omission a truer mitted from the primaries through the transformers, 
picture can be obtained of conditions in the central and but originate in the secondaries themselves and are 
southern portion of the city where underground distri- controlled largely by the length of these circuits, 
bution is largely employed. The losses occurred indiscriminately upon meters 

The most striking feature of this diagram is the coiiiiected to ungrounded circuits or circuits grounded 
comparative immunity from lightning troubles that is outside the premises or directly at the meter. No true 

perspective upon the protective value of these methods 
of connection was obtained, however, as the relative 
number of meters using each type of connection was not 
known. 

On a system containing over 240,000 meters a record 
of 105 failures during four of the most severe storms of 
the season does not appear very serious and yet, in view 
of the efforts that are constantly being made to mini¬ 
mize interruptions to service, it does seem as though 
these conditions might be improved. Possibly the 
correct solution is to provide heavier insulation for the 
meters, but it is questionable whether, if the meters 
cease to function as lightning arresters, more serious 
damage and even loss of life may not result from 
shown for the secondary circuits in the northern sec- lightning reaching the house circuits. Furthermore, as 
tiouvs of the system which comprise Tacony, German- the load density increases, the tendency is toward the 
town, Chestnxit Hill and the outlying territory. This use of longer secondaries which should ultimately lead 
is the more remarkable when it is known that in previous to the development of an interconnected system similar 
years the primary circuits in these sections had suffered to the Edison direct-current network. In that event, 
so severely tliat it had been necessary to provide much these records indicate that much more serious lightning 
more liberal lightning arrester protection there than in trouble may be expected. 

any other parts of the system. No such protection had It is known that on other systems a good deal of 
been found necessary for the secondary circuits. It trouble is being experienced from meter bum outs, but 
is evident, therefore, that mere geographical location the writer has been unable to obtain any data upon the 
within the area of maximum lightning disturbances is extent of such damage nor whether measures are being 
not the determining factor in causing failures in these taken to correct it. On the large city systems, at least, 
low-tension circuits. A hint for the solution of this it would seem desirable to introduce some form of light- 
problem may Tbe obtained from wireless practise where ning protection on the secondary circuits which could be 
the design of the aerial controls so largely the ability of gradually extended over the system. A spark gap, or 
the station to pick up distant signals. Upon this basis one of the other types of low-voltage arresters, should 
the explanation for the absence of meter failures in the prove adequate if properly distributed. The best place 
northern territory was sought by comparing the relative to locate the arrester is on the customer's premises and 
lengths of the secondaries. Aninspection of the second- it could properly be included as part of the nec^sary 
ary circuit diagrams showed that throughout this equipment of his service box. A suitable groimd coh- 
territory a majority of the customers are served from nection is available at this point and very little addi^ 
separate transformers having short secondary taps, and tional expense would be entitled. 
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II. The 2300 Volt System 

The consideration of lightning troubles upon these 
circuits was confined to a study of transformer failures 
and the blowing of transformer fuses. A general survey 
of transformer bum outs was undertaken during the 
summer of 1921. It appeared necessary to cover as 
large a number of cases as practicable, in order to 
eliminate the effect of the irregular distribution of 
individual storms, so that the study was based upon the 
records of failures from January 1st, 1920 to August 1st, 
1921. As these records did not specifically indicate the 
cause of the failui’e, it was assumed that all transformers 
removed from the line on the day of a storm or on the 
following day had failed from lightning. Eighty-six 
transformers were so removed from the aerial lines 
during 1920 and forty transformers up to August 1st in 
1921. This represents about one third of the total 
number of transformers removed from these circuits for 
all causes during this period, and, while it may include 
a few transformers which were not injured by lightning, 
the number cannot be sufficient to alter the conclusions 
reached, although it may account for some of the 
eccentricities which appear in the records. A further 



check upon this method of selection was obtained for 
transformers which failed from lightning from August 
1st, 1921 to August 1st, 1922, by having the linemen 
report such cases immediately after each electric 
storm. In this way questionable cases should be 
eliminated, but the results shown for failures during the 
later period are entirely in harmony with the conclusions 
reached from a study of the earlier records. 

The one hundred twenty-six transformers which 
failed from lightning from January 1st, 1920 to August 
1st, 1921, were located geographically and their distri¬ 
bution is shown in Fig. 2. The transformers were 
also identified with the circuits to which they were 
attached and it was found whether or not they 
were protected with lightning arresters. In order to 
obtain a proper perspective of this phase of the subject, 
the length of all the aerial circuits of the system was 
recorded, together with the number of arresters and 
transformers connected and the number of transformer 
failure. This information is given below. 

In some respects the records appear erratic, as should 
be expected in a study of lightning disturbances, 


though it is believed, as already noted, that some irreg¬ 
ularities are due to errors in the records and some 
possibly to not having covered a sufficiently long period 
in the investigation. Nevertheless, the following facts 
are clearly brought out: 

1. Circuits which have the greatest amount of 
lightning protection suffer less than circuits in the same 
district with less protection. 

2. During 1920 and 1921, the Tacony District 
suffered more severely than any other section of the 
system, and the greatest losses occurred on the circuits 
which had the least protection. 

3. Large sections in the central part of the city, 
which had very little aiTester protection, experienced 
no tranformer losses. 

4. A large number of circuits in different parts of the 
system should have additional protection. 

The following information is submitted in confirma¬ 
tion of the above statements: 

1. The circuits which have the greatest number of 
arresters per unit length of circuit in order of their pro¬ 
tection are C H-1, C H-S,T AC1&4,F I L-2,GT V-4, 
FI L-10 and G T N-l. These have from three to four 
arresters per mile of line. There are 437 transformers 
connected to these lines and only one loss was reported 
for each year for the entire group, although before the 
airestere were installed Chestnut Hill and Germantown 
suffered most severely from lightning. CH-4 and 
G T N-2 each are protected with about one arrester per 
mile and the former of these lost four transformers and 
the latter five, which is greater than any other circuit 
outside of Tacony. The exceptional feature in these 
records is that G T N-S and 5 with about the same pro¬ 
tection suffered no losses. 

2. At the other extreme T A C-2, which is a very 
long line feeding all the territory north and west of 
Tacony, is very much exposed to lightning and is 
protected with only one arrester per seven miles of line, 
which means that long sections have no protection. 
There are 222 transformers on this circuit and 13 of these 
failed in 1920 and 14 in 1921. T A C-6 has no arrester 
protection, but in places is less exposed than T A C-2, 
and this has lost a total of seven transformers for the 
two years out of a total of 60 connected. T A G-3, with 
about the same arrester protection as T A C-2, but with 
much greater natural protection, lost three transformers 
out of 62. The other Tacony circuits have more arres¬ 
ter protection and pass through thickly settled sections. 
None of these have lost more than one transformer. 

3. For the last year and a half no failures due to 
lightning have been recorded for any of the circuits out 
of Ludlow or Columbia substations and only two from 
Marshall. One of these was a 3734 kv-a. transformer 
which had been in service only a month and was re¬ 
placed by a 60-kv-a. suggesting that the failure had been 
due to overload rather than lightning. There are 
twelve circuits from Susquehanna, eight from Ontario 
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really important phase of the problem is to considj liow 
to minimize the blowing of fuses dunng electric stoms. 

As already indicated, this trouble cannot be due 
except in mre instances, to lightning ^“nces in^e 
secondary circuits, for direct evidence shows that light¬ 
ning surges on the secondaries, as indicated 
burning out of house meters, is not associated with 
primary failures, either with the blowing of 
burning out of the transformers. The cause of the fuse 
failure must therefore be localized at the transformer 
itself. It is apparently due to a flashovOT across the 
transformer surfaces or in the prima^ coils, the insu¬ 
lation being reestablished, at least in part, after the 
blowing of the fuse has extinguished the arc. 

Further information upon these fuse failures wm 
obtained by definitely localizing with their circuits the 
112 failures which occurred during the four storms m 
June and July, 1922, to which reference has already been 
made. For comparison with transformer bi^ outs the 
distribution of these failures is shown in Fig. 2. It is 
seen that they follow much the same course as the 
transformer burn outs as should be expected. The 
agreement would probably have been closer if the same 
lightning period had been considered in the two cases. 
The divergence which is shown for the northern terri¬ 
tory for instance, may be explained by the large increase 
in the number of lightning arresters installed in this 
district between the periods covered by the two sets of 
r©corcis • 

The records for these four days showed that in 17 cases 
fuses blew on the same transformer in two or more 
successive storms, and in several cases later records 
indicated that ultimately the transformer broke do^ 
permanently. It is evident, therefore, that the blowing 
of transformer fuses is serious, not only for the inter¬ 
ruptions which they cause to the service, but also for 
the deterioration in transformer insulation which they 
indicate. 

As the lightning disturbances which causes a fuse to 
blow comes in over the primary, the arrester protection 
which may be justified purely in saving the transformer 
from burn out, should also prove effective in reducing the 
trouble from the blowing of transformer fuses. Un¬ 
fortunately, this investigation does not indicate that the 
same measure of protection may be expected in the two 
cases. The records collected during 1922 showed that 
in only five cases were transformers burned out which 
were protected by arresters and in one of these a very 
old type of arrester was employed which was probably 
not operative at the time. On the other hand, during 
the same period, 30 cases were recorded where arrester 
protection was not effective in preventing the trans¬ 
former fuses from blowing. Apparently in all but very 
exceptional cases the arrester carries off a sufficient 
amount of the energy of the lightning surge to keep the 
transformer from complete failure, but in some cases 
it allows enough energy to pass to temporarily break 


down the insulation until the blowing of the fuse clears 
the circuit. This points to the importance of obtaining 
low ground resistance for the arrester in order that it may 
deflect as much of the lightning discharge as^ possible. 
As already noted, it is very difficult to obtain this in 
certain of the outlying sections of the system. It is 
believed, however, that this investigation shows con¬ 
clusively that with the present installation, transformer 
failures from lightning are being kept within remarkably 
low limits and the blowing of transformer fuses in being 
minimized. 

III. The 13,200-Volt System 

The 13,200-volt circuits of this system are, in the 
maj ority of cases, underground, and^ serve as feeders 
from generating stations to substations. There are, 
however, a number of aerial circuits operating at this 
voltage which feed substations in the outlying districts, 
and others which supply large power customers. The 
latter are increasing in number and importance each 
year. 

A group system of numbering has been adopted to 
indicate in general the geographical location of the 
circuit. Circuits No. 704 to 706 run on the same pole 
line from Tacony westward, eventually separating to 
feed railway substations in the northern territory. 
Circuit No. 708 follows the river from Tacony to Bristol. 
Circuit No. 1126 runs from Hunting Park substation to 
Manayunk. Circuits No. 1301 to 1305 interconnect the 
above mentioned railway substations and tie in with the 
Chestnut Hill substation. Circuits No. 2101 and 2102 
run practically from the Schuylkill Generating Station 
to the extreme southern portions of the city. Circuit 
No. 2118 is located in Frankfort which is nearer the 
Delaware Generating Station than Tacony. Circuit 
No. 2301 serves a group of manufacturing plants north 
of Tacony. This completes the list of circuits in opera¬ 
tion during 1921, which was the period covered by the 
investigation. The general practise has been to protect 
these circuits at the substations by electrolytic arresters 
and at customers' taps by spark gap arresters. 

The company's records give definite information upon 
the number of interruptions of each of these circuits 
during electric storms, and in every case where it has 
been possible to locate the cause of the interruption, 
this has been given, together with the exact location of 
the trouble and the extent of the damage done. There 
is also very clear indication that lightning was responsible 
for many injuries to insulators, pins and cross arms, 
which did not interrupt the service. These injuries 
were detected by the linemen who patrol the circuits 
after each storm and at stated intervals throughout the 
year. It is unfortunately impossible from the nature 
of these reports to differentiate between failures from 
lightning and from other causes. It is found, however, 
that there are fully three times asmany insulator failures 
on these circuits during the lightning season as in the 
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winter months. As most of the insulator breakages in 
winter are probably due to ice or high winds and failures 
from such causes must be less in summer, it appears 
conservative to assume that at least two thirds of the 
insulator breakages during the year are due to lightning. 
The reports give the number of repair jobs at each pole 
rather than the number of insulators replaced, so that 
the actual number of insulator failures will be greater 
than the figures given below. From the mass of data 
contained in these reports, the following information 
has been selected as it is believed that it is adequate to 
give a fairly clear representation of the character and 
extent of the damage done to these circuits by lightning 
during 1921: 


Circuit 

Length 

In 

miles 

Interruptions 

during 

storms 

Number of Repair 
Jobs 

Interrup¬ 

tions 

per 

mile 

Insula¬ 
tor re¬ 
pairs per 
mile 

On 

Insula¬ 

tors 

On 
cross 
arms and 
Pins 

704 

8 

3 

28 

2 

0.37 

3.5 

706 

6 

1 

6 

1 

0.13 

1.0 

706 

7 

3 

21 

0 

0.43 

3.0 

708 

9 

1 Intermittent 

3 

0 

0.11 

0.3 

1126 

4 

1 

1 

0 

0.26 

0,25 

1301 

7 

2 

27 

6 

0.29 

3.9 

1302 

3’A 

1 

18 

3 

0.29 

6.1 

1303 

6 

0 

9 

6 

0 

1.8 

1304 

6 

0 

6 

1 

0 

1.0 

1306 

4 

0 

10 

8 

0 

2.6 

2101 

9 

6 

12 

3 

O.OG 

1.4 

2102 

8}4 

8 

14 

1 

0.94 

1.6 

2118 

IK 

4 

0 

0 

2.6 

0 

2301 

IK 

0 

1 

0 

0 

0.6 


The records of failures on these circuits as given above 
show the customary freakishness of lightning and un¬ 
doubtedly do not cover a sufficiently long period to 
bring out many of the peculiarities of the individual 
circuits. There are, however, certain featmes of the 
records which should be noted. In the first place, it 
appears that the circuits most distant from generating 
points, such as No. 1301-5, had a great many insulator 
failures but were remarkably free from interruptions 
during electric storms. Circuits somewhat nearer the 
center of the system such as No. 704 and 706 had much 
the same record of insulator failures, but experienced a 
greater number of interruptions. The circuits in South 
Philadelphia Nos. 2101-2102, which are still nearer 
large generators, had fewer insulator failures, but most 
of those which occurred during storms were accompanied 
with serious line trouble. It should furthermore be 
noted that the records of lightning trouble on 2300-volt 
circuits, which are much more complete than for 13,200- 
volt circuits, show that all through the territory north 
of the city, the injury from lightning to apparatus 
unprotected by arresters was much greater than in 
South Philadelphia. It is reasonable to suppose, 
therefore, that these 13,200-volt circuits in the Northern 
District had had many lightning surges induced in them 
which discharged themselves over insulators without 


completely breaking these down, the high line reactance 
in such cases limiting the dynamic current to compara¬ 
tively low values. However, when such surges occur 
on circuits where the line reactance is low as on No. 2101 
and 2102, the dynamic current which accompanies a 
discharge generally destroys the insulation and the arc 
which follows bums off the conductor, allowing the 
circuit to fall. Short circuit conditions on No. 2118 
are about as severe as on No. 2101 and 2102, though the 
latter has much better natural protection. Three of the 
four interruptions recorded for this circuit were accom¬ 
panied with falling of the conductors. In these cases 
spark gap arresters near the points of trouble failed to 
protect. There were only three cases recorded in 1921 
in which the circuits north of this point fell during 
electric storms. In one case there was a direct stroke 
on No. 705 outside the Oxford Substation, in another 
both No. 704 and 706 were down at the same pole, and 
in the third case, one span of No. 1301 fell near the 
Chestnut Hill Substation. It should be noted that in 
the two latter cases the failures occurred near the feed¬ 
ing end of the circuit where the dynamic current, which 
might develop on short circuit, would be a maximum. 

Attention should be called to the relatively good 
records of Nos. 705 and 708. No explanation was found 
for this condition on No. 705 for it is just as much 
exposed as No. 704 and NO. 706 being on the same pole 
line for most of the distance, and the circuits are trans¬ 
posed so that there should be no advantage of position. 
Circuit No. 708 had formerly been subjected to so many 
interruptions that it was completely re-insulated, 22,000- 
volt insulators being used in place of the lower voltage 
type employed on the other circuits and this undoubted¬ 
ly accounts for the improved performance of this 
circuit. 

Two general methods suggest themselves for reducing 
lightning troubles on these 13,200-volt circuits. Either 
to reconstruct the circuits with 22,000-volt insulators, 
as has been done with good results on circuit No. 708; 
or provide some form of lightning arrester protection 
on the lines themselves in addition to the arresters 
already in use at the terminals. The first method 
would involve considerable expense and while it might 
be employed advantageously at certain of the more 
exposed portions of the system, the more direct and 
satisfactory method would be to relieve insulation 
stresses by providing suitable discharge paths to ground 
through lightning arresters. This would in general 
require that the arrester should be suitable for pole 
mounting. On the circuits in the outlying districts 
at a considerable distance from the generating points 
there should be no difficulty in providing at reasonable 
expense, suitable protection by the use of spark gap or 
other compact form of arrester, distributed at about two 
mile intervals on the average. 

The general opinion among operating engineers 
appears to be that the electrolytic or oxide film arresters 
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Tacony 

1 & 4 

2 
3 
6 

7 

8 
9 

10 

11 

12 & 13 
Chestnut Hill 
1 
2 

3 

4 

Qennantown 

1 

2 

3 

4 

5 

Filbert 

1 

2 

3 

4 

6 
6 

7 

8 
9 

10 

11 

12 

13 

14 

15 

16 

Paschall 

1 

2 

8 

4 

5 

6 
7 

Hunting Park 

5 

6 

7 

8 
9 

10 

11 

12 

13 

14 

15 

16 

17 

18 

19 

20 

Ontario 

1 

2 


DATA UPON 2300 VOLT CIRCUITS 


Lightning 

Arresters 


DATA UPON 2300 VOLT CIRCUITS (Continued) 


Length of 
•wire in 
1000 ft. 

18 


533 


134 


193 


73 


60 


65 


90 


99 


72 


230 


157 


169 


178 


45 


235 


105 


65 


70 


39 


152 


111 







Pro¬ 
tected Total 1920 


8 8 
5 222 







2 53 

2 42 


80 110 
40 43 

69 73 

11 47 

14 22 

16 56 

8 48 

27 41 


50 59 

2 42 

2 40 

4 63 

8 22 
. 9 48 


91 124 

3 31 








12 50 

10 75 

18 
51 
6 55 

35 
58 
45 
2 48 

2 40 

2 8 
9 

0 35 

0 11 
40 
2 48 


12 

13 

14 
16 
16 

Susquehanna 

1 

2 

3 

4 
6 
6 

7 

8 

g 

10 

11 

12 

13 

15 

16 
17 

Marshall 

1 

2 

4 

5 

6 

7 

8 
9 

10 

11 

12 

13 

Ooliunbia 

1 

2 

3 

4 

5 

6 

7 

8 
9 

10 

Ludlow 

1 

2 

3 

4 

5 1 

6 

7 

8 l 

Carpenter 

1 

2 

3 u 

4 


117 

105 

underground 

66 

48 

underground 

92 

96 

104 

40 

30 

120 

111 

I reserve 
112 
108 


Lightning 

Arresters 


Transformers 


Length of 
wire in 
1000 ft. 



Per 

10,000 Pro- 
ft. tected Total 





2 38 

2 37 

9 
37 
16 
4 I 32 
0 36 



20 * 
33 
38 
10 
56 

5 I 20 


underground 

24 

60 

42 

27 

45 

42 

30 

imderground 

27 

42 

13 

21 

60 

underground 

21 

39 

underground 


8 21 

2 30 

0 17 

3 17 

3 32 

20 


Lost by 
Lightning 
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are the only types so far developed which can satis¬ 
factorily resist the tremendous dynamic discharge 
which may develop near large generating units.i The 
high first cost of such arresters and the difficulty in 
properly distributing them along the right of way, 
presents a serious problem in providing suitable pro¬ 
tection for these high-voltage circuits leading out from 
generating points. An inspection of some of the spark 
gap arresters which had failed suggested that possibly 
this trouble might be caused by a short circuit between 
phases due to the simultaneous discharge of two or more 
of the arresters of the group. In was therefore pro¬ 
posed by Mr. H. S. Phelps of the Philadelphia Electric 
Company, to mount the three arresters of one group 
upon successive poles and provide independent grounds, 
thus introducing twice the ground resistance between 
phases at the time of discharge. Three groups of 
arresters a rranged on this principle were installed on 

1. N. E. L. A. Proceedings, 1921, p. 700. 


July 1st of this year on the most exposed portions of 
circuits No. 2101 and 2102. The day after their 
installation a storm of unusual severity passed over these 
circuits. Lightning struck an oil tank within a few rods 
of the circuits, fuses were blown on a transformer con¬ 
nected to a 2300-volt circuit on the same pole line, and 
other damage was done in the neighborhood, but the 
arresters functioned satisfactorily and no damage was 
done to these circuits. The record for the rest of the 
summer has been equally satisfactory. The question 
still remains whether longer experience will justify the 
hope that this, method will provide adequate protection 
for such circuits and there is the further question, as to 
what is the minimum reactance which must be provided 
between such arresters and the generating units in order 
to insure proper performance. 

Discussion 

For discussion of this paper see page 566. 



Operating Experience with Current-Limiting Reactors 

BY N. L. POLLARD 

. Fellow, A. 1. B. B. 

Public Service Production Company. Newark, N. J. 


Review of the subject —This paper describes the troubles 
experienced with different types of currenHimiting reactors in¬ 
stalled on the Public Service Electric Company's system. Many 
of these failures are attribvled to poor mechanical construction. 

The author states that the experience gained has resulted in much 
better designs. The conclusion is reached that if the preserU day 


reactors are properly chosen with regard to thermal capacity they 
are very reliable. 
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T he purpose of this paper is to give an account of 
the operating experience with current-limiting 
reactors installed on the system of the Public 
Service Electric Company of New Jersey. 

Description of System 

The above-mentioned system is composed of two 
large sections: The Southern Division, which includes 
the territory between Camden and Trenton; and the 
Northern Division, which comprises the northeastern 


ity. Since this system has reactors only on the 
gen^ator leads in the Marion Station, and because all 
the apparatus will be replaced by 60-cycle machines 
within the next few years, no further mention will be 
made of it with the exception of a brief description of 
the reactors later. 

The bulk of the 60-cycle current is generated at 
Marion and Essex Stations located about three and one- 
half miles apart and connected together by means of 



part of New Jersey. Since current-limiting reactors at 
the present time are used only in the Northern Division, 
merely this part of the system will be described. 

The 13,200-volt, 25-cycle system is comparatively 
small, as it includes only 35,200 kw. generating capac- 

Presented at the Spring Convention of the A. /. E. E., 
Pittsburgh, Pa., April 19$S. 


five 13,200-volt tie lines. The Marion capacity is 
60,500 kv-a. and Essex 85,000 kv-a. In addition there 
are five other smaller stations with a combined capacity 
of 44,500 kv-a. feeding into the system at different 
points, giving this Division a total capacity of 190,000 
kv-a. 

The 60-cycle transmission system in the Northern 
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Division consists of 580 miles of 13,200-volt lines and 
121 miles of 2(5,400-volt lines. Of the 13,200-volt lines, 

underground; of 

the ^(),400-volt lines, 97 miles are overhead and 24 miles 
underground. Fig. 1 is a one-line diagram of the 60- 
cycle system in the north .section of the Northern Divi¬ 
sion, and Fig. 2 .shows the south section of this division. 


In 1914 the 60-cycle system had grown to such an 
extent that the oil circuit breakers and other equipment 
were failing frequently. As a result of these failures 
we decided to install 5 per cent reactom on all radial 
13,200-volt feeders, 2} 2 per cent reactors on all tie 
feeders, and aluminum cell arresters on the fe^eder side 
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Theie two sections are tied together witih a 26,4()()-voI1 

!f Buy way, ami with severa 

13,200-volt lines between K.ssex and Elizabet h. 

Nkli) pou REAtrrous 

*1 he netnl for cuiTifnl-limiting reactors w'jis first 
brought to our attention in 1912, when the oil circuit 
breakers commencwl to fail on thi* 2r)-cycle sy.stt}m in 
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of all reactiirs whether the feeder was overhead or 
undergrouml. This re<iuired a total of 29 sets of react¬ 
ors, all of whi(rh were purchased for 5 jjcr <ie?nt reactance 
with a 2J.^ per cent tap so that they {-ouhl lie used on 
either type of femler. Essex Station was not built at 
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the Mariam Station. The reactance of thcsse turbo¬ 
generators only 3 per cent, .so in order to relieve the 
exct^ive strm'rm on the ec|uipment, 3 |jer cent reactance 
coils were inserted in the gcmemtor k*ad.s ut ^ch 
m^hine. (Fig. 5 shows one of thcsse reactora.) This 
mlieved the 2rj-cycle sy.stem to a great extent from oil 
circuit broker and other tmibles. 


this time. The seven tie feeders between Marion and 
City Dock Stations were equipped with 2li per cent 
rotors at ^cfa end. It was nec^sary to install 
reactom at both ends in order to allow elective action 
of the Imlanced relays which were installed on these 
feeders, Before purchasing the reactors we sent a mai 
to thefactory to witness tests, which included bolh high 
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voltage and high frequency, and we were assured by 
the manufacturer’s engineers that these reactors were 
so well designed that they would stand up under any 
operating condition. The factory tests seemed to 
prove their statements. 



Pio. 6 


Fig. 3 shows the Marion and City Dock busses and 
tie lines at the time these 60-cycle reactors were in¬ 
stalled. Fig. 6 illustrates a typical installation at 
Marion. 

Contrary to expectation, we experienced considerable 



Pia. 7 


trouble with this first installation of 60-cycle reactors; 
^erefore we decided to install an entirely different type 
in 1916 in the new Essex Station. These reactors are 
shown in Figs. 7 and 8. The first sixteen sets (Fig. 7) 
proved very satisfactory, but the second installment of 


ten sets (Fig. 8) has been a constant soiu'ce of trouble. 

Fig. 4 shows the Marion and Essex busses and tie 
lines after these reactom were installed. 

From 1917 to the present time we have installed 18 
sets of reactors of the types shown in Figs. 9,10 and 11, 



Pici. 8 


and with two exceptions these have given very satis¬ 
factory service. 

Table I gives the rating, type and number of reactors 
installed to date at Marion, Essex, and City Dock, 
including the twelve 26-cycle generator reactors at 
Marion. 


TABUC I. 

IW5 AOTOB 1N H’PA Iyr.,A'J’I(»N S 




Num- 








bor of 








Ro- 








actors 





Yoar 



(All 1- 

No. of 

Am- 

Per 


In- 

Group 

Illustration 

pliosu) 

Mots 

porCH 

ctmt 

Kv-u. 

Htallud 

A 

Pig. 5 

0 

2 

220 

3 

60, 

1013 



(( 

2 

305 

3 

00. 

1013 



72 

24 

175 

6 

6(1. H 

1014 

B 

Pig. 0 

12 

4 

250 

5 

05.3 

1014 



H 

1 

3.50 

5 

i:i3.3 

lOH 



8 

2 

150 

i 

5 

57.1 

1015 

0 

Fig. 7 

0 

3 

176 

n 

(16.8 

1016 



12 

.4 

2.’)0 

5 

0.5.3 

1015 



21 

7 

350 

5 

133.3 

1016 

D 

Pig. 8 

0 

2 

.560 

2 

Kil.O 

!i917 

0 

3 

260 

5 

06.3 

1017 



15 

5 

.350 

5 

133.3 

1017 



» 

2 

645 

1.6 

(W. 

1017 

S 

Pigs.», 10 ,11 

e 

2 

176 

6 

66.8 

1919-20 

3 

1 

765 

1.6 

88. 

1917 



0 

3 

260 

6 

05.3 

1919-20 



18 

8 

360 

6 

133.3 

1919-21 



12 

4 

300 

8 

mt. 

1918 
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part of the coil having the smaller diameter. After it 
was found that this second rebuilding produced very 
little, if any, improvement, we decided to rebuild six 
of these coils ourselves. Instead of porcelain brick we 
used cast concrete comers so as to obtain a tight fit 


In addition to seventeen electrical failures, there have 
been several cases where the coils became noisy and had 
to be removed from service for mechanical repairs. At 
present, whenever a coil commences to become noisy, 
it is taken out of serviceand scrapped. It is needless to 



against both sets of pancakes. To secure ample insu- 

lation a 1/16-in. layer of sheet mica was placed between • * a - 

the coils and the concrete. say that to design of reactor is not being perpetuated. 

At first it seemed that this method of rebuilding was This group repr^te a 

® total of 18 sets of reactors, part of which were built for 

5 per cent with a per cent tap, and the remainder 



a success, but after a few months* service several of 
these coils became noisy again. Oh account of these 
reactors having windings of two different diameters, it 
is very difficult to make them strong enough .mechahi- 
cally to stand up under short-circuit conditions. 


were 1^ per cent coils for use on the generator tie bus. 
They were installed at different times between 1917 and 
1920. 

About one year after the first installation there were 
two instances of trouble: The first occurred on a tie 












































April 1923 


POLLARD: CURRENT-LIMITING REACTORS 


551 


feeder and resulted in the short-circuiting of two re¬ 
actors; the second occurred on another tie feeder and 
caused the concrete to crack on one of the coils. These 
demonstrations were sufficient to prove that the con¬ 
crete supports were not close enough to prevent the 
conductors from pulling together and causing short- 
circuiting of the turns during times of trouble on the 
transmission lines. 

After an investigation by the manufacturer it was 
decided to return part of these reactors to the factory 
for reinforcing, the decision applying only to those coils 
which were to be used on the 2^ per cent tap. Fig. 10 
illustrates one of the coils after it had been reinforced 
with additional concrete supports half way between the 
old ones. 

The latest type of reactor which we have installed 
is shown in Fig. 11. This coil is supposed to have all 
of the necessary characteristics and none of the bad 
qualities of any of the types previously described. The 
few of this newer design that were installed have not 
as yet been in service long enough to demonstrate 
whether they will stand up under all conditions, but 
we hope that they will live up to our expectations.. 

Fig. 12 illustrates a generator tie bus reactor rated at 
5 per cent, 545 amperes, 208 kv-a. We have purchased 
a number of these coils for future installation. 

Conclusions 

It has been the opinion among a number of central 


station engineers that it was unnecessary to install 
aluminum cell an’esters on the feeder side of reactors 
when the feeders consisted of undergi’ound cable. 
However, we have always felt that the arresters at 
times of system disturbances acted as relief valves, and 
since they have almost invariably discharged in cases 
of disturbances it would appear that they did relieve the 
system of at least a part of the strain. 

As a word of caution it is well to point out the im¬ 
portance of adequate thermal capacity in reactors. 
From all indications a number of our failures were due 
to lack of thermal capacity. Since a reactor is essen¬ 
tially a protective device, it should be designed with 
a copper cross-section in excess of that of any part of 
the system which it protects, so tliat an extended period 
of severe duty will not cause it to fail because of lack of 
thermal capacity. 

In spite of the troubles which we have experienced 
with reactors, the number of instances in which they 
functioned properly has far exceeded the cases of failure. 
Furthermore, the design of present-day reactors has 
been perfected to such an extent that, if properly chosen 
with regard to thermal capacity, the modern reactor 
may be considered as a very reliable piece of 
apparatus. 

For discussion of this paper see page 566. 



Short-Circuit Forces on Reactor Supports—I 

BY R. E. DOHERTY and F. H. KIERSTEAD 
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Review of the Subject.—The mechanical stress in the sup¬ 
porting memhers of any structure or apparatus under steady state 
is determined by the dimensions of the member and the magnitude 
of the resultant applied force. Under accelerated motion, however, 
an additional factor enters, namely, the reaction of the mass; and 
if the supporting members in this case are resilient, that is, spring¬ 
like, then this becomes still another factor which enters the problem 
of determining the mechanical stress produced by a given impressed 
force. 

The determination of the stress in the holding device (bolts, etc.) 
of reactors under short-circuit condition is just such a problem. 


If any motion whatever is permitted under this condition, the fac¬ 
tors of mass and resilience are active. 

This paper gives a theoretical analysis of the problem, and shows 
that if any motion is permitted, thus allowing the factors of mass and 
resilience to become active, then the ma.ximum stress may be signifi¬ 
cantly increased above that for no motion. Illustrative calcu¬ 
lations show that this increase in practical cases may be of the order 
of per cent. On the other hand, if motion of the reactors is 
prevented by sufficient initial bolt tension, or otherwise, then the 
maxinium stress in the holding device obviously need be only as great 
as that corresponding to the maximum instantaneous peak of the 
electromdgnetic force. 


A NUMBER of papers^ has appeared in which the 
problem of the electromagnetic force between 
electric conductors or between coils, has been 
analyzed. The stresses, however, which such forces 
create in the members on which they act, are not deter¬ 
mined merely by the value of the electromagnetic force 
and the dimensions of the members, as would be the 
case with a steady applied force, but also depend in a 
large measure upon other factors. Hence the analysis 
of such stres^s is a separate problem in which the 
electromagnetic force is only one of a number of 
factors. 

Scope 


carrying short-circuit current^• the behavior of certain 
types of engine governors, etc. This class of phenomena 
is best illustrated by the simple case of the behavior 
of a weight, suspended by a spring, and acted upon by 
an alternating-current electromagnet. • 
Mathematically, the problem is identical with a much 
wider range of phenomena; that is, in addition to the 
above cases it involves the same form of differential 
equation® as a number of familiar problems in electrical 
enj^neering. For instance: The electric circuit con¬ 
taining resistance, inductance and capacity in series®; 
the ^ries circuit involving an exciter and alternator 
field.7 


The present paper investigates, in a theoretical way, 
the character of the force which is required to hold the 
reactor as a whole, against short-circuit forces. Unlike 
the problems covered by the foregoing papers, which 
were concerned with the character of the electro¬ 
magnetic force itself, the present investigation assumes 
that this force is given, and inquires into the nature 
of the stresses it produces in the holding device, such 
as bolts, etc. In other words, the problem is of a purely 
mechanical nature. 

As such, it is the same, in fundamental respects, as a 
number of other problems in engineering which involve 
the factors of mass, resilience and a periodic impressed 
force. 

For i^tance: Fly wheels for synchronous machines 
mechanically connected to reciprocating apparatus^* 
torsional strain of a turbo-generator shaft during 
generator short circuit®; the behavior of bus bars 


1. Some of wMeh are listed in the bibUography. 

Reciprocating Machine 

Co^ected to Synchronous Generators or Motors,” by R 

3. ‘Mechanieal Effects of Electrical Short Circuits,” 1 
1074 November 1915, V. 18, pp. 106 

_ Presented at the Spnng Convention of the A. I. E 1 
Ptiisburgh Pa., April $4-26, 192S. 


The present investigation, therefore, does not deal 
with a new phenomenon; it merely starts with certain 
assumptions, which appear reasonable, and which writ¬ 
ten down mathematically, give a well known differential 
equation, and then applies the solution to the physical 
conditions of the problem. This makes it possible, 
within specified limits, to answer a number of questions 
regarding the character of the force on the holding 
device. 

In a later paper the authors expect to present some 
experimental data regarding these forces. 


Equations 


The equations are set up under the following as¬ 
sumptions: 

Supporting fioors rigid. 

Single-phase short circuit. 

Current wave completely off-set. 

No transients; that is, damping neglected. 
Reactor unit, including concrete, etc. rigid body. 
Initial tension on holding bolts same on all bolts. 


_4. Uter die Meobanisolien Wirkungen des Plotzlichen 
Kurzsobluss-stromes von Synehronmaschinen” by J. Biermanns 
Archiv fur Blectrotecknik, IX, 1920, pp. 326-340. ’ 

5. Second order, linear. 


6. Theory and Calculation of Transient Bleotrio Phenomena 
and Oscillations,” by C. P. Steinmetz, 3rd Ed., p. 48 

7. “Exciter InstabiUty,” by R. E. Doherty, Journal 
A. I. E. E., Oct. 1922, pp. 731-744. 
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Reactors connected to give attraction. 

Center lines of coils coincide, as in Fig. 1. 

Displacement x sufficient to permit free movement of 
the reactor B, that is, no interference by support- Let 
ing floor. 

Magnetic force proportional to square of the current, 
other factors being constant. 

Let 

M = mass of reactor 
i = current in reactor coils (amperes) 

X = displacement of reactor B above floor (feet) 
f» = force due to bolts (lb.) 
fe = force due to currents (lb.) 

W = weight of reactor = g M (lb.) 
g = gravity = 32.2 feet/sec.^ 
k = lb. force required to elongate bolts one foot 
fo = total force due to initial tension in bolts at a; = 0 


~ 0.25cos 2 w«) + 1.5 ^ 


fo + W 


M 


M 




= D 


(^) 

(9) 

( 10 ) 


M 

k/M = 

and 1.52)-A+jL = 

M 

Then the differential equation becomes, 
d* X 

+ ot^ X = - 2 D cos CO t -{■ 0.5 D cos2 w t E 

( 11 ) 

The solution of this equation will be in four parts 
as follows: 


X — Xi Xz Xs 
is gi-v 

d^Xi 


dt^ 


+ O'® afi =0 


' = where, is given by the complementanr function 

a = total cross section of bolts in sq. inches 
I = free length (inches) of bolts under tension 
t — time in seconds. 

The sum of all forces acting on the mass must equal 
zero. That is, 

' ( 1 ) 


Xz is given by the particular solution, 

d® Xz 


S forces = 0 


df2 


-h oi^Xz = — 2 D cos CO t 


( 12 ) 


(13) 


(14) 


Thus 

But . 
Where 

Therefore 

or 


d^ X 

fc — M + ft — W ^ 0 ( 2 ) 

fs = - (fo + kx) (3) 

k = 12 ea/l (3a) 

d^ X 

f,- M -f.- kx- W =■ 0 


Xs, by the particular solution, 
d^Xz 


and 


d<2 
Xi, by 

d^ Xi 


+ a® ajs = 0,6 D cos 2 0 ) < 


-V OL^Xi = E 


(15) 


(16) 


(17) 


M 


(4) 


The force fc is proportional to the square of the cur¬ 
rent. Thus, lets 

fc = K (5) 

The current i is of the form, 

i = Jo (1 - cos (o t) (6) 

as shown in Fig. 2. 

where lo - maximum value of a. c. component of the and 
current i 

£0=2 tt/ 

/ = electrical frequency. 

Substituting (6) in (5). 

fc - KIo^ (1.5 — 2cos COf 4- 0.5cos 2 cot) (7) 
Substituting this in (4), 


dfs 

Solution of (13) is 

Xi = Cl cos a f -f Co sin CK < 

Solution of (14) and (15) is obtained by temporarily 
using vectors and substituting 

d 

-jj-x^px ^jcox 
d2 


dp 


X = p^x = - (O^X 


(18) 


since a cosine function only is involved. Thus, in (14) 
Xz (— £0* + O'*) = — 2 D 
2D 


or 


Xz = 


Xz - 


CO^ — op 
2Dcos cot 


CO 


|2~ 


a* 


and similarly 


Xz = ~ 


0.5D cos2 co t 
4 £0® — 


d^x ■ , KI^ 

+ k x/M = - 2-i^ (cos £ 0 1 


dP 


8. The assumption is made that no deflection will be laree 
enough to alter the value of K, that is, K « constant. 


Solution of (16) is «/= E/a^ 
Therefore by (12) 

X - Cl cos a t + Gz sin a t -^- 
0.6 J>cos2 £0 6 


(19) 

( 20 ) 
( 21 ) 


4 £0® 


ot^ 


2 D cos co t 
co^—oP 

4* E/ oP 


( 22 ) 
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Thus the solution involves two constants, C\ and Ca, 
which must be determined by the boundary conditions, 

dx 

such as the value of x and of at some particular 

value of t. In other words, with the constant value of 
displacement represented by the last term of (22) and 
with the definite functions of time represented by the 
3rd and 4th terms, the constants Ci and Ca must be of 
such values that the sum of all terms must give the 
known boundary conditions. Or further, for instance, 
if a; = 0 at / = 0, then the sum of the first two terms 
must be equal to minus the sum of the last three terms. 
It follows that if the boundary conditions happen to 
be such that they are given by the last three terms then 
Cl and Ca must be zero—that is, there would be no 
oscillation at the natural frequency 


as discussed later. 

To illustrate the application of equation (22) the 
following Cases will be considered. 


r — Supporting 
g; Floor 


/////7/////////h^ 



Case 1. Physical location of reactors as shown in 
Fig. 1. Hypothetical case in which the interference 
of the floor to the free movement of the reactor is 
neglected. 

Case 2. Same as Case 1 except that the effect of the 
floor is considered. 

Case 3. Same as Case 1 except that the frequency 
of the electrical force is doubled. 

Case 4. . Same as Case 2 except that the frequency 
of the electrical force is doubled. 

Case 6. Reactors rigidly fastened to I-beams in¬ 
stead of being bolted to a rigid floor as in the foregoing 
Cases. 

Data 

The following data are used in aU Gases excepting 
Case 5’f 

W-= 1000 lb. 

M = W/g - 1000/32.2 = 31 


Average value of magnetic force is 

l.SKIo^ = 10 X ly = 10,000 lb. 

Thus, the peak value of the magnetic force, by equa¬ 
tion 7, 

= 4.KU ^ 26,6401b. 

and, 

Tf T ^ TC T ^ 

KI ^ 

= 6.66 flf = 214 

Four steel bolts, each one square inch in cross-section 
and 10 inches free length 


e = 30 X 10® Ib./sq. in. for steel 
Thus, by (3a) 

k = 144 X 10® Ib./ft. elongation of bolts. 
By (25) 


ex = -yj 


144 X 10® 
31 


= 2160 = 2260 rad./sec.® 


n 


-2260 
2 TT 


360 cycles/sec. 


The above data may not be representative but they 
will serve for illustration of the application of the 
equations. 


Case 1 

The physical relation of the reactors is shown in Fig. 
1. The integration constants Ci and C 2 are determined 
under the following hypothetical assumption: At t 
= 0, that is, at the moment the short circuit occurs, 
a shim between the reactor and the floor is suddenly 
withdrawn, thus permitting free motion of the reactor 
under the influence of all the forces assumed in the 
equation. This, of course, is far from a practical case, 
but it is of interest, and perhaps may be of importance 
to some readers, in helping to form an idea of the general 
character of the phenomenon, and in leading up to the 
second case, in which the effect of the floor is taken into 
account. 

The integration constants are determined, therefore, 
from the boundary conditions that at 


i = 0, a: = 0 and 

Thus, from (22) 

2D 


Cl 4" 


d X 
d t 

0.6D 


= 0 


CO' 


— a® 


4 co^ — 


-h E/a^ = 0 


and 


C 2 a^ O 
Therefore 

Cf': 

Ci »o 




CO* — cx* 


4 CO* — oe* 


(23) 


9. In prd^r to have n 3 /, thus facilitating computations. 
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Substituting in (22) 

« r 2D , 0.5Z) 

[ 0)2 - O'® 4 ] cos a « 


+ cos 0 ) i cos2o)^ + E/a^ 

(24) 

The angular velocity of the natural oscillations is, 

by (9) and (24) _ 

O' = V k/M = 2 Trn (25) 

where n = oscillations per second 
Also o) — 2 irf 

Substituting these relations and also (8) (9) and (io) 
in (24), the final equation for x becomes, 



KIo^ 

M 0)2 


1 

1 - 


+ 


0.0625 



1.5A:7o2- (/,+ T^) 

k 


J cos a t 


ei K. If COS 03 1 0 . 0625 cos 2 0 ) i 

IK* 0)2 \ 1 - (w //)2 . n - 2 

V 2/ ) 

, l.SKIo^-(fo + W) 


(26) 


This will evidently be zero when 
fo-\-W = 1.6KIo^ 

or, when 

fo^l.6KIo^-W (28) 

That is, Xb will be zero if the initial bolt tension fo is 
the difference between the magnetic force 1.5 K Jo2 
and the weight W. 

Assuming the condition given by (28), then equation 
(26) becomes 



Equation (26) is made up of two parts: 

Xa — complex oscillation, given by the trigono¬ 
metric terms, the average of which, over 
complete cycles, is zero. 

and aj6 = a constant deflection, determined by the 
difference between a constant forced® 1.5 
K lo^ and the sum of the weight W and 
initial bolt tension fo. 

The magnitudes of the different components of the 
complex oscillation are dependent upon the ratio of the 
frequency n of natural oscillations to the frequency f 
of the electrical system, and the second harmonic 2f. 
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Fig. 2 


Fig. 3—Case I. Hypothetical Case. Assumes Oscillation 
About Floor Line as Average Position 

X - 10-* (61.5 cos 2260 t - 85.6 cos 377 t + 24 cos 754 /) 

4 K I(? »• 26,640 lb. a = Ist. term, b = 2nd term, c • 3rd term 
d ar = a + 5+ c 




M 


1 - (n/f)^ 


+ 


0.0625 


i-(^) 


2 / 


cos a t 




f cos 03 b 0.0625 cos 2 03 1 \ -\ 

1 l-(w//)2 

12>J 

’ J- 


(29) 


The electrical frequency is taken as 60 cycles. Thus, 
0 ) = 2 tt/= 377 rad./sec. 

Other data are given under “DATA^’^above. 

Thus n/f = 6.0 

n 


and 


2 / 


= 3.0 


The constant component Xb of the total deflection x 
is obviously 

10. It is interesting to consider the value of current i, on 
which this force depends. By equation (6), force is 

KP __ 

But hqre ti® == 1.6 Jo®, that is ii <= \/1.5 Jo. This is the root- 
meah-square of the total current during the first cycle. That 
is, the steady, pr average, deflection is determined by the root- 
mean-square current. 


These values substituted in (29) give, 

_ g 6660 r r 1 

81 X 377« L I 1 - (360/60)* 

, 0.0625 ^ nncn .1 

■*■ 1- (360/120)2 I <^o®2260< 

, f cosw f ().0625 cos 2 w f I -i 
V 1 - (360/60)2 1- (360/120)2 J J 

Thus X = (61.6 cos 2260 f - 86.5 cos 377 1 

+ 24cos754>)^10-' 
This is plotted as Case 1 in Fig. 3. 
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A: = 144 X 10« 

X = 106 X 10-« ft. 

Thus 

/. = - (9000 + 144 X 10« X 106 X 10"®) 

= - 24,300 lb. 

That is, the maximum force on the bolts is 24,300 lb. 
The peak force is by (7) 



- 4 K /„•' 

But, in th(* particular problem, by assumption 
KI,? = 6.66 ly - 66601b. 

Thus 

/,„ - 4 X 6660 - 26,640 lb. 


/ = 120 cycles. 

Appl 5 ring equation (29), 

a; = 2 I /_i_ 

31 X 7542 L I 1 - (360/120)2 

, 0.0625 1 ^ 

1 -(360/240)2 }c<^s2260i 

, ; cos (jdi 0.0625cos 2 cat ^ 1 

■^ 1 1 - (360/120)2 1 - (360/240)2 / J 

Thus . 1 ; = (56.2 cos 2260 < - 93.7 cos 754 t 

+ 37.5 cos 1508 0 lO”® 

This is plotted in Fig. 6. It will be observed that the 
amplitudes of the different waves are of about the same 
magnitude as those in Cane 1, but the phase relation of 
the different frequencies gives a different shape of 
resultant wave x. Thus the maximum value of x is 
approximately 170 x 10 ® feet in Case 1, and — 120 
X 10"® in Case 3. These correspond respectively to 
33,480 lb. and 8300 lb. on the bolts. In Case 3, if the 
positive peak of 106 X 10 “® in Pig. 6 is taken instead 
of — 120 X 10 -®, the force on the bolts would be 
24,300 lb. instead of 8300 lb. Thus the result of 
doubling the electrical frequency and keeping all other 
factors the same as in Case 1, is a decrease in the peak 
force on the bolts from 33,480 lb. to 24,300 lb. 

Case 4 

Find the effect of the floor, other conditions being 
the same as in Case 3. Following the same procedure 
as in Ca^e 2, new integi'ation constants Ci and Ca are 



lAG40g 

14,760™ 

11.880° 

9000 g 

6120 w 

3240 i 
o 
360 

■2520 

-5400 

-8280 
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29,160 

26,280 

23.400 o 

CO 

20,520 z 
17.640 S 
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Fio. G—Cask 3. IlYpoTHBTicAii Cask. Samk CoNinrioNs 
AS IN Case I, Exckut that this Epeothicab Fukqviknov is 
Assumed to be DotmuED 

* := 10“* (.50.2 cos 2200 t - 03.7 cos 764 1 + 37.6 coa 150S 1) 
a « Isttnrm, h « 2nd tom, c » 8rd tsom, rf •• 6 4- c, x « « 4- A + c 
4 K Jo* = 20,640 lb. 


Fio. 7 '(.-A.SE 4 . ( JutiVE Himilau to I'^io. 4 , Cahk 2 

All conditions bolnB th»3 same oxcojjt I let fcho oloctdcal froquoncy is 
assumitd to l)o doubled. 

a: « 10 " { - 24.3 COM 2200/ - 3.5.0 sin 2260/-03.7 COS 764# 
f 37.6 (SOM 1608 /) 

;f (/ f h -f-./ for valmss of«/ > zero. tl *■ aamo oa In Fl«r. 0 
4 IC /o® “ 26.040 lb. 


Thus the maximum force on the bolts is slightly 
less than the maximum magnetic force. 

Case 3 

To study the effect of electrical frequency, assume all 
other data as in Case 1 except the electrical frequency, 
taking the latter as double, that is, 


determined from the conditions that, at 

031 « 103° 


X 0 


d X 
dt 
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That is, the reactor begins to leave the floor at the 
moment when the magnetic force becomes equal to 
(/o + W) which occurs at co i = 103°; 

The forced oscillations, i. e. the co 1 . and 2 (at terms, 
will be the same as in Case 3. Thus: 

X = (Cl cos 2260 t + Ci sin 2260 «- 93.7 cos 754 1 

+ 37.5cosl508i)10-« = 0 

and = (- 2260 Ci sin 2260 t 

+ 2260 Ci cos 2260 1 + 70,650 sin 754 t 
- 56,600 sin 1508 t) lO"® = 0 

Therefore 

Cl = - 24.3 
C2 = -36.9 

and X — (—24.3 cos 2260 t— 35.9 sin 2260 1 

- 93.7 cos 754« + 37.5 cos 1608 0 10-® 


+ 2 


M £0^ 


Substituting, 


cos 03 t 

1 - (.n/fr 
+ 


0.0625 cos 2 CO i 



1. 5 KIo^-W 
k 


(30) 


KL^ = 66eO M = 31.0 co = 377 / = 60 
w = 360 O' = 2260 1^ = 1000 = 144 X lO^ 


a; = (_ 6.48 cos 2260 1 - 86.45 cos 377 t 

+ 23.6 cos 754 1 + 62.4) 10"* 

This is plotted in Fig. 8. The maximum deflection 
is 166.5 X 10-® feet, which coiresponds to a force on 
the I-beam supports of 

144 X 108 X 166.5 X lO"® = 24,000lb. 

The peak or maximum magnetic force is, by assump¬ 
tion, 26,640 lb. 


This is plotted in Fig. 7. The maximum deflection 
is a; = 166 X 10-8 feet, which corresponds to a force 
on the bolts of 32,900 lbs. The peak magnetic force 
is, as before, 26,640 lb. It is very interesting to com¬ 
pare Cases 1 and 2 with Cases 3 and 4, the conditions 
in the latter two cases being the same as in the former 
two except that the electrical frequency is doubled. 
In Case 2, the effect of interposing the floor was to 
decrease the maximum deflection below that in Case 1, 
where the reactor was free to oscillate. In Case 4, 
however, the effect of the floor is to increase the deflec¬ 
tion above that in Case Z, where the reactor was free 
to oscillate. Moreover, although the maximum de¬ 
flection in Case 3 (free oscillation) was less than that in 
Case 1 (free oscillation), nevertheless it was more in 
Case 4 than in Case 2. 


Case 5 

Take the case where the reactors are rigidly bolted to 
and supported by I-beams, assmning one reactor 
mounted vertically above the other. Assume also 
that the resilience factor^ V k is the same as that used in 
Case 1, namely, 

fc = 144 X 108 Ib./ft. 

In this case Jo is zero. Also at t — 0, the steady 
deflection a;i is that which is caused by the weight W. 
Thus taking upward motion as positive 

kxi^-W 

and 

X, W/k 

Thus equation (26), modified for these boundary 
conditions, becomes 



11. Ratio of force exerted on the I-beam support to deflec¬ 
tion it produces. 



• 

Fig. 8—Case 5. Reactors Rigidly Bolted to I-Beam 
Supports Instead op Rigid Floor 
Center lines of reactors in same vertical line, similar to Fig. 1. Aesi- 
lience constant of I-Beam support same as for bolts in Case 1 (i. e. k 
= 144 X 10*) 

X *10-® (-6.48 cos 2260/ -86.45 cos 377/ +23.6 COS 764/ 
+ 62.4) 

a = Ist term, b * 2nd term, c » 3rd term, d = 4th term, e * 6 + c 
®=a+6+c+tf 
4 K lo® = 26,640 lb. 

The foregoing examples cover special cases of single- 
ph^ short circuit, with off-set current wave, and sine 
wave a-c. component, and with physical arrangement 
as shown in Pig. 1. For the case of reactors placed 
side by side, similar equations would apply, the main 
difference being that moments, instead of forces, would 
be involved provided the reactors were held by holding 
bolts in the floor, and no horizontal braces between 
them. 

The case of three-phase remains. In this, as in the 
foregoing cases, the various factors enter in the same 
way, the difference being only in the character of the 
magnetic force. But whatever may be its character, 
it may be expressed as a function of time, and treated 
as in the case of single-phase. Thus the magnetic 
force on one of three reactors would be 

fel — Ki 2 i\ H “1“ -^18 il iz (31) 

where ^12 and Kn are constants. 
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in the frequency ratio might be such as to increase the 
amplitude. 

To illustrate: if 

%//< 1.0 

increasing the mass will decrease the amplitude/® 
whereas if, for instance, 

%// = 2.0 

then doubling the mass would obviously decrease the 


factor 


ZJ2 


by 60 per cent, but it would increase the factor 

1 

1 - (n/f)^ 

from 0.333 to 1.0. Thus the net result would be an 
increase from 1.0 to 1.5, that is, a 50 per cent increase. 

However, the full significance of the dependence of 
the amplitude upon the frequency ratio is not clear 
without consideration of the effect of the transients. 
There are two of them, namely, the transient of the 
short-circuit current, with consequent decrease in the 
magnetic force; and the transient of the free oscillation 
due to friction or damping. Both are neglected in the 
equations. The justification for this is two-fold: 
the natural frequency n as explained later, is usually 
enough greater than / to give the peak deflection in the 
j&rst cycle of the electrical frequency, as in the Cases 
1 to 5 inclusive, in which, neither transient, if they had 
been included in the equation, would have changed the 
oscillations significantly. Also, even if significant 
transients do exist, the calculated result is on the safe 
side, giving calculations slightly too high. 

As resonance is approached, however, the transients 
are very important. For instance, by equation (26)^® 
it is evident that if n = 0.9/, the amplitude of the 
CO t term will be approximately 

KI ^ 

10 JLfs.. 

M co2 • . 

while that of the 2 co t term will be only 

KIo^ 


add in phase, giving a maximum equal to twice the 
amplitude of either wave. Then, for the same reason, 
it decreases again. 

All this, provided there are no transients. But of 
course, there are transients. If the electrical damping 
were zero, then the free oscillation alone would die out 
due to mechanical damping, leaving only the forced 
oscillation, i. e. the co t and 2 co i terms. Thus, as the 
former dies out, it leaves the latter, which it initially 
opposed and canceled. Hence if the transient of the 
free oscillation were rapid enough, the resultant oscilla¬ 
tion would reach a maximum earlier than if that tran¬ 
sient did not exist, but the maximum would be only half 
as great—^namely, the forced oscillation alone. While 
there are very few data on the mechanical damping, 
it is probable that both transients—^that is, the mechani¬ 
cal transient and the transient of the co t term—are 
of about equal duration, say one-quarter second. In 
such a case, the maximum deflection would be the 
result of a race between the increase in magnitude due 
to phase shift of waves of different frequencies, on the 
one hand, and to a decrease due to transients, on the 
other. It is clear, therefore, that at hear resonance 
the transient cannot be neglected. 

To illustrate in a very rough quantitative way the 
effect of transients at near resonance, take Case 5, 
J-beam supports, assuming, 
n = 0.9/ 

/ = 60 cycles 
neglect 2 co ^ term 
neglect W 

duration of transient of co/ term same as of mechani¬ 
cal transient = 1/4 second, 
transients of form 
By assumptions^ 7 ~ 20 

Appl 3 dng equation (30) 


0.156 


M CO® 


thus, practically negligible. But while the co t term is 
large, so is the a i term equally large and opposite. 
Hence, as shown in Fig. 6, the two waves, starting out 
in phase opposition, give practically zero resultant at 
first, which gradually builds up- by successive phase 
shHt due to slightly different frequencies, until ulti¬ 
mately, at 4.5 cycles of n and 5 cycles of /, the waves 

15. Because an increase in M decreases both of the factors 
1 


X 


Since 


20 / 


[-{ 


10 KI ^ ^ g K Jo® 




M CO® 
10 KIc 


k 

cos CO i 4- 1.5 


Hence 
and X = [ “ { 


M CO® 

n = 0.9/_ 

a = 0.9 w = ^k/M 

M CO® - 1.25 A; 

8 K Jo® 


I cos a t 
KIJ^ I 

k J 
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1.5KI\ 
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I cos at 


8ZJo® 
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cos CO t 


. 1.6^Jo® H 

A; J 


2-rr—r and 


ilf CO* 


1 - (n//)* 


the latter being decreased since 


n 


2.7r 


a/KJM. 


16. Remembering that the amplitude of the free oscillation 
is just equal and opposite to. the amphtude of the forced oscilla¬ 
tion at i =»:zero. And heuce'if the frequencies are about equal, 
’* will take considerable time for the two wa/ves to gradually 
lift out of phase, thus biiildmg up the resultant wave. At 
ison^ce it would theoretically take an mfinite time. 


Or X — €~^ ^ - [—9.5 cos at S cos 03 1 1.6J 

This ig plotted in Fig. 9. The maximum value of 
X occurs at about two cycles, and is 

KI^ 


Xm 6.5 


k 


17. The transient term is assumed to apply to all terms in the 
equation. Strictly it applies to the ai and co t terms, and to 
only a component of the constant term. But since the latter 
small, the assumption, for purpose of illustration, is justified 



April 1923 DOHERTY AND KIERSTEAD: ELECTROMAGNETIC FORCES 


561 


This corresponds, by equation (3), to a force on the 
support 

That is, about 60 per cent greater than 

which, by equation (7), is the maximum instantaneous 
magnetic force neglecting the transient. 

If n is large compared to / the shape of the resultant 
deflection wave is that produced by the superposition 
of a high-frequency wave on one of lower frequency as 
shown in Fig. 3. Thus, the high-frequency wave a 
superposed on the lower frequency wave d produces the 
resultant curve x. If the ratio of the high-frequency 
n to the low-frequency f is an integer then the resultant 
wave repeats every cycle of the frequency / and there¬ 
fore the maximum will occur in the first cycle of co t. 
If the ratio is not an integer the resultant will not 
repeat and will, without transients, require a few cycles 



Fig. 9 

X = i^/ii i — 9,5 cos a I + S cos w I + I.6| 

a => 1st term, b = 2nd term + 3rd term, c = a +&.</ « 3rd term 

of / for the relative phase of the high-frequency wave 
to shift to the right position to give the maximum pos¬ 
sible resultant. However, transients probably reduce the 
magnitude more rapidly than the phase shift builds it 
up. It thus appears reasonable to assume in this case 
also that the maximum occurs in the first cycle of co L 
From the foregoing discussion of results, it appears 
that in cases where n is large compared to / the results 
are accurate enough to certainly indicate the general 
character of the phenomenon and magnitudes involved, 
and probably also close enough for guide in design 
calculations. In such cases, neglecting the transients 
would not involve serious error. However, it is clear 
from the numerical illustration just given,'that where 
n approaches /, the transients can not be neglected. 
That is, the equations do not apply in such cases. But 
usually in problems of actual practise n is large compared 
with/. 

Conclusions 

(1) If the reactor is not held rigidly against all 
motion, the maximum force on the holding device 


(bolts, etc.) will depend in a decisive way upon the ratio 
of the frequency n of natural oscillation, to the electrical 
frequency/. 

(2) If, however, the reactor is held rigidly, then the 
maximum force on the holding device will be independ¬ 
ent of the frequency ratios, and need be only slightly 
in excess of the peak magnetic force. Or, conversely, 
if the initial tension in the holding device (plus weight 
of reactor) is equal to, or slightly greater than, the peak 
magnetic force, then no motion of the reactor can take 
place. It appears that this condition should always be 
sought. 

(3) If the reactor is not held rigidly and n is large 
compared to /, say 

n/f > 3 

as is usually the case, then if motion is permitted, the 
maximum force on the holding device will occur in the 
first cycle of co t, and will .usually be as great or greater 
than the maximum magnetic force. 

(4) If n/f < 3 and the reactor is* not held rigidly, 
the maximum deflection may or may not occur in the 
first cycle of co t. If it does, then the above conclusion 
applies. If it does not, then the transient cannot be 
neglected, and the equations do not apply. It is 
probable however, that in the latter, as in the former 
case, the maximum force on the holding device will be 
greater, than the maximum instantaneous magnetic 
force. 

(5) The equations, which are based on definite 
assumptions given at the beginning of the paper, and 
discussed in foregoing pages, give results which indi¬ 
cate the general character of the phenomenon and 
magnitudes involved; and within limits specified,^* 
could probably be used as a guide in design calculations. 

The authors wish to acknowledge the valuable 
suggestions of Mr. W. 0. Dwyer and the assistance of 
Messrs. D. S. Snell and R. F. Franklin. 
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A t the Pacific Coast Convention of the American 
Institute of Electrical Engineers, held in Portland, 
Oregon, July 1920, the following resolutions were 
passed: 

Whbebas, there exists at present a decided lack of uniformity 
in methods of testing and ratings adopted by the manufacturers 
of pin type insulators, affecting recommended line voltages and 
rated dry and wet flashover values; and 

Whereas, the United States Bureau of Standards in the 
National Electric Code for overhead line construction has 
specified TYiiuiTmim values of flashover voltages on insulators 
used for transmission and distribution lines, but has not indicated 
the method of determining these values; therefore 
Be It Resolved: That the members of the A. I. E. E. in 
session of the Pacific Coast Convention recommend that steps 
be i-.«lfflTi in the near future by the Standardization Committee 
of the Institute to properly standardize methods of testing and 
rating pin type insulators, in order to obtain umform values of 
flashover voltages for similar types. 

Be It Further Resolved: That a copy of this resolution be 
sent to the United States Bureau of Standards, Washington, 
B. C. 

As a result of this action, the Standards Committee 
of the American Institute of Electrical Engineers in 
October 1920, appointed a subcommittee* to take up 
the work as outlined and advised it as follows: 

It will be observed that the resolution of the Pacific Coast 
Convention refers more particularly to pin type insulators, but 
it is desirable for this subcommittee to give attention to the 
question of all tjfpes of insulators for transmission lines. 

As a result of the work of this subcommittee certain 
specifications covering the usual design tests have been 
drawn up and recommended to the Standards Commit¬ 
tee. It is considered desirable, however, to obtain as 
much criticism as may be possible from all insulator 

♦This subcommittee now includes the following members: 

R. B. Arderstikder Electrical Engr., Stone & Webster, Inc. 

A. O. Austin The Ohio Insulator Oo. 

A. F. Band Testing Engr., Pennsylvania Water & Pr. Oo. 

H. A. Barre Executive Engr., Southern Oalif. Ed. Oo. 

S. L. Westinghouse Elec. Sc Mfg. Oo. 

G. I. Oildurest Wesl^ghouse Elec. & Mfg. Oo. 

K. A. Hawley Chief Engr., Locke Insulator Mfg. Qoi 

R. F. Jaokson Westinghouse Elec. & Mfg. Oo. 

P. Junkersfeld McClellan & Junkersfeld, Inc. 

(Chairman) 

A. H. Lawton Consumers Power Co. 
ar. G. Martin McGraw-Hill Oo., Inc. 

R. H. Marvin The B. Thomas Ac Sons Oo. 

A. H. Moore General Electric Co. 

W. D. A. Peadlee Chief Engr., Belden Mfg. Oo. 

P. W. Peek. Ir. General Electric Co. 

H. J. Ryan Leland Stanford. Jr., University. 

A. B. Silver Electric Bond Ac Share Oo. 

Presented at the Spring Convention of the A. I. E. E., 
Pittshmgh, Pa., April $4.~S6,1$2S. 
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users, before any final standardization is authorized, 
and it is with the desire of stimulating such criticism 
that the proposed specifications are presented herewith. 

In undertaking to establish specified methods of 
conducting these tests, it was necessary to carry out 
investigations into the effect of test conditions, Such 
investigations were made at one of the insulator 
factories. It was found for instance that in the case 
of the test conductor for pin type insulators, laboratory 
tests demonstrated that on insulators having a dry 
flashover value ranging from 60 to 200 kv., with a. test 
conductor less than 4 ft. (1.22 meter) long, the flash- 
over voltage diminished with the conductor length, 
while for longer lengths the flashover voltage remained 
constant. A minimum length of 4 ft. (1.22) was 
therefore established. In general, where similar dimen¬ 
sions are given in these specifications they have been 
determined by the same sort of investigation. 

In preparing these specifications a considerable lack 
of uniformity in definitions of accepted terms was 
encountered and, consequently, certain definitions 
have been proposed for standardization and these are 
published herewith. It should be remembered that 
these specifications are not intended to apply to routine 
factory tests. The Insulator Subcommittee is still 
giving consideration to this subject, and will welcome 
criticisms and suggestions leading to improvement 
in the form or subject matter of the specifications. 

Pin Insulator Design Test Specifications 
as Tentatively Proposed 

Definitions 

The following terms are in common use and it is 
believed merit an exact definition or specification. The 
subcommittee therefore suggests the following: 

A pin insulator is a complete insulator, consisting of 
one Insulating member or an assembly of such members 
without tie wires, clamps, thimbles or other acces¬ 
sories, the whole being of such construction that when 
mounted on an insulator pin, it will afford insulation 
and mechanical support to a conductor. 

A shell is a single insulating member without cement 
or other connecting devices. 

Dry flashover voltage is the voltage at which the air 
surrounding a clean dry insulator or shell breaks down 
between electrodes, with the formation of a Sustained 
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arc, the test being made as described under “Dry 
Flashover Test.” 

Wet flashover voltage is the voltage at which the air 
surrounding a clean wet insulator or shell breaks down 
between electrodes with the formation of a sustained 
arc, the test being made as described under “Wet 
Flashover Test.” 

Puncture voltage is the voltage at which an insulator 
or shell is electrically punctured when subjected to a 
gradually increasing voltage, the test being made as 
described under “Puncture Voltage Test.” 

The ultimate mechanical strength of a pin insulator 
is the load in pounds at which the insulator fails either 
electrically or mechanically, voltage and mechanical 
stress being applied simultaneously as described under 
“Ultimate Mechanical Strength Test.” 

Dry Flashover Test (Design Test) 

Dry flashover test shall be performed with the pin 
insulator mounted in a vertical position on a steel pin 
of circular section 1 in. (2.54 cm.) in diameter mounted 
on a cross-arm, and of such length that the ratio of the 
shortest distance from the edge of the head around the 
insulator to the cross-arm, to the shortest distance from 
the edge of the head around the insulator to the pin, 
shall be 1.25. The cross-arm shall be of iron pipe, 
preferably grounded, not less than 3 in. (7.63 cm.) and 
not more than 5 in. (12.7 cm.) in diameter and shall 
extend at least 3 ft. (0.914 m.) on either side of the 
center line of the insulator pin. The head of the 
insulator shall be fitted with a straight, smooth metallic 
rod or tube not less than 3^ in. (1.27 cm.) in diameter 
extending in a direction at right angles to the cross-arm 
and at least 2ft. (0.609m.) in either direction from 
the center line of the insulator head. This rod shall be 
secured in the upper groove by means of at least one 
turn of wire not smaller than No. 8 A. w. g. placed in 
the side tie wire groove. 

The character of the testing equipment and method of 
measuring voltage shall conform to the Standardiza¬ 
tion Rules of the A. I. E. E. 

The test shall be performed by applying voltage 
between the rod fastened to the head and the steel 
pin, and raising it at a uniform rate of approximately 
five thousand (5000) volts per second to a value at which 
dry flashover occurs. 

Records shall be made of barometric pressure, air 
temperature and humidity. 

Wet Flashover Test (Design Test) 

The testing arrangement shall be the same as in the 
dry flashover-test with the addition of equipment to 
provide a finely divided uniform spray at an angle of 
45 deg. from the vertical and at a rate of 0.2 in. (5.07 
mm.) per minute. The water shall have a resistance of 
from 3000 to 6000 ohms per in. cube (7620 to 16,250 
ohms per cm. cube) and shall be delivered to the spray 
nozzle at a pressure of not less than 35 and not more 
than 50 pounds per sq. in. (2.46 to 3.51kg. per sq* 


cm.) measured at the nozzle. The vertical and 
horizontal dimensions of the vertical area sprayed 
shall be measured in a plane through the vertical axis 
of the insulator and shall be 1.75 times the correspond¬ 
ing over-all projected dimensions of the insulator. The 
precipitation shall be determined by measurements 
taken, with the insulator removed, at the location of 
the top, center and bottom of the vertical axis of the 
insulator when in its test position. Individual meas¬ 
urements shall show a variation of not more than 25 
per cent from the mean of the three measurements. 

Methods of applying and measuring voltage and of 
recording data, shall be the same as for the “Dry 
Flashover Test.” 

Puncture Test (Design Test) 

In making this test the insulator shall be immersed 
in oil with the pin hole, line and tie wire grooves filled 
with conducting material, voltage being applied 
between the pin hole and tie wire. 

Voltage shall be applied at not more than three- 
fourths of the dry flashover voltage and raised at a uni¬ 
form rate of approximately 5000 volts per second for 
insulators having an average puncture of 200,000 
volts or less, and at a uniform rate of 10,000 volts per 
second for insulators having an average puncture 
voltage of more than 200,000 volts, voltage being 
raised until puncture occurs. 

Methods of applying and measuring voltage and of 
recording data shall be the same as in the “Dry Flash- 
over Test.” 

Corona Formation Voltage (Design Test) 

The testing arrangement shall be the same as for the 
dry flashover test, using a darkened room. A voltage 
sufficient to cause streamers shall be applied and slowly 
lowered until all brush discharges disappear. The 
point of disappearance shall be the corona voltage. 

Methods applying and measuring voltage and of 
recording data shall be the same as in the “Dry Flash- 
over Test.” 

Ultimate Mechanical Strength Test 
(Design Test) 

This test shall be performed in a suitable insulated 
testing machine where mechanical loads up to the 
ultimate rupture point can be applied simultaneously 
with a potential 15 per cent below the dry flashover 
voltage at a frequency not greater than 60 cycles. 
During the test the mechanical load shall be increased 
at the rate of 20001b. (907.2 kg.) per minute until 
puncture takes place. For pin type insulators,* the 
mechanical load shall be applied at right angles to the 
central axis, with a suitable metal supporting pin which 
will not materially deflect or bend under the maximum 
stress imposed. Attachment shall be made to the tie 
wire groove by means of a steel cable loop or bridle. 
Methods of applying and m^uring voltage and of 
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recording data shall be the same as in the “Dry Flash- 
over Test.” 

Suspension Insulator Proposed Test 
Specification 
Definitions 

The following definitions are proposed: 

A suspension insulator unit is a shell assembled with 
its necessary attaching members. 

A string consists of two or more units connected in 
series. 

Dry Flashover Test 

Dry flashover test shall be performed with the in¬ 
sulator, unit or string, suspended vertically by the 
makers’ standard cross-arm suspension hardware car¬ 
ried at the end of a grounded wire or suitable conductor 
suspended so that the vertical distance from the upper¬ 
most point of the insulator hardware to the si^pporting 
structure shall not be less than 3 ft. No other grounded 
structure shall be nearer than 3 ft. to any part of the 
unit or string. The insulator pin, or corresponding 
fitting, shall carry an inverted pipe tee made of ^-in. 
pipe, the head of the tee being not less than 6 ft. long, 
the stem of the tee being coupled at the middle point 
of the head and having such a length that the distance 
from the upper surface of the horizontal head to the 
lowest edge of the porcelain shall not exceed 0.7 of the 
diameter of the lowest unit. 

Potential shall be applied between the stem of the 
pipe tee and the grounded suspension by raising the 
voltage at the rate of approximately 5000 volts per 
second to a value at which dry flashover occurs. Rec¬ 
ords shall be made of barometric pressure, air tempera¬ 
ture and humidity. 

The character of the testing equipment and method 
of measuring voltage shall conform to the Standards 
of the A. I. E. E. 

Wet Flashover Test 

The wet flashover test shall be performed using the 
same general arrangement as in the dry flashover test 
with the addition of equipment to provide a finely 
divided and reasonably uniform spray at an angle of 
46 deg. from the vertical and at the rate of 2/10 in. 
(5.07mm.) per minute. The water shall have a 
resistance of from 3000 to 6000 ohms per inch cube 
(7620 to 15,250 ohms per cm, cube) and shall be de¬ 
livered to the spray nozzle at a pressure of not less than 
35 and not more than 501b. per square inch (2.46 to 
3.51kg. per sq. cm.) measured at the nozzle. The 
vertical and horizontal dimensions of the vertical 
area grayed shall be measured in a plane through 
the vertical axis of the unit or string and shall be 1.75 
times the corresponding over-all projected dimensions 
of the unit or string. Precipitation shall be determined 
by measurements, taken with the unit or string re¬ 
moved, at the location of the top, center and bottom 
of the vertical axis of the unit or string when in its test 


position. Individual measurements shall show a varia¬ 
tion of not more than 25 per cent from the mean of the 
three measurements. 

Methods of applying and measuring voltage and of 
recording data shall be the same as for the dry flashover 
test. 

Puncture Test 

Puncture test shall be performed with the insulator 
or unit immersed in oil, voltage being applied between 
the cap and stud or corresponding metal fittings. 
Methods of appl 3 dng voltage and recording data shall 
be the same as in the dry flashover test except that 
voltage application shall be begun at not more than 
^ of the dry flashover voltage. 

Report of Insulator Subcommittee of the 
Standard Committee, A. I. E. E. 
for 1922-1923 

The Insulator Subcommittee, Working Committee 
No. 3, has held four meetings, as follows: 

December 8,1922 March 9, 1923 

February 2, 1923 April 6, 1923 

all at Institute Headquarters, New York, N. Y. 

The subcommittee has continued the study, begun 
last year, of the factor of safety to be recommended be¬ 
tween line voltage and dry flashover of the insulator. 

It has tabulated the data received from 27 operating 
companies in reply to questionnaire sent out. 

The subcommittee recommends that for the present 
this data be used in selecting pin insulators. 

The subcommittee suggests that with steel supports 
or grounded pins it is desirable to use the higher factors 
of safety while with ungrounded pins on wood poles the 
lower factors of safety may be justified. At present 
the subcommittee is not prepared to recommend what 
this variation should be. A discussion of the entire 
situation is invited. 

For convenience the following table gives flashover 


voltages corresponding to 
taken from this data: 

various line 

voltages, as 



Flashover Kv. 


Line Kv. 

Minimum 

Average 

Maximum 

11 

68 

88 

110 

13.2 


91 

• • 

22 

90 

110 

121 

33 

109 

124 

142 

44 

163 

172 

180 

80 

186 

192 

222 

66 

179 

185 

198 


The discrepancy between the tests for 60 kv. and 66 
kv. is probably due to lack of sufficient data. 

In this connection, the subcommittee wishes to sub¬ 
mit as representing practise with suspension insulators 
the curve published by Mr. Peek in the General Elec-’ 
trie Review of Fehmary, 1922. Attention [is called to 
the difference in factor of safety between pin and sus- 
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pension insulators, particularly at operating voltages 
in the neighborhood of 60 kv. 

Routine Test Specifications 

The Subcommittee has given consideration to speci¬ 
fications covering routine factory tests on both pin and* 
suspension units and suggests the following forms. 

The Subcommittee does not take the position that 
these are necessarily the only tests which should be 
considered or, on the other hand, that all of the tests 
outlined must be made, but leaves this to the judgment 
of the Purchaser. 

The Subcommittee believes, however, that if the 
tests are called for, they should be made as specified. 

Tests on Pin Type Insulators 

Preliminary Test. Before assembly, all shells shall 
be subjected to vigorous dry flashover potential at 
normal frequency 26 to 60 cycles for 3 minutes. If 
more than 5 per cent fail, the loU may be retested. If 
on retest more than 3 per cent fail, the lot^ shall be 
rejected. 

Final Test. After assembly, the insulators shall be 
subjected to dry flashover test for two minutes. Volt¬ 
ages shall be such that insulators shall flashover oc¬ 
casionally. Insulators failing under this test shall be 
rejected. 

Tests on Cemented Type op Suspension Insulators 

Preliminary Tests. Before assembly, all shells shall 
be subjected to vigorous dry flashover potential at 
normal frequency 26 to 60 cycles for 6 minutes. 

If any shell fails during the fourth or fifth minute of 
the test, the test shall be continued until no shell fails 
during the last two minutes of test. The excess time 
is based on the testing of quantities up to 100 at one 
time. For quantities greater than 100, the excess time 
after the last failure may be less than two minutes by 
agreement between manufacturer and Purchaser. If 
more than 6 per cent fails the lot* may be retested. If 
on retesting more than 3 per cent fails the lot^ shall be 
rejected. 

After assembly all units shall be subjected to flashover 
test at normal frequency 26 to 60 cycles for three min¬ 
utes. Voltages shall be such that insulators shall 
flashover occasionally. All units failing under this test 
shall be rejected. 

Mechanical Test. Not more than seven days after 
cementing all units shall withstand for three seconds 
without sign of distress a mechanical pull in line with the 
axis of the insulator amounting to approximately 40 
per cent of the rated ultimate strength. This test 
shall be given before the final electrical test. 

1. Note: In all cases where the term *‘lot” is used, it should be 
dejSned as including only the number of imits on the testing 
pan at one time. 

2. Note: In all cases where the term “lot” is used, it ^ould be 
defined as including only the number of units on the testing 
paiU at one time. 


Puncture Test (For Pin and Suspension Units). 
Puncture voltage test shall be made on units which 
have passed the final routine flashover test. Rejec¬ 
tion of units for puncture shall be based on the “Average 
Variation” in puncture voltage determined, as follows: 

Definition op “Average Variation” in Puncture 

Under Oil Tests 

For this test purchaser will select from units offered 
for final inspection not more than 3^ of 1 per cent of the 
total quantity and not less than 3 units. 

Vi, Vs, Vs, . . • V« = individual puncture values. 

V = average puncture voltage. 

V = (Vi + Va + Vs ■ • • + Vn)/n 

Let 

tti =.V- Vi tti = V-Vi az = V- Va an = V- Vn 

Consider all the values of a as positive, that- is, 
neglect the signs. 

Let a = average variation 

A = average variation, per cent. 

Then 

a = (tti -h Us + Oa . . . + an)/n 
A = 100 a/V 

Example: 

Five insulators punctured at; 150,135,145,138,142 
kv. respectively. 

' V = (150 + 135 + 145 + 138 + 142)/5 = 142 
a = (8 + 7-1-3-f 4-|-0)/6 = 4.5 
A - 100 X 4.5/142 = 3.17 per cent 

If “Average Variation,” A, exceeds 10 per cent, the 
entire quantity shall be rejected, or at the manufac¬ 
turer's option and expense an additional 2 per cent may 
be tested. If the “Average Variation,” A, obtained 
from this second test only exceeds 10 per cent, the entire 
quantity shall be rejected. 

Ultimate Mechanical Strength (Suspension units only). 
Not more than 7 days after cementing, ten units shall 
be selected for this test from each 1,000 ordered. If any 
fail at less than 86 per cent of the manufacturer’s rated 
ultimate strength, an additional 20 imits shall be tested 
at the manufacturer’s expense. If none fail at 86 per 
cent of manufacturer’s rating, the lot shall be accepted 
and if any fail, rejected; 

Expense of Material for Tests. As far as practicable, 
tests shall be made upon units which have some defect 
and are not salable but are otherwise acceptable to the 
inspector for the test in question. In addition. 
Purchasers shall be allowed to test commercial insulators 
to destruction up to 3^ of 1 per cent of the total number 
ordered. If additional unite are desired for such tests, 
they shall be paid for by the purchaser. 

We believe that the above completes the work as¬ 
signed to the subcommittee. In the course of its 
discussions, two questions came up which it appear 
should be subjected to. further labpiatdry study and the 
subcommittee suggests these for your consideration. 

1st. The relative effect of 26- and fiOrcycte teste. 

2nd. It is believed that the mechanical strength 
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of a string of insulators decreases with time. The 
maoimt of this should be ascertained. 

The subcommittee believes that the material in¬ 
cluded in the above report should be treated in the 
same way as the design test specifications previously 
reported on, that is, it should be published and sub¬ 
jected to criticism, so that it may be revised before any 
definite action is token. It would be highly desirable, 
if possible, to have this material presented at the April 
meeting of the Institute in Rttsburgh, at which 
time the design test specifications are scheduled for 
discussion. 

The subcommittee would like the permission of the 
Standards Committee to arrange for this, if possible. 

Respectfully submitted, 

P. JUNKERSFELR 

Chairman, Insulator Subcommittee 
of the Standards Committee, A.T. E. E. 


Discussion 

LIGHTNING DISTURBANCES ON DISTRIBUTION 
CIRCUITS (MacLaren); 

OPERATING EXPERIENCE WITH CURRENT-LIMITING 
REACTORS (Pollard); 

SHORT-CIRCUIT FORCES ON REACTOR SUPPORTS 

(Doherty and Kierstead) ; 

STANDARDIZED INSULATOR TESTS 
(Insulator Subcommittee op Standards Committee) ; 

Pittsburgh, Pa., April 26, 1923. 

E. C. Stones As I uaderstand this lightning situation, the 
lightning arrester must have large charging capacities. The 
lightning arrester must choke the dynamic current that may 
follow from the system. Those two conditions are almost 
diametrically opposite. However, in very low voltages, .by 
which I mean under four or five thousand, the dynamic problem 
is comparatively simple, and you can hold down the dynamic 
current following with, a low resistance which is not high enough 
to seriously interfere with your discharge but as you go to the 
high voltages, the problem of holding back the dynamic current 
without checking the surge discharge becomes more and more 
complicated and involves more and more complicated apparatus. 
At voltages of 160 to 220,000, you have to put so much insulation 
on to hold the line voltage, that the lightning arrester is hot 
important. I will say that our problem for 234,000 volts is 
practically solved today by distributing the proper arresters. 
In that way we can get a high percentage of protection from 
four thousand volts up to some uukaown quantity of 66 or 88 
or 110. 

I don’t see the answer at the present time. Either the equip¬ 
ment is so expendve—I am talking about system protection 
rather than individual apparatus—if you have big transformers 
you can afford to pay a little bit for the lightning protection, but 
in general system protection costs so much that you can’t afford 
to dp it from perhaps 119 volts up, until you get to a voltage 
where your insulation is protection. 

Karl B. McEachroiit Attention is called in Prof. Mac- 
Laren’s paper to the desirability Of protecting the secondary 
distribution circuits, especially if those circuits are long and 
exposed. This point could well receive more consideration than 
has been given to it in the past. It is well known that, the tele¬ 
phone companies have found it necessary to protect their sub¬ 
scribers’ stations by the use of arresters, even when the exposed 
lines were not long. That such protection is necessary has been 
shown by the burnoUts occurring where the circuits were un¬ 
protected. 


Prof. MacLaren has shown that arresters having high resist¬ 
ance in the ground circuits fail to protect. A simple calculation 
will show how important this point is, being probably more 
important with distribution arresters than with the high-voltage 
equipments. 

Assume that a 23(X)-volt arrester has an effective resistance of 
25 ohms which is representative of arresters of this rating. With 
zero ground resistance, the discharge rate at double rated poten¬ 
tial is 4600/26 = 184 amperes. With a ground resistance of 
200 ohms, the discharge rate is only 20 amperes. Thus, the 
introduction of this ground resistance has reduced the discharge 
rate to one-sixth of its original value. 

Designers of lightning arresters endeavor to get as high a 
discharge rate as possible, but if one succeeds in reducing the 
resistance from 26 to 20 ohms or less, his efforts will be of little 
avail if the ground resistance is not kept low. 

This paper agrees with the experience of others in that the 
best protection is secured where the density of lightning arresters 
is the greatest. This is, of course, to be expected. 

W. B. Kirket I should like to bring out a few points with 
regard to Messrs. Doherty and Elierstead’s paper that have been 
particularly interesting to me in a similar study that I have made 
on magnetic forces in reactors at The New York Edison Co. If 
we refer particularly to Equation 7, we will find an expression for . 
the magnetic forces due to the currents in the reactor windings. 



If we analyze this equation for one complete cycle, we will find 
that the average force for that period is proportional to the 1.6 
term of Equation 7. If we add up all numerical coefficients of 
that Equation, 1.6 +2 -|- 0.6 without regard to sign, we will 
have a Pig. 4 which is proportional to the maximum value of the 
magnetic force during the first cycle. Equation 7 was derived 
by squaring Equation 6. If we had neglected the transient term 
which occurs in Equation 6 and is expressed by the figure of 
unity, we would have a force equation which gave over a com¬ 
plete cycle an average force proportional to the figure of 0.6, and 
a peak force proportional to the figure of 1 thus representing 
'conditions after the transient has disappeared. 

During the first cycle, however, with a totally offset current 
wave we found that the peak magnetic force was proportional 
to the figure of 4. This peak force, therefore, varies from a figure 
of 4 down to the figure of unity during the period of the transient, 
as shown in the accompanying figure. 

In calculating forces in reactors imder short-circuit conditions 
we are, therefore, likely to be greatly in error if the transient 
currents are not considered. As an illustration, we may take 
a SOO-ampere circuit having a 3 per cent feeder reactor. For 
a short circuit at the termmals of the reactor, the effective short- 
circuit current, with sustaiaed bus voltage, would be approxi¬ 
mately 10,000 amperes and if this figure were Used, it wquld give 
us magnetic forces correspondiug to the figure of 0.6. 
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Reactors,” published in the Electrical World in 1917. This 
article gave the first approximate formula which was worlced 
out for the repulsion of coils with parallel axes. While its 
results are very close to the true values, a more accurate and 
convenient formula is given in the paper by the writer on “Some 
New Formulas for Reactance Coils,” Trans. A. I. E. E., 1919, 
p. 1681, formula (4). Curves for the force on coils with parallel 
axes are given in Mg. 3 of the A. I. E. E. paper. 

Formulas and curves for the force exerted between coils with 
the same axis are given in the paper by the writer on “Repulsion 
and Mutual Inductance of Reactance Coils with the Same Axis ” 
The Electric Journcd, Maj’’, 1918, p. 166. 

E. E. Berber: Referring to Mr. MacLaren’s paper, it would 
seem that the problem in most eases of protecting low-tension 
circuits, such as 115 and 230 volts, was not very serious and that 
adequate protection could be supplied where needed at small cost. 
For 2300 and 13,200-volt service, past expei'ienee has proven that 
adequate protection in the form of lightning arresters is available 
and so the problem is simply a matter of placing arresters at the 
proper points of a system and in sufficient numbers. However, 
much valuable work can still be done in reducing the cost of such 
protection, or possibly increasing slightly tlio degree of 
protection. 

D, W. Roper’s paper, presented before the Institute in Novem¬ 
ber, 1920, which I believe was the beginning of this class of 
investigation, has proven very valuable in determining what 
performance should be expected from lightning arresters designed 
for distribution circuits. I can say that the General Electric 
Company has been able to cheek in the laboratory to a largo 
degree the results obtained by Mr. Roper on the Commonwealth 
Edison System. 

My opinion is that more valuable information can still be» 
obtained from operating linos, especially in regard to the mag¬ 
nitude of lightning disturbances. I feel that a very simple aj)- 
paratus can be developed to measure and record the magnitude 
of lightning disturbances. From a study of such data taken over 
several lightning seasons, much light would be thrown on the 
whole lightning protection problem. 

F. H. Kiersteads After Mr. Pollard candidly discusses his 
experience with current-limiting reactors of different designs ho 
concludes thiCbt, while reactors have in the past been subject to 
failures of various natures, the modern reactor is a reliable piece 
of apparatus. Another way of putting Mr. Pollard’s conclusions 
is that as a result of such operating experience modern reactors 
have been made reliable. The defects in the design and opera¬ 
tion of early reactors which did not become apparent until the 
reactors had been given the test of service, have been corrected. 

Failures of reactors may result from the following causes: 1— 
Over-voltages; 2—Insufficient thermal capacity; .3—Me¬ 
chanical wealmess; 4—^Foreign conducting materials. 

Since reactors are points of reflection, them was some ai3pre- 
hension as to the magnitude of the voltages that might be built 
up at these points, and in the early days of the design of current- 
limiting reactors careful consideration was given to the voltage 
that they might have to withstand. Experience has shown that 
as a result of this consideration only a very small number of 
failures can be attributed to over voltage and it is probable that 
some of these may have been due to foreign material as will be 
explained later. 

It was always recognized that reactors should have liberal 
thermal capacity and it soon became the practise to con.struct 
them with materials not injured by high temperatures and I 
know of no failures of reactors due to high tempeature that wore 
constructed with heat resisting materials*. 

While it has always been recognized that the magnetic forces 
in reactors were large still, as pomted out by Mr. Stephens in his 
discussion, their exact magnitude and destructiveness was not 


at first fully appreciated. Now that they are understood we 
should not expect a duplication of this trouble. 

Experience has shown that the danger of failm*e due to foreign 
conducting materials falling or being drawn into a reactor by 
its magnetic field has not been fully appreciated by operators. 
Usually an examination reveals the cause of such a failure but 
sometimes the evidence is destroyed by the resulting arc. In 
one such case a i*eactor that failed due to no apparent cause was 
placed out of doors for some time. At a later examination posi¬ 
tive evidence of iron rust was found on the conductors at a 
point where failure had occurred, clearly indicating that the 
failui'e had been caused by the presence of an iron body at this 
point. This is a source of trouble that can bo eliminated by 
proper education of the operating force. 

L. F. Woodruffs In 1920 Mr. O. R. Schurig and the writer 
undertook a study of the stresses in a-c. busbars and busbar 
supports duo to short-circuit electromagnetic forces. A large 
number of osoillograiihic tests wore made with transient-pressure- 
reeording devices. A mathematical analysis of the motion of the 
bar was made on the assumption of “equivalent mass” and 
“equivalent stiffness” for the l)ar, and we obtained equations 
idenl.ical with those given by Messrs. Doherty and Kierstead. 
The oscnllographic records furnished excellent checks with the 
theory. The results of our investigation were given in a general 
engineering laboratory report liaving a circulation only inside the 
General Electric Company. 

It is obvious that the important principle brought forth is that 
conditions of electro-mechanical resonance are to be avoided. 
It is therefore desirable to calculate accurately the natural fre¬ 
quency of mechanical vibration of systems in which the equiva¬ 
lent mass and oqiiivahuit stiffness differ materially from the 
actual total mass and stiffness. The busbar is the most 
important illustration of such a case. 

A busbar is a continuous beam, and if the assumption be made 
tliat each span is of the .same length, all spans, except possibly 
those near the ends of the bar, will move in unison, and each 
span has therofoi’e the end conditions of a beam fixed at both 
ends. We will set up the differential equation of motion of such 
a beam. 

In Fig. 2 the slope of the neutral juris at any point equal to 
. If the slope is assumed to bo small, so that ( ) is 

iX \ 6X / 

negligible in comparison with-. the curvature is approxi- 

8 X 


imately equal to 


iL£ 

8 


and the bending moment to EI 



where E is the modulus of elasticity .of the materijil and I is the 
moment of inertia of the oross-aoction about the intersection of 
the neutral plane and the plane of the cross-section. The shear 

is —^ (moment), or EI . 
sx sx^ ■ 


The net vertical force acting on the section A B C D is the 
difference of the shears at A C and B D, and is equal to the rate 
of change of shear along the A-axia times the distance d x, or 

_ s* y 
El ~^dx. 
tx* 

If there is no external force applied, this force must be used 
in producing vertical acceleration. If m is the mass per unit 
length of beam, the mass of the section ABCDiamdx, and 
multiplying this mass by the expression for its acceleration, and 
equating this to the available force, we have 

mdx s*y/s^ —E J (,s*y/B3^) dxi 
or 8* y/s^ + iE I/m) (8^ y/t x*) - 0 


(1) 
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Fundamental vibration, 140,000 Second harmonic, 

385,000 D/L2; Third harmonic, 757,000 D/L*; Fourth harmonic, 
1,254,000 D/L*. For aluminum bars. Fundamental vibration, 
197,000 D/L2. 

The natural frequency of vibration of round wires has been 
calculated, as there is a possiblity of resonance in such apparatus 
as power-limiting reactors, etc. For round wires of hard-drawn 
copper, the natural frequency is: 

Fundamental vibration, 121,000 D/L*. For round aluminum 
wires: Fundamental vibi’ation, 171 000 D/L*. 

M. Mac Laren: Mr. McEachron’s illustration of. the effect 
of high ground resistance upon the discharge rate of an arrester 
I think rather overstates the ease for Ohm’s Law cannot be 
applied directly here. As A. L. Atherton has so clearly shown 
(Paper presented at Midwinter Convention of the A. I. E. E., 
February 1923) the surge impedance of the circuit will generally 
be much greater than the resistance of the arrester and its 
ground connection and has, therefore, a more controlling in- 
ffuence in the problem. At the same time, it is important to 
obtain low ground resiftanee and where this cannot be aeoom- 
pUshed without considerable expense the arrester density 
should be increased. 

Mr. McEachron’s statement that the best protection is 
secured where the density of arresters is greatest needs qualifi¬ 
cation, for the data submitted in the paper show that this only 


applies to the exposed circuits. There are many circuits in the 
city which have no arrester protection for which no injury 
from lightning has been recorded. One of the most important 
matters to determine for the exposed circuits is where the 
saturation point occurs beyond which it becomes economically 
undesirable to increase the arrester density. 

Mr. Berger refers to the low cost of arrester protection for 
115 and 230-volt circuits, and while this is; time for an individual 
case, a large sum would be needed for an operating company to 
apply such protection at all generally to the system. For these 
reasons it was suggested in the paper* that this type of protec¬ 
tion might be included as part of the customer’s service 
equipment. 

R. E. Doherty: Mr. Dwight has Idndly called attention to 
additional references to contributions -which give methods of 
»a.To.iik.t.ing the electromagnetic force. These will be added to 
the bibliography. Mr. Woodruff has contributed some interest- 
ii^ and valuable equations' for calculating the oscillating fre¬ 
quency of bus bars, which are fixed at both ends; and has emphar 
sized the point, referred to on the first page of the paper, that 
the motion of a bus bar may be represented by equations identi¬ 
cal with those for the motion of the reactor. The new equations 
by Mr. Woodruff make it possible to calculate the natural 
oscillating frequency, using constants of the material directly, 
instead of an “equivalent mass’’ and “equivalent stiffness.” 



The National Engineering Societies 

Their Problems of the Past, Present and Future 


President 

BY F. B. 

I N selecting a subject for his annual'address to the 
American Institute of Electrical Engineers the 
retiring President has such a wide latitude of 
choice as to make the proper selection one of consider¬ 
able difficulty. If I followed my natural inclination 
I should doubtless choose as a topic one of the numerous 
outstanding engineering problems of the day and at¬ 
tempt to present for your consideration my views on it. 
However, the provision of our Constitution which 
assigns the address to the close rather than to the begin¬ 
ning of a presidential term seems to me to indicate a 
desire on the part of the Institute to have this address 
incorporate in some measure the ideas of the retiring 
President on matters of general concern to the Institute 
rather than his ideas on some specific engineering 
topic which could of course be expounded in a paper 
or discussion at one of the technical meetings. 
Whether or not this was the conscious intention 
of the Institute at the time the Constitution was 
adopted, I have elected thus to interpret the situation 
and in what follows I shall attempt to set before you 
for what they are worth my present ideas on some of 
the problems which confront this Institute, and to a 
large extent the other so-called Founder Engineering 
Societies. If these ideas are valid and if they serve in 
any measure to assist our Institute to grow and develop 
in a way which is healthy and for the best interests of 
its members, for the profession as a whole and for the 
good of the industry and the community which we 
represent, I shall feel that the remarks have been worth 
while. 

In viewing the varied activities of our national engi¬ 
neering societies and the problems which now confront 
them one cannot help but be struck by the fact that the 
tremendous changes of the past decade, which have so 
altered our whole econondic, social and political life, 
have brought a multitude of new problems to the engi¬ 
neering societies. That it will require the utmost of 
clear thinking on the part of our members and officers, 
if these problems are to be solved in a manner befitting 
the profession of which we are a part, is a necessary 
corollary. That the conditions which now confront 
us are intricate and perplexing is not at all strange in 
view of the increased perplexities of life in general. 
In fact it would be strange indeed if a professional soci¬ 
ety such as ours could have continued uninterruptedly 
along the lines marked out by its founders. 

In common with the other great national engineering 

Presented at the Annual Convention of the A. I. E. E., 
Swampscott, Mass., June M-29, 1923. 


s Address 

JEWETT 

societies, this Institute was the direct result of a feeling 
on the part of a group of men working in a particular 
field of engineering, that they and their art would profit 
from the establishment of a place of common meeting. 
It was the thought of the founders and has ever since 
been a guiding principle of the Institute that by thus 
providing a forum where engineers could meet as engi¬ 
neers and not as representatives of some particular 
business activity, and where they could discuss freely 
all matters of common technical interest, the art would 
be advanced most rapidly, the community would 
be best served and the members individually would 
receive the greatest personal benefit. The wisdom and 
foresight of the founders of the great national engi¬ 
neering societies and of the members of these societies 
who followed in their footsteps is evidenced not alone 
by the growth in size and vigor of the engineering 
societies but by the progress of the arts founded on 
engineering and for which the members of these socie¬ 
ties have been most largely responsible. It is clear 
now as we look back over the period of their existence 
that the activities of these societies along the lines 
conceived by their founders have been a large, if not the 
largest, single factor in the stupendous engineering 
advances of the past thirty or forty years. 

For many years following their founding the activi¬ 
ties of all of the engineering societies were directed 
primarily to problems of a purely technical character. 
During this period there was relatively little of common 
concern tending to bring the various societies together. 
In fact there was relatively little tending to foster 
society interest in the general concerns of the com¬ 
munity except where from time to time the purely 
technical features of some project of the moment at¬ 
tracted the interest and attention of one or other of the 
engineering bodies. But just as the growth and expan¬ 
sion of the fundamental sciences on which all engineer¬ 
ing is based gradually wiped out the lines of demarcation 
which once separated physics and chemistry, for 
example, into two readily defined and wholly distinct 
sciences, so too the more general application of funda¬ 
mental scientific knowledge and the growth of arts 
bs^ed on engineering broke a<a*oss the barriers which 
once so definitely separated the civil, mechanical, 
mining and electrical engineering fields. Even before 
the outlines of these boundaries which once separated 
the great engineering fields began to grow indistinct, 
however, there was a pronounced indication of impend¬ 
ing change within the several fields themselves. 

So rapid and so. extensive was the growth of the 


671 



572 


JEWETT: THE NATIONAL ENOINEERINO SOCIETIES 


industrial application of scientific knowledge that in 
every field of engineering, possibly more so in the field 
of electrical engmeering than elsewhere, there sprang 
up great new industries, which, although they had 
their roots in a common field of technical knowledge, 
were nevertheless in many respects essentially distinct 
arts. While retaining undiminished their interest in 
those fundamental aspects of their profession which 
were of common technical concern, the groups of engi¬ 
neers who had specialized along these several arteries 
of development soon found themselves faced with a 
myriad of problems of interest to their fellow specialists 
but of relatively little concern to the specialists in other 
fields. The machinery existing in the engineering 
societies of the day was inadequate to satisfy the needs 
of all these diverse groups. This, as we are all aware, 
led inevitably to the formation of rather highly special¬ 
ized engineering societies, such for example as the 
Institute of Radio Engineers or the Institute of Iron 
and Steel Electrical Engineers in the electrical field, 
and the Society of Automotive Engineers in the me¬ 
chanical engineering field. 

Frequently these newer societies were not purely 
technical in their aims but had to a gi'eater or le.ss extent 
a commercial background for part at least of their 
activities. In the main the active members of these 
specialized engineering societies were members of the 
founder societies and in general there was no conscious 
thought of any attempt to usurp the functions which 
had' become recognized as the functions of the four 
national societies. The avowed purpo.se -and desire 
of the founders of these societies was to handle tho.se 
technical problems which were of .special rather than of 
general interest, and to do such other things as were of 
.special concern to the engineers who constituted their 
membership. * 

Once founded, however, it was but natural that the 
growth of these societies should sooner or later give 
rise to activities .similar in whole or in part to some of the 
activities of the founder .societies. As we are aware, 
this overlapping of activities between what might be 
termed the ‘"parent" and the “offshoot" .societies has 
from time to time resulted in confusion, ju.st as the 
gradually overlapping fields of interest of the national 
societies have resulted in a confusion tending to bring 
about some form of joint action. On the whole, how¬ 
ever, it seems cl^ar that the formation of these special¬ 
ized engineering societies has re.sulted in great benefit, 
not alone to the art but in fact to the founder societies 
as well, and the gradual clarification in overlapping 
fields and the spirit of cooperation and of joint action, 
of which there is growing evidence, bids fair to mini¬ 
mize the deleterious effect of such confusion as may arise. 

Coincident with the expansion to the point of over¬ 
lapping which has taken place in the fields of acti vity 
of the great national engineering societies and in the 
creation and growth of specialized engineering societies, 
whether wholly or partially technical in function, other 
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factors have developed which have tended to modify 
the simple setting which originally surrounded the 
national engineering societies. 

The same forces which resulted in the formation of 
specialized engineering societies later brought into 
existence associations, of which the National Electric 
Light Association is an outstanding example, in which 
the purely technical aspects of engineering, such as con¬ 
cern the national societies or their offshoots, were ini¬ 
tially of relatively minor concern. These associations, 
which embraced in a common membership gi-oups of 
men with widely diverse interests, were essentially 
commercial in their origin. Such technical activities 
as they were originally intere.sted in were concerned 
more with the commercial than the scientific, aspects of 
engineering. Gradually, however, as they grew and 
their problems developed, there arose witliin these 
associations activities which tended to parallel or over¬ 
lap similar activities in the founder .societies or their 
more purely technical offshoots. As in the case of these 
offshoot engineering societies, the overlapping activities 
were very largely in the hands of engineers who were 
also members of the national engineering societies. 
So long as the overlapping affected merely the internal 
working of an industry the results were not essentially 
serious. When, however, it began to evidence itself 
in a conflict of findings which bore upon public policy 
or State regulation the results began to react adversely 
to the industry and to the engineering profession. 

While all of the foregoing factors were at work there 
was another and even more important influence in pro¬ 
cess of development tending to modify the original 
concept of the national engineering .society and to 
change the form and scope of some of its activities. 
In the early days of what we might term the engineering 

epoch of civilization.the fifty or .so years immediately 

following Watt’s work with the steam engine—the 
applications of science to industry were considered 
largely like any other commerical business of the pre¬ 
ceding time, namely, as matters of private concern in 
which the State as a whole had little or no interest. 
Oradually, however, with the expansion of the.se newer 
technical industries it became clear that many of them 
were of interest and concern to the public in ways quite 
distinct from the older questions of their financial 
solidity and their legal or illegal acts viewed solely 
from the standpoint of private businesses. First, with 
the common carriers, later with the other so-called public 
utilities and still later with many busines.ses closely 
akin in function to age-long commercial organizations, 
there grew up gradually the idea of a general State 
control in the interests of the public. 

Initially it was logical that this control should be 
entrusted to those designated officials to whom in the 
past had been entrusted.the conduct of the State’s 
relations to matters of common public concern. In 
the main these officials were essentially ignorant of 
technical matters, so that with the best of intentions 
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many schemes of regulation resulted disastrously 
through failure on the part of the supervisory officials 
to recognize fundamental engineering considerations. 

Gradually with the increase in the magnitude and 
complexity of the things to be regulated by the State, 
or in some instances to be done by the State in the 
common cause, and with the increasing coniplexity of 
our modem application of a growing science to industry, 
there is developing an appreciation of the fact that we 
are more and more coming to live in what, for want of a 
better word, we may term a mechanical age. Further 
we are coming to realize that the proper direction of our 
affairs must to a large extent be based on the unbiased 
opinion of those who by training and experience are in 
position to know the fundamental factors which under¬ 
lie satisfactory and proper physical operation; in a 
word, engineers. This does not mean necessarily the 
growth of a tendency to turn over to engineers the 
untrammeled control of undertakings which have a 
large public interest but which are primarily of an engi¬ 
neering character. There are too many other factors 
of far-reaching importance which enter into the State’s 
relation to public utilities to make such a step either 
probable or desirable. What it does mean, however, 
is that there is a gradual and I think a rather rapidly 
awakening appreciation of the fact that in many direc¬ 
tions the interests of the community make imperative 
the employment of men of engineering training and 
experience on the administrative boards charged with 
safeguarding the public interest. Further, there is 
indubitable evidence of a growing tendency in matters 
of great public concern involving engineering factors to 
seek the opinion of engineers as a basis for legislative 
and executive action—this on the assumption that 
engineers are by training and experience that group of 
the citizenry most competent to have a valid opinion on 
certain features of numerous problems affecting the 
State as a whole. 

Growth in this direction is having a far-reaching 
effect, not alone on the relations of the engineering 
societies with each other but in their common relation 
to the public and to the State which represents the 
public. It is also having a determining effect on the 
proper scheme of engineering education, on the quali¬ 
fications of men entitled to be classed as engineers and 
on the general ethics of the profession and of the rela¬ 
tion which should exist between the State and those 
qualified to be classed as engineers. 

In addition to the foregoing, which appears to me to 
be the deep underlying forces at work tending to modify 
our original concept of the national engineering society 
and to create our major problems for the future, there 
are certain more specific or more remote influences all 
tending to force us in the general direction of a closer 
and more intimate relationship between the national 
engineering societies and the development of cooperative 
organizations which can function for us effectively in all 
matters where common joint action is required 


Among these more specific influences are to be cited 
the Engineering Foundation and the National Research 
Council; the one the nucleus of what I believe is 
destined to be a great foundation entrusted to the 
guidance of the founder societies with funds contributed 
by those who have the faith to believe that the income 
from these funds will be expended wisely by the socie¬ 
ties in fostering the growth of engineering and of the 
things with which engineers are vitally concerned. 
The other is a great national institution intended to 
coalesce in a common organization all of those activities 
of the nation interested in scientific research. • As 
engineering and the engineering arts are the greatest 
consumers and beneficiaries of the results of scientific 
research, it is natural that the engineering societies 
should have a vital interest in the affairs of an organiza¬ 
tion like the National Research Council and in its 
success. With the establishment of the Engineering 
Division of the National Research Council there has 
been brought into being a mechanism which if properly 
directed will serve to tie the research activities of the 
engineering societies into the larger common under¬ 
taking. . 

Of the factors which bid fair to influence our course 
at a later date, but which for the moment have a less 
immediate bearing on our affairs, are questions of inter¬ 
national relationships between engineering societies, 
whether for the better dissemination of knowledge and 
the advancement of the art or in the more practical 
affairs where benefit would be derived from a common 
standardization for the simplification of international 
trade. 

In the foregoing I have attempted to state the factors 
which have been and are at work tending to modify the 
original concept of the national engineering society. 
I have not attempted even to enumerate all of the direc¬ 
tions in which these forces have worked to change the 
form or character of our activities, nor have I attempted 
to discuss the relations of those regional engineering 
societies which have in the main the same relations 
to their constituent members as the national societies 
to their more widely distributed members. In a sense 
these regional engineering societies might be looked 
upon as sections of the national organizations estab¬ 
lished in order the better to carry out the aims of the 
larger organizations. 

Having now surveyed the situation historically, let 
us make a direct comparison between the national 
engineering societies in the period prior to ten or fifteen 
years ago, with those same societies as we find them 
today. This should assist us in determining just how 
far tiieir situation has been altered and the direction 
in which they should endeavor to progress if they are 
to achieve their initial purpose of rendering the greatest 
benefit to their members, to the art which is the crea¬ 
tion of these members, and to the community of which 
the membem are a part. 

As has been indicated, these societies were iiutiaUy, 
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and for many years subsequent to their formation, 
associations of engineers having a common interest in 
some one of the fields of civil, mechanical, mining 
or electrical engineering. These men were banded 
together in institute or society for the avowed purpose 
of bettering their professional condition through the 
presentation and discussion of papers on technical 
subjects, which papers and discussions would at the 
same time tend to advance the art and benefit the pub¬ 
lic. They were interested in matters pertaining to 
technical educajtion primarily from the standpoint of 
their own particula'r field and only slightly less so in 
education as it related to engineering in general. The 
societies of those earlier days had. few matters of com¬ 
mon interest and few continuing relations as societies 
with either the State or the public of which they were a 
part. They grew up with different backgrounds of 
experience of their members, as is evidenced by the 
great diversity in their qualifications for membership 
and in the difference in their concepts of how the 
qualifications for membership could best be employed 
to attain what was apparently a common objective. 

That the results obtained by the societies in those 
earlier years were eminently successful is evidenced 
by the stupendous growth of engineering and the 
engineering arts which took place during the period in 
question. 

Contrast now this relatively simple situation with 
the conditions of today and the problems with which 
the engineering societies are now faced. The national 
societies have grown and prospered enormously and 
in addition there have come into being innumerable 
societies which cover specialized fields of engineering 
interest and which in some directions are paralleling 
the work of the founder societies. Further, there are 
associations primarily commercial in their origin, which 
have developed engineering interests somewhat akin to 
those undertaken by the national societies. The 
national societies are finding each day an increasing 
number of problems in which they have a mutual 
interest or an interest with one or other of the different 
organizations just enumerated. As a result there 
has come into being an almost inextricable mass of 
relationships and interests which is each day increasing 
in complexity. . 

Further than this, there has been a material change 
in the concept of the relationship which should exist 
between the national society and some at least of its 
members. No longer is the national society, through 
its national or sectional meetings, looked upon merely 
as the instrumentality through which the members 
could advance themselves and their art professionally. 
Today it is considered by large sections of our member¬ 
ship that the national society has a duty to its members 
in the direction of advancing their physical and finan¬ 
cial wellbeing. 

In addition to this there has come about a decided 
change in the concept of the relation which should 


exist between the national societies acting for engineers 
and the State which represents the community. Evi¬ 
dence of this is clearly shown in the various attempts 
which have recently been made to coordinate the 
societies for certain common purposes in a federation 
which can speak for all on matters of common concern. 
That there have been and are difficulties in the carrying 
out of this idea has to do with the mechanism and with 
the diversities which exist in the constituent bodieA 
themselves rather than in any fundamental divergence 
of opinion as to the necessity for some form of coopera¬ 
tive action in this direction. 

So complex has the situation become and so insidious 
and alluring are many of the arguments which tend to 
a further complexity that it seems to me, in common 
with many other engineers, imperative that we take 
a rigid account of stock, determine anew what we be¬ 
lieve should be our guiding principles under present 
conditions and then attempt the untangling of the 
skein in consonance with these principles. 

As I view the matter, the original concept of the 
national engineering societies, as a mechanism for 
advancing the engineering art and the professional 
status of the members, and of exercising a controlling 
influence on the form and character of engineering 
education, is still the primary function of these socie¬ 
ties. The means by which the several societies ac¬ 
complish this end, whether through national con¬ 
ventions or sectional meetings is of secondary im¬ 
portance, nor is it necessary, as I view it, that there 
should be any attempt to monopolize the field to the 
exclusion of those societies having a membership pri¬ 
marily interested in some particular region of one of the 
major engineering divisions. 

In the matter of influencing the form and character 
off engineering education there was never greater need 
of the sane and powerful influence which can be exerted 
only through the medium of great national professional 
societies. In recent years there have grown up in some 
of our institutions courses of instruction which purport 
to give young men an education destined to facilitate 
their rise in the engineering field or in the industries 
based on engineering. In the view of many engineers 
these courses, which directly or inferentially hold out 
the lure of some royal road to success, are detrimental 
rather than beneficial to the progress of engineering and 
to the arts depending upon it. To many these courses 
are detrimental not because of the subjects which 
they include but because they fail to take into account 
the fact that our engineering problems and our engi¬ 
neering industries are becoming each day more and more 
complex and more and more dependent on a strict 
and accurate knowledge of those fundamental sciences 
on which all engineering is based and without a knowl¬ 
edge of which no man can hope to build a solid future 
for himself or his industry. If this picture is correct, 
and if, as I fear, there is a tendency in some quarters 
for young men to consider that sound grounding in 
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science and engineering principles is of secondary 
importance, it will require the utmost of attention on 
the part of the national engineering societies to bring 
our whole educational machinery into proper alignment. 

I believe very firmly that the chief executives of 
the complex technical industries of the future are 
destined to be drawn more and more largely from the 
ranks of those men whose course of study in college, 
university and technical school, and whose experience, 
has given them a broad and accurate knowledge of 
fundamental scientific and engineering principles. It 
is obvious of course that the successful administrator 
must be much more than a mere skilled scientist or 
technical engineer. He must in addition have an 
ability to lead and direct men and that facility which 
we term, for want of a better word, “business acumen.” 
These characteristics seem to be rather a matter of 
inheritance than of formal training, and from the vast 
number of able young men who embark on engineering 
and science as a life work it would seem to me reasonable 
to expect that there should be found an adG(}uate 
number possessing the characteristics required t)f a 
chief executive. On the oth(3r hand, in indu.stries based 
on science or the engineering arts so much of success 
or failure d^d^ends, in the last analysis, on a clear and 
accurate understanding of fundamental underlying 
factors that it is difficult in many ciuses to (conceive of 
these industries being administered successfully except 
by men who, while possessing the necessary administni- 
tive qualifications, are at the same time, through their 
own training and experience, in position to have an 
independent judgment on the technical (jonclusions 
which form the basis for administrative decision. 

If this picture is correct the national engineering 
societies can perform a great service to the nation 
through the assistance which they and their members 
are able to render in helping our colleges, universities 
and technical schools properly to plan and carry out 
their educational programs. 

On matters which relate to standardization and to 


and standing not to be obtained by the rules and stand¬ 
ards of bodies known to be organized more or less for 
commercial reasons. The peculiarity of this position 
offei-s both a gi'eat opporunity and a great obligation 
for service from the national engineering societies. 
The realization of this opportunity and the discharge 
of this obligation does not mean necessarily that the 
national societies, individually or collectively, must of 
them.selves do all of the detailed work which underlies 
the formulation of those things which go forth under 
the .seal of their sanction. In many cases where the 
general interest of the industries, of the societies and of 
the public al; large makes desirable the sponsorship of 
rules and .standards by the national societies or their 
created agencies, the collecting ami sifting of data and 
the formulation of the proper conclusion.s to be drawn 
from this work may best be done by groups or organiza¬ 
tions outside of the engineering .societie.s, in fact in 
many cases brought into being purely by the exigencies 
of business. In such cases it will suffice if the engi¬ 
neering societies, who are looked to to sponsor accurate 
and unbia.sed rules for any who may wish to use them, 
mview the work of others merely from the standpoint 
of ascertaining that it is unbia.sed anti represents the 
just con.slusions to be drawn from all Jiscertainable 
facts. 

In those matters of concern where the questions are 
broadtir than‘the interests of any particular group of 
engineers, where our own interests as enginerers call for 
common action, anti where the public at large and our 
legislators and executives have a right to expect an 
opinitin from us as engineers, it seems clear that the 
efforts of the past few years in this direction mu.st be 
carried forwartl iis expeditiously as po.ssible and a 
sati.sfaet<)ry mechanism found. Differences of opinion 
as to method, and dilliculties which urlst* out of our 
vuritms .schemes of organization and qualifications for 
membership in the engineering societies, must not be 
allowetl to stand in the way of our early ultimate 
.succes.s. So much publicity has been given to the 


the formulation of principles and rules for guidance to 
good practise, there is of course much with which the 
national engineering societies need not concern them- 
sleves. On the other hand, the rapidly growing 
interest of the State, not alone in the results of technical 
and commercial application of science through industry 
to the needs of the population but also to a grerater and 
greater extent in the supervision of the industries which 
make these applications, is increasing the necessity for 
having this work done thoroughly and in unbiased 
fashion and put forth by bodies against whom can rest 
no suspicion of self-interest. 

Our national engineering societies are in a unique 


organization of engineers along this line and .so much 
has bcHjn sjiid of the benefits to be derived from this 
organization that any substiintial failure to achieve 
the re.sults which the public has been led to expect 
would be forthcoming would I think lead to a state of 
affairs .so disastrous to the engineering profession and to 
the public welfare that we dare not contemplate it. 
Whatever, therefore, may be our individual opinions 
with regard to the composition or conduct of the 
Federated American Engineering Societies, which is 


our existing mechanism in this field, I am certain 
equally that a method must and can be found for 
making this organimtion, by evolutionary rather than 


position in this respect. The recognition that they are revolutionary processe.s, all that we believe .such an 
bodies which combine in a common membership, and organization should be. It needs but a common will to 
solely through the bond of a common professional succeed and a willingness to brush aside immaterial 
interest, the trained men of the various engineering obstacles which stand in the way of achieving the 
fields, gives to their rules and their standards a force ultimate objective. 
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As to those other interests, already mentioned, of 
the national societies, in the National Research Council 
and in the proper conduct of the trust which we have 
undertaken in the creation of Engineering Foundation, 
there is little further which need here be said. Our 
difficulties of the moment arise more from not having a 
simple, concise, thoroughly understood and agreed to 
picture of aim and objective than from any fundamental 
diversity of opinion. Until this objective is achieved 
and the case is set forward in a way which cannot be 
misunderstood, until we have organized the adminis¬ 
tration of our interests satisfactorily in conformity 
with the objective sought, and until we have established 
that close association between this administrative 
machinery and the governing bodies of the founder 
societies, without which lasting success and healthy 
development is impossible, it is futile and worse than 
futile to consider the details of intricate organization or 
plans for great expansion. The problem is ours and can 
be solved if we but set ourselves the task. It requires a 
critical clear-sighted analysis of the objective desired 
and of the methods needed to reach this objective, 
combined with a courage to put our conclusions into 
effect. When we succeed in doing this we will have 
bu,ilt upon the groundwork already laid the foundation 
of a structure which will last through the ages, which 
will grow with time and which will be of immeasurable 


benefit, not alone to us of the engineering societies, 
but to all who are in any way affected by our works. 

In conclusion it seems to me that there never was a 
time in the history of our engineering societies, and 
particularly never a time in the history of our own 
Institute, when the necessity for these organizations 
was greater, nor when their benefit both to the individ¬ 
ual and to the community was so thoroughly worth 
while. The considerations which brought our national 
engineering societies into being are still and ever will be 
the primary and chief functions of institutions like our 
own. But to these basic objects have, with the passing 
of time, been added other functions the satisfactory 
handling of which will enhance the value of the national 
societies, not alone to their members but to the in¬ 
dustries with which these members are connected and 
through them to the public. 

Our problem now and for the future, in addition to 
conducting successfully those things which are clearly 
om-s to perform, is largely one of determining what of 
the new things continually arising we of all other groups 
are best qualified to perform, setting our hands to the 
doing of those things in a manner befitting our pro¬ 
fession, and of refraining courageously from undertaking 
anything which will detract from the doing of those 
things which are peculiarly ours or which others can do 
as well or better. 
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Review of the Subject.—Condxwtivity determinaiions of 
insulating materials, and therefore the determinations of the leakage 
resistance of a cable, condenser or similar stmcture, have always 
been more or less unsatisfactory, due to a 'phenomenon often called 
'‘soaking in of the charges.” 

In general, if a constant direct voltage is impressed upon a cir¬ 
cuit, in the first moment large transient currents flow, representing 
the energy storage and adjustment in the magnetic and dielectric 
fields of the circuit. These transient currents however vanish very 
quickly, usually in a very small fraction of a second, and all the 
currents in the circuit or circuits then become constant. If a con¬ 
stant directvoltage is impressed upon a cable or similar structure, large 
transient currents also flow momentarily', but after these currents 
of energy adjustment in the electromagnetic field of the, system 
have vanished, usitally after a small fraction of a second, the re¬ 
maining current is not constant, as in the usual electric circuit, but 
continues to decrease slowly, for minutes or even hours. If then the 
cable is discharged by short-circuiting it, after the large initial 
transient discharge current has passed and the voltage on the cable 
has become zero—in a small fraction of a second—the current 
coming out of the cable does not entirely vanish, b%it a small discharge 
current continues to flow for many minutes or even hours. Or, if 
the cable has been discharged by short-circuiting it for a short time, 
until its terminal voltage has become zero, and the short circuit is 
taken off, a terminal voltage and an electrostatic charge gradually 
build up again at the cable, reach a maximum after some minutes, 
and then gradually decrease again. 

Varioits explanations have been proposed of this phenomenon 
as a hysteresis effect of the dielectric, etc. 

It is shown in the following, that this phenomenon of the "soaking 
in of the charges” or the "electrification of the cable” is a true electric 
circuit transient, has nothing to do with hysteresis effects, but is the 
result of, and explained by the energy adj'ustment of a system with 
constant values of resistance, inductance and capacity, that is, is in 
no essential different from the ucual rapid starting or stopping 
transient of the ordinary circuit, except that it is many thousands 
of times slower. This great slowness is due to the fact that the 
resistance in the transient circuit is the leakage resistance of the 
cable dielectric, and therefore extremely high, measured not in ohms 
but in hundreds of megohms. 

If the dielectric of the cable consists of two or more materials, 
having different resistivities, or different specific capacities, or both, 
then the distribulion of voltage through the dielectric gradually 
changes. At the moment of voltage application, the voltage distrib¬ 
utes between the component dielectrics in proportion to their specific 
capacities', gradually however this voltage distribution changes to a 
distribution proportional to the resistivities of the component 
dielectrics, and electrostatic charges build up in the interior of the 


dielectric, at the boundaries between the component dielectrics. The 
electric quantity has to be conducted through the dielectric, and due 
to the very high resistivity of the dielectric, this energy readjustment 
uHthin the dielectric occurs with, extreme slowness, giving a transient 
of a duration of many minutes, but a true electric transient neverthe¬ 
less, like the usual transients of a duration of milliseconds. 

In the discharge of the cable, the reverse occurs, and the internal 
charges gradually disappear by conduction through the dielectric. 

This phenomenon is discussed in its various aspects, and the 
equations of the slow transient derived, in the following'. 

It is shown that this slow transient always is impulsive or ex¬ 
ponential, and consists of (n— 1) terms, if the insulation is composed 
of n materials. 

A number of conclusions are derived, some of which may be 
pertinent with regard to the mechanism of breakdown of insulation. 

By this slow transient, the energy stored in the cable as condenser 
increases. Its apparent capacity increases. The conduction . 
current, and therefore the i^ r losses in the dielectric, are much 
larger with alternating than with direct voltage. The distribution 
of dielectric stress between the component dielectrics changes and 
this may give a different dielectric strength foi' alternating voltage — 
at which the initial condition of stress distributions is permanent — 
and for direct voltage. Also, a time lag of insulation breakdown rnay 
result, which is not a temperature or deterioration effect. Under 
certain conditions, there may occur a negative time lag, that is, a 
condition where the insulation stands higher voltages when slowly 
and continuously applied than when rapidly applied for a short 
time. 
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I. Physical Consideration 



1. Cable Charge 

F an ideal condenser, that is, a condenser having 
constant capacity, C = i , and no losses, is con¬ 


nected to a source of alternating voltage, eo, over a 
circuit o f constant resistance, ro, and constant induct- 
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ance, Lo, it takes a charging current, which leads the 
terminal voltage by 90 degrees. This charging current 
does not pass through or into the dielectric of the con¬ 
denser, but is limited to its terminals. It is preceded 
by a transient immediately after closing the circuit. 
This charging transient is oscillatory, if the circuit 
resistance ro is below, and is impulsive, if the circuit 


resistance is above the critical value 2 



This 


transient charging current usually is much larger than 
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the permanent alternating charging cinrent, 
usually vanishes in a small fraction of a second. 

If the impressed voltage is continuous, the same 
starting transient occurs, but with its disappearance, 
after a fraction of a second the current at the condenser 
terminals vanishes and the condenser acts as an open 
circuit on the continuous supply voltage, if the resist¬ 
ance of the dielectric of the condenser is really infinite. 

If however the dielectric of the condenser has a finite, 
though very high, resistance r, at continuous impressed 
voltage eo the starting transient dies down not to zero, 

but to a finite limiting current io — . With an 

r 

alternating impressed voltage, the charging current 
then does not lead the terminal voltage by exactly 90 
degrees, but slightly less, and therefore contains an 
energy component of current io'. This energy current, 
though small compared with the total charging current, 
usually is larger than the conduction current io which 
passes through the dielectric with a continuous voltage, 
as it represents not only the conduction through the 
dielectric, but also the losses in the dielectric due to the 
alternating field, of the nature of a dielectric hysteresis, 
etc. 

This applies to an ideal condenser, that is, a con¬ 
denser with perfectly uniform dielectric. 

Tests show that in a real condenser, such as a cable, 
with a continuous impressed voltage eo, the current 
remaining after the passage of the starting transient 
that is, after a fraction of a second, usually is not the 

conduction current io = , and is not constant, but 

r 

is larger than io, often many times, and gradually but 
slowly decreases, for minutes and even hours, approach¬ 
ing the conduction current ^o. There is thus a passage 
of current through and into the dielectric, for a con¬ 
siderable time. This often is expressed as the ^‘soaking 
in” of current or of charge. 

The resistance of the cable insulation therefore cannot 
be measured by impressing a continuous voltage and 
reading the current, but constant voltage has to be 
kept on the cable until the current has become constant. 
Usually this is expressed by saying that the cable has 
first to be electrified. 

2. Cable Discharge 

A similar difference occurs between the ideal con¬ 
denser and the cable in the discharge. 

If an ideal condenser, charged to terminal voltage 
6 ( 1 , is discharged by short-circuiting its terminals, the 
discharge transient passes, usually within a fraction 
of a second, current and'terminal voltage drop to zero 
and the condenser is dead. In a real condenser, as a 
cable however, after the passage of the discharge tran¬ 
sient a small discharge current continues to flow, gradu- 


and ally decreasing, for minutes and even hours. Further¬ 
more, if after the external discharge transient has passed 
and the terminal voltage dropped to zero, that is, after 
a fraction of a second (and usually also still after several 
seconds) the circuit of the cable is opened, the terminal 
voltage does not remain zero, but a terminal voltage 
reappears and gradually rises, for minutes, and cor¬ 
responding charges build up on the condenser terminals, 
until a maximum "‘residual voltage” and “residual 
charge” has accumulated; then voltage and charge 
again decrease and finally vanish, often after many 
minutes or even hours. This residual charge may be 
quite considerable, sufficient to give dangerous shocks. 

This phenomenon in the charge of a condenser, of the 
soaking in of the current and the formation of residual 
charges and residual voltages after discharge, does not 
seem to occur when the dielectric of the condenser is 
perfectly homogeneous, but is very pronounced when 
the dielectric is a composite of different materials of 
different electric characteristics (resistivity and specific 
capacity), especially if the structure of the dielectric 
is laminated, as in a cable. 

This phenomenon is not always fully understood, and 
various attempts have been made to explain it as an 
effect of dielectric time lag, or as the result of a change 
of the specific capacity with time and voltage, as a 
hysteresis effect, etc. This is not so however, but it is 
a true circuit transient, as will be seen in the following, 
that is, a readjustment of the stored electric energy to 
changed circuit conditions, at constant values of cir¬ 
cuit constants, r and C. It has nothing to do with 
hysteresis or time lag. The great interest of this slow 
transient consists in its very long duration, sometimes 
reaching into hours. This makes it many thousand 
times slower than the external condenser transient. 

In a condenser with composite dielectric, like the 
laminated dielectric of the cable, energy storage occurs 
—and therefore results in transients at a change of 
circuit conditions—in the dielectric, at the boundaries 
between different dielectrics. This energy must be 
conducted over the resistance of the dielectric, and as 
this resistance is extremely high, the duration of this 
“internal transient,” that is, “transient of internal 
energy readjustment,” must be very great, compared 
with the duration of the “external transient,” in which 
latter, the energy readjustment occurs over the resist¬ 
ance of the external or supply circuit; the latter resist¬ 
ance is measured in ohms; that of the internal transient 
in hundreds of megohms. 

This great difference in duration, between the ex¬ 
ternal transient of readjustment of terminal voltage 
to changed circuit conditions, and the internal tran¬ 
sient of readjustment of internal charges within the 
dielectric, makes it possible to separate the two types 
of transient and treat them separately. 

Pie external transient has passed and vanished, 
before the internal transient has appreciably started. 
Therefore, in dealing with the internal transient, the 
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external transient may be considered as non-existent, 
but the final circuit conditions brought about by the 
external transient (constant terminal voltage e„) 
considered as the initial circuit condition for the internal 
transient. Inversely, when dealing with the external 
transient, the internal transient may be considered as 
non-existing, that is, its initial circuit condition con¬ 
sidered as permanent. 

Approximate magnitudes of the fiuantities are, for a 
12,000-volt, 2-mile, 60-cycle, rS-phase cable at 20 kv. 
continuous impressed voltage: 

External transient: 25 amperes, 240 cycles. 

Duration of external transient: 0.005 sec. 

60 cycles charging cun’ent: 5 ampere maximum. 

Energy component thereof: 0.2 amperes. 

Initial value of slow transient: 0.37 to 2.4 milli- 
amperes, depending on age and temperature. 

Final value of slow transient: 0.11 to 1.28 milli- 
amperes, depending on age and temperature. 

Duration of slow transient: 4 min. 

Residual charge: 8 kv. 

3. Formation of Internal Charges 

Let the dielectric of a condenser be composite, con¬ 
sisting of layers of two materials- as impregnated 
paper and petrolatum in the cable—of different specific 
capacities and resistivities. 

Let now the circuit be closed and a continuous volt¬ 
age be impressed upon the con(len.ser. By a rar)id 
external transient, in a small fraction of a second, the 
terminal voltage of the condenser then becomes con¬ 
stant at the value e given by the supply voltage. 

An electrostatic field K thus appears between the 
condenser terminals giving an electrostatic flux density 
D in the dielectric between the condenser terminals, 
and an electrostatic charge Q on these terminals. 

At the first moment of terminal voltage c, there can 
be no electrostatic charge inside of the dielectric, since 
such charge would have to pass through a part of the 
dielectric, and due to the very high resistance of the 
dielectric, it takes a much longer time to conduct .such 
internal charge through the dielectric, than the time 
required by the external transient to produce the ter¬ 
minal voltage e by suppl 5 ring the terminal charges Q. 
Thus in the first moment of terminal voltage e no inter¬ 
nal charge can yet exist. 

A line of electrostatic flux must either teimiinate in 
an electrostatic charge, or continue into infinity or into 
itself. Since in the first moment of terminal voltage 
e, or at time t == 0, there can be no electrostatic charge 
inside of the dielectric, no line of electrostatic flux can 
terminate in the dielectric, and all lines of electro.static 
flux therefore must pass through from terminal to 
tenmnal, m the first moment of terminal voltage e. 
lhat IS, the flux density D between the cable terminals 
must in the first moment be uniform, and the initial 
voltage distribution between the component dielectrics 
tnus must be such as to give the same flux density. 


That is, the voltage must distribute between the dif¬ 
ferent layers of the dielectric in proportion to their 
elastances, that is, the reciprocals of their capacities. 
That is, the voltage gi'adieiit in the two dielectrics 
must be proportional to the elastivities, or inversely 
proportional to the specific capacities of these two di¬ 
electrics. They would remain so, if there were no 
conductivity, that is, if the resistance of the dielectric 
were infinitely high. The transient thus were ended, 
and no further change occurs. 

Due to the finite, (though extremely low) conductiv¬ 
ity of the dielectrie.s, a current is conducted, or “leaks'" 
through the dielectrics, and the current density of this 
curr(?nt in the two dielectrics, is proportional to the elec¬ 
trical conductivities of tliese dielectrics and proportional 
to the voltage gradients in them. The initial voltage 
gradients however are proportional to the elastivities of 
the two dielectrics. The elastivities have no direct rela¬ 
tion to the conductivities, and high resistivity may 
concur just as well with low elastivity, as in sulphur, 
as it may concur with high elastivity, in air, and in¬ 
versely. It therefore is obvious that in general the 
current densities in the two dielectrics would not be 
e(iual. They would be equal only if it happened that 
the conductivities of the two dielectrics are proportional 
to their ela.stivities. 

In general wo therefore find, in the first moment of 
constant terminal voltage on the cable as condenser with 
composite dielectric: 

All electrostatic charges are on the terminals. 

^ Uniform and equal electrostatic flux density in both 
dielectrics. 

No internal charges in the dielectrics. 

Different current den.sities in the two dielectrics. 
VolUigo distribution between the two dielectrics by 
their respective capacities, that is, 

Voltage gradients proportional to elastivities. 

In general thus, in the initial moment of constant 
terminal voltage on a cable, the current densities in the 
two comjionent dielectrics are different. 'Phis means 
that at every boundary between the two dielectrics a 
di.scontinuity or change of cuirent den.sity occurs, and 
moix* cun*ent flows towards the boundary from the one 
side, than leaves it on the other side. Consequently, 
an electrostatic charg(.* builds up at the boundary be- 
twefm the two dielectrics, due to the differen{je between 
the two current densities on the two sides of the 
boundary. This electrostatic charge lowers the voltage 
gradient and thus the current density in the dielectric 
of higher current density, and raises it in the dielectric 
of lower current density, and thereby reduces the dif¬ 
ference between the current densities in the two 
dicdectrics and with it reduces the rate of building up 
of internal electrostatic eharge.s on the boundaries 
between the two component dielectrics, until finally 
the current densities in both dielectrics become equal 
and any further building up of internal charge ceases. 
The final condition thus is that of uniform current 
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density in both component dielectrics. That means, 
the voltage gradients in the two dielectrics are pro¬ 
portional to their respective resistivities, and therefore 
independent of the capacities of elastivities of the two 
dielectrics. The electrostatic flux densities are different 
in the two component dielectrics. Lines of electrosta¬ 
tic flux terminate within the dielectric, at the boundaries 
between the two component dielectrics, and they ter¬ 
minate in electrostatic charges located at these 
boundaries. 

4. The Slow Cable Transient 

Thus there occurs, at constant terminal voltage, a 
gradual change in the dielectric of a cable as condenser 
with laminated composite dielectric, from an initial 
condition immediately after the appearance of the 
constant terminal voltage at the condenser, until final 
condition is reached, by a slow transient lasting many 
minutes and even hours. This consists of: 

A change from the initial voltage distribution by 
capacity, to the final voltage distribution by the resist¬ 
ance of the component dielectrics. 

A change from uniform electrostatic flux density and 
ununiform current density, to uniform current density 

and ununiform flux density. 

The formation of internal charges at the boundaries 
between the two component dielectrics. 

A current passes through the dielectric.^ This 
starts at a large value (though small compared with the 
external transient current) and first rapidly and then 
more slowly decreases, to a final minimum value of 
conduction current. 

It thus consists of a permanent component, which is 
the conduction current sent by the terminal voltage 
through the resistance of the dielectric, and a transient 
component, by which the terminal voltage supplies 
the internal charges over a part of the resistance of the 

dielectric. . . j 

The energy of the permanent current is dissipated 

as heat in the resistoce of the dielectric. 

Half of the energy of the transient current is stored 
as the electrostatic energy of the internal charges at 
the boundaries between the two dielectrics, the other 
half is dissipated as heat in the resistance of the dielec¬ 
tric, over which the internal charges have to be 
conducted. 

The energy electrostatically stored in the condenser 
therefore increases during the slow transient of internal 
charge, that is, of “soaking in of the charges,” by half 
the energy of the transient component of the slow 
transient, and the apparent or effective capacity of the 
condenser correspondingly increases. 

That is, the energy stored in the condenser, and the 
capswity of the condenser, reach a maximum at the end 
of the slow charge, when the conduction current has 
become a minimum. The stored. energy and the 
capacity are a minimum at the beginning of the inter¬ 
nal charge, that is, in the first moment of constant 


terminal voltage at the condenser. The latter also is 
the case with an alternating supply voltage, since even 
at low machine frequencies the duration of a cycle is 
short compared with the duration of the slow transient, 
and the internal conditions of the condenser (such as 
voltage distribution by capacity and not by resistance) 
with alternating terminal voltage therefore correspond 
to the initial conditions of constant terminal voltage. 

A condenser with composite dielectric thus does not 
have a constant capacity, but has one value of capacity 
—the TYiiniTYniTYi —^for instantaneous voltage application 
or alternating terminal voltage, and another value— 
the maximum—for continuous voltage application. 

A condenser with composite dielectric thus differs 
from a condenser with uniform dielectric in that in the 
latter energy is stored as electrostatic charge at the 
external terminals only, while in the former energy is 
stored as electrostatic charge in the dielectric also, and 
this latter energy can be supplied—or withdrawn, in 
the discharge—^very slowly only, as it has to flow over 
the higher resistance of the dielectric, and thereby gives 
rise to the slow terminal transient, which often is mis¬ 
understood as a hysteresis or lag phenomenon, but is not 
such, but is a true resistance phenomenon, and as such 
independent of the frequency, but calculated from the 
ratio of resistances and capacities of the two component 
dielectrics. 

5. Effect on Puncture Voltage 

As seen, at constant terminal voltage, the voltage 
distribution between the two component dielectrics 
changes between the initial and the final condition. 
That is, in the one dielectric the voltage gradient is 
higher in the initial conditions (and thus with alterna¬ 
ting terminal voltage) than in the final conditions, and 
the reverse is the case in the other dielectric. Suppose 
now the first dielectric is operated closer to the limit 
of its dielectric strength. If then the terminal voltage 
is brought up rapidly, so that the initial condition of 
internal. voltage distribution persists, at a certain 
terminal voltage the first dielectric will'reach its dis¬ 
ruptive gradient, and puncture of the insulation occurs. 
Suppose however, the voltage is brought up very slowly, 
so that throughout the entire voltage rise the final 
voltage distribution between the two dielectrics per¬ 
sists. At this final voltage distribution, the voltage 
gradient in the first dielectric is lower, for the same 
terminal voltage, and the disruptive gradient in the 
first dielectric is therefore reached only at a higher 
value of terminal voltage. That is, in this case a 
higher value of puncture voltage is required when the 
voltage is very slowly applied, than when the voltage 
is rapidly increased* This is the reverse of the usual 
experience—in general, the more rapidly the voltage 
is increased, the higher voltage the insulation will 
stand* However, this phenomenon of a lower voltage 
being sufficient for breakdown when rapidly applied 
than when slowly applied, has been repeatedly observed 
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with composite insulation. In this case, a constant 
voltage, applied at once, may break down the insulation, 
while even a higher voltage when very slowly applied, 
may not damage it—^in the former case, the dielectric 
passes through the initial stage of voltage distribution, 
where it is overstressed, while in the latter case it has 
passed this stage at lower terminal voltage, while still 
below breakdown voltage, and at the higher terminal 
voltages had relieved itself by the readjustment of 
voltage throwing a higher gradient on the second and 
stronger dielectric. 

Inversely, if the weaker dielectric is the second one, 
in which the voltage gradient in the final condition is 
higher than in the initial condition, then with a rapidly 
increasing terminal voltage the insulation may show a 
much higher puncture voltage than with a very slowly 
increasing voltage, since in the latter case the same 
terminal voltage gives a higher gradient and thus 
higher stress across the second dielectric, than the same 
terminal voltage so rapidly applied that the initial 
condition persists. In this case, the insulation there¬ 
fore would show a marked time lag of disruptive 
strength, while in the above case we may speak of a 
“negative time lag,” that is, slow voltage application 
increases the disruptive strength. 

It is interesting to note that here, in the second case, 
we get a time lag of breakdown, which is not a tempera¬ 
ture effect, but a straight resistance phenomenon, and 
get it under the assumption that the relation between 
breakdown and breakdown gradient is instantaneous, 
that is, that the breakdown occurs as soon as the 
breakdown! gradient is reached. 

6. A-C./D-C. Ratio of Puncture Voltage 

With alternating terminal voltage the internal 
conditions of the insulation always are the initial 
conditions. In the second case, when the voltage 
gradient increases with the time in the dielectrically 
weaker material, an alternating terminal voltage would 
give the same voltage gradient as exists in the initial 
conditions of a constant voltage equal to the maximum 
of the alternating voltage, and lower than the final 
voltage gradient of the constant voltage. Thus, if the 
breakdowm is strictly mechanical, due to voltage stress, 
and no additional causes of breakdown occur with 
alternating voltage, then puncture would occur with an 
alternating voltage of a maximum equal to the constant 
voltage rapidly applied, but a very slowly applied con¬ 
stant voltage would cause a breakdown at a lower 
value of voltage than the maximum of alternating 
puncture voltage. That is, we would get a d-c./a-c. 
ratio of less than one. While this is against the usual 
experience it has been observed in a number of in¬ 
stances. 

Dominating in the insulation puncture comes in the 
temperature effect, that is, local temperature rises 
which materially lower the breakdown voltage. As 
wdth alternating voltage energy losses occur, such as 


dielectric hysteresis, etc., which do not exist with 
constant voltage, local heating would be greater and the 
puncture voltage therefore lower wdth alternating 
voltage. 

Thus there are three different conditions met in a 
composite dielectric, which have no constant direct 
numerical relation with each other: 

1. Very slowly applied constant voltage, giving an 
internal voltage distribution by resistance. 

2. Fairly rapid constant voltage application, giving 
an internal voltage distribution by capacity. 

3. Alternating current voltage supply, giving the 
same voltage distribution as 2, but with additional 
energy losses and heating, the latter depending 6n the 
rate of voltage application. 

The ratio of puncture voltage, d-c. and maximum 
a-c. in the three cases, may have any value between 
less than one and two to three or even more, depending 
on the relative constants of the two component di¬ 
electrics, on time and on temperature, etc., and re¬ 
search in this direction should'throw a great deal of 
light on the mechanism of breakdown. 

7. A-C. AND D-C. Resistance op Dielectric 

With alternating, terminal voltage the internal 
conditions of the composite dielectric are the initial 
conditions of constant voltage electrification. It fol¬ 
lows, that with alternating terminal voltage the conduc¬ 
tion current which passes into the dielectric is not the 
final or permanent value of the conduction current at 
constant terminal voltage, but is the—^usually much 
larger—^initial or transient value of conduction current, 
that is, the initial value of the slow charging transient, 
and the r loss in the dielectric therefore is much larger 
under alternating terminal voltage, than under con¬ 
tinuously applied constant terminal voltage. 

Thus, assuming that there were no other losses but 
conduction losses in the cable dielectric under alter¬ 
nating voltage, that is, hysteresis, ionization, etc., were 
absent, then the energy component of the alternating 
cable charging current would be—usually much—^larger 
than the conduction current with constant terminal 
voltage, and the resistance of the dielectric, from energy 
current and alternating terminal voltage, would be 
much lower than the resistance measured with direct 
current. Nevertheless, the alternating energy current 
and the resistance calculated from it are a true conduc¬ 
tion current and true ohmic resistance effect, and are 
independent of the frequency, though they are often 
misunderstood and misinterpreted as time lag or 
hysteresis effects. As seen, they are ohnaic resistance 
effects of the circuit between the internal charges and 
the external circuit. In addition thereto occur prob¬ 
ably true hysteresis effects, ionization effects in air by 
ozonization, similar ionization effects in other materials, 
etc., which are still little understood. Also the effects 
of moisture and its movement under the dielectric 
field, 
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Cable Discharges 

Suppose a cable as laminated composite condenser 
of two dielectrics, is charged to a constant terminal 
voltage, and stationaiy conditions of voltage distribu¬ 
tion and internal charges reached. 

We now short-circuit the cable. 

By the rapid external transient it discharges, within 
a small fraction of a second, and tenninal voltage and 
terminal charge drop to zero. In the first moment, 
the intenial charges, at the boundaries of the two 
dielectrics, remain the same. These internal charges 
now discharge their energy—^which was half the energy 
of the slow charging transient, as seen above—towards 
the cable terminals, through the very high resistance 
of the dielectric, by a slow transient, a current which 
starts with a maximum (though very small compared 
with the external discharge transient) and gradually 
decreases to zero. 

Or we just disconnect the cable from the supply 
voltage, leaving it open-circuited, but charged. The 
terminal charges and the internal charges then supply 
the conduction current, which passes through the di¬ 
electric, and current, charges, terminal voltage and 
internal voltages decrease and finally die out gradually 
and proportionally to each other, on small exponential 
transients. 

The most interesting case is to discharge the cable 
terminals by short-circuiting for a short time (a frac¬ 
tion of a second) until the external cable discharge 
transient has passed and terminal volts and terminal 
charges dropped to zero, but before any appreciable 
discharge of the internal charges has occurred, and then 
to open the circuit again. This leaves the cable with 
zero terminal voltage and zero terminal charge, but 
with internal charges at the boundaries between the 
two component dielectrics, and corresponding internal 
voltages. That is, by the withdrawal of the terminal 
charges the internal charges as bound charges are set 
free and their corresponding voltages appear. These 
voltage gradients produce currents through the resist¬ 
ance of the dielectrics. These slow transient currents 
decrease the internal charges and build up external or 
terminal charges, which appear as terminal voltage. 
Thus a transient terminal voltage gradually builds up, 
increases to a maximum and then decreases again and 
gradually dies down to zero. Of the energy of the 
internal charges, half is stored as terminal charge giving 
residual terminal voltage r—the other half is dissipated 
in the resistance of the dielectric in conducting the 
charge through the dielectric. Assuming that the 
energy stored by the internal charge was half the 
energy of the terminal charges of the condenser. 
When building up a residual terminal charge, this then 
would contain half the energy of the internal charges, 
or dhe-quarter the energy and therefore half the voltage 
of the initial terminal charges. Thus a very consider- , 
able residual voltage, capa,ble of giving dangerous 


shocks, may build up on a composite condenser like a 
cable. 

8. Conclusions 

In the preceding we have described the simplest 
case, of a laminated condenser consisting of two dif¬ 
ferent dielectrics, and thus giving rise to a slow tran¬ 
sient consisting of one exponential term. 

If the condenser comprises n different dielectrics, 
the slow transient consists of {n — 1) exponential terms, 
thus is more complex, but otherwise not essentially 
different. Observation of such slow transients on three- 
phase cables seems to show that they are not well 
represented by a single exponential slow transient, but 
are fairly well represented by the combination of two 
slow transients, the one being somewhat faster than the 
other. Such a case is shown in Fig. 1, with the ob¬ 
served currents marked by crosses. It gives three 
curves of the same cable, for three successive tests at 
different periods of the year and therefore different 
temperatures. This would correspond to a composite 
condenser having three different kinds of dielectric. 
In a three-phase cable we have impregnated paper as 
main insulation, petrolatum as impregnating material, 
and impregnated hemp in the triangular Corner pieces 
between conductors and armor. 

Structurally, we have considered a laminated shape, 
first, because it is mathematically by far the simplest 
case, and second, because most of the industrially 
important insulations are laminated; cable, condenser, 
high-voltage machine insulation, etc. In general, 
similar relations may be expected to exist in an irreg¬ 
ularly unhomogeneous dielectric. 

II. Mathematical Investigation 

1. Cable Charge 

In the charge, or discharge, of a leaky laminated 
condenser, as a cable, two transients occur, an external 
transient giving the charge or discharge of the cable 
as a true condenser of constant capacity, over an exter¬ 
nal circuit containing resistance and inductance, and 
an internal transient, giving a readjustment of the 
internal charges and voltages over the resistances 
of the laminated dielectric. 

The internal transient is so very much slower, that 
the external transient has completely died out, before 
the internal transient has appreciably started. As the 
result thereof, in investigating the internal transient, 
we may assume that the external transient has passed 
completely at the moment from which we began to 
count time for the internal transient. 

The external transient is the usual transient of a 
condenser charge or discharge through an inductive 
circuit, thus of no further interest here. 

The terminal conditions of the internal transient are: 
constant voltage impressed upon the dielectric: 

01 -f- 02 = c (1) 

where Ci is the total voltage across all the layers of 
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conditions, that at i = 0, the voltage distribution in 
the dielectric is that due to capacity only. That is: 
i = 0: 

6i -r- Ci ~ JCi -i- Tc% ( 15 ) 

t = A + 5 

Substituting this into (14), and (14) into (15) gives: 


The energy stored by the two component dielectrics 
of the cable as composite condenser, is in the initial 
conditions, for ^ = 0: 


= 


2ifci 


A -f- 5 = 
and since 

A =-i- 

r 

it is: 

B =-4- 


thus: 


( M. 

A 


Cl +Ci 


Cl = 


62 = 


) ei +g ! 
^-C.+C, 


W." = 

and the total stored energy, in the initial conditions 
therefore is: 

■ 

= W (23) 

that is, the same as in an ideal condenser, as was to be 
expected. 

The energy stored by the two component dielectrics 
of the cahleiiL the final conditions, fort = <» ,is: 


, V ■ «■+«! . f ] f (18) 

tt)'"'" • 


W^' = 


This gives the initial conditions of current and 
fractional voltages: i = 0: 


io _ 


ej« = 


62 “ = 


(J^ 

\ ri 


Ti r2 


W.' = 


2ki r2 
2 k-i Ti 


and the total energy stored in the composite condenser 
in its final conditions, is 

W' = Wi' + 1 


/'JiL +j:?L\ 
\ *! / 


and the final conditions of current and fractional 
voltages: ^ = «> : 


i' = 


e/ = 


The ratio of the final to the initial joules of stored 
energy, and therefore of the effective capacity in the 
final conditions, to the capacity in the initial conditions 
(which latter is the capacity as ideal condenser, and 
the capacity under an alternating terminal voltage) 
thus is: 


thus: 

ei' 4- 62' = ri r2 

2. Energy Storage and Apparent Capacity 

The energy stored by the external transient on the 
teiminals of the cable as perfect condenser of capacity 

If. 4^- I 


ri^ I .li. 
ki ki 


The difference of the stored energy in the final con¬ 
ditions, over that in the initial conditions, that is, the 
increase of stored energy from initial to final conditions, 
then is: 

Wi =W'-W<^ 

- (rih-rikiY 
~ 2 k r^ kiki 
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The energy supplied by the internal transient is: 


Wt 



d t ] 


eB 

c 


_ fP- (ri 'k% — r% kiY 
~ k r* ki kz 
= 2 Wi 


(28) 


That is, of the energy supplied by the internal 
transient Wt, half is stored in the dielectric as the 
electrostatic energy of the internal charge, Wi and the 
other half is dissipated as heat in the dielectric, in the 
r of the current which conducts these charges through 
the dielectric. 


and then repeating the same operation gives the two 
equations corresponding to (6) and (8): 


qEcosqti-^- 

ei+ 

Ti ra 

II 

(33) 

q^E sin qt ^ 

e, -L 

■ 6a ^ 


= 

( 

\ ri ra 


(34) 

Multiplsdng (31) 

with 

Ti ra 

; (33) with — j 

f ki 
< ri 


4- ^ , andjadding to (34), eliminates ei and e^, and 


The efficiency of formation of the internal charges 
thus is 50 per cent. 

3. Cable Charge by Alternating Voltage 

At first we may neglect the losses by dielectric 
hysteresis, by ionization in air and other materials, 
by the mechanical motion of moisture and all the other 
losses occurring in an alternating field, which do not 
exist in a constant field; that is, consider the ohmic 
resistances of the two component dielectrics as the 
only source of loss. 

As we are interested only in the permanent condition 
of alternating cable discharge, we may also omit the 
initial or external transient, since this is the same 
as with constant supply voltage and is the same as the 
rapid charging transient of the ideal condenser. That 
is, assume that the external transient has passed 
and permanent conditions of the alternating terminal 
voltage been established. 

The cable charging equations then are the same as 
those with constant impressed voltage, except that the 
terminal voltage e is not constant, but is alternating, 
and may be expressed by: 

e = E sin qt (29) 

where: 

g = 27r/ (30) 


leaves the differential equation for i: 

(— + — 

\ ri ra / 

/ kik2 . 

I- 1 sm qt 


= E 




ki , ki 




) 


cos q t 


(35) 


Ti ra 

This is integrated by: 

i - Cl cos g i + (7a sin g t (36) 

Substituting (36) into (35) and equating the coef¬ 
ficients of sin g t and cos g ^ to zero, gives: 


Cl = qE 


k q^ 

4- ki ifca ^ 

ki 

rP 

4-- 

kz \ 
ra^ ) 

k^q^ 

+ 1 

' 1 

• 4- 

1 Y 

i ri 

Tz ) 


Ca = 


E 


t (+-^ (^+-^) 
\ ri ra / 5^2 V ^2 / 




(37) 


= 377 with/ = 60 cycles 
The equations then are: 

the external equation (1): 
E sin g ^ = ei + ea 
the internal equations (2): 


In the expressions (37), the r, as resistances of the 
dielectric, are very large quantities, and in first approxi¬ 
mation, the terms • containing r in the denominator, 
can therefore be neglected, giving: 

(31) „ qE 

C, = -j- 



Differentiating (31) and substituting (32) 


= 2TfCE (38) 

(32) which is the standard expressions of the alternating 
reactive charging current of a condenser of capacity 
C, and: 


therein. 



(39) 
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(39) is A + 5 of equation (16), that is, it is the initial 
value of the slow transient charging current of constant 
voltage E. That is: 

The energy component of the alternating charging 
cun’ent of a conductor with composite dielectric, equals 
the initial charging current of the condenser at the 
same continuous impressed voltage, that is, the initial 
value of the slow constant voltage charging transient, 
and therefore is larger, often many times, than the 
true or final conduction current A, which passes through 
the condenser at constant voltage. 

Correspondingly higher also are the P r losses, so that 
in a cable, the i- r losses due to the true ohmic resistance 
of the dielectric, are higher with alternating than with 
continuous voltage. 

The alternating charging current thus is: 


i = 


qE . . E { ki^ . \ 

-nrcos«« + -xi-(i^ + -r7') 


Ti r 

— 2TrfCE cos 5 i + (A + £) sin d' i 
Substituting (40) into (31) and (33) gives: 


sin^^ 


(40) 


ei = 


k 


E sin qt 


^2 



E sin qt 


(41) 


4. Cable Discharge 

. When a leaky laminated condenser, such as a cable, 
is charged at a continuous voltage e and kept at this 
voltage until stationary conditions are reached, that 
is, the adjustment of internal charges and voltages is 
completed—which may take hours—and the impressed 
voltage e then withdrawn and the cable discharged, 
the discharge transient again in general consists of two 
components, the external transient of short duration 
and the internal transient of long duration, and the two 
transients may be dealt with separately, as the duration, 
of the internal transient usually is so many thousand 
times longer than that of the external transient, that 
the external transient has entirely passed, before the 
internal transient has appreciably begun. 

The external transient thus can be treated as the 
discharge of a typical condenser through an external 
circuit, by the standard equations, thus is of no further 
interest here. The investigation of the internal tran¬ 
sient, just as in the condenser charge, can be greatly 
simplified by separating it from the external transient, 
that is, counting the time from the moment when the 
external transient has passed, and thus using as terminal 
conditions for t =* 0 the circuit conditions left after the 
vanishing of the external transient, but before the 
beginning of the internal transient. 

A leaky laminated condenser, such as cable, may be 
discharged 

1. by short-circuiting it. 

2. by open-circuiting it. 


3. by closing the external circuit by a resistance 
fo (or a resistance ro and ^n inductance L). 

In either case, 2 or 3. 

(a) The cable may first be short-circuited for a 
moment, until the external transient has passed and the 
terminal voltage dropped to zero for i = 0, or 

(b) The cable may at once be open-circuited, in 
case 2, at terminal voltage e, so that no external tran¬ 
sient occurs, but the external charge leaks through the 
resistances of the dielectric, or, in case 3. 

The cable may at once be closed by the resistance 
To (and inductance L), so that the external charge due 
to the previously impressed voltage e passes partly 
through the external circuit, partly through the resist¬ 
ance of the dielectric. 

This case 3 is of interest only, if the external resistance 
r,) is of the same magnitude as the internal resistances 
Ti and r 2 of the dielectric, that is, extremely high, 
many megohms. With the usual resistance of external 
circuits, the external circuit is essentially a short circuit 
for the internal transient, and case 3 thus becomes case 
1. As the result hereof, the general case of an external 
circuit of resistance and inductance is of little import¬ 
ance, since at the very slow rate of change of the in¬ 
ternal transient, the inductances which may usually 
be met in external circuits, are negligible. 

5. Short-Circuit Discharge 

As the rapid external discharge transient is of no 
special interest—^being the same as in an ideal con¬ 
denser—we may assume that the external transient has 
passed and count the time for the internal transient 
from the moment when terminal voltage and terminal 
charges have dropped to zero, but before the internal 
charges have begun to discharge, thus leaving the cable 
with zero terminal voltage and zero charge at the 
terminals, but with internal charges and corresponding 
voltages in the two component dielectrics. That is: 

t = 0 6 = Gi 62 ~ 0 

The equations then are the same as those of the slow 
or internal condenser charge, (2) to (9), and are inte¬ 
grated by: 

i = B (42) 

and 


JU 

Ti 

■ + 

A. 

ra 

1 

■ + • 

1 

ki 

fca 


— "h .<72 
Cl -|- C 2 

.1 

The coefficient B is determined by the terminal 
conditions i = 0. 

At < = 0, before the external transient starts, it is: 


and: 


Gi' -j- 62 * — G 
61' “5- 62' = ri -7- fa 
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that is, the voltages are distributed by the resistances, 
if we assume that stationary conditions of cable charge 
had been reached. 

This gives: 


e-i 


r<i 


By the passing of the external transient, the terminal 
voltage drops from e to 0, that is, this transient im¬ 
presses a voltage — e upon the condenser, and as during 
the short time of the external transient, no readjustment 
of internal charges can occur, the transient voltage 
— e distributes by the capacities, that is, the two 
components: 

Cl" -T- Ca" — JCi -i- hi 

and as: 


+ Co" 


e 


it follows: 



The initial voltages Ci and Co thus are made up of tht 
two components, that existing before the externai 

J___J._1 _J_ •__1 1 _ _J 1 I • I 


It thus 

is: 



t =0: Cl = e/ -f- Cl" 

= (^^- 

kx 

~ k~ 


Ca ~ G'i Ca" 


Jc^ 

r 

Substituting (43) into (6), 

gives: 


ki= ■ 

\ k\ / 7, _ _ 

[ 7,'"" \ "~'f~ 

kx \ 

ir) 



1 k'i 

4- 1 

7o 

/ r2 \ 1 

[ T r) f 

4 

and, substituting (42) into (44) gives: 

B = - 

. -S 2 Tx — k\ 7«)*“ 

e 


r Ti Y'i k- 



^ a 


Thus: 


TiT-ik- 


(43; 


(44 


(45 


As seen, the cable discharge current is the same as the 
cable charging current, except that the former does not 
contain the constant term. 

6. Discharge by External Open Circuit 

Assuming that a leaky laminated condenser, such as 
a cable, is charged to a voltage e, and then open-cir¬ 
cuited and allowed to discharge. Or that, before open- 


circuiting, the condenser is short-circuited for a short 
time, long enough to discharge the external transient, 
but short enough not to affect the internal transient. 
The conductance equations are (2): 


^1 = ri ix I 

ih — r-i i‘i j 

The capacity equations are (3), since i = 0: 


(46) 


\ 



Thus, .substituting (46) into (47), gives: 


(47) 


d C| , 

k\ 

dt 

... 

7| 

d Co , 

IC^A 

dT + 

T'i 



(48) 


These two differential equations are integrated by: 

Cl = B, e 1 

c, - B, e ' ■' J (49) 

where: 






h. 

r\ 

k'i 

T’i 


(50) 


and Bi and Ba are determined by the terminal condi¬ 
tions. 

The total voltage across the condenser terminals 
then is: 


e' = Cl H- e-i = B, € -h Bo e '(51) 


a. If the cable has been charged up to the constant 
voltage e, and this voltage e kept on sufficiently long to 
get permanent condition, then the internal charges 
and internal voltages are distributed by the resistances. 
If now the circuit has opened, without, by a momen¬ 
tary short circuit, discharging the external transient, 
then it is, at 

t = 0:c' = e; Cj -v- e.. = n -i- ra (52) 

thus: 


Cl 


Tr 




e = B, 


Co - ~ c = Bo 

** ttm ** 


thus; 


Cl = 


Ca = 


7] 




r 

7a 




c' c 


e 6 

7i 

7 


Jih 

ri 


+ 


jTa 

r 


ti 


(53) 


( 54 ) 
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b. If the condenser is momentarily short-circuited 
to pass the external transient, it is for ^ = 0: e' = 0. 

The change from e' = e to e' = 0 occurs by the ex¬ 
ternal transient, in such short time that no readjustment 
of the charge can occur, but upon the voltage distri¬ 
bution by resistance Ci -r- es = fi ra is superimposed 
a voltage distribution of — e by capacity, that is, by 
ei -i- Ci = ki ki. Thus it is, at: t = 0: e = 0. 



J 

(56) 


The maximum value of e' is given by: 

- n = Jl_ / 

dt Ti ft 

at the time: 


Let the dielectric of the condenser be composite, 
consisting of n materials, and let 
e, — total voltage across all the layers of material s, 
= current in material s, 

Va — resistance of all the layers of material s, 

Ca = capacity and thus ka = = elastance of all 

the layers of s, where: s = 1,2 ... n. The external 
charging equation of the condenser then is: 

n 

6o = + -Lo —b ^0 i (58) 

1 

where: 

i = external current. 

The conduction equation of material s then is: 

e. ^Tai, (59) 

and the capacity equation of material s is: 

(*■ - *.) (60) 

Eliminating is from (59) and (60) gives: 

4 t 

Equation (58) is the external, and equation (61) the 
internal condenser equation. These equations contain 
the current i and the n voltages c,. 

Differentiating (58) and substituting (61) therein, 
gives a second equation in i and e,. Again differentia¬ 
ting and substituting (61) gives a third equation in i 
and and so by successively differentiating and sub¬ 
stituting (61), we get a series of % -|- 1 successive equa¬ 
tions in i and of the form: 


Co _ k,”* e, d”^ ^ d"* i 

1 


+ 2^ 
1 




(62) 



7. General Transient op Condenser 
Let a condenser of capacity 


(57) 


S. 


. = (- !)'-■ 2- 


ka* 

Ta 


and: 

(where: 


w = 0,1, 2 . . . n 


d^u 

dt^ 


= m). 


(63) 

(64) 



be connected to a source of power supply of voltage 
eo, over a supply circuit of resistance ro and inductance 
Z/o,^where eo in general is a function of time, but may 
contain a constant term. That is, eo may be a constant 
voltage, or an alternating voltage, an oscillation, 
impuke or other transient, etc. 


From the (n -h 1) equation (62), the n quantities 
e, can be eliminated, leaving one equation in i, of 
{n + l)i< order. Denoting: 


m 


thus 


Q 

Qo 


n (m) 


ka 

TT 


n h 

1; Q„=n4- 


( 65 ) 
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That is: denoting by Qm the sum of all the products Equation (71) gives: 


k 

of —— in groups of m, that is: 

Ta 

Qo = 1 

Qi = 

Qn ~ 


kx 


n 

ki kj 
TiTi 


+ -^ + 


+ 


+ 


ki kz 


+ 


kfi 


+ 


kj ks 
n rz 


+ 


Q« — 


kx ki kz • • • kfi 
n U rz Tn 


Multiplying (62) by Qn-m and adding the (n + 1) 
equations, the terms with e, cancel, and we get the 
final differential equation in i. 


and 2 roots: 


where: 


or: 


where: 


(n — 1) roots: c = 0 


g ^ rodbjq 
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(72) 


2Lo 




4Lo 


- 


(73) 


c = 


ro ± s 
2Lo 


Thus: 




4Lo 




(74) 




d t”* 


= 1., 


d" +1 i 


fin A 

+ u 


® d<»+i 
»»—1 


+ (ro 


-- 

i = g- 


(Cl sinqt Cz cos q t) 


or: 


+ 2. 


•Co Qn-m+l + ro Qn- 


m 


i=^Bxe 


ro—^ f 
■ 2Lo‘ 


ro +i. 


(75) 

(76) 


— m 


+ Qn-m-i 


d^i 

dt”^ 


( 66 ) 


This is a differential equation of (w + 1)^< degree, 
showing that the general cable transient contains 
{n + 1) terms. 

With the exception of Si and Qo, all the S and Q in 
equation (66) contain r« in the denominator, r* how- pennanents, that is, are so slow that they do not come 
ever, as the resistance of a part of the dielectric, is a consideration during the life time of the transient 
very large quantity, and the terms S and Q, which 


-¥Bz€ 

(75) respectively (76) is the external charging tran¬ 
sient of the condenser, and Ci and Cz respectively Bi 
and Bz are the terminal conditions, determined by 
the terminal condition of the external circuit, in the 
usual manner: 

i = 0: t = 0; e. = 0 (77) 

The (n — 1) roots c = 0 (72), mean, that under the 
assumption made in (67), the internal transients are 


have Va in the denominator, therefore are very small 
quantities, hence can in first approximation, be neg¬ 
lected in comparison with the terms Lo, ro and Si Qo. 
Doing so, equation (66) simplifies to: 

d* eo 


Substituting (75) (76) into the general equation 
(66), the terms with Lo, ro and vanish. Separa- 


dr 

and by (63) 


j- d" +1 i , d" i 

— -^0 J + ^0 


d 


di" 


+ 3^-^ (67) 


n 


Si = 


ka 


8 •vs 


= A; = 


1 

C 


( 68 ) 


Separating the permanent term from equation (67) 
leaves as the transient: 


y d“ +1 d”- i 
jtttxt + ro 


+ 


1 d«-i i 


= 0 (69) 


di»+i ^dr ' G dr-i 
This equation is integrated by the exponential: 

i — B 

and, (70) substituted into (69) gives: 


Lo c”+i — roC” + 


c«-i = 0 


ting again the permanent term, leaves as the transient 
term for the detennination of the remaining (n — 1) 
roots, which give the internal transient, the expression: 

n —1 n—m 

0 1 

This is integrated by: 

i = B 

and, (79) substituted into (78) gives: 

n —1 n—nt 

Sp Qn-m-p (■" ^)’” ~ 0 

t 

0 1 

As easily seen, in (78) all the coefficients are positive, 
and in (79), the successive coefficients alternately have 
(76) positive and negative si^s. Herefrom it follows, that 
all the (w — 1) rool^ of (80j are positive. That is: 
The slow or internal transient of a composite con- 
(^^) denser, containing 71 different materials in its dielectric. 


(78) 


(79) 


(80) 
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consists of (n — 1 ) separate and real exponential tran¬ 
sients: 

n —1 

i = (81) 

1 

where: 

Cm are the (n — 1 ) roots of equation (80), and jB„, 
coefficients derived from the terminal conditions. 

As all the roots of (80) are positive, they are easily 
derived by approximation. 

The terminal condition of the internal transient is; 

« = 0 : e, = c (82) 


t = 0: Cs = 


ka 


k + fig) = c 


4 - Al 

ri^ rf ~'rf 

ki^ , 


k (Ci Bi + Cg Ba) + ^ —t" 


+ ~) (JS. + B,) = e 


111 

ri’* 


/Cg« 


_i_ 

ri 


III. Numerical Calculations 


(85) 


and, substituting (82) into (62), and substituting (81) 
therein, gives the constants B„,. 

Applying this to the internal transient for n — 3 , 
gives: 

2 3 —m 

(80) • 2” 2^' Qa-m-p (— c)«* = 0 

0 1 


(83) 

where: 


c = 


m ± s 
~ 2k 


s = W'm? — 4^ kn 


fn = (^2 -f ks) kj (kz -j* ki) 

Tx rg 


+ 


kz {k\ “I- Ajg) 
_ 


n — k\ A/g kz ( -“f"- “f"-- ^ 

\ nrg rzTz ^ Tgri / 


k = ki ki kz 
and; 

(58) Cx + 62 + Cz — 6 

d ex , d eg , d Cz _ « 
dt ^ dt dt “ ^ 


(84) 


(' 61 ) ^LSi. — hr' 


(62) k i i= Cl + 


(62)-fc4f + 


( 


kx^ k^ . k^ 
-r -r 




Tz 


)*■ 


w.ci+fiiic;+ 


rt 






(81) 4 = Bi €-^i< + Bg 


(81) 


1. Single Transient 

The slow cable transient is measured by impressing 
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Fig. 1— D-C. Charging Current, in Milliampebbs at20 Kv., 
OP Cable No. 245, Philadelphia, 13,000 kt. 


One conductor against other two and lead sheath. Avg. of 6 tests (by 
konotron). 

+ I = 1.20 + 0.081 6 -0.0l)-l20/ +1.30 e -0.0268/ 

A I = 0.08 + 0.407 6 -0.00302/ +1.43 s -0.0303/ 

» i =0.108 + 0.206 € -0.00828/ + 0.190 e -0.0317/ 


a co^tant voltage upon the cable terminals and then 
reading volts and amperes, for a number of minutes, 
until the current has become practically constant. 
For this purpose, the voltage is brought up rapidly 
to the desired value, but great care must be taken not 
to over reach, since any reduction of the voltage gives 
wrong results. The voltage should be very constant, 
as the current fluctuates greatly with slight voltage 
variation; a small voltage increase causing a large 
increase of current, while a small voltage decrease may 
even cause a reversal of current. Therefore it is best 
to plot the observed values of current with the time as 
abscissas, smooth this curve and from it then take 
numerical values. 
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Assuming that the curve is to be represented by the 
single exponential transient, as the simplest form: 

e = A + B 

The simplest way of calculating A, B and c is to take 
from the curve three values of current at equal time 
intervals: 


( 16 ) 

thus: 


A +5 = 


“ ( 


111 

rx 


+ 


Ti 


) 




n 


+ 


r- 




(A + B) = 6 


H” + 2 to 

choosing the three times so as to cover the whole 
reliable part of the curve, that is, ti and tx + 2to are 
near the ends of the curve just sufficiently away from 
the ends, not to be affected by the greater error of the 
curve ends. For instance, if readings have been taken 
over 8 minutes, 1, 4 and 7 minutes are good numerical 
values. 

It is then: 

= A + B 
«2 = A + B 
^3 = A + -S 

thus: 


i'i — «3 


From these 4 equations follows: 

:^om this equation, and (12), rx and are calculated. 
This is most conveniently done by approximation. 
From (7) and (13) then are calculated kx and k^. 

2. Numerical Instance 

An instance is shown, in Fig. 2, the complete 
charging and discharging transient of a 12-kv. three- 
phase cable of 13,000 ft. length and the capacity, from 


(*2 - AY 

Hence: 

A = 

%x ^3 2 ^2 

Q ^ log (^‘i - ij) - log {h - h) 

<(|l0g€ 

B == («i — A) €+'•<* 

Given are: 

The impressed voltage : e 

and the capacity of the cable: C - —^ 

From the observation of the slow transient follow: 
A, B and c 

It is then, by equation (11): 



Hence: 



one conductor to the other two conductors and the 
armor, of C == 0.74 juf, supplied with a constant volt¬ 
age of 20 kv. over a circuit of resistance ro = 200 and 
inductance Lo = 0.5h. 

Charge 


r == 


e 


A 


It is by the equations: 


(7) 

(12) 

ki -|- ko 

n H- r2 

= k 

= r 

(13) 

- 

JL_ -|- 

rx 

- 


thus: 

kx kz 



n Ti 

r 


n 


a 


The rapid external charging transient is: 
e = 20,000 {1 - (cos 1570 1 -H 0.125 sin 1570 t )} 

volts 

i - 25 €“2 oo< sin 1570 1 amps. 

Duration: 0.006 sec. 

The slow internal charging transient is: 
i = 0,108 + 0.206 €-’°'’®Vmilli^peres. 

Duration: 125 sec. 

The fractional voltages are 
ei = 4200 + 11,200 volts 
02 = 15,800 - 11,200 volts 
Initial energy of charge: Wo = 148 J. 

Final energy of charge: W[ - 406 J. 

Energy of internal charges: Wi = 258 J. 


MILU-AMPERES MJUJ-AMPERES 
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Discharge 

The rapid external short-circuit discharge transient is: 

e = 20,000 (cos 1570i + 0.125 sin 1570 t) volts. 

« = — 25 sin 1570 1 amperes. 

The slow internal transient of discharge current by 
short circuit is: 

i = — 0.206 milliamperes. 

The slow internal transient of building up of residual 
voltage at open circuit following short-circuit discharge 
of terminal charges, is: 

e' = 11,100 (€-“-» 022 < _ €- 0 . 027 <) 

This residual voltage starts in 37 sec. reaches, a 
maximum value of 8160 volts in 100 see. and has a 
duration of 455 sec. 

3. Double Transient 

When analyzing charging current measurements of 
three-phase cables, made by d-c. voltage, as shown in 
Fig. 1, a single exponential often does not satisfy the 
data, but the decrease of current during the first few 
minutes is far more rapid than later on, giving the curve 
the appearance of the sum of two exponentials and one 
constant term, the two exponentials being of different 
duration, though both are very slow compared with 
the duration of the external transient. 

Assuming then the transient of the form: 


Suppose now h is the time at which the shorter 
transient B 2 has died out. Then for the part of 
the curve: t = ti, 

i = A Bi 

and for this part of the curve, it is: 

A _ ~ ‘^2^ 

^■1 “h ^'3 — 2 ^2 

Calculating thus A for various values of ti, h -f < 0 , 

-h 2 io, such as: 2-4-6; 3-5-7; 4-6-8; 2-5-8; 1-2.5-4 
minutes, we find a series of values for A, and for that 
range of time, in which approximately the same values 
of A are given, we can assume that the single transient 
equation applies, and the more rapid transient has 
already died out. 

Prom this range of time we then calculate Bi and Cx, 
either by the S A method, or as in the preceding (III. 1) 
and so get the slower transient. Subtracting this from 
the total transient, then gives the faster transient 
B 2 €“^ 1 S and from this the values B^ and C 2 . 

This is done in Fig. 1, where the marked points give 
the observed numerical values, and the three curves 
the double transients calculated therefrom. 

Discussion 

For discussion of this paper see page 615. 
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Review of the Subject. — High-Voltage insulation testing has 
been and is usually still done by alternating voltages. 

High direct voltage was made available for testing purposes by the 
development of the kenotron tube. When used for testing insulation 
direct voltage has several advantages over alternating voltage. (1) 
the power necessary is often much less mth direct voltage than wUh 
alternating voltage. In apparatus of high electrostatic capacity, 
suck as long high-voltage cables, the size of the alternaling-voltage 
testing transformer becomes excessive, thousands of kUovolt-amperes 
being necessary. Direct voltages are therefore preferable as they 
necessitate only a few kilowatts. (^) Excess direct voltage is less 
likely to permanently damage the insulation than excess alternating 
voltage. (S) If direct voltage is used conductivity tests can be made 
and the action of the material on the application of the voltage more 
thoroughly studied. 

As the use of high direct voltage for testing purposes is found to be 
increasing, it is important to determine the relation between the 
insulation stress produced by direct and that produced by alternating 
voltages. 

Little is definitely known of what is called the dielectric strength 
ratio of insulaMon" which is the ratio of the direct disruptive voltage 
to the crest value of the alternating disruptive voUage. In general, 
this ratio might be expected to be unity. While such is the case with 
air some engineers have claimed, however, that some solid insulations 
stand a higher direct than alternating voltage. 

Therefore, a very extensive set of investigations was made, with 
direct and with alternating voltages, on liquid and solid insulations 
of homogeneous and non-homogeneotis structure, over a range of 
temperature, thickness and rate of voltage application. Their 
dielectric strength ratios were determined and are given and discussed 
in the paper. 

It was found that the dielectric strength ratio may be greater than 
unity, and sometimes very mttch so, that is, that the material may 
stand higher and sometimes very much higher direct voltages than 


alternating voltages, but also that the ralio with other materials may 
be less than unity, that is, the material may stand higher alternating 
than direct voltages. 

Radios less than unity were given by oils, petrolatum, powdered 
glass, etc., that is, they stood higher alternating than direct voltage, 
though the difference rarely exceeded 10 per cent. 

Ratios above unity were given by paper, cloth, solid glass and 
mica, etc,, indicating a greater strength for direct than for cilternating 
voltages. 

The dielectric strength ratio of some materials, such as laminated 
paper, was found to vary with the condition and in general increase 
with decreasing temperature, deereasing thickness and increasing 
rapidity of voltage application. 

Some materials, such as petrolatum impregnated cable paper, 
gave a very high ratio, some times exceeding two, while the component 
materials did not differ much from unity, petrolatum being a little 
below and air-dry paper a little above unity. 

It is believed that the observation of the dielectric strength ratio 
and its changes unih the condition of test, will give us a powerful tool 
for the investigation of insulation, and assist in solving the problem 
of understanding the mechanism of the breakdown of insulation in 
an eledric field. 

CONTENTS 

I. General. (1000 w.) 

II. Methods of Tests and Apparatus. (575 tr.) 

III. Eestilts of Tests. 

(A) Oil, Petrolatum and Cable Paper. (700 w.) 

(a) Oil — Its Dielectric-Strength Batio. (250 w.) 

(b) Petrolatum - 7 - Its Dielectric-Strength Ratio. (250 w.) 

(c) Dry Dnimpregnated Cable Paper —Its Dielectric- 

Strength Ratio. (500 w.) 

(d) Cable Paper Impregnated 'with Petrolatum. (600 w.) 
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Dielectric-Strength-Batio of Mica in SeveralPorms. (200 w) 

Dielectrio-Strength-Katio of Glass and ParafiBn. (250 w.) 

(C) Varnished Cambric and Paraffined Paper. (750 w.) 


A S the operation of electrical apparatus and circuits 
depends on their insulation, the maintenance and 
test of insulation is of foremost importance. 
Insulation testing, even of direct-current apparatus, 
is usually done by alternating voltage, since high alter¬ 
nating voltages are easily obtained by the alternating- 
current transformer. 

Two serious disadvantages arose in the use of alter¬ 
nating high potential testing: First, in apparatus of 
considerable capacitance such as underground cables, 
the charging current at the high test voltage is excessive, 
requiringuneconomically largeand expensive transform¬ 
ers. Second, in other apparatus, corona and other 
dielectric losses incident to the abnormally high alter¬ 
nating test voltage (of three and a half and more times 
the normal operating voltage), may permanently 
damage the insulation. 

With the development of the kenotron vacuum tube 

Presented at the Annual Corivention of the A, I.. H. Ei, 
Swampscott, Mass., June 86-^9,19BS. 


as rectifier, high direct voltages became available. As 
there is no permanent charging current with direct 
voltage, a kenotron rectifier of a few kw. capacity could 
replace a testing transformer of many hundred kw. 
In the absence of the intensive corona and the high 
dielectric losses incident to an alternating field, damage 
of apparatus by the high testing voltage was less to be 
feared with direct voltage testing. 

At first it was expected that the striking distance 
with direct voltage would be equal to that of the maxi¬ 
mum value of the alternating voltage, and tests made 
with air as dielectric corroborated this. However, 
engineers familiar with high-voltage, direct-current 
transmi^ion claimed that apparatus could stand 
materially higher direct voltages than alternating 
voltages. When high direct voltages became more 
available, teste made with them ^owed that some solid 
insulation, such as that of cables, stand a higher direct 
voltage than alternating voltage, and it was hoped then 
that a constant ratio between the disruptive strength 
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of direct and of alternating voltage could be found, by 
which the one could be expressed in terms of equality 
with the other. A series of tests made abroad on cables 
gave 2.5 as the average ratio between the direct voltage 
and the (effective or root-mean-square) alternating 
voltage which has the same disruptive effect. 

Further tests made by various engineers here and 
abroad gave inconsistent results and different ratios 
between the disruptive effect of direct and alternating 
voltage, so that now no fixed ratio between direct and 
alternating voltage can be universally applied. 

As the result of several years experimental investiga¬ 
tion we have come to the conclusion, and expect to 
show in the following, that: 

1. The disruptive effect on insulation of a direct 
voltage in general is different from that of an alternating 
voltage of a peak value equal to the direct voltage. 

2. The puncture or disruptive effect of the alterna¬ 
ting voltage (peak value) may be greater, and sometimes 
very much greater, than that of the direct voltage of 
equal value, but it may also be less. That is, the ratio: 
^‘Direct voltage divided by the peak value of the alter¬ 
nating voltage which gives the same disruptive effect”, 
which we may call “dielectric-strength ratio”, varies 
from values less than unity, when the direct voltage 
stress is more severe, to values much above unity, when 
the alternating voltage stress is more severe. 

3. In air, the dielectric-strength-ratio is probably 
imity. 

4. In solid insulation, the dielectric-strength ratio 
depends on the mechanical, physical, and thermal con¬ 
ditions of the material, and in general, seems to tend 
towards unity, the more homogeneous the material is. 

5. In one and the same material, the dielectric- 
strength-ratio may vary considerably with temperature, 
thickness, rate of voltage application, etc. 

6. In general, it seems that the mechanism of failure 
of insulation under high alternating voltage stress is 
materially different in some features from that under 
high direct voltage stress, and no universal and constant 
dielectric-strength-ratio can therefore be expected, but 
dependent on the feature which dominates in the failure 
different values must result. 

The dielectric-strength ratio has been defined in the 
previous literature in two ways, either as the ratio: 
Direct voltage divided by effective or root-mean-square 
value of alternating voltage (in which case air would 
have the ratio V2 = 1.41) or otherwise the ratio: Di¬ 
rect voltage divided by the peak value of alternating 
voltage, which gives to air the convenient ratio 1. We 
use herein, and recommend for general acceptance, the 
latter definition, as more rational. It gives the value 1 
to air, and in general the values tend toward 1, and it 
gives the value 1, if the nature of the alternating voltage 
puncture is the same as that of the direct voltage punc¬ 
ture, since a direct voltage and an alternating voltage 
with the same peak value, should be equivalent. 

Although the values given in the following tables are 


the averages and abstracted from thousands of indi¬ 
vidual tests, made under the greatest possible precau¬ 
tions, so that the experimental errors are small, they 
are not so consistent as to draw final conclusions from 
single recorded values (though these values usually are 
averages of 10 or 25 tests), and the conclusions are 
drawn from the general trend of groups of individual 
values. The reason for variations in results is the 
inherently erratic nature of disruptive tests. Dielectric 
tests made with air can be duplicated within two to 
three per cent, but in liquids like oil erratic variations 
occur between successive tests made with all precau¬ 
tions, amounting to 20 per cent to 30 per cent and more.^ 
In solid insulation, the phenomenon of dielectric dis¬ 
ruption apparently is still more complex, and the 
individual test results therefore are still more erratic, 
so that acceptable conclusions can be drawn only from 
the comparison of the averages of very numerous tests. 

The results of this investigation seem inevitably to 
lead to the conclusion that the dielectric rupture under 
high-voltage stress is a far more complex phenomenon 
than is usually assumed. Puncture is not due to a 
mere effect of electrostatic stress, or a mere heating 
effect, or any specific deterioration effect, etc., but it 
results from a number of different effects combined in 
different degrees. While it is somewhat disappointing 
no universal “dielectric strength ratio” can be deter¬ 
mined, which is applicable to all conditions and all 
apparatus, we believe that dielectric-strength-ratios 
can be derived for definite classes of insulation under 
definite operating condicions, and that the determina¬ 
tion and study of the dielectric strength-ratio will give 
us an additional and powerful tool in the study of in¬ 
sulation failure and its causes. 

Methods of Tests and Apparatus 

The principal source of high, direct voltage used in 
the tests was the kenotron. This is a two-element 
vacuum tube containing a filament cathode supported 
within a cylindrical plate as anode. The filament is 
kept incandescent by means of either a transformer or a 
storage battery. In operation the kenotron acts simply 
as a unidirectional conductor, passing through only the 
half waves of one polarity. Pig. 1 shows some of the 
principal circuits used for kenotron rectification, (a) 
is the simplest connection. In this the kenotron is in 
series with the supply transformer and a condenser 
storing the rectified voltage. This gives a direct cur¬ 
rent, every second half cycle the vacuum becomes 
conducting. The principal advantage of such a con¬ 
nection is its simplicity, and if the load is small com¬ 
pared with the condenser capacity, the voltage is quite 
steady. Diagram (b) shows the bridge type of connec¬ 
tion. This has the advantage of passing through both 
half waves in such a way that they produce the same 

1. “Three Thousand Tests on the Dieleetrio Strength of Oil,” 
by Hayd^ and Eddy, presented before Convention of A. I. E. E. 
at Niagara Falls, June 26-30,1922. 
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polarity on the receiving circuit. Diagram (c) shows 
the full wave or double half wave type which has the 
principal advantage of requiring an alternating voltage 
source of only approximately one-third of the direct 
voltage. The purpose of the condenser is to smooth 
out the pulsations of the direct voltage. It is readily 
seen that the half wave connection (a) requires more 
capacitance than a full wave connection either (b) or 
(c). The capacitance required for satisfactory smooth¬ 
ing is dependent on the load. In testing long cables no 
capacitance additional to that of the cable is required. 
But laboratory tests on short lengths of cable or other 
test pieces of low electrostatic capacity necessitate the 
use of the condensers shown above. On account of the 
small direct current conducted by any type of insulation 
the voltage fluctuation of such a rectifier can be reduced 


(a) (b) 



below 2 per cent without the necessary condensers 
becoming large. 

Both the alternating and the direct-voltage data 
were taken on the same transformer. The direct 
voltage was obtained by means of the full-wave keno- 
tron connection (c) Mg. 1 described above, using 
sufficient capacitance in parallel with the sample to 
reduce the ripples in the voltage wave to less than 2 
per cent under the conditions of tests. In taking all 
spark voltage values special attention was given to the 
rate of increasing the voltage, keeping this rate as 
nearly the same as possible at the value noted in the 
data. 

The various types of insulation were tested in various 
forms and shapes and with various electrode but care 
was always taken to have no sharp comers or edges on 


the electrodes. All voltage readings were taken on the 
low side of the supply transformer and the high-tension 
voltage, whether alternating or direct, was obtained 
from a calibration curve which had been made against 
a sphere gap in parallel with the sample or an equivalent 
load. All direct-voltage data below 3000 volts were 
taken on a special direct-current generator with field 
control, the voltage being read by an indicating volt¬ 
meter in series with multiplying resistance. Whenever 
possible both alternating and direct voltage punctures 
were taken on the same sample of insulation. For 
instance, if the sheet of insulation under test was large 
enough for 10 puncture tests, 5 would be taken on 
alternating and 5 on direct voltage. At no time were 
more than 6 punctures taken on alternating voltage 
without then taking an equal number on direct voltage 
or vice versa so as to give the closest possible compari¬ 
son. Each value, given in the tabulations below, 
usually is the average of 10 to 25 tests. Practically all 
of the tests were repeated at different times by different 
operators and under different experimental conditions. 

Results of Tests 

A. Oil, Petrolatum and Cable Paper 
A series of tests were made on the materials entering 
the insulation of high-potential cables, such as petro¬ 
latum and cable paper, and the results of these tests are 
given in Table I. In the same table are also given the 
results with transil oil No. 6, as of similar character to 
petrolatum but far more fluid. Oil and petrolatum 
were tested between 2.54 cm. spheres, but cable paper 
was tested between 5 cm. plates. The alternating 
voltage values are the maximum of the voltage wave. 

The table gives the tested materials: Transil oil No. 
6 alone, petrolatum alone, manila paper of 0.2 mm. 
thickness in air dry condition alone, and the same paper 
impregnated with petrolatum. The table also gives the 
length of the gap between the spheres for oil and petro¬ 
latum, and the number of layers of cable paper used. 
Then it gives the approximate rate of voltage increase 
in per-cent-per-second of the puncture voltage. Then 
follow the values of direct voltage in kilovolts, and of 
alternating voltage, peak values for the four tempera¬ 
tures 25 deg., 50 deg., 75 deg. and 100 deg. cent., and 
finally in the four last colximns the values of the “di¬ 
electric-strength ratio” derived by dividing the direct 
voltage by the alternating voltage. As seen, values 
are given for three rates of increase in terms of the 
puncture voltage as follows: 20 per cent, 5 per cent and 
0,1 per cent rise of this voltage per second. Each of the 
numerical'values given in Ta,bl6 I is the average of a 
miniTm im of 10 to 25 observations, but in many cases 
as many as a hundred repetitions were made. 

a. Oil—Its Dielectric-Strength Ratio. The table 
shows incidentally that the dielectric strength of 
oil, vdth direct voltage as well as with alternating 
voltage, decreases somewhat with increasing tempera¬ 
ture, but not to any great extent. 
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TABLE I 


OIL, PETROLATUM AND CABLE PAPER 


Material 

Electrodes 

Length 
of gap 
mm. 

Rato of 
volt¬ 
age rise 
per cent 
per sec. 

Direct voltage kv 

Alternating voltage kv. 

Dielectric-strongth-ratio 





25 deg. 

50 dog. 

75 dog. 

100 deg 

26 dog. 

50 deg. 

75 deg. 

ilOO deg. 

Transil oil No. 6 

2.51cm. 

spheres 

2 

4 

2 

4 

5 

5 

2 

2 

30.5 

45.8 

20.7 

30.7 

28.8 

37.5 

27.0 

30.2 

20.5 

37.0 

19.9 

34.0 

32.9 

6:<.0 

25.4 

49.0 

27.2 

45.0 

27.0 

40.4 

19.6 

42.0 

25.3 

37.7 

0.927 
0.804 
0.815 
( .756) 

1.059 

0..S33 

1.022 

0.890 

1.051 

0.802 

■ 

Potrolatiun 

2.54 cm. 
spheres 

2 

4 

5 

5 

15.1 

27.6 

B 

17.8 

34.8 

16.1 

28.2 

15.0 

28.9 

22.7 

18.4 

35.9 

15.9 

20.6 

0.960 

0.955 

( .087) 

0.907 

0.909 

0.9.50 

0.9.53 



No. of 
layers 


1 

■ 

■ 

B 

■ 


■ 






Cable Paper 0.2 
mm. thick air 
dry 

5 cm. 
plates 

4 

8 

16 

32 

20 

20 

20 

20 


3.4 

8.4 
12.8 
26.6 

3.0 

7.7 

12.7 

24.5 


2.4 

7.0 

16,1 

30.5 

2.5 

6,0 

12.0 

28.0 

2.3 

6.5 

11.0 

28.0 

2.2 

5.6 

9.7 
28.0 

1.790 

1.280 
1.075 
1.085 

1.300 

1.273 
1.007 
0.9,50 

1,505 

1.400 

1.005 

0.875 

1.145 

1.273 

(1.3-10) 

0 910 

■ 

5 

5 

5 

5 


4.84 

7.5 

13.0 

13.1 

5.47 

8.7 

15.2 

15.3 

4.4 

9.0 

15.2 

20.3 


4.15 

7.32 

12.9 

13.2 


4,3.3 

8.72 

15.3 

20.7 

1.290 
1.028 
1.094 
1.203 

1.170 
1.025 
1.078 
0.992 

1.287 
0.909 
1.117 
0.981 

1.010 

1.032 

0.993 

0.9.81 

4 

8 

16 

.32 

0.1 

0.1 

0.1 

0.1 

5.3 

9.2 

15.5 

27.5 

4.7 

U.4 

13.6 

25.5 

4.5 

7.8 

12.7 

24.3 

4.0 

8.3 

1.3.5 

22.5 

4.6 

8.8 

10.3 

31.5 


4.2 

7.8 

14.0 

28.9 

4.0 
7.8 
14..3 
28.3 


1.147 

1.205 
0.92.5 
0.8.58 

1.072 

1 .(M)0 

0,!«)7 
U.Sll 

1.000 
1.004 
0.944 
0.774 

Cable Paper 0.2 
mm. thick, im¬ 
pregnated wltti 
petrolatum 

5 cm. 
plates 

1 

2 

4 

20 

20 

20 

7.1 

18.3 

31.0 

19.0 

41.5 

15.0 

39.3 

15.1 

29.6 

3.0 

0.0 

15.8 

10.0 

25.3 

8.7 

24.0 

7.8 

20.3 

2.470 

2.775 

1.900 

1.79.3 

1.035 

i . 725 

1.005 

1.940 
1.453 

1 

2 

5 

5 

9.4 

30.0 

8.0 

22.8 

0.7 

17.7 

7.5 

22.4 

7.0 

18.2 

0.5 

15.0 

5.0 

14.3 

0.6 

13.0 

1,343 

1.980 

1.232 

1.435 

1.197 

1 .2.38 

1.154 
1.050 

1 

2 

4 

0.1 

O.l 

0.1 

5.0 

10.2 

29.5 

14.4 

30.5 

13.8 

.34.0 

14.7 

26.7 

3.2 

7.0 

15.6 

7.3 

20.3 

8.0 

21.7 

H.r> 

20.5 

l.r,05 

2.314 

1.900 

1.976 

1.705 

i. 725 

1 .579 

1.735 

1.2.53 


As would be expected from the erratic behavior of 
oil, discussed in a previous paper, the values of the 
dielectric-strength ratio of the oil, given in the last four 
columns, differ from each other more than any possible 
error of observation. However, in general the data 
show fairly conclusively a dielectric-strength ratio 
somewhat below unity,—specifically a general average 
of i? =s 0.923. In other words, this ratio of 92 per cent 
indicates that oil has a greater dielectric strength under 
alternating than under direct voltage, by about 8 per cent. 

A Comparison of Ratios cd Different Temperatures. 
The combined averages of all the ratios at 25 deg. and 
60 deg. cent, is jR « 0.900; but the combined averages 
of all the ratios at 75 deg. and 100 deg. cent, is i? « 
0.947. This change shows that the dielectric-strength 
ratio increases with increasing temperature or, as we 
may say, becomes more normal at higher temperatures 
by approaching closer to the value of unity. 

Ratios at Different Gap-Lengths, The average ratio 
for the short oil gap is jR - 0.975; the average ratio for 
the long gap is 0.871. This difference shows con¬ 
clusively that the dielectric-strength ratio of oil seems 
to become more abnormal, that is, differs more from 
unity, with increasing length of oil gap. This con¬ 
clusion, however, requires further corroboration. 

RdMos as Affected by Rate of Increase of Voltage, For 
slower rate increase of voltage, 2 per cent per 


second, the ratio averages R = 0.909; for the faster rate 
of 5 per cent per second it averages R ~ 0.929. The 
conclusions drawn from this small change of 2 per cent 
also require further corroboration. 

b. Petrolatum —Its Dielectric-Strength Ratio, Petro¬ 
latum is stated to be an amorphous hydrocarbon, 
essentially of the paraffin series. At room temperature 
it has the consistency of vaseline, and as a closely re¬ 
lated hydrocarbon it shows the same general character¬ 
istics as transil oil. 

As seen from the table, the dielectric strength of 
petrolatum, under direct or alternating voltage, does 
not appreciably change with the temperature, between 
25 deg, and 100 deg. cent., nOr is there appreciable 
change in the dielectric-strength ratio. 

The averages of the dielectric-strength ratio, taken 
from the table; 

At: 25 deg. 75 deg. 100 deg, cent. 

12= 0.952 0.968 0.952 

Thus the ratio is essentially constant. 

Again as regards variation in gap-length: 

At: 2mm. 4mm. length of gap between spheres: 
R = 0.956 0.959 respectively, which is also 
essentially constant over this small range of gap. 

The average of all values of dielectric-strength ratio 
for petrolatum is: R = 0.957. Therefrom it is evident 
petrolatum shares with oil the characteristic that its 
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dielectric strength is less for direct voltage than for 
alternating voltage, but the difference is not so great. 

If the abnormal behavior of oil were due to differences 
in the mechanical motion produced in the ingredients 
of its unhomogeneous structure by the continuous 
dielectric field, the resultant concentration of the weaker 
ingredients might accoimt for its lesser strength under 
the continuous direct voltage than under the alternating 
voltage stress, and the far more viscous petrolatum 
would show still less the effect of any movement and 
concentration—as is, in fact, the case. 

c. Dry Unimpregnated Cable Paper—Its Dielectric 
Strength Ratio. Incidentally tests with direct and 
alternating voltage show no definite difference in effect 
on the dielectric strength of cable paper, within the 
range of temperature, and rate of voltage rise used in 
the tests. But there is a very pronounced effect on the 
dielectric-strength ratio, as seen from the three sets 
of values in the last four columns of the table which 
tabulate 48 results, each the average of a number of 
tests. Ratios are given for the three general factors 
viz., for temperatures from 25 deg. cent, to 100 deg., 
cent., for thickness from 4 to 32 layers of 0.2 mm. paper, 
and for rates of voltage rise from 0.1 of 1 per cent per 
second to 20 per cent per second. Although individual 
values may fall somewhat out of line, there is a very 
pronounced grouping of the results. The highest 
values of dielectric-strength ratio occur at the lowest 
temperature, at the lowest thickness and at the high¬ 
est rate of voltage rise (shown in the table at the top 
left-hand comer). On the contrary, the lowest values of 
the ratio occur at the highest temperature, the thickest 
insulation, and the slowest rate of voltage rise (shown 
at the bottom right-hand comer). It is interesting to 
note that with dry paper, unlike oil, the ratio extends 
to both sides of unity. There are some values materi¬ 
ally above 1, and there are also values below 1. 

To get the general trend of variation of the ratio, 
with each separate feature, we average all the values 
for the same temperature, or for the same thickness, 
or for the same rate of voltage rise, and thus get the 
effect of one variable, segregated from the effect of 
the others. This grouping of data gives the results 
recorded below. 

Temperature, Thickness, and Rale Data for Dry 
Unimpregnated Cable Paper. 

Temperature: 25 deg. 50 deg. 75 deg. 100 deg. 

Averageratio: B » 1.158 1.088 1.092 1.057 

There is a consistent decre^e of ratio with increasing 
temperature., 

Thickness: 4 8 16 32 layers 

Averageratio: R = 1.277 1.133 1.027 0.947 

There is a consistent decrease of ratio with increasing 
thickness, from values considerably above 1 to values 
below 1. 

Bate of volt¬ 
age rise: 20 per cent 5 per cent 0.1 of 1 per cent per sec. 

Average ratio: 

2? = 1.231 1.079 0.987 


There is a consistent decrease of ratio with decreasing 
rate of voltage application, down to values below xmity. 

The total average of all the values of the dielectric- 
strength ratio of cable paper is slightly above unity: 
R = 1.100. In other words, dry cable paper shows a 
slightly lesser dielectric strength for alternating than 
for direct voltage. Conversely stated, unimpregnated 
paper requires, on an average, a 10 per cent higher 
direct voltage than the peak alternating voltage, to 
puncture the same thickness of paper under otherwise 
identical conditions. 

Since a laminated stmcture, consisting of a number 
of layers of unimpregnated cable paper, thus shows also 
a small deviation from the normal dielectric-strength 
ratio but opposite to that of either oil or petrolatum, it 
is of interest to consider the combination of both—that 
is, cable paper impregnated with the insulating hydro¬ 
carbon. 

d. Cable Paper Impregnated with Petrolatum. If 
untreated cable paper (with a dielectric-strength ratio 
slightly above unity, viz: 1.100) is impregnated with 
petrolatum (which alone has a ratio slightly below 
unity—0.957) we might expect as a result of the com¬ 
bination of the two a ratio close to xmity. On the 
contrary, the tests of impregnated paper show consist¬ 
ently very high ratios,—much higher indeed than dry 
paper,—and give an average ratio R = 1.773. 

This result is very startling and its significance on 
insulation strength and failure is still far from being 
imderstood. The phenomenon of extra high ratio has, 
however, been checked and corroborated with data on 
several other materials of similar character. 

Significant also is another factor—the enormous 
increase of dielectric strength, due simply to impregna¬ 
tion of the paper. 

To get the general trend of the variation of the 
dielectric-strength ratio with the three controllable 
variables, namely temperatxire, thickness, and rate of 
voltage application, the tabulated data are again 
grouped for the purpose of comparison. 

Temperature, Thickness, and Rate Data for Cable 
Paper Impregnated with Petrolatum. 

Temperature: 25 deg. 60 deg. 75 deg. 100 deg. 

Averageratio: B = 2.038 1.644 1.610 1*531 

Thus the ratio consistently decreases with increasing 
temperature. 

Thickness: 2 4 layers 

AvOTage ratio: R = 1.857 1.646 

Thus the ratio decreases with increasing thickness 

Rate of volt¬ 
age rise: 20 per cent 6 per cent 0.1 of 1 per cent per sec. 

Average 

ratio: 22 = 1.861 .1.576 1.783 

Thus the general trend is apparently that the ratio 
decreases with increasing slowness of voltage applica¬ 
tion, although the slowest rate shows a partial recovery. 

This last group of da.ta illustrates the difficxilty of the 
investigation of the action of solid insulating material 
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and emphasizes the complexity and limited knowledge 
of the phenomena occurring in insulating materials 
under electric stress. The values averaged in the middle 
figure (1.576 at 5 per cent rate) were taken some weeks 
before the other two sets of tests, and while appai’ently 
the same materials were used and treated in the same 
manner and the general trend of variation is the same, 
a considerable difference occurs in the numerical values. 

It is interesting to note that the ratio of direct 
voltage to peak alternating voltage of petj’olatum- 
impregnated cable-paper, R = 1.773, in the comparison 
of direct voltage with^ the root-mean-square value 
results in the ratio—V"2 (R = 1.773) = 2.501. This 
value is the same as has been proposed as the results 
of extensive tests made abroad on cables. 

B. Mica and Glass 

Table II gives data on some inorganic insulation, 
such as mica and its compositions, and also glass. The 


TABLIS U 

MICA. GLASS AND PARAFFIN 


Material 

Kluc- 

trod«.s 

Gap 

length 

cm. 

No. of 
layers 

Direct 

Alter¬ 

nating 

Dicdtic. 

Klr'gth 

ratio 





kv. p 

lor inm. 


Clear Mica, 0.12 to 




100.6 

08.0 

1.026 

O.IH mm. thick..... 







Pustod Mica. 0.32 to 




00.6 

48.0 

1.246 

0.3i> mm. thick. 




kv. 

kv. 


Mica Tape ou Ilruss 

1 

1 

2 

14.0.5 

8.6,'} 

1.04 

Tube. 



4 

.34.0 

21.0 

1. .50 




8 

70.7 

4.'i. 1 

1..57 

Mica Tape without 



*1 

12.7 

7.3 

1.74 

Kticking compouuU.. 



4 

21.6 

12.7 

1.00 




8 

00.4 

27 6 

(2.42) 

Mica 'I’apo with stick- 



2 

24.6 

0.0 

2, .55 

init com pound. 



4 

48.1 

20.2 

2.38 


diam. 



kv. pci 

r ram. 


Gloss Tubing 0.7 to 

2.64 



08.0 

40. .3 

1.400 

0.85 mm. thick. 

cm. 










kv. 

kv. 


Powdered Glass. 

2.5'1 

i.ao 


37 

44.6 

0. (012 


cm. 

2.64 


61.0 

6.3.8 

0.006 


sphures 

1- 





Powdered Glass made 

2.64 

».(]3 


60.8 

01.0 

0.022 

into paste with No. (1 

cm. 

0.06 


71.2 

73.8 

0.006 

transil oil.... 

splujn‘8 










kv. per ram. 


Cast Parallln 0.0 to 







2.2 mm. thick. 




17.4 

10.8 1 

1.030 


table gives the name of the material, the data on sizes 
of electrodes, and either the gap length or number of 
layers; there are also the voltages of the tests using 
either direct or alternating voltage, and their ratio™ 
that is to say, the dielectric-strength ratio of these 
materials. Here, as in the preceding table, each 
numerical value is the average of a number of tests™ 


usually 10 or 25. For some of the materials, such as 
clear and pasted mica, glass, etc., the dielectric strength 
is given in kilovolts per mm. so as to compare the 
averages of the different tests made with slightly 
different thicknesses of material. 

The Diehetric-Strength Ratio of Mica in Several F^orms. 
Clear mica gives a dielectric-strength ratio very little 
above unity, that is, in pure mica the dielectric strength 
is practically the same for alternating as for direct volt¬ 
age. Possibly this low value of ratio indicates very 
low dielectric losses. Built-up or “pasted” mica 
however already shows a materially lesser strength for 
alternating than for direct voltage, a ratio of 1.245. 
Mica tape shows still much higher ratios, and mica tape 
put together with some organic sticker shows very high 
values. A comparison is made in the following 
averages: 


Clear Mica. 

a ratio 

of 

1.025 

Pasted Mica. 

it u 

a 

1.245 

Mica Tape. 

a u 

u 

1.646 

Mica Tape held by a sticker. 

a n 

u 

2.46 


Therefore the combination of two different materials 
in a laminated structure, here as in the preceding section 
A of impregnated paper, seems to raise the ratio. The 
ratio increases with the increase in the difference be¬ 
tween the materials. 

Apparently there is also a slight decrease of ratio with 
increasing thickness of the insulation, such as obseived 
in the preceding studies. 

The Dielectric-Sirength-Ralio of Glass and Paraffin, 
Glass was tested, in the form of thin walled glass tubes, 
with mercury as inner electrode and tinfoil as outer 
electrode. Somewhat against expectation, glass, as 
the average of a number of tests, gave a high ratio - 
1.469; that is to say, glass is dielectrically much stronger 
against direct than against alternating voltage. Whether 
or not this high ratio indicates a lack of homogeneity 
of the structure of the glass — as a colloidal solution — 
we cannot yet judge. 

The glass of the tubes was powdered and the pow¬ 
dered glass in air was tested between 2.54 cm, spheres. 
Next, the powdered glass was mixed with No. 6 transil 
oil to form a paste, and this paste tested between 2.54 
cm. spheres. Both the glass powder with the spaces 
between the particles filled with air, and that with the 
spaces filled with oil, show a dielectric-strength ratio 
slightly below unity (total average 0.921). That is, 
glass in solid form has a much greater dielectric strength 
for direct than for alternating voltage; as powder, 
however, its dielectric strength is less for direct than 
for alternating voltage. The explanation of this differ¬ 
ence is still unknown. 

In the same table have been added the averages of a 
number of tests made on thin cast disks of paraffin. 
They show a ratio close to unity, slightly above 1.— 
1.036. This result seems reasonable. 
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TABLE III 

VARNISHED CAMBBIO AND PARAFFINED PAPER 


Materials 

Electrodes 

No. of 
layers 

Rate of 
volt¬ 
age rise 
per cent 
per sec. 

Direct voltage kv. 

Alternating voltage kv. 

Diel 

BCtric-str 

ength-ra 

tio 

25 deg. 

50 deg. 

75 deg. 

100 deg. 

25 deg. 

50 deg. 

75 deg. 

100 deg. 

25 deg. 

50 deg. 

75 deg. 

100 deg. 

Black varnished 

5 cm. 

1 

5 

21.8 

18.1 

16.0 

14.5 

17.4 

15.9 

15.6 

14.7 

1.253 

1.138 

1.026 

1.014 

cambric 0.3 

plates 

2 

5 

40.2 




29.4 




1.367 




mm. (asphal- 
















turn base) 


















1 

5 

11.9 

14.2 

13.2 

12.0 

11.1 

12.6 

11.5 

11.7 

1.072 

1.127 

1.148 




2 

5 

19.3 

23.8 

21.0 

19.2 

17.3 

22.4 

22.2 

10.4 

1.116 

1.062 

1.054 

0.990 



4 

5 

31.3 

43.1 

39.4 

30.8 

26.6 

41.1 

32.4 

28.6 

1.177 


1.215 

1.077 

















nished cam. 


1 

5 

19.4 

20.1 

14.0 

9.5 

14.4 

15.0 

9.2 

10.2 

1.347 

1.340 

1.525 

0.932 

0.2 mm. 


2 

6 

35.7 

36.0 

27.6 

21.8 

27.6 

27.1 

22.7 

22.0 

1.203 

1.329 

1.216 

0.990 

(linseed oil base) 


4 

5 



43.5 




42.2 




1.031 




1 

2 

21.2 

18.0 

11.5 



13.9 

9.8 


1.472 

1.295 

1.173 




2 

2 

38.8 

31.7 

22.5 


IB 

23.5 

22.4 


1.000 

1.350 

1.005 


Cable Paper 0.2 


1 

n 

20.1 




14.0 




1.437 




mm, Jmpreg- 


2 


32.3 




22.4 




1.442 

. 



nated with par- 



■H 













afBn 

















C. Varnished Cambric and Paraffined Paper 

Table III gives data on two kinds of insulating cloth 
— black and yellow varnished cambric, and cable paper 
impregnated with paraffin. Cable paper impregnated 
with paraffin gives in general the same characteristic as 
cable paper impregnated with petrolatum, as might 
be expected — that is, a high value of the ratio. 

The data on both kinds of varnished cloth seem to 
show a decrease of dielectric strength with increasing 
temperature, and also a decrease of the dielectric- 
strength ratio with increasing temperature and possibly 
also with increasing thickness. Thus, grouping the 
average values as was done in previous cases, the re¬ 
sults are as follows: 

Temperature and Thickness Data for Yellow Varnished 
Cloth. 


Temperature; 25 deg. 50 deg. 75 deg. 100 deg. cent. 

Average Ratio: R = 1.297 1.222 1.171 1.003 

Thickness: 12 3 layers 

Average Ratio: R — 1.231 1.193 1.080 

The total average is E = 1.186. 

The similarity of the change of the ratio in varnished 
cloth, with that in impregnated paper, raises the ques¬ 
tion whether it is not a general characteristic of com¬ 
pound laminated structures, to have a high dielectric- 
strength latio at low temperatures, low thicknesses, 
and high rates of voltage rise, and conversely to have 
this ratio decrease with increasing temperature, in¬ 
creasing thickness and increasing slowness of voltage 
application. 

Discussion 

For discussion of this paper see page 615. 





























































Cable Geometry and the Calculation of Current-Carrying 

Capacity 


BY DONALD M. SIMONS 

Associate, A. I. B. E. 

Standard Underground Cable Company, Pittsburgh, Pa. 


Review of the Subject.—The main purpose of this article 
is to express the calculation of current-carrying capacity in simple 
formulas. The allowable current for underground cables is 
usually limited by the maximum permissible temperature of the 
insulation. The temperature rise is of course a function of the 
ability of the cable system to dissipaie the heat generated. The 
chief difficulty in the calculation of current-carrying capacity is the 
determination of the thermal resistances of the path through which 
the heat must flow. 

The main part of this paper deeds with the errors in the standard 
formulas for calculating the thermal resistance and geometric proper¬ 
ties between the conductors and the sheath. A graphical method of 
correcting the errors is obtained in terms of what is called the 
'^geometric factor,"' the results are tabulated for S, 3 and 4~con- 
ductor cables throughout the range of practical sizes and an empirical 
formula is given. The check between the results of the graphical 
correction method and the published experimental data on this sub¬ 
ject is very satisfactory, and emphasizes the errors in the standard 
formulas. 

The thermal resistance between the sheath and the duct is men¬ 
tioned briefly, and an approximate method of finding the resistance 
between the duct and the region at base temperature is outlined. 

The previous work is then combined into a simple formula giving 
the allowable current for n-conductor cables, there being any number 


of similar cables in the duct bank. The formula is also enlarged 
to cover the case of cables in the metric and square inch systems, and 
cables buried directly in the ground. The method of including the 
effect of induced sheath currents in single-conductor cables and of 
dielectric losses is shown. Finally, the procedure to use in case 
the cables in the duct bank are not all of the same type is 
ouMrved. 

In Appendix A the geometric factor for three-conductor cables 
under three-phase voltage is discussed, Russell’s formula for this 
geometric factor being compared with the experimental determina¬ 
tions and an empirical formula for it is given. A formula is 
also given for the calculation of dielectric losses in three-conductor 
cables. The geometric factors for three-conductor cables in all 
other connections (i. e., the geometric factor for one conductor 
against the other two and sheath, or between any tioo conductors, 
etc.) are then derived in terms of the two geometric factors already 
obtained. 

In Appendix B are given examples of the calcidation of current 
carrying capacity under various conditions, and of dielectric loss. 

In Appendix C an example is given which shows the error 
introduced by using an approximate formula for the calculation 
of the thermal resistivity of the insulation of a three-conduxtor cable 
based upon experimental measurements, the case taken up being a 
tabu in the Research on the Heating of Buried CabUs. 


Introduction 

a 

HE limit in the current-carrying capacity of under¬ 
ground cables is the allowable temperature of the 
insulation at the hottest point, usually the con¬ 
ductor surface, (unless economic or other considerations 
are determiningfactors). For a given allowable tempera¬ 
ture at the conductor surface and a known temperature 
of the earth, the allowable temperature rise is obtained. 
The allowable current is of course that current which is 
just sufficient to produce the allowable rise, due to the 
heat generated in the conductors as r loss, neglecting 
dielectric losses for the present. 

The total temperature rise of a cable is usually 
divided into three distinct parts: Ta, the rise of the 
conductors above the lead sheath; Tn, the rise of the 
sheath above the duct; Tc, the rise of the duct above 
the base temperature of the earth. The thermal path 
may be considered as analogous to an electrical circuit 
with three resistances in series. In such an electric 
circuit the difference of potential across each of the 
elements would be equal to the product of its electrical 
resistance by the current flowing. In this thermal 
path, the difference of temperature across each of the 
elements will be equal to the flow of heat in watts, 
multiplied by the thermal resistance of the element in 
thermal ohms. 

In the p resent paper, the Ta rise will be considered 

Preserved at the Annual Convention of the A. I. E. E., 
Swampscott, Mass., June 26-39, 1923. 


primarily, though the other ones will be mentioned 
briefly, and it will be attempted to compare the various 
divergent methods of calculating Ta, pointing out the 
known errors in the various formulas, and a new method 
will be developed for graphically correcting them. 

The Geometric Factor 

The temperature rise between the conductors and 
the lead sheath, as stated above, is equal to the prod¬ 
uct of the total watts generated in the conductors 
by the thermal resistance between the conductors and 
the lead sheath, and our problem is to determine this 
thermal resistance. 

For single-conductor cables the thermal resistance 
may be obtained in thermal ohms per unit length of 
cable by the standard formula 

A) thermal ohms per unit length (1) 

in which p is the thermal resistivity of the insulating 
material, R is the radius over the insulation, and r is 
the conductor radius. This formula is rigid and exact 
for homogeneous insulation. 

For three-conductor cables several different formulas 
have been given> all in the form: 


in which Fi is a function of the dimensions of the cable. 
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and is given in quite different form by different writers. T equals the conductor insulation thickness, t equals 
The following are the various values of logeFii the belt insulation thickness, and d equals the con- 

1 _ Qj 3 -I- V (1 — ct^) (1 — B^) ductor diameter. 

logeF 1 = log«-—--- We may show the geometric factor for all cables of 

^ ^ equal belt and conductor insulation thickness (t/T = 1) 

Mie s formula (3) if we plot the geometric factor as a function of 


where a = 


( 


r + a 
R 


^ andjS 


\ a + 3 r / 


logeFi 




log 6 


R^- 
3 R^ r 


Russell’s formula No. 1 



R3- gs 
a® — (a — ry 

Russell’s formula No. 


2 


(4) 

(5) 


—;— ; in other words, the thermal resistance of all 

cables of a given kind of insulation having the same 
value of this function will be the same regardless of 
their absolute size. Careful examination has been 
made of the usual forms of cable, and also the unusual 
cases, and it has been found that practically all present 
day cables fall within the limits of about 0.2 to 2.0 

T -4-1 

for the ratio —;— . The geometric factors in this 


In all the above formulas R is the radius of the cable 
under the lead sheath, a is the radius of the centers of 
conductors, and r is the conductor radius. It might 
be mentioned that Mie’s formula has been also derived 
by Matsumoto. Reference to the source of these 
formulas is given in footnote 1. 

It will be noted in formula (2) that the dimensions 
of the cable occur only in the logarithmic function, 
and we shall therefore call log* Fi the geometric factor 
of the cdbUf and use the symbol Gi for it. 

Errors in the Formulas 

The available formulas for Gi are based on certain 
stated assumptions. Unfortunately the values of Gi 
calculated by the various formulas are quite different 
for cables of ordinary makeup. This indicates that 
the assumptions on which the formulas are based are 
not valid for the usual cables. 

Mie states that his formula is correct for very thick 
insulation with small conductors and also for very 
thin insulation. Russell says that his formulas are 
correct for the case of very small conductors very far 
apart. It has been noted that these qualifications 
have not in general been heeded, and in many cases 
the technical press shows that the formulas have been 
used regardless of the size of conductor. It is desired 
to show that the differences in these various formulas 
are very great in the range of practical cables. 

Formulas (3), (4) and (5) contain three variables, 
but since the function in each case is a ratio, it can be 
expressed in terms of two parameters. These will be 
chosen as (a) the ratio of total insulation thickness 
between conductors and lead to conductor diameter 

or —, and (/S) the ratio of belt insulation thickness 
d 

to conductor insulation thickness, or i/T, in which 

1. Mie, G,, Elekirolechnische Zeitschrift, 1905, p. 137. 

Russell, A., Alternating Currents, 1914, p. is?. 

Matsumoto, H., Eleotroteclmical Laboratory, Tokyo, 
Third Section. 1916. Report No. 24. 


range are plotted and shown in Fig. 1. In addition to 
the geometric factors from (3), (4) and (5), the geomet- 



0 02 0.4 0.6 0.8 1.0 1.2 lA 1.6 1.8 2.0 

RATIO 


Pig. 1—Geometric Factor op Three-Conductor Cables 
Oomparison of calculated values by different formulas, t/T - i .0. 

lie factor obtained from Atkinson’s experimental work 
is also plotted, concerning which more will be said 
later. The differences are obviously great. 

Before proceeding further, it is of interest to examine 
Fig. 1 and attempt to determine the errors for extreme 

T 4-1 

cases. A ratio equal to zero would mean a 

d . 

cable (with finite conductors) of no insulation whatso¬ 
ever. For this case, the therm^ resistance and there¬ 
fore the geometric factor must be zero, and thus both 
of Ru^ell’s formulas are seen to be in large error for 
small values of the ratio. For large values of the 
ratio, all the fbnnulas approach the same correct value. 

For instance for a ratio of equal to 10, which 

d - ^ ^ ^ 
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is of course an improbable practical case, Gi has the circles representing the conductors. P'or large values 
following values for the formulas (3), (4) and (5) ^ 

respectively; 4.35, 4.37 and 4.39. The most striking of the ratio — ^ the substituted figure very closely 

fact is that the curves for Russell's formulas do not ^ 

pass through the origin as they should. approaches the three conductors. 


The errors in the various formulas are explained by 
their originators and are easily understood. If the 
twisting of the conductors is neglected, the problem 
is one of plane geometry, the figure to be solved being 
that of a cable cross-section, consisting of three circles 
in the vertices of an equilateral triangle, which repre¬ 
sent the conductors, surrounded by a fourth circle 
representing the sheath. The approximate formulas 
which have been obtained have not used this actual 


Russell substitutes a different figure for the three 
conductors in his formula No. 2, his substituted figure 
being an oval inside the circle representing each con¬ 
ductor, and tangent to the conductor surface at the 
point nearest the cable center. For the sheath, he 
uses a figure tangent to the actual sheath at the points 
nearest the conductors and bending inward toward 
the cable center at the points between. Russell's 
formula No. 1 is derived by a different approximate 


2A 



2B 



T 


i/T 


■= 0.6 
' 1.0 


T +t 
d 

t/T 


' 2.0 


1.0 


the actual conductors and sheath. 

figure substituted for the conductors by Mie's formula 

heat flow-lines calculated by Mie’s formula for them 

figures substituted for conductors and sheath by RusseU’s formula No 2 

subsMWed for the eohducto« by tormol. (6), thb formula uelig 'the «mo mbsUtuM ehoath a. formula No. 2. 

Pio. >-Thi. SuBSTurnruD PioTmus «u TmBji<!orauCToii Cab™ 

Three conductors against the sheath. 


fi^^e, due to mathematical difficulties. Mie sub¬ 
stitutes^ a fipre for the three conductors, which coin- 
cid^^with the circles representing the three conductors 
at the regions nearest the sheath. His substituted 

55^? ovals if the conductors are 

relatively small, and is a continuous curve dipping in 
betweenxonductors if the conductors are relatively 

sheath. Knowing the 
^imtions of his substituted figu^^ and of the sheath, 
Mie obtam a ngid expression for the thermal resistance 

course due to the fact 
that the substituted figure is used in place of the three 


method, the method of images, and no way has been 

devised here for graphically showing the errors in this 
formula. ^ 

The large error in Russell’s formula No. 2 is easily 
explainable. The location of the greatest amount of 
flow of heat is undoubtedly between the conductors 
and the sheath through the shortest path between 
them and this is especially true for thin insulation. 
If substituted fi^es are to be used, the substituted 
sheath and substituted figures for the three conductors 
should be correct at this point to minimize the errors. 
A revision of Russell's formula No. 2 has therefore 
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been made with the condition that the figures repre¬ 
senting the conductors shall be tangent to the con¬ 
ductors at the points nearest the sheath rather than 
nearest the center of the cable, the substituted sheath 
being the same. This auxiliary formula has been 
derived for later pui'poses of checking, and has the 
following form: 


Gi = logf 






(a + r)“ — o* 


( 6 ) 


The substituted figures are immediately understand¬ 
able from Fig. 2 in which the actual conductors and 
sheath are shown as well as the substituted figures used 
in three of the formulas, Fig. 2a being a case of a rela¬ 
tively small value of the ratio, while Fig. 2b is for a 
large value of the ratio. The dotted lines are the flow 
lines of heat, which arc defined as being lines normal 
to the isothermals, and such that the spaces between 
lines all have equal thermal resistances. The equations 
for these lines were obtained from Mie’s formula for 
this purpose. 


GiiAPHicAii Correction for the Errors 

The method devi.sed for graphically correcting the 
geometric factor will now be explained. Mie’s formula 
when applied to a cable contains errors, but it gives 
a rigid Holution for the thermal conductance and geo¬ 
metric factor between hi.s substituted figure and the 
sheath. Now the conductance between the three 
conductors or the substituted figure and the sheath is 
inversely proportional to the geometric factor. If 
therefore, we can by any means obtain the ratio of the 
conductance from Mie’.s substituted figure to the 
sheath to that from the three actual conductors for 


the same along all of the paths between flow lines. If 
we take the conductance along any of these paths as 
unity, then the total conductance between Mie’s 
figure and the sheath for this section would be 18 in 
Pig. 3. 

The conductance from the conductor to the sheath 
must now be determined in the same units. Mie's 
figure coincides with the conductor for the first eight 
or nine paths, and each of these paths therefore has 
also a conductance of unity. For the subsequent 
paths, the conductance from the conductor to the sheath 
is through a longer path than from Mie’s figure. Since 
conductance is inversely proportional to length of 
path, the conductance to the sheath for any particular 
path may be found by multiplying the conductance 
from Mie’s figure (or unity) by the ratio of the average 
length of path from Mie’s figure to its average length 
from the conductor. The conductance from the con¬ 
ductor to the sheath may therefore be determined 



any particular cable, the product of this ratio by the 
geometric factor by Mie'.s formula will be the correct 
geometric factor of that cable. The same remark 
would of cour.se apply to any other of the substituted 
figures, but since Mie’s is the closest to the actual 
conductor.s, hi.s formula and substituted figure have 
been chosen for this purpo.se. 

The problem of correction is of course to graphically 
determine the ratio of the conductance from Mie’s 
substituted figure to the true conductance. Due to 
the symmetry of a cable, it is sufficient to consider only 
one-half conductor. Fig. 3 shows 60 angular degrees, 
or one-half conductor, of the three-conductor cable 
shown in full in Fig. 2a. The flow line.s shown were 
calculated by Mie’s formula for them and are strictly 
the flow lines from Mie’s figure to the sheath, Mie’s 
equation for flow lines contains an auxiliary angle 
ri; the line for equal to zero is the shortest line between 
conductor and sheath, while the line for it equal to 180 
deg. is the one midway between conductors. In Fig. 
3, the lines have been plotted for i? from 0 deg. to 180 
deg. by steps of 10 deg. 

By the definition of flow lines therefore, the conductr 
ance between the substituted figure and the sheath is 


Pia. 3—PiaURB FOB Gbaphical Corbecxion op Thrbe- 

CoNDUCTOB Cable 

= 0.6 t/T = 1.0 
a 

path by path, the total conductance being the sum of 
the conductances of the 18 paths. This sum will be 
a number smaller than 18. If we now calculate the 
geometric factor for this particular cable by Mie’s 
formula, and multiply it by the ratio of conductances, 
the correct geometric factor will be obtained. 

The above method is described because of its clarity. 
The actual method used is based on the same principle 
though applied differently. The difficulty with the 
actual application of the method described is that a 
sufficient number of flow lines must he taken. It was 
found that the correction factor obtained by tins 
method using 36 paths of flow instead of 18 as in Fig. 
3 was slightly different, and that if 72 paths were used 
a still different geometric factor would be obtained, 
the answer obviously approaching a limit for an infinite 
number of flow lines. The calculation of flow lines is 
very laborious, since they must be plotted point by 
point, each point being obtained by solving an equa- 
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tion of degree equal to twice the number of conductors 
in the cable, and over forty separate figures of this kind 
were required. 

The method actually used is the following, which is 
equivalent to using an infinite number of flow lines. 
A large figure was drawn for each case similar to Fig. 
3 such that the radius of the sheath was equal to 10 
inches, and the conductor, Mie’s figure, and the flow 
lines for each 10 deg. of v were plotted on it. The 
length of each line from the conductor to the sheath 
and from Mie’s figure to the sheath was carefully 
measured by a map measurer, and for each line the 
ratio of the length from Mie’s figure to its length from 
the conductor was obtained, this being the true rela¬ 
tive conductance along the line. The conductance 
from Mie’s figure along each line was taken as unity. 

The value of conductance between Mie’s figure and 
the sheath was plotted against i? as abscissa, the curve 
being of course a straight line parallel to the base. 
In other words, the conductance between. Mie’s figure 
and the sheath may be represented as the conductance 


ratio of the two areas will be called the graphical cor¬ 
rection factor. 

This whole process was carried out graphically on a 

T t 

large scale for various proportions of —^— for equal 

belt and conductor insulation thickness (t/T - 1), for 
half belt (t/T = 0.5), and for cables having no belt 
(t/T = 0). In each case the geometric factor was 
calculated by Mie’s general formula for an ^-conductor 
cable, the graphical correction factor was obtained as 
described, and multiplying these two together a cor¬ 
rected geometric factor was obtained. This identical 
process was carried out for two (round duplex), three 
and four-conductor cables; the results are tabulated 
in Table I. For practical use, the data of Table I 
should be expressed in curve form, Gi* being plotted 

T t 

against —^— . A separate curve should be drawn 
for each value of t/T. In the remainder of the article. 


TABLE I 


CORRECTED GEOMETRIC FACTOR BY GRAPHICAL METHOD 


Belt 

ratio 

t/T 

Ratio 

r +/ 

d 

2-Oonductor Cables 

3-Coaductor Cables 

4-Conductor Cables 

Calculated 
Gi (Mie) 

Graphical 

correctloa 

factor 

Corrected 

Gi 

Calculated 

Gi (Mie) 

Graphical 

correction 

factor 

Corrected 

Gi 

Calculated 
Gi (Mie) 

Graphical 

correction 

factor 

Corrected 

Gi 

1.0 

0.15 

0.602 

1.057 

0.636 

0.668 

1.089 

0.727 

0.728 

1.094 

0.796 


0.30 

0.8S9 

1.055 

0.938 

1.015 

1.078 

1.094 

1.121 


1.219 


0.50 

1.179 


1.229 

1.369 

1.063 

1.455 

1.524 


1.634 


0.76 

1.456 

1.031* 

1.501 

1.710 

1.052* 

1.799 

1.909 

HnSH 

2.025 


1.00 

1.081 

1.022 

1.718 

1.978 

1.045 

2.067 

2.210 


2.327 


1.50 

3.023 

1.012* 

2.047 

2.383 

1.020* 

2.431 

2.661 


2.754 


2.00 

2.280 

1.006 

2.294 

2.681 

1.014 

2.719 

2.989 

HBSH 

3.052 


2.50 

2.486 

1.004* 

2.496 

2.916 

1.009* 

2.942 

3.243 

1.015* 

3.292 

0.6 

0.15 

0.604 

1.057* 

0.638 

0.068 

1.086* 

0.725 

0.725 

1.094* 

0.793 


0.30 

0.891- 

1.055 

0.040 

1.009 

1,073 

1.083 

1.107 

1.088 

1.204 


0.50 

1.177 

1.038 

1.222 

1.350 

1.059 

1.430 

1.488 

1.074 

1.598 


0.75 

1.451 

1.025* 

1.487 

1.672 

1.045* 

1.747 

1.845 


1.950 


1.00 

1.669 

1.017 

1.697 

1.921 

1.035 

1.988 

2.120 

1.048 

2.222 


1.60 

1.995 

1.007* 

2.009 

2.297 

1.014* 

2.329 

2.520 


2.595 


2.00 

2.242 

1.004 

2.251 

2.572 

1.009 

2.595 

2.817 


2 848 


2.60 

2.440 

1.002* 

2.445 

2.789 

1.006* 

2.80 

3.050 

1.008* 

3.074 

0.0 

0.15 

0.613 

1.055* 

0.647 

0.668 

1.082 

0.723 

0.721 

1.094* 

0.789 


0.30 

0.896 

1.042 

0.934 

1.000 

1.069 

1.069 

1.085 

1.088 

1.180 


0.50 

1.178 

1.028 

1.211 

1.321 

1.053 

1.391 

1.435 

1.068 

1.533 


0.76 

1.454 

1.015* 

1.476 

1.618 

1.033* 

1.671 

1.753 

1.045* 

1.832 


1.00 

1.651 

1.009 

1.666 

1.846 

1.020 

1.883 

1.905 

1.031 

2.057 


1.50 

1.967 

1.004* 

1,975 

2.187 

1.008* 

2.204 

2.3.52 

1.016* 

2.387 


2.00 

2,205 

1.002 

2.209 

2.439 

1.003 

2.446 

2.612 

1.006 

2.628 


2..50 

2.396 

1.001* 

2.308 

2.638 

1.002* 

2.643 

2.820 

1.003* 

2.830 


’•‘Interpolated value. 


between Opposite sides of a rectangle. The relative 
true conductances were then plotted on the same 
figure against 17 , the true total conductance of con¬ 
ductors to sheath being represented by the summation 
of all the ordinates of this figure. The area of the figiue 
corresponding to Mie’s conductance was calculated 
and the area corresponding to the true conductance 
was measured by a planimeter. The ratio of these 
two areas is the ratio of conductances from the two 
figures, which, multiplied by Mie’s geometric factor 
for the cable, will give its true geometric factor. The 


when it is stated that the value of Gi was obtained from 
Table I, it will be understood to mean from curves 
based on Table I. 

The sources of error in the method will now be exam¬ 
ined. The main difl^culty is the fact that the flow lines 
are strictly the flow lines from Mie’s figure and not the 
flow lines from the actual conductors. The more 
closely the substituted figure coincides with the three 
actual conductors, the smaller will this error be, and 

*Gt is shown in curve form for three-conductor cables in this 
reprint only. 
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it was for this reason that it was decided to perform 
the graphical correction from Mie’s formula. Another 
error is the assumption that the conductances along 
any path are inversely proportional to the length, which 
would be true only if the flow lines were parallel. The 
flow lines, however, are quite closely parallel, and this 
error seems of negligible amount, especially since the 
method used is equivalent to the use of an infinite 
number of flow lines. 


accurate to considerably more than 0.8 per cent, since 
an inspection of the figures would indicate that Mie"s 
flow lines are probably more nearly the flow lines of the 
substituted figures of the auxiliary formula than they 
are of the actual conductors. The check of Table II, 
however, at least indicates that the error in Table I 
is probably quite small. 

Comparison with Experimental Determinations 


A certain amount of evidence in regard to the error 
of using incorrect flow lines may be obtained by the 
following method. The method described above con¬ 
sists in correcting Mie’s geometric factor to the true 
geometric factor which is unknown. We have, how¬ 
ever, two other formulas with substituted figures and 
known geometric factors, namely Russell’s formula 
No. 2 and the auxiliary formula (6). The former 
contains very large errors and will not be used. We 
may, however, apply this same graphical method to the 
calculation of the geometric factor of the auxiliary for¬ 
mula, (which was derived for this purpose) and deter¬ 
mine how closely this corrected value agrees with its 
actual geometric factor. In other words, on the dia¬ 
grams used for the calculation of the true geometric 
factor of the cable, the figures substituted for con¬ 
ductors and sheath by the auxiliary formula may be 
drawn (they are shown in Fig. 2). The lengths of flow 
lines from Mie’s figure to the sheath are compared 
with the lengths, between the two substituted figures 
of this formula, and areas proportional to the relative 
conductances are obtained as before, the ratio of which 
IS the graphical correction factor ^ansforming Mie’s 
geometric factor into the auxiliary geometric factor. 
This was done for three-conductor cables of equal belt 
and conductor insulation thicknesses for four values of 


A X X V/J.V 

Fortunately another method of obtaining the geo¬ 
metric factor is available. The geometric factor 
shown in formula (2) is exactly the same for the cal¬ 
culation of not only thermal resistance but also of 
electrical resistance or capacity, the only difference in 
the formulas being in the constants used. If, therefore, 
it should be possible to obtain any one of certain elec¬ 
trical quantities experimentally, this determination 

TABLE lu 

COMPARISON OP GEOMETRIC PAOTOR.S EOU 

_three-oonductor cables 


Ratio 
T +/ 


Calcu¬ 
lated by 
MIo*s 
form u l a 

(3) 

1.015 

1.369 

1.710 

1.978 

2.383 

2.081 

2.01G 

3.168 

3.543 


Gi graph¬ 
ically 


Prom 

Atlcin- 


corroctod son's o.x- 


from 

Mle’s 

formula 

(4) 

1.09 

1.45 

1.80 

2.07 

2.43 

2.72 

2.04 


porimen- 

tal 

values 


Prom 

Sacclutt- 

to'S C)X- 

perinu'ii- 

tal 

values 


1.78 

2.00 

2.31 

2.51 

2.74 

3.00 

3.42 


Percrunfc 
I iloviation 
of (4) 
from (3) 

(7) 

0 . 0 % 
+ 1.4 
+ 1.2 
•h 2.0 

0.0 


the ratio 


T + t 


~ 0.9 
- 0.7 
~ 1.1 
+ o.n 
0.0 


Table II shows the actual geometric factor of the 
auxiliary formula, and its value obtained by graphically 

TABLE II 

CHECK OP METHOD OP OORREOTION 
__^_3-Oonductor Gables, i/T » i.o 


T -ft 


Gi of (6) G. 

Graphical by calculated 
correction graphical by 

correction formula (6) 


1.015 

1.369 

1.978 

2.681 


0.764 

0.824 

0.880 

0.923 


0.775 

1.128 

1.741 

2.476 


0.769 

1.125 

1.748 

2.479 


Error 

+ 0 . 8 % 
+ 0.3 

- 0.4 

- 0.2 


corrMting Mie’s formula, and it wUl be seen that the 
“““ “«»• fa only 0.8 per cent wlnXs^^ 

<^ 0 .^ «rs„“7s,sr, t 


thus all the other quantities. This has been done 

rZ who 

and the sheath between three conductors 

me sneath (as well as m other connections^ nf 

uonnly spaced and surrounded by a fourth tube 

all locat^ m a tub of electrolyte. Varioili^ of 

^trorc'^nX“”®®7®’^ obtained 

f u^es, m terms of charging current for the 

former, and capacity for the latter; fromth^ ^luoT 

• vaIusoh^ Transactions A T T5I tt* ihia 
3. Saoohetto, 
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theoretically correct, the only possible error being the 
experimental errors such as the location of the elec¬ 
trodes, which undoubtedly were reduced to a minimum. 
It is therefore possible to obtain values of the geometric 
factor by calculation from the experimental data of 
these two, and some of Atkinson’s values have already 
been shown in Fig. 1. 

Table III has been drawn up comparing the various 
ei^erimental determinations of the geometric factor 
with the values obtained herein by correction from 
Mie’s formula, shown in column (4). Column (5) 
shows the geometric factor obtained from Atkinson’s 
experimental data, and column (6) that from Sacchet- 
to s. The last two points shown in this column are 
for the actual values of the ratio used by Sacchetto 
while the others were obtained by drawing a curve 
through his points and reading off the values corre¬ 
sponding to our values of the ratio. 

Column (7) shows the per cent deviation of our values 
from Atkinson’s experimental values. The check seems 
quite good, especially when compared with the errors 
in the standard formulas as shown in Fig. 1. As to 
this small residual error, it is believed that in general 

T -h t 

, where the 


formula for each number of conductors. Formula (8) 
has therefore been derived; 

^ , r n{^T + t){T -\-t) 1 

<?. = log.L-- -+lj (8) 

where n = number of conductors in the cable. 


TABLE IV 

PER OBNT DEVIATION OP FORMULA (8) PROM 
GEOMBTRIO FACTOR 


a 

2-Cpnductor 

3-Oonductor 

4-Oonductor 



P 

1.0 0.5 0.0 

1.0 0.5 0.0 

1.0 0..5 0.0 

0.3 

0.5 

1.0 

1.6 

2.0 

-8.8 -12.4 -16.2 

-4.1 - 6.9 - 9.8 

-0.9 - 2.3 - 3.3 

0.0 - 0.5 - 1.7 

+ 0.2 0.0 - 0.5 

+ 1.1 - 1.3 - 3.9 
+ 1.5 +1.2 -0.4 

- 0.9 + 1.6 + 3.3 

- 0.7 + 1.3 + 4.3 
-1.5 +1.0 +4.8 

+ 7.2 -0.3 +3.6 
+ 4.2 +3.9 +6.0 
-1.3 +1.3 +6.8 
-2.9 +0.9 +8.8 
- 3.4 + 1.5 + 7.8 


for the small values of the ratio 


d 


graphical correction is large, Atkinson’s value is un¬ 
doubtedly more nearly correct, while for the larger 
values of the ratio where the graphical correction is 
small, the new values are probably more nearly correct. 

Referring to Sacchetto’s values, it will be noted that 
the first one is quite close, while after that the values 
are low. Mie’s value of the geometric factor is defi¬ 
nitely always too small. The last five values from 
Sacchetto’s data are 3 to 5 per cent lower than Mie’s 
values and these values must therefore be definitely 
in error by at least that amount. 

Empirical Formula for Geometric Factor 

Since we have obtained the values of the geometric 
factor, it is of course immediately possible to derive 
empirical formulas which will coincide with the data 
of Table I. For three-conductor cables, the following 
formula (7) applies; 

Gi = (0.85 + 0.2/3) logj (8.3- 2.2|8) a -h i] (7) 

T 1 


Table IV shows the error of this formula based upon 
the geometric factor as derived in this article. It will 
be noted by comparison with the correction factors 
shown in Table I that in most cases the error of for¬ 
mula (8) is much less than that of even Mie’s formula, 
except for certain cases of non-belted cables. Cables 
without belts which are not in the Type H form are 
not of great practical importance, however, and it is 
believed that the simplicity and ease of application 
of this formula would make it convenient to use in cases 
where greater accuracy is not necessary. The simplic¬ 
ity is such that G\ may be readily calculated on the 
slide rule, while it is dangerous and laborious to do so 
with Mie’s or Russell’s formula No. 1, since they are 
sixth degree expressions for three-conductor cables. 
It is believed that such a formula as this will be valuable 
when properties of cables are investigated mathe¬ 
matically, where for instance, the maximum or mini¬ 
mum value of some function is desired. 

The formula is exact for single-conductor cables, 
since when % = 1 and < = 0, formula (8) reduces to; 

d H- 2 T 

Gi lpg€ j = loge (D/d) = loge (R/r) 


where 


a — 


d 


and 


Between a: = 0.3 and 2.5, this formula will give 
a value of the geometric factor agreeing to within 1,2 
per cent with the values of Table I. Throughout most 
of the range, the check is within 0.6 per cent. 

For an %-conductor cable it was thought that it 
would probably be more valuable to express a general 
formula at some sacrifice of accuracy than to obtain 
a very complicated expression or to have a different 


d 

Sector-Shaped Conductors 
The expression “sector-shaped conductor” includes 
such a large variety of shapes that it seems necessary 
to obtain an approximate value of the geometric factor. 
It has been noted that the capacity of a sector cable 
is about 10 to 15 per cent greater than that of a cable 
of the same insulation thickness and same copper cross- 
action with round conductors. Approximate results 
can therefore be obtained if the geometric factor is 
obtained by rOadmg a value from Table I on the basis 
of round conductors of the same area and the same 
insulation thickness, and then decreasing this geometric 
factor by 10 per cent. 

It was hoped that a geometric factor might be ob- 
tainedi by the graphical method used for the case of 
round conductors. It was found, however, that Mie’s 
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flow lines were so far from being the correct flow lines 
for the sector conductors that no consistent results could 
be obtained. 

Russell has given an approximate formula for three- 
conductor cables with sector conductors, which also 
applies only to the case of very small conductors with 
very thick insulation. This formula is obtained by a 
transfoiTOation of his formula No. 2, and the geometric 
factor is given in the following form; 

^ , 2R^-(c^-h¥) 

Gi = Joge- :r—n - (9) 


^3 — 

in which R = the cable radius under the lead sheath 
c = the maximum distance from the cable 
center to the conductor surface 
b = the minimum distance from the cable 
center to the conductor surface. 

It is difficult to state the exact error in formula (9), 
since our data are not definite enough for sector cables. 
Howev^er, it is quite interesting to note that although 
this formula is based on two approximations, the first 
being the approximation leading to Russell’s formula 
No. 2 which introduces a large error, and the second 
being an approximation transforming his formula No. 
2 into formula (9), these two apparently neutralize 
each other, with the result that formula (9) gives results 
for three-conductor cables with round conductors which 
are much more accurate than those obtained by 
'either of his other formulas. 

Thermal Resistance and Temperature Rise 
BETWEEN Conductors and Sheath 

Having obtained the values of the corrected geo¬ 
metric factor, it is immediately possible to calculate the 
temperature rise, Ta, of cables having from one to four 
conductors, and of course a similar process could be 
used to determine the geometric factor and temperature 
rise for cables with more conductors if desired. The 
formulas follow; 

m. , 0.00622 pG: 

Thermal resistance =--thermal ohms 


( 10 ) 


n 

per foot of cable 

(Between the %-conductors and the sheath). 
Temperature rise, conductors above sheath, 

0.00522 WpGi 

“ ~n -degrees C (11) 

where Gi is obtained from Table I or from formulas 
(7) or (8) 

. n = number of conductors per cable 
P = thermal resistivity of the insulation in watt- 
centimeter-centigrade units 
W = Pr loss in watts per foot of cable. 

0.00522 - - - 

2irX 12 X 2.64 

The thermal resistivity may of course be obtained 


by inverting formula (11), if the temperature rise of 
the conductors above the sheath is known for a given 
loss in the conductors. It is especially important to 
use the correct value of the geometric factor for the 
determination of the thermal resistivity of cables, and 
it was thought that it might be interesting to illustrate 
this by a particular case, namely the Research on the 
Heating of Buried Cables. See Appendix C. 

Current Carrying Capacity 

The allowable current for underground cables is 
usually determined from temperature considerations 
except for very low-voltage cables where voltage drop 
may be the controlling feature. In certain cases, the 
laws of economy may determine the size of conductor, 
especially if the load factor is high. In what follows, 
however, only the temperature problem will be con¬ 
sidered, but it should be borne in mind that in certain 
cases, the results should be tested for line drop and by 
Kelvin’s Law. 

The fundamental law on which the calculation of 
current carrying capacity as limited by temperature 
rise is based has been called ‘^Ohm’s Law for Heat.” 
This may be expressed as follows; Temperature dif¬ 
ference (centigrade) equals watts per foot times ther¬ 
mal resistance in thermal ohms per foot. This applies 
to a steady, continuous load, which is the only condi¬ 
tion which will be covered in this paper. 

So far the thermal resistance between the conductors 
and sheath is the only one that has been considered. 
Before giving a formula for the allowable current, we 
must determine the temperature rises, and Tc, 
between the sheath and the duct, and the duct and base 
respectively. To do this, we must solve for the thermal 
resistances corresponding to these rises. 

What may be roughly called the thermal resistance 
between the lead sheath and the duct, in other words a 
quantity which multiplied by the watts dissipated is 
equal to the temperature rise, (although it of course is 
not truly a thermal resistance) is primarily a function 
of the outside diameter of the cable and the thermal 
emissmty of the lead sheath. This thermal resistance 
may be expressed by the following formula; 

0.00411 £7 .. 

Tth - ^ thermal ohms per foot (12) 

in which E is an approximate constant which might be 
caUed the surface resistivity of the sheath, almost 
independent of Z>, and expressed in degrees centigrade 
per watt per square centimeter, and D equals the out¬ 
side diameter of the cable in Inches. It might be 
thought that the size of the duct should be included in 
the formula for this thermal resistance. If the heat 
were tr^ferred between the sheath and the duct by 
conduction, the size of the duct would enter in a marked 
degree. The transfer of heat, however, is by con¬ 
duction in part only, and mostly by radiation and 
convection. The fact that Tb is almost independent 
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the size of duct can be illustrated by saying that for 
same loss the sheath rise in a small duct is not very 
different from the sheath rise of a cable suspended in 
air. 

difficult to determine, 
in the present state of knowledge complicated 
Mathematical calculations would probably not be 
3 listified. We will let H be the thermal resistance per 
toot between the duct and the region at base tempera- 
piare or ‘'sink.” For a relatively small cylinder buried 
t:^ the earth, the thermal resistance per foot is propor- 

Xonal to p' log 4 l/D, p' being the earth^s resistivity, 
^ the outside diameter of the cable, and I the distance 
^tween the cable axis and the surface of the earth. 
This formula due to Kennelly is practically standard 
irx the calculation of the temperature rise of the sheath 
^ a cable buried directly in the ground according to 
European practise. The temperature rise between 
a. duct bank and the base is a similar problem, and an 
equivalent cylinder could be substituted for the duct. 
The ratio of the diameter of this cylinder to the depth 
helow the surface would, however, be much greater 
than for the case of a cable buried in the ground, and 
errors in the formula would be greater. In fact, such 
o. procedure is quite similar to using Russell’s formula 
the geometric factor for cables with large conduct¬ 
ors and thin insulation. However, this is probably 
the best that can be done at present, and the errors and 
variations in the thermal resistivity of the soil are much 
greater than the errors which would be introduced by 
the formula. It is for this reason that the condensed 
rather than the full form of Kennelly’s formula will be 
used. 

We will therefore offer the following formula for H: 

4cl 

H = 0.00522 X p' X loge thermal ohms 

per foot of duct (13) 

iri which p' = the thermal resistivity of the soil 

I — the distance between the earth’s surface 
and the center of the duct structure 
L = the length of one side of a square duct 
bank. 

If the duct structure is not square in cross-section, 
the geometric average of the two dimensions should be 
used for L. 

Formula (13) is merely a first approximation, and 
rxiay be used with the data of Shanklin* for the thermal 
resistivity of the soil. Its mathematical error has been 
j Investigated by calculating the temperature rise based 
ou (13) and comparing it with the temperature rise 
oa.lculated on the basis that the temperature rise of 
es-ch duct is the rise due to the heat which it dissipates 
plus the rises due to the adjacent ducts, assuming that 
th^ thermal gradient as derived from (13) is true for 
distances. It was also assumed that the duct 

Slianldin, Tbansactions of A. I. E. E., 1922, page 92. 
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structure was homogeneous with the soil in thermal 
characteristics. For ducts buried from 2 to 8 feet 
below the surface of the earth and for structures con¬ 
taining up to 16 ducts, the maximum difference between 
the two methods was only 8 per cent. This method 
incidentally also makes it possible to approximate the 
thermal gradient within the duct structure. 

Atkinson® states that H may vary between 0.6 and 
1.6 depending on the size of duct structure and upon 
the nature of the surrounding soil, and that 1.0 seems 
to be a reasonably safe average figure for conduits 
containing up to about 16 ducts. This is borne out by 
formula (13), using average values of soil resistivity. 
For practical numerical calculation, where the constants 
of the soil are unknown, 1.0 may be taken as an average 
value for H, and this has been done in the numerical 
examples in Appendix B. 

The fotoZ thermal resistance, conductors to base for 
cables in ducts is of course equal to the sum of the three 
theimal resistances, H being multiplied by the number 
of similar cables in the duct to express the thermal 
resistance in terms of the watts per foot of cahk, since 
all the cables are effective in heating the duct. The 
total thermal resistance therefore is: 


Rth = 


0.00522 p Gi 


n 


0.00411 F 

+-p- +NH 


thermal ohms per foot (14) 
If we substitute 850® for p, 1200 for E, and 1.0 for 
H, (14) reduces to the following simple form: 


Rih = 


4.444.93 

+ —+ 


n 


D 


(140 


thermal ohms per foot. 

For armored cables buned directly in the ground, the 
total thermal resistance is given by a somewhat dif¬ 
ferent expression. The thermal resistance between 
conductors and sheath is of course the same as for cables 
in ducts. Cables in the ground, however, usually have 
a protective covering of armor and jute wrappings 
around the lead sheath, whose thermal resistance is 
given by an expression similar to that for the insulation 
of a single-conductor cable. The thermal resistance 
between the outer surface of the cable and th6 re^on 
at base temperature is given by (13), using the outside 
diameter of the cable for L. If there are several cables 
buried fairly close together, there will in addition be 
an apparent increase of thermal resistance of one cable 
due to the presence of the others, and another term 
must be added represented by the summation sign,’ 
which is intended to indicate that the process must be 

6. • Atldnsoii, JouBNAL of A. I. E. E., 1920, page 831. 

6. This would apply to iuxp^regnated paper or varuished 
oambrib iusulatiou, aud 650 may be used for rubber. 

- 7. This term is derived oh the assumption that the tempera¬ 
ture gradient IS the same as that between two concentric cylin¬ 
ders of diameters 4 Z ^d P, Ian assumptibn ma tTiftmatinnlTy 
justified by formida 13 ] which ic uhdoubtedly closely true if 
the cables isire not too far apart. 
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performed for all neighboring cables, excepting the 
one under consideration, all the cables being supposed 
identical in dimensions. 

The total thermal resistance, conductors to base, for 
cables buried directly in the ground is therefore the 
following: 

r pGi D' 

Ra = 0.00522 + P" 

+ p' log.-^ + p S log. J 

thermal ohms per foot (15) 

The following symbols apply to (14), (140 and (15): 
Gi — the geometric factor from Table I, or formulas 
(7) or (8). 

p = the thermal resistivity of the insulation in 
degrees C/watt/cm.® 

p' = the thermal resistivity of the soil in degrees 
C/watt/cm.® 

p" = the thermal resistivity of protective coverings for 
armored cable in degrees C/watt/cm.® 
n — the number of conductors in each cable. 

N = the number of similar, loaded cables. 

D — the diameter over lead of the cable in inches.® 

D' = the outside diameter of an armored cable in 
inches. 

E — the surface resistivity of the sheath in degrees 
C/watt/cm.® 

fl = the thermal resistance per foot of the duct from 

(13). 

I — the distance in inches between the earth’s surface 
and the center of the cable buried in the 
ground. 

- I oi any other nearby cable. 

Xn = the distance In inches between the axis of the 
cable under consideration and that of any other 
cable. 

The total temperature rise for a given current per 
cable, there being N similar cables in the duct bank, 
(or in the ground), can be found by multiplying Rth 
by the P r loss per foot of cable, or the Ta, Tb and Tc 
rises may be determined separately by multiplying 
each of the three terms respectively of (14) by the watte. 
' The more usual problem is to find the allowable cur¬ 
rent for a given group of cables. The allowable tem¬ 
perature rise can be determined by subtracting the 
ground temperature from the allowable temperature 
of the insulation as determined by the A. I. E. E. rule 
or otherwise; if this rise is divided by the total thermal 
resistance, the allowable Pr watts per cable are ob¬ 
tained. From the known conductor resistance. It is 

8. The outside diameter of a 3-oonduotor cable with round 
conductors is of course the following; 

2) «= 2.155 (d-h 2 T)-1-2 <-f 2 X lead thickness. 

For sector cables, the outside diameter is equsd to that of a 
round conductor cable of the same makeup minus from 0.3 to 
0.4 times d, depending upon the shape of the sector. 


therefore possible to calculate the allowable current. 
The entire process may be expressed in the following 
formula giving the allowable current for 7t-conductor 
cables, there being N similar cables in the duct: 

/ = 0.281 X ( 16 ) 

M n Rth 

where I = allowable current in amperes per con¬ 
ductor. 

To = allowable temperature of the insulation 
according to A. I. E. E. Standardiza¬ 
tion Rule in degrees cent. 

To = base temperature of the ground in degrees 
cent. 

A = cross-section of conductor in circular mils, 
and Rth is obtained from (14) or (14') for underground 
cables in ducts, from (15) for cables buried directly in 
the ground, and from (10) for submarine cables, Ta 
being the only rise in that case. 

The constant in front of the radical is calculated in 
connection with the circular mils, A, so that the resist¬ 
ance is taken at 65 deg. cent, (an average operating 
value) including an increase of 2 per cent for stranding 
and 2 per cent for cabling. If the "skin” or "proxim¬ 
ity” effects are appreciable, the constant should be 
divided by the square root of the ratio of a-c. to d-c. 
resistance. If A is expressed in square millimeters, 
the constant in front of the radical becomes 12.47 and 
if it is expressed in square inches, the constant becomes 
317.0. _The constant 0.281 is actually equal to 
0.40/\/po where po is the resistivity of the copper 
in microhms per cm. cube (2.03 at 65 deg.), and from 
one point of view, the value of the resistivity at the 
operating temperate should be used. However, 
the variation of Vpo between 55 and 85 deg. cent, is 
only 5 per cent, corresponding to working pressures of 
30,000 and about 110 volte. Furthermore, it has been 
stated® that this variation is in part at least compen¬ 
sated for by changes in the surface thermal resistivity 
of the sheath. The use of a constant 0.281 at an 
average temperature thus seems allowable. 

Formula (16) is believed to present the advantage of 
applying to the general case of N cables, each of n- 
conductors, and if formula (8) is used for the geometric 
factor, the allowable current is expressed directly in 
terms of the cable dimensions. Since formula (14') 
is based on the constants used by Atkinson, and since 
the geometric factor of this paper agrees so closely with 
his geometric factor, this formula will give allowable 
currents for single-conductor, or three-conductor cables 
which will agree with those obtained by means of his 
tables®. 

Dielectric Loss 

The effect of dielectric loss may be included by assum¬ 
ing (1) that the power factor throughout the entire 
insulation is the same as that at the hottest point, and 
(2) that the loss is concentrated in the conductors and 
must flow through the entire thermal path. The second 
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assumption is of course correct for the sheath and duct 
rises. These two assumptions tend to give the maxi¬ 
mum effect of dielectric loss, especially for low loss 
cables, though in certain cases, the effect may be 
gi*oater. The aasumptions do not lead to much error, 
since the whole effect normally is relatively small. 

Since the allowable temperature of the conductor Is 
known for a given voltage, the dielectric loss can be 
calculated in watts per foot by (22) based on the power 
factor of the insulation at that temperature. The 
tempeniture rise due to dielectric loss will then equal 
the loss in watts per foot multiplied by the total 
thermal resisUincc per foot from (14), 'The effect of 
the diel(»c!t,ric loss upon c^arrying capacity is obviously 
to diminish lht‘ temperature rise allowable for the P r 
loss. Mathematically it cun Vjc ctmveniemtly included 
in the calculation by finding the temperature rise due to 
dielectric loss as explained and subtracting this rise 
from 7’(, in equation (16). 

F()r tin? (rase of single-<!ondiud;or cables, the first teim 
of formula (14), should be divided by 2 for this purpose, 
since it has been shown'* that the temperature rise 
of the comlucior above the sheaf h of a single-conductor 


tracting the temperature of the earth from the allowable 
temperature of the insulation according to the 
A. I. E. E. rule. Express the total rise symbolically 
in terms of the unknown allowable watts per foot 
loss and the known thermal resistances. In each case, 
equate the total temperature rise to the allowable rise 
and obtain two equations for the two unknown watts 
per foot loss. These two equations are easily solved 
and the allowable watts for each type will be obtained. 
Note that the total rise for one type of cable is equal to 
the Pr watts of that type times the total thermal 
resistance from (14), plus the duct rise due to the other 
type of cable which will equal N H times the watts per 
foot of cable of the other type. Both watts are of 
coume equal to n P r. r, the conductor resistance per 
foot being known, the only unknowns will be the cur¬ 
rents which may be solved from the watts. (For 
illu.stration see Example 2). The method will of course 
apply to any number of types of cable. 

The effect of dielectric loss may be included by sub¬ 
tracting the temperature rise due to dielectric loss in 
each type from the allowable temperature for that 
type. The effect of induced sheath currents may be 


cable is ludf us great for a given dielectric loss as for the 


included by multiplying the terms in equation (14) 


same loss in the conductor. 


corresponding to Tu and 7’c by the ratio of total effect- 


INDIJCED J^HEATH (lUltUEN'm 


ive resistance to conductor resistance. 


In the ease of single-conductor cables bonded at both 
ends, the heat due to the flow of induced currents in 
the Hh(;aths may have considerable effect upon the 
current-carrying capacity. Tlie additional heat is 
generated in the sheath and therefore doe.s not affect 
7 a, but does increast* the Tn and Tc rises directly. 
If the total effective resistance due to sheath currents 
be calculated by a standard formula*** and the con¬ 
ductor resistance at the desired temperature be known, 
the allowable current may be calculated conveniently 
by increasing the .second and third terms in (14) by the 
ratio of the total effective resistance to the conductor 
resistance. (See Example 4 in Appendix B). 

Dipeeuknt Types op (UabK m the Same Duct Bank 

Formula (16) refer-s specifically to the case where all 
the cables in a duct line are exactly the same. In 
practi.sc?, a duet bank often contains cables of different 
sizes and voltages, and this fonnula does not apply. 
For the case of two different types of cable in the duct 
bank, a fonnula giving the allowable current for one 
type in terms of the dimensions of the two types has 
been derived, but it is rather formidable looMng, and 
the following method may be easier of application. 
Find the allowable rise for each type of cable by sub- 

9. Sehontig, Arehio fUr Eleetrotecknik, X922, Vblum© 11, 
page 68. 

10. See: Fisher, A. L K. B., 1909, page 747. 

Clark and Shanklih, A. I. E, B., 1919, page 017. 

Capdeville, Revue Qdnfirale do l*BIeotrioiC4, 1920, 
vol. 8, page 177. 

Sacohetto, PBlettroteenlea, 1922, page 667* 


Conclusion 

Inasmuch as the values of the geometric factor 
derived herewith are checked so closely by Atkinson's 
experimental values, it is believed that it may be stated 
confidently that the geometric factor, three conductors 
against the sheath, is known to an accuracy of 1 or 2 
per cent, which seems quite sufficient since multi¬ 
conductor cables are actually not homogeneous due to 
the fillers. If it is desired to use a formula rather than 
to read the value from curves, formula (7) is by far the 
most accurate for three-conductor cables and (8) 
is fairly accurate for most practical n-conductor cables, 
up to n » 4 at least. Both are quite simple and can 
be easily calculated by slide rule. Of the older more 
standard formulas, Mie's is much the most accurate, 
especially in its condensed form, and this has been 
recognized in this country by Powelffi in his work on 
current-carrying capacity. 

The data of the present article have been expressed 
in terms of a “geometric factor." Atkinson's data are 
^ven in terms of charging current and Sacchetto's 
in terms of capacity. The data might equally well be 
given in terms of insulation resistance, dielectric loss, 
or even thermal resistance. In whatever form the data 
are given, formulas may be written with equal ease by 
which all the other quantiti^ can be determined. The 
difficulty is, however, that such formulas, while mathe¬ 
matically correct, tend to give a false physical concep¬ 
tion, such for instance as a formula for temperature rise 
in terms of charging current. The geometric factor 

Powrfl, A, I. B. B., 1916, page 1017. 
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has been introduced in order that all the formulas may 
be written directly in terms of the fundamental specific 
qualities of the insulation and a factor which is purely 
dimensional. 

The writer would like to emphasize here that no 
possible criticism is offered of Mie’s or RusselTs for¬ 
mulas, not only because both writers have carefully 
stated the limitations of their formulas, but also because 
he is an admirer and constant user of the latter's works 
in general and of this particular article of the former. 
His desire has been to show the magnitude of the errors 
which will occur if the formulas are used outside of the 
range for which they were intended, and to determine 
an alternative formula which will apply to the case 
of the more usual cables. 

Appendix A 

Geometric Factors of Three-Conductor Cables 

FOR OTHER CONNECTIONS 

In the body of this article the geometric factor three 
conductors against the sheath is the only one which 
has been considered, inasmuch as this is the only one 
of interest in connection with heat flow. When cal¬ 
culating dielectric losses and capacity, however, it is 
necessary to know the geometric factor under three- 
phase voltage, as well as under other connections, 
and while this has no direct bearing on current-carrying 
capacity, (except for the calculation of dielectric losses) 
it is so related to the geometric factor itself that this 
phase of the matter seems to have a proper place in this 
appendix. The geometric factor under three-phase 
voltage will first be discussed and then formulas will be 
given to obtain the geometric factor for the other 
connections In terms of the two geometric factors 
already obtained, all for three-conductor cables only. 

Geometric Factor UNDER Three-Phase Voltage 

The usual formula for the geometric factor under 
three-phase voltage is given by Russell in a form which 
may be expressed as follows: 

3 a" (R"- 
^2 


equal belt, belt equal to half the conductor insulation 
thickness, and no belt, as calculated by Russell's 
formula, and as obtained from Atkinson’s data. The 
three points obtained by Sacchetto within the range of 
practical cables are also shown by points surrounded 
by circles. 

Fortunately Russell's formula for the geometric 
factor under three-phase voltage gives values much 
closer to the experimental values than his formula for 
the geometric factor three conductors against the 
sheath, though the per cent error becomes fairly large 

T t 

for small values of the ratio —^— . As in the case 

of his formula for the geometric factor three conductors 
against the sheath, Russell’s curves do not pass through 
the origin, but they come much closer in this case than 
in the former. It might be mentioned that one of 
Atkinson's points seems to be in error, namely his curve 
for 14 milliamperes, and since a continuous curve could 



lOgeFa = loge 


] 


In order to simplify the constants in the formulas to 
be given, we will define the geometric factor under three¬ 
-phase voltage as (3/2) log€F 2 , symbolized as Gs. As 
in the case of Russell's formula No. 1 for the geometric 
factor three conductors against the sheath, formula 
(17) was obtained by the method of images, and it has 
not been possible to graphically correct the errors. 
This formula is theoretically correct only for the case 
of small conductors far apart, and it see ms worth while 
to investigate the magnitude of the errors for the case 
of the usual practical cables. 

Wfiile no graphical correction has been devised, it is 
possible to calculate this geometric factor also from the 
experimental work of Atkinson and Sacchetto. In 
Fig. 4 are plotted the geometric factors for cables with 


0.6 0.8 1.0 1.2 14 1.6 14 2.0 2.2 24 2.6 

RATIO--^ 

Fia. 4 —^Thb Geometric Factor of Three-Conductor 
Cables, Under 3-Phasb Voltage 

The full lines are from Atkinson’s Experimental Data. 

The broken lines are calculated by Russell’s Formula. 

The three points surrounded by circles are from Saccbotto’s Experiinon- 
tal Data. 

The dotr-dash lines are an interpolation between zero and Atkinson's 
lowest point. 

not be drawn including data from this curve, this one 
value has not been included in the curve shown. 

Since Atkinson's experimental data for the geometric 
factor between three conductors and the sheath has been 
so closely checked by the geometric method shown in 
the body of this article, and since his curves approach 
Russell's curves in the region where they should, it is 
believed that his data may safely be taken as correct 
for this geometric factor. Further evidence of 
Atkinson's correctness is that two of the three points 
obtained by Sacchetto shown in Fig. 4 fall exactly on 
his curve, the other point being not far off. Sacchet- 
to's other two points (not shown) are for values of 

T t 

^ much larger than ever found in practical cables 

and where Russell should be accurate; they do not 
seem to be as close to Russell's values as would be 
expected. 
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From Table I, Gi = 1.76 [or 1.77 by formulas (7) 
or (8) ]. Now To = 85 ~ 25 = 60 deg. cent. Assume 
Ta- 20 deg. cent. A = 211,600 circular mils, n 
= 3, and iV = 4. Therefore from formula (14'), 


„ 4.44 X 1.76 4.93 

= 3 +2 85 + 4 = 8.34 


By (16) 


thermal ohms per foot 


/ = 0.281 = 164 

> 3 X 8.34 


33,000 volts working pressures 60 t*yeU*.s, assuming a 
permittivity of 3.3 and a power factor at operating 
temperature of 0.015? 

T = 0.297inche.s,/ - O.lOO.d - 0 681,/ T - 0.37, 
(T-fO/d = 0.597. From Fig. 4, - 2 63 (or 

2.68 by formula (18) ]. Diminislung the latter by 10 
per cent, because the conductors are sector-shaped 
(?« = 2.37. By formula (22), 

Dielectric loss 


(K 000958 X (33/v'3)‘“ X 60 X .13 >: p jufj 

2 37" '. 


amperes per conductor 

Example 2. A duct bank contains four three- 
conductor cables, 1/0 A. w. g. round, insulated with 
9/32 inches plus 9/32 inches impregnated paper, 9/64 
inches lead, for 25,000 volts working pressure, and five 
two-conductor cables (round duplex) 500,000 circular 
mils round, insulated with 3/32 inches plus 3/32 inches 
impregnated paper, 9/64 inches lead, for 4000 volts 
working pressure. What are the allowable currents? 

We will call the first cables Type No. 1, and the 
latter Type No. 2. The earth temperature will be 
taken as 20 deg. cent. The following are the constant.^;, 
To being equal to 85 minus the working pressure: 


t) 43 waits per foot. 

Example 4. As a final examide, the case of a current- 
carrying problem Including dielectric lo.s.s and sheath 
Ios.s will iw! given. Find the kv-a, carrying capacity 
of a line eompo.sed of four .single-conductt>r cables (mw 
being a spare) to operate at 110,000 volts, three-phase 
with the neutral grounded, tin,! fnxjtiency being 60 
cycles. I'he conductons are 400,000 circular mils, 
insulated with 40.32 inches impregnated pa|M‘r, 5 32 
incht*s lead. The cables are arranged in the vertiee.s 
of an equilateral prism, tin; distant^* l}etW4H‘n centers 
of cables btnng 6 inches, and tlu*y aw bondt‘d at btjth 
end.s at Iea.st It will be assumed that k 3 3 and 



No. 1 

No. li 

T +# 



d 

1,51 

O.T,i 

i/T 

l.Of) 

l.UO 

Cn 

2 4» 

O.Ml 

n 

li 

2 

N 

4 

f» 

1) 

2.8U 

2.4S 

n 

00 

81 

A 

100,600 

600 000 


The thermal resistances for the two types separately 
are 9.33 and 8.79 thermal ohms per foot by (14'), 

Let Wi and Wn be the allowable watt losses per foot, 
and 1 1 and Ja the allowable currents. 

Then f 9.33 Wi + 6 Wa = 60 - 20 « 40 
I 4 -+- 8.79 Wi * 81 - 20 = 61 

Solving r WT= 0.75 

I Wi « 6.60 

But r « 3 

XWi^2Ii^ri 

the^ numerical coeflficients at the end being necessary 
to include the number of conductors in the cable, if 
r is the resistance per foot of conductor. ri and fa 
may be calculated from resistance tables and are 
0.000118 and 0.0000267 ohms per foot respectively 
at the operating temperatures, including increases of 
2 per cent for stranding and 2 per cent for cabling 
Therefore 

Zi = 46.1, and li = 352 amperes per conductor, 
E^ple 3. What is the dielectric loss in a three- 
^ 360,000 circular mils sector, insulated 

with 19/64 inches plus 7/64 inches paper, 9/64 lead for 


that the power factor of the in.Hwlati«m is 6 (Bfi at the 
operating temperatui’e. T I 25 inches,#/ 6 72H 
inches, and the outshk? diameter of the cabk*, D 3.54 
inches. 'J'he gt!om(*tric factor, log# E/r, tht*rt?fore 
equals 1.49. There are thre*#.* loadi‘d cables in tlw* duct, 
and therefore N 3, and of coursi* w 1. The al¬ 
lowable temperature will be taken as 50 deg, cent., 
and the earth temperature a.H 20. 

By formula (22), the ilielwtrie Io.s.h |.h 0 86 waU.s fgfr 
foot of cable, rememliering that for .single-comiuctor 
cables, the constant of that formula must be fiivided by 
9. The total thermal resistance for tIMeetrk lass, 
conductor to base, by (14') equals 7.7 themial ahma 
per foot, the first term in (14') b#‘ing diviiletl by 2, as 
stated In the text, for single-conductor cabk?.H. The 
temperatura rise due to dielectric loss Is therefore 
7.7 X 0.86 = 6.6degree.s. 

The additional effective resistance due to induced 
sheath currents is (by Clark and Shanklin's formula) 
equal to 0.0108 ohms per KKM) feet, figuring the lead 
resistance at 30 deg.j the conductor re.sistancfi itnelf 
calculated at 50 deg. and increased 2 per cent for strand¬ 
ing is equal to 0.0296 ohms per 1000 !^L The ratio 
of total effective resistance to conductor r^istam^ is 
therefore 1.37. 

Formula (14') may now be applied as follows; R,h 
“ 4.44 x 1.49 + 1.37 x4.93/3.64 + 1.37 X 3 
* 12.6 therms ohms per foot. Therefore from (16), 

r- 0.281 JMMMMM . 242 ' 

^ 1 X 12.6 

amperes per cable. 
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Thus the vacuum dielectric begins to leak when the electrodes 
are hot enough. It is now well known that the electric gradient 
across the space is not uniform under these conditions, and that 
a space chaise is produced. Space charge is a very common 
term now. This spaue charge is nothing but a charge soaked 
into the vacuum dielectric. The transient in establishing this 
space charge is very rapid due to the high velocity with which 
electrons move in vacuum, but it still is an absorption transient, 
such as this paper describes fo:p cables. Nevertheless the 
vacuum is homogeheoiis. 

Passinjg to the case where we actually have matter, the next 
case in the order of difficulty would be conduction through 
a gaseous dielectric. We can make a gaseous space between 
electrodes conducting by means of an ionizing agent. This 
might be a source of X-rays acting uniformly on. the gaseous 
space or ultra-violet radiation acting on the electrodes. The 
distribution of gradient and charge for this kind of conduction 
is fairly well known. I think Mie was one of the first analysts 
who worked it out, and you vill find his work described in 
J. J. Thompson’s “Conduction in Gases.” When current fiows 
across a uniformly ionized air space, the gradient again is not 
uniform, but again space charges are produced. These space 
charges may be called soaked in, or absorbed charges, if you like. 
Again the transient in establishing such charges is of very 
short duration because the ions in gases also move very rapidly, 
but the transient exists nevertheless in spite of the homogeneity 
of the gaseous space. 

In solid and liquid insulations the carriers of the current 
probably move with very slow velocity so that the time in 
establishing the stored up charges will be relatively very long. 
I do not happen to know definitely that you do, get absorbed 
charges in strictly homogeneous liquid or solid dielectrics, but 
I strongly suspect that that is the case. 

I do recall that in some respects the conductivity in some 
homogeneous dielectrics is similar to the conductivity in gases. 
For example, with the same gradient larger leakage may be 
obtained with the electrodes far apart than when close together. 
This shows that dielectrics do not have a simple ohmic resistance, 
and it seems to me that even in a homogeneous medium space 
charges or soaked-in charges may be produced, resulting tram 
the nature of conduction in the dielectric. 

D. E. Howes I The labor involved in obtaining reliable 
dielectric strength values for such a large number of conditions 
is enormous—a fact, which will be concurred in by all who are 
familiar with insulating materials. 

The results in the Hayden and Eddy paper bear put the fact, 
which the practical engineer should consider an axiom,—that 
the most satisfactory test which can be given a commercial 
machine or material is tKat which corresponds most nearly to 
the conditions under which it. is expected to be used. Short 
cuts should be carefully investigated before being adopted, as. 

wisely done by the .writers of this papers I can take no . 
exception to their experimental procedure or results obtained. 
Further, I do not intend to attempt to fully explain the reasons, 
for some of their observations. It would be, perhaps, impossible 
ajid at any rate hardly worth while. What I do wish to point 
out is that, from theoretical considerations alone, it is funda¬ 
mentally wrong to P^ect any very simpie or reliable dielectric 
strength ratio as defined by the authors of this paper, at least for 
practical msulating ^. 1 ^ 

Let us bonrow agam Maxwell’s conception (El. & Mag., Vol. 
1, page 453) of a composite dielectric, a conception which has 
proVeii so valuable and so actually real. 

.C6nti4er iwo adjacent elements or stratapf dielectric in series, 
located ^any place you please in" a composite dielectric, whose 
specific iuductance capacities, specific resistiinces are respectively 
dwoted by Xi, X 2 and p\, p 2 . 

St^su a &ect yplt^e ^"applied Jo the.pute^^ surfaic^s. ? 
It wnl divide betweeu the two dielectrics so that the potential 
gradients will be in the ratio of pi and p 2 . H, however, the volt¬ 


age is changing rapidly, either pulsating or alternating, the 
voltage gradients in medium 1 and 2 will be in the ratio of Kz/Ku 

Suppose pi/p 2 = 1, KiJKz = 2/4. Then for direct voltages 
. the gradients in the two media would be equal. For a rapidly 
changing voltage, the gradients in 1 and 2 would be in the ratio 
of 2/1 and we would expect medium J to fail prematurely, so 
that in this case the maximum value of the alternating voltage 
breakdown might be less than for direct voltage, unless of course, 
it had a much greater dielectric strength. Thus, the distribution 
of stress may be widely different, even though the. total voltage 
applied be the same. With a different stress distribution 
throughout the insulating material, we would expect the dielec¬ 
tric strength to be different. Only the most homogeneous 
material could be expected to have a dielectric strength ratio of 
imity. It would be reasonable to expect that it would not vary 
widely for a uniform grade of material subjected to a uniform 
test. For this reason, direct voltage may have a limited appli¬ 
cation where its significance, relative to alternating voltage test 
.values, has been predetermined. 

It is evident that pi and p 2 will not vary with temperature 
according to the same law. Continuing, with reference to the 
above conception and its extension by Maxwell to account for 
absorption or residual charge, it is obvious that if the rate of 
change of voltage be very slow in comparison with commercial 
frequencies the relative potential gradients in different com¬ 
ponent parts of the dielectric may be determined partly by the 
specific resistances of those components. In other words, let 
us ask this question,—^What is the rate of change of potential 
that determines whetlisr the relative gradients shall be according 
to Kz/Ki, or as pi/p 2 ? Is there a sharp dividing line? 

In view of the well known phenomenon that a condenser ex¬ 
hibiting absorption does not become fuUy charged for quite an 
appreciable time, it seems reasonable to expect that there is no 
sharp dividing line, but that both factors contribute, and the 
relative importance of each will depend upon the rate of change 
of voltage. When the rate is very slow, the specific I’esistanees 
of the component media are dominant in effect while, when the 
rate is rapid, the specific inductive capacities control. Thus, it 
is evident that the dielectric strength ratio has little meaning 
unless we specify very closely the rate of application of voltage. 

When we consider the fact that nearly all practical solid insu¬ 
lating materials are composite, and analyze how they should 
behave under different types of fields, we must realize how little 
real additional information concerning dielectric behavior this 
so-called dielectric strength ratio actually tells us. It is realized 
that, on the whole, the phenomena are not as simple as explained, 
but I believe that in general the theoretical considerations are 
very well born out by the experimental data given in the authors’ 
paper. For obvious reasons, then, I do not think that direct 
voltage should be employed for testing insulating materials 
which in service are to be subjected to alternating potentials, 
where the dielectric strength is to be determined. Direct volt¬ 
ages lower than this, however, should be useful in routine 
cable testing to indicate any gradual changes in their quality. 

I am of the opinion that we should not draw any new con¬ 
clusions as to the ultimate nature of a dielectric breakdown from 
the consideration of this paper. Aside from known effects of 
temperalmre etc. I believe insulation failure is dependent upon 
the maximum voltage attained for an appreciable length of time, 
regardless of its form* The ultimate cause of breakdown is 
doubtless, cumulative ionization, although this itself is influenced 
by numerous other factors, 

In conclusion, I wish to ejqiress the opinion that the real 
nature of the mechanism of dielectric failure wiUinot be found by 
any cpnunercial or .practical engineering tests that We may devise 
knt by indirect methods. By this I mean that we should study 
it from a purely seientiflc viewpoint to determine the location 
anji. behairior of an .electron in it. 

M. Simonst I have just come across a recently published 
article which bears so toectly upon the papers by Dr. Steinmetz 
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and Messrs. Hayden and Eddy that I thought it might be discover it for joints connected with the cable. This further 
interesting to mention it briefly, particularly one test that was complicates the situation because we might secure a dielectric 


made. I am referring to an article by Grtinewald entitled 
“The Breakdown Strength of Solid, Laminate Insulating 
Materials with Various Types of Electrical Stress,” (Archiv fur 
Elektrolechnik, 1923, Vol. XII, p. 79). Grunewald performed 
breakdown tests on insulation not only with alternating and 
continuous voltages but with various types of impulse. He did 
not show the effects of different rates of applying the voltage, or 
of different temperatures, but his work is of interest on account 
of the variety of impulses impressed on the insulation. His 
tests were mostly upon mica, and unfortrinately no testa were 
made upon impregnated paper. Grunewald includes also a 
mathematical section, and while he does not obtain a solution for 
n-layers, he obtains an equation for the voltage distribution 
across two layers of insulation as a function of time, and it is 
interesting to note that this equation (13) can be transformed to 
agree with Steihmetz’s equation (18). 

Before proceeding to describe what I believe is the most 
interesting test made by Grtnewald, I woidd like to ask if any 
breakdown tests have been made upon a dielectric which already 
contains residual charges. We might consider the case of a 
dielectric which has widely different breakdowns for slowly 
applied and rapidly applied voltages. Dr. Steinmetz has very 
clearly explained that the difference in breakdown strength is 
due to the fact that for the rapidly applied voltage the voltage 
distribution is determined by the relative permittivities of the 
layers, while for the slowly applied voltage the resistivity is the 
determining factor. My particular thought is what would 
happen if a continuous voltage close to but below the breakdown 
voltage was impressed on this dielectric xmtil the residual charges 
had completely soaked in, and a rapidly applied voltage was 
then impressed on the dielectric. It seems to me that in this 
case the voltage distribution would be determined by the internal 
charges and would be according to resistivity, and the ratio of 
d-c. to a-e. breakdown would be reduced to or toward unity. 

Griinewald did not perform this test, but he did the opposite. 
That is, he performed breakdown teats on condensers which 
had previously been charged in a direction opposite to the final 
test voltage, and he found that this had a very great effect in 
lowering the breakdown strength. As far as I can determine he 
broke down the previously charged condensers with single 
steep-front impulses only, and found that in general for this 
type of surge, the breakdown value was about halved if the con¬ 
denser was previously charged in the opposite direction. 

It seems that' breakdown tests on dielectrics which have 
previously been charged in either direction may throw additional 
light on the fundamentals of the behavior of solid dielectrics. 

Herman Halperint In his opening remarks. Dr. Steinmotz 
made some comments about the relative slow progress that has 
been made in the art of insulation. I thmk these papers are a 
definite step in the progress that seems to be needed. The first 
two papers deal with stresses and the last with heat conduction 
through complicated structures of conductors and insulations 
such as multi-conductor cables. 

In Dr. Steinmetz’ paper, he refers to the decrease in the 
internal transient current and gives an example winch indicates 
a ratio of about 20 to 1. In some tests made in Chicago on long 
underground lines, we find that the final current was as smsU 
as 1/150th or l/200th of its initial value. If we tried to find the 
equation for this decrease of current against time by using an 
equation with one transient, we would obtain a curve which 
would hold only tor the data taken for oneminute or so; and it 
was during the first minute of the test that the decrease in our- 
rent was very rapid. Perhaps it would be necessary to use 
another transient term, as Dr. Steinmetz points but, in order to , 
equate the entire curve. ^ ^ 

In connection with the d-c. a-c. ratio, after we do find, just what 
is exactly the ratio for one kind of electrical appairatus, for; 
instance, underground cable, it would stiU seCni necessary to 


strength ratio of 1.78 for one cable and probably something 
different for the joints; and in making a test the whole line has 
to be subjected to the voltage at one time. 

In Mr. Simons’ paper, he has, I think, done a great deal in 
showing how accurately the thermal resistivity of a complicated 
arrangement of conductors and insulation can be determined. 
In the appendix, he shows that his more correct method would 
indicate an error of about 20 per cent in some results which were 
published by a research committee in England; so these accurate 
methods greatly help correlate the various researches. 

Mr. Simons deals mostly with the determination of the geo¬ 
metric factor. But, of course, for the installed cable in this 
country, there are other very important factors in heat dissipa¬ 
tion such as H, the thermal resistance of the earth per foot of 
duct, and the resistance of duct structure itself. While there 
may be variations for the thermal resistivity of insulations of 
as much as about 50 per cent, the heat dissipating ability of the 
duct structure and surrounding soil may vary several himdred 
per cent. A large percentage of the total drop from copper to 
the base soil temperature is through the soil and duct structure 
and there is a great deal of work to be done in this field. 

H. B. Dwltihtt. Mr. Simons has made a distinct advance in 
the calculation of the geometric factor of multi-conductor cables 
and has produced by his graphical method more accurate results 



than were available before. The publication of this grapWcal 
method, however, brings up at once the question whether a direct 
accurate mathematical calculation cannot be made. This 
would be especially desirable in the present case, for the graphical 
method, besides having the errors of measurement inherent in 
any graphical method, has the theoretical approximation in that 
the fiow lines are not those pertaining to true circles, a fact which 
is pointed out in the paper. 

A graphical method was justified because the formulas which 
had been published for multi-conductor cables were all approxi¬ 
mate, since they assumed that the electric charge, on each con¬ 
ductor was equivalent to a charge concentrated at a point of lie 
section of the cable. This, however, gives rise to equipdtential 
surfaces which are not circular, and so cannot coincide with the 

surfaces of the roimd wires or cables. 

It appears that practically all formulas for capacitance have, 
been based on charges concentrated at points, or uniformly 
distributed along lines or Over surfaces.. This is true, at any 
rate, of the published formulas for multi-condiictor cables. 
Claric Maxwell states in Chapter 7 of his book on Electricity 
and Magnetism published in 1873 that every electrical problem 
of which we know the solution has been constructed by the in¬ 
verse process of finding the shape of the conductors from the 
potential due to assumed charges of electricity. He also states 
that the only method by which one can expect to solve a new 
proM®!^ i® hy reducing it to one of the cases in which a similar 
problem has been constructed by the inverse proceM. Maxwell’s 
statement has been quoted in fairly recent articles, and the 
w:hich he gives that the inverse process must always 
be used and that one cannot start with an assumed shape of 
conductor seems to hold in the most recent calculations of 
capacitance. A general method which would correctly use 
the direct process of starting with given shapes of conductors 
Would therefore be very useful. 
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I "wish to present an accurate method using the direct process 
of calculation of capacitance and geometric factor of multi¬ 
conductor cables. This method consists in first assuming a 
uniform charge on the sm’faces of the round conductors and 
their images. Prom this the resulting charge at any point of the 
conductors can be calculated. This may be called the first 
additional charge, and it is in the form of a Fourier series, that 
is, a series involving cos A, cos 2 A, cos 3 A, etc. The cosines 
often disappear when integrated around the circle. The second 
additional charge can now be calculated, resulting from the first 
additional charge, and so on, until the terms become small. 

This method has been used to determine the capacitance of a 
single-phase overhead line, and the result for a given example 
agreed with the result by the standard hyperbolic cosine formula 
to six significant figures. The formula for a two-conductor cable 
is given herewith. That for a three-conductor cable is longer. 

Capacitance of two-conductor cable 
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For Cn and Ra use the same formula as for Bn and G'a except 
change A to R and F to 6. 

For D» and jft change R to C and G to etc. 

Rft “ Aft *!■ Rft On “j-, , , 

Fn "1“ On + jffft -j- . . . 

It is to be noted that the terms involve only the 
of the cable. The terms can be calculated with a slide rule. 
As there is a considerable number of these terms, the method 
cannot be said to be a short one. 

The fo^ula for a two-conduoto? cable hais been used tO check 
one of the values of geometric factor in Mr. Simons’ paper within 


T +1 

less one per cent. For tjT ^ 1 and ^ = 1 the form¬ 

ula gives 1.730 to compare with 1.718 given by the graphical 
method. 

R. Notvest* In connection with the Hayden-Eddy paper, 
it was very interesting to note the behavior of composite di¬ 
electrics under l^igb direct as weU as alternating-current potential 
stresses. The authors investigated practically all important 
commerical insulation materials from mica, oil, glass to paper 
and I regret that they have not extended the scope of their 
investigations upon slate, for slate, a composite dielectric of 
great commercial importance, is the classical example of the 
variation of the dielectric strength ratio of a given material 
between direct and alternating-current potentials. Slate has 
a rather insulation value for direct current, but may show 
considerable leakage under alternating current of such low po¬ 
tentials as from 1500 volts up. 

I have made a number of tests which plainly showed that 
as far as slate is concerned, leakage under high a-c. potentials 
cannot be ascribed to ionization of the dielectric, but is distinctly 
an impedance or condenser effect. This is due to the fact that 
slate contains among other ingredients also around 4 per cent of 
metallic oxides such as ferric and ferrous oxide as well as pyrites 
which to all practical purposes are distributed uniformly in 
almost molecular form throughout the otherwise electrically 
inert substances. Each such particle of metallic oxide is 
capable of assuming a definite capacity charge under alternating 
potentials and is interconnected with the others through an 
ohmic resistance of relatively high value, the 0.2 to 0,5 per cent 
of carbonaceous matter which slate contains. Impodanco 
leakages actually measured on a number of various samples 
which were afterwards chemically analyzed, showed that 
variations of the metaUic oxide content, that is, the capacity 
effect or the ohmic resistance, that is, the content of curbonacoous 
substances in graphitic form, corresponded very closely to 
estimated results based on Dr. Steinmetz formulas of a condition 
of a circuit having capacities and ohmic resistances in series. 
I am convinced that additional research on slate would 
produce valuable data and would give an insight of the stress 
distribution in composite dielectrics and the very pertinent 
problem of insulation in general. 

Mr. Dayisi Mr. Simons’ paper and the formulas contained 
therein will undoubtedly be of inestimable value to engineers 
in calculating current capacities. His errors of twenty per cent 
of the approximate formula (I think he said twenty) and the 
errors published in the Jouenal of the Institute of Electrical 
Engineers can hardly be considered serious when wo think of the 
possible errors we have in the thermal resistance of this material. 

I merely wanted to call attention to the fact that thermal 
resistivity as published by the Institute showed variations of 
approximately from 360 to 1250 watts per centimeter cul)o, per 
degree centigrade. Tests that we have made but not comideted 
showed variations running from 300 watts per centimeter cube 
per degree centigrade to 1800. In other words, we have a 
variation there of about six hundred per cent. Now, the 
application of any of these formulas for calculation «jf tem¬ 
perature rises depends absolutely upon the use of some of those 
constants which really have wide variance. Consequently it 
gives an error of twenty per cent. That is small wlion the 
amount of thermal resistance varied about six hundred per cent. 

C. P. Haneoni Referring to Table I of the paper by Hayden 
and Eddy l^e data given for impregnated cable paper are very 
interesting, particularly the data given for a rate of voltage 
rise of 6 per cent per second. The dielectric strength ratio of 
one paper at 2fi deg. cent, is 1.343 when the rate of voltage rise 
is 6 per cent per Second whereas the ratio of one paper at the 
same temperature is 2.470 when the rate of voltage rise is 
20 per dent per second. One ratio is twice the other. This 
difference indicates that a cable of good dielectric qualities 
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Consider the influence of thickness on the ratio. Take dry 
cable paper, four layers, 20 per cent per second voltage rise, the 
ratio is 1.790 and for 32 layers 1.085, a drop of 39.4 per cent in 
terms of 1.790 for a change in wall thickness from 0.8 mm. 
(31.4 mils) 6.4 mm. (252 mils). As we test thicknesses greater 
than 6.4 mm. (2.52 mils) it appears we may get ratios less than 
one for the greater thicknesses and again 1.773 is unfair. 

Referring to the rate of voltage rise, we note that a rate of 
increase of 0.1 per cent per second gives the lowest values for the 
dielectric strength ratio. This rate is equivalent to taking 16.7 
minutes to bring the voltage up to cause breakdown. This is a 
slow rise and is almost comparable to a constant voltage test. 


result. If a lower value of voltage had been used, possible 
sources of weakness would have been found, and yet the in¬ 
sulation have, a high factor of safety. 

I am a believer, in direct voltage testing of insulation and 
look forward ^ to the time when manufacturers and users of 
insulating materials will consider it as the routine method of 
teat. However, today. this method of test is purely in the 
formative stage and all the above questions should be seriously 
considered before we attempt to establish standards for the 
testing of insulation with direct voltages. 

W. N. Eddy* Mr. Hanson brings out two points on which 
we would like to comment. He thinks. tha>t the increase of ratio 


Some of the values of the ratio for dry cable paper are slightly 
above but the average of all values shown give a value below 1. 

When we study the results obtained for impregnated cable 
paper we find values of ratio above and below 1.773 not con¬ 
sistent, the range being from 2.775 to 1.238. In view of the 
wide range in value of ratio it doesn’t seem possible we have a 
right to average all values and take this average as representing 
the ratio for impregnated cable paper because it is the average 
of several variables for which the ratio itself is quite a variable. 

Tables II and III also show that the ratio is different for each 
kind of insulation and departs considerably from 1.773. 

As the paper shows that in the data reported the ratio of 
direct voltage breakdown to maximum v^ue of alternating 
voitage breakdown is different for each kind of insulation, we 
should not establish a general value of direct voltage in terms of 
alternating voltage for insulation testing but give a value of 
each type of insulation. 

Aside from considering that in some cases much heater value 
of direct voltage than alternating voltage is necessary to cause 
breakdown on constantly rising voltage, let us consider the effect 
of the long time application of the high direct voltage on the 
possibility of weakening the insulation. 

Referring to the Pig. 2, A B C D B is one cycle of an alter¬ 
nating voltage sine wave. Let us assume that the insulation is 
imder effective electric stress, for one fortieth of the time each 
side of the maximum, that is we will consider the insulation as being 
stressed for test purposes as soon as the voltage reaches the 
instantaneous value corresponding to 99.7 per cent of the 
maximum value and lasts until the voltage again reaches t.bia 
value when decreasing. This is shown by the curve h Be. The 
line FBG represents a direct voltage equal to the mfl-viTmiTr. 
value of alternating voltage. , The line H JE represents a direct 
voltage 1.773 times as great as the mammum value of direct 
voltage. The area abed represents the product of alternating 
voltage and time of application and may be taken as a measure 
of the stress under alternating voltage. Likewise the areas 
A FGC and A HKC represent the product of direct voltage and 
time of application for the respective voltages. 

These areas are a measure of the relative stresses which the 
insulation is subject to. Although we cannot say, two equal 
areas, one having twice the voltage of the other, give the same 
effective stress, still bn a time basis for the sake of discussion 
we cajU say: the net effect is the same. Takmg this viewpoint 
and calling tiie area, a he d unity, then the area AFGC is 12.73 
and the area A HKC h 22 . 6 . This means the voltage 
stre® is 12.73 times greater for a direct voltage equal to the 
maximum value of alternating voltage and 22.6 times as great 
for a direct voltage 1.773 times the naaximum value of alter- 
.Referring to the results which have been 
obtained Isy Messrs. Hayden and Eddy this may be a serious 
problem for some kinds of insulation and result in weakening 
of the msulatibn. ® 

^^np^er soii^e of possible weakening of the insulation is the 
W® resulting from the high direct voltage 

Vbl%e^smot^^ eat^irn''*’ the maximum value of alternating 

equivalent to^ the direct voltage will be sufficiently great to 
damage the insulation, yet not cause it tf break¬ 
down and the usefulness of the insulation greatly dowered as a 


caused in one case by increased rate of voltage application, 
indicates that a cable of good dielectric qualities might be 
damaged by the application of direct voltage at too slow a rate. 
We feel that such a change of the ratio rather indicates that the 
ratio of an insulation should not be specified without including 
the rate of voltage application. In fact, one of the principal 
points we tried to bring out in the paper was that a d-c.—^a-c. 
ratio is meaningless unless accompanied by such factors as the 
rate of voltage application, the temperature, the type and shape 
of the insulation, etc. 

He also attempts to draw definite conclusions from a com¬ 
parison of two breakdown voltages and two ratios. In view 
of the well known difficulty of obtaining consistent breakdown 
data on insulation, we believe that such a practise should be 
avoided, and that in analyzing a collection of breakdown tests, 
the various values should be considered together, weighed 
against each other, and only general tendencies noted. 

D. M. Simons: I am particularly gratified if I have been 
in any way instrumental in inducing Mr. Dwight to develop 
his formulas for the geometric factors of multi-conductor cables. 
When his formula for the geometric factor of three-conductor 
cables is available, this phase of cable engineering will apparently 
have received its final answer. 

Several very interesting papers on the subject of the carrying 
capacity of cables have been published abroad at about the 
same time as the present paper. The Second Report on the 
Research on the Heating of Buried Cables^ is an exceedingly 
important contribution to our knowledge of most phases of this 
subject. It is noted incidentally that the errors in the cal¬ 
culation of thermal resistivities in the first Report mentioned in 
Appendix G have been corrected. It is also very interesting to 
see that the geometric relationships of three-conductor cables 
were investigated both experimentally and by a graphical method. 
The graphical method, which is entirely different from the present 
one, checks my values about as closely as can be determined 
from the large scale graph on which the English data is plotted. 

Another interesting contribution is “The Heating of Paper- 
Insulated Power Cables” by Sacchetto^. I believe that there 
should be some word to express the form factor or geometric 
modulus to take care of the dimensions of the cable in numerical 
oaloulations. I have suggested the term “geometric factor” for 
this purpose. I was not entirely sure that this was the best 
term, although it seemed sufficiently appropriate and was 
certainly more concise than some expressions that have been 
used, such as “number equal to the capacity if the S. I. C, 
were unity,” etc. Sacchetto confirms my choice by calling a 
similar term a, fattore geometrieo. His geometric factor is 2/n 
^es the writer’s. Sacchetto also mentions the fact that 
Picou coUed a corresponding factor in cable formulas the 
faeteur geomeiriqiie. 

1 am very glad that Mr. Halperin has emphasized the pos- 
sibffity of errors due to the duct rise in calculating the allowable 
current. There is undoubtedly a great deal to be done on this 
section of the th^mai pa,th before we can accurately calculate in 
advance the teinperature rise of eables. 

1. Perml^ble^Ourreiit Loading of Brittsli Standard Impregnated 
Paper-Insulated Electric Cables, Second Report on tbe Research on the 

of Electrical Engl- 

2. I’Elettrotecnica, 1923. p. 181. 

3. Revue G6nerale de rElectrlcltS, 1917, vqI. i. p. 410. 
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Review of the Subject.—The new power station of The Edison 
Electric Illuminating Company of Boston, now under construction 
on the. Weymouth Fore River is expected to have an ultimate capacity 
of about 800,000 kw. The present construction covers the installa¬ 
tion of two 32,000 kw. generating units with three 1974-h. p. 
boilers, operating at 875 lb. steam pressure and 700 deg.fahr. In 
addition, a single boiler to carry steam at pressures up to 1200 lb. 
is to be installed. This boUer will have about the same heating 
surface as the normal pressure boilers. The steam generated by it 
wUl pass through a pressure reducing turbine developing about 
2000 kw., and will be exhausted at 875 lb. pressure. After being 
reheated to the original temperature of 700 deg. the steam will be 
piped to the main header and used in the large turbines. If satis¬ 
factory results are obtained from the higher-pressure boiler- 
turbine units more of them will be installed. Three will be re¬ 
quired to furnish sufficient steam to operate one of the 82,000-kw. 
units. 

The maximum steam temperature was fixed at 700 deg. in con¬ 
sideration of the properties of materials at the higher temperatures. 
While the theoretical gain from higher pressure increases up to the 
maximum for which any data are available, the full benefit of the 
thermodynamic possibilities are not at present obtainable in practise 
without rehealing the steam at some point intermediate between the 
throttle and the condenser. Withovl reheating, the most advanta¬ 
geous steam pressure, both practically and economically considered, 
seems to be about 875 lb. gage. With reheating, it appears that 
about 12001b. is a practicable initial pressure, and that 875 lb. 
is an entirely satisfactory pressure at which to reheal. .Accordingly 
a combination of these two pressures with intermediale reheating 
has been adopted; the higher pressure with a view to developing its 
possibilities, the lower pressure with the feeling that it represents 
the best practise in the single expansion cycle and thai operation 
solely at that pressure will give highly economical results. The 
character of the future development of the plant wll deper^ upon the 
relative performance of the two classes of equipment. 

Feed water is to be healed by two-stage bleeding of the main 
units and by economizers. All normally running auxiliary equip¬ 
ment is to be driven by alternatmg-current motors. Power for 
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driving the essential auxiliaries is to be supplied from a 2S00-voU 
alternator of 2500 kv-a. capacity connected directly to each 80,000- 
kw. main generator shaft, and thus driven by the main turbine, 
which will have sufficient capacity for driving both generators at 
full load. This arrangement is expected to give a combination of 
greater economy and security than any heretofore used. 

The switch house wUl be a separate structure, four stories and 
basement. The upper floor will carry the switchboard and the 
switch operating mechanism. The three lower stories will house 
the bus structures, oil circuit breakers and reactors, each phase being 
isolated to a single floor. The basement will serve as a cable vault 
and all incoming and outgoing circuits wiU pass through it. There 
will be two main ring busses and a transfer bus. The ring busses 
wUl be divided into sections, each section fed by two generators and 
with current-limiting reactors between sections. All circuits will 
be connected to the busses through two oil circuit breakers in 
series. 

No prediction is made of the expected operating performance of 
the station, but it is calculated that under ideal conditions, acting 
solely as a 875-lb. 'single-expansion nonreheating plant, it could 
produce a net kw-hr. for 15,100 B. t. u. in the fuel and as a 1200 lb. 
compound reheating plant, it could produce a net kw-hr. for 18,600 
B.t.u. These figures show the advance in heat economy that modern 
developments in steam engineering have made possible and the 
advantage which the very high-pressure reheat cycle possesses over the 
more conventional design. The actual plant performance will 
depend among other things upon the character of the load which it 
is found possible to put on Weymouth -Station and the relative 
proportion of high and normal pressure equipment that may be 
operated. 
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I N common with many of the other public service 
companies serving our larger communities. The 
Edison Electric Illuminating Company of Boston 
has found its existing power stations and sites 
developed to their economical limits. Faced with a 
rapidly growing demand for service and with a broad 
vision into the future, it is constructing, on an 
entirely new site, the initial development of a station 
expected to have an ultimate capacity of approximately 
300,000 kw. 

The scope of this paper is limited to a brief descrip¬ 
tion of this statiejn and its equipment, with an inters 
spersed discussion df such engineering features as are 
thoiight to be c)f more tmietyintoresty ^ ^ ^ r 

Presented at the Annual ConoerUion of the A. I. E. E., 
Swampscott, Mass.,. June 26-09 1 1928. 


General Features 

The selected site on the Fore River in Weymouth 
contains about 63 acres. It is on deep water, readily 
accessible by large ocean going coal carriers, and has 
all other advantages necessary to give entire freedom 
in the design of a large modem station. 

Fig. 1 shows the general cross-seCtion of the station. 
The turbine ropip is to be located adjacent to the water 
front so that the condensing water tunnels will be direct 
and short. These tunnels are designed to give the same 
ease of flow as though they were to serve hydraulic 
turbines. The boiler room adjoins the turbine room 
on the land side and between the latter and the 
isolated building for the bus^ and electrical control. 
\ The initial m^^^^ will consist 

of two 32,000-kw. turbines each driving amain 30,000- 
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kw. generator and a 2000-kw. auxiliary generator bridge is to carry a man trolley with bucket for re- 
direct-connected to the shaft of the main generator, claiming from the storage pile. A Bradford breaker 
These units will be supplied with steam at a nominal will be used for crushing the coal on its way to the 
pressure of 376 lb. and a total temperature of 700 deg. station. 

fahr. There will also be one 2600-kw. high back pres- Current will be generated at 14,000 volts, three 
sure turbo-generator taking steam up to 1200 lb. phase, 60 cycles. It will be distributed from the sta- 
pressure and exhausting into the 375-lb. system. All tion through underground circuits partly at generator 
station auxiliaries are to be driven by altemating-cur- voltage and partly at 25,000 volts through an adjacent 
rent motors. outdoor transformer substation. Future transmission 

The boiler installation will include three boilers each fey overhead lines at 116,000 volts will also be provided 
containing 19,743 sq. ft. of heating surface, with addi- for. The bus and switching arrangement is described 
tional superheater and economizer surface, designed for later in this paper. 

375-lb. working pressure. There will also be one « « 

boiler, of approximately the same heating surface. Selection op Steam Conditions 

which will be designed to operate at a maximum of The important bearing which the operating steam 



1200 lb. It will likewise be provided with a super¬ 
heater and an economizer, and also a steam reheater 
to restore the temperature of the exhaust steam from- 
the high back pressure turbine to 700 deg. before it 
p^ses into the 376-lb. system. All boilers will be fired 
wdth underfeed Stokers. 

The coal handling equipment will consist of two 
electric unloading towers, a traveling bridge spanning 
ttie storage pile, and a system of belt conveyors for 
feafisporting the coal to or from the main storage or 
dir^tly from the unloading towers to the station 
bunkers. The conveyor for delivering the coal to the 
station will be about 700 ft. , in length. The traveling 


pressure and temperature have upon the possible 
maximum fuel economy of a station naturally called 
for an extended study of these features before reaching 
a decision in regard to them. When suitable econo¬ 
mizers are employed the influence of steam pressure 
and temperature upon the efficiency of steam generation 
is negligible, but the influence of these factors upon the 
efficiency with which the heat in the steam can be 
utilized is in any case of definite importance. 

The selection of the temperature at which the steam 
should be supplied to the turbine is almost entirely a 
problem of materials, as the beneficial effect of super¬ 
heat, although largely indirect, continues in worth- 
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easier these become. For the particular situation 
under discussion, it was desirable to have the lower 
pressure portion of the plant able to function as a com¬ 
plete and highly economical station, so that the same 
considerations which control the selection of an initial 
pressure for the single expansion cycle were allowed to 
govern the choice of a reheat pressure in this case. 
Although it appears from Curve 5 of Fig. 2, that about 
600 lb. is the most efficient pressure for a single expan¬ 
sion unit, cost influences make a somewhat lower 
pressure more economical to use. For We 3 nnouth 
Station the pressure selected is 375 lb. 



Fig. 2—Effect op Steam Pbessttrb on Turbine Thermal 

Efficiency 

High Pressure Installation 

The high-pressure boilers will normally deliver 
steam at approximately 1000 lb. pressure and 700 deg. 
total temperature, corre^onding to about 153 deg. of 
superheat. The entire steam output of each boiler, 
which under the usual operating conditions will be about 
110,000 lb. pCT hour, will pass through a simple three- 
stage turbo-generator where it will be expanded down 
to a pressure of 3751b. The steam will then be re- 
heated to ^700 deg. in a reheater installed in the same 
boiler setting^ and finally be discharged into the 350-lb. 
header serving the main turbines. It may be noted 
from the quantify of steam passing through each of the 
liigh-^ressure turbines that three such boiler-turbine 
imits mil be required to supply one of the main 32,000- 
1^. turbines at the higher loads. Operating under 
the conditions outlined each of the high-pres^e tur¬ 


bines will generate about 2000 kw. Thus, a total of 
6000 kw. will be generated in reducing the pressure 
of the steam required by one of the main units. 

The high-pressure boilers will have tubes 2 inches 
outside diameter and 15 feet long. The tubes will be 
arranged in two banks with sufficient space between 
for the superheater and reheater. The drum will be a 
hollow steel forging 48 inches inside diameter with 
walls 4 inches thick. In order to maintain suitable 
drum strength the tubes and nipples, which commonly 
enter the drum in lines parallel with its axis are turned 
in pairs through an angle of 90 deg. so that the two enter 
the drum on a common circumference. Fig. 3 shows 
a cro^section of this boiler. 

The generator of the pressure reducing units rated 
at 3000 kv-a. is to be of the induction type, if a suitable 
design can be worked out. This would avoid the 
necessity of separate excitation and careful synchroniz¬ 
ing when being placed in service. 

Tho-e are many new problems involved in the design, 
construction and operation of this high-pressure and 
reheating installation, but their nature is such that 
their solution may be confidently expected. It is 
recognized, however, that a considerable amount of 
development work will have to be done. It has there¬ 
fore been decided to employ proven types of equipment 
for the larger part of the initial installation, confi¬ 
ning the use of equipment which is as yet lacking 
commercial demonstration to a comparatively small 
supplemental installation of one high-pressure boiler 
with its turbine unit. This installation will afford an 
opporfnnity to demonstrate the general practicability 
of using very high-pressure steam in a re-heat cycle. 

The ratio of high-pressure equipment and normal 
pressure equipment to be installed in the future will 
depend upon the results obtained from this initial 
installation and upon the experiences of others who are 
working along similar lines, or who are employing other 
methods for the utilization of high-pressure steam and 
the re-heat cycle. 

Any estimate of the improvement in heat utilization 
to be expected from the use of very high steam pressure, 
is necessarily based on assumed properties of steam 
obtained by extrapolation of existing steam tables and 
diagrams, which may be subject to some correction. 
The calculated savings are so large, however, that it is 
felt that any probable error in these assumptions as to 
the properties of steam will have a relatively unimpor¬ 
tant bearing. 

Boiler Plant and Feed Water Heating 

The normal pressure boilers, which are to deliver 
steam at 375 lb. and a final temperature of 700 deg. will 
be of the cross drum design, 48 tubes wide and 17 tubes 
high, with the superheaters between the tube banks. 
The exit gases wifi be further cooled by straight steel 
tube economizers which, with the induced draft fans, 
will be located above the boilers. The furnace arrange- 
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ment provides for firing from the low end of the boilers. 
The stokers are to be of the underfeed type, with clinker 
grinders, there being 16 retorts per boiler. The boilCTS 
will be set with the bottom of the uptake headers 25 
feet above the firing floor. They will be arranged in 
parallel rows with the uptake ends facing a common 
center aisle from which all firing operations will be 
contoolled. The stokers, which will thus be in the side 
aisles, will be supplied with coal from overhead longi¬ 
tudinal bunkers. This general arrangement of the 
boiler room is the same as that of the newer portion of 
the Edison Company’s “L Street” Station, where it 
has proved highly satisfactory. It provides well 
lighted, clean and cool working quarters for boiler 
room operators and locates the stokers where abundant 
side light and ventilation are readily obtainable. 

Except for the necessary modification in details, the 
boiler designed for operation at 1000 lb. pressure, and 
previously described, will be installed in accordance 
with the same general plan employed for the lower 
pressure boilers. The stoker and furnace installation 
will be practically the same and no attempt is to be 
made to isolate this installation. 

Make-up water is to be provided by evaporators 
and the entire supply will be deaerated. 

Economizers with a heating surface equivalent to 
about 55 per cent of the boiler surface were chosen. 
This sdection was preceded by a study of the following 
influential factors: 

1. The temperature at which the feed wato* should 
leave the bleeder heaters and enter the economizers. 

2i The most advantageous division of the total 
heating surface between the boiler and the economizer. 

The capacity of the feed water to absorb heat is 
theoretically limited by the range between two fixed 
temperatures,—^that of the condensate and that of the 
saturated steam in the boiler. The practicable range of 
heating is, of course, somewhat narrower. The heat 
consumption of the main turbine, when credited with 
all heat returned to the S 3 ^tem, is unquestionably the 
lowest when all of the heating is done by extracted 
steam. On the other hand, the efficiency of the boiler 
plant is highest when all of the heating is done in the 
economizer. The best over-all plant efficiency must 
therefore lie in some compromise between these 
opposing considerations. The calculations made for 
the Weymouth Station indicated that the most ad¬ 
vantageous temperature to change the method of 
heating was between 210 deg. and 220 deg. fahr. 
Practically considered this is a most desirable tempera¬ 
ture, also, for it avoids the use of superheated ste^ 
in the extraction heaters, diminishes the possibility 
of external corrosion of economizers and permits ade¬ 
quate deaeration of the feed water. 

Considering the boiler and economizer in common,it 
is e\ddent that for heating the water though a given 
total temperature range, and with a given^ outlet gas 
temperature, there will be less total heating surface 
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required as the proportion arranged as counterflow 
economizer surface is increased. The relative cost of 
the two kinds of surface, however, exerts an opposing 
influence and necessitates a compromise. As to the 
boiler, its width is largely determined by the number 
of stoker retorts, required, so its heating surface varies 
with its height. For the Weymouth Station the various 
considerations indicated that a boiler 17 tubes high and 
with 55 per cent additional economizer surface would 
provide the most, satisfactory proportion, and that the 
resulting economy would justify the instilation of this 
total amount , of surface. 

Decision to Are the boilers with stokers was reached 
only after a very careful study of the relative merits of 
using pulverized coal. The conditions surrounding this 
problem for the Weymouth Station were such that the 
probable savings in fuel through the use of powdered 
coal represented a relatively low percentage of the 
total fuel cost. This estimated saving was further 
reduced by the additional carrying charges to a margin 
which was too n^ow to clearly call for the use of 
the powdered coal system. It was accordingly decided 
to adhere to the present practise of the Edison Company 
and employ stokers, at least for the initial boiler 
installation. 

Auxiliary Drive 

All of the normally operating station auxiliaries are 
to be electrically driven, using alternating-current 
motors throughout. Motors of 25 h. p. and less will, 
in general, be served at 650 volts, and those of greater 
capacity at 2300 volts. Any necessary speed regula¬ 
tion is to be obtained through the use of brush shifting 
and slip-ring motors. 


steam driven exciter are to be installed for emergency 
excitation and for battery charging. A storage battery 
will float on the exciter bus. The 2300-volt auxiliary 
generators will have direct-connected exciters but in an 
emergency may be excited from the 250-volt busses. 

The auxiliary generators, being driven by the main 
turbines, will produce electrical energy with the highest 
obtainable economy, practically equal to that of the 
main units themselves. It is therefore expected that 
the use of this system will permit the attainment of 
higher plant efficiency with greater security, than would 
be possible with any other method of auxiliary power 
supply which presented itself. 

The complete avoidance of auxiliary exhaust steam 
permits the preliminary heating of the feed water to be 
accomplished entirely by multi-stage bleeding of the 
main turbine. It is well recognized that this method 
of heating results in greater efficiency than by the use 
of exhaust steam from individual auxiliary turbines, 
“house turbines,” or any combination of them. In 
most other possible arrangements for heating the feed 
water entirely by bleeding the main units the supply 
of auxiliary power must be taken from the bus and 
thus be subject to the effects of external electrical 
disturbances. Even the use of separate house turbines 
u^ally involves a connection with the main bus, either 
directly, vdth its attendant hazard to continuity of 
service, or through a motor generator set with attend¬ 
ant lowered efficiency,—this connection being required 
to secure the proper feed water temperature while 
carrying an auxiliary load which does not necessarily 
bear a direct relation to the feed heating requirements. 


Power for all auxiliaries upon which the continuity 
of operation of the main units depends, will be supplied 
from auxiliary generators driven by the main turbines 
through direct connection to the shafts of the main 
generators. These auxiliary alternators will have a 
rating of 2500 kv-a. and will generate at 2300 volts, 
3 phase. They will be rnechanically in phase with the 
main generators so that although they will normally 
operate independently, they may be connected to the 
main bus through suitable transfonners when desired. 
In starting up a main unit all of the auxiliaries will be 
started from the main bus but a,fter the unit is in opera¬ 
tion ^e important a,uxiliaries will be transferred to the 
auxiliary bus of that unit and thus be supplied from the 
auxiliary generator independently of the main circuits. 
The less.important auxiliaries will be regularly operated 
firom a 2300-yolt bus fed through transformers from the 
main busi A separate steam driven auxiliary turbo¬ 
generator yrill be provided to permit starting the station 
from cold in emergency. 

generator will be excited by a 175-kw. motor 
generator set, consisting of a 2300-volt induction motor 
and a 250-^olt direct-current generator. This set will 
be operated from the direct-connected auxiliary genera¬ 
tor. A ^are motor generator exciter and also a i^are 


bwiTCHiNG Arrangement 

Pigs. 4 and 6 show in diagram a plan and cross-sec¬ 
tion of the isolated switch house as it is expected to 
develop, consisting of four stories and a basement. 
Ail incoming and outgoing circuits enter or leave 
through the cable room in the basement. 

In the layout of the cable room the following have 
been the guiding principles: 

Proper segregation of the cables in the ducts. 

Facility I for taking any feeder circuit into any out¬ 
going duct line without the need of further crossovers 
in outside manholes. 

Means for testing any cable at any time at suitable 
high voltage, and for complete protection of men work¬ 
ing on cables, through potential indicating and ground¬ 
ing devices. 

Suitable space and handling facilities for cables. 

The three floors above are occupied by the busses, 
switch gear and rectors, each phase being isolated on a 
sepa^te floor. Pig. 5 shows a different equipment 
section on each floor,—on the first floor is represented 
a feeder section, on the second a generator section and 
on the third a bus tie section. 

On the fourth floor are located the oil circuit breaker 
and disconnecting switch operating mechanisms, which 
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SWITCH HOUSE 

4th Floor-Section Through Operating Mechanism Room 
9rd Floor-Transfer Tie Section-Phase '*C" 

2nd Floor-Generator Section-Phase "S’* 

1st Floor-Feeder Section-Phase "A" 

Basement-Cable Vault 


CONTROL BAY 

4th Floor-Section Through Control Room 
3rd Floor-Section Through Conduit Room 
2nd Floor-Section Hirough Electrical Laboratory 
Ist Floor-Section Throu^ Maintenance Room 
Basement-Section Through Battery Room 


Pig. 6—Cross-Section op Switch House 



uecND 
Q G«nar«tor. 


Pig. 6—Main Switching Gonnbctionb 
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transformer circuits which may connect with other 
power systems are guaranteed to rupture 58,000 am¬ 
peres at this same potential. 

The generators and their cable connections to the 
busses will be protected by balanced relays arranged to 
automatically disconnect any unit from the bus in the 
eVent of a ground or short circuit on the machine side 
of the circuit breaker. The generator leads are to be 
single-conductor cables carried on insulators from the 
machines to the switch house, through closed corridors. 
No cables carrying a higher potential than 2300 volts 
will be caiTied in ducts within the station. 

On account of the relatively low capacity of the 
generators which are to be driven by the 1200-lb. pres¬ 
sure turbines, the expense of providing the necessary 


bay between the boiler room and turbine room. Truck 
type switch gear will be used. 

Plant Efficiency 

In what has gone before the discussion has centered 
for the most part around the efficiency of particular 
apparatus, conditions or methods. Of even greater 
interest to engineers in general is the efficiency of the 
whole plant as being indicative of the care and skill 
with which the various components have been pro¬ 
portioned andassembled, and the necessary compromises 
made between conflicting requirements. 

It has been shown that in what, for purposes of 
differentiation, has come to be called the “Normal 
Pressure” part of Weymouth Station, steam pressures 
comparable with the highest now employed in America 



ICCENO 

a Truck 1yp« (M Cirttnl firtalitrt 
9 CnelMid Mr&rack * 


PiQ. 7—^AuxiLiABT Switching Connections 


switching equipment and building space, for their 
direct connection to the main bus is not warranted. It 
is planned, therefore, to connect each group of tl^ee of ^ 
these units to a separate bus through low-capacity oil 
circuit breakers. The group bus, will in turn, be 
connected to the main bus in about the same manner 
asafeeder. . . ^ 

Afwiring diagram of the system for driving the 
station auxiliaries is given in Eig. 7. The auxilia^ 
generators will be controlled from the main switch¬ 
board and the operator there will be responsible for 
keeping the 2300-volt busses constotly energized. The 
2300rvolt busses will be located in separate substations, 
one for each two units, to be provided in the auxilimy 


are to be used. In addition pressures higher than any 
that have been used heretofore for similar piloses are 
ix> be thoroughly tried out in conjunction with the re¬ 
heat cycle. 

Feed water heating is to be accomplished both by 
steam extraction from the main turbines and by the 
use of economizers. To obtain the maximum of benefit 
from the steam extraction method of heating motor 
driven auxiliaries only are to be used, supplied imth 
power froni a inost efficient direct-connected auxiliary 
alt^ator. The auxiliary apparatus itself has been 
selected YTit^^ the highest efficiency 

in both the driving and driven members. ^ ^ ^ 

Piff. 8 Shows, in the upper diagram, an analysis of 
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the performance which could theoretically be realized 
in the operation of the normal pressure (375 lb.) portion 
of the station of the design as described. The lower 
diagram shows a similar analysis for such a station 
operating exclusively on the reheat cycle, with the 
entire steam supply generated at 1000 lb. Both 
diagrams are based upon ideal operating conditions, 
i, e .—a constant station load of such amount and 


energy, which is equivalent to 15,100 B. t. u. per kw- 
hr. net generated, or approximately 1.05 lb. of coal of a 
heat value of 14,400 B. t. u. per lb.—while the corres¬ 
ponding figures for the high-pressure reheat plant are 
25.1 per cent, 13,600 B. t. u. per kw-hr. and approxi¬ 
mately 0.945 lb. of coal. 

They above calculated results represent only the 
ultimate possibilities under ideal load conditions. It 
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character as would permit'the main units to operate 
at their point of best efficiency and at 100 per cent load 
factor. ^ The estimated efficiency of each individual piece 
of equipnient is that guaranteed by the manufacturer. 

From these diagrams it will be observed that the 
nonnal i)ressure stiaight , condensing plant will trans¬ 
form 22,6: per cent of the heat in the fuel into electric 


is, of course, impossible to predict what the results of 
actual operation will be as this will be influenced con¬ 
siderably by the extent to which a constant base load 
can be allocated to the Weymouth Station and the 
e^ent to which it is found advisable to employ the 
high-pressure equipment in making future extensions 
to the station. 
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A power plant boiler under the present conditions of service 
must be arranged so that it can be thoroughly cleaned both 
inside and out. The use of 2 in. tubes, such as will be supplied 
for the boiler gives a convenient size for internal cleaning, whereas 
it is difficult, if not impossible to properly clean tubes, say, 
1 in. in diameter and smaller. Were it possible to Tnfl.int.fl.iTi at 
all times absolutely tight surface condensers, it would then be 
unnecessary to clean the interior of the boiler tubes and the art 
of boiler design would be considerably simplified and smaller 
diameter tubes could be used provided they were arranged so 
that they could be thoroughly cleaned on the outside. For 
years The Babcock & Wilcox Co. believed that it was ready to 
put out a B & W boiler for any desired pressure for power plant 
service through using the Marine B & W boiler, in fact, the test 
boiler of dimmless construction that has been referred to was 
built with 2 in. tubes for a pressure of 760 lb. per sq. in. The 
difficulties that were experienced at some plants in maintaining 
the outer surface of boiler tubes clean from slag and soot when 
run at high ratings convinced operators of power plants that it 
would be a mistake to install the 2 in. tubes in groups of four as 
in our marine boilers, because with the tubes so arranged there 
axe no diagonal lanes availsible between the tubes for cleaning 
the outer surface of the tubes. A new forged steel header was 
therefore designed and constructed where the tubes are staggered 
and arranged with horizontal and diagonal lanes between all of 
the tubes, thereby making it possible to clean the outer surfaces 
of the tubes through the diagonal lanes from above and below 
the tubes. All B & W boilers for the higher pressures are oow 
fitted with this new form of header. The case is different from 
marine boilers, which have a relatively narrow width and where 
all of the tubes may be cleaced on the outside by opening the 
side easing doors, and brushing the tubes through the horizontal 
lanes between the rows of tubes, which would be an impractical 
method for the wider boilers and settings used for power plant 
work. 

Attention is called in the paper to the use of the forged steel 
drum of seamless construction for the 1200 lo. boiler and to the 
bending of the ends of the horizontal circulating tubes which 
enter the dinim so that they enter at circumferential lines which 
axe twice as far apart as the distance between the horizontal 
Circulating tubes where they enter the headers, thereby greatly 
increasing the efficiency of the ligaments between the tube holes. 
There axe two circulating tubes running from the top of each 
uptake header to the steam and water drum and the ends of the 
tubes which enter the headers are bent in such a way that the 
tubes enter all of the headers at the same height, thereby making 
the circulation the same in each header. The boiler is built of 
A. S. M. E. Code material throughout to meet all of the re¬ 
quirements of the Code. 

The boilers for 375 lb. pressure first considered were 14-high 
and 48-tubes wide with the two lowermost rows of tubes exposed 
for their full length to the furnace, with a horizontal baffle 
above the second roi^r of tubes exposed from the downtake headers 
to the bottom of the inclined baffle between the first and second, 
passes, the superheater being placed in the first pass above six 
rows of tubes; . A change was made to a boiler 17-tubes high 
and 48-tubes wide with the six lowermost rows of tubes exposed 
to the furnace, with the superheater in the same position This 
was done in order to secure the following operating advantages: 

.. temperature will be somewhat lower with 

the snc lowermost rows of tubes exposed than with only two 
rows ej^osed for their full length to the heat of the fuimace and 
^th a highiurnace of the sort that will be used this would tend 

to reduce the cost for brickwork maintenance. 2nd: Incase a 

coal is^bmned which will cause an undue amount of slagging on 
thejutside of the tubes exposing six rowa of tubes for their fuU 
tength wiU lead to less slagging difficulties than exposing the 

two rows for their fulMength. 3rd: In case of tube teoubkt 

due to impure feed water the tube loss Tvould be less for a given 


amount of steam evaporated per hour from the boiler "with six 
rows of tubes exposed both on account of causing the hot gases 
on striking the boiler tubes to be diffused over a longer length of 
tube surface and through providing a greater amount of boiler 
surface for a given amount of steam generated. 

The fine gas temperatures for a given weight of steam evap¬ 
orated per hour by the 17-high boilers with the six lowermost 
rows of tubes exposed will be but slightly lower than would be 
secured with the 14-high boilers with only the two lowermost 
rows of tubes exposed. A 16-high “boiler with the six lowermost 
rows of tubes exposed would give about the same fiue gas tem¬ 
peratures for a given weight of steam evaporated per boiler as 
a 14-high boiler with only the two lowermost rows of Lubes 
exposed. The choice of the 17-higli boilers with the six lower¬ 
most rows of tubes exposed was not therefore on the basis of the 
fiue gas temperatures or the efficiencies, but on the broader basis 
of selecting a boiler which would give the best service under the 
conffltions for use in connection with the economizers. If the 
17-high boilers were fitted with a system of baffling that was 
considered for the 14-high boilers with the two lowermost rows 
of tubes exposed, the efficiency of the boilers for the same steam 
output under the average service conditions would be slightly 
more than one per cent higher than with the six lowermost 
rows of tubes exposed, and should no economizers be employea, 
this difference of efficiency would offset a considerable increase 
in cost of maintenance of brickwork and difficulties of operation. 

P. Jimkcrsfeldx Five considerations are stated on the third 
page of the paper. The third, “The probable effect of increased 
pressure upon reliability of operation and its fiexibility in 
meeting anticipated load conditions with nigh over-all economy,” 
and the fifth, “The economic balance of carrying charges and 
operating costs over a long period,” are more or less inter¬ 
related. Under reliability of operation I assume that the authors 
have included maintenance. Apparatus of this sort naturally 
involves more maintenance or replacement than apparatus that 
has been tried out for a longer period of service. With the par¬ 
ticular apparatus operating at 1200 lbs. steam pressure some 
troubles must be expected to develop during the early years, 
which means outages and units available less hoius of the year. 

Such outages do not reduce the total carrying charges jjor 
year, but will increase the carrying charges per kilowatt hour 
because if the turbine unit or boiler unit is out, for example, 
twice as many hours as a more seasoned piece of apparatus, it 
would double the carrying charges per kilowatt hour due to 
that partiefflar apparatus. On the other side of the balance, 
if such turbine or boiler unit is running only half as many hours 
as a more seasoned unit in a year, the savings expected from 
the better fuel economy are much reduced. I take it, however, 
that these matters have been considered under considerations 
three and five, and the foregoing is submitted as a matter of 
emphasis on these two very important points in the paper. 

Curve 1 Fig. 2, shows a very interesting and not usually 
appreciated fact, namely, that the total heat at 700 deg. fahr. 
decreases with increasing pressure. That is contrary to our 
ordinary expectations. Of course, after the careful analysis 
that the authors have made, we can see why it is so. However, 
considering Curve 1 and Curve 2 together, we see that after all,* 
the heat available does increase with, the pressure. 

Curve 6 indicates that six hundred pounds should give the 
highest thermal efficiency. It is not clear to me whether this 
represents the expected performance from all types of turbines 
or only the particular type of turbine used in Weymouth Station. 

On the third page it is stated that 1200 lb. was selected for 
the one new extra high pressure boiler. It would be interesting 
to know why 1200 lb. instead of say, 1000 or 1500 lb. was 
selected. There must have been some reason that led to the 
adoption of 1200 instead of something a little higher or a little 
lower. 
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There is frequently a tendency for too much standardization 
in power plants. It is a fact that the elements that go into a 
power plant like the elements that go into a suit of Clothes,—the 
cloth, the thread and the buttons, should be thoroughly stand¬ 
ardized, but you can never hope in my judgment to so far 
standardize power plants that they will fit every condition any 
more than you can hope to make a suit of clothes to fit every 
size of man. There would be a lot of misfits. There are a 
great many things that will be a good solution for one set of 
power plant conditions, and one location, that might be a poor 
solution for another set. 

The two most outstanding conditions that affect the proper 
design of plant for a given set of conditions are price of fuel 
and load factor. When I say price of fuel, I mean per thousand 
or million B. t. u., or some other equivalent that shows steaming 
value. Differential in price of fuel is usually a fairly definite 
thing. There is a substantial difference between the price of 
coal say in Boston, and price near the coal mines, over a long 
period of years. The price of coal on comparable basis may be 
two or three times as much in one locality as in another, and the 
same plant will not properly fit both localities. 

Load factor, however, is a very elusive thing. It depends 
upon the general character of the business in the community. 
If every station were operated at exactly the natural consump¬ 
tion of power within its proper area, it would be one thing, but 
wo are no longer operating stations,—^we are operating systems, 
and that means one, two, three, four or even more stations in 
parallel. These stations on the same system are in competition 
with one another. The better load factor is allocated to the 
station with the lowest operating cost, and to an extent depending 
on how much lower that station operates than the other stations. 
Operating cost, not fixed charges, govern this allocation, because 
fixed charges are established when you build the station. I am 
assuming now that such transmission and distribution handicaps 
as might exist between the various stations are all taken into 
account in allocating load between stations. 

During the life of the equipment and just as any new station 
is usually lower in operating cost than older stations or units on 
the system, so may another new station five years later be still 
lower. Therefore future load factor- on a station or unit is a 
very difficult question to decide, requiring judgment and ex- 
lierience and the very best attention and study. 

Two other points in the paper would be interesting if amplified. 
First,—^how is it proposed to protect the reheater from over¬ 
heating should the turbine load be suddenly discontinued? 
Second,—In view of the fact that we can so effectively heat feed 
water by bleeding turbines, is there much to be gained with 
economizers? 

The final results from the Weymouth Station are very pro¬ 
mising, indeed, as given in the paper under ideal conditions, 
which are the only conditions under which they can be given at 
this time. . / 

L. L. Eldens The Wesnnouth Station now imder construction 
win be operated in conjunction with the rest of the systeip 
substantially as follows: The area served by the Boston Edison 
Company resembles a square looking at it from the water side, 
with L Street Station located substantially at the centre of the 
base line. The new Weymouth Station is located at the southern , 
terminus of the base line about eleven miles from L Street. The 
present area served by the company is supplied from some 85 

substations. ji. 

The ultimate growth of the system may be estimated broacy 
from the fact that the connected load is increasing yearly at the 
rate of about 100,000 kw. With this growth in view, it is con¬ 
ceived that eventually in the interest of economy another l^ge 
generating station will be required north of the city, assuming, 
of course, that a suitable site ban be found for the purpose. 

To provide a suitable link between the new station and the 
remote points of the present system, it is proposed to construct 
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a 110,000-volt ring around the system, starting from Weymouth 
and terminating at some desirable location on tho north. Lines 
from L Street are serving all intermediate territory and will in 
the end be interconnected with lines from the Weymouth 
Station as business requirements may dictate. 

Another project now being seriously considered is the intro¬ 
duction of hydro power in large quantities from the St. Lawrence 
district. The projected point of contact is at Framingham on 
the westerly side of our territory where it will intersect the 
110,000-volt ring previously referred to. The route of this 
proposed ring will be exceptionally favorable for connection on 
the southerly side with the proposed superpower system 
developed by Mr. Murray and his associates during the war 
period. 

We also find the location of the new station favorable to the 
supply of service to the New Haven and Boston and Albany 
Railroads in the event that the electrification of these roads 
becomes a reality in the future. With favorable conditions as 
regards coal, water and distribution facilities, we feel that it is 
conceivable that the entire proposed development of 300,000 or 
more kilowatts will be easily absorbed in the near future if all of 
the projects now in view actually eventuate. 

Operating methods to which Col. Junkersfeld referred have 
not as yet been fully worked out, it being evident that to deter¬ 
mine the best method of relaying and handling the two generators 
comprising each unit, when connected to the main system, -will 
require considerable study. This has not yet been completed 
hence it is impossible at this time to indicate the reliability 
factor which will be developed in actual service. It would 
appear from studies made up to this time that the small 1000 
pound unit may prove the only unreliable elment in the whole 
development since all other equipment is standard and already 
in extensive use. When, however, it is realized that the capacity 
of the high-pressure unit is only of the order of 2500 kw., its 
importance becomes negligible in a large system like ours, where 
many interconnections and emergency arrangements provide 
means for instant absorption of loads of far greater magnitude 
than would be involved in the event of failure of the unit in 
question. Under these conditions the question of fixed charges 
on spare capacity at this station to meet emergencies is not 
important since the reserves for the system as a whole will not 
be carried at any one location. 

H. P. Liversidiict The details of the Weymouth plant which 
have been presented before this Convention, indicate the^ ve^ 
practical consideration which has been given to its design in 
order that the generated power may be produced at lowest 

ovei^aJl cost. . : 

III the consideratiou of new plant layouts, there is prone to be 
a tendency toward maximum operatmg efficiency with the pos¬ 
sible sacrifice of other factors which have a decided bearing on 
investment costs and overfall operating costs. It is quite e\ddent 
that these various factors have all been given primary considera¬ 
tion in this station layout. 

I bdieve that while this plant incorporates some radical 
departures from standard design, it would seem to be a very 
safe change. It is eiddent that the high-pressure section, which 
embodies very special features, has been so arranged in its re¬ 
lation to the rest of the plant that if ^ unforseen complication 
should arise, no financial penalty will be imposed even if it 
becomes necessary to radically change or eliminate tMs special 
part of the equipment. This, in my opinion, is a most important 
consideration, and in the development of large central stations, 
I believe we should place ourtelves in the position of doing not 
what we might like to do from the standpomt of highest efficiency 
alone, but what from a business standpoint is the safe thing to 
do,—investment and earnings being considered. 

In designing a plant, another question to be considered, is 
r^ability—the plant must opera.te. We are in the position 
to-day where departures which mvolve ra.dical changes from 
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standard design must be so planned as not to penalize the high 
order of service which must be rendered to-day. 

I believe that this plant design presents a combination of 
equipment which marks a step in advance in the application of 
high steam pressures, and, at the same time, eliminates the 
possibility of complications which may have their effect in 
either the lowering of reliability of service or increasing main¬ 
tenance costs. 

G, L. Kni^hti There is one point I think which has not 
been touched on and that applies particularly to those of us 
who were compelled to make our decisions, especially on steam 
conditions, somewhat before these later developments in boiler 
and steam turbine designs were made available. We are not 
going to suffer altogether thereby, I think, but can take ad¬ 
vantage of some of these developments by using high-pressure 
turbines in stations where we have adopted lower st. Aa.Tin pres¬ 
sures, installi^ some of our new boilers at 1000 or 1200 lb. 
pressure and exhausting the high-pressure turbines into our 
present steam lines at the line pressure. 

H. W. Sales: Attention was called by Mr. Liversidge to the 
feature of the design at this station which permitted of the elim¬ 
ination of the high-pressure portion and of the substitution of 
the more standardized methods of design in the event of any 
difficulties with the design. Being connected with a power 
station development which is utilizing pulverized fuel, I may say 
that the same factors have been carried out there. The design 
of the boiler house as laid out will permit of the substitution of 
any other form or method of burning coal which experience or 
advance in the art may direct. 

Reference was made in the paper to the calculations of the 
Weymouth Station with reference to the choice of fuel com¬ 
bustion. It seems to the speaker that much of the discussion 
on the relative merits of pulverized fuel or stoker firing of coal 
in these super stations is still of the conjectural type. It is my 
opinion, therefore, that very little is to be gained by further 
discussion of the matter at this tune. I would personally much 
prefer to delay comments until after experience with our par¬ 
ticular station has demonstrated the results obtained. 

The paper, on the sixth page pointed out two methods of 
seounng power supply for station auxiUaries. It referred to the 
securing of power from the main station bus with attendant 
disMter to the auxiliaries in the event of general system trouble 
and the means of preventing that by using motor-generators 
floatmg between the house turbine bus and the station bus. 

I wish to mention a third method, namely, that of using a 
saturated core reactor between the house turbine bus and the 
mam station bus. 

As a matter of purely experimental interest the speaker is 
greatiy interested in the development of the Weymouth Station 
Which uses an auxiliary alternator on the same shaft as the 
mam. generator. It may be pertinent to inquire if it is possible 
o go a step further and use a double-current generator, thereby 
deriving the excitation in auxiliary power by the same means. 

F. S^uelsoni Your plans are very bold and should give 

relMbUi^ of h^-proKnire steam plant. It is verv for- 
t^te that It is relatively easy to ascertain the efficiency of the 

’fin be supiheated 

onto ^a e h^ressure tnrbine. With known inlet and 
outlet pressure and temperature of the steam it is readilv found 

how hiuoh of the energy is converted into work. It is of omiraA 
essential that the temperature measurements should ho 

will bo nmn.li * P ^ iHm but this eiTor 


willbesmaJl. 

A very important matter m conuAAfmrt Tmd-ia 

faet that the true elastic iimit of most steeis is 


as the temperature is increased. At a tomporature of about 
750 deg. fahr. the elastic limit may drop to half of that obtained 
at ordinary room temperature, and it is therfore very important 
that this loss of strength is understood when the factor of safety 
is settled upon. 

As the strength of steel is so much affected by heat, I am 
strongly of the opinion that the temperature of the suporheatod 
steam should be controlled in some ivay. I have come across 
oases where the steam temperature has been above SOO deg. fahr. 
at the turbine stop valve, and where it has lieo/i uoeossai*y to 
lower the temperature by removing some of the suiiorhoater 
tubes, entailing increased drop of pressure across the superheater. 
I would advocate that the superheater be located in a chamber 
or compartment, preferable within the boiler itself, and jirovided 
with water cooled dampers, or other means which will control 
the fiow of the hot gases. Where a reheator oloinont is u.sod tins 
should be put in the same compartment as the steam piusses 
thi'ough both these in series, and they ought theroforo to bo 
subjected to the same control. The temperature control should 
be automatic, regulated by some simple servo motor and pilot 
valve, which in turn is actuated by the temperature of tho steam 
leaving the superheaters. 

The arrangement you have adopted for providing jiowm* for 
the auxiliaries in the station is very economical and comnieml- 
able. A somewhat similar arrangement is in use in tho Bir¬ 
mingham Corporation power station on some lS,7.50-kw. sots, 
but in this case the auxiliaries are driven by direct cuiTont. 
A double unit d-c. generator set is driven direct from the main 
turbine, one unit provides excitation, tho other supplies power 
for the auxiliaries. 

With regard to the high-pressure turbine and its separate 
generator, I am not sure that this is the best ultimate arrange¬ 
ment. It would seem simpler to run both turl)iue.s at the Kamo 
speed, putting them in tandem and connecting tho two me¬ 
chanically by a shaft having the usual claw coupling oloinent at 
both ends. Thoro need be no fear from out of alinemont with 
this arrangement, and it does away with tho goneralior, its 
losses, and some switching gear. Tho high-pressure turldim 
would m this case have more wheels than is indicated iu the 
paper, but I think tins would be in favor of economy, us with 
very high steam densities low steam speeds are desirable. 

The design of the high-pressure turbine casing will no doubt 
present some difficulties with 1200 lb. initial and 375 lb. exhaust 
internal pressure being in tho neighborhood 
of 750 lb. It may be impracticable to split such a casing hori¬ 
zontally. The turbine set may preferably be placed at right 
angles from that shown on your plan with tho high-prossuro end 
nearest to the boiler house to shorten the steam pipes. 

I see no reference in your paper to pre-heating the combustion 
air by the combustion gases on their way to the chimuoy. I 
beheve this practise will be more and more taken up as it affords 
a means of cooling the combustion gases before they escape to 
the atmosphere, and also at the sanae time enables feed water to 
be heated to a higher temperature by bleeding before going to 
the economizer section of the boiler. With the higher feed 
water temperature the size of the economizer can be considerably 
reduced ^part of this relatively expensive element is substituted 
for a cheaper air heating element. 

There axe some plants in this country in which air heating 
Ms been tried, but full information is still lacking. 1 

think, however, that the sytem is right, and will eventually be 
successful, 

I have not had an opportunity to check the curves giving tho 
effect of Steam pressure on the turbine thermal efficiency, but 
m general, I would say that they agree closely with similar 
mvestigations I have made, though not at such high pressures 
I would, however, refer to curve No 4. which gives the efficiency 
ratio of a turbo-generator under different steam pressures, and 
believe that the slope of this curve is somewhat greater than it 
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ought to be. In other words, that the eflfioiency of the turbine 
wifi be relatively greater at the higher pressures than indicated 
by this curve, which is to the good. 

In conclusion, I would emphasi/.e the great importance of 
proper control of the superheat in large stations such as yours 
at Weymoxith. If such control is established the steam tem¬ 
perature may be raised some 50 dog. fahr. without any more 
risk than with a fluctuating temperature aiming at a lower 
temperature. 

Joseph Pope* Answering the questions which Colonel 
Junkersfeld has asked. Curve No. 4 and consequently Curve 
No. 5, were prepared from data relating to the typo of turbine 
to be installed in Weymouth Station. The manufacturers of 
the turbines, however, are not responsible for the high pres.suro 
end of these curves. Mr. Satnuelsou has also referred to Curve 
No. 4 suggesting that the slope is somewhat greater than he 
would anticipate. It is interesting to investigate the effect upon 
the problem in liand if the liigh pressure end of Curve No. 4 
is raised as much as 5 per cent of its present indicated value, 
that is, from 72.5 jior cent efficiency ratio at 1000 lb. abs. pressure 
to 76.0 per cent and if instead of being convex upward the curve 
is made a straight line of inn form slope between 300 lb. abs. and 
1000 lb. abs. A table shows the result of this cliango most 
conveniently: 


AbH. 

Press 

Eir. 

Ututkine 
Cycle 
Curve ;i 

Eir. 

Riitiki 
Curve 4 

I’hermul 

Eir. 

Curve 5 

KIT. 

llai'lo a.s 
MoUKUhI 

'riiernml 
KIT. tvs 
Modtlled 

100 

»0.7fi 


25.01 

8.3..30 

25.01 

200 

3».7.5 

82.80 

27.02 

82.80 

27.02 

:)00 


82.10 

28.00 

82.10 

28.00 

:i06 

30.20 

81.40 

20.48 

81.50 

20.40 

400 

ao.cio 

81. ir> 

20.08 

81.22 

20.73 

.500 

.37..50 

80.00 

.30.00 

80..35 

30.12 

flOO 

38.27 

78.80 

:io.i2 

70.48 

30.40 

700 

38.83 

77.45 

30.07 

78.01 

30.50 

800 

.30.40 

75.00 

20,00 

77.74 

30.00 

900 

.30.77 

74.28 

20.62 

70.87 

30.62 

1000 

40.00 

72.51 

20.00 

70.00 

30.40 


These are all slide rule figures, but sufficiently accurate for 
the purpose. Under the now conditions, the peak of oflieienby 
comes at 800 lb. absolute, but this maximum i.s only 3.8 per cent 
higher than the efficiency at 305 lb. absolute, the throttle pressure 
actually .selected, as against 2.1 per cent difference between the 
selected pressure and the maximum efficiency shown by Curve 
6 in the paper, an amount clearly insufficient to justify the added 
expense. Although Curve 4, as stated, is based on data for the 
Weymouth machines, similar infonnation was obtained con¬ 
cerning other turhino typos, but the conclusions to be drawn 
from them were in nowise different. 

The second question is “Why was 1200 lb. selected for the hi^h* 
pressure equipment?” It was principally because of the equi]^ 
ment available, and because the curve of cycle efficiency is 


rapidly approaching the horizontal at that presstire. In actual 
operation the boiler pressure will vary with the steam output 
and consequently with the load on the pressure reducing turbine. 
It is probable that the normal operating steam output will be 
such that the boiler pressrure will be about 1000 lb. although the 
safety valves are to be sot at 1200 lb. 

The third question “How is it proposed to protect the reheater 
from overheating shoiild the turbine load be suddenly discon¬ 
tinued?” At the time this paper was prepared there had been 
no opportunity to completely iuvestigjite matters of this nature 
and the cut of the high-pressure boiler as shown is practically as 
it was first offered by the manufacturers. After suitable per¬ 
formance data were available, more thorough study of the 
interaction of the boiler, superheater, turbine and resuperheater 
at varying loads indicated some difficulty in controlling the 
reheat. With an initial temperature of about 700 deg. the 
exhaust temperature from the turbine at light loads is also very 
high. In consequence the temperature leaving the rehoater 
would bo considerably above what is commonly held to be safe. 
A change was therefore made in the design and location of the 
rehoater in order to give the necessary control of the reheating, 
but as the regulation of the initial superheat is quite satisfactory 
the superheater was left substantially unchanged. It is purposed 
now to locate the rehoater above the first two passes of the tube 
bank with the tubes running across the boiler. The 
rehoater tubes are in two groups separated by a vertically sliding 
damper forming in eff(jot an extension of the front boiler gas 
baffle. By vjvrying the vortical position of the damper the 
comlmstion gasos may bo made to pass over more or less of the 
rehoater surfaoo, and the outlet steam thereby maintained at 
the de.sired temperature. It will be understood that this same 
arrangement effectually takes care of the situation which may 
arise from sudden loss of load on the high-pressure turbine. 

The fourth question “Is there much to bo gained by the use 
of (KJonomizoi’s, since feed water can be effectively heated by 
bleeding turbines?” If it be granted, and we presume that it 
will 1 ) 0 , that large oomraorcial air heaters are still decidedly 
experimental and without practical demonstration of economic 
justification sufficient to warrant their general use, a combination 
of feed heating by extracted steam and by economizers seems to 
be the best arrangement. It is realized that economizers cost 
money, but surface typo water heaters are by no means in¬ 
expensive. The heat reclaimed from flue gases is practically 
not gain, whereas that saved in bled steam is partially offset by 
the extra live steam that has to be supplied at the turbine throttle 
on account of the extraction. 

Mr. Bales inquired if it is possible to use a double-current 
generator on the same shaft as the main unit and thereby 
derive the excitation and auxiliary power by the same means. 
Mr, Samuelson calls attention to a case in Birmingham where a 
double unit d-c. generator set is used in this manner. The use 
of a direot-oonneoted exciter in conjunction with the auxiliary 
alternator was considered for Weymouth and while feasible 
enough was abandoned in favor of the present arrangement. 
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Review of the Subject.—The elevation in temperature of the 
unndings of any electric machine due to the internal heat losses is 
usually the dominating factor in limiting the rating of the machine. 
This limitation found in the heating, is primarily due to the effects 
of high temperatures on the various types of msulction used in such 
machines. The American Institute of Electrical Engineers 
Standards specify the maximum permissible operating temperatures 
for the various grades of insulation. The temperature of the 
windings in the machines then, must be kept below this maximum 
permissible temperature. 

The heat losses produced in a machine are the results of electrical 
and mechanical losses. These losses must be transferred from the 
source of generation to the cooling medium. The first step of the 
heat flew path is by conduction through the copper, iron or insulation 
to the ventilating or cooling surfaces. The second step in the transfer 
of the heat may be called the liberation or dissipation of the heat from 
these surfaces to the cooling medium. This portion of the heat flow 
may be divided into two or more stages by the use of an intermediate 
cooling medium, such as oil, in an oU-insuifated transformer. 

This paper deals with some of the more common types of ventilating 
and cooling systems used in the electric machines and particularly 
with the laws governing the flow of heat from the cooling surfaces. 

Considerable data have been published in the past giving the rate 
at which heat can be liberated from a surface by radiation and natural 
air convection currents. This is always a factor in the cooling of a 
machine and may be the sole means for cooling some small types of 
electric apparatus. Some new experimental data as well as a 
summary of the old data are given regarding this heat loss by natural 
ventilation and radiation. Tests are given for several types of 
surfaces, such as plane, cylindrical and coi’rugated surfaces. 

A survey of the technical press will reveal very little accurate data 
regarding the rate of heat dissipation from the surfaces of electric 
machines by forced air convection currents. Thus, an experimental 
investigation was initiated for the purpose of determining some of the 
principal factors governing the rate at which heat can be dissipated 
from various types of surfaces by forced ventilation. 

The results of many tests on the dissipation of heal from axial 
ducts are given. These tests show the influence of the air velocity, 
shape and surface of the air duct upon the rate of cooling. The rale 
of heat transfer is shown to be approximately proportional to 
the average air velocity, and not to the square root of the velocity as 
has been previously published. Another unexpected result was that 
the unit rate df cooling of the small circular ducts tested was practi¬ 


cally the same as that found for the larger ducts over a considerable 
air velocity range. The effectiveness of the radial ducts in cooling a 
machine is shown by tests on ducts of several ividths. The rate of 
heat dissipation does not differ materially from that found for axial 
ducts, also there is no great difference between the heal liberated f rom 
the narrow or from the relatively unde ducts. 

Some interesting results were found in the cooling of a rotor. The 
heat loss with self-ventilation, due to its own rotation, is not pro¬ 
portional to the peripheral velocity. The. heat dissipation curves for 
the rotor during rotation with separate ventilation along the periphery 
or air gap are very complicated being injluenced by both the 
periphereal velocities and the forced air velocities. 

The great value of proper ventilation of the end windings in electric 
machines is shown by the rate at which heat can be dissipated froin 
the surfaces ivith forced air ventilation. Tests were made on a 
rotating and a stationary 'model with various ventilating spaces 
between the coil sides. 

The rate of heat dissipation from cylindrical surfaces is also given 
with forced ventilation. The tests were made icilh the air flow at 
right angles to the cylinder or tube and the results show a much higher 
rate of heat flow than was found from axial or radial duct surfaces. 

A summary of some miscellaneous tests is given for the heat 
dissipation constants found with water and oil cooling. These con¬ 
stants given for liquids are several fold greater than can he obtained 
with gases. Water, particularly, is a cooling medium leilh a very 
high rate of heat transfer coefficient. 
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ri^HE disposal of the heat resulting from the electrical 
mechanical losses in any electric machine is 
always an important item to the designer as well 
as to the operator of the machine. These losses 
appearing all in the form of heat must be transferred 
from their source with a temperature gradient not to 
exceed the maximum safe operating temperatures. 
These maximum temperaitures are limited by the insula¬ 
tion necessary to insulate the windings. 

In the early days of machine design the generators, 
being principally of the engine type, were slow in speed 
and hence large in size. Due to the large surfaces, it 
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was comparatively easy to liberate the heat with a low 
temperature rise. In fact with these old machines it 
was usually unnecessary to provide for additional ven¬ 
tilation other than that due to natural ventilation and 
windage of the rotating element. The ratings on many 
of these earlier machines were limited not by the tem¬ 
perature rise but by the performance such as commuta-^ 
tion or regulation. 

The development of the high-speed turbo-generator 
and the hydroelectric generator resulted in a machine 
of greater rating, hence greater losses, with a physically 
smaller machine than was used with the direct engine 
drive. This concentration of losses in a smaller space 
was po^ible only by greatly improving the ventilation. 
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Today the commutation and regulation limitations of a 
machine have been practically removed so that the 
temperature limitation is usually the dominating factor 
in setting the maximum rating of electric machines. 
Thus to design the most economical machine, full con¬ 
sideration must be given to the tempeTuture obtained 
at its rating. A machine with temperatures above the 
maximum permissible tempei-atures will not have a 
long life; on the other hand, a machine with tempera¬ 
tures too low mean an economic waste of material. 

Disposal of the Heat Losses 

The heat resulting fi-om the internal losses of an 
electric machine must eventually be transferred from 
the machine to the air, water or the earth. This trans¬ 
fer of heat may be accomplished by many means. A 
direct system of cooling can be used such as the circula¬ 
tion of air or water over the lieated surfaces with the 
heated air or water dischargefl at a point remote from 
the intake supply. An indirect system is often used for 
cooling a machine, such a system utilizes a Iluid such as 
air, oil or water to “ferry” the heat from the surfaces of 
. the machine to the outside .supply of air or water. This 
transfei* of heat may be made in several stages. Thus 
in an oil-insulated w^ater-cooled transformer the heat 
“picked up” by the oil is transferred to the water in the 
cooling coils. This water then carries away the heat 
and distributes it either in the earth or in a body of 
water. 

The most common system of cooling used with elec¬ 
trical apparatus is the direct air system. This sy.stem 
is especially adapted to rotating machines due to the 
mobility of the air. For high-voltage apparatus, such 
as transformers, oil is used for insulation purpo.ses, so 
that the indirect system of cooling must be used. The 
oil merely acts as a “heat ferry” and carries the heat to 
the water-cooling coils in the case of a water-cooled 
transfoirmer or to the ventilating surfaces in the case of 
a self-ventilated transformer. 

Hence, one of the principal factors in the cooling of 
electrical apparatus is the determination of the tempera¬ 
ture differences nece.ssary to transfer the heat from the 
surfaces of the machine to the cooling fluids and frorn one 
fluid to another. The purpose of this paper is to give a 
summary of the various rates of heat transfer necessary 
for the predetermination of the machines operating 
temperature. Since air is the moat common cooling 
agent it is given the greater consideration. The data 
given, unless noted to the contrary, are the results of 
experimental tests under the writer’s direction and 
much of the data have been hitherto unpublished. 

Coefficient of Heat Transfer 

The rate at which heat is transferred between a sur¬ 
face and a gas or liquid is called the coefficient of heat 
transfer or the heat dissipation constant. Throughout 
this paper the coefficient is defined in terms of watts per 
square inch of surface per deg. cent, difference between 


the surface and the fluid. This heat transfer constant 
is the same for a heat flow from a surface to the fluid or 
from the fluid to the surface, the direction of flow being 
dependent only upon the temperature gradient. 

This coefficient is often expressed in other units; the 
relation of some of these constants is approximately: 

1 n.fc.ii. / sq. n. / (1|«. lalir. / hr. = 0.00:«5(5 Watte/sq. in./(h)g. cent- 
1 Caloric. / sq. cjin. / (leg. cent. / see. = 27.0 Watts/sq. in./deg. eont. 

1 Kilo-caloric/sq. MU*.l.t5r/<h!g. ccnt./lir. = 0.0007.“» Watts/sc|. in./deg. cent. 
.1 Watt / s(i. cm. ! deg. cent. — O. lo AValts.'Stj. in./dog. cent. 



wIhtc Vv — Max. teinjM.rature rise of va'iililaling .surface, deg. cent. 

W 'Potal wjitls lo.ss 

.S' Total vent ilating snrfaci*. sq. in. 

/v - t!oclllcient of heat (ransfer in \valls/s(t. in./deg. cent. 

V ^ Air Volnine in cii. ft. per min. at 2.'» tieg. <'enl. 

The application of this heat dissipation constant to the 
cooling of electrical machines is illustrated in Figs. 1 and 
2 for two conditions of heat flow. 

The first condition is similar to that found in the 
cooling of a stator core with axial air ducts. In this 
case, Fig. 1, the loss is assumed to be uniformly gener¬ 
ated along the axial ducts and the heat flow to be radial 
towards the ventilating surfaces. This is practically 
the condition found with the axial system of ventilation 



for laminated cores, since the resistance to the flow of 
heat is very much less in the radial than in an axial 
direction. 

With a radial duct system of ventilation the ventila¬ 
ting surfaces of the ducts can be taken as having approxi¬ 
mately a constant temperature; in this case the iron 
temperature rise will take a different form as shown 
on Fig. 2. 

When the losses inust be transferred from one liquid 
or gas to another, such as is found in the water cooling 
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of oil-insulated transformers, it can be shown^ that the 
relation given in Fig. 3 will hold regardless of the direc¬ 
tions of fluid or heat flow. 

Dissipation op Heat by Natural Ventilation and 

Radiation 

The liberation of heat from electrical apparatus by 
natural ventilation and radiation is always a factor in 
limiting the operating temperatures. Many small 
industrial machines are operated totally enclosed, in 
which case all the heat must be dissipated by natural 
ventilation and radiation, also transformers, wires, 
cables and bearings are quite commonly cooled by this 
same agency. 

A. Radiation. 

The law governing the heat loss from a hot body by 
radiation has been thoroughly investigated by many 


tor, that is a dull black surface. The values of (e) for 
oth^ surfaces are approximately: 

Surface Value of (e) 


Lamp black..... 1.00 

♦Oils, varnishes, insulating materials. 0.80 to 0.90 



Fig. 3—^Heat Transfer between Fluids or between a Fluid 

AND A Surface 


Let 


Ti is initial temp, differences, deg. cent. 

Tf =• ITinal temp, difference, deg. cent. 

W -■ Total watts transferred 
5 = Total cooling surface in sq. in. 

K ^ Ooefficient of heat transfer in W/sq. in./deg. cent. 
Tm - Integrated mean tern, difference, deg. cent. 

Hence W =• S K Tm where 

= y* - Tf 


2.3 Logic Ti/Tf 


authorities. It can be conveniently expressed as 
follows: 


Ti + 273 \ / To + 273 


W = 36,9 e r (- I 

L \ 1000 / 


/ To-|-278 \ 1 

' 1000 /-I 


Where TV = Watts radiated per square inch of surface, 
e = Relative emissivity coefiicient. 

Ti = Deg. cent, temperature of surface radiating 
heat. 

To = Deg. cent, temperature of surrounding 
objects or air. 

The emissi^ty coefficient (e) depends upon the color 
of the radiating surface and is unity for a perfect radia¬ 


♦Coppo" oxidized. 

♦Cast iron freshly machined. 

♦Cast iron oxidized. 

♦Silver polished. 

Tinned surface. 

Steel surface oxidized. 

*By Langmuir‘S. 
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Fig. 4—Heat Loss by Radiation from a Black Surface 



Fig. 6 Heat Lobs by Natural Convection in Still Air from 
A Steel or Aluminum Plate 3 Ft. Square 

The values of the heat loss radiated at various tem¬ 
peratures are shown plotted on Fig. 4. These curves 
show a considerable difference in the unit heat loss, 
depending upon the room wall temperatures, also the 
rate of heat radiation increases cousideiably with 
increase in temperature rise, 

B. Natural Convection. 

The liberation of heat from a hot surface by natural con¬ 
vection is probably both by conduction and convection. 
That is the heat for a short distance from the surface is 
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conducted through a thin layer of dead or stagnant air, 2. Corrugated Surfaces: The use of corrugated 
the outer surface of this air film is set into motion by the surfaces is quite common for oil-insulated transformer 
expansion of the heated air particles and from here on tanks. It is thus possible to increase the actual surface 
the heat is ferried away by these convection currents, several fold over that obtained with the plane tank 
Tests made by the English National Physical Labora- surface. The increased heat dissipating capacity due 
tory*^ on the convection losses from a plane surface (3 to the corrugations is principally due to the action of 
ft. square) with different positions of the heated surface natural convection currents. The heat actually 
are shown in Fig. 5. As shown the heat loss by natural radiated will not be appreciably increased by the 
convection is proportional to the 5/4 power of the corrugations. The effective radiating surface is the 

minimum enveloping surface and not the actual sur- 



ABOVE 20 DEG. CENT. ROOM AIR 

PiQ. 6 —Heat Loss prom Surpacb op Vertical Plates bt 
Natural Convection and Radiation 

temperature rise above the ambient temperatures. 
These tests were made on both smooth steel and alumi¬ 
num plates with the same results as shown. 

C. Radiation and Convection. 

1. Plane Surfaces. The heat loss by radiation and 
convection from a plane vertical surface is given on 
Fig. 6. This surface was 3 feet square and was painted 
a dull black color. The heat loss from a 9-in. square 
heater'^ is also shown on Fig. 6 for a black plate and a 
brass plate. 

The heat loss from a plane surface by natural venti¬ 
lation and radiation can be put in the approximate 
form of 

W = aT-\-bT^ 

Where a and b are constants 

T — Deg. cent, temperature rise. 

W - Watts loss per square inch. 

For approximate calculations with average tempera¬ 
tures common to electrical apparatus the natural heat 

loss can be taken as below: . 

Surface Watts/sq. in./deg. cent, nse 


face. Thus the so called “radiators” used for heating 
a room or of a type used for cooling the oil in a self- 
cooled transformer function mainly by convection and 
not by radiation. The equation for the unit heat 
loss by natural ventilation and radiation, is: 

W = a (Tx - To)^-“ + 36.9 r e ) - 

/ To + 273 \1 
\ 1000 / -* 

Where W = watts loss per square inch of actual surface. 



a — convection constant. 
e = emissivity or radiation constant. 
r = ratio of the enveloping surface to the 
actual surface. (Note •— r 1 for 8- plsJio 


Smooth plane.... ... • 0.006 

Cast iron........ • • • 0.008 

Enveloping machine....0.010 to 0,015 

This envelopiiig surface Of a motor ox g^erator is 
calculated by figuring the surf ace of a cylinder whose 
general outline dimensions are approximately the same 
as the machine in question, 


surface). 

Ti = deg. cent. temp, of hot surface. 

To = deg. cent, ambient temperature. 

3. Cylindncal Smfaces: The of h^ 

from a cylindrical smiace* by natural yent^^^^ 

* The total surface is taken as t DL, where (P) Is the 
dii^eter and (L) the length in inches. 
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radiation is a function of the diameter of the cylinder 
or wire.® This is shown on Fig. 7. These tests were 
made with the wires or cylinders suspended horizontally 
in free air in a large room and no attempt was made to 
reduce the natural air convection currents found. Thus 
the smaller diameter wire can liberate the heat at a 
greater rate per unit surface than the larger wire. This 
is due to the fact that the relative thermal resistance 
to the flow of heat from the surface of the small wire 
through the encircling dead air film is less than that 
resistance found with the large wire. The effect of 
high surface temperature rise is to increase the coefii- 
cient of heat loss as shown. 

Dissipation op Heat by Forced Air Streams 

In order to improve the rating of electric machines, 
it has long been the practise to use forced air ventila¬ 
tion. Radiation plays very little part in dissipating 
the heat from the internal motor surfaces. Most of 
these surfaces are at the same temperatures, hence, the 
heat interchanged by radiation will he small if any. 
Thus the cooling action obtained with forced air 
convection is due almost entirely to the transfer of 
heat to the air by conduction and convection. 

These forced air streams may be produced either 
by the fanning action of the rotating parts on the rotor, 
by an external fan or by a combination of the two. 

A. Axial Ducts 

The cooling of a machine by forcing air to fiow 
through axial ducts in the core is a type of ventilation 
that is used in many machines especially in railway 
motors and turbo-generators. Some advantages of 
this system of ventilation are: 

1. The heat may fiow radially through the iron to 
the ventilating surfaces without passing through the 
laminations. This is an advantage since the resistance 
to heat flow across the laminations is from 30 to 50 
times that along the laminations. 

2. The air flows through the ducts at a uniform 
velocity since the cross-section is constant. This gives 
a minimum air pressure for a given average air velocity. 

3. Due to the rough surface obtained, a high rate 
of heat transfer is secured. 

4. The core length of a machine will be a minimum 
for a given magnetic flux. 

Some disadvantages of the axial system of venti¬ 
lation are: 

1. A fan or blower is necessary to force the air 
through the ducts. 

2. The asdal ducts must be placed in the core where 
the loss per unit volume is a minimum. This will give 
a fairly long heat flow path from the tooth zone where 
the maximumlosses are found to the ventilating surfaces 
of the duels; ; 

3. Due to the space required by the ducts, the 
pyer-all diameter of the core will be increased. 

4. The maximum iron temp^ature will usually be 


found adjacent the hottest air, that is near the end of 
the ducts. 

The heat dissipated from the ventilating surfaces of 
axial ducts is influenced by the air velocity, size and 
shape of ducts, and the roughness of the duct surface. 

Description op Experimental Apparatus 

A diagrammatic sketch of the experimental model 
used in determining the heat transfer (K) from the 
surfaces of axial ducts is shown on Fig. 8. The first 
series of tests was made on smooth brass tubes of various 
sizes and shapes. The tubes were 36 in. long and the 
wall thickness was 0.063 inches. Around each tube the 
heater was wound consisting of 400 turns of 0.072 inches 
square asbestos covered copper wire. This duct was 
then placed in the center of an 8-inch micarta tube with 
the tubes held in position by two 2-inch wood end plates. 
The space between the duct and the outer casing was 
filled with mineral wool for heat insulation. The tem¬ 
perature of the tube was obtained by seven copper- 
advance thermocouples placed equal distances apart 
along the tube and the hot junctions of each were 
soldered to the outside surface of the tube. The 
thermal drop of the heat flow through the tube wall was 



Pig. 8—^Apparatus for Djstbrmining the Heat Dissipated 

PROM Axial Ducts 

very small, being a maximum of 1/5 deg. cent., so that 
for all practical purposes the thermocouples gave the 
true temperature of the ventilating surface. 

The ventilating air was supplied by a blower driven 
by a variable speed d-c. motor. A maximum of 4>^ in. 
of water, static pressure, could be obtained in the intake 
pipe. To obtain the total average air temperature rise 
five thermocouples were connected in series opposition. 
That is, the five hot junctions were placed in the outlet 
chamber with the five cold junctions in the inlet cham¬ 
ber and so connected that the voltage reading obtained 
was proportional to five times the average air tempera¬ 
ture rise. It was necessary to thoroughly mix the air 
in the outlet pipe in order to obtain the average tempera¬ 
ture. This was done by allowing the air to expand and 
forcing it to pass a brass gauze screen before coming in 
contact with the distributed thermocouple junctions. 

The heater, which had terminals at each end of the 
duct, was supplied with current from a separate motor 
generator set. Potential taps were provided at each 
end of the heater, also two taps were taken off of a 
central' portion of the heater. All the constants 
obtained were based upon the heat loss in this central 
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portion since the temperatures there were affected very The surface dissipation constant then is: 
little by the stray heat loss from the ends of the tube. 

K = ^ 

Method of Test and Theory S 


The model was first calibrated for stray loss through 
the casing and end plates. This was done by circu¬ 
lating a given current and reading the final average 
heater temperature rise as given by the change in resist¬ 
ance of the heater with the corresponding heater input 
in volts and amperes. During this test no air was 
forced through the heater. It was found that the stray 
loss was approximately proportional to the heater 
temperature rise so that only one such run was necessary 
for each tube. This loss was small in all cases ranging 
from 15 to 30 watts which was an average of 5 per cent 
of the total watts involved, so that the value of the 
stray loss did not have to be known to a high degree of 
accuracy. 

After the stray loss was obtained, runs were made 
with forced ventilation. The blower was run at a 
certain constant speed and the heater input was 
adjusted so as to give a surface rise ranging around 50 
deg. cent. After thermal equilibrium had been estab¬ 
lished the heater amperes and potential taps were read, 
together with all thermocouple readings. The tem¬ 
peratures corresponding to the thermocouple readings 
were taken from a calibration curve for the thermo-, 
couple wire used. 

The total cubic.feet of air per minute was obtained by 
knowing the watts input to the air and the resulting 
average air rise. The watts absorbed by the air equals 
the total watts input minus.the stray loss as given by 
the calibration curve corresponding to that particular 
heater temperature. The average temperature rise of 
the air was obtained from five thermocouples with the 
junctions in the outlet and intake pipes, hence: 

y _ 1.765 W 

Ta 

Where V = cubic feet of air per minute (25 deg. cent, 
temperature) 

W = watts absorbed by air. 

Ta = resulting air rise deg. cent. 

The constant (1.765) is the degrees centigrade one 
cubic foot of air will rise with the storage of 1-watt- 
minute of energy. This is based upon air as weighing 
0.074 lb. per cubic foot and a specific heat of 0.2418, all 
at 25 deg. cent, and standard atmospheric pressure 
(29.92 inches of mercury). 

The average air velocity (v) through the duct then, is: 

254 W 

V =-— 

A Ta 

Where v = average air velocity in feet per minute. 

A = cross-sectional area of duct in squareihches. 


Where K = dissipation constant in watts/square inch 
deg. cent. 

W = watts input to the air from the middle sec¬ 
tion of the heater. 

S = ventilating surface of the middle duct 
section in square in. 

Ts = average surface temperature of the middle 
duct section minus the average air 
temperature. 

For each particular duct tested, five or more tests were 
made at various air velocities and heater inputs so as to 
obtain sufficient points for plotting the curves. 

Results and Discussion 
(a) Circular ducts of various diameters, smooth 
surface. 



Fig. 9—^Watts Dibbipatidd fbom Intbriob Svbpacb op Sviooth 
Axial Dvcts showing Eppbct op Change in Diameter 

The heat transfer constant (£") plotted against air 
velocity for smooth brass tubes, diameters 5/8 to 1 
1^ inches, is shown on Fig. 9. There is little difference 
in this value of (K) for the various diameters, except 
for the higher velocities. The 7/8 inch duct gives the 
highest values and the 1 % inch duct the lowest. 

Fig. 10 gives the distribution of the air velocities 
across the 1}4 iiich diameter duct also the temperature 
distribution for the same air conditions. An empirical 
equation for {K) for the 1}{inch diameter duct is: 

g = 0.0154 g_ ^ = average air velocity in 

1 + 0.048 V lopO's feet per minute. 

The curves show pmctically a linear relation between 
{K) and (v) for air velocities up to 4000 feet per minute. 
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Tests made by the U. S. Bureau of Standards" on 
aeroplane radiators with M 11/32 inch diameter 
air cells show a heat transfer of, 

^ _ 0.0139 V 

1 +0.01351; 

This equation checks Fig. 9 rather closely up to an air 



Pig. 10—Dissipation ok Hkat kuom Axial Dooth. Tuans- 
VERSE Distribution ok Air Velo(!Itiks and Tempeuatuukk 



Pig. 11—WATI’S Dissipated from Interior Suhkace ok a 
Smooth Axi.al Duot, Same Periphery 

velocity of 4000 feet per minute. 

Tests made by H. P. Jordan^ give the following 
results: 

Diameter of copper tube 

0.506 inches.... . .K = 0.0125 v. 

1.236 inches. ................K ^ 0.0108 v. 

1.968 inches... .... .K = 0.0102 


The results were obtained by subtracting the stray loss 
at zero velocity from the losses given. The velocities 
tested ranged from 0 to 20,000 feet per tn inute. His tests 
show that the unit heat transfer {K) increases slightly 
with the temperature of the surface and air, but tests 
by the writer show that for all practical purposes the 
unit heat transfer is independent of the temperature 
over the range of 20 to 100 deg. cent. 

(b) Effect of change in shape of duct cro.ss-seetion. 

Fig. 11 gives the value of the heat transfer con.stant 

for three different shapes of ducts. All three have the 
same periphery. These curves shoAV that the oblong 
duct has a better heat transfer than the triangular or 
circular duct also the watts dissipated are more nearly 
proportional to the air velocity. 

(c) Effect of change in air flow thi'ough duct. 



Fig. 12— Watph Dikhipated from Interior SituKAOK ok 
K.MfioTH Axial Dik-t, hhowing Ekkect ok f Change ok Air Path 


A piece of 0.020-inch fullerhoard, 1% inch wide 
and 36 inches long, was placed in the 114 diameter 
duct and given a twist of two turns in its full length. 
This twist forced the air to take a helical path through 
the duct. Fig. 12 gives the results of this upon the 
heat liberated. It shows that the air was forced to 
mix more thoroughly and to scour the tube surface .sons 
to give a greatly increased heat transfer over that 
obtained with the smooth tube. 

(d) Effect of change in nature of .surface. 

Axial duets in machines are formed by stacking the 
laminations in which holes are punched so as to form a 
continuous system of ducts through the core. The 
surface of such ducts will not be smooth, due to slight 
variations in the punchings and in their stacking. To 
study the effects of this upon the heat dissipated, a 
series of tests was made with a laminated duet. 
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Punchings of 0.017-in. iron in the form of washers 
1 ^ 4 ' inches outside diameter and 114 ' in. inside 
diameter were forced in the 134 -in. tube forming a 
duct 134 inches in diameter and 36 inches long. 
Thermocouples were placed at equal intervals along 
the duct between the laminations so as to obtain the 
surface temperatures. 

Fig. 13 gives the values of the heat transfer constant 
for the smooth and laminated l l j-in. diameter ducts. 
The value of (K) for the laminated duct is appreciably 
higher than that for the smooth surface duct and is 
almost proportional to the air velocity. This shows 
that a rough surface sets up eddies in the air stream, 
disturbing the uniform air path found in the case of 
the ducts with smooth surfaces. This tends to prevent 
a flow of relatively cool air through the center of the 
duct. 

The surface of such ducts in actual machines may be 
considerably rougher (due to greater irregularities in 
the stacking) than the surface in this model duct. 
Hence, in practise, the heat dissipation constant may 
exceed the values shown. 

(e) Effect of dust depositsupon the dissipation of heat. 

Ventilated machines operating in dirty air will in 
time have a layer of dust deposited upon the ventilating 
surfaces. To show the detrimental effects of this dust 
upon the heating of the machine, the l?4-in. diameter 



Pi«. 13— ^Watts Dissipathu kbom iNTjaniou Stno-’Ac^M <ii'' 
Axial Duct, showincj Ekkkct ok Siirkack 

laminated duct was given a 0.030-in. coating of fine 
coal dust. To obtain a permanent coating of this dust 
in a short time, it was necessary to put a thin coating 
of varnish upon the surface and then to blow the coal 
dust through before the varnish dried. The coat of 
dust deposit, Pig. 14, shows a very great reduction in 
the heat dissipated especially at high air velocities. 


The dust deposit introduced an additional tempera¬ 
ture drop which is independent of the air velocity, 
depending only upon the watts per square inch which 
must be conducted through this deposit. The dust 
coating also reduced the velocity of air passing through 
the duct for a given static air pressure. Thus for a 
static air presvsure of 1},<2 inches the unit dissipation 



Fuj. 14 -Ekkioct-s ck (\)al Di'st Dkposith on tuk Dishii’a- 
TION OK 11 HAT KIIOM AxIAL DuCTS 

constant was reduced from 0.066 to 0.031 watts/sq. in./ 
deg. cent, by the dust coating. 

(f) Static Air Pressures 

The pressure required to drive the air at a given 
velocity through the axial ducts is an important factor 
in the cooling of electric machines by this system. 
Pressures were measured in the experimental model as 
shown in the sketch. Due to the relatively low 
velocity of the air in the intake and exit pipes attached 
to the duct, the static pressure measured is the resultant 
of the intake, exit and frictional losses. 

The values of these pressures obtained were: 


Type of V 


.Smooth cinmlur 1}4 in- l^hi. = 0.08(5 

» ” J4 ill. Dia. - 0.132 

” ” ill. Dia... = 0.227 i'* 

” 114 in. Dia. with papor hnlix. = 0.177 

Ijaminatiod ” 1 H in . - 0.128 

” ” 1 34in. Dia. with dii.st deposit- == 0.171 t?* 

Smooth triangular 3.93 in. poriphery... - 0.097 

” oblong 3.93 in. ” . = 0.140 r* 


Where p = the total st-atio pres-suro drop in inches of water with 
an air temperature of 2.5 deg. cent. 
j) average air velocity through the duet in lOOO’s ft. 
per minute. 
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Where 23 = the total static pressure drop in inches of 
water with an air temperature of 25 deg. 
cent. 

V = average air velocity through the duct in 
lOOO’s ft. per minute. 

The intalce opening to the ducts was designed so 
as to give practically no loss at intake so that the above 
pressures are composed of the static pressure due to 
friction losses along the duct and the static pressure 
necessary to raise the air from zero up to the average 
air velocity in the duct. With no frictional losses, 
p = 0.0615 so that the difference between the 
pressures given above and this pressure is approxi¬ 
mately the static air pressure drop due to friction in 
the 3-ft. ducts. 

.There is seen to be some relation between the heat 
transfer and the static air pressure drop for ducts of the 
same size. Thus, the heat transfer for a given air 
velocity was greater with the laminated 134-in. diam¬ 
eter duct than for a smooth surface duct of the same size, 
also the static air pressure required was greater for the 
laminated duct. Likewise, the insertion of the paper 
helix in the smooth duct increased both the heat trans¬ 
fer and the static air pressure required to force through 
a given quantity of air. 

B. Radial Ducts 

The most common method of cooling the cores of 
rotating machines is with the use of radial air ducts. 
Some advantages of the radial duct system are: 

1. Radial ducts on the rotating element act as 
blowers, hence are self-ventilating. 

2. Maximum air velocities are found where the 
losses are most concentrated; that is, in the tooth zone. 

3. The air reaches the above tooth zone before it 
has become appreciably heated and the maxi Tmim air 
temperature is found where the iron losses per unit 
volume are a minimum. 

4. Parallel ventilation of the end windings and the 
radial ducts is very simply accomplished. 

Some of the disadvantages of the radial air duct 
system are: 

1. On rotors having low peripheral speed the 
fanning action of the radial ducts is small, since the 
volume of air forced through is directly proportional 
to the peripheral speed for any given machine. 

2. The majority .of the heat due to the iron losses 
in the interior of the iron packet between two ventilating 
^ucts must be conducted to these ducts through the 
int^ehing laminations. Since the resistance to the 
flow of heat across the laminations is 30 to 50 times the 
resist^ce to the heat flow along the laminations, it is 
thus necessary to limit the length of the heat flow path 
by close spacing of the radial ducts. 

3. On high-speed machine especially induction 
motors, the Mndage noise may be excessive for certain 
applications. 

4. On machines using small widths of teeth, the 


duct opening may be too small for effective ventilation 
and may become closed in service by duct and lint 
deposits. 

- 5. On small diameter machines the air intake to 
the radial ducts in the rotor spider is apt to be restricted. 

6. The radial ducts increase the gross core length 
and hence the distance between bearings. 

Dissipation op Heat prom Radial Ducts 

The experimental determination of the heat transfer 
constants from the surfaces of radial ducts is rather 
difficult due to the erratic disturbance set up in the air 
stream by the irregular separating spacers or fingers 
and to the conductors traversing the air flow path. 
Also the cross-section of the air path is constantly 
changing due to the changing diameter. 

On machines of large diameter and shallow core 
depth the air velocity does not change much in passing 



Pia. 1.5 —Heat Tbanspbe pbom the Subface of Paballbi, 
Plates fob Vabiotjs Sefabation 

through the main portion of the core. These conditions 
cm be imitated by two hot plates spaced a definite 
distance apart with air forced through the separating 
duct. This air duct varies from M to 34 in., the 
average radial air duct being 3/8 in. thick. 

The results of tests made by the U. S. Bureau of 
Standards® on copper plate type of radiators with three 
different air separations between them are shown on 
Fig. 15. There is not a great difference between these 
three curves and it is probable that the differences 
shown for the low velocities are within the range of 
experimental error. 

Some preliminary tests^ made on two smooth parallel 
hot iron plates separated a distance of 7/16 in. are also 
shown on Fig. 15. These values are lower than those 
found above. It should be noted that in all these tests 
the heat dissipation constant is almost directly propor¬ 
tional to the average air velocity. Comparison of the 
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figures given for the 7/16-in. parallel duct with those 
given in Fig. 9 for the circular axial ducts will show 
alniost the same values. 

In the above experimental tests the air flow through 
the ducts was more uniform than that found in actual 
radial ducts. The tests given on Fig. 12 show a large 
increase in the heat transfer by a disturbance or mixing 
of the air flow in the ducts. Thus it is probable that 
the heat transfer constants given for the model radial 
ducts should be increased from 25 to 50 per cent for 
the actual values obtained in a machine due to the 


plate, supported on a 4-in. shaft which in turn was 
supported between two pedestal hearings. The heating 
element (0.057in. X 0.875in. monel metal strap) 
was wound on the outside of this drum. The tempera¬ 
ture of this winding was obtained by the change in 
resistance of a copper search coil wound in between this 
monel metal heater and the micarta drum. The heater 
straps were insulated from each other and from the 
copper temperature coil by a 0.005 in. paper sleeve. 
The outer surface of the heater, however, was bare. 
The heating element was connected to two slip rings 


presence of the conductors and the ventilating fingers. 

The fingers or ventilating spacers used in the radial 
ducts are effective not only in mixing up the air flow 
streams but they also increase the ventilating surfaces. 
Calculations will show that on the average machine the 
average temperature of the ventilating spacers is at 
least 90 per cent of the main duct surface temperatures. 
This additional ventilating surface on some machines 
will increase the effective duct surface as much as 30 
per cent. 

On machines of small diameter where the air velocity 


also the copper search coil was connected to two other 
copper slip rings. Care was taken to minimize con¬ 
tact drop by using copper leaf brushes. Also separate 
brushes were used for current and for potential taps. 
The copper temperature winding was made of 0.005 
in. X 0.250 in. copper strap and had a resistance of 
approximately 3 ohms. 

The drum as shown is surrounded by a tin housing. 
This was used in investigating the cooling of the rotor 
with forced ventilation. For self-ventilation tests 
t.hiR housing could be removed. For forced ventilation 
the air flow was axial along the air gap surface of the 


static Air. 
Pressure Tutie 


lO-Thermocouptes 
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Fig. 16— ^Apparatus for Determining the Heat Dissipa¬ 
tion PROM Rotors 

through the radial ducts is changing continuously, the 
average heat dissipation can be taken on the basis of 
the average air velocity. This is justified by the fact 
that the heat dissipation constant is practically pro¬ 
portional to the air velocity. 

C. Dissipation op Heat from a Rotating Element 

The tests previously given show that for all practii^l 
purposes the transfer of heat from the surfaces of axial 
or radial ducts is almost proportional to the average air 
velocity forced through these ducts. Experience, 
however, on the removal of heat from a rotating 
armature, for example, does not exactly agree with the 
above observed law. Also no definite data were avail¬ 
able regarding the effects of forced air convection cur¬ 
rents along the surface of a rotating element. For 
these reasons this phase of the cooling problem was 
experimentally investigated on a model rotor. 

Description of Experimental .^paratus 

A sketch of the experimental rotor is showii on Fig. 
16. The rotor proper was made of micarta tubing and 


rotor. The air was supplied from an adjustable speed 
blower. The rise of air temperature due to the absorp¬ 
tion of the loss was measured by a series of ten thermo¬ 
couples distributed across the air inlet and outlet. 

Procedure op Tests 

The first series of tests was made with self ventilation, 
with the tin housing removed, allowing^ the rotor to 
rotate in free air. With the drum rotating at a fixed 
speed the current was thrown on so as to give a tempera¬ 
ture rise ranging from 30 to 75 deg. cent. The current 
and rotor speed were held constant until thermal 
equilibrium was reached after which all readings were 
taken. 

The power was supplied by a d-c. generator. The 
watts dissipated were found from the product of the 
current and the voltage drop as m^ured by two pairs 

of copper leaf brushes on the slip rings. 

The temperature of the surface was found by the 
resistance reading of the copper temperature winding. 
This method of getting the temperature was accurate 
since there was no flow of heat in towards the center 
of the rotor after steady condition ha.d been reached, 
and the temperature difference between the two sides 
of the monel strap did not exceed Y% deg. cent. 

With forced ventilation a series of tests was made 
with the drum stationary. During each run the 
blower speed as well as the heater input were held con- 
tot. With the drum rotating at a definite speed 
a series of runs was taken with various blower speeds 
and heater inputs. This way 5 series of runs were made 
with rotor speeds Of 60, 2^^^^ 600, mO^d mOrev. 
per min. Under these different conditions the static 
air pressures were measured. 
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Discussion op Results 

Fig. 17 gives the rate at which heat is dissipated for 
self-ventilation and forced ventilation. Under self¬ 
ventilation the ordinate is obtained by dividing the 
total watts dissipated by the total surface (2470 sq. 
in.) and by the rise in deg. cent, of the surface above 
room air temperature. With forced ventilation the 
deg. cent, rise used is the rise of the heater strap above 
the average air temperature. This is equivalent to' 



Pig. 17—Dissipation of Heat prom the Surface of a 
Rotor, 25 in. Dia., 36 in. Long 


the temperature of the surface minus the adjacent 
air temperature in the air gap. 

For self-ventilation the abscissa is expressed as the 
peripheral speed of the rotor in lOOO’s ft./min. For 
the curve with forced ventilation the abscissa repre¬ 
sents the average air velocity through the air gap with 
the drum stationary. 

The cubic feet of air per minute was obtained from 
the watts absorbed and the corresponding rise in air 
temperature. 

hence 

c-y-T'- 

where y = cu. ft. of air per minute, 
where W = watts absorbed by air. 

T = rise in air temperature deg. cent. 

The curve with self-ventilation bends over with high 
rotor speeds. This indicates that some of the hot air is 
carried around with the rotor. With forced ventilation, 
however, the air is forced to pass through the duct! 
The dissipation of heat is proportional to the number of 
air moleculespassinga given surface, and to the tempera¬ 
ture difference between the surface and those air mole^ 
cules.. This is shown by the dissipation constant being 
roughly proportional to the air velocity with forced 


ventilation. The curve gives 0.004 watts/sq. in./deg. 
cent, with zero air velocity. This is due to the fact 
that there was some air le^ikage caused by convection 
currents. With self-ventilation about 0.008 watts/ 
sq. in./deg. cent, is dissipated with the drum stationary 
due to convection and radiation. 

The curve obtained with forced ventilation and drum 
stationary agrees very closely with the curve shown on 
Fig. 13 which gives the corresponding values for an 
axial duct through punchings. 

By extending the curve shown for natural ventila¬ 
tion it is estimated that with a peripheral velocity such 
as is obtained in turbo-generators of 20,000 to 25,000 feet 
per minute the dissipation constant will have reached 
its maximum value of about 0.10 to 0.12 watts per 
sq. in. per deg. cent. rise. With forced ventilation 
under the conditions shown, there seems to be no limit 
to the amount of heat which can be dissipated. In 
practise, however, there are several factors which limit 
to a certain extent the maximum air velocity, such as 
friction and windage or blower input. 

Curv^ given on Fig. 18 were all obtained with forced 
ventilation and the drum rotating at various speeds 
including the stationary run. 

It is seen that with a high rotor speed (1300 rev. per 
min.) the heat dissipation constant is practically con¬ 
stant for air velocities ranging from 2000 to 6000 ft./ 



Fig. 18—WAvrs Dissipated from the Surface op a 
Rotating Rotor (25 in. Diam., 36 in. Long), with Forced 
Axial Ventilation through a J^-in. Single Air Gap. 


min. Conversely it is seen that with the rotor station¬ 
ary this dissipation constant is practically proportional 
to the air velocity through the air gap. With a rotor 

speed of 600 rev. per min. an intermediate condition is 
shown. 

It has been explained before that the curve on Fig. 17 
found with natural ventilation indicates that particles 
of hot air ^e carried around the rotor when under 
rotation which causes the curve to bend over with high 
rotor speeds. This same condition happens with the 







June 1923 


lAJK I*]: COO LINO Ob^ ELECTRIC MACHINES 


647 


drum rotating in a stator and with forced ventilation 
through the air gap. In addition to this the rotating 
surface of the drum at high speeds with its film of 
rotating air particles ofi'ers a very high resistance to 
the axial flow of air through the air gap. 

Although these results show that with respect to the 
rotor the heat dissipation is by no means proportional 
to the average air-gap velocity yet with respect to the 
stator the conditions are entirely different and a heat 
dissipation roughly proportional to the air velocity 
is to be expected. With the high rotor speeds a high 
dissipation constant is obtained with low average axial 
air velocities. This indicates thoi-ough mixing of the 
air and good scouring action of the rotor surface. 
However, under these conditions with a long core the 
temperature of air would rise to an excessive value 
■ which would also mean an excessive iron temperature 
unless other means of ventilation of the core were used. 

Thus it is seen that under certain conditions more 
heat can be dissipated from the rotor stationary than 
when rotating with the same titmperature rise and with 
the same quantity of air through the air gap per minute. 

The air resistance along the stator is comparatively 
low so that under these conditions, high axial air veloci¬ 
ties are found adjacent to the st.ator while the axial 
air velocity adjacjent to the rotor is small. 1 hus with 
a rotor speed of 1800 rev. per min. doubling the quantity 
of air through the air gap changed the axial air velocities 
adjacent to the stationary air conduit while the effec¬ 
tive air velocity sweeping across the rotor surface was 
unchanged. 

STA'I’IC Aiu Puessure 

The disturbing influence of the rotat ing drum upon 
the flow of air through the air gup is shown by the 
static air pre.ssure curves, Fig. 10. Thus an average 
ar velocity of 3000 ft., min. through the air gap re¬ 
quires a total static pressure of 0.0 in. of water with 
the drum stationary. With the drum rotation at 1300 
rev. per min. or a peripheral speed of 8560 ft./min. 
requires 1.07 in. of water static pre.ssure to force through 
the same amount of air. Also for an average air 
velocity of 5000 ft, min. through the gap requires a 
pressure of 2.5in. with the rotor stationary and 4.34 
in., with a rotor speed of 1300 rev, per min. 

The empirical equation for these pressure-velocity 
curves is: 

p = (0,0152 ?>'* “ -H 0.1 V) V 
where p - total static air pressure drop. 

V — rotor peripheral velocity in lOOO’s ft./min. 

V — average air velocity through air gap in 

lOOO'sft./min. 

From the equation it is seen that the factor (0.0152 V 
represents the additional static air pressure re¬ 
quired to overcome the disturbing Influence of the 
rotor. The factor 0:1 V" represents the pressure re¬ 
quired with the rotor stationary. 

With a rotor peripheral speed of 20,000 ft./min., 


such as found in turbo-generators, and an average air- 
gap velocity of 5000 ft./min. the total static air pres¬ 
sure which would be required for the apparatus tested 
amounts to 9.3 inches of water. 

In machines using small air gaps such as induction 
motors it is seen that very little, if any effective venti¬ 
lation or cooling can be obtained by trying to force air 
through the air gaps. The resistance of the air path 
is too high for the static air pressures usually available. 

With the drum rotating at 1000 rev. per min. and 
with no forced ventilation the watts dissipated due to 
the natural fanning action of the rotor amounted to 
only 0.008 watts/sq./in./deg. cent, rise of rotor wind¬ 
ings, which is a negligible quantity. 



D. Dissipation op Heat prom End Windings 

The designer of rotating electric machines tries 
to reduce the length of the heat flow path in the wind¬ 
ings to a minimum. Thus the end windings of these 
machines are usually ventilated so that the copper loss 
can be liberated after having been conducted thrcmgh 
the insulating material. Due to the great surface 
available in these ventilated end windings their tem¬ 
peratures are usually lower than the imbedded vnndmgs, 
in fact many short core machines can be cooled almos 
entirely by these ventilated windings®. The tests 
described below were made for the pu^ose of investi¬ 
gating the rate of heat transfer from these windings as 

affected by air velocities and coil arrangement. _ 

(a) Desmptim of ExperimentaX Apporote: For 
investigating the cooling of a rotating end wnding dne 
to its own fanning action an experimental rotor was 




648 


LUKE: COOLING OF ELECTRIC MACHINES 


Traiusaetions A. I. E. E. 


made as shown on Fig. 20. This was a 600-volt, Class 
A insulated winding in which the core length was re¬ 
duced to a minimum. Thus the armature coil can be 
considered as two end windings connected together. 
The ventilating space between the coils was approxi- 



Cross-section of coil 
Straps £ X f 
Class A insulation 


y 171 in. 
il_L 

•0.39 in. 


Fig. 20—^Experimental Model for Determining the Dis¬ 
sipation OP Heat prom Rotating End Windings 


mately 1/8 in. and a minimum of banding wire was used 
so as to obtain the maximum ventilation. 

The determination of the heat transfer constants 
from such a winding was subject to diflSculties due to 
the irregular air flow through the windings. The 
irregularity was due to the unevenness of the coil 


The windings were all connected in series and direct 
current was circulated for heating the windings. The 
average temperature of the copper was obtained by the 
change in resistance method. 

Tests and Discussion 

The results of the tests obtained are shown on Fig. 21. 
The ventilation surface of the end coil was taken at its 
mean length of turn times the outside periphery. 
Tests were also made with the winding non-ventilated, 
that is, with the intake air cut off. The great differences 
shown by the two curves bring out clearly the impor¬ 
tance of ventilating the winding. These two curves 
given for the insulated windings show a bending over 
of the curves with increasing speed due to the thermal 
drop through the insulation. 

The similarity of the curves given for the ventilated 
winding to that given on Fig. 17 for the heat transfer 
from a rotating cylinder in free air should be noted. 

The curve shown in dotted lines is for the surface 
heat transfer and gives the values with no drop through 
the insulation, or with the insulation removed. 
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Pig. 21— Dissipation op Heat prom Surpacbs op Rotating 

End Windings 

serrations also part of the coils^ on the diamond 

^ forming a checker-board 

effect, whil^ the remamder of the coil sides were parallel 

onthfemcS^rwere made 
on this model with self-ventilation only. 


Coils- 


Coil frame 


Elevation View of one frame with 12 Coils 

Pig. 22— Experimental Model por Testing the Heat 
Dissipation prom End Windings 

(b) Test with Separate Ventilation.* In order to 
investigate more fully the ventilation of end windings, 
an experimental model was made as shown in Fig. 22. 
This model consisted of a wood frame holding the coils 
to be tested with the proper clearance between them. 
The coils were 1 in. by 2^ in. by 12 in. long. They 
were wound with a special wire heater and insulated 
with cotton tape, treated as in practise. The average 
surface temperatures of the coils were obtained by the 
change in resistance of a fine copper wire distributed 
over the sui’face of the coils. Two frames containing 
the sample coils were used. These could be arranged 
with the coils parallel and in line with each other, or 
by rotating one frame 90 deg. the coils in the two 
separate frames wotdd cross each other, foiming the 
checker-board effect such as is formed on the diamond 
portion of the end windings. 

The a.ir volume passing through the ventilating space 
of these coils was measured by the electric method 
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previously described. The average air velocities were following equation to hold for wires placed at right 
obtained by dividing the volume by the cross-sectional angles to an air stream: 
area of the ventilating spaces. 

Tests and Discussion 


( 


1.21 


-1-595 


) 


VI + 20.3!; 
10 ^ 


The results Of these tests are shown on Fig. 23. The 
values given for the 1/8-in. and 1^-in. air spaces are a 
mean value for all the curves. This one curve is not 
only common for both of these ventilating spaces but 
is also common for both coil arrangements. 

That is, the heat transfer coefficient is the same with 



Fia. 23 —Dissipation op Heat from End Windings by Forced 

Ventilation 

the coil axes parallel and at right angles to each other. 
The values given for the 3/8-in. and J^-in. air spaces 
with the coils parallel lie below this mean curve while 
the values for these spacing with the coils at right angles 
are above the mean curve. It should be noted that the 
rate of increase of the heat transfer per 1000 foot air 
velocity is practically the same as that given for the 
laminated axial ducts, Fig. 13. The curves for the 
end windings do not pass through zero for zero, air 
velocity. This ordinate represents the heat dissipated 
by natural convection and radiation. 

E. Dissipation op Heat prom Cylindrical 

SURPACES 

(a) Plain Cylindrical Surfaces. The current capac¬ 
ity of wires or cables either bare or insulated placed in 
a given air velocity stream will depend upon the rate 
of heat liberation fromtheventilatingsurface. Tubular, 
type of air coolers are also used for cooling the ventila¬ 
ting air in the closed circuit system of ventilation. 
Another application where heat is transferred from 
cylindrical surfaces is in the tubular type of air-oil 
coolers. 

The transfer of heat from cylindrical surfaces with 
forced air convection at right angles to the cylinder 
axis is much greater than the coefficient previously 
given. For example, Kennelly and Wright,« found the 


where K = heat transfer in watts/sq. in./deg. cent. 
d = diameter of wire in inches. 

V = air velocity in lOOO’s ft./min. 

These tests were made on small wires of 0.0045 in. to 
0.0272in. diameter. The above equation does not 
hold for wires larger than these. With a 0.0201-in. 
diameter wire (No. 24 B & S gage), the heat transfer 
on the basis of a 1000 foot per minute air velocity will 
be 0.303 watts/sq. in./deg. cent. 

Hughes^® tests on the heat transfer from the outside 
surfaces of copper tubes by forced air convections 
currents at right angles to the tubes are plotted on Fig. 
24. These tests show a great variation of the constants 
with the tube diameter. 

(6) Cylindrical Surfaces vnth Fins. In the tubular 
type of cooler or heat interchanger where a liquid is 
forced through the tube bore and the air flow is external 
at right angles to the tube, it will be found that the 
limiting resistance to the heat flow will be on the air 
side, due to the high rate of heat transfer on the liquid 
side. Hence it is usually advisable to increase the 



jijQ 24 —Dissipation op Heat prom the Outside Surface 
OP Copper Tubes BY Forced Air Convbctoon at Right 
Angles to Tube. 

effective air-ventilating surface by fastening metal 
fins on the outside of the tube. In this way the effect¬ 
ive ventilating surfaces can be increased several fold. 

Tests on such a cooler with 5/8 in. outside diameter 
copper tubes, equipped with 5 fins per inch of tube, are 
shown on ilg. 25* The heat transfer given is figured 
on the basis of the total ventilating surfaces composed 
of the, outside surface and the total fin surfaces. 
The fin surf ace was six times the outside tubular sur¬ 
face yet the average heat transfer coefficient is much 
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investigation on particular elements that go into the heating 
problem. 

Especially in connection with the ventilation of machinery 
we are going ahead quite rapidly. We are realizing that there 
is a distinct connection, for instance, between the character of 
flow of water and that of air, and since we use air almost ex¬ 
clusively for cooling, we can take the results of the work of 
hydraulic engineers, or apply them directly to some of our 
problems in connection with the flow of air. 

For the most part the engineer who has worked with air 
problems has considered air to be highly compressible whereas 
water is not, and therefore air could not be considered in the 
same maimer as water. Now, as a matter of fact, the compres¬ 
sion to which air is subjected in electric machinery is ordinarily 
of the order of one or two per cent or even less of the total 
pressure. Atmospheric pressure corresponds to approximately 
407 inches of water, and it is seldom we run more than ten or 
twelve inches, which is less than three per cent. 

Now, considering that very fact means that we can take 
the work of the hydraulic engineers and use their formulas for 
computation of such things as pressure drops in our machines, 
when they can be applied. We can use their method of attack 
in many eases and build up models of parts of machines and 
cause air to flow through them (or water, if it can be more 
readily used), and determine our constants, so we are better 
able to compute the air pressure drops as we can compute the 
electric pressure drops in our external networks, although, of 
course, the computation is far more difficult in the ease of the air 
circuit than in the electric circuit. Then if we determine 
experimentally the characteristics of the generator of pressure, 
that is the fan, we have solved a very large part of the ventilating 
problem, if the air circuit is in an enclosed chamber such as in 
the high-speed turbine generators. Once we have determined 
how the air flows through the machine, and the volume and 
pressure, we have gone a long ways toward solving this very 
complex problem. 

One more thing in connection with Mr. Rice’s paper; elec¬ 
trical engineers have seldom used the method of dimensions for 
solving their problems. It is a method which is quite foreign to 
most of their methods of attack. I might suggest that they look 
into that a little further, but in using that method of dimensions 
great caution must be observed because some item might be 
overlooked and the solution wfll in consequence be entirely in 
error. 

V. M. Montsin^ert In Fig. 6 Mr. Luke gives some curves 
for the dissipation of total loss from large vertical plates. Ac¬ 
cording to these curves and from 0 to 120 deg. cent, rise the loss ' 
varies approximately as the temperature rises raised to the powers 
of 1.3 and 1.36. For temperature rises used in practise I have 
found that the exponent is somewhat less than these values. 

Suppose we consider rises from 20 to 70 deg. cent, and calculate 
the exponent considering both radiation and convection. If we 
differentiate the radiation formula we can calculate the exponen- 
tial values for different values of rises for any given room tem¬ 
perature as follows: 

k (Ti* - Ti*) = (Ta - Ti)^ k 
log {Ti* - Ti*) 4- log k - n log {Ti - Ti) -f- log k 
Differentiating, we get 

^_ 4 

(^2 + Ti) (T 22 +Ti2). 


The following gives the values of n for a room temperature 
of 20 deg. cent. (Ti = 293 deg.) 


{Ti - T,) n 


10 

1.051 

20 

1.104 

30 

1.150 

40 

1.200 

50 

1.245 

60 

1.292 

70 

1.339 


Average 1.197 


Since approximately one-half the loss from a plain black surface 
is dissipated by convection and the other half by radiation and 
since the exponent is 1.25 for convection the general average 
exponential value should be about 1.225. This I find cheeks 
fairly closely with test results within this range of rises. 

In second column on the fourth page, Mr. Luke gives a formula 
for the total loss from an irregular surface. For corrugated sur¬ 
faces I have found that it is necessary to introduce a correction 
factor, say R, in the convection part of the formula to take care 
of restricted air circulation in deep corrugations. For instance, 
if we should have a corrugation 12 in. deep and with an air space 
1 in. wide the value of R is about 0.5. In other words the con¬ 
vection is only about one-half as effective within this corrugation 
as for a plain surface. This reduction is a function of the width 
divided by the depth of the air space in the corrugation. 

I hope to publish in the near future an ai'ticle dealing witli 
dissipation of loss by radiation and convection from plain and 
irregular surfaces and in which will be given a formula that will 
hold for any reasonable shape of corrugation, etc. 

G. E. Luke: Mr. Montsinger has given some data indicating 
that the dissipation of heat from large vertical plates by radiation 
and convection should vary approximately as the temperature 
rise raised to the 1.225 power or W — a where (If) i.s 
watts loss per square inch of surface and (a) is a constant. 

This equation is approximate for a given temperature range. 
The values of 1.30 to 1.36 given in the paper were averages for 
a temperature rise of 20 to 120 deg. cent. The exponents of 
(IT) based on temperature rises of 20 to 70 deg. cent, would be 
reduced and would not differ materially from the above value 
given by Mr. Montsinger. 

The exact value of this exponent is not well established, for 
example, Frank and Stephens^ give data which result in a value 
of approximately 1.31 for this exponent based on a temperature 
rise up to 70 deg. cent. To determine the exact value of this 
equation will require exceedingly aeciuate tests and will probably 
be dependent upon the conditions of test such as size and posi¬ 
tion of plate and upon the natural air convection currents found 
in the room used for the tests. 

There is no doubt but that the heat loss from a unit surface 
of a radiator or corrugated surface by natural convection will 
be less than that found from a plane surface so that a factor (/f) 
as suggested by Mr. Montsinger would be desirable in the general 
heat loss equation from such surfaces. This constant will not 
only vary with the depth of the corrugations but will depend 
upon the height of the vertical surfaces and also upon the degree 
of freedom the air has in flowing through the radiator. 

1 . “Heat Dissipation from Self Oooled Oil Pilled Transformers, ” by 
J. J. Prank and H. O. Stephens, A. I. E. E., lOii. 
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Review of the Subject.—The general problem of heal lrans~ 
fer requires a knowledge of the laws of conduction, radiation and 
convection. In 1822, Founer gave us the first thw'oughly scientific 
definition of conductivity and reduced the problem of heat conduction 
to an exact science, with a power and completeness which left little 
room for extension or improvement even to the present day. The 
law of radiation was first suggested by Stefan in 1879 as a result 
of an analysis of some experiments made by Tyndall. In 1884 
Boltzman deduced the law theoretically from the principles of thermo¬ 
dynamics and electromagnetics. Thus the laws of conduction and 
radiation have been accurately known for a long time, ivhile the 
problem of convection has received relatively little study. This fact 
is surprising when we consider the important part played by con¬ 
vection in almost all cases of heat transfer. A complete mathe¬ 
matical solution of a convection problem would require a knowledge 
of the hydrodynamic laws of viscous fluids for stream line and 
turbulent motion, combined with the Fouier equations of heat con¬ 
duction in a moving medium. At present our lack of the hydro- 
dynamic laws for turbulent motion renders a rigorous solution im¬ 
possible. Therefore in most of the theoretical work so far at¬ 
tempted the simplifying assumption of an inviscid fluid has been 
found necessary. The theoretical results obtained when viscosity 
is neglected are in general far from the experimental facts. Lang¬ 
muir’s study of the problem showed that the viscosity is a factor 
of first importance which cannot be neglected. He therefore adopted 
a film theory as an approximation. The reason for the existence 
of a film around a hot body may be seen as follows: Consider a 
horizontal wire maintained at a given temperature in a fluid, the 
fluid adjacent to the wire will become heated and rise ivhile the cooler 
fluid of greater density will flow into- its place. Thus a convection 
current is set up, by the difference in density between the hot and 
cold fluid. This condition is usually referred to as free convection. 
At the surface of the wire the fluid is stationary due to viscosity. 
As we proceed from'the surface of the wire the velocity of the convec¬ 
tion currents increase until a distance is reached at which the 
critical velocity conditions in the fluid are exceeded and the stream 
line flow bursts into turbulent motion. The discontinuity between 


the stream line and turbulent motion constitutes the outer boundary 
of the film. At the inner boundary the fluid has the temperature 
of the hot surface and at the outer boundary the temperature of the 
ambient fluid. The actual configuration of the outer boundary is 
unknown. As ait approximation we might assume that it was an 
eccentric ellipse or cylinder', etc., and determine the size and eccen¬ 
tricity so as to best fit the experimental results. For ease of calcu¬ 
lation Langmuir adopted the simplest approximation and assumed 
that the outer boundary of the relatively stagnant film was a cylinder 
concentric with the wire. He thus reduced the hopelessly complex 
problem of convection to one of conduction in the steady stale. 

The question of how the film thickness varies with the size and 
shape of the body and properties of the ambient fluid is determined 
by the method of dimensions plus experiments. Raleigh has fre¬ 
quently pointed, out the great power of the method of dimensions 
in obtaining the solution of physical-problems. He says—“It often 
happens that simple reasoning founded upon this principle tells us 
nearly all that is to be learned from even a successful mathemalical 
investigation, and in numerous cases where such a mathematical 
investigation is beyond our powers, the principle gives us informa¬ 
tion of the utmost importance.” As already stated, the problem of 
convection is at present beyond our reach and therefore we have to 
be content with the information which we* can obtain from the 
method of dimensions. 

Recently Davis has attacked the problem by dimensional methods 
starting from certain general hydrodynamic considerations which 
do not lake into consideration the existence of a film. . In the present 
papers on Free and Forced Convection Langmuir's film theory has 
been extended by dimensional analysis and it is felt that the results 
obtained give a clearer insight into the mechanism of convection, as 
well as more useful equations. An attempt has also been made to 
bring together the available data and correlate them as far as possible. 
A striking example of the practical results which may be expected 
from a thorough understanding of the laws of conduction, radiation 
and convection is found in Langmuir's gas filled lamps. His study 
and application of these laws allowed him to more than double the 
efficiency of the incandescent lamp. 


FREE CONVECTION OF HEAT 
I. Introduction 

RIGOROUS mathematical solution of a problem 
in free convection would require an exact knowl¬ 
edge of the hydrodynamic laws of viscous fluids 
for stream line and turbulent motion, combined with the 
Fourier equations of heat conduction in a moving 
medium. The problem of turbulent fluid motion has 
been attacked by Stokqs, Kelvin, Rayleigh, Reynolds 
and others without as yet having reached a satisfactory 
solution. A summary and discussion of their work 
may be found in Lamb’s Hydrodynamics.^ 

1. Horace Lamb, Hydrodynamics Camb. Univ. Press 3rd 
Edition, p. 691. 

Presented at the Annual Convention of the A. I. E. E., 
Swdmpscott, Mass., June 26-29,1928. 


In most of the theoretical work so far attempted on 
convection the simplifying assumption of an inviscid 
fluid has been found necessary. A summary of this 
theoretical work on beat transfer, with numerous 
references, may be found in Russell’s® valuable paper. 
Langmuir® preferred to retain the idea of viscosity as a 
factor of first importance and therefore adopted a]jfilm 

2. AIgx. Russell, Phil. Mag. Vol. 20, pp. 591-610, Oct. 1910. 

3. a. Irving Langmuir Phy. Rev., Vol. XXXIV, No. 6,Jfp. 
401,1912 

b. Irving Langmuir, A. I. E. E., Vol. XXXI,lPart 1, 
p. 1229,1912. 

c. Irving Langmuir, A. 1. E. E. Vol. XXXII, Part ^ 
p. 301,1913. 

d. Irving Langmuir, Trans. Am. Elec. Chem. So 
XXIII, p, 299,1913. 
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theory as his approximation. More recently Davis* This can be written 
has attacked the problem of convection by the method ^ , 

of dimensions starting from certain hydrodynamic —j - — = — kdt 

considerations. ^ x D r 


(3) 


II. Langmuir Film Theory of Convection 

When a horizontal wire is maintained at a given 
temperature in a fluid, the fluid adjacent to the wire 
becomes heated and rises while the cooler fluid of greater 
density flows into its place. Thus a convection current 
is set up by the difference in density between the hot 
and the cold fluid. At the surface of the wire the fluid 
is stationary since the viscosity requires that there is no 
slip at the boundary between the wire and the fluid. 
As we proceed from the surface of the wire the velocity 
of the convection currents increase until a distance is 
reached at which the critical velocity conditions in the 
fluid are exceeded and the stream line flow bursts into 
turbulent motion. The discontinuity between the 
stream line and turbulent motion constitutes the outer 
boundary of the film. At the inner boundary of the 
film the fluid has the temperature of the hot surface and 
at the outer boundary the temperature of the ambient 
fluid. In order to simplify this picture for purposes 
of calculation Langmuir assumed that the outer bound¬ 
ary of the relatively stagnant film of fluid was a 
cylinder concentric with the wire, and of a definite 
diameter. He thus reduced the complex problem of 
free convection to a problem of conduction in the 
steady state. 

The general equation for the conduction of heat after 
the steady state has been reached is 

W = (A/L) k A t watts (1) 

where W - watts of heat flow 

A - Area of cross-section of heat flow path 
in square cm. 

L = Length of heat path in cm. 
k = Heat conductivity of medium expressed 
in watts per cm. per deg. cent. 

A t - Temperature difference causing the heat 
flow in deg. cent. 

For the case of free convection from a wire, we sub¬ 
stituted the problem of conduction between concentric 
cylinders as illustrated in Fig. 1, the inner cylinder 
being at the tempera.ture of the wire and the outer 
cylinder having the temperature of the ambient fluid. 
Applying equation (1) to the element dr we obtain 
for the total heat flow for a length of L cm. 

W = - —kdt watts (2) 

4. a. A. H. Davis, PM. Vol. 40, p. 692,1920. (Paper 
dealing with Free and Forced Convection). 

b. A. H. Davis, PAiZ. Afa^., Vol. 41, p. 899,1921. (Paper 
dealing with Forced Convection for Cylinders and a relation to 

e mechanical resistance to flow). 

c. A. H. Davis, PAi'Z. Afa^., Vol. 43, p. 329,1922. (Paper 
Free Convection from Cylinders). 

d. A. H. Davis, Phil. Mag., Vol. 44, p. 920 and p. 940, 
1922. (Papers on Free and Forced Convection). 


Integrating between limits r = D/2 and r = b/2 and 
t = Ti and t = Ti 


W 

2t L 


r=bl2 

r^DI2 


d r 
r 



(4) 


If the heat conductivity k is independent of tempera¬ 
ture we obtain 


2^ loge b/D = (Ta - Ti) k (5) 

Now if A: is a function of the temperature as is the 




Fig. 1 ^Fbeb Convection in (^abes and Liquids 


case in all real fluids we go back to equation (4) and 
obtain after integrating the left hand side and inter¬ 
changing the limits of integration for T 

2 ttL 

Langmuir has used the following abbreviation for 
the thermal conduction 

T 

<P = j'kdt watts per cm. (9) 

0 

where 

T = Absolute temperature of fluid iii deg. K. 
k = Heat conductivity in watts per cm. per deg. cent. 
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If the heat conductivity k is given in calories per 
second per cm. per deg. cent, then we have 

T 

= 4.19 J* fc d i watts per cm. (10) 

0 

Langmuir has also put 


2 TT L 
log* 6/D 


cm. (11) 



Jlfi'Ti Byi/f/oar 

7^ O'J^iOO/^ 


a-jyn oty/'^/^r.4fAf ira4^Ajia iM4Aj.a 
TV Mtit />reef-/nte 

ATet^TS^ jecTiiWa,' 

7taATeTfATA/rsxrermnoAoruM 

^ T»£A‘/Ae< coi/i“LeA /AXjtitn^eA oa eyMi/eiBA‘ 


Fig. 2—Free Convection Tests in Cask 



Pig. 3 


and called it the “Shape Factor." The factor S 
might also be termed the “Shape Conductance" since 
it measures the ease with which heat is conducted 
through a body of given form without reference to the 
intervening medium. 

By the definitions of ^nations (11) and (9) we may 


write equation (8) in the following abbreviated forai 
W = S(<p2- <Pi) (12) 

or putting <pi — <pi = A (p 

W = S A(p watts (13) 

Calculation op “Shape Conductance" 
Langmuir has pointed out that all problems in 
steady heat flow can theoretically be reduced to the 
form given by equation (13). 

This “shape conductance" is the same as the “shape 
capacity" in electrostatics or “shape permeance" in 
the magnetic circuit, provided Heaviside units are 
used, or as the “shape conductance" in the electric 
circuit. In brief, the shape conductance has the same 
value for that large class of problems which are governed 
by the divergence theorem and the Fourier-Ohm law. 
The combination of these two laws results in Laplace’s 



Fig. 4—^Phee Convection on Tests in Oven 


equation and therefore to determine the shape conduct¬ 
ance we require the solution of Laplace’s equation so 
as to fulfill the boundary conditidfes imposed by the 
problem. It is not in general possible by known 
mathematical methods to obtain the required solution 
except for a relatively few simple geometrical forms. 
These will be found in works on Electricity and Mag¬ 
netism, Hydrodynamics, Heat and Sound. Some 
further useful shapes have been calculated by methods 
of approximation in a paper by Langmuir,^ Adams and 
Meikle. Reference may also be made to a paper^ by 
the present writer in which an experimental method of 
obtaining the solution of any flow problem is discussed. 

4. Irving Langmuir, E. Q. Adams and G. S; Meikle, Plow of 
Heat Through Furnace Walls, Trans. Amer, Electro Cherri. Soc., 
Vol. XXIV, p. 53, Sept. 1912. 

5. Chester W. Rice, A. I. B. E., Vol. XXXVI, p. 905, 1917. 
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For the purpose of easy reference the shape conduct¬ 
ances for the three simplest geometrical forms are given 
below. 

I. Parallel plane surfaces 

S = A/t cm. (14) 



Fig. 5 


where D = Diameter of inner sphere in cm. 
b = Diameter of outer sphere in cm. 


Calculation of the Thermal Conduction (p 


To calculate the function (p for different absolute 
temperatures it is necessary to express the heat con¬ 
ductivity of the gas or liquid as a function of the 
absolute temperature. 

Due to the meager amount of experimental data 
available on the heat conductivity of gases as function 
of temperature compared with that available on the 
variation of viscosity with temperature, Langmuir®^ 
preferred to calculate the heat conductivity k from the 
following relations supplied by the kinetic theory of 
gases 


k = M fjLCv 


cal. X cm. 
cm^ X ®C X sec. 


(17) 


where M = constant depending on the number of 
atoms forming the gas molecule. 

IJL = Viscosity of gas in c. g. s. units 



where A = Area of surface in sq. cm. 

t - thickness of material between surfaces in 
cm. 

II. Concentric cylinders 

^ - " log. 6/D <=“• 

where L = Length of cylinder in cm. 

b = Dianieter of outer cylinder in cm. 

D = Diameter of inner cylinder in cm. 

III. Concentric Spheres 

C _ 2 TT 

1/D - 1/6 


Cv = Specific heat per gram at constant 
volume. 

For the variation of viscosity with temperature he 
used Sutherland's equation which is 

Z Ti /2 dynes X cm 
1 -h C/T cm per sec. X cm^ 

Where K and C are constants which depend on the 
nature of the gas 

T = Absolute temperature of gas in deg. K 

For the variation of the specific h^t with tempera- 
ture he use d the values given by Pier ^ of the form 

6. M. Pier, Z. /. Electrochem 16, p. 536.1909 aad 16, p. 899 
1910. ’ 


cm. 


(16) 
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Cv=F{l-^aT) 

cal, per gram per deg. cent. (19) 
Where F and a are constants of the gas 
T — Absolute temp. deg. K 
For air F = 0.1614; a = 0.0002 
F = 2.21 ;a = 0.0002 
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i =A(l + ar)^^^ 

Watts per cm. per deg. cent. (21) 
which is the relation in the form used by Langmuir in 



Fia. 7 

COi F * 0,124 ;a = 0.00096 (Below 1100 calculating the values of the function <p. We have 

deg. K.) from equations (9) and (21) 

Substituting (18) and (19) in (17) he obtained for 
the heat conductivity of the gas as function of tempera- . FT,.. . ms 

ture. 


T T 

(p = ^ k dt = A ^ + aT) ^c/T ] ^ 




( 22 ) 


and since it is only for large values of T that the tem- 
Cal. per sec. per cm per deg. cent. (20) perature coefiScient a is important it can be shown that 
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/l/n^>hf-Tern/»*ricit«rc *5^ 

Fig. 8 


From which we obtain 
^ = A (1 + 0.6 a T) (2/3 ~2C 

+ 2C3/2tan-i V2W (24) 
The values of the constants taken and the corresponding 
values of <p have been tabulated for air, hydrogen, 
mercury vapor, nitrogen, carbon dioxide by Langmuir. 
His values for air, hydrogen and carbon dioxide have 
been used in the present work and have been repro¬ 
duced here in Figs. 9,10 and 11. 

Instead of equation (17) we could use the more 
complete form given by Jeans. ^ 
k = 1/4 (97—5) nCv Cal. per sec. per cm. per deg. cent 

(25) 

where 7 = Cp/c„ ratio of specific heats. 

For the variation of viscosity with temperature we 
could use the simpler expression given by Jeans^ page 
302. 

M = Mo (T/273)” (26) 

Where mo = viscosity at 0 deg. cent. 

n = exponent depending upon the gas. 

For air % = 0.754; Hi, n = 0.69; CO 2 , n = 0.98. 

If we now substitute equations (26) and (19) in 
(25) we obtain. 

k = 1/4 (97 - 5) Mo (T/273)« F {1 + a T) 

(27) 

If we place 

N = 4.19 X 1/4 (97- 6) X F X (l/273)« 

X Mo 

We obtain 



^ /#*' J*** ^ ^ 


(22) may be written with sufficient approximation as 

T^f^dT 


= A (1 4-0.6 a T) 


/ 


h = N +a T)T^ 

_^ watts per cm. per deg, cent. (28) 


1 -h C/T 


(23) 


7. Jeans. Djrnanuoal Theory of Gases, Camb. IJniv. Press, 
Second Edition^ p. 318,1916. 
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Fig. 10 





f/(SO/?£ // 


From^which 

For the purposes of approximation we may assume 
n =1.1 in the parenthesis and obtain 

,p = ^ ^ j ■ a + 2/3a2’)r»+‘ (30) 


For air we have the following values 

Mo = 0.0001705 c. g. s. units 
F = 0.1614 
7 = 1.40 
n = 0.764 

O' = 0.0002 

Substitute these values in eq. (29) we obtain for air 
<Pair = 1.825 X 10-« (1 + .0001275 T) (31) 

This curve is parallel with Langmuir’s between 300 
deg. K. and 1000 deg. K. and gives approximately 5 
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per cent higher values. In this range the maximum 
variation in A ^ is approximately 4 per cent. 

Above 1000 deg. K. the two curves diverge slowly 
and at 2500 deg. K. this value of (p is approximately 
18 per cent greater than Langmuir’s. Jeans'^ points 
out that Kamerlingh Onnes finds very definitely that 
the viscosity of helium between — 258.1 deg. cent, and 
183.7 deg. cent, cannot be represented by Sutherland’s 
formula with anything like the accuracy given by the 
simple relation of equation (26). More data on the 
viscosity of gases at very high temperatures will be 
required before any definite conclusion as to the best 
form of equation can be settled. In the following work 
we have adhered to Langmuir’s values of (p, 

Langmuir® found that this very simple assumption of 
a film theory enabled him to obtain excellent agreement 
with his experiments made on small wires over a very 
wide range in temperature and in different gases. He 
found that the film thickness in a given gas was in¬ 
dependent of the wire temperature and merely de¬ 
pended upon the ambient temperature and pressure. 

E. Q. Adams and Langmuir®®^ then developed the 
following relation to connect the film diameter with 
the wire diameter: 

log. 6/D = ( 32 ) 

where h = outer diameter of film in cm. 

D = wire diameter in cm. 

Bo = The film thickness in cm. for a plane 
surface in the same gas having the 
same ambient temperature and pres¬ 
sure. For air at 20 deg. cent, and 
76 cm. Hg, Bo = 0.43 cm. 

Langmuir’s experiments on small wires were not 
suitable for obtaining a definite answer to the question 
of the variation of film thickness with the properties 
of the ambient gas. 

III. Film Thickness by the Method of 

Dimensions 

Let us now see what the method of dimensions 
tell us about the variation of film thickness with the 
shape of the object and properties of the ambient fluid. 
Rayleigh® has frequently pointed out the great power 
of the method of dimensions or the effect of scale upon 
physical phenomena, in obtaining the solution of 
physical problems. He says—-“It often happens that 
simple reasoning founded upon this principle tells us 
nearly all that is to be learned from even a successful 
mathematical investigation, and in numerous cases 
where such a mathematical investigation is beyond 
our powers, the principle gives us information of the 
utmost importance.” 

The most complete discussions of the principle of 

8. Nature, Vol. XXXII, p. 314,1885 or Sci, Papers, Vol. II, 
p. 424, 1881-1887. 


dimensions which the writer has seen are those of 
Buckingham.® 

Assume that the film thickness de;pends on the vis¬ 
cosity of the gas and the density, for it is the viscosity 
that causes the existence of the film and it is the motion 
set up by the action of gravity on the difference of 
density between the hot and cold gas that keeps the 
film from becoming indefinitely large. Obviously the 
motion will also depend upon the shape of the hot body. 
If these factors are all which have an influence on the 
film thickness B in free convection, the method of 
dimensions tell us that 

B = (g, h, p, D,ri,r 2 . . . ) (33) 

where B = Film thickness (L) 

g = Accelerating force of gravity (L T-~) 
jn = Viscosity of fluid (L“i M T'O 
p = Density of fluid (M L-®) 

D = A linear dimension in terms of which all 
shape factors may be expressed (L). 

Ti, = Numerical ratios describing the form of the 
hot body in terms of D and condition of 
fluid in terms of p and p. 

In the case of a wire we might select the diameter as 
reference linear dimension D and then express the 
roughness as one tenth of the diameter. The form of 
the stream lines or tubes of flow around the cylinder 
will also be expressed in terms of D. Other ratios will 
state the relation between the density or viscosity near 
the wire surface to that at a great distance. 

The method of dimensions now states that the film 
thickness may be written in the following form in which 
all of the numerical ratios have been lumped in the 
single constants since the method of dimensions cannot 
tell us anything about numerical multipliers 

B = Kg^ pyD^ p” (34) 

Substituting the dimensions of the various factors in 
equation (34) we obtain 


(L)i = (L r-2)* (L-i M T-^)y {Ly {M L-®)" (35) 

If this is to be a true physical equation the dimensions 
on the two sides must be the same. Therefore 


ByL; 

1 

= X - y + z- 

3 n ■ 


ByJkf; 

0 

= y + n 


(36) 

ByT; 

0 

=- -2x- y 

4 

1 equation 

(36) as simultaneous 

1 equations in 

n, we 

obtain 



X 

= n/2 




y 

= — n 




z 

_ 2 -|- 3 TC j 

* 

(37) 


Substitute these values Qf the exponents in (34) and 
obtain 


2 + 3 « 

B = K g”/® fj, -” D ^ p” 


(38) 


9. E. Buckingham, Journ. Wash. Acad. Sci., Vol IV No 
13, p. 347, July 1914. : ' 

Bucldngliam, Pky. Rev. N. S., Vol. IV, No. 4, p. 345, Oct 1914 
Buckingham, PhU. Mag. Vol. 42, No; 251, p. 696, Nov. 192l! 
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Since we know from physical considerations that the 
film thickness will increase with /x and decrease with p, 
n must he negative or substitute n = - m and get 

2 —3wt 

B = K (ii/py*' D 2 /gm/Z cm, (39) 

This is the general equation for the film thickness. 
Let us now see the effect of trying certain special values 
of m in this equation and substituting them in the 
general heat flow equation (1) which is 

W = (A/B) k At (40) 

If m = 0 B = K D (41) 

Here we may associate D with the spacing between 
parallel surfaces and putting K = 1 obtain the condi¬ 
tion for a problem in pure conduction or, 

W = (A/D) k A t (42) 

If . w = 1/2, B = K VmTp ■ (43) 

If we associate D with the diameter of a cylinder of 
length L we obtain 

W = ^ jc A t watts (44) 

which is a possible relation for the free convection from a 
cylinder in which the film thickness is small compared 
with the diameter and for small temperature differences. 

If we associate D with the diameter of a sphere in 
equation (43) we would write A = and obtain 

W = -Vp/m k At watts (45) 

Here we have a possible relation for the free con¬ 
vection from a sphere in which the film thickness is 
small compared with the diameter and the temperature 
differences are small. 

Ifm = 2/3, B = (p/pyi^ (46). 


W = {p/pY>^ k A t watts (47) 

Here the film thickness is independent of the size of 
the body. This is the relation which we might expect 
to hold for a plane surface provided considerations of 
stability permit. 

Ifm = l B = Kip/p)(^-^) (48) 

Here we see that the greater the size of the object, 
the thinner the film. This looks more like a “draught 
effect” than ordinary free convection. We might as¬ 
sociate D with the diameter of a short vertical tube 
whose length is a constant C times the diameter. We 
would then have 

A = ttDxCD (49) 

and obtain 


W = ^^ (dM k A t 


This is a possible relation for the convection in a short 


vertical tube of limited length under the conditions 
that the film thickness is small compared with the 
diameter and for small temperature differences. 

For large temperature differences and thick films we 
obtain the following for the case of long cylinders from 
equation (8) 

We = ""^ watts convection (51) 

10&-5— 

Similarly for spheres we obtain from equation (16) 

We =- ^ ^ ^ - watts convection (52) 

~2 B -yD 

In these relations the film thickness has the form 
given by equation (39). To determine the exponent 
m and the constant K it is necessary to appeal to 
experiment. For convenience in determining the 
exponent from the experimental data equation (39) 
may be put in the following non-dimensional form 

By substituting the experimental data for the free 
convection from cylinders in equation (51) we can solve 
for the film thiclmess B. 

The boundary of the film occurs at the point in the 
fluid where the velocity of the stream line motion 
exceeds the critical velocity in the fluid. Osborne 
Reynolds^" has shown that the critical velocity is 
govmied by the properties of the fluid. For the case 
of pipes he obtained 

u. 

= M —cm. per sec. (54) 
p D 

Where M = numerical constant (approximately 2500). 
p. = viscosity of fluid c. g. s. units 
p = density of fluid grams per cu. cm. 

D = Diameter of pipe in cm. 

Since the fluid is practically at the ambient tempera¬ 
ture when it bursts into turbulent motion, it seems 
reasonable to assume that it is the ambient tempera¬ 
ture and not the wire temperature which is the con¬ 
trolling factor. Langmuir’s work appears to amply 
confirm this assumption. We may now plot the non- 
dimensional relation 

B/Dvs. (55) 

on log log paper for all of the available data and should 
find that the points fall on a single curve. The expo¬ 
nent m for a certain range is the slope of the curve in 
the range considered. Having determined the expo¬ 
nent m the value of the constant K is determined from 
equation (53). 

10. Osborne Reynolds, Phil. Trans. Roy. Soc., Part III, p. 
935,188.3 also Phil. Trans. Roy. Soc. A part I, p. 123,1895. 
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IV. Experimental 

Free Convection from Large Horizontal Cylin¬ 
ders IN Air 

The following tests on the free convection from large 
horizontal cylinders were undertaken to extend the 
available data into the region where the film thickness 
is small compared with the cylinder diameter. Under 
this condition the law of variation of the film thiVVnpss 
can be most accurately tested. The cylinders used 
consisted of heavy wall, polished, silver plated copper 
tubes provided with internal electric heating units. 
The units were constructed by first winding two layers 
of mica paper tape on a brass tube of proper size and 
then winding it with nicrome ribbon, after which, two 
more layers of mica paper tape were applied. This 
brought the outside diameter lip to a point where it 
was a snug fit into the copper tube. The spacing be¬ 
tween the turns of the nicrome ribbon was approxi¬ 
mately mm. Four nicrome-ideal thermocouples 
were provided to measure the cylinder temperature. 
The couples were silver soldered into small copper pipe 
plugs which were later screwed into holes which had 
been tapped in the copper tube. Three of the couples 
were situated along the top of the tube, one in the middle 
and one about 10 cm. from each end, the fourth was 
at the bottom of the cylinder in the middle. The 
dimensions of the cylinders were as follows: 

1. Large cylinder, 11.35 cm. outside diameter, with 
a wall thiclmess of 0.635 cm. and 152.5 cm. long. 

2. Medium cylinder 5.56 cm. outside diameter with 
a wall thickness of 0.476 cm. and 122 cm. long. 

3. Small cylinder, 4.28 cm. outside diameter with a 
wall thickness of 0.635 cm. and 122 cm. long. 


Free Convection Tests in Cask Using Air 

The effect of reduced air pressure was studied by 
placing one of the cylinders a little below the axis of a 
large wooden cask arranged for evacuation. The cask 
was built of paraflin-treated wood and was 1.8 meters 
inside diameter by 2.1 meters long. The inside of the 
cask was lined on all sides, except the ends with water 
pipes for the piupose of controlling the ambient 
temperatm’e. A heavy pressboard lining was placed 
inside of the cooling coils. The ambient temperature 
was measured by specially calibrated copper resistance 
detectors of the three lead t 3 T)e. The normal resistance 
of the detectors was approximately 10 ohms. A differ¬ 
ential meter was used in connection with the detectors 
which read the temperature directly in deg. cent. The 
location of the detectors and cylinder in the cask is 
shown in Fig. 2. Fig. 3 is a photograph of the set-up. 
Power was supplied to the heater from a direct-current 
source through small bare copper wires (approx. 0.075 
cm. diam.). A similar pair of small wires was provided 
for measuring the voltage drop across the heater. The 
ammeters and voltmeters used in the tests were care¬ 
fully calibrated. The potential differences developed 
by the nicrome-ideal thermocouples on the cylinder 
were measured by a portable potentiometer. The 
pressure difference between the air in the cask and the 
outside was measured with a mercury U-tube. A 
standard barometer on the same floor of the building 

was used to reduce the pressures in the cask to absolute 
values. 

Tests were made on the large and small cylinders in 
the cask. Table I is a sample data sheet from which 
an idea of the duration of the tests, variations in tem- 
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perature, etc. can be judged. Table II is a summary 
of the points obtained with the large cylinder in the 
cask. The average temperatures are here recorded. 
The radiation correction was calculated from the 
Stefan-Boltzman law which may be written^® 

Wr = 5.7A E [ (T/lOOOy - (To/lOOO)! ] watts (56) 

Where 5.7 = Black body radiation constant 

A = Area of radiating surface in sq. cm. 
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E = Relative emissivity of surface 
T = Absolute temperature of hot body deg. K 
To = Absolute temperature of surroundings 
deg. K. 

An emissivity of three per cent was assumed for the 
polished silver surface of the cylinders. This is the 
mean value given by Langmuir^*^ between 325 deg. K 
and 900 deg. K. 

Table III is a summary of the data obtained with the 
small cylinder in the cask. 

Free Convection Tests in Oven Using Air 

The effect of ambient temperature on free convection 
was studied by placing the medium cylinder in a large 
oven which was provided with heating units at the top 
and bottom. The units could be operated together or 
separately. Fig. 4 is a skeleton view of the oven set 
up and Fig. 5 is a photograph of one of the ovens. 
Preliminary tests showed that large convection cur- 
rente were set up in the oven which vitiated the results, 
when both heating units were operated. Subsequently 
all teste were made using the top unit only. Another 
point observed in the preliminary teste was that the 
radiation from the heating unit seriously affected the 
readings of the copper wire temperature detectors. 
The writer therefore, resorted to a network of 0.010 in. 
diam. (0.0254 cm.) bare polished silver vdre for the 
purpose of determining the ambient air temperature. 
One net work was placed about 20 cm. below, and 
another 20 cm. above the cylinder. A third on the 
level with the cylinder passed alternately over and 
under the cylinder. The silver wire was supported 
at the ends and in the middle on asbestos strings. 
Table IV is a sample record sheet. The resistance 
of the silver wire detectors was measured by a portable 
(Leeds and Northrup) bridge which was checked against 
a standard. The resistance of the detectors at 0 deg. 
cent, was determined from the relation 


Rq 


Ri 
1 + 


ohms (57) 


where jKi = observed resistance of detector at tempera¬ 
ture h deg. cent. 

a = 0.00344 the temperature coefficient of a 
sample of the silver wire determined 
experimentally. 

In determining the Ro the oven was left closed over 
night without heat and the ambient temperature U 
determined as the average of the ten copper resistance 
detectors. The temperature for another value of 
resistance was then obtained from the relation 

^ gent. (58) 

Oi JtCo 

Table V is a summary of the Ro determination?. 
Table VI is a summary of the data obtained in th(B 
oven. 
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V. Analysis of Experiments 
Effect of Cylinder Temperature 

In Fig. 6 the watts convection for the small cylinder 
have been plotted against the corresponding values of 
A fp. Here the ambient temperatures are approxi¬ 
mately constant and therefore if the film thickness is 
independent of cylinder temperature a linear relation 
betweeh and A ^ is to be expected from equation 
(51). Fig. 6 shows this to be the case for the three 
low temperature points. The high temperature points 
show too large values of for the values of A 9 ?. 
Fe^ng trouble fronoL oxidation all the low temperature 
points were taken first and the high temperature points 
last. After the test was completed and the cylinder 
inspected, it was found to be badly tarnished. This 
undoubtedly greatly increased the radiation which 
accounts for the higher points being considerably off 
the curves. 

Effect of Air Density 

To determine the relation between air density and 
free convection the watts convection per cm. of length 
per deg. cent, temperature difference have been plotted 
against the air pressure on log log paper in Fig. 7 . 
If equation (44) applied strictly the convection loss 
would ba proportional to the square root of the air 
density, since from the kinetic theory of gases, we know 
that both the heat conductivity and viscosity are 
independent of density. For small temperature dif¬ 
ferences the appropriate value of heat conductivity 
may be taken as the average value of the heat con¬ 
ductivity for the fluid at the cylinder temperature and 
the ambient temperature, since for small temperature 
differences we have 

^avg A t ~ (p 


Fig. 7 shows that equation (44) is approximately ful¬ 
filled. To see the variation of the film thickness with 
the air density the small cylinder points have been 
calculated from equation (51) assuming the film thick¬ 
ness determined by the air density for the ambient 
temperature. The straight lines in Fig. 7 drawn to 
represent the mean values of E as function of air 
density are square root lines. These lines are not the 
best average lines, but do not depart more than about 
10 per cent from the worst points. 

Effect of Ambient Temperature 
In Fig. 8 the watts convection per deg. cent, for the 
high and low temperature points obtained from the 
oven tests have been plotted against the ambient air 
temperature. We see from this that the convection 
increases with the ambient temperature. The equation 
for the film thickness on the assumption that m = 1/2 
is 

B = K Vm/p ^D/g (60) 

The density of a gas as function of the absolute 
temperature is 

P = Po (273/r) grams per cu. cm. (61) 
where po = Density of gas at 0 deg. cent, and 76 

cm. of mercury in grams per cu. cm. 

T = Absolute temperature deg. K. 

The viscosity is given by equation (26) with sufficient 
accuracy as 

P = Mo (T/273)” c.g.s. units (62) 

where po = viscosity of gas at 0 deg. cent, in 

c. g. s. units 

T = Absolute temperature of gas deg. K. 

n = Exponent depending on the gas. 

From the above relations we obtain 

-, __ »-i~i 

Vm/p = Vmo/po (T/273) 2 


(59) 


( 63 ) 
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Using the following values for air, 

Mo = 0.0001705 c. g. s. 

Po = 0.00129 grams per cu. cm. at 76 cm. 

Hg. 

n = 0.754 
we obtain for air 

VWf> = 0.364 (r/273)o*s78 (64) 

Prom the oven tests we have for the average ambient 
temperatures for the high and low points the following: 

High temperature, T = 103.2 + 273 = 376.2 deg. K. 

Low temperature, T = 28.8 + 273 = 301.8 deg. K, 

By equation (60) and (64) the ratio of the film thick¬ 
ness as determined by the ambient temperature will be 

Oalc. cent./B%'idc,u, cent. 

= (376.2/301.8)'’-»’« = 1.21 (65) 

We may now compare this with the values of B 
determined from the experiments as calculated from 
equation (51). 

For the low temperature point we have, from Fig. 9. 
Cylinder 82.3 deg. cent. = 355.3 deg. K. <p 2 = 0.053 
Ambient 28.8 deg. cent. =301.8 deg. K. = 0.039 


W c =83.7 watts 


Iog« 


2B +D 
D ' 


2 TT L A <p 
Wc " 


A <p = 0.014 


2 TT X 122 X 0.014 
83T7 


The anti-log then gives 

2B + D 
D 


1.137 


0.128 


and B»>i,iv (/• ecut' — 0 . 37 ( 66 ) 

For the high temperature points we have 
Cylinder 150.4 deg. cent. = 423.4 deg, K, ^2 = 0.0747 
Ambient 103.2 deg. cent. = 376.2 deg. K. = 0.0152 


W, = 85.0 = 0.0152 

from which we obtain 

BioHi/ey. ccn/. “ 0 . 41 cm. (67) 

This gives as the experimental ratio 

Fxp. ^mnl’ /B'ujdfO' ei!nl> — 1.11 (68) 

This value shows the right trend but is 9 per cent too 
low. The check, however, is considered satisfactory, 
considering the accuracy of the experiments. 

VI. Summary of Available Bata on Free 
Convection from Cylinders 
Gases 

The data used have been converted into watts con¬ 
vection per cm. length of cylinder. A radiation cor¬ 
rection has been made where necessary, using the 
values of emissivity given by Langmuir*'^’. The watts 
convection have then been plotted against A ^ as in 
Fig. 6 . By this means we obtain an average of all the 
points for a given wire size having the same ambient 


conditions. The values of watts convection for a given 
value of A ^ read off the curves are those given in 
Table VII. Langmuir’s values of <p as given in Figs. 
9, 10 and 11 have been used. 
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The data by Langmuir®'^ were taken in practically 
open air, using small platinum wires. Wire tempera¬ 
tures up to 1600 deg. cent, were used with an ambient 
temperature of 27 deg. cent. 

Ayrton and Kilgour^^ worked with small platinum 
wires in air at temperatures up to 300 deg. cent, with 
an ambient temperature in the’ vicinity of 10 deg. cent. 
In these experiments the wire was placed in the axis 
of a water jacketed cylinder having an internal diam¬ 
eter of 5.08 cm. diameter. 

Petaveh® worked with a platinum wire 0.1106 cm. 
diameter in the axis of a water cooled cylinder 2.06 cm. 
diameter. Wire temperatures up to 1100 deg. cent, 
were used with an ambient temperature of 16 deg. 
cent. His tests ranged from a pressure of 1/10 to 100 
atmospheres in air, oxygen, hydrogen, carbon dioxide, 
nitrous oxide and some preliminary tests in liquid 
carbon dioxide and nitrous oxide. 

KennelV® worked with small copper wires in a large 
tank with air pressures ranging from approximately 
34 to 2J4 atmospheres. The wire temperatures 
were around 180 deg. cent, with an ambient of approxi¬ 
mately 20 deg. cent. His data as studied and cor¬ 
rected for radiation by Langmuir®^ have been taken. 

Only a portion of the data by the various investiga¬ 
tors has been worked out, but we believe that we have 
obtained a representative selection. 

The collected data have been plotted in the non- 
dimensional form of equation (55) in Fig. 12, and are 
seen to lie on a single curve on log log paper within 
the probable experimental errors. The single straight 
line which seems best to fit the points has a slope of 
m = 0.54. The value of K found by averaging the 
J^’s for all of the points as calculated from equation 
(53) assuming w = 0.54 is iiC = 4.4. The line of 
slope m = 1/2 has also been drawn in such a manner 

11. Ayrton & Kilgour, Phil. Trans. Roy. Soc. A, CIXXXIII, 
p. 371, 1892. 

12. Petavel, PkU. Trans. Roy. Soc. A., Vol. 197, p. 229,1901. 

13. A. E. Kennelly, Tbans. A. I. E. E., XXVIII, (1), p. 363, 
1909. 
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as to give inost weight to the first 13 points because the 
accuracy of determining B/D is greatest for the smfi.p 
values, assT^ing equal accuracy in determining the 
watts Convection. 

To see the error involved in using the simple relation 
^ “ 1/2, we have for Langmuir’s highest point 

Obs. B/D ^ = 19.9 (69) 

Obs. TFc>= 0.84; A ^ = 0.537; D - 0.00404 cm. 

(70) 


For the same ambient condition on the square root 
curve, we have 

B/D = 15.0; = 19.9 (71) 

A<p = 0.637 D = 0.00404cm. 

W = 2irLA<i> _ 2y X 1 X 0 .S37 
log.-^^ + ” log. 31.0 

= 0.985 watts (72) 
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Thus, the watts convection which would be obtained 
by using the simple square root relation is only 17 
per cent higher than Langmuir's observed value. 

If we now take Petavel’s point for air at 100 atmos¬ 
pheres pressure which will be seen to lie about as far 
off the curve as any in the low range, we have 

Obs. B/D = 0.142; = 0.0013 (73) 

Obs. We = 11.3; A ^ = 0.450; D = 0.1106 cm. 

(74) 

And for the same ambient condition on the square root 
curve 

B/D = 0.120; = 0.0013 (75) 

A (p = 0.450; D = 0. 1106 cm. 

2 IT L A (p 27rXlX.45 
“, 2B + D log. 1.24 

= 13.15 watts (76) 


For this point the calculated value of watts convec¬ 
tion is 16 per cent higher than Petavel's observation 
which is probably not far from the experimental 
error. 

The value of the constant K, assuming m — 1/2, has 
been taken as Z = 3.4 which is the average value for 
the first 13 points. 

We may conclude that the simple square root rela¬ 
tion can be used over the entire range of available data 
without exceeding the probable experimental errors, 
and is therefore preferable to a fractional exponent 
until such is definitely required by more precise data. 

Liquids 

A few tests were made, in a light petroleum oil (No. 
12 Transil Oil), on the free convection from a horizon¬ 
tal grid of 0.010in. diam. (0.0254 cm.) silver wires. 
The spacing between the wires forming the grid was 
approximately 2.5 cm. and the total length of wire 
used was 1560 cm. The grid was submerged to a 
depth of 15 cm. in a large rectangular oil bath leaving 
15 cm. of oil between the grid and the bottom of the 
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tank. The ambient oil temperature was measured by tions (' 57 ') and wttt • a.. 

mereunr th^ometea and the temperature of the data ob^ed! ® ^ a .summary of the 

wire determined by the resistance method, using equa- In Pig. 13 the watts convection per cm. length of wire 
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has been plotted against the temperature difference 
between the wire and the ambient fluid. Since heat 
conductivity data are not available the procedure 
adopted was to calculate the heat conductivity from 
the free convection data and compare the order of 
magnitude of the result with that obtained by Graetz^^ 
for the heat conductivity of a certain petroleum oil 
which he used. 

In these calculations we have assumed the relations 


translated from second Saybolt to c. g. s. u-nCts 
a chart given by N. MacCoull.^ 

The heat conductivity calculations are 
Table IX. The values of watts convection 
column five were read from the smooth curve oif Jig- 
at equal temperature intervals. In the fifth 
and first line we have 
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which we have found to hold for gases as given by 
equations (59), (51) and (39) in which m = 1/2 and 
jk = 3.4. We have also assumed that the film thick¬ 
ness merely depends upon the ambient properties of 
the liquid. Fig. 14 gives the density and viscosity 
taken from some available data on No. 12 transit oil 
as a function of temperature. The viscosity data were 

14. Graetz Ann. der Physik, Vol. 25, p. 353,1885. 


and from the second line 

<p,- <Pa^ /icdT-- fldT 

Taking the difference we have the value given In 
six or 

A 


eoJ^ 


^ Tt Ti 

p = p,- <pi = fkdT-fhdT^^^’’ 
16. N.Mafi Ooidl Lubrication (TmiasOo.),May. 
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For small values of — Ti we may take k at the aver¬ 
age of the two temperatures and write 

<p 2 ~ <Pl = ^<P = ka,g (Ta - Ti) 


XT 
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^Ar/ayAf cat OAi/ferea 


or 


kava* “ 


A (p 
At 


P 

c 


as given in column eight. In Fig. 15 the calculated 
heat conductivity of No. 12 transil oil is compared with 
the following values obtained by Graetz^^ for a certain 
petroleum oil 

A; at 12.7 deg. cent = 0.000355 cal. per sec. per cm. 

per deg. cent. 

p = 0.79 grams per cu. cm. 
c = 0.5 calories per gram 
k at 22.7 deg. cent = 0.000395 cal. per sec. per cm. 

per deg. cent. 

0.784 grams per c. c. 

0.5 calories per gram. 

(77) 

The general agreement between the two materials 
is considered satisfactory. 

Davis^*^ has recently published results on the free 
convection from horizontal platinum wires 0.0083 and 
0.0155 cm. diameter in toluene, carbon tetrachloride, 
aniline, olive oil and glycerine for temperature dif¬ 
ferences up to 50 deg. cent. The ambient fluid tem¬ 
peratures are not given and it has therefore been 
necessary to estimate them from the values of viscosity 
which he assigns. This procedure appears to be satis¬ 
factory except in the case of olive oil where the widely 
different values of viscosity given by different obser¬ 
vers deaves us in doubt. We have therefore adopted 
Davis'value of viscosity and assumed a constant ambient 
temperature of 18 deg. cent. In Table X we have 
calculated the non-dimensional expressions of equation 
(55) for the 10 deg. cent, temperature difference points. 
The results are plotted in Fig. 12 and are seen to fall 
as well as can be expected on the same curve as the 
gases. 

It is now interesting to calculate the heat conductivi¬ 
ties of the different liquids from the free convection 
test as we did for No. 12 transil oil and compare them 
mth^ the available direct determinations of heat con¬ 
ductivity. For this purpose we have reproduced 
Davis' data for the 0.0155 cm. diameter wire in Fig. 
16 and obtained from the smooth curves the points 
used for the calculations given in Table XI. The 
calculated heat conductivities are plotted in Fig. 17. 

In Table XII we havp compared the calculated values 
with the experimental values by H. F. Weber (Lan- 
dolt-Bornstein Tabellen). 

The variation is not greater than 5 per cent and is 
therefore probably within the ei^erimental errors. 
Thus free convection tests can be used as h convenient 
method Of deteimnmg the heat conductivity of fluids 
when the viscosity and density are known. 
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Liquid 

cm. stHj. deg. cent. 

Ratio 

Soums 

Toluene. 

9 to 15 

0.000307 

1.05 

Weber 

Ct Hi . 

12 

0.000293 


Calculated 

Carbon tetra-chloride. 
C CI 4 . 

0 to 15 
12 

0.000252 

0.000240 

1.06 

Weber 

Calculated 

Aniline... 

CtlljN.... .. 

9 to 15 
12 

0.000408 

0.000477 

0.86 

Wobor 

Calculated 

Olive Oil..,....:. 

6.6 

0.000302 

0.87 

Weber 


6.6 

0.00046b 


Calculated 

Glycerine. 

C 3 Ht O 3 .’.. 

9 to 15 
12 

0.000670 

0.000768 

0.87 

Weber 

Calculated 
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For long cylinders we have obtained 


Wc 


2 TT L A ^ 


loge 


2B-\-D 

D 


watts convection (78) 
where L = Length of cylinder in cm. 

A <p — Thermal conduction in watts per cm. 

D = Cylinder diameter in cm. 

B = Film thickness in cm. 

The film thickness for long horizontal cylinders is 
given by _ _ 

B cm. (79) 

wherei? = 3.4 a numerical constant determined by 
experiment. 

fjL = Viscosity of ambient fluid in c. g. s. units. 


which he was able to obtain. We have calculated the 
watts convection from his data by the following relation 
We = 4.19CM {Vt— Vr) watts convection (80) 
where C = 0.0952 = specific heat of copper at the 
sphere temperature in calories per gram 
per deg. cent. 

M = 38.54 = Mass of sphere in grams (value 
given by Compan) 

Vt = Rate of cooling of sphere at temperature 
t in deg. cent, per second 
Vr = Rate of cooling of sphere at temperature 
t in vacuum expressed in deg. cent, per 
sec. 

The watts convection have then been plotted against 
A <p as in Fig. 6. By this means we obtain an average 
of the values for different sphere temperatures for a 



p = Density of ambient fluid in grams per 
cu. cm. 

D = Diameter of cylinder in cm. 
g = Acceleration of gravity (980) cm. per sec.* 

VII. Free Convection from Spheres 

There appears to be very little reliable data on the 
free convection from spheres. Compan^® made a care¬ 
ful study of convection from a lamp black covered 
copper sphere 2.0 cm. diameter, in spherical enclosures 
of 16 cm. 14.5 cm. and 8.3 cm. diameter. The range 
of pressures covered was from approximately 6 atmos¬ 
pheres to 1/1000 of a mm., Compan gives the rate of 
cooling in deg. cent, per second for different sphere 
temperatures. The radiation correction is obtained 
as the rate of cooling under the best vacuum conditions 

16. Paul Compan, Ann. de Chemie et de Physique, VII, Series, 
Vol. 26, p. 488-574,1902. 


given ambient condition. For this work we have used 
the values obtained by Compan with the 2.00 cm. 
diameter sphere in the 14.5 cm. diameter metal sphere 
enclosure. His points all fall very accurately on 
straight lines as demanded by the theory. The values 
of watts convection for a given value of A ^ as read off 
the curves are given in Table XIII. 

TABLE XIII. 

FREE CONVECTION PROM SPHERE 2.00 CM. DIAMETER AT 

98.56 DEG. CENT. 

ENCLOSURE 14.6 CM. DIAMETER SPHERE AT 0 DEG. CENT. 


Air 

Pi’^ure 

atmos. 

Total 

Watts 

Convection 

Wc 

A ip 
w^ts 
per 
cm. 

BID 


Assuming 
m = 2 3 
K 

O.G.S units 

0.0737 

0.143 

0^0251 

_ 

0.0202 


0.630 

0.424 

0.0251 

1.446 

0.00281 

72.3 

1.02 

0.671 

0.0261 

0.616 

0.00146 

47.4 

2i03 

0.805 

0.0261 

0.322 

0.000735 

39.3 

4.13 

1.142 

0.0251 

0.1906 

0.000361 

37.2 

6.90 

1.335 

0.02.61 

0.1545 

0.000253 

38.7 




672 


Transactions A. I. E. E. 


RICE: FREE AND FORCED CONVECTION OF HEAT 


For spheres equation (52) gives 

2 T A 


W. = 


From which 


1/D- 


watts (81) 


2B + D 


B/D = l/2( ii.vD ) 


( 82 ) 


In Fig. 18 we have plotted the values of B/B against 


fji 

—“^T 72 '^ 3/2 on log log paper. The three high- 

pressure points are seen to lie on a straight line of slope 
m — 2/3. For larger values of B/D the enclosure is 
probably too small to permit of free convection con¬ 
ditions. At low pressures the film entirely fills the 



Fia. 18 


enclosure and the problem is then one of pure conduc¬ 
tion. This fact is useful for eliminating convection 
in determinations of the heat conductivity of gases. 

If we assume that Compan’s three high-pressure points 
accurately represent the conditions of free convection 
for spheres we have 

■B = (Z/sfV3) (^/p)2/8 (33^ 

In the last column of the table are the values of K 
assuming this relation. The average value for the 
three high-pressure points gives Z = 38.4. Here the 
film thickness is independent of the size of the body. 
More tests are needed before this conclusion can be 
definitely held.. 


VIII. Free Convection from Large Surfaces 
For large surfaces the film thickness will usually be 
small compared with the dimensions of the body and 
therefore the “shape conductance” will have the simple 
form of equation (14) and the convection loss may be 
written 

Wc = (A/B) A <p watts (84) 

The variation of the film thickness B with the size 
of the body and ambient fluid properties can be found 
by determining the values of m and K in the general 
equation (39) for the film thickness, from experiment 
on similar bodies of various sizes or, by variations of the 
ambient fluid properties. 

Where such experiments are not available a good 
approximation can usually be obtained by substituting 
an equivalent cylinder or sphere, etc., for the desired 
object. 

Large Cylinders 

For large cylinders in which the film thickness is small 
compared with the diameter the convection loss will be 
given by 

IT gV4 2)3/4 - 

We = - -j^ -Vp/m a (p watts (85) 

where g = Acceleration of gravity (980) cm. per sec.® 
D = Diameter of cylinder in cm. 

L = Length of cylinder, assumed long com¬ 
pared with the diameter, in cm. 

K = 3.4 a numerical constant for horizontal 
cylinders 

p = Density of ambient fluid grams per cu. 
cm. 

fjL = Viscosity of ambient fluid in c. g. s. units 
A <p = Thermal conduction of fluid in watts per 
cm. 

For gases we have from equations (61) and (62) 

p/m = Po/mo (273/T)”+^ (86) 

where po = Density of gas at atmospheric pressure 
and 0 deg. cent, in grams per cu. cm. 
Mo = Viscosity of gas at 0 deg. cent, in c. g. s. 
units 

T = Absolute temperature of the gas in deg. K. 
n = Exponent depending on the nature of the 
gas; values are given by Jeans.’ 

For air at atmospheric pressure (76 cm. Hg) and 
0 deg. cent, we have 

Po = 0.00129 grams per cu. cm. 

Mo = 0.0001705 c. g. s. units 
n = 0.754 

Substituting these values in equation (86) we obtain 
for air at atmospheric pressure 

p/m = 7.56 (273/T)i-’64 (37 ) 

and = 2.75 (273/T)“*«” (88) 

For small temperature differences of the order of 
100 deg. cent, for air, we may take as a good approxi¬ 
mation 

A (p — kavy lemp^ X A ^ (89) 
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If we now take the value of the specific heat of air 
at 300 deg. K. and assume it constant, we may write 
equation (28) for air 

k = 3.4 X 10-« 

watts per cm. per deg. cent. (90) 
If we now substitute equations (88), (89) and (90) 
in equation (85), we obtain the following for air. 

710.754 

W, =.0.00670=/‘ip'/!ig_ At watts (91) 

atnb 

where D = Cylinder diameter in cm. 

L = Cylinder length in cm. 
p = Absolute air pressure in atmospheres 
Tavo = Average of cyl. and amb. temp. deg. K. 

T amb = Ambient air temp. deg. K. 

A ^ = Temperature difference deg. cent. 

Let us now apply this relation to the large silver plated 
cylinder D = 11.35 cm. L — 152.5 cm. For the at¬ 
mospheric pressure points we have for the average 
values 

Tamb = 11.7 + 273 = 284.7 deg. K. 

Cyl. Temp. T = 98.7-H 273 = 371.7deg. K. 

Tavo = 328.2 deg. K. 

A^ = 87.0 deg. cent. 

V = 1.0 

Wc = 0.0067 X (11.35>V4 x 152.5 X 1.0 
(328.2«)-''M 

^ (284.7)0*877 X 87 = 304 watts 

The observed experimental value is 323 watts. 

Thus, the experimental value is 6per cent high, which is 
not far from the probable experimental error. 


Circular Disks 

For a circular disk 19.1 cm. in diameter, Langmuir^*^ 
obtained, assuming equation (84), the following values 
for the film thickness in air at atmospheric pressure 
and a room temperature of 300 deg. K. 

Horizontal, upper surface exposed B = 0.41 cm. 

Vertical position B = 0.45 cm. 

Horizontal, surface exposed downward B = 0.92 cm. 

There are no data available to guide us in selecting 
the exponent m for this case. Tentatively we will 
assume m = 1/2 in equation (39) and associate the 
linear dimension with the diameter D of the disk. We 
then have 

B = K y/ii/p -^DJg cm. (95) 

The diameter of the disk was 19.1 cm. and taking 
B = 0.45 cm., we obtain 

K = 3.05 

The average value of the for cylinders was 3.4 
and since it is probable that the K*b for the two cases 
should be practically the same we will use the K ob¬ 
tained from the large number of cylinder tests for 
convenience. 

By substituting K = 3.4 in equation (95), we obtain 
B = 0.485 cm. 

which is not far from Langmuir’s values. 

We will then write the convection as 

Wc - -Vp/m a (p watts (96) 

If we substitute equations (88), (89) and (90) in equa¬ 
tion (96), we obtain for a disk in air, assuming K — 3.4, 


Large Spheres 

For spheres in which the film thickness is small 
compared with the diameter the convection loss is, 
assuming m = 2/3 as indicated by Compan’s^® work, 

pi/3 TT 2)2 

Wo =-A <P (92) 

where g - Acceleration of gravity (980) cm. per sec.® 
D = Diameter of sphere in cm. 

K = 38.4 a numerical constant for spheres 
p = Density of ambient fluid in grams per cu. 
cm. 

fjL = Viscosity of ambient fluid in c. g. s. units 
A (p - Thermal conduction of fluid in watts per 
cm. 

From equation (87) we have /or air 

(p/m)®/® = 3.85 (273/r)i-” (93) 

If we now substitute equations (89), (90) and (93) 
in (92), we obtain for moderate temperature differences 
in air 

21.764 

W, = 0.0024 pVJ (94) 

amb 

Here the significance of the symbols is the same as in 
equation (91). 


Wc = 0.0017 D^/® pV 2 A t watts (97) 

amb 

Here the symbols have their usual significance. 
Infinite Plane Surfaces 

The problem of free convection from large or infinite 
plane surfaces involves many uncertainties. A hori¬ 
zontal surface exposed upwards involves questions of 
instability with the possibility of cyclonic action. 
Extended vertical surfaces will introduce ^^draught 
effects” which may require separate consideration. 
A horizontal plane surface exposed downward cannot 
produce convection. In spite of these objections it is 
interesting to study the case in which the free convec¬ 
tion per unit area of surface is independent of the size 
of the body and apply it as a tentative approximation 
for the convection from large surfaces. To obtain this 
condition from our general equation for the film thick¬ 
ness we put m = 2/3 in equation (39), and obtain 

B = {K/gy^) (fJi/p)y^ cm. (98) 

From which 

Wc - (gy^/K) (p/pL)y^ A A<p watts (99) 
For air at atmospheric pressure we have 
(p/^)2/3 = 3.85 (273/T)i-i'^ (100) 
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Since no tests are available on large plane surfaces, 
we will have to assume a value of K from the data on 
other surfaces. For spheres Compan’s work indicates 
w = 2/3 and iT = 38.4. In view of the small amount 
of data and rather limited size of enclosure used by 
Compan, it seems best to take our K from the cylinder 
and disk tests. For convenience we will assume a film 
thickness 

B = 0.485 which corresponds to K = 3.4 in equa¬ 
tion (95). Substituting this value in equation (98) 
gives 

K = 16.5 

Substituting equation (89), (90) and (100) in (99), we 
obtain the following for air 

m 0.754 

TFc = 0.0056 p2/3 A A t 

watts convection (101) 


2. The heat conduction between two surfaces in a 
fluid may be written 

W = S {(fi- (p\) watts (102) 

Where S = “Shape conductance” of the heat flow 
path measured in cm. 

Ti 

<P2 — = 

Ti 

in watts per cm. (103) 

Where k = Heat conductivity of the fluid in watts 
per cm. per deg. cent. 

Tz = Absolute temperature of hot body in 
deg. K. 

J'i= Absolute temperature of cold body in 
deg. K. 

3. The method of dimensions gives the following 
general relation for the film thickness 

—3wt 

B =K(ntpr^ cm. (104) 


From all of these relations we see that for a constant 
ambient air temperature the watts convection per 
deg. cent, temperature difference increases approxi¬ 
mately as the 3/4 power of the average of the absolute 
temperatures of the surface and the ambient air. If 
we plot We V. s. At from these relations on log log 
paper, we find that for a constant ambient temperature 
the watts convection for temperature differences from 
100 deg. cent, to 500 deg. cent, lie practically on a 
straight line of slope 1.21. This means that in this 
range the convection loss increases as the 1.21 power 
of the temperature difference. The equations of Du- 
long and Petit'^ and Lorenz^® express the free convection 
loss as proportional to the 1.23 and 1.25 power respect¬ 
ively of the temperature difference. 

The use of any of these expressions as approxima¬ 
tions for the convection from large surfaces gives the 
same variation of the convection with the average 
absolute temperature of the surface and ambient air. 
The effect of ambient temperature and the air pressure 
depend on the assumed value of m. Further tests on 
large surfaces are needed to indicate the most suitable 
approximation for general Work. 

IX. Summsuy and Conclusions 

1 . The present work gives additional evidence in 
favor of Langmuir’s film theory of convection which, 
states that the loss of heat by free convection from a 
body takes place as if there were a film of relatively 
stationary gas around the body through which the' 
heat is carried entirely by conduction and therefore if 
the film thiclmess is known the free convection loss can 
be calculated by the ordinary laws of heat conduction 
in the steady stete. 

17. Dulong and Petit, Aiin. de Ckim. et de Phys. 7 (1817). 
See discussion by.Langmuir, (3d). 

18. L. Lorenz, Ann. Phys. 13, p. 682, 1881. See discussion 
by Langmuir, (3d) p. 31Q and 320. 


where X = Numerical constant to be determined by 
experiment. 

m = Numerical exponent to be determined by 
experiment 

jjL = Viscosity of ambient fluid in c. g. s. units 
p = Density of ambient fluid in grams per 
cu. cm. 

g = Acceleration of gravity (980) cm. per sec.^ 
D - Linear dimension describing the body 
under consideration measured in cm. 

4. In applying relation (102) to the film theory of 
convection the inner boundary of S is the body from 
which the convection is desired and the outer boundary 
is obtained by adding the film thiclaiess to the body. 
Having thus determined the configuration of the cor¬ 
responding conduction problem the value of S may be 
calculated or determined experimentally. Calculations 
of S are only possible in the simplest cases but for¬ 
tunately the experimental method is simple andean 
always be applied. 

5. For the case of free convection from long hori¬ 
zontal cylinders the available experiments include 
cylinders from 0.004 cm. to 11.35 cm. in diameter with 
temperatures up to 1600 deg. cent, and pressure 
ranging from 1/10 to 100 atmospheres. Tests in air, 
hydrogen, carbondioxide and several liquids show that 
the foUowing simple relations hold within the probable 
experimental errors. 


We = 


2 ttL A ^ 


log* 


2B-hD 

D 


watts convection (105) 

where L = Length of cylinder in cm. 

A <p = Thermal conduction in watts per cm. 

D = Diameter of cylinder in cm. 

B -■ 3.4 Vm/p cm. (106) 
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The scanty data available indicate that the film 
thickness will be given by equation (115) from which 
the convection is 

(120) 

where X = 38.4 a numerical constant 
The other s 3 mibols have their usual significance. 

For moderate temperature differences in air, we may 
write equation (120) as follows 

/ttO 75 

TFo = 0.0024 pV3 A t watts (121) 

Here the symbols have their usual significance. 

14. For circular disks in which the film thickness 
is small compared with the diameter, we will assume 
that m = 1/2 in the general equation (104) for the film 
thickness and write the free convection as 

■7rflfV4j[)V4 - 

Wc = \ ^ — Vp//i A (p watts (122) 

here D = Diameter of disk in cm. 

The other sjmabols have the same significance as in 
equation (117). For horizontal and vertical disks we 
may assume K = SA with fair accuracy. 

For moderate temperature differences in air we may 
write equation (122) as follows; 

0.764 

PF, = 0.0017 DV4 pi /2 A t watts (123) 

am&. 

Here the symbols have the same significance as in 
equation (118). 

16. If the free convection per unit area is to be 
independent of the size of the body, the method of di¬ 
mensions tells us to put m = 2/3 in the general equation 
(104) for the film thickness and obtain 

B = {K/gy^) cm. (124) 

If we apply this relation to convection from large 
surfaces in which the film thickness is small compared 
with the dimensions of the body we obtain 

gy^A 

Wc = —^— (p/m)^/® a (p watts (125) 

where ^ = Numerical constant to be determined 

from experiment 

A = Area of surface in sq. cm. 
the other symbols having their usual meaning. 

The value of K has been calculated on certain as-* 
sumptions from which we obtain 
K = 16.5 

We may apply equation (125) as a tentative approxi¬ 
mation for the convection from large surfaces. For 
air we then obtain for moderate temperature differences 

T 

Wc - 0.0056 ^ ^ ^ watts (126) 

■L amb, 

16. The above equations for the free convection 
in air from large bodies show that for moderate tem¬ 


perature differences with constant ambient air tempera¬ 
ture the watts convection per deg. cent, temperature 
difference increases approximately as the 3/4 power 
of the average of the absolute temperature of the sur¬ 
face and the ambient air. 

17. Free convection tests constitute a convenient 
method of obtaining the heat conductivity of liquids 
when the viscosity and density are known. The 
following results (excepting water) have been obtained 
by this method. 

Water k = 0.00566 (1 + .00298/) watts cin“^ deg. cent.~^ 
No. 12 TransUOU k =0.0016 (1 + .0095/) watts cm"^ deg. cent. ^ 

Toluene Jfc = 0.0011 (1 + .0095/) “ 

Glycerine *■» 0.0027 (1 + .010/) “ “ “ 

OUveoil A = 0.0017 (1 + .016/) “ “ “ 

Anilin e A = 0.0017 (1 + .014/) “ “ " 

0 014 A »0.0009 (1 + .0095/) “ " “ 


18. We have seen that the physical assumption of 
Langmuir's film theory combined with dimensional 
reasoning gives equations from which the free con¬ 
vection, from bodies of various shapes may be calculated 
in any gas or pure (non-plastic) liquid. It therefore 
seems certain that when a successful mathematical 
solution of the actual convection problem is obtained 
it will show the existence of the relatively stationary 
film with turbulent boundary as postulated by Lang¬ 
muir's film theory. 

The writer wishes to express his indebtedness to 
Mr. R. E. Doherty for the use of his equipment in 
connection with the tests on the large cylinders in the 
cask and to Mr. C. W. Cutler for his careful work in 
connection with these tests. 

FORCED CONVECTION OF HEAT 
• I. Introduction 

In a companion paper^ Langmuir's film theory was 
applied to the calculation of the free convection from 
various bodies. The present work shows how it may 
be used to determine the forced convection. 

The heat loss from any surface is the sum of two 
parts, the radiation and the convection. Thus the 
total heat loss is 

'W =Wr A Wc watts (1) 

The heat loss by radiation, Wr, may be calculated 
from the Stefan-Boltzman equation 

Wr = 5.7 A E [ (T/1000)4 - {To/mOY ] 

watts (2) 

where 5,7 = black body radiation constant (most 
recent value) 

A := area of radiating surface in sq. cm. 

E = relative emissivity of surface 

T = absolute temperature of hot body deg. K. 

To = absolute temperature of surroundings 
deg. K. 

1. Chester W. Rice, Free Convection of Heat in Gases and 
Liquids. 
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cussion of this subject will be found in the paper on 
Free Convection^ We may now express any heat 
conduction problem in the following form 

W ^ S Aip watts (9) 

In applying relation (9) to the film theory of convection, 
the inner boundary of S is the body from which the 
forced convection is desired and the outer boundary is 
obtained by adding the film thickness to the body. 

III. Film Thickness by the Method of 

Dimensions 

We will assume from physical considerations that 
the film thickness may be represented by an equation 
of the following form: 

B (10) 


vection from large surfaces in which the film thickness 
is small compared with the size of the body. For small 
temperature differences we may write 

A <p = kavg. temp. A t watts per cm. (20) 

and obtain 

A / p D v\”^ 

Wc = yb\ ~jr~ ) ( 21 ) 


For the case of cylinders or pipes we would associate 
D with the diameter and write 

A = TT D X L sq. cm. 

Substituting this value in ( 21 ) we obtain 


W. = 


irL / 

~W\ 


p D V 



watts ( 22 ) 


where ^ = A numerical constant 

p = Density of fluid in grams per cc. 
p = Viscosity of fluid in c. g. s. units 
D = Linear dimension, describing the form of 
body, in cm. 

V = Velocity of fluid stream in cm. per sec. 
Substituting the dimensions of the symbols in equation 
( 10 ), we obtain 

{Ly = (M L-^r (L-i M T-^y (Ly (L (11) 

In order to have this represent a tme physical equa¬ 
tion we must have the dimensions of the various 
quantities equal on both sides of the equation. We 
therefore write the following simultaneous equations: 
By Lf 1— 

ByM, 0=x+y (12) 

ByT, 0 = ^ y ^ n 

Solving in terms of n we obtain 
x=n 

y \ (13) 

i = n + l ] 

Substituting the values of the exponents in ( 10 ), we have 
B = K p" fjT^ v” ‘ (14) 

Since it is evident that the film thickness will decrease 
with increasing velocity, we should change the sign 
of or substitute 

% = - m (15) 

and obtain for the general expression for the film thick¬ 
ness in forced convection- 




We 


This is the form of relation obtained by Davis'*. 
Davis has also shown that the relations derived by 
Boissinesq® and Rayleigh® may be thrown into this 
form. According to the present film theory this is 
the form of relation which should hold only for large 
cylinders or tubes in which the film thickness is small 
compared with the diameter and for small temperature 
differences. 

From the kinetic theory of gases we have for the heat 
conductivity 

k = M pcr, (23) 

where M = numerical constant depending on nature 
of gas 

p = Viscosity of gas in c. g. s. units 
Cv = Specific heat of gas per gram at constant 
volume 

We also have, for the ratio of the specific heats 

Cp/Cv = T (24) 

We may write 

G — pcp specific heat per cc. at constant pressure (25) 
If we now substitute p from equation (23) in equa¬ 
tion ( 21 ) we obtain with the use of equation (24) and 
(25) the following 


Wg 


K ( C, Y 
" D*-”* V A: / 


Ak A t 


k 


(26) 


cm. (16) 

For l^ge surfaces in w ich the film thickness is 
small compared with the di nensions of the body^ the 
shape conductance may be written 

S — A/B ^ cm. (17) 

and the watts convection wiD then be given by the 
following expression 

We — (A/B) A (p watts (18) 

If we now substitute equation (16) in (18), we have 

A / p D V 

KB\~p~ ) w^ts (19) 

This is our general expre^ion for the forced con¬ 


^ This is the relation derived from dimensional con¬ 
siderations by Nusselt^ for forced convection in tubes. 

Asa matter of interest we may note that if we assume 
m = 1 in equation (26) and substitute 

Q = flow in cc. per sec. (27) 

4. A. H. Davis, PM. Afo<7., Vol. 40, p. 692,1920. 

A. H. Davis, Phil. Mag., Vol. 41, p. 899,1921. 

A. H. Davis, PhU. Mag., Vol. 43, p. 329,1922. 

A. H. Davis, PhU. Mag., Vol. 44, p. 940,1922. 

5. BoTissinesq, Comptes Rendus, CXXXII, p. 1382 (1901). 

Free Convention. ' 

Boussinesq, Comptes Rendus, CXXXIII, p. 257 (1901). 
Forced Convection. 7 

^6. Rayleigh, Nature XCV, p. 66, 1915 or Sd. Papm, Vol. 
VI, p. 300,1911-1919. ^ ’ 

7. Wilhelm Nusselt, Zeit. des. Verb. Deut. Ing., Band 53. Nr. 
43, p. 1760, 1909. Band 63, Nr. 44, p. 1808, 1909. Band 54. 
Nr. 28,9 JuU, 1910. 
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we obtain 

Wc = KQC L t watts (28) 

In this case the heat transfer is proportional to the 
rate of flow of material in cc. per sec., the specific heat 
per imit volume, and the temperature difference, which 
is a commonly used type of expression for forced con¬ 
vection. 

IV. Forced Heat Convection from 

Cylinders 

A representative portion of the data by the various 
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Fig. 2 


investigators has been converted into watts convection 
per cm. len^h of cylinder. For small wires the radia¬ 
tion is negligible. In Hughes’ data on large cylinders 
his radiation corrections have been applied. Lang¬ 
muir’s^ values of ^ as given in Figs. 1 , 2, and 8 have 
been used. 

^ The data by King® were taken in the open air, and 
^ wire un der test was mounted in a fork at the end 
8. L. V. King, PMZ. Trans. Uoy. Soe, A., Vol. 214, p, 373,1914. 


of a rotating arm. He worked with platinum wires 
of 0.0153 cm. to 0.00278 cm. in diameter. The velocity 
was varied from about 17 cm. to 800 cm. per second. 
Wire temperatures from 227 deg. cent, to 1004 deg. cent, 
were used. The ambient air tempemture was approxi¬ 
mately 17 deg. cent. 

Kennelly” investigated the foz*eed convection from 
copper wires in the open air. As in King’s work, a fork 
carrying the wire was mounted at the end of a whirling 
arm. Kennelly’s data as summarized by Langmuir*” 
has been used. In this investigation the copper wires ha<i 
diameters of 0.0101 cm., 0.0159 cm., and 0.0204 cm. 
Wind velocities from standstill to approximately 1800 
cm. per second were studied. Wire temperatures up to 
approximately 300 deg. cent, were used. The ambient 
temperature was in the vicinity of 20 deg. cent. More 
recently Kennelly” has studied the effect of air pres.sure 
on forced convection from a platinum wire 0.0114 cm. 
diameter. The rotating arm device was installed in a 
large steel tank in which the air pressure could be con- 
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Ficj. 3 

trolled. Wind velocities from stand.still to 1900 cm. 
per second were used and the pres.sure vari(;d from 
approximately 0.4 of an atmosphere to 4 atmosph<?re.s. 
Wire temperatures of approximately 410 deg. cent, anti 
558 deg. cent, were employed. The ambient air 
temperature was in the vicinity of 18 deg, cent 
Hughes* “ studied the forced convection from copper 
tubes in a wind tunnel. The tubes were heated by 
steam at atmospheric pressure and the temperature tif 
the tube surface was assumed to be 100 deg. cent. The 
ambient air temperature has been assumed to be 15 
deg, cent. Wind velocities from zero to 1600 cm. per 
second we re studied. The cylinder had diametem 

A T A.®* Vm Bykm4%, 

A. I. E. E., vol, XXVIII, Part 1, p, SdJf, 1909. 

1237 ; XXXI. I-art 1. 

11. A. B. Keimol^and H. S. Sanborn, Pm. Amrr. Phil. 
iSoc., Vol. LIII, p. 55,1914. 

12. J. A. Hughes, Phil. Mag., Vol. 31, p. 118 , 1915 . 
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of 0.43 cm., 0.81 cm., 1.93 cm., 5.06 cm., and 15.5 cm. 
The first four cylinders were approximately 100 cm. 
long. The 15.5 cm. diameter one was only 20 cm. 
long, and, from the experimental arrangement, it would 
appear to he subject to large end effects. The data on 
this cylinder have therefore not been considered. 

Worthington^^ and Malone studied the forces con¬ 
vection from a platinum wire 0.0256 cm. in diameter 
by rotating it at the end of an arm in a large tank of 
water. The experiments covered velocities from 0 
to 16 cm. per second. Wire temperatures in the 
vicinity of 50 deg. cent, were used. The ambient 
water temperature is not given but has been assumed 
to be 20 deg. cent. 

From the point of view of the film theory of forced 
convection we have obtained 


)i = Viscosity of fluid in c. g. s. imits 
p = Density of fluid in grams per cc. 
a = Velocity of fluid stream in cm. per sec. 
m — Numerical exponent to be determined by 
experiment. 

To determine the value of the exponent we plot the 
non-dimensional relation 

on log: log paper for the available data, and should And 
that the points all fall on a single curve. The exponent 
m for a certain range is the slope of the curve in the 
range considered. Having determined the exponent 
m, the value of the constant K is determined from 
equation (30). 



Fig. 4 


TIT . .. 3 TT if A ^ 

“ logeb/D watts convection (29) 

where lf - Len^h of cylinder^ ^sum long com¬ 
pared with tbeMdiam 

A ^ = Thermal Conduction in watts per cm. 

D = Diameter of cylinder in cm. 

^ = 2H 4* D = Outside diameter of film in 

cm. 

For the film thickness we obtained 

ry / A"* 

B = KDy J = Mlm thickness in cm. (30) 

= NumericaJ constant to be determined by 
experiment 


and Malone, Jowm. Franklin Inst., 
CLXXXIV, p. 115,1917. 


Effect op Cylinder Temperature on Film 

Thickness 

Before we can correlate the data in the above manner 
for a cylinder at different temperatures it is necessary 
to decide on the p^ticular temperature at which the 
viscosity and density are to be taken. In the case of 
free convection, Langmuir^ showed that the film thick¬ 
ness was determined solely by the viscosity and density 
of the ambient fluid irrespective of the wire temperature. 

This was shovm to be the case by plotting the watts 
convection against the thermal conduction A (p for 
different cylinder temperatures with Constant ambient 
temperature conditions. The curves obtained were 
straight lines as required by equation (29), if 6 is to be 
independent of the cylinder temperature. King’s® 
data cover the widest variation in wire temperature. 
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We see that column VIII yields the most nearly con¬ 
stant value of K. We will therefore assxime that the 
film thickness in forced convection is determined by the 
viscosity and density of the fluid at the geometric 
mean of the wire and ambient fluid temperatures. 
Data on larger wires at high temperature are, however, 
needed before the question can be definitely settled. 


conductivity by Jakob^l Since the temperature diff¬ 
erence is small we have written 

A <p = k average temp* A t watts per cm. (34) 

where k average temp> = Heat conductivity of water at 

the average of the wire and 
ambient temperature in watts 
per cm. per deg. cent. 
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Summary OP Coij^cTED Data on Forced Con¬ 
vection FROM Cylinders 

In Table III we have given a summary of the col¬ 
lected data on the forced convection ffpm cylinders in a 
stream of fluid normal to the ajds of the cylinder. For 
the water point we have used the recent data on heat 


A t - Temperature difference between 
the wire and ambient water 
deg. cent. 

In Fig. 6 the data have been plotted on log: log 
paper. Fr om this we see that for small values of B/D 

14. M. Jakob, Ann. d&r Physik, Vol. 63, p. 637,1920. 
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in the companion paper on free convection^ In Fig. 7 
we have plotted the watts convection against A ^ for 
the different velocities. A decided curvature is ap¬ 
parent, showing that here also the film thickness is 
affected by the sphere temperature with constant 
ambient conditions. As in the case of cylinders we 
have assumed that the appropriate temperature at 
which the viscosity and density should be taken to give 
the film thickness is the geometric mean of the sphere 


and ambient temperatures. It has been shown^ that 
the convection from spheres on the film theory is given 
by 


2 TT A y 
“ 1/D - 1/6 


watts (37) 


where A <p — Thermal conduction in watts per cm. 

D = Diameter of sphere in cm. 
b = 2 5 + D = Outer diameter of film in cm. 



Fig. 8 
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From the above we obtain 

BIB = 1/2 ) (38) 

In the general equation (16) for the film thickness we 
associate D with the diameter of the sphere and deter¬ 
mine K and m from the experiments. To this end we 
have calculated B/D and ii/p D v from the experimental 


available range by noting that the forced convection 
is given by equation (37), in which 

B =35.d( cm. (39) 

\ pDv / 

where D = Sphere diameter in cm. 

n/p = Viscosity divided by density of the fluid, 
for the geometrical mean of the sphere 
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data in Table IV and plotted the results on log: log 
paper in Fig. 8. From Fig. 8 we observe that the 
majority of points fall on a single curve having a slope 
w = 2/3. The three lowest temperature points show 
systematic departures which are probably due to experi¬ 
mental errors. The average value of the constant K 
is 36, assuming w -2/3. 

We may summarize our data on spheres for the 


^d ambient temperatures, mcfisurctl 
in c. g.s. units. 

«> =* Velocity of fluid in cm. per sec. 

VI. Forced Heat Convection in F 

For this case we have the valuable eontr» 

Nusselt^ His data were given in the forr 
the units being kilogram calories per hou? 
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meter of surface per degree centigrade temperature 
difference against mean gas velocity in meters per 
second. We have reproduced his curves as well as 
the scale would permit in Fig. 9, the units being changed 
to watts per square cm. per deg. cent, against meters 
per second velocity. In Table V we have calculated 
BIB and ti/pDv for air at different densities. For 
small values of B/D the film thickness has been cal¬ 
culated from the relation. 

Wc = {■A./B) A (p watts convection (40) 
where A = Area of heat flow path in sq. cm. 

B = Film thickness in cm. 

L<p = Thermal conduction watts per cm. 

For the larger values of B/D the film thickness has 
been calculated from the relation 

2 TT 1/ A ^ 

loge D/h watts convection (41) 

where L = Length of pipe, assumed long compared 
with the diameter, measured in cm. 

A ^ = Thermal conduction in watts per cm. 

D = Diameter of pipe in cm. 

& = D — 2B = Inside diameter of film in cm. 

In Fig. 10 the values of B/D have been plotted 
against p/pDv for the geometrical mean temperature 
on log : log paper. The points lie on a single curve as 
required by the theory. The mean slope is m = 0.77 
and the constant K - 37. Without producing an 
appreciable error we may force the slope to m = 3/4 
and use K = 30. Obviously we should not attempt to 
apply the film theory of forced convection below the 
critical velocity, that is, for values of p./p D v greater 
than 0.0004 where stream line motion ejdsts. 

To summarize our results on the heat transfer in 
pipes, we use equation (40) when the film thickness 
is Small compared with the pipe diameter and equation 
(41) when the film is more than 5 per cent of the pipe 
diameter. The film thickness is ^ven by 

® pDv ) 

D = Pipe diameter in cm. 

m/p = Viscosity divided by density of fluid at the 
geometric mean temperature of the pipe 
and contained fluid measured in c. g. s. 
units 

V = Mean velocity of flow in cm per sec. 

The best values of the exponent and corresponding 
value of the constant are 

rn =0.77 and K = 37. 

Without producing an appreciable error we 
the simpler values 

m = 3/4 and K = 30. 


VII. Experiments on Forced Heat Con¬ 
vection in Gases and Liquids 

The present work was undertaken at l^e suggestion 
of Dr. Whitney to determine the relative forced heat 
convection in various gases. It is included here as a 
supplement to the data already discussed. 

Big. 11 will give a general idea of the apparatus used. 
Fig. 12 is a cross-section of the constricted section show¬ 
ing the torpedo-shaped heating unit with the principal 
dimensions. 

The procedure for making a run at atmospheric 
pressure consisted in scavanging out the apparatus by 
running the centrifugal blower and passing gas into 
and out of the system until a state of sufficient purity 
was reached. The apparatus was quite tight but in 
order to insure pure gas during the tests a small con¬ 
stant inflow and outflow was maintained. 

Upon leaving the centrifugal fan in a four-inch dia¬ 
meter pipe, the gas entered a reducing cone which was 
connected to the two-inch constriction. The velocity 
was here measured in the center of the pipe with a 



Fig. 11—Forced Heat Convbctiont in Gases and Liquids 


pitot tube, and is therefore approximately the maximum 
velocity* not the mean .velocity. The pressure and 
velocity orifices of the pitot tube were connected to a 
large diameter U-tube (3/4 in. inside diameter) which 
was filled at first with water and later with a mineral 
oil of density 0.88 grams per cc. at 26 deg. cent. The 
oil and large diameter U-tube were used to reduce the 
meniscus errors. The velocity was calculated from the 
usual equation for pitot tubes, the constant C being 
assumed unity. 

V == C y/2gh pi/pi cm. per second (43) 
where gr = 981 cm. per sec.* 

= difference of levels in U-tube in cm. 


may use 


— uciissity ui iiquia in u-iuDe grams per cc. 
Pi = density of gas being measured, grams per c< 
The veloqij^y of the gas was again increased by enterin 
the constricted anuulm' ^ace around the torpedc 
shaped heater. The velocity in this annular spaci 
was calculated from the observed central or 
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velocity in the two-inch pipe by multiplying by the 
ratio of areas (1.37) and is the value plotted in the 
curves. After leaving the two-inch pipe the gas en¬ 
tered an expansion cone which brought it again to a 
four-inch pipe. The gas next passed through a cooler 
consisting of a helical copper tube with water circulation 
which was located in the upper part of the four-inch 
diameter pipe. The gas then returned to the intake of 
the centrifugal fan. A check on the velocity of flow 
in the different gases was obtained from the fan revo¬ 
lutions. The velocity was found to be proportional 
to the fan revolutions for all gases within the experi¬ 
mental error. The temperature of the gas approaching 
the heater was mea^red at the beginning of the reduc¬ 
ing cone and the temperature of the gas leaving the 
heater was measured at the end of the expansion cone. 


approximately constant. The resistance of the heater 
was determined by voltmeter and ammeter readings 
with reasonable accuracy. The variation of heater 
temperature for a given run might be 80 deg. d= 5 deg. 
cent. 

For the tests in water a similar heater was placed in 
one side of a 20-inch by 2-inch diameter glass U- 
tube. The water was passed into the U-tube by an 
expanding cone from a 3/4-inch water pipe. After 
leaving the heater the water passed out of the other arm 
of the U-tube into the waste pipe. The velocity in this 
case was calculated from the quantity of flow as meas¬ 
ured with stop watch and pail. The velocities are 
therefore mean velocities and are not strictly compai’able 
with the velocities obtained by the pitot tube for the gas 
tests. The velocities plotted in the curves for water 



Fig. 12 


The gas entered the heater in the vicinity of 26 deg. 
cent, and left the heater from 1 deg. to 3 deg.cent. 
higher. The temperature of the heater was determined 
from the known temperature coefficient of copper 
according to the following relations 


l+ 0.0042i (44) 

. 

0.0042 iJo deg.cent. (45) 

During a run on a p^ticular gas the temperature of the 
heater was maintained approximately constant by 
adjustment of a series rheostat in order to maintain the 
viscosity, density, and heat conductivity of the gas 


are these mean velocities. Correction to a common 
velocity basis was not considered necessary as the tests 
on water were quite rough and merely desired to check 
the order of magnitude. 

During the tests on water with day light at a proper 
angle on the glass U-tube, a line of demarcation could 
be observed between the water very close to the heater 
and that at some distance. At high velocities this film 
appeared very thin, less than a millimeter, while at the 
low velocities it became thicker and wavy or spouting 
in appearance. A study of the surface condition of a 
heated body in a liquid in this manner would un¬ 
doubtedly be of considerable interest in adding to our 
knowledge of heat transfer and the intimately related 
problem of fluid friction. 
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The radiation and conduction losses have been apparatus. The ordinates give the watts dissipated 
neglected. With this type of apparatus the conduction per sq. cm. of surface per deg. cent, temperature dif- 
pal^s are lead losses, straight conduction through the ference. In figuring the temperature difference the 
gas and conduction from the wire on the cylindrical mean of inflowing and outflowing gas temperature 



Fig. 13 



Fig. 14 


part of the glass torpedo to the sheet tin supports. 
These losses are hll small conapared with the forced heat 
convection. 

Fig. 13 summarizes the re^ts for different gases at 
atmospheric pressure as obtained with the above 


was used and the average temperature of the heater 
obtained from the resistance. The average condition 
for each gas is tabulated on the curve Fig. 13. The 


as much as =t: 10 deg. cent, in some cases. 
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The abscissas give the velocity measured by the pitot 
tube situated in the middle of the 2-in. pipe about 4 
inches in front of the torpedo multiplied by the ratio 
of the two areas, i. e. multiplied by 1.37. 

We have not as yet obtained a run with pure hydro¬ 
gen. The difficulty here is that a small percentage of 
one of the heavier gases produces a marked effect on the 



Fig. 15 


density and consequently on velocity and heat transfer 
determinations. 

Examination of the curves Fig. 15 shows that the 
heat convection at high velocities is approximately 
proportional to the gas velocity. 

In Fig. 14 the effect of varying the air density at 
constant velocity is shown. We may observe from 
this that for high velocities the heat convection is 
approximately proportional to the density of the gas. 

In Fig. 15 the observations obtained with water in 
the same type and dimensions of apparatus are given. 
The ordinates are the watts per square centimeter of 
heater surface per degree centigrade temperature 
difference. The abscissas give the mean velocity over 
the heater surface in the constricted flTrrmlflr space. 

In Fig. 16 the heat convection is given for constant 
mean velocity as a function of the heater temperature. 


In these experiments the film thickness is small 
compared with the dimensions of test body and there¬ 
fore we may treat the problem as the flow of heat be¬ 
tween parallel plane surfaces. We have therefore 
calculated the film thickness from equation (18). The 
values of B/D given in Table VI are obtained by divi¬ 
ding the film thickness by the diameter D of the heater 
unit which was 2.8 cm. The values of fi/p Dv are for 
the geometric mean of the absolute temperature of the 
surface and of the ambient fluid. 

For air we have used equation (33) to determine the 
kinemetic viscosity as a function of the absolute tem¬ 
perature T at atmospheric pressure. In considering 
the effect of different gas pressures it should be recalled 
that both the kinetic theory and experiment have shown 
that the viscosity and heat conductivity are independ¬ 
ent of the pressure. 



Fig. 16 


Langmuir’s values of <p as given in Fig. 1 have been 
used for air. For carbon dioxide at atmospheric 
pressure and 322 deg. K, we have taken the following 
values. 

p = 0.001675 ^ams per cc. 
ft — 0.0001625 cm.“^ grams sec.”^. 
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The heat conductivity has been calculated from the 
following relation given by Jeans^® 

h = 1/4 (97 — 5)/>ic»cal. sec.'^ cm.~^ deg. 

cent"’ (46) 

For C O 2 we have assumed 

7 “ Cp/Cv = 1.3 Ratio of specific heats (47) 
Cv = 0.165 cal. grams"^ at const, vol. 


For our temperature range in C O 2 we thus obtain 
A ^ = 0.00943 watts per cm. 

For ammonia by a similar process we have obtained 
for 324 deg. K. the following 

p = 0.00065 grams per c.c. 
ju = 0.000126 cm."’ grams sec."’ 

For the heat conductivity of Hs at 325 deg. K. 
k = 0.00036 watts per cm. per deg. cent. 


TABLE m 
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For the average temperature of the surface and 
ambient C O 2 , of 323 deg. we have 

k - 0.000045 cal sec."’ cm."’ deg. cent."’ 
Miltiplying by 4.19 we have 

k = 0.0001885 watts cm."’deg. cent."’ 

For small temperature differences we may write 

A<P = kavo. temp. At watts per cm. (48) 

16. J. H. Jeans Dynamical Theory of Gases, Camh. Univ. 
Press, p. 318,1916. (Second Edition). 


Assuming 7 = 1.31; c*, = 0.39 cbI gram~’ at const, 
val. 

For ethyl chloride we have taken the following 
approximate values to represent the condition at 319 
deg. K. 

p = 0.00244 grams per c.c. 

p, — 0.000106 cm."’ grams sec."’ 

k — 0.000139 watts per cm. per deg. cent. 
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Assuming r = 1.13; = 0.243 cal gram.-^ at const, 

volume. 

For water the values of viscosity and density given 
in Fig. 17, were taken from Kaye and Laby (Physical 
and Chemical Constants). 

The heat conductivity of H 2 0 is from Jakob’s^^ recent 
work, which may be summarized in the range from 
t = 0 deg. cent, to i = 100 deg. cent, by 

k = 0.00555 (1 + 0.00298 0 watts per cm. 


VIII. Forced Convection from Large 

Surfaces 

For high velocities and large bodies the film thickne^ 
will usually be small compared with the dimensions of 
the body and therefore the “shape conductance” will 
have the simple form given by equation (17) and the 
forced convection will be 

Wc = (A/B) A (p watts convection (52) 
Where A = Area of cross-section of heat flow path in 


per deg. cent. (49) 

In Fig. 18, B/D vs. jx/p D v has been plotted on 
log : log paper. All of the points fall approximately 
on a single curve of slope m = 0.88. Assuming this 
value of slope the average value of the constant is 
K = 25. We have also dotted in an average, curve of 
slope m = 1.0 which gives for the constant, K = 100. 
This simpler relation may be used for convenience over 
the present range of data without exceeding a 15 per 
cent error. 

We may now summarize our data on the forced con¬ 
vection from the rough wire wound cylindrical surface 
as follows: In these experiments the film thickness is 
small compared with the dimensions of the heater and 
therefore the convection will be given by equation (40). 

In view of the cylindrical nature of the heater we may 
write 

A = TT D L cm.2 (49) 

Also for the small temperature range we may substi¬ 
tute equation (48) and write the convection as 


square cm. 

A <p = Thermal conductance of fluid in watts 
per cm. 

B = Film thickness or length of heat flow path 
in cm. 

We have shown by the method of dimensions that 
the film thickness B is given by 

Where Z> = Linear dimension characterizing the form 
of the body 

p/p = V - Kinernetic viscosity of fluid for the 
geometric mean of the absolute tem¬ 
perature of the surface and ambient 
fluid, measured in c. g. s. units. 

V - Mean velocity of fluid in cm. per sec. 

K = Numerical constant, depending on the 
form of object, to be determined by 
experiment 

m = Numerical exponent, depending on the 
form of object, to be determined by 


We = - k. 


avg temp. 


watts (50) 


The film thickness is given by 


B =KD 


Y 

\ p Dv / 


cm. (51) 


Where D = diameter of heater in cm. 

m/p = V = kinematic viscosity of fluid at the 
geometric mean of heater and ambient 
fluid, absolute temperatures, in c. g. s. 
units. 

V = Velocity of flow in cm. per sec. 

The best average values from the data give 
m = 0.88; K = 25 

By forcing the slope we may use with fair accuracy 

m = 1 . 0 ; K = 100 . 

A comparison of these data with Nusselt’s data on 
the heat transfer in smooth pipes shows that for the 
same value of jx/p D v Nusselt’s value of B/D is approxi¬ 
mately five times the value which we obtained for the 
rough copper wire heater. This means that our rate 
of heat transfer is approximately five times as great 
as Nusselt s. A portion of this difference is probably 
due to the increased area of the rough surface; the 
remainder being due to the difference in the flow 
conditions. 


expenment. 

The values of m and K may be determined by experi¬ 
ments on similar bodies of various sizes or by variations 
of the ambient fluid. In practical work, where such 
experiments are not available for the body under 
consideration, a good approidmation can usually be 
obtained by substituting an equivalent cylinder, sphere, 
etc., for the desired form. 

If we substitute equation (53) in (52) we obtain 

TTr ^ V* 

■ “ K D V fx ) 

as our general expression for the forced convection from 
si^aces in which the film thickness is small compared 
vdili the size of the body. For small temperature 
differ^ces, of the order of 100 deg. cent., we may write 

^<P = kavg. A t watts per cm. (54) 

where kavg» = Heat conductivity of fluid for the average 
of the surface and ambient fluid tem¬ 
peratures measured in watts per cm. 
per deg. cent. 

At = Temperature difference between surface 
^d ambient fluid in deg. cent. 

Cylinders 

For cylinders in a stream of fluid at right angles to 
^e axis we have for the case of thin films, namely; 
B/H less than 0.05 ; ^ ^ ^ 

m = 1/2 and K = 2.2 (55) 
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If we substitute these values in equation (54) writing 
for the area A of length L. 

A — D L sq. cm. (56) 

We obtain 


Wc 


w L / 

JY \ 


pDv 

P 



watts 


(57) 


For gases we have the following relations 

p = po (273/7*) grams cm.“* (58) 

p = Po (7^/273)** cm.~i gram sec.“‘ (59) 
k = 1.05 (9 7 — 5) p c„ 

watts cm.~^ deg. cent"^ (60) 

where po = Density of gas at 76 cm. Hg. and 0 

deg. cent, in grams cm."^ 

Po = Viscosity of gas at 0 deg. cent, in cm.~i 
gram sec.“^ (the viscosity is inde¬ 
pendent of pressure). 

T = Absolute temperature of gas in deg. K. 
n = Exponent depending on gas. The fol¬ 
lowing values are taken from Jeans^® 
page 302, Air, n = 0.754; Hj, n 
= 0.69; CO 2 , n = 0.98 
7 = Cp/Cv Ratio of specific heats 
Cv = specific heat at constant volume calo¬ 
ries gram“i deg. cent.~^ 

The heat conductivity of a gas is independent of the 
pressure. 

For Air we have 

Po = 0.00129 grams cm.-® at 76 cm. Hg. 

Po = 0.0001705 cm.-i gram sec.“‘ 
n = 0.754 

From which we have for air at atmospheric pressure 
p/p = 7.56(273/r)i-7®^ cm.- 2 sec. (61) 

VpTp = 2.75 (273/T)®-®” (62) 

We have shown^ that the heat conductivity of air at 
moderate temperature may be written 

7c = 3.4 X 10“® watts cm.-^ deg. cent.-^ (63) 


For moderate temperature differences of the order 
of 100 deg. cent, we may substitute equation (54) in 
equation (57). For air we may substitute equations 
(62) and (63) and obtain the following equation for the 
forced convection from cylinders in air where the film 
thickness is small compared to the cylinder diameter. 


Wc = 0 • 0018 L y/p D V —inr watts convection 

avff 


(46) 

where L = Length of cylinder in cm. 

p = Absolute air pressure in atmospheres 
D = Cylinder diameter in cm. 

V = Air velocity in cm. per sec. 

At = Temperature difference between surface 
of cylinder and ambient air in deg. 
cent. 

Tavg. — Average absolute temperature of surface 
and ambient air deg. K. 


In deriving equation (64) we have used the arith- 
. metic mean temperature in determining the kinematic 
viscosity since for moderate temperature differences 
the geometric and arithmetic means are approximately 
the same. As a check on the relation let us apply it to 
calculating the convection given by Hughes for the 
1.93 cm. diameter cylinder given in Table III. We 
have 

L =1 cm. (Length of cylinder under consid¬ 
eration) 

p =1 atmosphere (absolute air pressure) 

D =1.93 cm. (cylinder diameter) 

» = 500 cm. per sec. (air velocity) 

A t = 100 deg. — 15 deg- = 85 deg. cent. 
(Temperature difference) 

Tava- = 331 deg. K. (Average of Cyl. and Amb. 
Air Temp.) 

Wc =2.46 watts convection observed 
Prom equation (64) we have 

Wc =2.34 watts convection calculated 
The calculated result is 6 per cent low, which is within 
the experimental error. 


Spheres 

For the case of spheres in which the film thickness 
is small compared with the diameter, we associate 
D in equation (53) with the sphere diameter and take 

m = 2/3 and iT = 35 (65) 

If we substitute these values in equation (54) writing 

A = TT D® sq. cm, ( 66 ) 

we obtain 



For air at moderate temperature differences we may 
write equation (67) as follows 

If. = 0 .00082 (p -= CT i 6 - 

avi. 


Pipes 






For high velocity in pipes or where the film thickness 
is small compared with the diameter we associate D 
in equation (53) with the diameter of the pipe and take 
as a good approximation 

m = 3/4 and K — BO 

Substituting these values in equation (54) we obtain 
tL / cDv 

We = J A <p watts (69) 


30 


For air at moderate temperature differences we may 
write equation (69) as 

At 


w,^o.mL(pDvr/^-~ 

avg. 


watte (70) 
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Plane Surfaces 

For plane surfaces the film thickness should be 
independent of any linear dimension. This condition 
requires us to put m = 1 in equation (53), from which 

B = cm. (71) 

Substituting this relation in equation (52) we obtain 
for infinite plane surfaces 

A p V 

We = ^ A ^ watts convection (72) 

There are no data available on the forced convection 
from large plane surfaces but we may obtain an estimate 
of the value of K from Nusselt’s data on heat transfer 
in pipes, and our data obtained with a cylindrical 


„ 1 X 10 X 5.5 X 1330 X 0.0225 

K = -2:gg-- = 575. (73) 

Prom Table VI we write the following point for air 
at atmospheric pressure 

A = 1 sq. cm. (Area of surface) 
p =1 atmosphere 

V = 8500 cm. per sec. 

Lt =80 deg. cent. - 25 deg. cent. = 55 deg. 
cent. 

We = 0.125 X 55 deg. cent. = 6.88 watts per 
sq. cm. 

A ^ = 0.0144 watts per cm. 
p/p. = 5.6 at Geom. mean temp. 

Substituting these values in equation (72) and solving 
for K we obtain 

Z = 100 (74) 



Fig. 17 


heater in the middle of a tube. Another way of viewing 
the matter is to observe that the conditions pertaining 
in^ infinite pipe should be similar to an infinite plane 
sraace. Prom Table V we have for air at 10 atmos¬ 
phere pressures 

A = 1 sq. (jjQ. (Area of surface) 

p ~ 10 atmospheres (Air pressure) 

» = 1330 cm. per sec. (Mean Air Velocity) 

^ ^ = '85 deg. cent. 

We — 0.0336 X 85 = 2.86 watts per sq. cm. 

A <pi = 0.0585 - 0.036 = 0.0225 watts 

per cm. , 

= 5-5 at (3eom. mean temp, 
md 76 m. Hg. Substituting these values in equation 
(72) and solving for if we have 


The value of if estimated from Nusselt^s data is seen 
to be approximately six times as large as the value 
obtained from our data. In our tests the high-velocity 
gas was constricted in its flow over the wire wound 
heater by the surrounding tube. In Nusselt^s tests 
the gas flowed through a smooth brass pipe. Thus a 
portion of the difference in the values of if is to be 
expected from the difference in test conditions and the 
remainder due to the greater roughness of our wire 
wound heater. In a subsequent paper, connecting the 
mm thickness with the mechanical resistance to flow, 
it will be shown that the heat laransfer from a rough 
surface, equivalent to coarse sand, is approximately 
twice that obtained from a smooth surface. 

Data on the heat transfer at iiigh velocities from 
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smooth and rough surfaces are needed to select the best 
value of K for engineering calculations. For the 
present we will take an average of the two values 
obtained above or 

K = 340 ( 75 ) 

For moderate temperature differences we may sub¬ 
stitute equation (54) in (72) and obtain for large plane 
surfaces at high velocities 


Average of surface and ambient 

temperature.= 321 deg. K. 

W, = 0.0014 X 135,000 X 1 X 4570 X 35/321 = 
94 kw. 

The above assumed conditions represent the approxi¬ 
mate values obtaining in practise with 100 -kw. rotor 
excitation. 

IX Forced Heat Convection in Mixtures 


Wc = 0.003 kavg.At watts (76) 

Where 

A = Area of surface in sq. cm. 

p = Density of fluid in grams per cc. for the 
average of surface and ambient tem¬ 
peratures 

. p = Viscosity of the fluid in c. g. s. units for 
the average of surface and ambient 
temperatures 

» = Mean velocity of fluid over surface in 

cm. per see. 

kavo. — Heat conductivity of fluid, for the 
average of surface and ambient tem¬ 
peratures, in watts per cm. per deg. 
cent, 

A t = Temperature difference deg. cent. 

The arithmetic mean has been used instead of the 
geometric mean temperature in determining the kine¬ 
matic viscosity of the fluid since, for the moderate 
temperature differences here under consideration, the 
two means are practically equal. 

For air we may substitute equations (61) and (63) 
in (76) and obtain 


To determine the free or forced heat convection in 
mixtures we require a knowledge of k, p and p for the 
mixture under consideration. 

The viscosity of gaseous mixtures have been investi¬ 
gated experimentally and theoretically at some length 
by Graham^^, Maxwelh®, Puluj^®, Sutherland^o, Thiesen^^ 
Schmitt^. Chapman^* has recently studied the prob¬ 
lem from the theoretical side in three classical papers, 
where the experimental and theoretical material are 
fully discussed. 

The heat conductivity of mixtures of gases has hot 
received much experimental study. Data on the heat 
conductivity of Helium and Argon is given by Wach- 
smuth**^ and we have data on mixtures of oxygen and 
hydrogen by Wassilewjas^ 

Chapman23 discusses the problem from the theore¬ 
tical point of view from mon-atomic gases. His 
equations are probably also approximately correct for 
calculating the heat conductivity of poly-atomic 
mixtures though this question has not been checked. 

In Pig. 19 we have taken the data on heat conduc¬ 
tivity for mixtures of Helium and Argon by Wach- 
smuth24 as recorded by Chapman^^ first reference. 
The viscosity data is by Schmitt^s as given by Chap- 
man23, first reference. 


A t 

Wc = 0.0014 Apv 7 p— watts convection (77) 

Where A =. Area of surface in sq. cm. 

V = Absolute air pressure in atmosphere 

V = Air velocity in cm. per sec. 

A f = Teinperature difference deg. cent. 

T avg, " Average of absolute temperature of sur¬ 
face and ambient air in deg. K. 

FVom this we see that for the same temperature 
difference the forced convection decreases as the am¬ 
bient temperature is raised. 

A rough check on equation (77) may be had by 
applying it to calculate the heat dissipated from the 
rotor of a large turbo-alternator for the following 
assumed conditions: 

Rotor diameter..........._ D - 114 cm. 

Rotor length ..L = 376 cm. 

Rotor area. A ^ it DL = 135,000sq.cm. 

Air pi^ure.......p =1 atmosphere 

Velocity of air in air gap .. . v = 4570 cm. per sec. 

Mean air temperature.... =30 deg. cent. 

Mean rotor surface temperatures.. =65 deg. cent. 
Surface film drop... At =35 deg. cent. 


^ In Fig. 20 mixtures of oxygen and hydrogen are 
similarly treated. The data on viscosity are by 
Schmitt®^ and the heat conductivity by Wassilewja^®. 
In both cases the densities have been taken from Kaye 
and Laby, Physical and Chemical Constants, 

We have seen from equation (76) that the forced 
convection at high velocities from large plane surface 
for moderate temperature differences may be written as 

' -nrr Av / kp \ 

Wc = J A t watts (78) 


K 


an. 


PVom th is we see that the heat transfer per square 

17. Graham, PUl. Tram. Roy. Soc., 1846. 

18 . Maxwell, Pa7jm,Vol. II, p. 72. 

19. Puluj, Carl’s Repertorium XV, p. 690. See also Meyer 
“Kinetic Theory.” p. 200. 

20 . Sutherland, PM. Jldraj7.,Vol. 40, p. 421,1896. 

21. Theisen, Verh. D. Dcutsch. Phys. Ges., p. 238^ 1902. 

22. Schmitt, Ann. d. Phys. 30, p. 393,1909. 

23. Chapman, PM'. Trans. Roy. Soc. A., Vol. 211, pp. 433- 

483,1912. > II ^ 

Phil. Trans. Roy. Soc. A., Vol. 216, pp. 279-348,1915. 

Phil. Trans. Roy. Soc., A., Vol. 217, pp. 116-196,3.917. 

24. Wachsmuth “Halle Diss,” 1907; “Phys, Zeitschrift.” 7 

p. 235, 1908. * 

25. Wassilewja, Phys. Zeit. 5, p. 737,1904. 
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5 per cent O 2 mixture. We thus assume the following 
values to represent commercial Hz 

p — 0.000148 (2fI3/T) grams per cc. ( 86 ) 

p = 0.000102 (!r/273)®'®® cm.~^ gram sec.“^ (87) 

k = 31.9 X 10“® T®-®® watts per cm. per deg. 

cent. (88) 

m/p = 0.69 (r/273)^’®® cm.2sec.“^ (89) 

k p ^ ^ ^ 

= 0.602/r watt sec. deg. cent.-i cm.-® (90) 

For air we have obtained the following values 
p = 0.00129 (273/T) grams per ce. (91) 

M = 0.0001705 (T'/273)®*^®^ cm.~^ gram sec.~^ (92) 

k - 3.4 X 10-® watts per cm. per deg. 

cent. (93) 

em.2 sec.-i (94) 


(35). We may substitute the approximation of equa¬ 
tion (54) and obtain 

2^ IT L kavg, A t 




log* 


2B +D 
D 


watts (101) 


From equation ( 100 ) 

B — 0.153 cm. 

2 T X 33.8 X 10-® X 54.5 X 85 
~ ~ “ - ■ ■ ^ " = 6.85 watts 


0.144 


For commercial Hz 


( 102 ) 

watts 

(103) 


M 


P Dv 


= 0.00099 


(104) 


p/p = 0.132 (T/273)i*”4 
k p 


P 


= 0.475/r watt sec. deg. cent.-i cm.-® (95) 

^ Let us now calculate the forced convection from a 
single radiator tube in the three mediums. We will 
assume the same values used in the example of sec¬ 
tion VIII which are as follows: 

L =1 cm. (Length of tube under consideration) 
p =1 atmosphere (Absolute gas pressure) 

D 1.93 cm. (Outside diameter of tube) 

V 500 cm. per sec. (Stream velocity) 

A ^l= 100 deg. cent. - 15 deg. cent = 86 deg. 

cent (Temperature conditions) 

Tava,= 331 deg. K. (Avg. of tube and amb. tem- 
. ■: peratures) 

For air 

P 1 

—= 0.132 (331/273)1-’®^ X - = 

pDv Koox/^,oj ^ 1,93 x 600 

0.000191 (96) 

This value is less than 0.013 and therefore we use 
m = 1/2 and J: = 2.15 in equation (36) and obtain 

B/D = 2.15 (0.000191)1/2 = 0.0297 ( 97 ) 

From this we see that we are dealing wjth a thin film 
and may therefore employ equation (64) in calculating 
the forced convection. 

Wc = 0.0018 V 1.93 X 500 X 85/331 ®-123 = 2.34 

watts (98) 

For Pure Hz 


P 


pDv 


= 0.00136 


(99) 


We therefore employ m = 1/2 and K = 2.15 and obtain 
B/D = 0.0794 ( 100 ) 

Here the film thickness is getting rather thick, and it is 
best to calculate the forced convection from equation 


From equation (36) or from figure 6 we have 

B/D = 0.0675 (105) 

From equation (35) and approximation of equation ( 54 ) 
We = 7.B watts (106) 

From these calculations we see that for the same size 
of radiator tube and same gas velocity the forced con¬ 
vection in Pure Hz will be 2.9 times as great as in air. 
In commercial Hz the ratio is 3.1, showing a still greater 
heat transfer. Somewhat the same ratio should be 
found in the case of built up radiators, since the spacing 
be^een the tubes will be large compared with the film 
thickness and the mutual influence of the tubes should 
be small. 

From equation (78) we see that the rates of heat 
transfer, frona large plane surfaces with moderate 
temperature differences, in the three gases will be pro¬ 
portional to the coefficients given by equations (85), 
(90) and (95). Thus, pure Hz is approximately the 
same as air and commercial Hz is about 1.3 times as 
effective as air. 

The heat conductivity and viscosity of a gas is 
independent of the pressure and since the density is 
directly proportional to the pressure, the forced con¬ 
vection from large surfaces will be proportional to the 
gas pressure. For cylinders the effect is less pro¬ 
nounced. Equation (57) shows that for moderate 
temperature differences and thin films, the rate of heat 
transfer will be proportional to the square root of the 
absolute pressure of the gas. The necessity for using 
large areas in steam condensers to obtain a good vacuum 
is thus apparent. We may also observe that other 
things being equal a heavy vapor cycle has an advantage 
over steam. 

From equation (57) we may observe that the forced 
convection per sq. cm. of tube surface is inversely 
proportional to the square root of the tube diameter. 
Thus, generally speakings small radiator or condenser 

tubes are more efficient than lar^ ones. 

In Table VII the properties of a few gases and liquids 
are given for purposes of comparison. The values given 
for the liquids are chiefly from Landblt Bdrnstein 
Tabellen. The heat conductivities of the gases have 
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been calculated from equation (46) with the exception 
of **Impure Hz” For mixtures of a light with a heavy 
gas equation (46) does not hold and the values given 
are those previously estimated from Wassilewja’s^s 
experimental data on mixtures of H 2 and O 2 . 

The specific heats of the mon-atomic gases Neon, 
Krypton and Xenon are not available but fortunately 
the kinetic theory of gases provides us with a method 
of calculating their values. For mon-atomic gases we 
assume that any possible internal atomic energy does 
not contribute to the specific heat and we therefore 
have from Jeans^® (page 198, equation 512) 


Substituting (108) in (107) we have 

It N 

= 3/2 — 7 —~ Cal. gram~^ deg. cent.-^ (109), 

o po 

and substituting the numerical values we have for the 
specific heat of a mon-atomic gas 

c, = .000133/po Cal. gram~^ deg. cent.-^ atconst. 

volume ( 110 ) 

IX. Summary and Conclusions 

1. The present investigation shows that Langmuir^s 
film theory of convection can be successfully applied to 
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Cv = 3/2 7 — Cal gram“Vdeg. cent.”^ at const. 

vol. (107) 

Where jR = Gas constant = 1.35 X 10-^® 

J = Mech. equiv. of heat = 4.19 X lO'^ ergs 
m = Atomic mass grams 
We also have 

m = No/po:; grams (108) 

where No = Number of atoms in 1 c^^ of gas at 0 deg. 

cent, and 76 cm. H g — 2.75 X 10^® 
po = Density of gas at 0 deg. cent, and 76 
cm. Hg. in grams per cc. 


the calculation of forced convection. 

2. The method of dimensions gives the following 
general expression for the film thickness B. 

where K = Numerical constant to be determined 
by experiment 

m = Numerical exponent to be determined 
experimentally 
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m/p = = Kinematic viscosity of the ambient 

fluid^ for the geometric mean of the 
ambient and surface temperatures in 
c. g. s. units. 

D = Linear dimension describing the body 
under consideration measured in cm. 

V = Ambient fluid velocity, cm. per sec. 

3. The forced convection from long cylinders in 
which the fluid flows normal to the axis has been tested 
for a wide range of conditions. These tests include 
cylinders from 0.0028 cm. to 6.06 cm. diameter at 
temperatures from room to 1000 deg. cent, and air 
pressures ranging from 1/2 atmosphere to 4 atmos¬ 
pheres. One point is also available for water. For 
this wide range the forced convection is given by the 
following relation: 



2 T L A <p 
log« h/D 


watts convection ( 112 ) 


Where L — Length of cylinder in cm. 

A <p = Thermal conduction of fluid in watts per 
cm. 

D = Diameter of cylinder in cm. 
b = 2 B D = Outside diameter of film in 
cm. 

The film thickness B is given by equation (111) in 
which we associate D with the diameter of the cylinder 

and use the following values for the experimental con¬ 
stants: 


The value of B is given by equation (111) in which 
m = 0.77 and K = 37 or without appreciable error we 
may force the slope to w = 3/4 and use K = 30. 

^ 6 . The tests using the copper wire heater included 
air, C O 2 , N H 3 , C 2 Ho C1, Impure and water. The 
tests were made at high velocities and the conditions 
were such as to give thin films. Moderate temperature 
differences we used. We may therefore summarize the 
data as follows: 

rxr TT D L Jc ava^ temp. 

^0 = ^- At watts (115) 


The film thickness B will be given by equation (111) 
using m = 0.88 and K = 25 or by forcing the slope to 
w = 1 , we may use K = 100 with reasonable accuracy. 

7. For large surfaces the film thickness will usually 
be small compared with the dimensions of the body and 
we may, therefore, write the forced convection 

We =A/BA<p watts (116) 

Where A = Area of surface in square cm. 

A <p = Thermal conduction in watts per cm. 

B = Film thickness in cm. 

If we substitute the general expression for the film 
thickne^ as given by equation ( 111 ) in equation (116) 
we obtain as our general expression for the convection 
from large bodies having thin films. 


We = 


A 

KD 


( 


pDv 

M 



watts (117) 


TT M 

p D V than 0.013 and B/D is less than 

0.24, we have m = 1/2 and K = 2.15 

pDy is greater than 0.013 and B/D is greater 

than 0.24 we have m = 2/3 and K = 4.27 

4. The forced convection from spheres is given by 

2t A <p 

“ 1/D - 1/6 watts convection ’(113) 

Where A tp = Thermal conduction in watts per cm. 

D = Diameter of sphere in cm. 
h = 2 B -f- D = Outer diameter of film in 
cm. 

The film thickness B is given by equation (111) in 
which we associate D with the diameter of the sphere. 
From the meager data we obtain m = 2/3 and K = 
35. 

5. The forced convection in pipes is given by the 
following relation: 

2 ttL a <p 

watts convection (114) 


Here the slope m and constant K have to be deter- 
imned for a given geometrical form by experiments on 
similar bodies of various sizes or from a single body 
under different ambient fluid conditions. 

8 . For moderate temperature differences we may 
wnte with sufficient approximation. 

A (p - kavg. temp. A t watts por cm. (118) 
where kavg. temp. = Heat conductivity of fluid at the 

average of the surface and am¬ 
bient fluid temperatures in watts 
per cm. per deg. cent. 

A i = Temperature difference between sur¬ 
face and ambient fluid in deg. cent. 

9. For cylinders in which the film thickness is small 
compared with the diameter, namely B/D less than 
0.05, we have obtained = 1/2 and K = 2.2. There¬ 
fore, we obtain for moderate temperature differences 

tL / pDv 

~ «« ^ ~ ) Kvg. A t watts (119) 


2.2 


We 


logeD/b 

Where L - Length of pipe under consideration, cm. 
A <p = Thermal conduction in watts per cm. 

D = Internal diameter of pipe cm. 

^ = JD — 2 B = Internal diameter of film in 

cm. 


10. For gases we have the following relations 

p = Po (273/T) grams per cc. (120) 

M = Mo (T/273)’* cm.-i gram sec.-^ (121) 
k - 1.06 (9 7 — 5) p c„ watts per cm. p 6 r 

deg. cent. ( 122 ) 

where po = Density of gas at 76 cm. Hg. and 0 deg. 
cent, in grams per cc. 

Mo = Viscosity of gas at 0 deg. cent in c. g. s. 
units 

(The viscosity is independent of pressure) 
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T = Absolute temperature of gas in deg. K. 
n = Exponent depending on gas. The fol¬ 
lowing values are taken from Jeans^®, 
page 302; Air, n = 0.754; n = 
0.69; COi,n = 0.98 
T = Cp/c« = Ratio of specific heats 
c„ = Specific heat at constant volume in cal 
per gram per deg. cent. 

k — Heat conductivity of gas and is inde¬ 
pendent of the pressure. 

For Air we have 

Po = 0.00129 grams per cc. 

Po = 0.0001705 c. g. s. units 
n = 0.754 

From which we have/or air at atmospheric pressure 

p/p = 7.56 (273/r)’*”^ cm.-2sec. (123) 

In the paper on Free Convection^ it was shown that 
thej^heat conductivity of air at moderate temperatures 
may be written 

k - 3.4 X 10~® watts per cm. per deg. 

cent. (124) 

11. Application of these relations to equation (119) 
gives the following expression for the forced convection 
from cylinders in air under the conditions of thin films 
and][moderate temperature differences. 

- A< 

Wc “ 0.0018 LVpDv - ^ 6 1 2 3 " watts 

avg, 

convection (125) 

where L = Length of cylinder under consideration 
in cm. 

p = Absolute air pressure in atmospheres 
D = Diameter of cylinder in cm. 

V — Air velocity in cm. per sec. 

A i = Temperature difference between surface 
and ambient fluid deg. Cent. 

Tavo. = Average of absolute temperature of sur¬ 
face and ambient fluid deg. K. 

12. For spheres in which the film thickness is small 
compared with the diameter we obtain 

TT D / pDv 

Wc =- 3 g-(—watts (126) 
For mV at moderate temperatures we may write it 

Wc = 0.00082 D6/®(p») 2/®,-;4L— watts 

J avg. 

(127) 

where D = Diameter of sphere in cm. 

The other symbols have the significance given in equa¬ 
tion (125). 

13. For pipes in which the film thickness is small 
compared with the diameter we obtain 

TT L / pDv \ . 

We = ^ ^ ^^ 28 ) 


For mV at moderate temperature differences 

We = 0.002 L(pDi?)®/4^ watts (129) 

avg. 

Here D is the inside diameter of the pipe and the other 
symbols are as defined in equation (125). 

14. For plane surfaces we have taken the following 
relation to represent average conditions: 

Wc = 0.003 A <p watts (130) 

For air at moderate temperature differences, we may 
write it 

Wc = 0.0014 A pv watts (131) 

15. We observe from these relations that in gases 
the forced convection for the same temperature differ¬ 
ence decreases as we increase the ambient temperature. 
In liquids the opposite effect takes place in general. 

16. The forced convection in fluid mixtures requires 
a knowledge of k, p and p. for the mixture. It has been 
shown that for a certain mixture of a light with a heavy 
gas the forced convection from plane surfaces may be 
considerably greater than for either gas alone. This 
effect is shown in our tests on the forced convection 
using impure hydrogen. Here the observed forced 
convection was approximately 1.3 times as great as it 
would be in pure hydrogen or in air. 

17. For pure hydrogen we have the following re¬ 
lations: 

p = 0.00008987 (273/T) grams per cc. (132) 

p = 0.000085 (T/273)®-®® c. g. s. units (133) 
For moderate temperatures we may use 
k = 33.8 X 10“® r®’®® watts per cm. per deg. cent. (134) 

18. For commercial hydrogen we have assumed the 
following values: 

p = 0.000148 (273/T) grams per cc. (135) 

p = 0.000102 (T/273)®-«® c. g. s. units (136) 

For moderate temperatures 

k = 31.9 X 10~® T®‘“® watts per cm. per deg. cent. (137) 

19. The forced convection from a smooth cylinder 
under the following conditions 

L = 1 cm. (Length of tube under considera¬ 
tion 

p =1 atmosphere (Absolute gas pressure) 

D = 1.93 cm. (Outside diameter of tube) 

V =s 500 cm. per sec. (Steam velocity) 

A< = (100 deg. cent.-15 deg. cent. =85 
deg. cent. (Temperature conditi'"” 

= 331 deg. a:. (Avg. of tube and am 
absolute temperatures) gives for 

Wc == 2.34 watts 

For pure hydrogen 

Wc = 6*85 watts 
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For eommereial hydrogen 

We = 7.3 watts (140) 

Thus under the assumed conditions the forced con¬ 
vection from the radiator tube in pure is 2.9 times 
as great as in air. In commercial the ratio is 3.1, 
showing a still greater heat transfer. In actual built 
up radiators the same general effect should be observed, 
since the spacing between the tubes will be large com¬ 
pared with the film thickness and the mutual influence 
of the tubes should not be great. 

20. The heat conductivity and viscosity of gases 
are independent of the pressure, and, since the density 
is directly proportional to the pressure, the forced con¬ 
vection from large plane surfaces at high velocities will 
be directly proportional to the gas pressure. For 
cylinders the effect of pressure is less pronounced, since 
the forced convection is only proportional to the square 
root of the pressure. 

21. The forced convection per sq. cm. of tube sur¬ 
face, for thin films, is inversely proportional to the 
square root of the cylinder diameter. Thus, generally . 
speaking, small radiator tubes are more efficient than 
large ones. 

22. From Table VII we see that the forced convec¬ 
tion from a large plane surface in water is approxi¬ 
mately 178 times as great as for air. It is also evident 
that transil oil is not as effective as water. This 
presents the problem of using dielectrics having better 
heat transfer properties than oil for certain engineering 
applications. 

23. We have seen that the physical assumption of 
Langmuir’s film theory combined with dimensional 
reasoning gives equations from which the forced con¬ 
vection from bodies of various shapes may be accurately 
calculated in any gas or liquid. In the paper on Free 
Convections similar assumptions were found to give 
simple solutions for free convection problems. It, 
therefore, seems certain that when a successful mathe¬ 
matical solution of the actual convection problems is 
obtained, it will show the existence of a relatively 
stationary film with a turbulent boundary as postu¬ 
lated by Langmuir’s film theory. 

Acknowledgment is made to Dr. W. R. Whitney for 
suggesting the investigation and for the inspiration 
which his interest in the subject largely supplied. The 
writer is also indebted to Mr. E. W. Kellogg for the 
many valuable suggestions which he contributed during 
the investigation, and to Mr. E. P. Lawsing, for his 
valuable assistance in making the tests. 

Discussion 

y. M. Montsin^er: I think I am safe ie ma iring the state¬ 
ment that there is no other problem which offers any more 
difficulties than does that of heating and cooling. This is 
especially so in investigating free convection. In fact there 
are usually so many factors to be taken into consideration that 


it is practically impossible to arrive at any simple rule or formula 
that wiU hold for all the conditions met with in practise. I 
think one of the most important points to be considered in 
deriving a formula for free convection.is that of the size of the 
area, that is, whether the heated surface is concentrated in a 
small area or whether it covers a large area several feet in height. 
Mr. Rice has considered this within a certain range of sizes. 
Another important point is the range in temperature used. 

As most of the data used by Mr. Rice were obtained either 
from relatively small areas or at fairly high temperatures, that 
is, above 100 deg. cent, rise and as a contributing part to this com¬ 
pendium, I would like therefore to give in brief some of the 
results of my experience covering a period of several years in 
cooling mostly by free convection, of large areas at relatively 
low temperature rises, less than 100 deg. cent. rise. This 
lower region of temperatnre rise is-a very important one from a 
practical standpoint for the reason that the limiting temperature 
of all class A insulating materials used so extensively in electrical 
apparatus comes within this range. 

First, in reference to the question of the film of inactive air 
next to the heated surface I think perhaps it may be of interest 



PER CENT HYDROGEN IN MIXTURES BY 
VOLUME OF HYDROGEN AND NITROGEN 

Fig. 1—CuEVus showing Effect of Size of Coil Dtjots 
ON Cooling of Vertical Coils by Free Convection in Gases 
AT 200 Lb. (alb.) Pressure 

if I give in a very general way the results of a recently conducted 
experimental observation which confirms very conclusively the 
existence of a film of apparently stationary gas on the heated 
surface. 

' The experiment consisted in cooling by free convection a 
series of vertical transformer coils separated by various ducts 
of different sizes in, (1), a light gas of hydrogen, (2), in a heavy 
gSB of nitrogen and (3), in a mixture of the two gases. 

For the larger sizes of coil ducts used around in. to H uIm 
the relative heat transfer or convected losses for a given tem¬ 
perature rise for the two gases checked fairly closely the values 
calculated by Mr. Rice’s formula in which the loss varies directly 
with the product of heat conductively and the square root of the 
gas density and inversely with the square root of the viscosity. 

But for the smallest coil duct used around ®/i6 in., it was found 
that there was practically no difference in the cooling by either 
of the gases when under 200 pounds absolute pressure. What 
appeared at first to be somewhat puzzling bocuiTed When 
mixtures of these gases were used varying from lOO per cent 
nitrogen to 100 per cent hydrogen by volume. For iiatance, 
with a 50-60 mixtmre, the loss ffissipated for a ^'veh rise was 
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approximately 50 per cent greater than for either of the pure 
gases, and this difference in cooling with the pure gases an d their 
mixtures gradually decreased as the mixture approached either 
one of the pure gases. 

This hump in the efficiency curve gradually disappeared 
(as the coils with larger ducts were used) by moving over in the 
direction of the % in. ducts and, of course, as the ducts became 
larger the'cooling became better and better for the hydrogen 
gas, as compared with nitrogen. This is illustrated in Fig. 1. 

The important point however is this: what was the cause of 
it? According to Mr. Rice’s formula, nitrogen has a thin 
^m of inactive gas on the surface and hydrogen gas has a rela¬ 
tively thick film—about 2.6 times greater than that of nitrogen 
at 50 deg. cent, and at 200 pounds pressure. Naturally then for 
small constricted paths the thick hydrogen film was clogging 
the circulation whereas the thin film of nitrogen allowed a much 
more free circulation and it so happened for this particular 
size of duct that the cooh’ng was about equal, whereas for im- 
restricted circulation the cooling of hydrogen ranges from 2 to 3 
times as great as that of the nitrogen. 

Beginmng with hydrogen as the cooling medium and as 
nitrogen was gradually added, thus forming a mixture, the gain 
due to decreasing the film thickness was up to a certain point 
more than the loss due to the addition of the poor* cooling gas 
(and consequently loss of equal amount of hydrogen) but 
finally at approximately 50-50 mixture the conditions of gain 
and loss reversed themselves and the cooling again decreased. 
This phenomena proves conclusively the existence of a gas film 
upon which Mr. Rice’s formulae are based. 

Second, in reference to the question of the variation of free 
convection loss with temperature rise as given by Mr. Rice’s 
equation (126), I wish to make the following comments: if we 
choose some definite ambient temperature, say 30 deg. cent., the 
equation expresses the loss as a function of the average of the 
absolute temperatures of the heated surface and ambient raised 
to the 0.754 power multiplied by the temperature difference in 
degrees cent. If we calculate the loss by this equation and plot 
loss as ordinates and temperature rise as abscissa on double-log 
paper wo find that the loss varies up to 100 deg. almost exactly 
as the temperature railed to the 1.06 power. But as Mr. Rice 
states in the paper from 100 to 500 deg. the average exponential 
valAe is around 1.25. For example the following tabulation 
gives the values of the exponent between each 100 deg. rise up to 
500 deg. cent, as calculated from his formula. 


For temperature rise 
Between limits of: 

Loss varies approx, as 
temperature rise raised 
to power of: 

0-100 dog. cent. 

1.06 

100-200 dog. cent. 

1.14 

200-300 deg. cent. 

1.24 

300-400 deg. cent. 

1.265 

400-5(K) deg. cent. 

1.37 


Average from 100 to 500 deg. cent. = 1.254. 


However, I have found as I pointed out in my article in June 
1916 proceedings that the exponent of 1.25 holds from 0 to 100 
deg. and I am quite certain that loss by convection for lai^e 
aireas does not vary even approximately as the first power of the 
temperature rise as given by equation (126). 

I have been using for over ten years this value of the exponent, 
namely 1.25, in connection with the cooling of large selfcooled 
transformers having tanks with irregular surface where the 
greater part of the heat is dissipated by convection and I find 
that it always checks very closely with the test results. The 
difference between the loss calculated on the basis of using an 
exi)onent of 1.06 and one of 1.25 is quite an appreciable amount. 
For instance, if the constant is so chosen that the lines cross at 
10 deg. rise the difference in loss at 100 deg. rise is in the ratio of 
about 1 to 1.5. 


CONVECTION OF HEAT 703 

To obtain laboratory accuracy on the loss of heat by free 
convection from rather tall vertical surfaces 1 recently made 
a series of tests on a cast iron plate about 3.15 in long by 13.1 in. 
wide by l^/ie in. in thickness. In the plate were imbedded 
sheath wire units of equal resistance about 2 in. apart so as to 
obtain a uniform temperature throughout the whole area in¬ 
cluding both sides of the plate. This eliminated the necessity 
of making corrections for stray losses in case one side of the plate 
had been blanketed, as is sometimes done in investigations of 
this kind. 

The plate was suspended in a vertical position in the air in 
an open room having a constant temperature. Fifteen thermo¬ 
couples were soldered in holes in the surface on one side a.nd five 
on the other side of the plate, the five being used merely as a 
check to see if both sides were at the same temperature. Direct 
current was used to supply the loss. All readings of volts and 
amperes and thermocouples were taken with a potentiometer. 
For convection, the air was used as the ambient. For radiation 
the temperature of the walls of the room about 10 feet distance 
was used for the ambient although the air and wall temperatures 
were usually the same. 

Three series of runs were made with both sides of the hot plate 
under the same conditions, namely: 

(1) painted a lamp black; (2) nickel plated and polished, 
and (3) ^with the surfaces partly oxidized and set permanently 
at about 325 deg. cent, before making any test. 

For the first condition the paint began to scale off when the 
temperature reached approximately 100 deg. cent, or about 



TEMPERATURE RISE OVER ROOM IN DEG. CENT. 

Fia. 2— Heat Loss bt Free Convection from Peane 31.5' 
Height and 13.1' Width, Painted Lamp Black 

72 deg. rise and the test had to be discontinued. Up to this 
point the loss by convection was taken as the difference between 
the total loss and the loss calculated by the standard radiation 
law and assuming that the emissivity factor was 0.9 that of a 
perfect black body. The radiation constant used was 3.6S X 10“^^ 
The convection loss points fell on a straight line on double-log 
paper the equation of the line being 

Wc = 1.40 X 1001-265 (1) 

in which Wo is the watts per square inch of surface and 0 is liie 
temperature rise in deg. cent. The loss is plotted against tem¬ 
perature rise raised to the 5/4 power in Pig. 2. 

For the other two conditions of the plate surface the emissivity 
factor for radiation was assumed to be that obtained by sub- 
tzracting from the total loss for a given rise around 50 or 60 deg. 
cent, the convection loss according to equation (1). The 
resulting v^ue of emissivity was used throughout the range of 
test temperatures in determining the convection loss iwints. 

According to the above method of procedure the emissivity 
factor for the nickel plated and polished surface was 0.07. 

Up to about 150 deg. cent, rise the convectibn loss points fell 
in a straight fine on double-^log paper, the slope of the line being 
about 1.26. Prom 150 to 300 rise the points gradually drew 
away from the straight line and at 800 deg; rise the loss was 
about 25 per cent higher than the straight line. Fig. 3 shows the 
loss plotted against temperature rise raised to 5/4 poweri 
At first it was thought that this departure from a strmght 
line on double-log paper was due to a change in the law but 
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(as 'will be seen later where tests were made with the surfaces 
partly oxidized did not show this departure), it was apparently 
due to a gradual oxidation of the surface which at first was not 
diseemable to the eye but which gradually increased the emis- 
sivity factor. At about 300 deg. rise the surface became so 
tarnished that the tests were discontinued. 

For the last set of tests the surfaces were painted black and 
then subjected to a temperature of 325 deg. cent., for about a 
day, so as to let it get “set” before making any test. Some of 
the paint came off and what remained turned a brownish color. 

Tests were taken first with the temperature decreasing and 
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Fig. 3—Heat Loss by Free Convection prom Vertical 
Plane 31.5 in. Height anu 13.1 in. "Width. Nickel Plated 
AND Polished 


second with an increasing temperature. The emissivity factor, 
determined as described before, was 0.62. The convection loss 
where plotted vs. temperature rise on double-log paper fell 
practically on a straight line up to 280 deg. cent, rise—as far 
as the temperature was taken—with a slope of the line of 1.26. 
This is shown in Fig. 4. 

As stated before, the results above approximately 100 deg. 
rise agree fairly well with Mr. Rice’s formula and I do not think 
that because they disagree below 100 deg. rise they contradict 
the film tiieory. As I stated in the beginning of the discussion 
the conditions of cooling a large plate are so radically different 
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from that of cooling a small area where the heat is concentrated 
and especially at low temperature differences that possibly the 
same equations would not be expected to hold for both conditions. 

The point which I wish to emphasize is that for a large vertical 
surface and for temperature rises used in most electrical ap¬ 
paratus the loss can be expressed close enough for practical 
purposes by a simple exponential equation in which the loss 
v^ies as the 6/4 power of the temperature rise. This agrees 
with the results found by Messrs. Ezer, Griffiths and A. H. Davis 
conducted under the auspices of the Department of Scientific 
and Industrial Research, and shown in their Special Report 


No. 9 issued last year on “The Transmission of Heat by Radia¬ 
tion and Convection.” This was for temperature rises up to 
100 deg. cent, and for vertical planes up to approximately 35 in. 
in height. For heights of 69 and 104 in. the values of the ex¬ 
ponent were 1.3 and 1.34 respectively. The constant in their 
formula was the same (1.28 X 10®) for all heights above 12 in. 
(30 cm.). For smaller heights than 12 in. they found that the 
constant increased. The constant I found from the tests on the 
hot plate was 1.4 X 10® or about 9 per cent higher than Griffiths 
and Davis’ value, for corresponding heights. 

Chester W. Rice* (by letter Oct. 18, 1923.) In the above 
discussion Mr. Montsinger called my attention to the fact that 
the free convection from vertical plane surfaces varies as the 
5/4power of the temperature difference whereas my equations 
make the Qonveotion vary approximately as the first power 
of the temperature rise for small temperature differences. In 
view of this lack of agreement between the theory and experi¬ 
ment for low temperature differences, it seemed desirable to 
reexamine the available data on the basis of a more genei’al 
expression for the film thickness so as to obtain, if possible, a 
single expression which would be universally applicable for 
both large and small temperature differences. In a sub¬ 
sequent paper it will be shown that the desired universal ex¬ 
pression can be readily found and that it leads to the follow¬ 
ing conclusions. 

(1) The more general expression for the effective film thick¬ 
ness, here developed, is seen to be superior to the simpler expres¬ 
sion of the previous paper since the resulting equations account 
accurately for the convection from large and ’small bodies at 
both high and low temperature differences. 

(2) The general expression for the effective film thickness 
obtained by the method of dimensions for free convection is 

B = KD (k/fi Cp)^ lP/(oi g A DVsf cm. (1) 
where K = Experimental constant depending on the system 
of similar bodies under consideration 
D ~ Characteristic linear dimension of body in cm. 
k == Heat conductivity at average temperature watt 
em.“i deg. cent.~^ 

n = Viscosity of fluid at average temperature cm.“* 
gram sec.~i 


Cp = Specific heat at constant pressure for average 
temperature Joule gram”^ deg. cent.”* 

p = Experimental exponent 

V ^ nfp Kinematic viscosity of fluid for average 
temperature cm.* sec.“i 

a => Coef. of density change per deg. cent, for average tem¬ 
perature in deg. cent.“\ for ideal gases « =» 1 /273 

g - Acceleration of gravity = 980 cm. sec.* 

A < Difference between surface and ambient tempera¬ 
ture deg.cent. 

n = Experimental exponent for the system of similar 
bodies under consideration. 

(3) When dealing with ideal gases, the first factor in equation 
(1) can be neglected since it does not vary greatly from one gas 
to another. Under those conditions we write the effective film 
thickness 

B »7i:iD[p/(apA<)*/*D3/*f cm. (3) 

(4) The free convection from long honzonUil cylinders in 
gases and liquids is given by 

IVc =27rLA^/loge[(2R + D)/DJ watt (3) 

where L = Length of cylinder in cm. 

A Thermal conduction in watts per cm. 

D S3 Diameter of cylinder in nm. 

B^ s- Film thickness in cm. from Eq. (1). 

A sufficiently close approximation is usually obtained by taking 
n =s 1/2; K ■=* 2.12 and p = 1/4 in equation (1). 

(6) The free convection from long vertical cylinders m gases 
is given by equation (3) and the film thickness by equation (3) 
The meager available data give n * 2/3 and Ki » 8.66. 
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where R = mechanical resistance dynes cm. 

(8) We may write equation (IS) in the following form 

Tf. = (A Cp A f R/v) {k/ii CpY watt (16) 

which is seen to conform to Reynolds Law as given by Stanton. 

(9) If we substitute Lees equation for the resistance to flow 
in smooth pipes in equation (16), and assume p = 112 we obtain 


for gases and liquids. 

Wc = (k/iJ' Cp)^'^ A pcpv At [0.0009 

+ 0.0763/(« D p/m)]*®® watt 


(17) 


This equation takes into account the variation of the resistance 
with the degree of turbulence and therefore should be applicable 
over the entire range above the critical velocity. 

For ideal gases we may take with sufficient approximation 
Wc = 1.16 A pCpV At [0.0009 + 0.0763/(«D p/m)*®®] 

watt (18) 


For air equation (18) becomes approximately 
Wc = (0.417 ApvA t/Ta^g.) [0.0009 

+ 0.00012 /(v Dpy^] watt (19) 

where p — absolute air pressure in atmospheres 

T(aig. — Average of surface and ambient absolute tempera¬ 


ture 


CONVECTION OF HEAT 
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(10) For rough pipes (fine sand paper) we will assume x 1, 
p 112 and Ka = 136 in equation (13). 

For ideal gases we then obtain 

"We = 0.00635 A p V k At/ p watt (20) 

For air we have 

We = 0.0031 ApvA t/Tavg- Wait (21) 

(11) For cylinders in ideal gases the values obtained in the 
previous paper still hold. We therefore take :i: = 1/2 and 
K — 2.2 in equation (14) and obtain for thin films 

We = (Ah A t/2.2 D){pD p/m)*/" watt (22) 

where D — Diameter of cylinder in cm. 

For air we obtain _ 

Wc = 0.0018 L yl pDv A t/Tavg^^^ Watt (23) 

where L = Length of cylinder in cm. 

(12) The heat transfer in gaseous mixtures are covered by 
the general equations which apply to liquids and gases. 

In conclusion the writer wishes to express his thanks to Mr. 
Montsinger for his valuable criticism of the paper whicli brought 
out the limitations of the previous theory and stimulated the 
writer to work out the present more general relations. 
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All of the Radio Corporation of America 

Review of the Subject.—A description of the expansion of traffic in New York City, with a summary of the technicnl con- 
the Transocean Communication System of the Radio Corporation diiions covering the design of the Radio Central Station and of the 
of America from a few isolated plants to a unified group of electrical technical conditions to be tnei in operating efficiently a modern 
plants all controlled for communication purposes from a central radio communication system. 


A t the beginning of 1920 the United States Govern- in Belmar, and the operation of the Norwegian circuit 
ment removed the war restriction on commercial was centered in Chatham. Messages to England or 
radio service, arid the Navy Department restored Norway were telegraphed to Belmar and Chatham 
to the Radio Corporation of America those stations respectively, where they were copied and transmitted 
which were built and equipped in 1914 by the Marconi over the radio circuit via New Brunswick and Marion. 
Wireless Telegraph Company of America for trans- Similarly, messages from England and Norway were 
ocean s^vice. received in Belmar or Chatham, were copied by hand. 

In addition to the agreements pieviously entered and re-telegraphed to New York. This process in- 
into with countries in Europe for transocean radio volved several relays of telegraph operators with the 


service, the Corporation faced the situation arising 
but of the Great War, in which practically every 
European country demanded direct radio commiunca- 
tion with the United States. 


consequent high expense and possible delays and errors. 

With the present system of operation, the Radio 
Corporation has six transmitters on the Atlantic coast, 
two in Tuckerton, one in New Brunswick, one in 


The need for the provision of modem facilities for Marion, and two in the Radio Central station on Long 


car/ying on radio communication with those countries 
with which agreements had already been made, was 
impei-ative, and hardly less imperative was the need 
for the expansion of our facilities to meet the new 
situation. 

The radio equipment in all of the installations re- 


islands All these transmitters are controlled directly 
from the traffic office in New York City. 

Only one receiving station is needed for all incoming 
messages. This receiving station is located at River- 
head, Long Island. It has a single antenna of a new 
and special type, which will be described later. This 


Stored to the Corporation was of obsolete type and based antenna intercepts the waves from all European trans- 
on the use of damped waves, except in the case of the mitting stations. The receiving apparatus, also of a 
New Brunswick station. At that station the Navy new type, separates this conglomeration of ether waves 
epartment had instiucted the General Electric which come in over the receiving antenna, into separate 
Lonipany to instil high-frequency alternator equip- messages which are automatically relayed over tele- 
ment and to m^ify the antenna circuit to meet the phone wires so that all messages ai’e received and copied 
reqmrements of their system. Accordingly, an alterna- in the same traffic office in New Yoi k. 
tor equipment was installed which was able to supply The transmitting station on Long Island — known 
to the antenna circuit 200 kilowatts at the high fre- as ^‘Radio Central'^ — and the receiving station at 


quency to which the antenna dreuit is tuned. The 
antenna at this station had been erected as an inverted 
L, approximately a mile long and 550 feet wide. This 
was changed to the multiple-tuned type by adding five 


Riverhead, Long Island, represent the modern system 
of the Radio Corporation. The stations at New Bruns¬ 
wick, Marion, and Tuckerton, are adaptations of the 
modern transmitting apparatus developed by the 


imed down leads, equally spaced along the length of General Electric Company and antennas builf before 
the ^te^a, and connecting them through a balanced the war. The characteristic features of the transmit- 

the ^ound and counterpoise ting system are: The high-frequency alternator, the 
wires. This i^tallation has been described by tec^ multiple-tuned antenna, the speed or wave-length 
cal p^ers read m 1920 ^d 1921 ^ ^ regulator, and the magnkc amplifier. ^ 

starS^d Corporation In the Riverhead receiving station the method of 

BrumtnVir transimttmg static^ — at New centralization has been carried to its logical conclusion 

ru^^^ck. New Jersey, and at Manon, Massachusetts, by concentration of all radio apparatus in the one 
inxT^ transimttmg stations had its correspond- station, and epneentration of all reception in New 

Jersey, and at York. The advaritage of such concentration is ob^ 
respectively. New Bruns- vious. New receiving circuits for communication with" 
Mariori^o^pni^ communication with England, and any new station in Europe can be added at a negligible 
Marmn for commumcatum mth Norway. The tele- cost by installing a new set of receiving apparatus on 
graphic op eration of the English circuit was centered some of the shelves provided for that puipose in the 
Presented ai the Annuod Convention of the A. I. E. E., Riverhead receiving station. 

SwamT>cm,Ua.... J^n. iB.e9.ms. / The Radio 
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planned in such a way that the cost of additional 
transmitting units will be a minimum. The choice of 
the site of the Radio Central transmitting station was 
carefully considered, looking forward to a growth of 
international radio communication which would require 
as much as twelve transmitters in this new station. 
Two of these twelve transmitters are already 
completed. 

The principal considerations in selecting the site for 
the Radio Central station were: 

1. The site must be within a reasonable distance 
from New York — the center of traffic. 


was to be the controlling factor. The engineers thus 
undertook to remedy by new developments in the 
technique what nature had failed to provide — a good 
ground. Much progress had already been made to 
reduce ground resistance by multiple tuning and groimd 
equalizers, but this experience had been gained in 
stations like New Brunswick, Marion, and Tuckerton, 
where the natural ground resistance was low. How- 
eva*, we had sufficient faith in the further possibilities 
of development of improved grounding methods to take 
the responsibility for starting the construction of the 
new station while investigation was going on to find a 



RADIO CENTRAL Effective Higlit. 8!) M. Resistance 0.4 Ohms Capacity 0.053 MF. 

W Q K 



Fig. 1 


2. A large tract of land of a desirabk nature must solution for the grounding problem. The develop- 
be available, at a moderate cost. ment work of the new ground system required as much 

, 3. A good power supply must be within easy reach, time as the completion of the rest ot the station, but by 
4. There must be direct and reliable wire line the time the station was ready to go into service the 
communication with New York City. ground system was also ready and proved to be succes- 

The site selected on Long Island fulfilled these re- ful beyond the most sanguine expectations, 
quirements in an ideal way, but another desideratum The Radio Central transmitting station of the Radio 
which, in the past, had been the deciding factor in Corporation of America is the first of our stations that 
selecting sites for transmitting stations, was not ful- has been planned and designed from the beginning to 
filled in the Long Island location —a natural low meet modem requirements, the other stations having 
ground resistance. The Long Isl^d ground consists been made to conform to modem practise by modifica- 
of quartz sand of extra,prdinarily high resistance. The tion of equipment installed in earlier times. The Radio 
decision, therefore, regarding the selection of this site Central type of station is being duplicated in Poland 
was a grave responsibility for the engineers of the and Sweden. This station has been frequently de- 
Radio Corporation. It meant a radical departure scribed and while its 400 ft.‘ steel towers with 150 ft. 
froih to generally accepted theories. It implied that cross arms are quite well known, little has been pub- 
ctical operation rather tha.n technical considerations li^ed regarding the technical performance of the plant. 
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Many reasons entered into the decision to use this 
type of tower, three of which may be mentioned here. 
One consideration was, the average height of the 
antenna wires. With a group of similar antenna wires, 
equally loaded, suspended on a springstay between 
two towers, the height above ground of the point of 
suspension of a wire decreases as the distance between 
this point and the nearest tower is increased. With 
a similar group of wires suspended from the bridge arm 
of a tower, there is no similar variation. 

Another engineering consideration was the variation 
in antenna constants caused by high winds. The 
suspension of the group of antenna wires from a spring- 
stay slung between the tops of two masts or towers, 
has been used at oiu* New Brunswick, Marion, and 
similar stations. It has been found that whenever 
there is a high wind blowing across the antenna wires, 
the spring stay assumes a new position varying with the 
strength and direction of the wind. With gusty 
mnds of high velocity, this change of position is con¬ 
tinuously occurring. There is, in addition, the varia¬ 
tion in the position of the antenna wires due to the 
cross wind on the wire span between the spring stays. 
The result of these changes in position of the wires is 
that the constants of the antenna circuit change, and 
detune the antenna from the alternator which is oper¬ 
ated at an accurately regulated wave length. The 
resulting fluctuations in radiation have been so great 
at times as to seriously impair the commercial effect¬ 
iveness of this station. Now, with a fixed point of 
suspension, such as the tower bridge arm,- the only 
variations in position of the wires, are those due to the 
wind on the we span between the towers. Those due 
to the variation in the position of the spring stay are 
not present. 

The antenna circuits at all of our stations are equipped 
with variometers to correct for these changes and 
our experience is that the variations are less severe with 
Radio Central type of antenna than with that of New 
Brunswick. 

As Long Island is well within that zone of the United 
States in which sleet and glare formation must be ex¬ 
pected On all structures exposed to the weather during 
the winter months, provision has been made to melt such 
ice as may form around the antenna wires. The heat¬ 
ing current for sleet melting, is supplied from the 
power house, at 60-cycles, through special transformers 
and reactances. The antenna wires are connected 
together at the far end of the circuit. By opening 
switches at the power house end of this circuit, the 
wires can be disconnected from the radio frequency 
feeder circuit and the 60 cycle power circuit can be 
connected. If the several downleads were connected 
directly to the antenna wires throughout their length 
the path of the heating current would be short-circuited 
Two satisfactory methods have been used to avoid such 
short circuit. One method consists in dividing the 
wires into four groups and connecting only the wires 


belonging to one group at each of the four intermediate 
points. At both ends, all wires are connected. The 
other method consists of making the connection of each 
wire through a specially designed condenser. 

The inductors used at each downlead of the multiple 
tuned antennas are installed without any protection 
from the weather. This type of installation has 
proved satisfactory except at some locations close to 
the sea where the spray from the sea water deposits 
salt on the insulators. 



■ Fig. 3 


The standard outdoor coil is shown in Fig. 3. Fig. 4 
shows coils housed in frame structures lined with copper. 

At stations where more than one antenna circuit is 
installed, attention must be given to the disposition of 
the several-antennas and of their individual feed circuits 
in order to minimize their mutual interaction. In 
enlarging or remodelling an existing station, it is not 
a. ways expedient to attempt to bring all antenna 
circuits to the close proximity of the power house. This 
is particularly tme of a station where the original 
antenna circuit is of umbrella design and where a 
second antenna circuit is to be installed, which can 
be operated simultaneously with the first and on a long 
wave length differing from that of the first by only 
a few per cent. Such a situation confronted us at our 
Tuckerton station. The space immediately surround¬ 
ing the pow^ house was occupied by the umbrella 
antenna, which was in continuous commercial use. 
The new antenna could be erected on some vacant land 
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just beyond the boundary of the space occupied by the 
umbrella antenna provided this antenna circuit could 
be fed with power at radio frequency from the power 
plant. The study of a transmission line that would be 
suitable for supplying to this antenna from the power 
plant, 200 kw., at frequencies of around 18,000 per sec. 
with little loss on the line, disclosed that this was quite 
practical. The antenna has been erected, this high- 
frequency line has been installed and the circuit has 
been operated very satisfactorily now for over a year. 
The power delivered to the antenna circuit is 92 per 
cent of the power supplied to the line. 

The success of this type of antenna feed circuit will 
have a profound effect upon the design of stations 
operating two or more antenna circuits simultaneously. 

Grounding System 

The first decision to be made in the development of 
the ground system was whether it should be of the 
buried wire type, or the type known as ‘^counterpoise” 
or “earth screen.” The New Brunswick station has a 
ground system combining counterpoise and buried 



Fig. 4 


wires. Experience had shown that while the counter¬ 
poise type might be ideal, from a theoretical point of 
view, it would be undesirable from the point of view of 
practical maintenance. 

A counterpoise consists of a network of wires mounted 
on poles. These wires carry fairly high potential and 
the failure of any one wire will cause interruption of 
service until the fault is located and repaired. The 
overhead system of wires is also undesirable because 
it is an obstruction, making the maintenance of the 
overhead antenna wiring difficult and expensive. 
Theoretical considerations indicated that a buried wire 
system would be as effective as an insulated counterpoise 
provided that its dimensions and design were ca ref ull y 
planned with reference to the character of the soil. 

To deterrmne the basic factors for the design of a 
buried ground system, measurements were made of 


wave propagation on wires of different lengths buried 
in the Long Island soil. As a result it was found that 
the velocity of wave propagation on a wire in this soil 
is about one-tenth of the velocity of wires suspended in 
the air. It was found, furthermore, that the resistance 
of the wire is a function of the wavelength. With 
increasing length of the wire, the conductivity increases 
as a linear function up to a length of one-quarter wave¬ 
length, where it reaches a maximum, after which it be¬ 
come a periodic function of the wavelength and the 
length of the wire. The results of these measurements 
showed that the maximum length of wire which could 
be used effectively must be something less than one- 
quarter wavelength of the wave propagation in the 
buried wire. 

Measurements of wave propagation in the buried 
wires indicated that while lengths as great as 1200 
feet could be used economically in the Long Island soil, 
it was furthermore determined, through calculations 
of the electric field distribution around the antenna, that 
76 per cent of the electric lines of force radiating from 
the antenna would be collected by these ground wires 
if they were made 1000 feet long. One thousand feet 
on each side of the center line of the antenna was there¬ 
fore considered sufficient; the result is that the Long 
Island antenna, in effect, stands, on a plate of copper 
2000 feet wide and 3 miles long, and therefore the 
functioning of this antenna is made independent of the 
resistance of the soil. 

The combined antenna and ground system offers a 
total equivalent resistance to the antenna currents of 
only 40 hundredths of an ohm, made up as follows: 

Radiation resistance.---0.06 ohms at 16,500 meters 

Ground resistance.0.10 ohms 

Tuning coil resistance.0.15 ohms 

Conductor resistance.0.05 ohms 

Insulator and other losses... 0.05 ohms 


Total..0.40 ohms 

The unit is operated with 200 kw. in the antenna, 
and the antenna current is 700 amperes, resulting in a 
radiation of 60,000 meter amperes. 

A special plow was constructed by which the wires 
could be laid cheaply. The plow carried a coil of wire. 
It had a blade which introduced the wire in the ground 
at a depth of twenty inches. The plow was drawn by 
two Ford tractors. 

The ground network consists of wires each 2000 
feet long buried in the ground a depth of 16 to 20 inches 
in lines at right angles to the line of the antenna with 
the center point of the ground wire under the center 
line of the antenna. The ground wires are spaced lO 
feet apart and as the antenna is 7600 feet long there are 
therefore 750 such wires making the total length of 
buried wire approximately 1,600,000 feet. The ground 
wires^ are connected to a heavy underground bus which 
runs in the groimd under the center line of the antenna. 
There is also an aerial bus feeder which is cbimected 
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to the buried bus through inductive reactances in such up or down practically instantaneously with the slight- 
a manner as to m^e all paths to ground of equal est change in the alternator frequency. This direct 
reactance, resulting in equal distribution of the antenna current is made to control the voltage supplied to the 
current to all sections of the ground system. motor terminals reducing the voltage to counterbalance 


Constancy of Wavelengths 
A factor of great importance is that of mflintflini ng 
the frequency or wavelength radiated absolutely 
constant for reasons that will be referred to later. In 
radio stations using high-frequency generators of the 
alternator type the speed of the alternator determines 
the frequency of the waves radiated. In many other 
forms of transmitters the frequency is affected by the 



Ftg. 5 

New Brunswick, N, J. 


antenna constants if not actually controlled by the 
antenna, with the result that as the antenna wires are 
blown about by wind; and ground and insulators are 
affected by dry, wet or frosty weather; changes in 
frequency will constantly occur. In the case of the 
alternator the problem resolves itself into maintaining 
the driving motor at constant speed regardless of 
voltage or frequency fluctuations in the power supply 
or the telegraph load fluctuations to which it is sub¬ 
jected by the alternator. This is accomplished by a 
system of relays operated in synchronism with the 
telegraph key by means of which the voltage applied 
to the motor terminals and the resistance in series 
with the wound rotor is varied so that the motor torque 



Fig. 6 

Radio Central, Long Island. 


is always just equal to the load to which it is applied. 
Tendency to change speed on account of the telegraph 
load is thereby eliminated. Speed fluctuations due to 
changes in the power supply are not so easily disposed 
of ^ however. A portion of the generator output is 
utilized to energize a tuned circuit of low resistance 
adjusted to have a natoal period slightly different from 
the frequency at which the generator is maintained 
so that if the alternator frequency varies only a few 
hundreths of one per cent in one direction, there will 
bb a large increase in the current in this resonant cir¬ 
cuit, or if the variation is in the other direction, there 
Will be a correspondingly large decrease. A portion of 
the cuirent in this resonant circuit is rectified and we 
are thus provided with a direct current which varies 


a tendency towards increase in speed and vice versa. 
In order that there may be a visual indication of what 
is going on, a recording ammeter is inserted in the 
rectified current circuit; a fine straight line on the 
ammeter chart indicates a constant frequency, a thick 
line indicates small and continuous variations of fre¬ 
quency and so forth. Under usual conditions of 
operation, irregularities of the ammeter chart line can 
be included within two parallel lines 1/8 in. apart 
representing maximum frequency variations not ex¬ 
ceeding one in 5000 or 4 cycles per second, or 3 meters 
when operating at 20,000 cycles and 15,000 meters. 

Fig. 5 is a section of speed control ammeter chart 
from the New Brunswick station; the irregularities 
in this chart are due to various adjustments being made 
while in operation. 

Fig. 6 is a section from a Speed Control Ammeter 
chart for one of the transmitters at the Radio Central 
Station. 



Fig. 7 

Fig. 7 is the corresponding section of the wattmeter 
chart of the same transmitter. 

Receiving System 

.. The centralized receiving system is located at River- 
head, liOng Island. The antenna is of a new type 
which gives uni-directional reception. This system is 
so oriented as to receive signals from the over-ocean 
toansmitter and annul signals from all other directions, 
including the powerful home transmitter nearby. 

The antenna consists of two copper wires strung on 
ordinary poles like a telephone line, and extending over 
a distance of nine miles, (15,000 meters). This antenna 
feeds a number of separate receiving circuits of different 
wave lengths without the slightest mutual interference 
or weakening of the signals. 

Important as it is, from the point of view of centrali¬ 
zation, to be able to receive an indefinite number of 
signals from the same antenna, the greatest importance 
m the use of this new receiving system is its remarkable 
properties of suppressing atmospheric disturbances or 
the so-called “static” which hitherto has been the bane 
of i^adio communication. The attainment of these 
results IS not an accident; it is the result of development 
work covering a number of years. The “wave antenna” 
as now used in Riverhead, is the practical answer to the 
receiving problem of today. The principle of directive 
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Six sets of receiving equipment are normally coupled 
to this one antenna system, and the signals on six 
transoceanic circuits are separated by tuning, and copied 
simultaneously, each independent of the electrical 
operation of the other sets. 

For this purpose, the antenna output transformer is 
built with several secondaries and the artificial lines are 
made up to accommodate a number of receiver sets. 
Many precautions are necessary in the design and 
arrangement of the receiving equipment to eliminate 



may be opened. All adjustments of tuning and filament 
control which are likely to be made frequently on a set 
tuned to a fixed wave length can readily be made with¬ 
out opening the front door of the iron boxes because 
such control handles are mounted on the outer doors 
in such a manner as to engage with the controls on the 
sub-panel when the iron door is closed. 

These receivers are set up on racks holding three sets 
per rack. Each set is arranged as a complete unit on a 
shelf and the shelves are arranged in three tiers on the 
racks. The Riverhead station is equipped with three 
racks making space for the accommodation of nine 
receiving sets. 

Fig. 9 gives the general view of the receiving 
equipment. 

The signals received from the wave antenna are 
strong; so usually a total of four stages of amplification 
IS sufiicient to bring the intensity of normal European 
signals up to a strength that is rather uncomfortable 
to the ear. 

Since all the local long wave stations, except Marion, 
are either behiiid or in the case of Rocky Point, at right 
angles, to the direction from which the European signals 
come, directive reception alone lowers the intensity of 
the local stations so much that tuning r*fl.n easily elimi¬ 
nate their interference. Interference as strong for 
instance, as that from Marion, can be eliminated when 
the wavelength differs by not less than 3 per cent. For 


cross t^k and ^‘beat note” interference between the 
different sets. With this end in view, the equipment 

waves has been completely 

In the first place, all of the different elements in each 
receiving set must be thoroughly shielded. The tuning 
mductarices are all balanced pairs of coils placed in an 
mner shielding of copper to eliminate the losses in the 
iron c^ing of the outer shield. In spite of the shielding, 
cross talk and beat note interference occurred until 
suit^le ^okes and filters were placed in both the 
positive fitoent and positive plate l^ds of all coupling 

tub^, amplifiers, detectors, and oscillators. 

The r^eiving apparatus is arranged in line, with the 
antenna input panel at one end and the audio frequency 
output p^el at the other end. The intervening units 
placed in coirect sequence so that the signal events 
pass in pro^essive order along the line through all the 
vanous^its from input to output panT without 

loopmg back over this same path. 

mounted on a sub-panel 
which IS placed in an iron box, the front door of which 



Pi a. 9 


mterf^nce of considerably less intensity than that 
from Manon, as for instance, that from stations in 
Hurope, or from a local station, reduced by directive 
rerepfron, a 2 per cent difference in wavelength is 

For wavelength difference of 2 per cent and less the 
constancy ^of frequency of the transmitting station 
becomes of very great importance. Extremely good 
frequency regulation at the transmitting station will 
allow the use of filter circuits by means of which inter¬ 
ference on wavelen^hs differing less than 2 per cent 
frm that of the desired signal can be eliminated. 

The receiving station at Riverhead, L. I., is about 
70 miles east of New York and the next phase of the 
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problem was the automatic transfer of the radio signals 
to the central control office in New York City in order to 
eliminate the double handling of traffic, the slowing up 
of the circuit, and the other delays inseparable from the 
older system. The requirements of this circuit were 
studied and then the American Tel. & Tel. Co. was re¬ 
quested to provide a suitable tone circuit from River- 
head to our Broad Street office. New York City. For 
a period of several months experiments were conducted 
over this temporary line, during which it was demon¬ 
strated that it was feasible to send these tone signals 
over a 70-mile circuit without detriment to the read¬ 
ability of the signals. Continuous commercial opera¬ 
tion over a single tone circuit was started about July 
1st, 1921. Subsequently additional tone circuits were 
built for the commercial operation and control of 
Riverhead station in this manner. 

Central Operating Room 
The operating room at the city offices is the place 
where the written message is converted to the dot and 
dash of the Morse code. The continental code is used 
in radio as in all other international telegi*aphic com¬ 
munication. During the last few years a gi’eat change 
has taken place in the transmission of the message. 
Whereas fonnerly the manually operated telegraph 
key was used almost universally for speeds of trans¬ 
mission of 40 words per minute or less, this has been 
entirely displaced by the machine transmitter. The 
advantages of machine transmission over hand trans- 
mission are (1) that the operator is required to work a 
typewriter keyboard only and need not necessarily be a 
skilled telegraphist, (2) that one operator can transmit 
messages in this manner at rates up to iOO words per 
minute, whereas the best that can be done by hand is 
35 or 40 words per minute, (3) that all characters are 
perfectly fonned and do not vary with the different 
operators, and (4) the machine is tireless and has no 
lost time. The telegraphic manipulation is actually 
accomplished by first punching the message on a paper 
tape and subsequently passing the punched paper tape 
through the mechanical transmitter which is an auto¬ 
matically operated telegraph key. 

The transmitter sends telegraph impulses over the 
control wires between the city office and the transmit¬ 
ting station and operates the relay system at that 
station. 

In order that a check can be kept on the performance 
of the automatic transmitter, the control wires, and the 
relay system of the transmitting station, a radio re¬ 
ceiving set is provided at the city office which makes 
audible or visible to the operator the actual signal 
being transmitted into the ether. This receiver is a 
very simple piece of apparatus, since the reception of 
the signal from the nearby high power transmitter is not 
at all difficult, although of course, as there are so many 
transmitters operating in one locality with only small 
wavelength separation, very efficient tuning equipment 
must be provided. 


The reception of a message at the city office requires 
a reversal of the above process. The signal as received 
at the receiving station is in the form of audio frequency 
current, the frequency of which is variable as desired, 
these signal currents are transferred to the city office 
by telephone wires. At the city office it is necessary 
to further amplify the currents before they are intro¬ 
duced into the telephone or the recorder. It is possible 
to use aural reception at speeds up to 35 or 40 words per 
minute. Better speeds can be secured at times by a 
combination of aural and recorder reception. At 
speeds over 40 words per minute tape reception must be 
used exclusively. It is possible for some tape readers to 
copy as fast as 60 words per minute but generally for 
speeds over 40 words per minute; the work is divided 
up among an increased number of operators; 40 to 70 
words per minute two operators; 70 to 100 words per 
minute three operatoi’s, and so forth. The development 
of the tape recorder used for transoceanic radio recep¬ 
tion was ably described in a paper presented to the 
Inst, of Radio Engineers by J. Weinberger in 1921. 

The electrical equipment of the operating room of a 
city office, handling a large number of circuits, requires 
careful planning. In the city office of the Radio 
Corporation of America at 64 Broad Street, New York 
City, there are at present in continuous operation, 

6 transoceanic receivers 
6 local Monitor receivers 
6 automatic transmitters 

and over 30 land wires. To these will soon be added a 
number of new services. 

Power supplies of different types are provided for 
the various electrical and mechanical devices and 
measures have been taken to prevent inductive inter¬ 
ference effects between instruments. 

Wavelength Distribution 
The economical wavelength for communication over 
a certain distance can be selected by the practical 
rule that the economic range of a station for reliable 
communication is about 500 to 1000 times the wave¬ 
length. If too short a wave is selected the .signals will 
be weak in daytime and strong but variable at night. 
This variation is most noticeable during the period* 
when darkness exists over the area between the com¬ 
municating stations. In some parts of the world it 
is possible to use short waves to advantage because 
the absorption is comparatively lower than on long 
waves and variations are unimportant but generally 
speaking for distances over 3000 miles the reliability 
of wavelengths of over 11,000 meters is so much greater 
than that of shorter waves. Long waves have there¬ 
fore been universally adopted for long distance 
communication. 

It can now be readily seen that since the ability to 
receive distinct signals depends on the separation of 
different frequencies there is a definite limit to the 
number of '^channels” of communication between 
stations that can be set up. 
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If the wavelengths between 11,000 and 22,000 meters 
aredividedinto2percentbands there are 35 ‘^channels/* 
If into 1 per cent bands, there are 70 ^^channels/^ 
Except to such extent as directional reception 
will permit the number of one way channels open for 
such, long distance communication is limited to the 
number of these bands. 

If we suppose our plans to be based on the use of 1 
per cent bands, it is evidently necessary first that each 
transmitter shall cause no radiation outside of the 1 
per cent band allotted to it and furthermore shall 
maintain its actual radiation frequency exactly on the 
center of such band; and second that each receiver 
shall be capable of separation of currents from those 
differing only 1 per cent in frequency. The above 
requirements imposed upon the transmitter have already 
been proved practicable. But the realization of the 
full possibilities of radio communication requires that 
all transmitters of antiquated type which take undue 
space in the ether be replaced. 

There are, however, other difficulties that cannot be 
so easily overcome. For instance while it is quite 
possible for the receiving station to separate currents 
of frequencies differing 1 per cent if the voltages in¬ 
duced at the station at the different frequencies are 
equal, it is not an easy matter to separate the currents 
when the voltage induced in one case is 1000 times the 
voltage induced in the other. This is the situation 
where in the case of a transatlantic circuit the receiving 
station in America receives from Europe on 16,000 
meters and the transmitting station in America sends 
to Europe at the same time on 15,150 meters. In such 
cases, as described above, it is necessary to increase the 
separation between frequencies to 3 per cent and in 
order that such large separation may not be too numer¬ 
ous a rule has been established by precedence and 
infoimal agreement, that all the transmitters in one 
locality shall transmit on wavelengths close together. 
We have such a case in the concentration of American 
tosmitters between 16,000 and 17,500 meters. In 
this b^d of wavelengths there are operating at present 
the lollowmg stations: 

15,900 Meters Tuckerton No. 1 Transmitter 
16,300 Meters Eahuku No. 1 Transmitter 
16,465 Meters Radio Central No. 1 Transmitter 
16,700 Meters Tuckerton No. 2 Transmitter 
16,975 Meters Kahuku No. 2 Transmitter 

Annapolis Compensating Wave Arc 

17,145 Meters Annapolis Signaling Wave Arc 

17,500 Meters Radio Central No. 2 Transmitter 

It is pl^ed to operate transmitters in Sweden 

1 o Iw? Argentine in the near future on wavelengths 
18,000 meters to 19,000. wavelengths 

station at Lyon operates 

• nT ^ additional 

and ^sncan Transmitters operating be¬ 

tween that wavelength and 11,000 meters, while other 
Government and Commercial stations in FVance are at 


present operating at wavelengths from 19,000 to 22,000 
meters. 

The congestion of the ether is therefore not a mere 
matter of looking into the future, but a real present 
day problem. The necessity for traflic regulation is at 
•least enough to prevent reckless driving so to speak, is 
just as apparent as the undesirability of hidebound 
regulations until such time as the limit of possible 
improvements in technique have been more definitely 
determined. 

Such is the present situation in the long distance 
radio ether. The congestion is due to the necessity 
for the use of the longer waves for long distance work 
and the fact that all high-power stations are broadcast 


g 

g 

ec 
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MONTH 
Pig. 10 

Stations,* much improvement is possible in existing 
practise but radically new methods of operation must 
also be considered, such for example as directional 
radiation on shorter waves. With the realization of 

such possibilities the situation will take on a new 
aspect. 


Project op New Communications 
Si^cient statistics are now available by means of 
which the techmcal and financial possibilities of new 

^SSned accurately pre- 

Pig. 10 shows the daily, monthly and yearly reception 
c^es for a typical transatlantic circuit. The ordinates 
of these cimves show the capacity of the circuit at the 
different times of the day and year respectively. By 
the ^^paaty of the circuit we mean the practically 
possible speed of reception in five-letter code words per 
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minute. The capacity of the circuit is a function of 
the strengtli of the signal and the intensity of the 
disturbance. The intensity of the signal is measured 
in aUsolute units of microvolts per meter. 

Experience has shown that under any given condition 
of at.mospheric disturbance, there is a direi*t proportion¬ 
ality between the strength of the signal measurenl in 
microvolts per meter and the traflic capacity of the 
circuit measunxl in words per minute. The i)r<)p()r- 
tionality <lefinetl above is almost exact lujtween th(j 



meter whieli must be introduced to permit reception at 
20 words per minute is thu.s a direct measun? of the 
intensity of disturbance. 

Fig. 11 shows a ty|)ical daily curve of variation of 
signal strength and disturbance, mea.sured on a simple 
verti(;al ant enna. 

If a traihsmitling station is to he designed for a new 
geographii! location, measurements <5f disturbances are 
taken in that location. The re.sults of these measure¬ 
ments, wliich may he taken over a large part of a year, 
.show what st!*engt li of signal will he netshKl during the 
dilferent months of the year to curry a dt*sire«l Indlic. 
Fig. 12 .sliows a typical cliart of t his kiml. Comparistm 
between t his chart an<l tlie known typical yearly chart 
for a lran.satIanU(‘ circuit gives a direct indication of 
the <‘apacity of the new cinaiit in t erms of the circuit 
in opemtion, 'flie chart for the i)roject(‘<I circuit 
.show.s th(? ca|)aeity of a 5l),0()()-meter am})er(? and of a 
100,000-meter atnpere tninsmitting statit>n. 



limits of oral rc?ception ranjpng from 5 to 40 wor<ls per 
minute ami it can b<‘con.si<lerw! as substantially correct 
up to the highi^t speeds tJiat are usihL This .simple 
relation iMween .strength of .signal and words per 
minute has given us a pra(‘tieal methml of measuring 
th€i intensity of atmospheric dmturbantitsi. 

As an actual standard method of mtsasuiTment an 
artificial signtd is introduced into the rcs'dving system 
and regulator! so that the capartity of the receiver is 20 
words per minute. The number of microvolto per 



Fiti. 12 

♦ A -'rveirnl liwt-Wi .,l . 

0»u vH 11 ~ Tv|jl»*al Narfh-.Sijntli tU nufi. {„r Ukj mHi a 

c.Tiirvt? ti . Typlinil North-HuuiK irlmitl. ftul«!uh»e!<l for Ai, A. 

Thus it can he staterl that guess work has been 
eliminatetl from the development of radio communica¬ 
tion, mifl that sound foundations, both technically and 
Onancially, can b* laid for all future expansion.s of our 
.sy.Htem, 
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Review of the Subject.—The first transmission of the human 
voice across the AUanlic was accomplished by means 'of radio in 
1915. Since that time substantial progress has been made in the 
art of radio telephony and in January of this year another important 
step was taken in the accomplishment of transoceanic voice com¬ 
munication. At a prearranged time telephonic messages were 
received in London from New York clearly and with uniform 
intensity over a period of about two hours. 

These recent talking tests were part of a series of experiments on 
transatlantic telephony which are now under way, the results of 
which to date are reported in the paper. 

A new method of transmission radiating only a single side-band 
is being employed for the first time. As compared with the ordinary 
method of transmission, this system possesses the following im-> 
portant advantages: 

The effectiveness of transmission is greatly increased because 
all of the energy radiated is effective in conveying the message; 
whereas in the ordinary method, most of the energy is not thus ef¬ 
fective. 

The stability of transmission is improved. 

The frequency band required for transmission is reduced, thus 
conserving wave length space in the ether and also simplifying the 
transmitting antenna problem. 

An important element of the high-power transmitter is the 
water-cooled tubes, by means of which the power of the transmitted 
currents is amplified to the order of 100 kilowatts or more. The 
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direct-current power for these tubes is supplied from a 60-cycle, 
a-c. source through water-cooled recti fier tubes. 

A highly selective and stable type of receiving circuit is employed. 
Methods and apparatus have been developed for measuring the 
strength of the electromagnetic field which is delivered to the receiving 
point and for measuring the interference produced by static. 

The transmission tests so far have been conducted on a wave 
length of 6260 meters {67,000 cycles per second). The results of the 
measurements during the first quarter of the year on the transmission 
from the United States to England show large diurnal variations 
in tlw strength of the received signal and in the radio noise strength, 
as is to be expected, and correspondingly large diurnal variations 
in the ratio of the signal to noise strength and in the resulting 
reception of spoken words. Also, the measurements, although as 
yet incomplete, show a large seasonal variation. 

The character of the diurnal and seasonal variations is clearly 
indicated in the figures. The curves present the most accurate and 
complete data of this kind yet obtained. 
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O N January 15, of this year, a group of about 60 
people gathered in London at a prearranged time 
and listened to messages spoken by ofladals of the 
Anaerican Telephone and Telegraph Company from 
their offices at 195 Broadway, New York City. The 
transmission was conducted through a period of about 
two hours, and during this time the words were received 
in London with as much clearness and uniformity as they 
would be received over an ordinary wire telephone 
circuit. During a part of the time a loud speaker was 
used in connection with the receiving set, instead of 
head receivers. The reporters present easily made a 
transcription of all the remarks, both with the head sets 
and with the loud speaker. 

These tests were made possible by cooperation 
between the engineers of tihe American Telephone and 
Telegraph Company and the Western Electric Com¬ 
pany,^ and the engineers of the Radio Coiporation of 
America and its associated companies. The sending 
apparatus was installed in the station of the Radio 
Corporation of America, at Rocky Point, L. I., in order 
to make use of that company's very efficient multiple- 
tun^ antenna. The receiving apparatus was installed 
mjhe buildings of the Western Electric Company, 
Ltd., at New Southgate, England. 


Presented at the Annued Convention of the A. I E E 

Swampscott, Mass., June 26-29,192S. • • •» 


This was not the first time speech had been trans¬ 
mitted from America to Europe. Transatlantic tele¬ 
phony was first accomplished in 1915, when the Ameri¬ 
can Telephone and Telegraph Company transmitted 
from the Navy station at Arlington, Va. to the Eiffel 
Tower, Paris. In these earlier tests, however, speech 
was received in Paris only at occasional moments when 
transmission conditions were exceptionally favorable. 
The success of the present tests indicates the large 
amount of development which has been carried out 
since this first date. 

The recent talking tests were carried out as part of an 
investigation of transatlantic radio telephony. This 
investigation is directed at determining (1) the effective¬ 
ness of new methods and apparatus which have been 
developed for telephonically modulating and trans¬ 
mitting the large amounts of power necessary for trans¬ 
oceanic operation, (2) the efficacy of improved methods 
for the reception of this transmission and for so select¬ 
ing it as to give an extremely sharp differentiation 
between the range of frequencies transmitted and all 
pe frequencies outeide of this range; and (3) determin- 
mg the transmission characteristics for transatlantic 
distances and the variation of the characteristics with 
the time of day and the season of the year, including the 
m^urement of the amount of static interference. 

The tests are being continued, particularly as regards 
the study of transmission efficiency. 
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Single Side-band Eliminated Carrier Method op 

Transmission 

The method of transmission used in these experiments 
is what we know as the single side-band eliminated 
carrier methodi. With this method/ the narrowest 
possible band of wave lengths in the ether is used, and 
all of the energy radiated has maximum effectiveness 
in transmitting the message. 

As has been pointed out in other papers^, when a 
earner is modulated by telephone waves, the power 
given out is distributed over a frequency range, and may 
be conveniently considered in three parts: (1) energy at 
the carrier frequency itself, (2) energy distributed in a 
frequency band extending from the carrier upward, and 
having a width equal to the frequencies appearing in the 
telephone waves, and (3) energy in a band extending 
from the carrier downward, and having a similar width. 
The power at the carrier frequency itself makes up 
somewhat more than two-thirds of the total power, even 
when modulation is as complete as possible. Further¬ 
more, this energy can, in itself, convey no message, as is 
self evident. In the present method, therefore, the 
carrier-frequency component is eliminated, by methods 
explained in detail below with the result that a large 
saving in power is effected. Each of the remaining fre¬ 
quency ranges, generally known as the upper and the 
lower side-band respectively, transmits power represent¬ 
ing the complete message. It is therefore unnecessary 
to transmit both of these side-bands, so that in the pres¬ 
ent method one of them is eliminated, . In this way the 
transmission of the message uses only half the frequency 
band required in the usual method of operation. Simi¬ 
larly the frequency-band accepted by the receiving 
set is narrowed to conform to a single side-band as com¬ 
pared with the usual double side-band reception, and 
as a result the ratio of signal to interference is improved. 
Certain other advantages of this method will be brought 
out in the further discussion. 

While these advantages of the single side-band elimi¬ 
nated earner method hold good for radio telephone trans¬ 
mission generally, they become of the utmost impor¬ 
tance in transoceanic work, because of the necessity of 
conserving power in a system where the transmitting 
powers are large, and also because the very limited fre¬ 
quency range available for long distance transmission 
makes it imperative that each part of the range shall be 
utilized with the greatest of care. Before discussing 
the method further, the circuits and apparatus which 
are actually used in the tests will be described* 

1. For a more complete exposition of this method see U. S. 
patent No. 1449382 issuM to John R. Carson to’ whom belongs 
t/he credit for having first suggested it. Also see Carson patents 
Kos. 1,343,306 and 1,343,307. 

2. “ earner Current Telephony and Telegraphy” by Colpitts 
and Blackwell. Journal A. I. B. E., April, 1921. 

“Application to Radio of Wire Transmission Engineering” 
Ijy Lloyd Espenschied. Proc. Inst. Radio Engrs., Oct. 1922. 

“Relations of Carrier and Side-bands in Radio Transmission” 
by B. V. L. Hartley. Proc. Inst. Radio Engrs., Feb. 1923. 


The Transmitting System 

The transmitting system is shown in simplified circuit 
form in Fig. 1. It is illustrated as grouped into three 
parts: The low-power modulating and amplifying 
stages, shown below in light lines; the high-power 
amplifiers, shown in heavy lines above and to the right; 
and the rectifier which supplies the power amplifier with 
high-tension direct current, shown in the upper left- 
hand portion of the diagram. 

Referring first to the low-power portion of the system, 
it will be seen that the voice currents (from either a 
telephone line or a local microphone) are fed into a 
balanced t 3 q)e of modulator circuit and are modulated 
with a carrier current of a frequency of about 33,000 
cycles. The operation of the balanced type of modula¬ 
tor in suppressing the unmodulated carrier component 
is explained in the Colpitts and Blackwell carrier cur¬ 
rent paper referred to above. The result of this 
modulating action is to produce in the output circuit of 
modulator No. 1, modulated current representing the 
two side-bands, for example, the upper one extending 
from 33,300 to 36,000 cycles and the lower one from 
32,700 down to 30,000 cycles. These components are 
impressed upon a band filter circuit which selects the 
lower side-band to the exclusion of the upper one and 
of any remaining part of the carrier, with the result that 
only one side-band is impressed upon the input of the 
second modulator. This second modulator is provided 
with an oscillator which supplies a carrier current of 
88,500 cycles. The result of modulation between the 
single side-band and this carrier current is to produce a 
pair of side-bands which are widely separated in fre¬ 
quency, the upper one, representing the sum of the two 
frequencies, extending from 118,500 to 121,200 cycles 
and the lower one, representing the difference between 
the two frequencies, extending from 58,500 down to 
55,800 cycles. In this second stage of modulation there is 
a relatively wide separation between the two-side 
bands which facilitates the selection at these higher 
frequencies of one side-band to the exclusion of the 
other. Another important advantage is that it allows 
a range of adjustment of the transmitted frequency 
without changing filters. This is accomplished by 
varying the frequency of the oscillator in the second 
step. In the present case, the frequency desired for 
transmission is that corresponding to the lower side¬ 
band of the second modulator. The lower side-band 
of from 58,500 to 65,800 is therefore selected by means 
of the filter indicated. This filter excludes not only the 
other side-band but also any small residual of 90,000- 
cycle unmodulated c^er current which niay get 
through the second modulator circuit if it is imperfectly 
balanced. 

Having prepared at low power the side-band 
of desired frequency it is necessary to ampl 
the required magnitude for application to 
mitting antenna. This amplification is ca* 
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three stages. The first stage increases the power to bined by means of an intpr-nhnoo i.* t. 

about 750 watts, and.is shown in Fig. 1 together with to smooth out the resultant cun-ent and 
tte modulating cimiite. This amplifier employes in the load between tubes of adjacen/nh^ 

Its last stage three glass vacuum tubes rated at 250 effective load capacity of thTrectffier 
watts each and operating at 1600 volts. further reduced - "PPl® is 

The output of the 760 watt amplifier is applied to condense^^^^ ® 
the mput of the larger-power amplifying system begin- Reproductions of the appamtus comprising the 
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Pig. 1-SmoLB Side-Band Eii«inati>d Cabeiee Teansmivtee 

Iw-amplifier of Fig. 1. This consists 
of two wateivcooled tubes in parallel, oneratmv at 

« of this^pfr 
tl^ ® transformer to the input of 

e 150-kw. amphfier which consists of two units of ten 

abouTlO^ “ P“^oI at 

i! 

employes water-cooled tubes sirml,ar to S uL ta 


I^g. 2 shows the apparatus comprising the low- 
power stage of the transmitting system. The right- 

S two weak-power moduIaLg 

nits and the two single-side-band selecting filters^ 
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mounted in their water jackets. To the right of these 
units is located the 200~kw. rectifier unit shown in 
Fig. 5. The unit contains actually 12 tubes, there 
being two tubes for each of the six half waves. The 



Ei(i. 4 


pancake coils on the top of the rack are protective 
choke coils to guard the transformer secondary winding 
against steep wave fronts in case of tube failure. 

From the above description it will be understood that 
the transmitting system is one in which the useful 
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side-band is first developed by modulation and filtra¬ 
tion at low powers and then its power is built up to a 
large value in a succession of powerful amplifiers. It 
will be appreciated, therefore, that the large power 
amplifiers and in particular the water-cooled tubes 
which are their ei^ntial elements represent one of the 
major problems of the development. 


High-Power Tubes 

The development of the high-power tubes is described 
quite fully in another papers The present discussion 
is, therefore, limited to a few of the outstanding features. 

In the design of high-power tubes for use in this 
system the main problem is to insure the ready disposal 
of the large amounts of heat generated at the anodes. 
For the conditions of use in the present type of system 
where the tube is employed as an amplifier, the power 
which must be disposed of as heat at the anode is of 
the same order of magnitude as the power which the 
tube will deliver to the antenna. In the case of the 
present equipment, therefore, the tube must be so 
designed as to operate continuously with a heat dissi¬ 
pation at the anode of more than 10 kw. It is obviously 
difficult to secure so large a dissipation in a tube en¬ 
closed with glass walls, and a tube was therefore de¬ 
signed in which the anode forms a part of the wall of 
the containing vessel and the heat generated in it is 
removed by circulating water. The tube used is shown 
in 1%. 6. The lower cylindrical portion is the anode 
which is dmwn from a sheet of copper. The upper 
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portion is of glass and serves both to support and insu¬ 
late the grid and filament elements. 

The three principal difficulties met in the construction 
of these tubes are the making of a vacuum-tight seal 
between the copper and the glass, the provision of ade¬ 
quate means for conducting through the glass wall the 
large currents necessary to heat the filament, and the 
obtaining of the necessary vacmum for high-power 
operation. 

The first of these problems was solved by the develop¬ 
ment of a new metal to glass seal. In making thi.s seal 
the glass and metal parts are brought into conta{‘.t while 
hot, the temperature being high enough for the glas.s to 
wet the metal. The part of tlie metal in contact with 
the glass is made so thin that the stresses which are set 
up when the seal cools are not great enough to fracture 
the glass or to break it away from the metal at t;he sur¬ 
face of contact. Seals made in this way are sufficiently 
rugged to stand repeated heating and cooling from the 
temperature of liquid air to that of molten glass with¬ 
out deterioration. ' 

A seal employing the same principle but differens 
in form is also used at the point where the leadt 
carrying the filament current pass through the glass 
walls of the tube. The lead is made of copper 0,064 in. 
in diameter and passes through the center of a copper 
disk, 0.010 in. thick, the joint between the lead and the 

3. BoU System TeehnioaU^ourual, July 1922. 
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disk being made vacuum-tight by the use of a high- 
melting-point solder. The disk is sealed to the end of 
a glass tube which is in turn sealed into the glass wall 
of the vacuum tube. 

In exhausting the tubes it has been found necessary 
to subject all the metal parts to a preliminary heat 
treatment in a vacuum furnace during which the great 
bulk of the occluded gasses is removed. By this 
method the time of exhaust can be considerably re¬ 
duced but the vacuum conditions to be met are so 
stringent that the final processes of evacuation must 
be carefully controlled and often occupy as much as 
twelve hours. 

The tubes are operated at a plate voltage of 10,000 
volts and are capable of delivering 10 kw. at this voltage 
in a suitable oscillatory circuit. For this performance 
an average electron current of 1.35 amperes is required. 
The total electron current that the filament must be 
capable of supplying to insure steady operation is about 
6 amperes. 

When the tubes are used -to amplify modulated 
cuiTents with large peak values such as are character¬ 
istic of telephone signals it is essential that the maximum 
electron current through the tube shall be several times 
the normal operating current and therefore to insure 
the necessary high quality of transmission these tubes 
are operated for telephone purposes with an average 
output of about 5 kw. 

The Receiving System 

In the method of transmission ordinarily employed 
in radio telephony by .which the carrier and both side¬ 
bands are sent out from the transmitting station and 


current of the carrier frequency obtained from a local 
source. Thus, in the present experiments, if a current 
of the original carrier frequency, 55,500 cycles, is 
supplied to the detector it will remodulate or “beat” 
with the received side-band of, say 55,800 to 58,500 
cycles and a difference-frequency band of 300 to 3000 
cycles, i. e., the voice frequency band will result. 

The arrangement actudly used, however, is not quite 
so srniple as this. . It is shown schematically in Fig. 7. 
Reception is carried out in two steps, the received side¬ 
band being stepped down to a lower frequency before 
it is detected. The stepping down action is accom¬ 
plished by combining in the first detector the incoming 
band of 55,800 to 58,500 cycles with a locally generated 
current of about 90,000 cycles. In the output circuit 
of the detector the difference-frequency band of 34,200 
to 31,500 cycles is selected by a band filter and passed 
through amplifiers and thence to the second detector. 
This detector is supplied with a carrier of 34,500 cycles 
which, upon beating” with the selected band, gives in 
the output of the detector the original voice-frequency 
band. 

The object of thus stepping down the received fre¬ 
quency is to secure the combination of a high degree of 
selectivity with flexibility in tuning. The high selec¬ 
tivity is obtained by the use of a band filter. It is 
further improved by applying the filter after the fre¬ 
quency is stepped down rather than before. To 
illustrate this improvement assume that there is present 
an interfering signal at 60,000 cycles, 1500 cycles off 
from the edge of the received telephone band. This 
is a frequency difference of about 2^ per cent; but after 
each of these frequencies is subtracted from 90,000 



received at the distant end, detection is readily ac- 

to pass toough the detector tube. The detectine 
action whereby tte voice-frequency currents 

With the pi^t eliminated carrier method of trmis- 
ajde-band is unaccompanied by any carrier 
vnft, which to remodulate in the receivtog deSf 
t necessary, therefore, to supply the detector with 


cycles, fte Terence of 1600 cycles becomes almost 6 
PCT ^t. This eMbles the filter to effect a sharper 

interfering signal. Further- 
required to be of variable fre-. 
quency as woidd be the ease were it employed directly 
at the revived frequency since by adjusting the fr^ 
^eucy of the beating down oscillator the filter is in 

anywhere in a wide range of 

enables the filter circuit, and indeed also the inter- 
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modulated by a single frequency tone. In such a design of the antenna nossihlv . 

completely modulated wave, only 1/3 of the total series of interacting networks and ciusinv it to h * 

power contains the message, the remaining 2/8 convey- a rather elaborate wave filter The^rnol T*"® 

mg only the carrier frequency which can as weU be the antenna standnoint from 

supplied from an oscillator of smafi power at the band required to be to^s^iS^rT ‘f*" 

receiving station. It is obvious, therefore, that by ,* • transmitted is, therefore, evident. 

eliminating the carrier only 1/8 as much power need important that the received signal be 

be used as wo^d be required were all the elements of possible by changes in the trans- 

the completely modulated wave transmitted. To “^°“®®iif’oy of the medium. ITie voice frequency 
r^Iise the maximum advantage of this mode of opera- at the receiving end, after detection^ 

hon, the sj^tem ehminates the carrier at low power and, Jf® Proportional to the product of the carrier wave and’ 
thereby, the hiidi-power apparatus is devoted ex- ^ as well as the .side-band is 

ctovely to the amplification of the essential part of the medium, then a given variation 

of the medium will aS 

If, after having suppressed the carrier, both side- ®°?’P®”®“*® “if change the received soeech in 
b^^ were ^^tted, their reception would req^ 2:«“*°‘^.«“ofthovmdation,^r„ 
tK between the carrier resuppU^ at f?® ^ the side-band is transmiSnd 

end ®“‘^ ^ .*'“* eliminated at the sending ‘J® “ “ “PPhed locally. Thus it will be siin Ct 

ei^d, a randition which is practicaUy impossible to meet “mission of the carrier from the sendinu end ond fg 

Without discussing the system in further detail f La 
important at long wave length Particularly 

miL/f that all of the power trans 

mitted IS useful signal-producing power ^Tifn^ 

ticularly important also in loJni^ZL ’IPp' 


y be earned on, using a locally supplied freouenev 
cycS^beS';. by aa much as 50 


"“®';®^“^‘be«seoflarg:"p®o^:ir“ 

inates one “ trans^tt:d'‘sSJ,pIte''thel^^^^^ ^ frequencies 

^ "-Tin, »«3r,Si"i.H‘.sra°'. £■ -i-tssj'whST ■“ li-i— «» 

lessunlfonLy atthS^™ ®5®®*^ “"’y “”® (the sid^Slrf^h 1 ^ “''‘^"“f^tion 

which is an appredable^^^*® ® frequencies effective in carrying out the components 

frequencies. C^^ple^rt ^® “®bi carrier '^i^er. ^ ““*• ‘-'’e detecting action in the 

adLSir''^"® P®-" bbe overall .system has two 
qu^irfrom%7,00^“^^ '^®ehwlSXSerd’’®'f°f‘be frequency band 

resonance curve of a by th^ h x 

^ a^mmodate boft d®”®T® ““enna. cu^nte^a^7fihi®-‘^“'^ ‘*'® ^^d^ency of the received 
fla t^ out the resonance h “g duenTstSe a v2^? "t the low^ 

means sacrifice in power effieie^^ ^ ®‘®® °"tsidl of ^'^duen- 

y’ or ‘‘y ®P“>el easily “t^ble and 

amplifying system is obtained. 
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Study op Transatlantic Transmission 

We come now to a consideration of the second major 
part of the investigation, namely, that having to do 
with the transmission of the waves across the Atlantic. 
It will be evident, from what has been said earlier, that 
the transmission question is essentially one of how best 
to deliver, through the variable conditions of the ether 
to the receiving station, speech-carrying waves suffi¬ 
ciently free from interference to be readily interpretable 
in the receiving telephone. The transmission efficiency 
of the medium varies with time of day and year, and is 
different for different wave lengths. The interference 
conditions are also influenced by these same factors. 

Now we can study this transmission medium in much 
the same way we would a physical telephone circuit, by 
putting into it, at the sending end, electromagnetic 
waves of a known amount of power and measuring the 
power delivered at the receiving end. The interference 
at the receiving station likewise may be measured and 
the ratio of the strength of the signal waves to the 
interfering waves may be taken as a measure of freedom 
from interference; this in turn being directly related to 
the readiness with which the messages are understood. 
Accordingly, there has been included as an integi’al part 
of the investigation of transatlantic radio telephony, 
the development of suitable methods and apparatus 
for measuring the strength of the signal waves and of 
the interfering waves, as they arrive at the receiving 
station. The apparatus^ employed in measuring the 
field strength of the received signals has been outlined 
above under Receiving System and need not be gone 
into further. However, a word of explanation about 
the method which is employed in making the measure¬ 
ment may be helpful. It will be recalled that the 
specially designed receiving set is provided with a local 
source of high frequency from which can be originated 
signals of predetermined strength. A measurement 
of the field strength of a signal received from the distant 
transmitter is made by listening first to the distant 
.signal and then to the locally produced signal, shifting 
back and forth between these signals and adjusting the 
strength of the local signal until the two are substan¬ 
tially of the same strength. Then, knowing the power 
delivered by the local source, the power received from 
the distant station is likewise known. The relation 
between the power in the input of the radio receiving 
circuit to the field strength required to deliver that 
power is known through the geometry of the receiving 
antenna (in this case a loop) and, therefore, the measured 
power of the signal can be translated directly into 
the field strength of the received waves. 

The measurement tone signal is transmitted from 
the Rocky Point sending station by substituting for 
the microphone telephone transmitter a source of weak 
alternating current of about 1/100 watt at a frequency 

4. It is described in detail in the paper entitled, “RadiP 
Transmission Measurements” by Bown, Englund, and Priis, 
Free. Institute of Radio Engrs., April 1923, 


of approximately 1500 cycles. This tone modulates the 
radio telephone transmitter in the same way that voice 
currents would and is radiated from the antenna as a 
single-frequency wave of 6260 meters (57,000 cycles 
per second). It, therefore, constitutes a means of 
sending out a single-frequency continuous wave for 
measurement purposes. At the receiving end this 
continuous wave is demodulated to the same tone 
frequency which it originally had. 

For measuring the strength of the received noise, 
i. e., the radio frequency currents arising from static or 
other station interference, the method is quite similar. 
In this case, however, the noise received is so different 
from that which can be set up artificially in any simple 
manner that no attempt is made to compare it directly 
with a local noise standard. Instead the volume of the 
interfering noise is expressed in terms of its effect in 
interfering with the audibility of a local tone signal by 
measuring the local signal which can just be definitely 
discerned through it. This is a threshold type of 
measurement which is necessarily difficult to carry out 
with accuracy. In order to increase the sharpness of 
definition of the local signal and to make it correspond 
more closely to speech reception the signal tone is 
subjected to a continuous frequency fluctuation. The 
comparison signal has therefore a warbling tone which 
occupies a frequency band not unlike that of the voice. 
This method of measuring the interference is discussed 
in more detail also in the measurement paper referred 
to above. 

Procedure in Making Transmission Measurements. 
The three quantities which are included in the trans¬ 
mission measurements, namely, the signal strength, the 
noise strength, and the percentage of words received 
correctly, are observed one after another in what might 
be termed a unit test period. Although the duration 
of this test period and the order of making the measure¬ 
ments has been changed somewhat during thC; course 
of the experiments, the following program is representa¬ 
tive of the conditions under which the data presented 
below were taken. 

A 25-minute test period divided as follows: 

5 minutes of tone telegraph identification signals 
(for receiving adjustment purposes). 

10 minutes of disconnected spoken words. 

10 minutes of a succession of five-second tone dashes 
separated by five-second intervals, (for measurement 
of the received field strength, the intervals between the 
dashes being used for throwing on the local receiving 
source and adjusting its strength to equal that of the 
received signals by alternately listening to one and then 
the other). 

Immediately following this test period the London 
observers measured the noise level. 

This unit test period was repeated every hour over a 
period which varied froni several hours to as long as two 
days^ duration. Most of the test periods ran for about 
28 hours, starting about eleven o'clock Sunday morning 
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and continuing untU about three o’clock Monday The results of the measurements of received sivr,»i 
morning, London time. During this time the telegraph strength and received noise are given in Kits ')»v.dTo 
load through the Rocky Point station of the Radio The data have been divided and plotted in th^e two 
Corporation was sufficiently light to enable one of the sets of curves because the transmission i-nZtiT 
two antennas to be devoted to these experiments. The across the North Atlantic appeared to suLr a rather 

„ -.., ■’aP'd change about February 23rd. Kg. 9 therefore 

! i I I U. I I I I I -HH-H covers the winter period from January 1 (when the tost 

started) to February 23; and Fig. 10 covera the next 
penod from Febniary 25 to April 9. 

The curves are plotted between time of day as 
abscissas and field strength in microvolts per meter as 
ordmates. The time during which darkness prevailed 
at Roc^ Point and at London is indicated liy the 
b ock-£Is on the time scales. The overlap of 'these 
block-fills indicates the time during which darkness 
^tended over the entire transatlantic path. For Fiu 
9 the d^kness-belt is as of February 1 and for Pig lo 
as of March 21. The curves show the meaii of the 
results and also the boundaries of the maximum and 
minimum values observed. 

Receive Signal Strength. The outotimding faclom 
to be imted concerning the signal strength curves arc: 
---•. •‘"t vaf'ationa are plainly in evidence 

oraer ot 15 to 1 between day and night (tondh.ions. run- 
measurements were started January 1 .1923 and am about 100 microvolts per meter during the night 
still in progress. ^ averaging about 6 microvolts per mct,er during the 

At the present time (April) the results for the first irahhnnlif'jr''^ variation is also to he seen in Fig. 

three months of the tests are available. These resSte lansSf 1 ^^^’<'V(‘en night and dav 

are not yet sufficiently complete nor do f.w transmission are less marked. ^ 

Auatm-Cohen absorption cocllicicnl,. 'I’he avcraco of 

td‘f ‘ 

cufetedvalue'is9.6. 

^^ntln were no alrsorption 

yet be drawn from ii '*®hnito conclusion.s can 

of the vaSn k’th^ "''hcaLion that the ufipcr limit 

that the dS' 1 flu^'”'” 
absorption conditions "c '•""‘™“od by the 

^flection or refracrnetollt*’>’ 
apparettlylSraTn“T "'•'h’h 

spring is LTto "'■"f®'' to eo'-'y 

curves of Pig 9 and strength 

strength recZ^ ‘1" ^ ^''o'® the signal 


avauaoie. X'nese reauhtj 
are not yet sufficiently complete nor do the^c^ a 

TbansatlXntic Radio ItoiNSMissiON Measurements 
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of thoe. wave IZl VT ? " ?? 

- -w some f/ctomZrS?e^£ 

The daylight tra^ZsS^^'a”® ttansmksion efficiency, 
gw transmission does not change much, but 
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what little change there is lies in the direction of an 
increase as the season advances. 

3. A decrease in the transmission efficiency is ob¬ 
served between the time of sundown in London and 
sundown in New York, that is, during the period when 
the sunset condition intervenes in the transmission path. 
This dip is particularly noticeable in the signal strength 
curve of Fig. 10. It is not noticeable in Fig. 9, except 
for the fact that the rise in signal strength corresponding 
to night conditions in London is delayed until the major 
part of the transrpission path is in darkness. 

Strength of Received Noise. The variation in the 
s(.r<,‘ngth of received noise is shown by the noise cui-ves 
of Figs. 9 and 10. 

1. The diurnal variation of that portion of the noise 
which is due to atmospheric or “static” disturbances is 
somewhat obscured by the presence of artificial noise, 
/. e., noise caused by interference from other stations. 
'Pht? rise in the noise curve at 12 noon is known to be 
<iue to artificial interference. In general, however, the 
large* noise values shown to prevail throughout the 
night in London between about (> p. m. and 4 a. m. are 
known to be due to atmospherics. This diurnal varia¬ 
tion shows up quite prominently in both figures. 

The maximum noise is reached at 2 a. m. I^ondon 
lime. Up to this time the night belt extends over 
London and a sector of the earth considerably to the 
east and including Blurope, Africa and Asia. The 
noise begins to drop off shortly themifter and reacdies 
its minimum at sunrise in London. This could be 
accounted for on the assumption that the major source 
of the noise lies considerably to the east of London and 
that transmi.ssion of the stray electric waves to London 
is gradually diminished in efficiency as daylight over¬ 
takes the path of tran.smission. 

• 2. The seasonal variat ion, as shown by a comparison 
of the noise curve of Fig. 9 with that of Fig. 10, is not so 
great as is the case with the transmission efficiency of 
thta signal. Howeaver, the noise level is noticeably 
higher during the second period of the test.s,'' as shown 
hy the average curve of Fig. 10, particularly during the 
night when the maximum noi.so obtains. 

Thi,s indicates that the noise is largely of continental 
origin lying to the east or south east of Ixmtion which 
is in agreement with rough observation.^ made by jneans 
of a loop and .suggests that the employment of direc¬ 
tional antennas would be of considerable advantage. 
It is expected to include such antennas in the further 
measurement work. 

In connection with these noise curves it should be 
noted that what they represent is in reality the strength 
of a local warbling tone-signal, expressed in terms of 
equivalent field strength in microvolts, whi<;h is Just 
definitely audible through the noise. The actual value 
of the noise currents, were they measured by an inte- 

5. The results obtaiaecl more recently than time has per¬ 
mitted to include in the curves show a continual rise in the level 
of the noise during April. 


gi-ating device such as a thermocouple, for example, 
would be a number of times larger than indicated. 

Ratio of Signal to Noise Strength; Words Received. 
The noise curve of Fig. 9 and that of Fig. 10 can, 
therefore, be read as “The strength of the signal tone 
which can just be heard through the noise.” It can, 
therefore, be directly compared with the signal ciuwe 
itself and the difference between the two curves is a 
measure of the level of the actual signal strength above 
that which would just permit of the signals being heard. 
Actually, the difference between the two curves, as 
shown in the figures, is proportional to the tatio of the 
signal to the noise strength, because the curves are 
plotted to a logarithmic scale. 

This signal to noise ratio is plotted in Fig. 11 for the 
test period which corresponds to Fig. 9, and Fig. 12 for 
the test period which coiresponds to Fig. 10. These 
ratio curves ai’e derived by going back to the original 
data and taking the ratio for each unit measurement 
period and spotting it upon the chart as shown by the 
black points. An average is taken of the points for 
each hour of the 24-hour period as shown by the circle 
points. The dash line curves of Figs. 11 and 12, there¬ 
fore, trace the average diurnal variation of signal to 
noise ratio. 

These curves .show: 

1. That the signal-to-noise ratio reaches its minimum 
during the time when the sunset period intervenes be¬ 
tween London and New York. 

2. During the night in London the ratio increases 
more or less continuously and reaches a maximum 
around the time of sunrise in London. 

3. During the course of the daylight period in 
London the ratio starts out high and drops rather 
rapidly during the forenoon and assumes a more or less 
C(m.stant intermediate value during the afternoon until 
sundown. It is during this afternoon period in London 
that the business hours of the day in London and New 
York coincide, so that this is the most important 
period from a telephone communication standpoint. 

The drop in the very low ratios obtaining in London 
in the early evening is due to the fact that an increase 
in noise occurring at this time is accompanied by a 
decrease in transmission efficiency from America. 
Thi.s may readily be seen by referring to Fig. 10. 
The noise incimses as the night belt, proceeding west¬ 
ward, envelopes England and improves the transmission 
of atmospherics, which arise ijossibly in continental 
Europe, Asia and Africa, As the shadow wall, pro¬ 
ceeding westward, intervenes between England and 
America, the transmission efficiency of the desired 
signals from America drop.s and it is not until the night 
belt extends as far west as America that the transmission 
efficiency improves sufficiently to overcome the dis¬ 
advantage in Liondon of the large noise values which 
night there had brought on. Conversely, the high 
signal to noise ratio, obtaining at about sunrise in 
London, appears to be due to the fact that as the temii- 
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nation of the night belt, moving westward, intervenes 
between England and the source of atmospherics to the 
east, the noise level drops rapidly and has reached low 
values by the time sunrise arrives in London. At this 



Fig. 11—Transatlantic Radio Tbansmission Mbasdbb- 
MENTS. DiUBNAL VaBIATIONS OP SlGNAL TO NoiSE RaTIO, 
Januabt 1 —^Febbuaby 23, 1923, 


time, however, darkness still extends to the west and 
the transmission efficiency from America is at its maxi¬ 
mum. It is, therefore, due to this interplay between 
these two factors, signal strength and noise strength. 



Fig. 12—Tbansatlantic Radio Tbansmission Measdbb- 

MBNTS. DiTJBNAL VaBIATIONS OP SlGNAL TO NoiSE RaTIO. 
FEBRiTAEY 23—^Apbil 9, 1923. 


controlled very largely by the transition periods be¬ 
tween day and night, that the signal to static ratio 
varies diumally in the manner pictured in Figs. 11 
and 12. 

Concerning seasonal variation, shown by a compari¬ 
son of Figs. 11 and 12, the following can be said: The 
diminution in signal-to-noise ratio in the second test 
period as compared with the first is caused by the fact 
that the signal strength has decreased and at the same 
time the noise has somewhat increased. There is just 


one other point and that concerns the dip in the ratio 
occurring at night in London between 12 midnight and 
3 a. m. This dip is due to an increase in the noise 
which occurs around 2 a. m. (A further reduction 
during this time, and one which extends the time of 
minimum ratio from sundown on through the night 
until 2 a. m. is shown by the April measurements which 
time has not permitted including in the curves). 

During each test period lists of disconnected words 
were spoken over the systems. As an approximate and 
easily applied method of indicating the talking effi- 



Fio. 13 —Transatlantic Radio Transmission Measure¬ 
ments. Diurnal Variation op Words Understood, January 
1 —^February 23, 1923. 

Each circle is avei'age of all tests for tliat hour inninrting triangular 
points. The latter are known to be cases In which low percentage is due to 
unnatural causes. 

ciency of the circuit, note was made of the percentage 
of the words which were correctly received. 

The curves of Figs. 13 and 14 show the manner in 
which the percentage of the words which were correctly 
received varies through the 24 hours. Each point 
corresponds to the percentage of words correctly re¬ 
ceived during one unit test period. In many of these 
tests the interference was noted to be caused by radio 
telegraph stations, and the data in which the inter- 


100 

00 



Fig. 14 —Transatlantic Radio Transmission Measure¬ 
ments. Diurnal Variation op Words Understood, Feb¬ 
ruary 26 —^April 9,1923. 

Eacb cJx’cle Is averago of all tests for that hour including triangular points. 
The latter are known to bo cases in which low percentage is due to unnaturtd 
causes. 

ference is of this character, in so far as identified, are 
indicated by the triangular dots. It will be seen that 
most of the poor receptions were due to this cause. 
Especially is this true of tests at 12 noon at which 






















Frequency Measurement in Electrical Communication 

BY J. W. HORTON, N. H. RICKER and W. A. MARRISON 

Research Laboratories of the 
American Telephone and Telegraph Company and the 
Western Electric Company, Incorporated. 


Review of the Subject,—The need for increased accuracy in 
the measurement of any frequency between one and several million 
cycles per second is first considered. 

A brief discussion of general types of frequency standards leads 
to the reasons f or choosing a continuously operating generator of 
alternating current. The generator developed is, in effect, a re¬ 
generative system comprising a 100-cycle tuning fork, of low decre¬ 
ment, maintained in vibration by a vacuum tube amplifier. 

The absolute value of the frequency of the alternating current 
delivered by this generator is determined by counting the number of 
cycles executed in an accurately known time. A small synchronous 
motor IS used for making this count. Recording apparatus for 

companng the rate of the fork with various time indicators is 
described. 


Data are given showing the effect upon the frequency of such 
external conditions as temperature, potential of power supply, 
circuit constants of the amplifier and vacuum tubes. Thu informa¬ 
tion is obtained either by compansons with a constant frequency or 
by determinations of the absolute value of the frequency. The ratio 
of the rate of the fork to the rate of a carefully maintained clock has 
been found to be constant to within six parts in 1,000,000 over 
considerable periods of time. 

For measuring the frequency of any alternating current used in 
electrical communication in terms of the known frequency there has 
been developed a decade arrangement of harmonic producers and a 
special modulator-rectifier circuit for combining known harmonics 
of the base and comparing other frequencies with them. These 
circuits are described in detail. 


tions of the frequency of any a f ^ mtr^uced methods for multiplex telephony 
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finite time it is necessary that the rate of the generator 
be sufficiently constant to permit us to use the average 
value over this interval as the instantaneous value at 
any time. 

The most promising method of meeting the above 
conditions appears to be one in which some highly 
resonant system is maintained in continuous vibration 
by the application of energy from an external source. 
In general such aiTangements operate through some form 
of trigger action, controlled by the vibration of the 
resonant system, which periodically releases energy 
from the driving source. This will be found to be 
equally true for a clock, for an organ pipe or for any 
other continuously maintained vibrating system. Any 
such device constitutes a regenerative system. 

The period of vibration of the resonant element, 
to be acceptable in our standard, must be little affected 
by changes in external conditions, including those 
associated with the source of energy maintaining the 
vibration. This in turn requires that the trigger action 
be extreinc‘ly sensitive and at the same time cai)able of 
accurately controlling the driving energy. 

Since resonant elements of small decrement are more 
effective than those of higher decrement in controlling 
the frequency of such I’egenerative .systems, it is gener¬ 
ally true that mechanically vibrating bodies are 
superior to electrically resonant circuits. 

'The reasoning .so far has led us to a device having 
the geneial charucteiistics of a good clock. In fact, 
if we think of a (dock as a standard of fre<iuency it will 
b(j found l;hat we have little more to ask in the matter 
of accuracy. There lemains, however, the problem 
of comparing the frequency of the mechanically vibra¬ 
ting element- -the pendulum -with the fre(iuency of 
any alternating current. It is a simple matter to ol)- 
tain from a clock, by means of some form of contact, 
an alternating current having a frequency in tin* 
neighborhood of one cycle per .second. Such an alter¬ 
nating current is not entirely satisfactory for our 
purpose becau.se of the high frequencies to which our 
comparisons must be carried. Any departures from 
a fixed frec^uency on the part of the fundamental 
are multiplied in absolute value as the frequ(3ncy is 
stepped up to its higher harmonics. Because of this 
effect we should be seriously troubled by any minute 
variation in period of .succe.ssive cycles, due to irregu¬ 
larities in the contact or in the mechanism, as we multi¬ 
ply such a fundamental frequency sufficiently to use it 
in the calibration of radio apparatus. 

Difficulties of this nature may be reduced in two 
ways: First by applying the driving force as unifonnly 
as po.ssible and second by making the frequency as high 
as the demands of the work will permit, thus reducing 
the multiplication neces.sary to reach the higher 
frequencies. 

The requirements thus far laid down for the enerj^ 
supply portion of our regenerative system are ad¬ 
mirably met by thermionic amplifiers. By using high 


amplification the controlling elements may be made 
extremely sensitive and con.seqiiently may be coupled 
so loosely to the vibrating element as to be practically 
without effect upon it. Further, the driving force is 
not disturbed by any irregularities such as are pre.sent 
in the usual clock mechanivsms. This removes one of the 
major causes of variation in the length of succes.sive 
periods. 

For the particular problem in mind it is not (‘.ssential 
to measure accurately frequencies differing by U*.s» 
than 100 cycles per second. This led to the (.-hoice of a 
100-cycle tuning fork as the resonant member of our 
system. The decrement of .such a device is, perhaps, 
not as small as that of a good pendulum hut il.s fre- 
(luency is more suitable for our present needs. In a 
more complete .solution of the general problem it would 
be desirable to investigate the possibilities of a f K*ndu- 
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lum maintained in vibration by a thermionic amplifier. 
Such an amingemimt could be adjusted to generate* 
a fre(iuency of one (;ycle per .second which is, in some 
respects, the logical frequency for a masl^er .standanb 

With this brief general discussion the factors 
involved in the dtwelopment of a frcHpiency sfaiidard 
for alternating-current measurement s, we may firoceed 
to a detailed description of the apparatu.s which has 
been sed up. 

The fork used in the major portion of this work wa.H 
made by the Standard Scientific Clompany. It. wjm 
especially designed to have a low decremrmt. In 
order that there should be .small energy Io.ss in the 
mounting and no variation in energy abaortdion dim to 
change in location, the fork is mounted on a heavy cast 
iron base, as shown in Fig. 1. It is keyed into its 
socket and is clamped firmly by a nut on the underside 
of the base. The photograph also shows the electio- 
magnets used for coupling the fork to the vatnium 
tube amplifier. Energy picked up by one electro- 
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A schematic of the amplifier circuit is shown in 
Fig. 4. A and B are respectively the control and 
driving magnets of the fork. The retard coil, Li, the 
condenser, €», and the resistance, Ri, constitute the 
usual direct coupling between the two tubes. Ci 
is a small fixed condenser which is found to be necessary 
for most ellicient operation. This condenser has about 
one tenth the capacity which would resonate the con¬ 
trol coil at 100 cycles per second. Its effect upon the 
frequency of the system will be considered later. 
In this circuit the use of transformers was .avoided 
because of the possibility of introducing a phase change 
in the amplifier. The amplifier delivers sufficient 
energy to drive the fork at any desirable amplitude. 
In the system actually set up, only part of the total 
output energy is used. This is accomplished by putting 
a high series resistance, R, in the circuit between the 
second stage of the amplifier and the driving magnet. 
This has a stabilizing effect on the regenerative system 
by making the load impedance of the amplifier more 
nearly constant. 

The system thus far described provides solely for 
maintaining the fork in vibration. Since we are 
interested in obtaining an alternating current for use 
in various measurements, provision must be made for 
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is shown on a panel together with associated app«u‘atu.s. 
This panel is the one containing five tubes. Although 
the schematic shows but two tubes in the i*egenei vitive 
amplifier, there are actually provided two pairs of tubes, 
the gi’ids and plates of one pair being in parallel with 
the con'Gsponding grids and pla(.es of the other. 1 he 
filaments of the two pairs of tubes may be lighted 
independently. The fork may, therefore, be driven 
by either pair of tubes, one i)air being placed in oiieru- 
tion before the other is turned off, t hus maintaining the 



Pin. 0—Path of Rayh Tuituiirni Ovtioal Kystkm 

fork with no discontinuity in the output of f.he 100- 
cycle current from the transformer, Ti, This is done? 
so that tubes or batteries may be replaced at any time 
without interrupting the operation of the system. 

In order to study such external conditions as may 
affect the rate of the form cert ain additional apparatus 
has been provided. The fork and driving magnets are 
placed in a cast iron tank jirovided with a glass cover, 
ground to fit. This tank is immensed in a temperature 
controlled bath. Means are also provided for exhaust¬ 
ing the tank so that the effect of pressure variation.s 
may be studied. 

In order that observations of the amplitude of t he 
fork may be easily and (luickly made, an optical system 
has been set up by means of which a band of light, the 
width of which varies linearly with the amplitude of the 
fork, is projected on a scale. This scheme is based on 
the fact that the corner of a fork prong is not a sharp 


suDDlvinir enerey to external circuits in such a manner angle but is a quadrant of a cylinder of very Hmiill 
that there can be no reaction upon the regenerative radius. If this cylinder is illuminated by a bright 
system which might cause a variation in its frequency, source of light one element will appear to an observer 
This is accomplished by means of the third tube shown as a very bright narrow line parallel with the prong of 
in the figure Any in the load impedance of the fork. As the fork vibrates this iiluminated ele- 

this tube nroduces an entirely negligible change in its ment will apparently broaden into a band the breadth 
shunting e’ffert on the regenerative system. The trans- of which indicates the amplitude of vibration. An 
former r, suDulies a second load circuit, the purposes enlarged image of this band may be projected upon a 
of which will be discussed later. scale by a suitable objective. The lens used is a Bauach 

In the photograph of Pig. 5 the fork drive amplifier and Lomb triple aplanat which has a large aperture 
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recorder was arranged so as to mark simultaneously,' 
on a single tape, second impulses, from the laboratory 
standard clock, and commutator impulses as controlled 
by the fork. Care was taken to have the tape moving 
at a sufficiently uniform speed to permit measurements 
to be made with an accuracy better than 0.01 of a 
second. In this connection it is interesting to examine 
the accuracy with which the commutator, driven by 
the synchronous motor, indicates 100-cycle intervals. 
This, was tested as follows: 

A small amount of the lOO-cycle current from the 
output of the regenerative circuit was passed through a 
distortion-producing amplifier giving a sharply peaked 
wave. The current from this amplifier was interrupted 
by the commutator and recorded by a Dudell oscillo¬ 
graph. The peak of the wave is used to indicate a 
definite portion of the cycle. The instant at which 
the commutator closes the circuit is indicated by a 
shift of the zero axis on the record, due to the introduc- 


ning and at the end of any suitable period of time 
we may find the number of fork intervals in any given 
whole number of clock intervals. Since our fork in¬ 
tervals correspond to 100 cycles, the total number of 
cycles executed in any known time may be easily 
computed and the rate of the fork thus determined. 
The accuracy of the method is fixed partly by the pre¬ 
cision with which measurements of length can be made 
on the tape and partly by the regularity in operation 
of intermediate relays and of the recorder. It has 
been found that measurements may be depended upon 
to within 0.01 second, which gives an accuracy better 
than one part in 6000 over a period of one minute ori 
than one part in 360,000 over a period of one hour.’ 
Many sets of tape records have been made to che^lhfe 
rate of the fork and the stability of the recording ap-^^ 
paratus. In Table I are given the results of observa¬ 
tions made on the number of cycles occurring in suc¬ 
cessive five minute intervals, as indicated by the 



tlon of a snaall battery into the circuit. A series of 
records show that the commutator makes successive 
contacts at the same part of the cycle to well within 
one-tenth of a cycle. These tests were made without 
the mercury-filled fly-wheel and, therefore, include 
eiTora due to the hunting of the motor. A number of 
these oscillograms is shown in Fig. 10. 

in Fig. 11 a series of tape records taken at one minute 
interv^ is shown. The upper dashes represent 
second intervals as marked by the clock; the lower 
dash^ indicate lOO-cycle intervals as marked by the 
commutator. It will be noticed that a dash marked 
by the fork lags behind the corresponding Ha-gTi from 
the clock about 0.2 of a fork interval more than did 
the fork dash taken a minute previous. This means 
that while the clock records sixty complete clock in¬ 
tervals, the fork records about 69.8 fork intervals. 
In this manner, by making a measurement at the begin- 


laboratory standard clock, for a period of two hours. 
It will be observed that the average difference between 
any single observation and the average rate for the 
entire time is about 6 parts in 1,000,000. This indi¬ 
cates either that the fork and the laboratory clock are 
both constant, or that they both vary together, within 
this limit. This last supposition is hardly conceivable. 

In order to observe sudden changes in the frequency 
of the fork, such as might be occasioned by mechanical 
jarring or by some slight change in external conditions, 
it has been found advantageous to employ the well 
known method of beats. By comparing a high har¬ 
monic of the fork frequency with the frequency of the 
current from a suitable vacuum tube oscillator a very 
small change in the frequency of the fork becomes 
readily detectable. It has been found possible by 
passing current from the fork system through a specif 
harmonic producer, (to be described later) to obtain 
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TABLE 1 

Time: As indicated by the Laboratory Clock. Observations made 

every 300 seconds. 

The fraction of a fork interval by which a fork dash lags 
belilnd the corresponding clock dash. 

Difference: The amount by which the lag decreases dming 300 seconds. 

This is measured on every 299th fork impulse. Indicating 
this decrease by D the number of cycles made in 300 seconds 
is then 100 (299 + D). 

100 (299 + D) 

Frequency: -» 99.6067 + l/3 D. 

Dcvialion: The difference between the frequency observed for a given 
Interval and the mean frequency throughout the run. 


Time 

Lag 

Difference 

Frequency 

Deviation 

3:00 

3:05 

0.439 

0.400 

0.039 

99.6797 

0.0006 

3:10 

0.366 

0.034 

99.6780 

0.0011 

3:15 

0.332 

0.034 

99.6780 

0.0011 

3:20 

0.294 

0.038 

99.6794 

0.0003 

3:25 

0.253 

0.041 

99.6804 

0.0013 

3:30 

0.216 

0.037 

99.6790 

0.0001 

3:35 

0.178 

0.038 

99.6794 

0.0003 

3:40 

0.141 

0.037 

99.6790 

0.0001 

3:45 

0.105 

0.036 

99.6787 

0.0004 

St.'iO 

0.068 

0.037 

99.6790 

0.0001 

3:55 

0.033 

0.035 

99.6784 

0.0007 

4:00 

0.995 

0.038 

99.6794 

0.0003 

4:05 

0.961 

1 0.034 

99.6780 

0.0011 

4:10 

0.924 

0.037 

99.6790 

0.0001 

4:15 

0.884 

0.040 

99.6800 

0.0009 

4:20 

0.849 

0.035 

09.6784 

0.0007 

4:25 

0.815 

0.034 

99.6780 1 

0.0011 

4:30 

0.772 

0.043 

99.6810 

0.0019 

4:35 

0.738 

0.034 

99.6780 

0.0011 

4:40 

0.700 

0.038 

99.6794 

0.0003 

4:45 

0.604 

0.036 

99.6787 

0.0004 

4:50 

0.025 

0.039 

99.6797 

0.0006 

4:55 

0.585 

0.040 

99.6800 

0.0009 

5:00 

0.547 

0.038 

99.6794 

0.0003 

Moaa Value 

0.0371 

99.6791 

0.0006 


a sufficient amount of the 500th harmonic to give an 
easily perceptible beat with a current of 50,000 cycles 
supplied by a vacuum tube oscillator. Over small 
intervals of time the frequency of the oscillator will 
remain fixed, therefore any slight changes in the fre¬ 
quency of the fork, magnified 500-fold in absolute value 
by the harmonic producer, will result in a considerable 
change in the rate of these beats. In this way it is 
possible to determine quickly and accurately the effecit 
of certain variables on the frequency of the fork. It is 
possible, for example, to observe the result of such 
transients as occur when the amplitude of the fork is 
suddenly increased or decreased. The precision of this 
method is evidently high. In fact, since the frequencies 
between which beats are observed are of the order of 
60,000 cycles, and since it is easy to detect differences 
in beat frequency of one cycle in 10 seconds, a change 
in frequency of one part in 500,000 is readily observeci. 
It should be un derstood, of course, that although this 
method is very useful for determining the order of 
magnitude of various effects it should not be relied 
upon for absolute quantitative data. 

In order that an accurate check might be kept on 
the rate of the laboratory standard clock, provision 
'hq j; ; been made for recording United States Naval 
Observatory time signals, as sent out by Arlington, 
on the tape of the Wheatstone recorder simultaneously 


with second impulses from the clock. It is thus pos¬ 
sible to check the average rate of the laboratory clock 
to approximately 0.01 second per day. The electrical 
eqmpment for recording the Arlington signals consists 
of a radio receiver and of a vacuum tube amplifier 
containing a resonant circuit tuned to the audio fre¬ 
quency. This audio signal is rectified and the resulting 
direct current used for operating one pen of the recorder. 
The jack panel shown at the bottom of the rack in the 
photograph of Fig. 5 furnishes means for connecting 
any source of electrical impulses to the recorder so that 
comparisons may be made between the rates, of any 
two such sources. 

Characteristics op Standard Source 

Observations of the rate of the fork have been made 
over a considerable period of time to determine its 
frequency and the extent to which it is affected by 
variations in external conditions. The data of Table 
I is an example of the constancy of the ratio of the 
rates of the fork and of the laboratory clock. At 
present we are unable to say which has the greater 
absolute constancy. 

It is probable that the temperature of the fork is one 
of the most important of the factors affecting its 
frequency. A large amount of data has been taken 
showing the rate of the fork at various room tempera¬ 
tures and also at the temperature of melting ice. 
The average change in frequency between 0 deg. and 
22 deg. cent, is 0.0109 per cent per 1 deg. cent. 

In order that the frequency of the fork may be relied 
upon to one part in 100,000 it is apparent that its 
temperature must be known to be better than 0.1 deg. 
cent. While this is not particularly difficult, under 
average laboratory conditions, it is highly desirable 
that some other material be found from which to build 
the fork. A steel having such coefficients of expansion 
and of elasticity that the resultant coefficient of fre¬ 
quency is small would be desirable. It is, of course, 
necessary that the properties of the material be such 
that the fork has as low a decrement as possible. The 
use of steel has advantages since it lends itself so 
readily to electromagnetic driving. Other materials, 
notably fused quaitz, have such commendable proper¬ 
ties that it would undoubtedly be profitable to consider 
means for coupling the vacuum tube amplifier to a fork 
built of such material. 

The relation between the amplitude at which the 
fork is driven and its frequency is also of much interest. 
The problem, however, concerns the properties of the 
amplifier more than it does those of the fork. It is 
very difficult to readjust the system so that the fork may 
be maintained at various amplitudes without at the 
same time introducing changes which have a far 
greater influence upon the frequency than does the 
change in amplitude, 'per se. It is certain that 
anything which alters the phase relation between the 
currents in the windings of the control and driving 
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magnets is of vital importance in regard to both the 
frequency and the amplitude. • The presOnt regenera¬ 
tive system has been so designed that it is in a stable 
oscillating condition with the fork vibrating at a double 
amplitude of approximately 0.25 mm. In general 
a small amplitude is to be desired because it is accom¬ 
panied with small frictional and hysteresis losses. 
With large amplitudes these losses would introduce 
appreciable damping into the resonant system. 

In studying the influence of the amplifier circuit 
upon the frequency of the fork tests have been made in 
which the tubes, the- plate and filament batteries and 
the condenser across the control magnet were varied. 

As has been previously mentioned, the amplifier 
contains two pairs of tubes, either of which may be used 
to drive the fork. Due to slight differences in the 
connections to these tubes the frequency of the fork 
when driven by one pair differs by one part in 200,000 
from its frequency when driven by the other. When 
both pairs are operating simultaneously the frequency 
differs by about one part in 100,000 from the frequency 
obtained with the amplifier normall57 used. 

In- order to show what happens when changes, such 
as aging, occur in the tubes themselves a series of tests 
was made in which five pairs of tubes were used, success¬ 
ively, in one pair of sockets. During these tests there 
was no observable variation in the frequency. This 
means that any change must have been less than one 
part in 600,000. 

The batteries supplying the plate potential and the 
filament current are, as many of us have observed, 
the least constant of the elements of any vacuum tube 
circuit. Tests have been made, therefore, to determine 
what change in frequency may be expected as a result 



PLATE PO-TEKnAL-VOLTS 
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of moderate variations in these batteries. On the curve 
of Fig. 12 the departure of the frequency of the standard 
sources from the value which it has at normal plate 
potential is plotted against the plate potential. Prom 
this curye it is seen that the battery may drop nearly 6 
volts from its uSiml operating potential without intro- 
ducmg a chan^ of more^ one part in 100,000. 
Since this battery; can be maintained to much better 
tha.n 5 volts oyer long periods of time errors due to 
the plate battery will not be large enough to give trouble. 


In fact, in bringing the frequency of the fork to exactly 
100 cycles per second, it is planned to make the final 
adjustment by means of the plate potential. 

Observations made on the frequency of the fork as 
a function of the filament current showed no detectable 
change until the current was reduced to 80 per cent of 
its normal value. With storage batteries of adequate 
capacity, therefore, the variation of potential during 
discharge will be quite without disturbing effect upon 
the operation of the standard. 

Reference has already been made to the condenser 
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Fig. 13 

which is placed across the coils of the control magnets. 
The effect upon the frequency of such changes as might 
occur in this condenser was investigated by vaiying its 
capacity over the range between 0.01 /x f. and 0.1 ju f. 
The decrease in frequency with increase in capacity is 
plotted on the curve of Fig. 13. It has been found that 
a capacity of 0.05 ju f. gives satisfactory results with 
respect to both efficiency and stability. The slope of 
the curve at this point is such as to indicate a change of 
frequency of three parts in 1,000,000 for each 1 per cent 
change in capacity. The temperature coefficient of 
this condenser is known to be about 0.003 per cent per 
1 deg. cent. It is thus evident that the resultant effect 
upon the frequency is in the neighborhood of one part 
in 100,000,000 for each 1 deg. cent, change in the tem¬ 
perature of the condenser. 

As a result of the tests described above it appears 
that, by suitably maintaining the fork and its associated 
equipment, the frequency of the alternating current 
produced may be relied upon, both as to constancy and 
as to absolute value, to one part in 100,000. 

Measurement op Frequency in Terms of the 

Standard 

The third major portion of pnr problem concerns 
means for comparing the frequency of any alternating 
current which may be used in electrical communication 
with the frequency of the alternating current delivered 
by our standard. This is accomplii^ed by a system 
of harmonic generation. In order to compare the higher 
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ditions there appear in the output circuit alternating 
currents having frequencies corresponding to the sum 
and to the difference of the input frequencies. Thus, 
if we impress a voltage having a frequency of 1000 
cycles upon the transformer Ti and a voltage having a 
frequency of 10,000 cycles upon the transformer Ta, 
there will appear in the output of the transformer Ta, 
in addition to the amplified 1000-cycle current, alter¬ 
nating currents having frequencies of 9000 and 11,000 
cycles. Any component of the output current may be 
selected by means of the tuned circuit and amplified 
in the single vacuum tube shown. The two tubes at 
the right of the schematic constitute a balanced recti¬ 
fier. These tubes have on the grid a constant potential 
of such value that when there is no voltage across the 


cal and the meter will stand at its zero position. As the 
phase continues to change, the resultant voltages will 
unbalance the bridge in the opposite direction and the 
deflection of the meter will be reversed. It is thus seen 
that the deflection of the meter indicates the phase 
difference between the two voltages and may be used 
in determining the frequency difference between them, 
so long as this difference is not too great to be followed 
by the needle. 

Because of the balanced arrangement of the input 
circuit of this rectifier the frequencies of currents from 
two vacuum tube oscillators or similar devices may be 
compared without any tendency on the part of one to 
influence the operation of the other. In fact it has been 
found possible to adjust two oscillators, operating at 



input transformer there will be no plate current in 
either tube. Should voltage be impressed upon the 
transformer T 4 the potentials impressed upon the grids 
of the two tubes will be such that they will alternately 
draw current from the plate battery. This will set up 
across the outer ends of resistances Ri and R 2 an alter¬ 
nating potential having a frequency equal to that 
impressed upon the transformer. Since this voltage 
is symmetrical with respect to the meter there will be 
no motion of the needle, unless the frequency is ex¬ 
tremely low. Voltages impressed upon the transformer 
T 4 cause both tubes to draw current from the plate 
battery during that portion of the wave which makes 
the total grid potential less negative than that of the 
grid battery. Under these conditions there will be no 
difference of potential across the outer ends of the 
resistances Ri and Rz. If, however, two voltages of 
-nearly the same frequency are impressed upon the two 
ihput transformers, they will not effect the two tubes 
equally. At the instant when they are in such phase 
reteon that their sum will be effective on one tube 
their\difference will be effective on the other. Under 
this condition the bridge circuit, composed of the two 
resistances and the two tubes, will be unbalanced and 
the needle of the meter will be deflected. As the phase 
relation Ranges so that the two voltages are 90 deg. 
apart, the ^ects upon the two tubes become symmetri- 


10,000 cycles, to within one beat every 10 minutes with¬ 
out any indication of their pulling into step. 

The layout of the complete calibrating system is 
given in Fig. 16. A switching arrangement is provided 
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SO that any of the inputs to the modulator-rectifier 
circuit may be connected to the output of any of the 
amplifies associated with the several harmonic pro¬ 
ducers, or to any of a number of vacuum tube oscillators. 
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Review of the Subject.—Some of the important developments important of these, inclvMng the telephone repeater equipment, 
contemplated in the apparatus and equipment for long toll cable test board equipment, and signaling equipment, are described, 
circuits are described. The large number of equipment units per The necessity for compactness in the dimensions of equipment 

station in the cable plant and the greater number of stations in a units, uniformity in assembly arrangements, and simplicity in 

given length of cable than in an open-toire system, have made the design, together with the need of careful correlation of the electrical 

economic importance of the equipment design such that a compre- and mechanical' requirements, are emphasized. The methods 

hensive program of development, affecting many types of equipment, proposed for meeting these requirements generally, are described, 
has been undertaken. The outstanding features of some of the more ****** 


Introduction 


telephone repeater equipment, the testboard equipment 


T he use of lead-covered cables in place of bare 
copper wires for long distance telephone lines has 
been an important development and much 
interesting information on this object has already been 
presented to the Institute. The engineering and con¬ 
struction features involved in a cable system of this 
sort were described by Mr. Pilliod in his article on the 
Philadelphia-Pittsburgh Section of the New York- 
Chicago cable, while the transmission characteristics of 
such a system were brought out in the recent paper 
by Mr. Clark. It is the purpose of the present paper 
to deal with some of the important developments in 
apparatus and equipment which are contemplated for 
the cable plant. 

A cable system requires repeater stations at more fre¬ 
quent intervals throughout its length than an open-wire 
line, because of the much smaller gage conductors which 
it employs. Consequently, in such a system, a greater 
proportion of the plant investment is represented by the 
equipment within the offices than is the case with open- 
wire construction. Furthermore, the number of equip¬ 
ment units per station in a cable system is ordinarily 
much larger than in an open-wire office, due to the fact 
that the chief advantages in the use of long cable 
circuits, in. place of open-wire construction, have 
occured on routes carrying heavy traffic where many 
circuits are needed. Thus, the requirements of the 
cable plant have been such as to emphasize the economic 
importance of the equipment design. 

To meet these requirements it has been necessary to 


and the signaling equipment. These are closely 
associated with each other in their operation, as well 
as in their physical location, and it has been necessary, 
in the design of all units to have due regard to the 
system as a whole. 

Telephone Repeater Equipment 

The function of the telephone repeater as an amplifier 
in long distance lines is well known. The telephone 
repeater in its present form has been the chief factor in 
making long distance cable telephony practicable, and 



undertake a comprehensive plan of development affect¬ 
ing many types of equipment. This has involved 
careful consideration of both the electrical arrangements 
and the mechanical design, which are being closely 
coordinated wdth the purpose that both should contrib- 


it is probable that the developments in connection with 
telephone repeaters have been among the most rapid 
and comprehensive of any in the toll equipment. It 
will, therefore, be very interesting to note, in the illus¬ 
trations which follow, the principal steps which have 


4.^ j-T_1.: T- 4. j £ ix> • • 4 1 o .. weiwuiio wiucu luuuw, me principal steps wmcn nave 

inff of the efficiency in the function- ^een taken in working out the form of the equipment to 


ing of the system. 

It is not possible in this paper to give many details 
concerning these developments, but it is desired to 
present some of the principal features as applied to typi¬ 
cal cases. Among the more important of these are the 

Presented at the Annual Convention of the A. I. B. E., 
Sivampscott, Mass., June 2S~S9,1928. 


the degree of efficiency now requmed for the cable plant. 

In Fig. 1 is shown one of the original forms of repeat¬ 
ers, a number of which were installed as early As 1914. 
This particular illustration was taken from an installa¬ 
tion at Salt Lake City, Utah. In this case the repeater 
apparatus was assembled in boxes designed to moimt on 
the wall, each box containing a one-way amplifier. 
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element circuit. Fig. 6 shows tne general arrangement 
proposed for a group of sets of this type in a large 
installation, as in a cable office. This set is expected 
to have many advantages adapting it particularly to 
cable installations. When mounted as shown in Fig. 6 
it will occupy but 1.5 square feet of floor space per unit. 
Fig. 7 shows how this set may be arranged in small 
installations where it may be desired to be mounted on 
a low rack. 



Fig. 6—Ttpical Assembly op Panel Mounted Repeatee 

Set 


By the uniform use of these general mounting arrange¬ 
ments for all of the new repeater equipment, including 
the accessory apparatus as well as the repeater sets 
themselves, it will be possible, where desired, to serve a 
large number of repeaters with a small amount of testing 
equipment. For example, in the case of the voltmeters 
and ammeters required, it will be possible to employ but 
onemeterpanelforanentirecableinstallation. Thus, an 
economy in equipment as well as a saving in space will 
be effected. 



Pig. 6-^Geoup op Panel Mounted Repeatebs as Arranged 
IN A Large Installation 


Fig. 8 shows how some of the principal features of 
this proposed type of set, which distinguish it from the 
earlier types of repeaters, are related to the circuit 
arrangement, as well as to the mechanical design. 
Previously, the apparatus which it is now proposed to 
mount in distinct groups on separate panels, as indicated 
in this diagram, was assembled together in one repeater 
unit. Several types of sets were accordingly necessary 
to meet the various field conditions. This is to be 


Tr{iii.sjU'li(»iis A. 1. Iv. K. 

avoided in the new design by separating from the 
ba^ic repeater unit such apparatus as may be re(juire(l 
to be different under different conditions of use*. F<>r 
example, the basic repeater unit in the new reiieatei- is 
to be the same for both “through line” anti “coni 
circuit” use, and for large installations as well as for 
small ones. The signaling apparatus which ma>' lia^ e 
different features in different types of offices, and whicdi 
may not be needed with “throughline” repeal ers in .some 
cases, will be furnished as a separate panel from the 
basic repeater unit. The apparatus which will pt^rmil 
the repeater to be used for cord circuit opei’alion is also 
to be furnished as a separate unit and may bt' used in 
place of the through signaling unit, without chuiiging 
the basic repeater. The filter which will determine the 
cut-off frequency of the repeater will also he funii>hi*d 
as a separate piece of apparatus mounted on tin* re¬ 
peater set, so that the repeater may be suited to any 
desired type of line by providing the proijer filter. 



Pig. 7—Panel Mounted Repeaters as Aruangkii in 

Small Installation 


Anotner intwesting phase of repeater develoi>mc;iit 
has been that in connection with the power supply for 
the vacuum tubes. This includes (1) a source of fila¬ 
ment current (2) a source of plate potential and Cl) a 
source of grid potential. In meeting the requirement's 
of cable installations the principal improvemente 
desired have included the use of batteries common to as 
many repeaters as possible in place of individual 
batteries, closer regulation of potentials and the elimina¬ 
tion of diy cells, where practicable. 

In some of the earliest installations a separate six- 
volt storage battery was used to supply the filament 
current for the vacuum tubes of each repeXr ^et 
Later the filament current supply was taken from an 
11-cell central office storage battery through a rheosf-ir 
As the potential of the 11-cell central office batterv’ 
normaUy 24 volts, varied from 20 to 28 volts during the 
operation of a charge and discharge routine it was 
necess^ to adjust the rheostat at frequent intervals 
to mamtam constant current in the vacuum tube 
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filaments. With the greatly increased number of 
repeaters per station which has occurred in cable sys¬ 
tems, the maintenance involved in readjusting the 
filament currents would have become prohibitive on 
this basis. Accordingly, for the larger installations, 
duplicate 11-cell batteries normally floated from genera¬ 
tors and provided with emergency cells to maintain 
voltage during an emergency discharge are proposed. 
By this improved arrangement it is expected to be 
possible to maintain the filament voltage within one 
volt up or down from its normal value, even during 
an emergency discharge, until the batteries are almost 
completely discharged. This improved regulation 
will entirely eliminate adjustments of the individual 
repeaters during operation to secure proper values of 
filament current. 

For the plate voltage supply dry cells have sometimes 
06611 used in smSill inst&llEtions. Th6S6 shtq now boing 
displaced, to a large extent, by small storage cells, two 
groups being used so that one group may be charged 
while the other is in service. In the large cable installa¬ 
tions, the current drain on-the 130-volt plate batteries 
has sometimes reached values as great as four or five 


tubes in a large telephone repeater installation is 
considerable. Each filament requires a current in the 
neighborhood of one ampere and, while the filaments 
are connected in series in such a way as to utilize as 
efficiently as practicable the full potential of the central 
office battery, the load on this battery sometimes 
amounts to several hundred amperes. 

Fig. 9 gives some idea as to the size of the storage 
batteries for a typical office of this land. The large 
cells in wooden tanks are those making up the filament 
batteries, each of which is an 11-cell battery of 24-volt 
nominal rating. These two batteries in parallel are 
large enough to carry the office load for at least 12 
hours in the event of a complete failure of charging 
equipment. 

^g. 10 shows the charging generators and power 
switchboard for a typical cable repeater oflice. The 
gas engine drives emergency generators to float filament 
and plate batteries in the event that the regular electric 
power supply service fails. Alarms are provided to 
indicate any abnormal condition such as a voltage 
higher or lower than normal, a blown fuse, etc. These 
are grouped in an annunciator cabinet on the wall. 
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amperes, so that it is now planned to float these batteries 
also, instead of operating on the charge and discharge 
basis. It is expected by this means to obtain regula¬ 
tion of the plate voltage within plus or minus five volts 
from the normal value of 130, at all times. 

Consideration is being given to another possible 
improvement in the power arrangements for large 
repeater installations. This involves the proposal to 
use a storage battery common to all of the repeaters for 
supplying the grid potential. If it is found that this 
arrangement is practical, it will permit the elimination 
of the individual dry cell Mtteries whi^^ been 
employed, with a consequent saving in tiiaintenance 
which might be appreciable. It seems likely that a 
very small storage battery would serve for this puipose 
since the current drain is negligible. 

The amount of power required to operate the vacuum 


u 9 —Typical Storage Battery Room for Cable ;E^- 
PBATER Station 
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Pig. 10 —Typical Power Room for Cable Repeater. Station 


Test Board Equipment 

The “test board” forms an important part of the cable 
plant equipment, since it is the one point in the office 
where all of the lines and the equipment as a whole may 


the line conductors and the apparatus units are wired 
to “jacks” which are arranged to permit the transfer of 
the normal connections by the insertion of plugsvdredto 
flexible cords. A temporary connection made in this 
manner, through a conducting cord wired to two plugs, 
is called a “patch.” The apparatus for determining 
the location of line troubles is also located at the test 
board and is wired to cords and plugs so that it may be 
connected to any line in the office readily, upon the 
occurrence of line trouble, without .necessitating changes 
in soldered connections. 

The test boards used for the open-wire plant have 
been designed to take care of 40 to 80 line conductors in 
one position, that is, in a board three feet long. The 
amount of testing and patching work required on open- 
wire lines has been such as to make this a convenient 
number of circuits to handle within this space. In 
cable installations, however, the amount of testing and 



Tennlnatlng phantom group circuit arranged for open-line installations. Simplified diagram. 


>• i*,t«*>* 
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he reached readily for purposes of testing and re¬ 
routing, in cases of line trouble or changes in layout. 
The form and arrangement of the test board equipment 
consequently have an important bearing on the 
effectiveness with which the facilities are handled by 
the maintenance forces. This is particularly true in 
the cable plant where the number of circuits involved 
is large. 

In general, all toll line conductors are brought into 
a central office, from the outside, through a cable, and 
first appear at a rack called a “distributing frame” 
where they are soldered to exposed terminal lugs so that 
they may be reached for the purpose of connecting them 
tx) apparatus within the office. This arrangement is 
well suited to the permanent connections but is not 
intended to permit h^Quent changes or the ready 
removal Of the apparatus for line testing. 

Thenecessity for rearranging the connections between 
the apparatus and the lines in cases of line trouble make 
it desirable at times to be able to make such changes 
quickly, and the means which have been provided for 
this purpose are located at the “test board”. Here both 


patching per line conductor is less, while the number 
of circuits in such an office is much greater. Conse¬ 
quently, in cable offices it is possible to concentrate a 
larger number of wires within a given test board space. 
This is desirable from the standpoint of economy in 
space as well as from that of convenience in operation. 

One of the first steps considered in the development 
of efficient testboard equipment for cable installations 
has been the reduction of the number of jacks per 
circuit. In open-wire installations it has been the prac¬ 
tise to equip each line circuit and each equipment unit, 
such as a composite set or phantom coil, with a full 
complement of jacks suited to provide the maximum 
degree of flexibility in “patching”, thus permitting the 
ready interchanging of individual equipment units, 
lines and drop circuits. In cable installations, where 
the circuits are more likely to be uniformly equipped 
with the same t 3 ^es of associated apparatus and where 
the line troubles are less frequent, it is expected to be 
possible to eliminate certain of the jacks, such as those 
associated with the composite sets and phantom sets, 
thus simplifying the equipment for terminating the toll 
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lines. Fig. 11 shows the typical open-wire arrange¬ 
ment for a terminating phantom group circuit in which 
the maximum number of jacks is furnished. This 
requires a total of 48 jacks. Fig. 12 shows the arrange¬ 
ment of a terminating phantom group circuit as planned 
tor a cable installation. In this case a total of but 30 
jacks is required. 

Another important development expected in the 
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I'lG* 12 Toll Tehtinq Equipment 

installations. 

test board arrangements to suit them to cable use is the 
Rouping together of the jaelcs serving similar functions. 
Considerable improvement in operation is thought to 
be possible with the jacks having different functions 
located at different test board positions. In this way all 
of the line conductor jacks, for example, may be assem¬ 
bled together in consecutive order, and since several 
hundred of these may be involved in a single installation, 
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Pio. 13— Toll Testing Equipment 
T ypical ajwembly an-angemeht for Jacks at toll test board. 

^ should ^eatly facilitate the identification of the 
desired circuits by the attendant in the process of 
patc^ng and testing. This grouping of the jacks 
shoidd also effect a saving in testing equipment, since 
i will eliminate the need of the line testing apparatus, 
such as the Wheatstone bridge, at positions where the 
line conductors will not appear. 

Fig. 13 illustrates both the open-wire and th e pro- ■ 


posed cable methods of grouping the jacks. In the 
arrangement for open-wire circuits the jacks associated 
with both the lines and equipment are tenninated 
adjacent to each other in the same test board panel. 
In cable installations the jacks having similar functions 
are to be groqped together, the groups having different 
functions being mounted in different panels which may 
be located in different test board positions. These 
various ^oups, in the latter case, are planned as follows: 

dt testing position for testing and 

patching'^ toll lines only. This position to be used 
for locating faults in the cable circuits and equipped 
with a Wheatstone bridge and voltmeter, to pei’mit the 
necessary electrical measurements for this purpose. 
This position is also to be used for making temporary 
changes in the assignments between the lines and the 
equipment as a whole, but is not to be armuged to 
permit changes in individual equipment units, such as 
composite sets, phantom sets, etc., The jacks to be 
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Fig. 14 Typical Assbmuly of Flooh-Mountbd Test Boaiid. 

One Position 

located at this board are to include those designated as 
“line jacks” and “equipment jacks”, in Fig. 12. 

2. Secondary terminating line positions for testing 
and “patching” the lines between the “drop” side of the 
equipment and the toll switchboard circuit. This 
position is to be used for determining the general nature 
of a trouble and its general location, 2 .e., whether it is in 
the direction of the line or in the direction of the “drop”, 
and for clearing troubles not requiring line tests. This 
position is not to be equipped with Wheatstone bridge 
testing apparatus as at the primaiy board. The jacks 
to be located at this position are to include those design 
nated as ''secondary line jacks”, “drop jacks” an^’ 
‘■listening jacks”, in Fig. 12 ; 

3. Secondaiy telegraph line positions for testing ana 
“patching” the telegraph line circuits. This position fel 
to be used solely for interchanging telegraph lines ah(f 
telegraph equipment, in cases of temporary changes ih 
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assignment and is not to be equipped with line testing 
apparatus. This position will permit changes to be 
made in the telegraph assignments without interfering 
with the telephone circuits. The jacks to be located 
at this position are to include those designated in Fig. 
12 as “telegraph line jacks” and “telegraph drop jacks”. 

A further and more extensive improvement in test 
board design is anticipated as a result of development 



Pig. 15—^Typical Gbneeal Fig. 16—^Typical Assembly 
Assembly op Panel- op Keyshblp Equipment 
Mounted Test Boabd Unit fob Panel-Mounted 

Test Boaed 

work whereby it will be possible to employ panel 
mounted keyshelf equipment units, jacks and testing 
apparatus, which in the standard board are now housed 
in a large wooden section. This will have the advantage 
of uniformity with the other toll equipment, as well as 
requiring less space. It will also permit flexibility in 
the use and installation of the various combinations of 
keyshelf equipment, jack equipment and other testing 



Pig. 17—Typical Assembly op Jack Mountings poe PaNel- 
Mountbd Test Board 

appamtus which may be required to suit each case. 
\^ile this arran^^ will have its chief advantages 
when applied to large cable installations^ it will also 
be well suited to open-wire use and small installations, 
since its design will permit the highest degree of flexi¬ 
bility with respect to both the amount and type of 
equipment. 

These points may be illustrated by comparing the 


general features of the two types of boards. Fig. 14 
shows the assembly of a one-position section of the 
present type of board employing a wooden framework. 
This board, with the necessary allowances for aisle 
space, requires a floor area amounting to about 24 
square feet, while it houses a maximum of about lOOO 
jacks corresponding roughly to about 40 jacks pei* 
square foot. Fig. 15 shows a typical position employ¬ 
ing the proposed panel mounting method. Such a 
board will occupy a floor space of about 10 square feet 
and will take care of about 600 jacks, corresponding? 
roughly to a capacity of 60 jacks per square foot. 

This latter type of board is to be made up of a number 
of panel units which are to be assembled on two vertical 
supports. The principal types of units to be provided 
for the purpose are the keyshelf units, the jack mount¬ 
ing and the equipment panels which may be combined 
together as desired to give the necessary facilities. 

Fig. 16 shows a typical keyshelf unit designed for 
the panel type board. By constructing the keyshelf 
unit as a separate piece of apparatus, it is expected to 
be possible to standardize the necessary types of 
keyshelves to fit all ordinary field conditions and to 



Pig. 18—^Typical Assembly op App.\uatus Panel pou Panki.- 
Mounted Test Board 

specify the desired type of keyshelf to go with any 
particular arrangement or number of jacks. The 
number of keyshelf units of any given type may be a..s 
desired for each installation, thus the proportion be¬ 
tween the jacks and the keyshelf equipment may be 
suited to each type of office. 

Fig. 17 shows a typical arrangement of the jack equip¬ 
ment and the mountings which are to be employed for 
the jacks. This type of jack mounting will make it 
possible to mount the jacks on the same supports as 
the testing equipment. The mountings are to be 
attached to the supports by fasteners, each occupying a 
vertical space of 1^ inches and drilled to fit the usual 
drillings in the supports. This will permit the close 
association of the jacks with the desired testing appara¬ 
tus. It will also be possible, by this means, to use for 
the jacks only such of the available vertical space as 
may be desired, the remainder being used for other 
equipment, thereby effecting economy in the use of the 
space. This arrangement is thus expected to be advan¬ 
tageous both in large installations, where the various 
groups of jacks are desired to be arranged at separate 
primary and secondary positions, and in small installa- 
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Much of the sensitivity and selectivity which may be 
obtained with this signaling system are due to the design 
of the 135-cycle relay. As shown in Fig. 20, the relay 
is designed to make it capable of close and accurate 
adjustment. Both the magnetic air gap and the contact 
spacing may be adjusted, about 0.0015 inch or 0.038 
millimeter being used ordinarily for the latter. The 
relay is mechanically tuned, the natural period of the 
reed with its adjustable weight corresponding closely to 
the frequency of the signaling current. A stop pin is 
provided which prevents undue vibration of the reed 


The assembly arrangements proposed for all of the 
new signaling apparatus are such as will fit in closely 
with the panel mounting methods designed for the 
remainder of the toll equipment in cable installations. 
Fig. 21 shows the assembly proposed for the new com¬ 
posite ringer set. This method of mounting the 
composite ringer set is a very desirable one since it per¬ 
mits a complete composite ringer set to be manufactured 
as a unit and installed as such. 

Fig. 22 shows the manner in which a number of these 
composite ringer panels are planned to be mounted 
together with the associated testing equipment in a 
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Pig. 21 Typical Assembly op 135-Cycle Composite Ringer 

Set 

in the circuit or removed from it in the manner of a plug 
and jack, without requiring changes in the permanent 
wiring and without affecting the circuit operation, 
except to interrupt the signal-receiving system while the 
relay is removed. Thus it wiU be very convenient 
to make the neeessa^ adjustments of the relay Separate 
frona the qncuit with which it may be associated in 
semee.^ The relay will be well protected from mechani- 
ca^nterference, such as building vibration, by padding 
m the mountmg which prevents rigid mechanical con¬ 
nection between the relay and its external support. 


large installation. This close association of the com¬ 
posite ringers with the jacks and testing equipment is 
expected to be of considerable advantage in facilitating 
the maintenance of the apparatus. 

The need in cable systems of a particularly well- 
regulated source of 136-cycle signaling current, with 


Fig. 20—General Structure op 135-Cycle Relay 

due to transient impulses or excessive currents. Also, 
the relay circuit is electrically tuned by a shunt capacity 
and a series inductance and capacity. It is thus very 
selective and is relatively free from the ordinary sources 
of interference such as those caused by mechanical 
vibration, telegraph signals, switchhook impulses, 
voice currents, etc. The sensitivity of the relay is such 
that it will operate on as little power as 30 microwatts, 
corresponding to a current in the neighborhood of 0.25 
milliampere. 

This relay is to be mounted so that it may be inserted 
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Pig. 22 Typical Assembly op Group op Oompohite Ringer 

Sets 


sufficient capacity for a large number of lines, has made 
it desirable to undertake the development of both a 
sp^ial type of interrupter and a motor-generator for 
this purpose.^ Close frequency regulation is also very 
desirable in signaling over cable circuits, in view of the 
increased sensitivity in receiving which may be obtained 
by the use of very selective receiving apparatus. 

Fig. 23 shows the circuit arrangement of the inter¬ 
rupter which is expected to be provided for this purpose, 
ihis includes a vibrating reed actuated by an electro- 
ma^et when direct current is applied. The contacts 
on the reed being in series with the battery circuit, 
mtermittent: operation is secured in the manner of an 
ordm^ buzzer, the speed of operation for a given 
apphed voltage being determined by the natural period 
of the reed. Tbe actuating circuit of the vibrator also 
mcludes the primary side of a tran^ormer, the second- 
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assembled on vertical supports consisting of I-beams or 
channels which extend from the floor to the ceiling, 
rolling ladders being employed to reach the apparatus 
above when necessary. As has been shown in the pre¬ 
ceding views of individual equipment units, all of the 
adjustable apparatus is mounted on the front of each 
equipment panel and the material not requiring adjust¬ 
ment when in operation is mounted on the rear, since 
by this means the rear aisles can he made narrower than 
the front aisles. Thus, all available space is utilized to 



Pig. 28—General View Showing Typical Group op Equip¬ 
ment Units Employing Panel Mounting Methods 

the extent that the floor area required per equipment 
unit in a cable installation will be as small as the mainte¬ 
nance, manufacturing and installation requirements for 
the apparatus will permit. 

In view of the many different types of equipment 
units having a variety of special functions which are 
required to make up a complete cable installation, a 
high degree of uniformity in design is necessary to 
permit efficiency in their use. It is expected that this 
will be accomplished effectively by applying the panel 
assembly method in a uniform manner to practically 


all types of equipment units. All panels are to be of a 
uniform length, designed to mount on vertical supports 
spaced 19K inches between centers. The height of the 
different panels will vary, according to the amount of 
apparatus in each unit, but this vertical dimension is in 
all cases to be a whole multiple of 1 inches. By apply¬ 
ing these specifications widely, it will be possible to 
secure interchangeability between panels and to omifloy 
uniform methods in grouping the different units, thus 
facilitating their installation and use. 

The simplicity of the design of the equipment units 
comprising the various panels is also of great import¬ 
ance. This has necassitated careful attention to the 
forms of the individual pieces of apparatus, in order 
that these might fulfill their specific functions (‘lliciently 
while at the same time fitting in well witli t he general 
equipment an-angenients. To this end, new t.ypes of 
apparatus, such as repeating coils, retardation coils, 
etc., are being developed esj)e(*ially for cable use. 
Much will also be accomplished toward the simplifi¬ 
cation of the panels by carefully avoiding duidication 
in the accessories to the difierent lyi)es of e(iuipment 
and by dissociating from the individual units of all 
types any pieces of apparatus (;apabl(! of l>eing made 
common to a number of units, or subjetjt to different 
methods of application in different t ypes of oHices. 

Other important advantages arc? anticipated in the 
panel assembly method. One of t.he.se is lliat it. will 
permit the assembling togethei (Jii one panel of all of 
the pieces of appaiatus of different tyf)e.s which may be 
desired to form a distinct equipment unit:. In large 
installations, completely equipped racks including a 
number of equipment units with the associat.ed testing 
apparatus may be assembled in the factory on the 
supporting uprights and wired to t he terminals at the 
top of the rack, thus simplifying iJie installat ion work. 
The location of the testing apparatus on the .same rack 
with the equipment panels has the further advantage 
that it will place the apparatus to hi* adjusted within 
easy reach of the testJng facilities. Furt hermoi’e, the 
testing apparatus will serve for the maintenance of 
a greater number of equipment; units when all of the 
space between the floor and ceiling i.s utilizc<l, thus 
reducing the amount of testing equipment required. 
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The subcommittee also desires to again emphasize 
the necessity of further research and test to determine 
the possible effect or weight of other factors varying 
with the system involved, now the subject of research 
in other countries, such as for example, power factor 
and voltage reestablishment characteristics. It is 
hoped that early system tests will bring out any facts 
of importance in this connection, particularly if they 
be of a character which might influence the interrupting 
capacity ratings. 

The subcommittee would also draw attention to the 
valuable work of similar import done in connection 
with fuses by some of the operating companies. The 
data obtained are a valuable contribution to the general 
phenomena of electrical energy interruption. 

Subcommittee on Current-Limiting 

Reactors 

N. L. Pollard, Chairman 
Failures 

During the past year the Committee prepared and 
sent out a questionnaire requesting information on 
operating ^erience with current-limiting reactors. 
This questionnaire was sent to twenty-five of the larger 
operating companies using reactors. 

The answers were not received in time to permit 
tabulating the information, but in general they indi¬ 
cate fewer failures than in previous years. Practically 
all the failures reported were for reactors that had been 
installed for several years. The latest designs are much 
better mechanically and electrically and will un¬ 
doubtedly stand the strains that they will be subjected 
to in the rapidly growing systems of today. 

High-Voltage Reactors 

The manufacturers are prepared to build reactors for 
any voltage in operation today for the protection of 
high-voltage tie lines. Reactors of this type are con¬ 
structed like transformers without the iron core and are 
oil immersed in steel tanks. The highest voltage these 
have been built for to date is 66,000. 

Use op Shunting Resistors with Reactors 

One manufacturer reported further indications of the 
value of resistors shunting reactora having been ob¬ 
tained in recent tests made in disconnecting trans¬ 
formers from a large generating system. The tests, 
showed that a resistor shunting a reactor reduces the 
oyer-voltages which arise due to the inductive kick. 

Thermal CAPACiTr 

Operating companies are beginning to realize the 
importance of installing reactors having, a greater 
thermal capacity than formerly. This change in 
opinion has resulted from a number of causes: 

1. During the past few years there has been a num¬ 
ber of instances where short circuits have remained on 
systems for comparatively long periods of time and 


as a result it seemed very desirable to install reactors 
having a greater thermal capacity. 

2. The low price of copper and the high price of 
coal has made it economical to purchase reactors of 
lower losses than in the past. 

Unusual Installations 

During the past year there has been a number of 
unusual installations of reactors, as follows: 

One manufacturer reported receiving an order of 72- 
60-cycle, 96-kv-a., 478-volts, 200-ampere reactors for 
installing on a 27,600-volt system. This is the first 
system operating at as high voltage as 27,600 where such 
a large number of current-limiting reactors will be used. 
The same company received another order for 36 out¬ 
door feeder reactors rated at 60 cycles, 120 kv-a., 381 
volts, 214 amperes, to be installed outdoors on 22,000- 
volt circuits. 

Standard Specifications 

The subcommittee is continuing work on a standard 
specification which they hope to be able to complete 
before the end of the year. 

Papers 

A paper covering operating experience with different 
types of reactors was presented at the Spring Conven¬ 
tion in Pittsburgh. Several other papers that will 
deal with the design features of reactors are practically 
ready for presentation whenever the Meetings and 
Papers Comittee can arrange to use them. 

Subcommittee on Lightning Arresters 

F. L. Hunt, Chairman 

During the past year the Lightning Arrester Sub¬ 
committee has been active in discussion and further 
study of the classification of lightning arresters, and 
has made some progress toward the preparation of a 
specification for lightning arresters. This work has 
been greatly facilitated by the cooperation of two of 
the large manufacturing companies, both of which 
have built up in their testing laboratories equipment 
which may be called lightning generators, and which 
are useful in making comparative tests on the per¬ 
formance of various classes of lightning arresters. 

During the year the Committee visited the testing 
laboratory of the’Westinghouse Electric & Manufac¬ 
turing Company, at East Pittsburgh, where a demon¬ 
stration of their lightning generator was given, and 
comparative tests made on several different classes of 
arresters. The Committee has also visited the testing 
laboratory at the General Electric Company’s plant at 
Schenectady, where a very complete and instructive 
series of tests were made, bringing out the important 
featoes in the testing of lightning arresters and com¬ 
parisons between some of the important characteristics 
of different types of arresters. 

Defimte progress can be reported on the development 
of a technical definition and specification of lightning 
arresters, although the work is not sufficiently com- 
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pleted to warrant the presentation at this time of any 
final results. 

New types of arresters are being developed by some 
of the manufacturers as the result of experimental work 
which has been urged by this Committee, and as a 
result of the papers that have formerly been presented 
by this Committee. During the year the Committee 
arranged for a paper by Mr. A. L. Atherton on the 
development of the autovalve lightning arrester, 
which was read at the Midwinter Convention, and a 
paper by Mr. Malcolm MacLaren on lightning dis¬ 
turbances on distributed circuits, which was read at the 
Spring Convention at Pittsburgh. 

Subcommittee on Grounding of Systems 

E. C. Stone, Chairman 

This is the second year of the existence of the Sub¬ 
committee on Grounding of Systems. The subcom¬ 
mittee having been created by action of the general 
committee on October 14th, 1921. 

The principal activities of the subcommittee this 
year consisted in analyzing and editing the vast fund of 
information received in reply to the inquiry sent out 
last ye^ and in arranging the program for the sym¬ 
posium on Grounding of Systems which was a very 
important part of the Spring Convention of the Ameri¬ 
can Institute of Electrical Engineers held in Pittsburgh, 
April 24-27,1923. 

The data compiled from the inquiry above referred 
to included extensive information on thirty six of the 
principal operating companies in the United States 
with a total generating capacity of 6,371,860 kv-a. and 
a total transmission line mileage of 31,408 miles. 

This report has now been printed and was pre¬ 
sented at the 1923 Spring Convention as the first 
technical report of this subcommittee under the title 
“Present Day Practises in Grounding of Transmission 
Systems.’* This report was in two sections; the first 
section covering Systems Transmitting at Generated 
Voltage, being prepared by Mr. W. W. Woodruff of 
The Philadelphia Electric Company and the second 
section covering Systems Transmitting at Higher 
Than Generated Voltage by the Chairman of the 
Subcommittee. 

As an added special assignment, data were also 
presented on the protection of underground cables 
operating at over 30,000 volts. 

With the cooperation of the Chairman and members 
of the Protective Devices Committee, the Chairman of 
the Subcommittee was fortunate in obtaining, for the 
Spring Convention, a group of very interesting and 
valuable papers, summarizing the present state of the 
art as regards Grounding of Transmission Systems. 
These papers included the following: 

General Considerations in Grounding the Neutral 
of Power Systems, by H. H, Dewey. 

The Neutral Grounding Reactor by W. W. Lewis, 


Operating Performance of a Petersen Earth Coil, 
by J. M. Oliver. 

Third Class Conductors and Mechanism of Arcing 
Ground, by C. P. Steinmetz. 

Voltages Induced by Arcing Grounds, by J. Slepian 
and J. P. Peters. 

All of these papers were presented at the 1923 Spring 
Convention in conjunction with the Technical Report 
of this subcommittee and were actively discussed. 

Acting under instructions given by the General 
Committee at the meeting held in Chicago, September 
22 nd, 1922, the Subcommittee this year sent out three 
inquiries on the following subjects: 

Simultaneous Cable Failures 
Protection of High-Voltage Cables 
Trouble Report Forms 

Copies of these inquiries are appended. 

• A considerable number of very interesting and 
complete reports have been received in reply to these 
inquiries, especially covering the subject of Simul¬ 
taneous Cable Failures. There is still a number of 
important companies to be heard from however, and 
the subcommittee expects, during the summer, to 
obtain additional data from these companies. 

It is hoped to submit an analysis and report of all 
data received in reply to these inquiries at the Fall 
meeting of the Protective Devices Committee. 

Recommendation 

The investigations of the subconamittee have de¬ 
veloped the fact that: 

There is still wide divergence of opinion as to the 
proper manner in which to ground a given trans¬ 
mission system; 

That systems of different characteristics require 
different treatment; and 

That special problems arise from time to time in 
connection with the operation of the grounded and 
ungrounded systems. 

It is therefore our recommendation that the Sub¬ 
committee on Grounding of Systems be continued next 
year with instructions to follow the general situation 
as to practise in grounding of transmission systems and 
to make such special investigations along similar lines 
as the General Committee may see fit to assign to it. 

Appendix—Requests for Information 
Simultaneom Cable Failures 

The last general meeting of the Committee brought 
out the fact that a number of companies were suffering 
from several cables failing simultaneously at widely 
separated points. 

This subject was assigned to the Grounding of 
Systems Committee. Accordin^y the following in¬ 
formation is requested: 

1 . System characteristic 
. (a) Voltage 
(b) Frequency 
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(c) Type of system—3-phase 3-wire, 3-phase, 
4-wire or what. 

2. Is neutral grounded or ungrounded? 

3. If neutral is grounded please give electrical 
characteristic of ground, such as dead ground, ohms, 
resistance, or reactance, etc. 

4. How many miles of cable are in operation at this 
voltage? 

5. Please give number of cases by years where two 
or more cables have failed simultaneously or closely in 
succession. For each case, please furnish year in which 
failure occurred, number of cables failing, type of 
failure as to groimd or short, location of failures with 
reference to each other and to the system, cause and 
any other pertinent descriptive matter. 

Please furnish a brief description for systems at 
each voltage at which you operate. 

Protection of High-Voltage Cables 

The protection of high-voltage cables having been 
assigned to the Subcommittee on Grounding of Sys¬ 
tems, the following information pertaining to same is 
requested: 

1. Please indicate number of miles of cable operated 
at each voltage which you use above 20,000. 

2. For each voltage, please furnish the following 
information: 

(a) How many conductors in one sheath. 

(b) Are step-up and step-down transformers 

provided for each individual run of cable 
or are a number of cables operated from a 
common bus? 

(c) Is the neutral grounded or ungrounded? 

(d) If grounded, is resistance, reactor, or dead 

ground used? If former, how many 
ohms? 

(e) Is switching performed on these cables by 

automatic circuit breakers at the cable 
voltage, or are the breakers installed on 
the low-voltage side of the step-up and 
step-down transformers? 

(f) If lightning arresters are used, please give 

type, location and other pertinent data. 

(g) What other protective devices if any are 

used? 

Trouble Report Forms 

Please furnish if possible copies of all report forms 
used by your company in reporting and recording 
system troubles. 

Subcommittee on Relays 
E. A. Hester, 

Duxing this year the activities of the Relay Sub¬ 
committee have been centered in the preparation of 
the Relay Handbook, which is being compiled jointly 
by this subcommittee and the Relay Subcommittee 
of the N. E. L. A. Electrical Apparati^ Committee, 


It is estimated that at the present time the work on this 
handbook is something more than fifty per cent com¬ 
plete and it is hoped that it will be published some time 
before the end of the present calendai' year. Leaflets 
have been prepared giving complete table of contents, 
purpose, physical description, and price of the hand¬ 
book, together with a list of the contributors. The 
United States and Canada and some other foreign 
countries have been divided into districts and represen¬ 
tatives appointed to handle the sales and distribution 
of the handbook in each district. 

In order to finance the publication of this handbook 
by the National Electric Light Association, it is neces¬ 
sary that a certain minimum number of advance orders 
be obtained. An active sales campaign is now being 
carried on and more than a sufficient number of advance 
orders are in prospect to insure its publication. 

This handbook will contain in convenient fonn the 
work of the various relay committees of the two socie¬ 
ties for the past few years. All the relays and relay 
schemes which have been approved of merit by actual 
experience are fully described. All of the accompany¬ 
ing details of relay application are given in such a 
manner as to present the subject from every angle, 
thus obviating the necessity of referring to other publi¬ 
cations and searching among widely scattered reports 
for desired data. It will represent the combined 
experience of the most progressive relay engineei-s in 
the country and will compare with the best electrical 
and mechanical handbooks of recent issue. 

This relay handbook will be taken as a basis for all 
future committee work and the annual reports of the 
relay committees will be in the nature of additions to 
or revisions, of the material contained therein. Re¬ 
issues of the handbook will be printed as often as war¬ 
ranted by the demand. 

Three important relay papers have been presented 
under the auspices of this subcommittee during the year. 
The firet of these was a complete description of the pro¬ 
tective scheme used on the high-tension transmission 
ring of the Duquesne Light Company around the city 
of Pittsburgh, together with a description of the 
actual service tests made in the field to determine its 
effectiveness. The second was a paper describing a 
means of obtaining the advantages of a grounded system 
on a delta-connected transmission and distribution 
system where a ground could not be conveniently 
obtained. The third was a description of a new relay 
which has recently been developed to a commercial 
stage. This relay takes advantage of the voltage drop 
between the point of short circuit and the point of 
application and is, therefore, automatic in its selection 
of faulty sections of line and does not require elaborate 
calculations for purposes of making settings. 

It is felt that all three of these papers have added 
distinctly to the data made available through the 
work of the Protective Devices Committee. 
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four years of review of the many historical articles and 
books written on the subject, the Committee has com¬ 
pleted a fifty page chronology of the electrical applica¬ 
tions in the marine field from the beginning up to the 
present time. The report deals with electricity on 
merchant and naval vessels, domestic and foreign, 
treats of the many changes through which the art has 
passed and makes reference to the more important 
papers previously published. Your Committee con¬ 
siders the report a valuable asset and it is the hope that 
some means may be provided for publishing same. The 
committee’s work in the future will consist of keeping 
the report up to date. 

Radio, Subcommittee (E), this committee has had 
little to do this year and it is probable it will be dis¬ 
continued in the near future as the Radio Committee 
of the Institute may take over all radio work. 

Wires and Cables, Subcommittee (F), the work of 
this committee has been in collecting data on the wire 
and cable now in use with a view to making such modi¬ 
fications as appear warranted. 

License and Education of Engineers, Subcommittee 
(G), as predicted in last year’s report, the duties of this 
committee have been most arduous as it has encoun¬ 
tered obstinate opposition where it expected assistance. 
The reason for this condition is that those in authority 
least of all of those concerned fail to realize the necessity 
for some action and this attitude is no doubt due to 
lack of knowledge of those in authority of the nature 
and extent of electrical apparatus being installed on 
ships today and for the past five years. Your Com¬ 
mittee has had considerable correspondence with the 
Board of Supervising Inspectors, Steamboat Inspec¬ 
tion Service and one personal interview with the 
Board. The results are not what was expected or 
what they should be. In order to give the matter a 
public hearing a paper entitled, “The Electrical Engi¬ 
neer on Shipboard,” was read by your Chairman before 
the New York Section of the American Institute Elec¬ 
trical Engineers, November 1922; the meeting was well 
attended, discussions numerous and interesting and 
emphasized in detail perhaps more than the paper the 
abuse to which electrical plants on shipboard are sub¬ 
jected today. 

Your Committee plans to have a somewhat similar 
paper presented at one of the sessions of the annual 
meeting of the Naval Architects and Marine Engi¬ 
neers in November this year, Mr. A. E. Waller De¬ 
signing Engineer of the Ward Leonard Company, 
Chairman of this Committee, is deserving of great 
credit for the persistance and methodical manner in 
which tins subject has been kept before the authorities 
and in the public press and the Committee feels quite 
confident that the desired results will be realized during 
the coming year. 

Publicity, Subconimittee (H), recently appointed, 
has prepared several news items of interest in connection 
with marine electrical work and more will follow. 


Interior Communication, Subcommittee (I), speci¬ 
fications for Telephones, Revolution Indicators and 
Electrical Thermometers have been prepared by the 
subcommittee, approved by the Marine Committee 
and are about to be forwarded to the Sectional Com¬ 
mittee of the American Engineering Standards Com¬ 
mittee. 

Editing, Subcommittee (J), has completed all work 
accepted by the Marine Committee. 

The Committee as a unit has worked harmoniously 
and the entire membership is to be congratulated for 
the attendance and enthusiasm. The coming year will 
require considerable effort on the part of the Subcom¬ 
mittee for License and Education of Engineers and also 
no doubt will be called upon to support the Sectional 
Committee of American Engineering Standards Com¬ 
mittee to consummate its purposes. The question of 
varnished cambric and telephone cable and specifica¬ 
tions for tank gages should receive the attention of 
next year’s Committee. 

G. A. Pierce, Chairman. 


REPORT OF THE INDUSTRIAL AND 
DOMESTIC POWER COMMITTEE 

To the Board of Directors: 

The work of this committee of the Institute is rather 
difficult to carry on because it covers such a wide field 
of electric power application. In many cases the 
electric drive is noteworthy from the aspect of the 
mechanical design of the drive and because of the very 
ingenious system of control which is used. Only in 
comparably few cases do these applications represent 
any marked departure in apparatus design or power 
consumption. The elements that interest the central 
station man, such as efficiency, power factor and ap¬ 
paratus design, are often lacking. Applications of this 
kind have their greatest economical interest, not in the 
power saved, but in the increased output of the opera¬ 
tors. In other words, the interest in many cases is one 
of general economy, rather than that of purely engi¬ 
neering proclivity. 

We are ever striving to appropriate for personal use 
more and more of this world's goods. At the same time 
we are striving to reduce our hours of productive labor 
in order, as we claim, that we may have more time for 
leisure and intellectual cultivation. At any one time 
the goods which can be obtained are directly proportional 
to the number of persons participating in the distri¬ 
bution. An increase in wages does not affect this 
distribution as a whole, but an unbalanced wage scale 
may cause an unequal distribution of goods giving cer¬ 
tain classes of persons more than their share and 
operating as a hardship to other classes. 

The great problem which leaders of industry are 
facing today is increased production per person in order 
that more goods may be produced with less hours, of 
productive labor per person. This output has been 
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very greatly increased during the last twenty-five years 
by the substitution of the electric drive for the steam 
engine drive. The advantage of the electric drive is 
not so much one of economy in power consumption as 
of increased flexibility. Improvements in the electric 
motor have made many of these applications possible 
and also have materially reduced the personal hazard 
to the operator. By far the largest factor contributing 
to the success of the electric drive has been the im¬ 
provement in control apparatus. The electric motor 
is restricted in its range of characteristics. The addi¬ 
tional functions required for a particular drive must be 
supplied by the control equipment. 

In viewing this situation broadly, we must not over¬ 
look the contribution made by the mechanical engineer 
in developing new and improved methods of drive and 
his able cooperation with the electrical engineer in 
adapting the electric drive to special machinery. In 
many cases the machine itself has been re-designed in 
order to take full advantage of the electric motor and 
the automatic features of its control. 

In order to be of interest to the Institute membership 
as a whole, this committee should arrange for presenta¬ 
tions illustrating the broad, tendencies now existing, 
and also the lines along which development is taking 
place, describing the particular application selected for 
purposes of illustration. 

This work can perhaps best be carried on by co¬ 
operating with Institute sections to arrange programs 
on industrial application subjects in addition to papers 
presented at Institute meetings. Many of the typical 
applications are of considerable local interest; for 
example, the textile industry in New England and the 
south, the lumber industry on the Pacific coast, the 
automobile industry in and about Detroit, etc. By this 
cooperation, it may be possible to hold several meetings 
on the subjects of this committee during the year and 
present material which will be not only of interest to 
the particular industry selected, but which will also 
illustrate in a broader way the trend of power applica¬ 
tions. 

Electric power can be broadly divided into two 
classes: (a) its generation and distribution, and (b) its 
utilization. All power generated must be sold at an 
average net profit, otherwise the industry would not 
exist. The companies are vitally interested in the 
utilization of their output and many papers have been 
written describing the load factor, power factor and 
other general matters of interest. In the main, how¬ 
ever, the engineers of these companies have devoted 
their energy toward solving the immediate problems 
connected with the generation and distribution of this 
power. It is only recently that they have realized the 
advantages and economies of the electric drive for the 
auxiliary equipment in their power plants. The li^ge 
per cent of connected load is made up of constant speed, 
squirrel-cage induction motors which are usually started 
and stopped by manual control. Both the motor and 


its controller are so far standardized that they can be 
obtained as a stock article from all manufacturers of 
this apparatus. The application of these motors con¬ 
sists largely in determining the size of the motor 
necessary and devising the mechanical means for 
connecting the motor to the load. This work can 
usudly be done by one of the power company’s sales¬ 
men without the assistance of an expert. The more 
difficult applications represent a relatively small per 
cent of the connected load, but they are very important 
because in many cases they determine whether central 
station power can be economically used in a particular 
industry. In addition to these special problems, a 
study of production in an industry often shows that a 
machine that was previously driven at constant speed 
from the line shaft, and later on was connected to its 
own constant speed induction motor, can be improved 
and the output of its operator materially increased by 
adapting it to a motor and control which can quickly 
start and stop the machine, and, perhaps, operate it at 
different speeds. 

Power Factor 

This is of great importance to the distributing com¬ 
panies. Careful investigations of the design of the 
induction motor indicates that very little improvement 
can be made in the power factor of this machine, but 
considerable may be done by more carefully applying 
the motor to operate closer to its normal load. The 
power factor can be improved mainly by means of 
additional devices such as static condensers, phase 
advancers or synchronous condensers. Many applica¬ 
tions permit the use of s 3 mchronous motors which also 
can ,be nsed for power factor correction. Care should 
be taken in recommending the use of synchronous 
motors as it is only in relatively large sizes, in proportion 
to the rest of the load, that power factor correction can 
be economically obtained in this way. Where there are 
a large number of relatively small motors, 50 h. p. or 
less, it will often prove more economical, both as to first 
cost and to operation, to use induction motors and 
provide one synchronous condenser for the whole 
installation. 

Magnet Clutches 

The application of the synchronous motor has been 
materially widened by the use of the magnetic clutch 
which permits the motor* to accelerate under no load 
and then gradually connect the load to the motor after 
synchronous speed is reached. Recently in flour mill 
electrification this factor h^ been taken advantage of. 
The group drive in this class of work necessitating fairly 
large horse power motors, also in cement mills where 
individual drive of large horse power is required. In 
rubber mill line drive the use of the clutch permits the 
use of synchronous motors and ah additional advantage 
has been gained for quick stopping as the load can be; 
disconnected from the motor very quickly and the 
brake which becomes a part of the clutch in such drives 
can be used for the quick stopping of the mills. 
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The Synchronous Motor 


Paper Machine 


Tlie design of the synchronous motor has been 
impiw'ed so that considerable starting torque can be 
obtained and the motor can be directly coupled to the 
load in man}’- cases without the use of clutches. This 
is particularly true where the starting torque is less than 
full-load torque. It has also be found that a syn¬ 
chronous motor can be quickly stopped by over¬ 
exciting the field and skort-cii’cuiting the primary 
v\indings through a resistance. These improvements 
in the design of the motor have enabled engineers to 
extend its range of application. Where synchronous 
motors are applied, automatic control is more satisfac¬ 
tory and is being generally used. 

Squirrel-Cage Induction Motors 

The design of these motors has not been materially 
changed for a number of years, but improved forms of 
automatic starting devices are being placed on the 
market in increasing numbers and the tendency seems 
to be towai’d the “push button method” of starting for 
many applications. 

Remote control is desirable for all types of motors and 
for most applications. It does not depend on the judg¬ 
ment of the operator and it is much safer respecting 
the personal hazard aspect because it removes the 
switching means from the immediate locality of the 
operator. In many cases it is more economical than 
manual starting; it permits the starting means to be 
located near the motor and reduces wiring expense. It 
is often more convenient, as it enables the motor to be 
started and stopped from several places. Push buttons 
can be located wherever most convenient to the work. 

If the application involves a peraonal hazard it is very 
desii able to have ready means of stopping the machine 
from all positions of the operator. All of these con¬ 
siderations are tending to increase the number of auto¬ 
matic starters in proportion to the total number of 
starters used. 


The sectional drive for paper machine has come to 
the front in the last few years. The improvements 
which have been completed during the past year indi¬ 
cate that it is not only practical, but very desirable to 
operate paper machines by individual motors applied to 
each section. This has proven a difficult problem and 
has been worked on at various times by engineers 
during a considerable period of time. Its successful 
solution is a distinct advance in the application of the 
electric drive for industrial use. 

Power Station Auxiliaries 
The electric drive has practically superseded the 
small steam turbine for the operation of power house 
auxiliaries. The attempt is being made to use a-c. 
motors for all applications on account of the greater 
convenience in securing a-c. power and the greater 
reliability of this source of power as it can be obtained 
from static transformers rather than rotating machin¬ 
ery. Considerable success has attended the use of a-c. 
motors and some stations are being entirely equipped 
with this form of auxiliary drive. The electrical 
characteristics of d-c. motors for certain applications 
are so much better that they are in general the ones 
that are used for these particular applications, and 
where a power station has a reliable source of d-c. 

power it is an advantage to operate these auxiliaries 
with d-c. motors. 

Oil Well Applications 

The electric drive has superseded the gas and steam 
engine for oil well pumping, and also the steam engine 
for oil well drilling on many large properties. The 
pumping equipment has been universally satisfactory 
and much more effective than the gas engine. Experi¬ 
ments are still being conducted on the electric drive for 
dnllmg purposes. 


Voltage Control 

This method of controlling a direct-current motor has 
come rapidly to the front in the last year or two. It 
consists in providing an individual generator for each 
motor, the motor being controlled by changing the value 
and «ljection of the generator field. This system was 

affn I^eonard about 25 years 

fwas retarded by certaffi in¬ 
herent difliculties expenenced in its application. It is 
the scheme which is recommended for mine hoists where 
large d-c. motors are used, and it is also the r^ognS 

which are very similar to elevate ^ 
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■ The electac drive has been used as a source of power 
tor nte of the operations connected with the lumber 
industry, p^cularly for aU those operations in and 
about a miU. More recently the electric motor has 
^ successfully applied to logging donkeys and experi- 
mente are being continued which engineers believe wiU 

i^ult in a furtter substitution of the electric motor for 
the steam engine. 

Wood Working Machinery 

Many of the operations in wood working are most 

adiusSd I at a high speed. Recently an 

adjustable frequency system of control has been used 

some a^. mduction motors being coupled toTiS 

frequencies can be 
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is working on it. Also, low-voltage protection which 
prevents the accidental starting of the machine after 
failure of power. 

Conclusion 

Our committee hopes that section meetings can be 
arranged for the discussion of electric application to the 
industries and that we can work out a plan of coopera¬ 
tion with the local sections to further this work. W^e 
shall welcome any suggestions from members calling 
our attention to subjects of importance or any other 

matters connected with our committee work. 

- H. D. James, Chairimn. 


REPORT OF THE INSTRUMENTS AND 
MEASUREMENTS COMMITTEE 

To the Board of Directors: 

The Instruments and Measurenients Committee 
submits the following annual report, giving briefly a 
summary of its activities during the past year, together 
with jnention of the progress and developments of the 
electrical art included in the field of this Committee. 

At the Midwinter Convention, held at New York, a 
session on Friday afternoon, February 17th, was as¬ 
signed to this Committee. A most interesting and 
valuable group of papers was provided and presented. 
The discussion was very active and was limited only 
by the time available. The papers were as follows: 

Application and Limitation of Thermocouples for 
Measuring Temperature, by I. B. Smith, Leeds & North- 
nip Co., Philadelphia, Pa. 

The increasing use of thermocouples in electrical 
measurements makes this paper most timely. The 
applications and limitations are clearly set forth. 

Mea^rement of Power in Polyphase Circuits, by C. 
Fortescue, Westinghouse Elec. & Mfg. Co., East 
Pittsburgh, Pa. 

The author believes the present method of measuring 
power in polyphase circuits is not an equitable one and 
suggests a better. 

VoU-Ampere Meters, by R. C. Fryer, Union Gas & 
Elec. Co., Cincinnati, 0. 

There is a decided tendency to change rate systems 
from kilowatt demand primary charge to a kilovolt¬ 
ampere basis. The author describes the various 
methods available for measuring kilovolt-amperes. 
This is the flbrst paper on this subject presented before 
the Institute. 

Expansion of Osdllography hy Portable Instrument, 
by J. W; Legg, Westinghouse Elec. & Mfg. Co., East 
Pittsburgh, Pa. 

Latest developments have made the oscillograph 
a really portable device and it is now coming into its 
own as an instrument for assisting the operating man in 
solving many heretofore unknown problems. Mr. Legg 
had one of the devices at the meeting and after the 
session adjourned spent considerable time in demon¬ 
strating it to the members. 


Measurement of Transients, by F. E. Terman, Leland- 
Stanford University. 

The subject of transients is always an interesting one. 
The author presents one method of obtaining informa¬ 
tion on this subject. 

Balance Methods in A-C. Measurement, by P. A. 
Borden, Hydro-Electric Power Commission, Toronto, 
Ontario. 

The author describes a method of obtaining more 
accurate measurements of alternating-current quan¬ 
tities. 

' At the annual convention in June, the Committee has 
prepared and there will be presented one paper as 
follows: 

The Sta.ndardization of Electrical Measuring Instru¬ 
ments, by H. B. Brooks, Bureau of Standards, Washing¬ 
ton, D. C. 

Your Committee in previous reports has mentioned 
some preliminary investigations made on the subject 
of Instrument Standardization, but it was not until this 
year that it was decided to go ahead with the actual 
work of preparing what is hoped will develop into an 
American Standard. A Subcommittee, consisting of 
Messrs. H. B. Brooks, Chairman, F. P. Cox, Paul 
MacGahan and G. L. Crosby, was appointed and has 
held several meetings. The first portion of this work 
has been completed this year and is presented in Mr. 
Brooks’ paper. It deals with definitions, terminology, 
etc. The Committee plans to continue this work and 
to issue from time to time additional sections until we 
have a complete American Standard. In its work the 
Committee has studied the English, French and German 
specifications. In order to bring the first part of the 
specifications more definitely before the members, the 
Committee has arranged for a paper to be presented in 
June, as mentioned above. It is hoped that this paper 
will receive the closest attention and that the discussion 
on this part of the report will lead to a satsifactory 
agreement among the members. 

Developments 

The developments during the past year in watthour 
meters has been chiefly in that portion dealing with 
demand measurements for alternating-current meters. 
Three of the manufacturers—General Electric, Sangamo 
and Westinghouse—^have placed on the market a 
register which may be applied to a standard watthour 
meter and which will give the integrated kilowatt 
demand in any specified time interval in addition to the 
usual kilowatt hours. This development has simplified 
demand measurements in the alternating-current sys¬ 
tems. 

The Warren synchronous motor (General Electric 
Company) has been mentioned in the 1919 and 1920 
reports. The Committee can now add that two 
other manufacturers (Sangamo and Westinghouse) 
have brought out synchronous motors. The tendency 
of the art, therefore, seems to be to get away from spring- 
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driven clocks for the measurement of time in various 
electrical measuring devices and use instead a syn¬ 
chronous motor. It is expected that the future will 
see continued developments along these lines. 

Meters for the measurement of volt-amperes are 
appearing on the market and have been described in 
Mr. Fryer's paper, presented at the Midwinter Con¬ 
vention. Your Committee anticipates that the next 
few years will see continued development along these 
lines. 

In the instrument field for commercial service, the 
chief tendency shown in the past year has been toward 
the more general use of smaller instruments. This has 
been brought about largely by the necessity to conserve 
space on large switchboards. This demand is being met 
by practically all of the manufacturers of instruments. 

In the 1921 report, a method of testing current trans¬ 
formers developed by Dr. Silsbee of the United States 
Bureau of Standards is mentioned. This is being 
offered to the trade by the Leeds & Northrup Company, 
Philadelphia, Pa. The Committee has been advised 
that this year another transformer testing device has 
been placed on the market by the Esterline-Angus 
Company of Indianapolis. 

Several other devices for Laboratory use have been 
reported to your Committee but these are more in the 
nature of improvements to existing apparatus and, 
thei'efore, have not been described in detail. 

In order that the activities abroad in the instrument 
field may be brought before our members in con¬ 
venient form, the Committee this year arranged to 
review and abstract articles appearing in the foreign 
technical press. This important work has been under 
the direction of Mr. Ivring B. Smith, committee of one, 
and his report which has been approved by the Main 
Committee is attached. It is suggested that future 
Committees continue this work, so that this part of the 
annual report will constitute in time a valuable his¬ 
torical record of the work in foreign fields. 

Subcommittee on Instrument Develop¬ 
ment in Europe During the Past Year 
Irving B. Smith 

Current AND Voltage Measurement 

Moling Iron Instruments. A comprehensive dis¬ 
cussion of the various types of moving iron ammeters, 
voltmeters, frequency meters, ohm meters, capacity 
meters and wattmeters. There is considered the 
relative perfonnance of the different types on direct 
and on alternating cun^ent, the compensation for 
hysteresis, for frequency variation, temperature varia^ 
tion, influence of external magnetic fields and form of 
scales. 

Dutilh {Soe. Franc. Elect. Bull. 1 pp. 387-409, Nov., 
1921). 

New High-Pressure Voltmeter. A gold leaf electro¬ 
scope arranged to indicate voltage. The leaf is en¬ 


closed in and electrically connected to a metal case 
supported by- an insulator. A beam of light permits 
measuring the deflection of the leaf. An earthed plate 
is placed at a greater or less distance according to the 
voltage to be measured, and acts on the leaf through 
an adjustable window. The law relating to the angu¬ 
lar deflection (X) of the leaf to the potential (Y) was 
found tp be of the form Y — a -{■ b x -{■ c. The 
theory of the apparatus is given. Its chief advantages 
are ease of operation and safety in use. 

L. Amaduzzi (Elettrotecnica 9. pp. 52-56, Jan. 25, 
1922). 

Shunted Dynamometer Ammeters. This paper de¬ 
scribes a dynamometer ammeter, suitable for a-c. or 
d-c., reading up to 300 amperes, made by the firm of 
Carpentier, the instrument possessing several novel 
features. The fixed coil and the moving coil aie put 
in parallel across a shunt which carries the main 
current and has a potential drop up to 0,5 volt, the 
circuits of the two coils having time-constants of about 
the same order. In order to increase the couple in 
ammeters intended for less precise work, the coils may 
contain a laminated iron core. Each coil is in series 
with a suitable manganin resistance, and in order to 
reduce the temperature coefficient of the instrument 
a nickel shunt is connected in parallel with the moving 
coil and a portion of its manganin series resistance. 
The instrument is found to be very effectively compen¬ 
sated for changes of temperature, and frequency errors 
are negligible. To render the ammeter unaffected by 
external magnetic fields when used to measure direct 
currents, it is enclosed in a sheet-iron case. The cur¬ 
rent range is varied by changing the shunt. A descrip¬ 
tion is also given of dynamometer testing sets arranged 
to measure voltages and currents on alternating 
current with a precision comparable with that obtained 
with moving-coil insiruments on direct current. A 
universal dynamometer to measure voltage, current 
and power is also described. The paper is illustrated 
by photographs of the instruments, and diagrams of 
connections are given. 

L. Joly {Soc. Franc. EZeci., Bull. 2 pp. 291-301, 
June, 1922). . 

Modification of CamfibelVs Arrangement for Measur¬ 
ing Currents of Telephonic Frequency. For measuring 
currents of telephonic frequency, the simplest arrange¬ 
ment is that devised by A. Campbell. This arrange¬ 
ment is, however, not suitable for measuring lower 
frequencies in most cases. It is shown how the origi¬ 
nal arrangement can be modified so as to be suitable 
for the measurement of frequency oyer a wide range. 
The generalized frequency bridge is thus obtained and 
its principle explained. Some special cases of this 
generalized bridge are found very simple and satis¬ 
factory for the purpose. 

S. Chiba (Inst. El. Eng. Japan, J. No. 405, pp. 294- 
300, April, 1922). 
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Capacity Measurement 

Valve Method for Determining Capacity. A small 
transmitting valve or a receiving valve has its grid 
and filament connected together. The filament cur¬ 
rent is measured by an ammeter in circuit. The com 
denser, whose capacity is to be determined is included 
in the anode circuit, and a static voltmeter (a Wulf 
quadrant electrometer) is joined in parallel with it. 
A sensitive mirror galvanometer serves to measure the 
anode current. An anode voltage sufficient to give 
the saturation current in the valve is used; this volt¬ 
age depends on the filament current; in the experi¬ 
ments here described anode voltages of 800 volts were 
used, the saturation voltage being about 30 to 50 volts. 

The condenser is first short-circuited. On removing 
the short-circuiting connection the condenser ac¬ 
cumulates a charge proportional to the time. T.he 
charging current will remain constant so long as the 
difference between the anode potential and the back 
e. m. f. of the condenser exceeds the saturation voltage. 
Measurement of the time t required for the anode cur¬ 
rent la to charge the condenser (of capacity C) to the 
measured potential V, allows C to be determined at 
once from the relation C = la t/V. The method can 
be used for widely different capacities. In the experi¬ 
ments here described the capacities varied from 0.01 
to 1.0 microfarad. 

Karolus and (Prince) Reuss. (Phys. Zeits. 22, pp. 
362-363, June 15, 1921). 

Development of Maxwell's Capacity Bridge. It is 
shown that in a general network of electric conductors, 
in which there is a galvanometer, together with one or 
more sources of e. m. f. and a condenser having one 
set of plates permanently connected to a junction, 
while the other set is alternately connected n times 
per sec. to one or other of a pair of junctions, when the 
variables are adjusted so that there is no galvanometer 
deflection, the permanently-connected plates of the 
condenser may be connected to any point in the net¬ 
work without disturbing the zero galvanometer de¬ 
flection. The theorem is extended to include induct¬ 
ances in the network, .and is illustrated by its applica¬ 
tion to Maxwell’s bridge method for determining the 
capacity of a condenser in electromagnetic units. 

V. A. Bailey {Phil. Mag. 43, pp. 1107-1112, June, 
1922). 

Carbon Dioxide Measurement 

Carhon-Dioxide Meter. A small motor pumps the 
flue gas into a me^uring chamber and rotates it rap¬ 
idly. Within the chamber a measuring wheel is taken 
along by friction. At the same time air is pumped into 
an identical chamber rotating a similar wheel in the 
opposite direction. The difference in the two torques 
can be cdibrated in terms of C Ga. 

W. Waldhansen, A. E. G. Mitteilungen, Aug., 1922. 

Carbon-Dioxide Recorder, Two platinum spirals in 

two separate cells form 2 arms of a Wheatstone’s 


Bridge. One cell saturated air. Galvanometer of 
moving coil type. Can be secured either as a recorder 
or an indicator. 

Cambridge & Paul Instrument Co., London, Eng., 
Nov. 10, 1922. 

Dielectric Constant Measurement 

Valve Method of Finding Dielectric Coefficient of a 
Liquid. Two oscillatory circuits are loosely coupled 
and their tuning is adjusted until suitable beats are 
obtained in the anode circuit of one of them. Th^e 
beats are detected by utilizing condenses,, a potentio¬ 
meter, and an aperiodic galvanometer suitably con¬ 
nected. By altering the dielectric of the condenser 
across the oscillatory circuit the heat rate changes. 
The known condenser variation required to restore the 
original heat rate enables the dielectric coefficient to be 
computed. 

R. Whiddington {Cambridge Phil. Soc. Proc., 20, pp. 
445446, Nov., 1921). 

Flow Measurement 

Recording Flow Meter. A device of H. Tinsley & Co. 
for recording electrically and at a distance, the rate of 
flow of water over a weir. Also arranged to integrate 
the total flow. The method depends upon the depth 
of immersion of electrodes placed in the water above the 
weir. The higher the water level the deeper the im¬ 
mersion, and the less the electrical resistance. By 
specially shaping the one electrode the conductivity 
may be made a measure of the flow of water. A 
second similar set of electrodes with constant depth of 
immersion, excited by the same d-c. voltage, forms part 
of the “control” circuit. The recording instrument is 
a “thread” recorder operated by an ohm meter ar¬ 
rangement of circuits connected to the two electrode 
systems. The deflection is proportional to the rate of 
flow of water. A simple type of intermittent integrat¬ 
ing mechanism is added. The appairatus can be placed 
at a very considerable distance from the weir, as the 
currents are very small and the line resistance may be 
made negligible. 

J. of Scientific Instruments, May, 1922. 

Frequency Measurement 

Deflection Frequency Meter. The frequency meter 
d^cribed has a very open and long uniform scale. 
The principle employed is that of a circuit made reso¬ 
nant for a particular frequency, say 50 cycles per sec. 
Any departure from this frequency causes a deflection 
of the moving element, which is fitted with soft-iron 
vanes in the shape of two quadrants set at 90 deg. to 
one another and subjected to the influence of coils in 
two parallel circuits (the I circuit and the r circuit), 
the current in the former of which lags by 90 deg. 
behind that in the latter. The instrument is now made 
by Messrs, Nalder Bros, and Thompson, Ltd. 

C. L. Lipman {Electrician, 87, pp. 458-459, Oct. 7, 

1921). 
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Galvanometers 

The Moll GalvanoTMter is a moving coil instrument 
with a compact electromagnetic field instead of the 
customary permanent magnet. It is quick in action 
and suitable for thermopiles. 

J. Scientific Instruments, May, 1922. 


High-Sendtivity Galvanometer. Sullivan Type of 
increased sensitivity made by H. W. Sullivan, London, 
Eng. 10,000 m/m per micro-ampere for a period of 
24 sec. and a resistance of 8000 ohms. 

Moving-Coil Galvanometer of High Sensitivity. ^ The 
theory of the moving-coil galvanometer is considered 
in this paper, and it is shown how to make a reflecting 
type of instrument as sensitive as possible. The condi¬ 
tions for maximum sensitivity are K/Ko = r/ro 
= H/Ho, where K = total moment of inertia, Ka 
= moment of inertia of coil alone, r = total resistance, 
ro = resistance of coil, H = intensity of magnetic field, 
Ho = smallest value of H for which motion is aperiodic. 
By iisiTig a quartz fiber suspension and extremely thin 
electrolytically-deposited silver strips, hanging loosely 
on either side of the fiber to produce the resisting torque, 
a sensitivity of 21 mm. per microvolt can be obtained. 

F. Zemike (K Akad. Amsterdam, Proc, 24, 6 and 7, 
pp. 239-245,1922). 

New High-Freguency Vibration Galvanometer. By 
means of a mechanical device, the vibrations of the 
reed of a Brown telephone receiver are optically mag¬ 
nified to such an extent that 1000-cycle alternating 
currents of a few microamperes may be easily measured. 
In combination with vacuum amplifiers, currents 
several thousands times smaller may also be measured. 
L. V. TC iug (Roy. Soc. Canada, Trans. 15 Sect. 3. 

pp. 143,1921). 

New Form of Thermo-galvanometer. A simplified 
form of thermo-galvanometer in which the magnetic 
system of an ordinary Deprez d’Arsonval galvanometer 
is employed. The moving part consiste of two loops 
in series, one consisting of two. thick wires of different 
metals, the second of two very fine wires of the same 
metal. The two loops are joined in series so that when 
the current passes through them, the heat produced in 
the fine-wire loop, owing to its ohmic resistance, 
produces a difference of temperature between the two 
ends of the thick-wire loop. This causes a thermo¬ 
electric current to flow round the loop, superimposed on 
the main current, and thus a deflection is caused. . A 
sensitivity of 1 mm. per milliampere is attainable with 
single loops, but the same principle can be applied when 
multiple loops are used. If one of the metals used in the 
thermoelectric loop be iron, it is necessary to compen¬ 
sate for the inequality produced in the magnetic field. 

A. Competti {N. Gimento, 22, pp. 321-322, Nov.- 
Dee., 1921). 

Quick-Action Registering String Galvanometer . A de¬ 
tailed description of the instrument, including Tepro- 
ductions of the records given by it. An investigation 


was made of the effect of temperature, and of secular 
change of the tuning-fork used for regulating the film 
speed. It was found that the greatest variation in the 
number of vibrations per sec. was less, than 1 in a 
thousand. It was found also that the absolute error 
of a single exposure point was less than 0.001 sec. 

E. V. Angerer {Zeits. Instrumentenk. 42 pp. 1-6, 
Jan., 1922). 

Humidity Measurement 


N&w Electric Hydrometer. The instrument, which is 
on the market, consists of a number of thermocouples 
in series, with alternate junctions in juxtaposition ^ 
in a thermopile, one set being covered with muslin 
which is kept moist with distilled water while the other 
set is exposed to the air. This arrangement is connected 
with a galvanometer and acts as a wet-and-dry-bulb 
hygrometer, the psychrometric difference being indi¬ 
cated by the deflection of the galvanometer. In addi¬ 
tion the air temperature is measured by an electric 
resistance thermometer. The psychrometric difference 
and the air temperature are actually recorded by the 
movement of two pointers across a dial on which is 
engraved a monogram from which the relative humidity 
is easily read. The recording portion may be at a 
distance from the psychrometer, and indeed may serve 
several, being connected with each at will. For use in 
cases where the air temperature is not required the 
instrument has been adapted to read relative humidity 
directly off a single scale, while an autographic recording 
device has also been devised, 

J. Cartus {Zeits. Vereines deutsch. Ing. 65, pp. 767- 
768 July 16, 1921). 

Inductance Measurement 

Direct-Reading Inductance Meter. The method con¬ 
sists in measuring the potential difference at the termi¬ 
nals of the inductance, alternating current being sup¬ 
plied by a magneto, and the potential difference being 
rectified before being applied to a direct-reading .volt¬ 
meter. The inductance to be measured is in series with 
a permanent inductance, which is relatively large. 
Under these conditions it is shown that the reading of 
the voltmeter is very approximately in proportion to 
the inductance under test. The effect of the resistance 
of the inductance on the result is considered. 

R. Barthelemy {Rev. Gen. d*El. 11, pp. 419"424, 
March 25, 1922). 

Magnetic Measurements 
Flux Density in Air. Essentially^ an analytical 

balance for balancing the force deflecting a short con¬ 
ductor in a magnetic field. R-ead by means of beam o^ 
light and mirror. Claim i'emarkable sensitivity and 
accuracy being able to detect a change of 1 line per sq. 
'em. 

W. P; Canby, Jmr. of the Inst, of Elec. 
(British) Jah., 1923. 
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Magnetic Testing of Permanent Magnets, The paper 
describes a method of calibrating Hartmann and 
Braun^s apparatus—^used originally for measuring 
apparent remanences^—so that it could be employed for 
determining the part of the hysteresis curve lying 
mostly in the upper left-hand quadrant. The t^6 
remanence, coercive force, and reversible permeability 
of a number of short cylindrical bar magnets of different 
qualities are measured by using the method. 

J, Wurschmidt {Zeits. f. Physik. 10. 2. pp. 91-110, 

1922). 

Light Measurement 

A Universal Photometer without Diffusing Screen. 
The principle of the apparatus, the construction of 
which is illustrated and described in detail, is as fol¬ 
lows. A small real image of the source to be measured, 
placed at a suitable distance, is projected on the eye 
of the observer, who thus sees a lens uniformly il¬ 
luminated and forming one of the photometric surfaces. 
The second photometric surface is formed similarly 
by the light from a small comparison lamp. The two 
surfaces are brought into juxtaposition by means of a 
Lummer-Brodhun cube. Equality of brightness is 
obtained by interposing a wedge of absorbing material 
or suitable screens. The apparatus is contained in a 
gTYiflil box easily transported The method has the 
advantage that any one of a number of sources (such 
as individual lamps in a room or a street) can be studied 
separately. In addition it eliminates the great loss in 
brightness inseparable from the use of diffusing screens. 
The apparatus can be applied to measure the bright¬ 
ness of a surface, and it has various special applica¬ 
tions, notably the determination of the loss of light in 
optical instruments. 

C. Fabry &. H. Buisson {Rev. dDptique 1, pp. 1-12, 
Jan.,1922). / ^ 

Power Factor Measurement 

Power Factor Meter. The combined electromagnetic 
effect of the current and pressure windings is such that 
for any power factor the system takes up a position of 
neutral equilibrium. The reading is independent of 
load. Made by N^der Bros, and Thompson, Ltd. 

Lmdon Electrician, Jan. 26, 1923. • 

Power Measurement 

Remote Power Indicator. The Cambridge & Paul 
Scientific Instrument Co. produce the Fawsett Indi¬ 
cator used for automatically indicating the power in a 
three-phase circuit at a distance of several miles. The 
actual operating circuit is a thermo-electric one making 
use of a uni-pivot d-c. galvanometer which may be 
scaled in thousands bf Idlov^tts. Pilot wires laid with 
the transmission cables may be made use of to carry 
thecurrent. 

London Electrician 88, pp. 71, Jan. 20, 1922. 

Differefniial EUctrodynamome^ Method used at 
the Laboratoire Central d’Electricit4 for standardiza¬ 


tion of a-c. wattmeters and for power measurements 
consists essentially in balancing the power to be deter¬ 
mined (or a known fraction) against another power 
which can easily be measured, for example the power 
dissipated in a non-inductive circuit. 

The method is reduced to the measurement of pres¬ 
sure and a knowledge of the value of several resistances. 
It is a null method not requiring a knowledge of the 
frequency. 

P. de la Gorce (Camptes Rendus 174, pp. 607-609, 
Feb. 27,1922). 

Electrostatic Wattmeter. After a historical review of 
the quadrant electrometer and its application to the 
measurement of alternating currents and dielectric 
losses, the author describes recent improvements by 
means of which he- obtains a sensitiveness of over 
400 mm. at 2 meters with 100 volts on the needle and 
0.1 volt between the quadrants. This instrument has a 
good control of the electrical and mechanical zeros. 
The use of the instrument at 0.1 per cent power factor 
is considered, and it is shown that an accuracy up to 
5 per cent is attainable, using a good wave form and 
avoiding errors due to surface leakages from the leads 
and operating switches. It gives results of value on 
capacities as low as 1/1000 microfarad, working on a 
100-volt circuit at 50 periods. The mathematical 
theory of the instrument is given, and its application 
to modem precision measurements (as, for example, the 
measurement of induction) is described. 

G. L. Addenbrooke {Electrician 88, pp. 466-469, 
April 21,1922). 

Potentiometer 

A-C. Potentiometer. Consists of two potentiometers 
supplied with alternating current in quadrature with 
each other. In series with the first potentiometer is a 
reflecting dynamometer. This allows comparison be¬ 
tween the effective values of alternating and direct 
current. Arrangement is provided for securing per¬ 
fect quadrature. 

H. Tinsley & Co., London, England. 

A-C. Potentiometer. Apparatus for measuring the 
ratio of transformation and phase angle of transform¬ 
ers. Diagrams of theoretical and practical con¬ 
nections are given. 

Elettrotecnica 9, pp. 344-346, May 26,1922. 

A Portable Deflection Potentiometer. The author 
describes a potentiometer in which a millivoltmeter is 
used instead of a zero galvanometer. The only adjust¬ 
ment of the potentiometer resistance required once the 
instrument is set, is a rough one to bring the reading 
.conveniently on the scale of the millivoltmeter. Two 
potential points are taken off the potentiometer 
resistance, and the derived circuit from them contains 
the standard cell, or alternatively the e. m. f. to be 
measured, and the millivoltmeter. In the first setting, 
the two zero potential points, between which the re¬ 
sistance is r, are used and the series rheostat is adjusted 
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SO that the millivoltmeter reads zero in the ordinary 
way. The e. m. f. to be measured then replaces the 
standard cell and the deflection of the millivoltmeter is 
noted after altering the resistance between the potential 
points to r' is necessary. The voltage to be measured 
is then r' e/r + w + i (R — r) /R where e is the e. m. f. 
of the standard cell, u is the reading of the voltmeter, 
i the current in the derived circuit, and R the resist¬ 
ance of the main circuit). It is shown that the last 
term may be neglected without appreciable error, and 
r' e/r is a difference of potential proportional to r' the 
potentiometer dials may be graduated directly in these 
terms, so that the value of the e. m. f. to be measured 
reduces to the sum of the readings of the millivoltmeter 
and the potentiometer dials. The whole of the dial and 
other switches, resistances, etc., are arranged in a com¬ 
pact case, which is described and illustrated in the 
paper. A specijil form of voltage multiplier enables 
voltages up to 900 volts to be measured and the resist¬ 
ance that this should have for minimum error is dis¬ 
cussed. The exact procedure in use is detailed both for 
voltage measurement and for that of currents by means 
of shunts. An accuracy of 1 in 1000 is obtainable in 
all cases, and in favorable cases a much higher accuracy 
is obtainable. 

A. Iliovici (Soc, Franc. Elect., Bull. 2. pp. 117-136, 
March, 1922) 

Temperature Measurement 

Optical Pyrometer. A disappearing type of optical 
pyrometer produced by H. Tinsley & Co. in cooperation 
with the National Physical Laboratory. A Wheat¬ 
stone’s Bridge arrangement of connections permits of 
offsetting the scale zero to such an extent as to permit 
the full scale length to cover any desired range of 
temperature. Direct reading in temperature with 
one or more ranges. 

J. Scientific Instruments, May, 1922 

Total Radiation Pyrometer. Produced by the Foster 
Instrument Co. and arranged to indicate record or 
control high temperatures. It is proposed to so con¬ 
struct the control device as to permit holding to any 
desired time-temperature program. 

J. Scientific Instruments, May, 1922. 

Total Radiation Pyrcmieter. Describes a new form of 
radiation pyrometer in which an image of the radiator 
is formed on a blackened plate to which are attached 
two fine thermo-junction wires. The observer has an 
eyepiece by means of which he ensures that the plate 
is more than covered by the image of the radiator, and a 
galvanometer attached to the thermo-element then 
gives a measure of the heating effect of the image on 
the plate, i. e., of the temperature of the radiator. 
Full deflection is generally reached in about 6 to 8 
seconds from exposure to the radiation. The instru¬ 
ment is termed an “ardometer.” 

G. Keinath (Elekt. Zeits, 42, pp. 1384-1387, Dec, 1., 

1921). 


Resistance Measurement 

New Ohm Meter, the “Meg.” Produced by Evershed 
and Vignoles, London, England. It does not replace 
the “Megger” entirely but has some advantages in 
portability and cost. Tests on 500 volts. * 

Direct-Reading Ohmmeter. A high resistance is 
placed across the line with a sliding contact near the 
middle. Connecting a sensitive voltmeter between 
Slider and ground, a point is found giving full scale 
deflection on the voltmeter. A fixed resistance is then 
shunted across the voltmeter resulting in the voltmeter 
reading directly the resistance in ohms to ground. 

C. Dufrene {Revue Generate de VElectricite, April 1, 
1922). 

Direct-Reading A-C. Ohmmeter. The author pre¬ 
viously described the use of a magneto in conjunction 
with a synchronous commutator and moving coil 
voltmeter for the direct reading of inductance. He 
applies the same apparatus in the direct measurement 
of capacity and low resistance by alternating current. 
It may be used to measure earth resistance with elec¬ 
trolytic capacity and subject to parasitic currents. The 
measurement is independent of the speed of the mag¬ 
neto. The method has been used for capacities from 
several microfarads down to two or three thousandths 
of a microfarad. 

R. Barthelemy (Ret;. Gen. d’el. pp. 891-894, June 17, 
1922). 

Leakance Bridge. Wagner’s method of measuring 
leakance is only applicable when the cable sheath is 
insulated from earth. The present article describes 
(1) a form of bridge in which the effective capacity and 
leakance under working conditions can be accurately 
determined when the cable is still on the drum (i. e. with 
the sheath partially earthed), and (2) a double bridge for 
similar measurements on cables after laying. The article 
contains a useful discussion of the action of the earth- 
capacities of various parts of the bridges and of the 
generator circuit and shows how their effect is eliminated. 

F. Fischer (Teleg. u. Fernspr. Techn. 10, pp. 137-140, 
Oct., 1921). 

A-C. Bridge for Telephone Cables. In measuring the 
a-c. resistance of telephone cables difficulties arise 
because of the capacities a^inst ground. An improved 
Wien bridge is suggested wherein an auxiliary resist¬ 
ance which duplicates the bridge branches, inakes the 
arrangement symmetrical against ground. Great ac¬ 
curacy is claimed. 

K. Kupfmuller & P. Thomas (Elektrotechnische 
Zeits., April 6, 1922). 

Thorhson Bridge. . In the usual connections for the 
Thomson Bridge :©rtors may arise due to yoke resist¬ 
ance and to variable contacts in ratio coils. The author 
shows how a second measurement may be made and 

all of the above errors elinainated. 

U, Bieeke (Elek. u. Mas0iimnh(m AO, pp. 158-161, 
April,^ 1922). 
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Speed Measurement 

Stroboscope. The stroboscope method of calibrating 
tachometers and regulating governors is in use and has 
been found to-give high accuracy with little trouble. 

Oscilloscope. While this is not essentially a speed 
measuring device, it is for use in the examination of 
objects when under rapid motion. It depends for its 
action upon the principle of the stroboscope. Instead 
of a shutter an “Osglim” lamp and induction coil is 
used. 

A double set of gears permits driving the interrupter 
from the device whose motion is being studied. In this 
manner the stroboscope is either maintained in syn¬ 
chronism with the machine being tested or else by 
means of another set of gears. A slow motion effect 
may be produced enabling one to study the full cycle 
of operation of any moving part. It is put out by 
Herbert Kennedy & Co., Ltd., London, England. 

Instrument Transformers 

Current Transformer. Everett Edgecumbe Co., 
England, have produced a portable current trans¬ 
former having a large number of ranges. It is combined 
with a small testing set. 

London Electrician, Jan. 19, 1923. 

Short-Circuit Proof Current Transformer. Paper 
describes the latest types of “bar transformers” for 
currents of 300 amperes and up, suitable in secondary 
energy supply to operate a wattmeter, a relay and a 
meter. For currents between 10 and 300 amperes a 
similar type but with a loop as primary is described. 
This latter type is overload proof. A small spark gap 
built into the transformer gives protection against 
sudden overvoltages. Some of the 300-ampere, single¬ 
bar transformers have withstood a dead short circuit 
from a 60,000 kv-a. generator in which a crest value of 
114,000 ampere was reached before the circuit breaker 
opened. 

{Siemens Zeits., May and June, 1922), W. Skirl. 

Transformers for Measuring Apparatus. Current and 
potential-transformers for ammeters, voltmeters, watt¬ 
meters, and relays must satisfy conditions quite dif¬ 
ferent from those of ordinary transformers. These 
conditions are separately analyzed, and it is shown that 
they are satisfied in the transformers of the Societe de la 
Metallurgique Electrique. Special attention is given 
to transformers for relays in order to obtain a given 
time-lag. 

V. Candie {Rev. Gen. d^El. 11, pp. 193-201, Feb. 11, 
1922).^ 

High-VoUage Electric Meter with FauU Indicate. To 
give warning when one of the fuses on the potential 
transformer bums out or fails to make circuit, auxiliary 
windings are placed over the usual potential coils. 
These serve to light two miniature lamps to unlike 
intensities if a fuse is out. It is claimed that without 


such indication a meter may be registering as much as 
70 per cent low for long periods. 

A. Kaeppele {Elektrotechnische Zeits., March 9,1922). 

Testing Transformers 

High-Voltage Testing Transformer. Describes a 
400,000-volt testing transformer set. Based upon the 
Dessauer principle, one single-phase transformer of 
200,000 volts and two single-phase transformers of 
100,000 volts each, are arranged in series with their 
low-voltage windings excited from two insulating trans¬ 
formas, resulting in a total potential against ground of 
400 kv. ‘This simplifies the securing of the insulation 
of the individual transformer windings against core and 
groimd and guarantees at least a partial testing voltage 
in case of a breakdown of one of the transformers. 

D. Vogelsang {Elektrotechnik und Masch., May 28, 
1922). 

A 350,000-Volt Testing Transformer. The trans¬ 
former described is designed to give currents up to one 
ampere at 350,000 volts, 50 cycles, in view of the 
appreciable capacity currents required in cable testing 
at these high voltages. The oil-immersed type was 
chosen in preference to the open type as affording 
greater security from the effects of damp, etc., although 
the latter would have been cheaper and in some ways 
more convenient. One terminal of the high-tension 
winding is permanently earthed to the case to which one 
end of the primary winding is also connected. The 
primary is supplied at 5000 volts through an auxiliary 
transformer, on the low-tension side of which all 
voltage regulation is effected. The secondary is divided 
into sections so that voltages of 87,500,175,000 or the 
full 350,000 can be obtained. During the tests a spark- 
gap method was used to measure the secondary volt¬ 
age. Special care was taken in the arrangement of the 
insulation, which is partly of oil and partly by screens 
of solid insulating material, as well as the coverings 
on the conductors composing the coils. The disposi¬ 
tion of the coils and insulation is such that the positions 
of the equipotential surfaces can be calculated easily, 
and the screens and surfaces where there is a change of 
insulating material are arranged as far as possible to lie 
on equipotential surfaces. The niagnetic circuit con¬ 
sists of a central core and two return paths. Concen¬ 
tric windings of circular form are employed, with the 
low-tension windings inside the high-tension windings, 
and much heavier insulation is provided for the turns 
near the high-tension terminal than for the rest of the 
winding; these are altogether of much more substan¬ 
tial construction. The different layers and sections 
of the windings are separated by carefully , placed 
screens. A special feature of the apparatus is the large, 
single, high-tension exit terminal, which is of the con¬ 
denser type, with five concentric metal sleeves sep¬ 
arated by a, special insulating material. The project¬ 
ing portion is enclosed in a sort of cylindrical chimney 
filled up with oil, which projects about 5 feet above the 
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top of the main case. Excluding this chimney, the 
case which is cylindrical is about 9 ft. high and about 
8 ft. in diameter, and the total weight of the apparatus 
is 15 tons. 

R. Massot & P. Bunet {Rev. Gen. d’El. 11, pp. 752- 
757, May 20, 1922). 

Timing Apparatus 

Electric Timing Device. For short intervals of time. 
An inductive resistance in a Wheatstone’s Bridge 
employed for calibrating an electrical chronometer. 

J. of the Inst, of Eke. Eng. (British), Dec., 1922. 

Vibration Measurement 

Vibrograph for Turbo-Generator Shafts. Describes 
the construction and method of use of a vibrograph 
designed for use on large timbo-generators. The 
description given is fully illustrated by diagrams, 
and examples of the results obtained, showing the effect 
of loading at various speeds, are reproduced in the 
paper. 

J. Geiger {Zeits. Vereines deutsch. Ing. 66, pp. 437- 
330, May 6, 1922). 

Meamrement of Vibrations of Structures. Describes 
apparatus designed for studying the vibrations in a 
building, etc., from the point of view of acceleration. 
The principle of the method consists in suspending a 
heavy mass M in such a manner that it makes a very 
light contact with a surface. The force of contact is 
adjusted to such a value that the vibration forces are 
just insufficient to produce separation of the mass 
from the surface. The additional force / required to 
produce this separation under static conditions is 
determined by means of a subsidiary experiment, so 
that the acceleration y, which is due to the vibration, 
is given hy f = M y. Instruments are described for 
measuring vibrations in the horizontal and vertical 
directions, and the method of determining the instant 
of separation is discussed. 

P. Prache {Soc. d'Encouragement^ Bull 134, pp. 177- 
186, Mar., 1922). 

G. A. Sawin, Chairman. 


REPORT OF THE COMMITTEE ON 
TRANSMISSION AND DISTRIBUTION 

T'o the Board of Directors: 

The Report of the Committee on Transmission and 
Distribution for the year 1922-1923 is submitted under 
the following headings: 

1. Report of the Cable Research Committee. 

2. Review of Construction Problems in Overhead 
Transmission and Distribution. 

3. Review of Construction Problems and Tenden¬ 
cies in Underground Transmission and Distributioh 
Practise. 

4. Testing of Underground Transmission and Dis¬ 
tribution Cables. 

5. Review of Inductive Coordination. 

6. Re\dew of Papers Submitted during the Year. 


As has been the custom in previous years, the report 
of your committee summarizes under the various 
headings the advances made in the transmission and 
distribution field during the past year together with 
future improvements to be expected but not, as yet, 
fully developed. 

Report op the Cabub Research Committee 

Maximum Permissibk Temperature for Impregnated 
Paper Insulation. The investigation on the maximum 
permissible temperature for impregnated paper insu¬ 
lation, which is being conducted by the Massachusetts 
Institute of Technology for the Research Committee 
is progressing favorably, and the preliminary investiga¬ 
tions have been practically completed. During the 
courae of these investigations it was discovered that 
none of the existing machines or devices for testing 
paper were sufficiently accurate to serve as a measure 
of the depreciation of the paper with heat. Accord¬ 
ingly, the college staff in charge of these investigations 
devised a new machine for testing the folding endurance 
of strips of paper, which appears to give very consistent 
results. 

A number of the cable manufacturers have placed 
orders for similar machines. It is expected that the 
heat runs on the samples that are available will start 
very shortly, and a portion of the results should be 
available during the course of the year. In this con¬ 
nection it is of interest to note that a report recently 
presented to the Institution of Electrical Engineers, 
(English) has resulted in raising their maximum per¬ 
missible temperature from 50 deg. cent, to 65deg^ 
cent. Private information from some English engi¬ 
neers indicates that a number of the leading engineers 
in England consider that a further increase is war¬ 
ranted, particularly for low-voltage cables. 

Available Supply of Manila Hemp Rope Fiber Paper. 

All recent American specifications for high-voltage 
cable include a requirement that the paper shall consist 
solely of manila hemp rope fiber stock. Some of the 
cable manufacturers have found difficulty in getting 
as much paper as they desired, and appararently the 
difficulty is due primarily to the shortage of second¬ 
hand manila hemp rope fiber ship’s hawsers, which is the 
material from which the cable paper is made. The 
shortage is due in part to the gradual change from 
ijianila hemp rope fiber hawsers to steel hawsers, and 
partly also to the considerable reduction in international 
shipping. These causes may result in a gradually 
diminishing supply of raw material over a period of 
years, and with the increasing use of high-tension 
cable, it may be desirable to investigate the use of 
other fibers for making cable paper. Some foreign 
companies are using wood pulp paper, or a mixture 
of wood pulp and manila hemp rope fiber. 

Previous reports have related the improvements in 
the quality of paper insulation that have been seeured 
in the past few years> and the reductions in the thick- 
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ness of insulation that had been found to be satis¬ 
factory with the modern grade of impregnated paper 
insulation. One company has reduced the thickness 
of insulation on cable for all voltages by about 50 per 
cent and the experience in service with the cables 
having this reduced thickness of insulation indicates 
that the cable is just as satisfactory in all respects as 
the older cable with thicker insulation. It is sug¬ 
gested that the purchasers of cable could do much to 
relieve any shortage in paper that might occur by 
making a similar reduction in the thickness of the 
insulation which they specify, as this would reduce the 
amount of paper required for cable insulation by about 
one-half. 

Dielectric Strength. The leading cable manufactur¬ 
ers have made some marked improvements in the 
dielectric strength of their insulation, and the present 
indications are that they will ultimately be able to 
offer to customers high-voltage cables with just as low 
a dielectric power factor as any heretofore furnished 
and at the same time a materially higher dielectric 
strength. Improvements of this kind should very 
shortly result in the manufacture of cables for materi¬ 
ally higher voltages than any that have heretofore 
been considered practicable. 

One large company is installing this year several 
miles of single-conductor cable for operation at 44 kv. 
Another company is installing some single-conductor 
cable for operation at 66 kv., and a third group of 
companies is making plans for the trial operation of a 
short length of single-conductor cable at a much higher 
voltage. Several of the leading cable manufacturers 
will cooperate in this experiment. One company that 
has now a number of miles of 33-kv. cable in service 
will make a considerable addition to this class of cable 
during the year, and as the operating results to date do 
not indicate that the cable is operating at its maximum 
voltage limit, it is proposed to operate one or two lines 
about 14 miles in length at 44 kv. The transformer 
for this trial operation will be so wound that they will 
permit keeping full load on the cables at either 33 kv. 
or 44 kv. 

In England one company has on order some 3-con¬ 
ductor cable with round conductors, intended for opera¬ 
tion at 44 kv., and guaranteed for this pressure. Ar¬ 
rangements are being made, however, for the trial 
operation of this cable at 66 kv., and in case this experi¬ 
ment is not successful, a trial will be made at 55 kv. 
Apparently this company, like one of the large Ameri¬ 
can operating companies, is of the opinion that the 
upper voltage limit of a cable can be definitely deter¬ 
mined only by experimental operation. 

Investigation of Dielectric Loss and Ionization. An 
arrangement has been made by the Research Commit¬ 
tee with the Harvard Engineering School to make an 
investigation into the subject of ionization loss and 
ionization in high-voltage cables, both single-conductor 
and three-conductor. This subject is also receiving 


considerable attention .from the leading cable manu¬ 
facturers, and apparently the investigation is very 
necessary, for until the nature of the so-called ioniza¬ 
tion loss can be definitely determined, and this loss 
materially reduced or eliminated, this particular prop¬ 
erty of high-voltage cables may be the limiting feature 
in raising the operating voltage, and particularly so 
in those portions of the country where the ground 
temperature during the winter months is below the 
freezing point. 

High-Voltage Tie Lines between Generating Stations. 
Two of the larger operating companies with stations 
on both sides of the cities which they serve are seriously 
considering plans for high-voltage tie lines between 
their large generating stations, so that these tie lines 
may make available, in case of an emergency, the spare 
generating capacity in any one of the several generating 
stations. In this way spare capacity in one station 
would be made available at any portion of the system, 
and the calculations indicate that the reduction in 
generating capacity would more than offset the cost of 
such a tie line. The preliminary plans for these tie 
lines contemplate the line being can-ied through the 
outlying districts of the city, in which portions the line 
when first installed may be in part overhead, but it is 
assumed that as the cities expand, due to their normal 
growth and development, these overhead portions may 
have to be placed underground. 

High-Voltage Cable Joints. In impregnated paper 
insulation, the dielectric strength at right angles to the 
paper is very much higher than the dielectric strength 
along the surface of the paper. It is for this reason that 
the lead sheath of the cable must be trimmed back a 
considerable distance from the exposed ends of the 
copper in making the joints. As the voltage increases 
the length of the joint will have to increase propor¬ 
tionately, and in the case of some of the higher voltages 
now being considered, the joint may be four or five feet 
long. Even this length would be materially shorter 
than that used in England for cables which are aiTOored 
and buried directly in the ground. 

This indicates the desirability of some research in 
connection with high-tension cable joints for the pur¬ 
pose of determining if changes in the present methods 
of joint construction can be made which will materially 
reduce the length of the joint now indicated as necessary 
for the higher voltages. If such a reduction in length 
is not possible, then it may be necessary to devise new 
types of conduit and manhole construction for the 
installation of the very high-voltage cables. 

Dielectric Loss Guarantees. In this country, the 
leading cable manufacturers have recently been making 
high-voltage cable with dielectric losses that compare 
very favorably with the best results obtained abroad. 
Private advices from foreign engineers, however, indi¬ 
cate that the American manufacturers are maintaining 
a somewhat wider margin between their average 
dielectric loss results, and their guarantees, than is 
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given to methods of avoiding corrosion in the contact¬ 
making surfaces of air break switches. 

Fuses for higher voltage service are still unsatis¬ 
factory in many respects, as has recently been proved 
by some extensive tests undertaken by operating 
companies. 

Street Lighting Construction. New and improved 
devices for series street lighting circuits are coming on 
the market. In overhead work there is noted a ten¬ 
dency toward the abandonment of span construction 
in favor of long mast arms. The use of insulating 
transformers for special services, as for instance, where 
branch loops are carried through trees, or in other 
hazardous locations, is noted. There is also observed 
a tendency in some instances toward the employment 
of pole-type, constant-current transformers of rela¬ 
tively small size, fed from constant potential circuits 
utilized only for street lighting purposes. This system 
is said to result in a considerable savpg in substation 
space and pole space and also in fewer outages.' 

^000-Volt Distribution. While higher voltage dis¬ 
tribution continues to increase, nevertheless, 2300-volt 
and 4000-volt systems remain the general standard for 
urban distribution. Although 4000-volt, 4-wire dis¬ 
tribution has been practised in this country for 25 years 
or more by some companies, there has recently been 
noted a tendency toward changing over many 2300- 
volt, 3-phase, 3-wire or 2-phase, 4-wire to 4000-volt 
systems, particularly in some of the larger cities which 
have heretofore preferred the older systems. This 
movement will probably result in more uniform prac¬ 
tises in 4000-volt distribution. 

Rural Lines. The rural line problem continues to 
be one in which economic considerations are para¬ 
mount. Various means have been suggested whereby 
this much desired service can be rendered at reduced 
cost, but always it is necessary to give the closest atten¬ 
tion to the maintenance of safe construction. The 
possibilities of long span construction, having regard to 
the necessities of climatic conditions, are being recog¬ 
nized, and some cheap but satisfactory lines have been 
constructed. 

Review op Construction Problems and Tenden¬ 
cies IN Underground Transmission and 
Distribution Practise 

It has been apparent during the last year that there 
is an increasing interest in problems connected with the 
construction and oi>eration of underground systems. 
This has been brought about by the fact that such 
systems are becoming larger and the voltages being 
used are becoming higher. 

Some of the causes of trouble on underground cables 
have been studied and definite remedies have been 
found. For example, expansion and contraction of 
cables under various load conditions have been deter¬ 
mined and it has been found and quite generally recog¬ 
nized that the most effective way of overcoming troubles 


from this source is to construct the duct entrances into 
manholes in such a way as to avoid undue wear and 
exposure of cables. The use of concrete duct end bells, 
permitting cables to be fireproofed well into the ducts 
and providing broad bearing surfaces for the cables 
have been found particularly advantageous. 

The heating of duct runs is another subject which has 
been given much attention and it is now generally 
recognized that duct runs should be so constructed that 
no cable will be required to dissipate its heat solely 
by conduction through other ducts. This has had a 
material effect upon shape of conduit runs, and it is 
now standard practise for some companies to build 
their duct runs 2 wide and 4 high, and in some cases 
build them in the form of a Z7 so that each duct can 
radiate heat directly to the surrounding earth. 

The use of the kenotron for routine testing of high- 
voltage cables with direct-current promises to result in 
the ability to detect incipient trouble in cables so that 
weak spots may be removed and the troubles due to 
cable failures in service largely eliminated. During the 
year 1922 one company was able by means of such 
testing to almost eliminate failures in service on a 
number of 6600-volt rosin oil cables. The method used 
by this conapany consists, in applying periodically a 
moderately high-voltage direct current and measuring 
the variation of current with time. Normally the 
current decreases very rapidly and approaches a con¬ 
stant value but should it first decrease and then begin 
to increase it is taken as an indication of incipient 
trouble and the cable is broken down and replaced at 
some convenient time. If further investigation proves 
this to be a general characteristic of all paper-insulated 
cables, this method of testing should be very important 
and an extremely valuable one, since the indications are 
positive, while the application of high voltage which 
either does or does not break down the cable is un¬ 
doubtedly a less useful test. 

In recent years, but particularly during the last few 
months, a great deal has been done to improve the 
reliabOity of service on a-c. underground distribution 
systems through the adoption and use of various 
schemes for connecting distributing mains in multiple. 
This idea has been developed to the point where the 
reliability of service from a-c. networks is equivalent to 
that of generating stations and some companies have 
even gone so far as to recommend the abandonment of 
d-c, distribution systems. Recent progress has been 
such that a number of companies have definitely de¬ 
cided to curtail the growth of their d-c. systems. 

Testing op Underground Transmission and Dis¬ 
tribution Cables 

There have been no innovations or marked changes in 
the standard practise for testing underground cables 
since the last report of this Committee, and the general 
practise continues substantially as described in that 
report. 
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The manufacturers are giving more attention to the 
development of tests for the control of raw products. 
The rapid increase in operating voltages emphasizes the 
importance of absolute knowledge of the quality of the 
materials going into cables and therefore the necessity 
for careful control of the materials and manufacturing 
processes. 

It is understood that the principal research work of 
the manufacturers during the past year has been de¬ 
voted very largely to investigations of those factors 
which cause variations in the quality of cables and in 
test results, particularly on high-voltage cables. It is 
obvious that the advancement of the art must include 
not only improved average quality but greater uniform¬ 
ity in quality for as operating voltages increase, a lower 
“factor of assurance’’ may have to be accepted. A 
lower “factor of assurance” may be permissible if it is 
accompanied by a smaller variation in the quality as 
shown by greater uniformity in the results of the various 
tests which are made. But much research work is still 
necessary before it will be possible to secure a thorough 
understanding and accurate control of the obscure and 
apparently very sensitive causes of variations which are 
now experienced. 

There has been no change in the standard acceptance 
testing methods. Most cable, particularly that for 
high-voltage service, is being purchased under the 
N. E. L. A. specifications for paper-insulated under¬ 
ground cable or specifications very similar to them, the 
acceptance tests being carried out as prescribed in those 
specifications. 

There is, however, a feeling on the part of some engi¬ 
neers that in puncture tests of samples graduated time 
tests should be made. It is well known that the punc¬ 
ture voltage obtained when raising the voltage by 30- 
second steps, as prescribed by the existing specifications, 
will be considerably higher than the maximum voitage 
which the cable will withstand indefinitely. While the 
determination of the latter value is only practicable in 
connection with large and important installations, the 
30-second period might properly be increased con¬ 
siderably. 

The opinion has also been expressed by some engi¬ 
neers that specifications should include a test for ther¬ 
mal resistivity similar to that provided in certain Eng¬ 
lish specifications. 

Review op the Inductive Coordination 

Probably the most outstanding result of the year in 
inductive coordination was the publication on December 
9th, 1922 of the third report of the Engineering Sub¬ 
committee, Joint General Committee of the Bell Tele¬ 
phone System aiid the National Electric Light Associa¬ 
tion. This report contains preferred detailed practises 
covering the physical relations between electrical supply 
and signal systems which, taken with the second report 
of the Joint Engineering Committee containing de¬ 
tailed principles^ forms a basic code for guidance in the 


cooperative settlement of specific cases. Due to the 
complexity of the subject and, in many instances, lack 
of supporting technical data, these reports necessarily 
treat the subject in a qualitative manner. 

The joint work has now entered upon a third stage of 
development; namely, the determination of limits or 
tolerances for inclusion in a subsequent addition of the 
practises. A Joint Subcommittee on Development and 
Research, working under the supervision of the Joint 
Engineering Committee has been organized and is 
actively working on the determination of mutually 
satisfactory values for quantitative limits or tolerances 
in the practises. This Subcommittee is also cooperating 
for the improvement and extension of remedial meas¬ 
ures in general. 

Review op Papers Submitted During the Year 

In the June 1922 issue of the Journal an article on 
“Rating of Cables in Relation to Voltage” was presented 
by the Subcommittee on Wires and Cables of the 
Standards Committee. 

Aftei’ a brief discussion of the need of a comprehensive 
research on fundamental cable problems, this paper 
presents summaries of various papers and articles deal¬ 
ing with geometric relations which affect dielectric 
stress; dielectric failure of air; ionization of gas in solid 
insulation; dielectric failure of transformer oil; electric 
properties of petrolatum; residual charge, power factor 
and associated effects; grading of insulation; and mis¬ 
cellaneous data. 

A paper on “Potential Gradient in Cables” was sub¬ 
mitted by Messrs. W. I. Middleton, C. L. Dawes, and 
E. W. Davis in the August, 1922 issue of the Journal. 

This paper deals with a discussion of the logarithmic 
formula as applied to the variation of stress in single¬ 
conductor cables, its modifications and the effect, of 
internal heat on the potential gradient. Considerable' 
experimental data and ciuves, accumulated from many 
breakdown tests, are given. Results of tests on cables 
with Targe ratios of dielectric diameter to conductor 
diameter are included with the modification of the 
logarithmic formula, as applied to them. Results of 
breakdown tests on three-conductor cables are also 
shown and the calculated rupturing stresses are com¬ 
pared with those for single-conductor cables. 

In the same issue of the Journal, Mr. Donald M. 
Simons has contributed an article entitled, “Rating of 
Cables in Relation to Voltage.” 

This paper is a bibliography on dielectrics and in¬ 
cludes references to articles in periodical literature deal¬ 
ing with the physics of dielectrics from the view-point 
of energy loss and electric strength. 

In the June 1922 issue of the Journal, Mr. D. W. 
Roper presented . a paper on “Dielectric Losses and 
Stresses in Relation to Ca,ble Failures.” 

A compilation of the cable failure records covering a 
period of 18 years on the transmission lines of a large 
operating company was^used by the author in the prep- 
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aration of this paper. All failures caused by external 
injury to the lead sheath, lightning, failure on test and 
all joint troubles are eliminated. The author discusses 
the remaining failures from the viewpoint of dielectric 
loss and curves showing the relation of current per con¬ 
ductor, temperature, and watts loss per foot are given. 
Curves showing the interrelation between critical cur¬ 
rent, critical temperature and dielectric loss are shown 
for several sizes of cable. The relation between insu¬ 
lation thickness and dielectric stress is discussed and 
the present practise of American and foreign cable 
manufacturers in the matter is pointed out. The con¬ 
clusion of the writer is that the cable failures considered 
have been largely dielectric loss failures. It is also 
pointed out in conclusion that high-voltage cables hav¬ 
ing a low dielectric loss can be safely operated at tem¬ 
peratures materially higher than are possible with high- 
loss cables. 

A paper entitled “A New Method for the Routine 
Testing of Alternating-Current High-Voltage Paper 
Insulated Cable” was presented by Messrs. Howard 
S. Philips and E. Dean Tanzer in the March, 1923, issue 
of the Journal. 

In this paper the authors present a method developed 
for the routine testing of cables. The need of a satis¬ 
factory routine test is discussed and the development of 
this method of testing is described. The method of 
appl 5 dng this test is explained and the highly successful 
results obtained by a large operating company in indi¬ 
cating incipient trouble on rosin oil cables prior to fail¬ 
ure of the cable is pointed out. Various charts showing 
results obtained on cables in good condition and those 
having incipient trouble are given. In conclusion the 
advantage of this test and the need for further investi¬ 
gation is brought out. 

In the June 1922 issue of the Journal, Mr. Donald 
M. Simons submitted an article entitled ‘‘On the Mini¬ 
mum Stress Theory of Cable Breakdowns.” 

This paper presents a discussion and further investi¬ 
gation of Femie’s theory and data that cable break¬ 
downs are governed by the dielectric stress at the sheath, 
or in other words the minimum stress. Assuming that 
the inner layers of insulation may be over-stressed with¬ 
out complete rupture of the cable due to the stable 
equilibrium of the remainder of the insulation and also 
that insulating materials have a critical breakdown 
gradient, the author shows that the direct result of 
these two hypotheses is that the minimum stress at 
breakdown is a constant though it is not in itself the 
criterion. 

In the February 1922 issue of the Journal, Mr. 
Robert J. Wiseman presented a paper entitled “The 
Apparent Dielectric Strength of Cables.” 

After a brief discussion of theories previously ad¬ 
vanced in connection with the dielectric strength of 
cables, the author presents the assumption that that 
which has been considered the dielectric strength of the 
dielectrics is not the “true dielectric strength” but an 


“apparent dielectric strength” which is a function of the 
radii of the conductor and insulation. Reasons support¬ 
ing this assumption are pointed out and discussed. 
Comparison is made of the dielectric strength of cables 
computed from the same data from four different view¬ 
points, namely the minimum stress theory, the average 
stress theory, the increase in conductor diameter theory 
when Rjr > 2.72 and the ionization theory. The re¬ 
sults are shown and discussed and it is pointed out that 
the ionization theory appears to apply most satisfac¬ 
torily. 

In the June 1922 issue of the Journal, an article on 
“Effects of the Composite Structure of Impregnated 
Paper Insulation on its Electric Properties” was sub¬ 
mitted by Messrs. Wm. A. Del Mar and C. F. Hanson. 

Electrical networks representing the conditions in 
cable dielectrics are presented and discussed and a 
quantitative expression is obtained of the power factor 
and dielectric loss in terms of the resistivities and specific 
capacities of the elements of the insulation. The elec¬ 
trical function of the paper in impregnated paper insu¬ 
lation is also discussed and experiments are cited which 
indicate that the failure of such insulation is due to ionic 
motion of the oil. The conclusion is drawn that in de¬ 
signing and using high-voltage cable particular care 
should be taken to impose every possible restraint upon 
ionic motion in the oil and practical means of accom¬ 
plishing this are given. 

The October 1922 issue of the Journal contained an 
article entitled “Electrical Characteristics of Trans¬ 
mission Systems” by Mr. Herbert Bristol Dwight. 

The author describes and explains a method of 
making electrical calculations for long constant-voltage 
transmission lines, taking into account the effect of 
step-up and step-down transformers and making a 
direct calculation for the complete system without any 
trial-and-error procedure. The author uses as a specific 
example a 220,000-volt, 60-cycle line 200 miles in length 
with assumed average values of transformer core and 
condenser losses and gives the solution of the line 
characteristics, A circle diagram of the line, based on 
this method and giving results for all loads, is also shown. 

“A Graphic Method for the Exact Solution of Trans¬ 
mission Lines” is the title of an article contributed in 
the November 1922 issue of the Journal by Mr. Collis 
H. Holladay. 

This paper presents a quick method of constructing 
the vector diagram of a power line, from which it is 
possible to read directly the voltage, current, power and 
power factor at either end of the line. The method of 
constructing the diagram is described and explained. 
To illustrate the procedure by this method, the calcu¬ 
lation for a three-phase line is presented. 

Mr. H. Goodwin, Jr., presented a paper on “Qualita¬ 
tive Analysis of Transmission Lines” in the January 
1923 issue of the Journal. 

The process proposed in this paper is called “Quali¬ 
tative Analysis of Transmission Lines” because of its 
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ture. It is also pointed out that in the overpotential 
test, involving as it does a higher intensity of applied 
pressure, the insulators passing the test have not been 
weakened and a part of their useful life sacrificed. 

In the October 1922 Issue of the JOURNAL a paper on 
“Test and Investigations on Extra High-Tension Insu¬ 
lators’^ was submitted by Messrs. C. Coleridge Farr 
and Henry E. R. Philpott. 

In this paper, the viewpoint of the purchasing engi¬ 
neer is taken with special reference to methods of test 
for acceptance and tests for porosity and deterioration 
of insulators. The author’s experience with insulators 
on a 66,000-volt line in New Zealand is described and 
tests to overcome the many failures due to inherent 
faults that are either overlooked or “get by” the factory 
tests are discussed. The methods of test suggested are 
a measurement of insulation resistance with a 1000-volt 
megger, a bare flashover pressure at 50 cycles for 15 
seconds, a bare flashover at high frequency for 15 
seconds, and a porosity test consisting of a hydrostatic 
pressure of 2000 pounds per square inch applied to the 
insulator through a strong aqueous solution of fuchsin 
for approximately a week. A general discussion of 
these tests is given with the results of their application 
to several types and makes of insulators including those 
of British, American, New Zealand, Australian and 
German manufacture. The conclusions drawn are that 
insulators for extra high-tension work, before being put 
into service, should be subjected, individually in the 
case of suspension units and on each shell in the case of 
pin insulators, to flashover pressure for a definite period 
at both high and low frequency; that a percentage of 
each shipment of insulators should be subjected to a 
hydrostatic pressure test for porosity; and that insu¬ 
lators can and are being made which will not be over¬ 
stressed by such tests. 

In the December 1922 issue of the Journal, Mr. 
Karl Willy Wagner presented a paper on “Physical 
Nature of the Electrical Breakdown of Solid Di¬ 
electrics.” 

This paper deals with the electrical rupture of solid 
insulating materials and advances the theory that the 
electrical rupture of solid dielectrics is a phenomenon 
of overheating by current. After pointing out the 
general outline of the theory, the author describes the 
various experiments he has conducted to disclose the 
nature of the rupture phenomena. The results of these 
tests are shown and their support of the author’s theory 
discussed. 

Mr. Malcolm MacLaren contributed an article on 
“Lightning Disturbances on Distribution Circuits” 
in the March 1923 issue of the Journal. 

A general survey of the nature and distribution of 
failures and interruptions due to lightning upon the 
circuits of a large city supply system is presented in this 
paper. The subject is treated under three principal 
divisions, namely, troubles on the 115 to 230-volt cir¬ 
cuits, the 2S00-volt circuits and the 13,200-volt cir¬ 


cuits. It is shown that line failures on the low-voltage 
circuits are so infrequent as to be practically negligible 
and that the blowing of fuses and injuries to equip¬ 
ment on the customer’s premises are infrequent with 
the exception of the house meters. Trouble from meter 
bum-outs increases with the length of the secondary 
circuits. It is recommended that a simple spark gap 
or other equivalent type of arrester be installed on the 
customer’s premises as a part of the equipment in the 
service box. 

For the 2300-volt circuits it is shown that lines run¬ 
ning over high ground and open country are more sub¬ 
ject to transformer burn-outs and blowing of fuses. 
It is also shown that damage to exposed lines decreases 
as the number of arresters increases and that the effect¬ 
iveness of the protection is decreased with high resist¬ 
ance in the ground connection. 

For 13,200-volt aerial circuits it is shown that on lines 
at a considerable distance from generating points most 
of the damage from lightning is in insulator breakages 
but where the line reactance is not sufficient to prevent 
flow of heavy dynamic current, at the time of discharge, 
the conductor is often fused, allowing the line to fall. 
It is recommended that arresters be distributed along 
the line at not more than two mile intervals and that 
near generating stations the three arresters of a group 
be mounted on successive poles and provided with 
independent ground connections. 

“Corona in Air Spaces in a Dielectric” is the title of 
a paper presented in the September 1922 issue of the 
Journal by Mr. J. E. Shrader. 

This paper deals with the investigation of the foraia- 
tion of corona in air spaces in various dielectric mate¬ 
rials, with air spaces excluded as much as possible and 
also with air spaces of definite thicknesses, extent and 
location at atmospheric pressure. The author shows 
the results of this investigation by curves and the 
variation of power factor with potential gradient. The 
conclusion drawn is that the potential gradient to pro¬ 
duce corona depends on the thickness of the air space 
and also upon its extent. 

In the same issue of the Journal, was an article on 
“The Action and Effect of Moisture in a Dielectric 
Field” by Mr. Delafield Du Bois. 

In order to get a picture of the action of moisture in a 
dielectric field the author has assumed a simple hypo¬ 
thetical case and attempts to follow it to its logical 
conclusion. A pure dielectric of a homogeneous and 
plastic nature between parallel electrodes and subject 
to electric stress is assumed. A very small globule of 
conducting moisture is then assumed to be placed in 
the dielectric and its action analyzed under constant 
potential stress and alternating stress. 

Following up the analysis the author finds that such 
a dielectric containing particles of moisture would show 
absorption and residual charge and many other charac¬ 
teristics of actual insulation. It is also found that 
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certain unusual test data, obtained while testing cables, 
could be explained in accordance with his analysis. 

E. B. Meyer, Chairman. 

REPORT OF THE LIGHTING AND 
ILLUMINATION COMMITTEE 

To the Board of Directors: 

Following the established practise, the first part of 
the Committee’s report reviews the year’s activities of 
the Committee, while the latter part is devoted to the 
progress of the art. 


increasing interest on the part of the readers of the 
Journal. Mr. W. M. Skiff has taken charge of col¬ 
lecting the material for this purpose, and he has been 
assisted in this connection by various members of the 
Committee. In the twelve numbers of the Journal, 
including that of May 1923, fifty columns of articles 
have appeared. Ample material has been maintained 
on hand at the General Office. In addition, many 
shorter articles have been placed at the disposal of the 
Editor for use as fillers. 

Lighting Progress 

There has been a considerable revival of interest in 


Committee Activities 

In the organization meeting held October 19th, 1922, 
plans for the year were outlined and the work of the 
Committee assigned to individual members. 

In the second meeting held on February 14th, 1923, 
the progress of the work was approved, and the possi¬ 
bility of starting new activities discussed. Prof. Scott 
pointed out the desirability of encouraging further 
publicity along the line represented by Illumination 
Items. At the request of the Committee, he is looking 
into the question with the view of recommending ac¬ 
tivity on the part of the Committee. 

The leading established activities of the Committee 
are the arrangement for convention papers and the 
department of Illumination Items, contributed to the 
Journal of the American Institute of Electrical 


lighting growing more and more apparent since the 
fia^t of the calendar year. Many new installations are 
being made and old ones are being revamped, these 
changes being accompanied with a tendency toward 
higher standards of illumination. 

Perhaps the best numerical indication of lighting 
activity is the relative sale of incandescent lamps. The 
year 1921 recorded a slump of about 20 per cent in the 
number of so-called “large” incandescent lamps sold, 
as compared with 1920. 

The figures for 1922 show a full recovery. While the 
number of lamps sold, viz.: 203,000,000 is slightly less 
than in 1920, the total wattage and lumen capacity is 
higher. 

The relative, quantities of large lamps sold for the 
last three years are as follows: 

Yeax 


Engineers. 

Convention Papers. Dr. Shackelford, with the assist¬ 
ance, of other members, has taken charge of the Com¬ 
mittee’s work in supplying suitable papers for conven¬ 
tions* The interest of the Association membership in 
lighting is such that it seemed desirable to provide 
papers of broad general interest rather than those 
appealing particularly to specialists. Likewise, it has 
seemed preferable to present a small number of papers 
at each convention rather than grouping a larger num¬ 
ber less frequently, and such a plan has been followed by 

the Committee. mi. 

At the Pittsburgh convention, a paper on Theatre 
Lighting by Messrs. Mott and Jones was presented. A 
paper on Incandescent Lamp Quality by Messrs. J. W. 
Howell and H. Schroeder is arranged for the June con¬ 
vention. . . - 

Negotiations are well under way with a number of 
authors for papers ranging from street lighting to rail¬ 
way signal lighting. These wiU be available for next 
year’s committee, and are likely to provide for all the 
convention time available to this phase of the Associa¬ 
tion’s activities. . . , . . . . 

lllumvnoiti&n Items. Last year s Committee imtiated 
the plan of contributing a section to the Journal mude 
up of short articles on timely topics, pr^ented in a fprin 
to interest engineers who. do not specialize oh lighting.. 
This department has been continued during the past 
year and tiie inquiries received seem to indicate an 


1920 1921 1922 

Relative number of moandescent lamps, .... 100 78.6 97.5 

Relative total lumens or candle-power...... 100 86.6 118. 

Relativetotalwatts. • 100 81. 102.6 

In addition to the large lamps, about 85,000,000 
miniature lamps were sold in 1922. 

lUuminants. There was considerable development m 
manufacturing methods and ingenious machinery for 
incandescent lamps, which, among oither things, make 
for simplicity and flexibility in meeting ch^ges in de¬ 
mand. Along with these improvements, it has been 
found more practicable to make tipless lamps and some 
types are being changed to this form. 

The specifications for incandescent tops have been 
changed to average lumens throughout life. Since lamp 
quality is independent of rating, this provides a measure 
of excellence, which is universally applicable, and th^e- 

fore, is a strong influence toward the production of 

better lamps. * , t 

Slight changes have been made in the larger sizes of 

sign tops to increase the end-on candle power. 

There has also been some development in the appl^ 
cation of tints and colors to lamps by the coating with 
rtoctory mabrial forming a diffusing surface. 

A numbet of 30 , 000 -watt mcandescent tops_were 

made and used for exptoentai purp^ Th^® 
demonstrated the practicability of bml Jng _ much 
higher power tops than at present, but in the absence 
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of a sufficient demand, they are not being commercial¬ 
ized at the present time. 

Arc lamps are still being used to quite an extent in 
street lighting, especially for the “white way” lighting 
and some improvement has been made in electrodes 
and in light controlling equipment, resulting in in¬ 
creased effectiveness. 

There has been considerable experimentation along 
various lines of so-called gaseous conductor illuminants, 
although no predominating practicable development has 
been reported. 

Lamp EqwipTnmt. The term “luminaire” as a 
broad designation for a lighting fixture or lighting unit 
was mentioned in last year’s report. It has been 
approved by a number of electrical groups and is re¬ 
ceiving considerable use. It is still too new to tell 
whether or not it will ultimately predominate in this 
country. Reports from Europe indicate that it is 
looked upon with favor there, and so has the possibility 
of world-wide adoption. 

A considerable number of new equipments have been 
developed and put on the market. Few of these -em¬ 
body radical changes or new lighting principles. 

A new type of industrial unit consists of a combina¬ 
tion of diffusing globe with a steel reflector. This unit 
gives excellent diffusion, minimizes glare and has a 
relatively high utilization of light. The enclosing globe 
not only permits the use of clear bulb lamps, but also 
minimizes dust accumulation and facilitates cleaning. 
While its higher cost may prevent its application to as 
broad a field as the RLM reflector, its merit seems likely 
to assure wide use in the better classes of installations. 
This luminaire is being furnished by several manu¬ 
facturers under the trade-name of “Glassteel.” 

Several new forms of prismatic reflectors have been 
developed. 

The tendency toward the use of squat globes having 
a large diameter compared to the depth, seems to be 
extending rapidly, a number of new makeshaving been 
brought out. 

The luminaires having imitation candles or other¬ 
wise employing diffusing round bulb lamps, are still 
being shown prominently for home lighting. Quite a 
variety of supplementary glassware is being presented 
to further diffuse the light of such equipment. Where 
this glassware is applied, it is quite practicable to use 
clear bulb regular lamps and thus save the additional 
cost of the somewhat special round bulbs. 

The portable floor and table lamps are finding con¬ 
siderable use in home lighting and, to some extent, are 
being applied in other classes of artistic lighting. The 
indirect and semi-indirect types of portables are 
being utilized in rapidly increasing numbers. 

Some of the recent developments in glassware and 
shades indicate a growing interest in tinted light. 

Street lighting practise indicates the growing popu¬ 
larity of the ornamental types having single light pole 
top lanterns. Where formerly the use of such equip¬ 


ment was more or less limited to so-called white-way 
districts, they are today being used throughout the 
cities and notably in residence sections. The four and 
fiive light ornamental standards which were so popular 
a few years ago, are in many instances being changed 
over to the single light arrangement, some manufac¬ 
ture^ having developed parts to facilitate the trans¬ 
formation. For highway lighting, in addition to the 
unit reported last year, at least two new equipments 
have since been developed. A rapidly growing demand 
has been reported. 

To facilitate the selection of street lighting units, 
several manufacturers have made extensive installations 
of various ornamental equipments from which an 
excellent idea of appearance may be obtained, either 
lighted at night or cold in the daytime. 

A number of developments are being made to increase 
the flexibility of control of electric lighting circuits, 
these include mercury switches for distant operation and 
carrier-current control. 

Practise. The practise in lighting is still advancing 
rapidly toward higher illumination levels and better 
diffusion, with the result that effectiveness of illumina¬ 
tion is being more harmoniously combined with arti.s- 
tic effects. Each advance suggests greatei* po.ssibili- 
ties of the future. 

School lighting is still one of the active fields. While 
most of the new installations represent acHieptable 
practise, there is still a need of revamping of most of 
the older installations in the intere.st of conserving the 
eyesight of pupils, especially during evening sessions. 

More interest in improved home lighting ha.s been 
shown during the past year than ever before. 

Store lighting is always a leader in practise, due to 
its close relation to profitable merchandising. During 
the year, attention has largely centered around the 
show window. Investigations reported have .shown, 
by actual statistics, the increased drawing power of 
brightly lighted windows and of colored light. It has 
also been shown that higher intensities than previously 
used are effective in overcoming the distraction 
of external reflections in window glass, both by day 
and by night. The new practises are making 
liberal use of color and spotlight effects, used much as 
they are applied in theatrical stage lighting. 

The year has witnessed considerable activity in 
theatre lighting and art gallery lighting, both of which 
have been subjects of papers and reports. Rather 
novel lighting effects were employed by a German Opera 
Company which toured the eastern part of the country 
during the past season. Most of the equipment em¬ 
ployed is not applicable to the conditions existing in the 
United States, although certain features are of con¬ 
siderable interest. 

Surveys of industrial lighting practise have been 
reported, including food industries, laundries, textile 
mills, etc. 

The United States Public Health Service has eon- 
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an invp.stiKation of lighting conditions in the 
post ol!i(H‘s. Itfsults have been reported in the tech¬ 
nical prt‘ss and elsewhere, 'rhey indicate that the 
stamlartls now in use are considerably below those 
necessary for welfare and economy of operation. 

The .sign lighting field lias betm stimulated quite re- 
marhalily tluring the past year and a number of 
stupendous signs, involving rather novel feature.s, 
have bi*en erected. Tlu* power requirements of these 
are especially lu»avy in t he lirightly ligbt<*d rm.'tropolitan 
areas, due to the rat her large lanqjs necessary to pro¬ 
duce a conspi<’uous elleet. Some of t he signs represent 
light ing loads equivalent to thoj^e of town.s of iine or 
I wo thousaml jiopulation. 

|)ue to tiata presented on tin* relation of wall finishes 
to lighting i‘tf4H’ts. u numltt‘r of t he paint manufact urers 
have actively taken up t lie problem of iiuinting f<»r light 
and .are promoting reeiait improvements. 

StnH't lighting is still receiving consitlerable at tim- 
fion. The mount ing number of trallie accidents is 
evidence »»f the need of litdter illumination, whik‘ the 
value of improvi'd apiH’aranci' is f»*(ti‘r atipreciated, 
lltglmuy lighting has been 4*.\iendetl willi reniarkahl(‘ 
nipidity. It is making night driving on interurhan 
liighwny.s safer and more convenu‘nt. Where travt l 
is heavy, heaflliglits ahme are not entirely a<l«*tpiate. 

,Many s|s*eia} applieutioiiH have shown incr<‘used 
activity, among these may be mentioned railway sig¬ 
naling and aerial navigation. 

Kor quite u number of years, horticulturists have 
f^vinceil eonHidemble interest in the application of 


taken in each of the states represented in the con¬ 
ference of motor vehicle administrators. • 

Committees of the Illuminating Engineering Society 
are revising the School Lighting Code put out in 1918 
by that organization. A sectional committee is being 
organized under a joint sponsorship of the American 
Institute of Architects and the Illuminating Engi¬ 
neering Society to consider establishing the School 
Tiighting Code as an American Engineering Standard. 

Another lighting project which is active in the 
American Engineering Standards Committee is that 
of colored signal lights for traffic and other purposes. 
A (conference of all interested groups, which was held 
last summer, showed a strong demand for such action. 

The world standardization of incandescent lamp 
liases was the subject of extensive discussion at the 
recent meeting of the Electrotechnical Commission held 
a1,G(*nevu. The t.endency seems to be toward the adop- 
I ion of the Edison base, which has been known abroad 
as the American base. The changes involved are 
princiiially with regard to details of screw threads of 
hot h lainj) buses and .sockets. 

'rh«‘ meteting of the International Commission on 
lUuminution is scheduled to be held in the United States 
in 1H24. Preliminary plans have been made, although 
urningemenls have been somewhat delayed by the 
u nset tied conditions abroad. 

Edueution. lighting education is playing an im¬ 
portant part in the “Electrify" movement of the Joint 
(Committee of the electrical industry, to inform the 
American Public regarding the advantages of electric 
.service. In connection with this movement, a rather 


jtriJtuial light to the contml of filant growth. A.s the 
result of Him* inveHligations, the art appears to be 
appriiiu'bing u practical state. A very comprehensive 
and elaborati? project is nearing completion. An 
(•?qii*rimenlal laboratory has liwn so designed that fac¬ 
tors, such as i«*mf»eraturt', moisture and carbon dioxide 
contents, as well m the artifieml lighting, can be ac¬ 
cural ely coniroltel. In this instance, it will be poasible 
to obtain higher intensities of artificial light over rela- 
tividy large iireas, than ever before userl. 

CmhH and Standards, I^t year mention was made 
of the adoption of the Illuminating Engineering 
Hticiely’s Industrial Lighting Code as an American 
Engineering Standard. Since then the Motor Vehicle 
Ughting Code and the System of Nomenclature and 
Photometric Standaitls have been similarly approved. 

The State of Massachusette determined to set about 
enforcing the motor vehicle rule that tail lights must be 
such as to render re^tration plate numerals visible at 
m feet, An in vestiipition reveled that practically none 
of the equipment in use vms complying. At the re¬ 
quest of state officials, a joint committee of the Illumi¬ 
nating Engineering Society and the Society of Auto¬ 
motive Engineers formwkted specifications. The en¬ 
forcement in Massachusetts started January 1, 1923, 
and it b imetorstood that similia* action is being under- 


comprehensive book on incandescent lighting practise 
has been issued. 

The Lighting Sales Bureau of the National Electric 
Light Association has felt the need of more trained 
illuminating engineers in the employ of central station 
companies. A committee has been organized to en¬ 
courage the employment of such engineers and provide, 
in cooperation with the Illuminating Engineering 
Society, for a suitable training course. 

The Chicago Section of the Illuminating Engineering 
Society, in cooperation with the Armour Institute and 
the architectural societies, conducted a course on light¬ 
ing for architects in Chicago and the Illuminating 
Engineering Society has organized a general committee 
to encourage and guide similar activities elsewhere; 
This committee has outlined courses for architects and 

contractors. . 

To educate school children in the correct use of the 
eyes, field representatives of the Eyesight Conservation 
Council of America have been giving illustrated talks 
in the grade and other schools in various sections <)f the 
country. The relation of lighting to eye protection is 

being stressed. ^ . . 

Evidence is plentiful of the expanding public mt^est 
in better lighting. Not the least of this is the insistent 
demands upon the few lighting service departments for 
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demonstrations and lectures. These requirements are 
taxing the capacity of the limited number of illuminating 
engineers available. The demonstration method of 
creating interest and giving instruction has proved its 
value. 

One manufacturers' organization has been very 
successful in impressing the principles of good lighting 
by means of dialogues depicting their application to 
particular situations. 

All in all, the year may be characterized as one of 
healthily increasing progress. 

G. H. Stickney, Chairman. 


REPORT OF THE POWER STATIONS 

COMMITTEE 

To the Board of Directors: 

Scope of the Committee 

“The duties of the technical committees" having 
been defined by the Secretary of the Institute as “the 
promotion and coordination of Institute activity in their 
respective field," the scope of the Power Stations Com¬ 
mittee has comprehended four main activities: 

First. Routine analsrsis and recommendation of 
papers submitted by the Meetings and Papers Com¬ 
mittee. 

Second. Securing of papers on subjects related to 
the cjpmmittee’s jurisdiction for publication in the 
A. 1. E. E. Journal. 

Third. Special research investigation with reports 
and papers resulting therefrom. 

Fourth. Resume of the year’s progress on power 
station work. 

Accomplishment 

During the past year the first activity has been car¬ 
ried out as occasions presented. As to the second, 
various papers have been secured on the initiative of 
the committee. As to special research work, of the 
various suggestions made it has been found that only 
a few could be favorably considered at the present time, 
although it is believed that this work of the committee 
will in future years bring substantial results to the 
Institute and its membership. 

Emphasizing the point-raised in last year’s report of 
this committee, that A. I. E. E. committees should deal 
rather with the scientific and technical aspects of prob¬ 
lems, while leaving to other national societies, like the 
National Electric Light Association, American Elec¬ 
tric Railway Association and the Association of Edison 
Illuminating Companies, new developments and their 
application, it is believed that much greater benefit to 
the Institute and its membership may be secured 
through the agency of this committee if it may receive 
from the membership at large suggestions covering 

(a) desirable papers for presenta,tion to the Institute, 

(b) special lines of technical research such as might be 
carried out most readily in specially equipped labora¬ 
tories, (c) test results or (d) information best procur¬ 


able from operating power stations. Should such 
suggestions through inadvertance cover subjects more 
properly handled through other societies’ committees, 
there is provided through the Committee on Coordina¬ 
tion a medium for the proper allocation of the work, at 
the same time affording to all Institute membership 
an opportunity to secure assistance posMbly unavailable 
without such freedom of suggestion. In like manner 
the related committees of the other societies have 
arranged to refer to the Power Stations Committee 
problems requiring special technical or scientific 
treatment. 

Resume of the Year’s Progress in Power Station 

Work 

It is scarcely possible to attempt to review power 
station progress without trenching upon ground covered 
by the 1923 reports of the Electrical Apparatus and 
Prime Movers Committees of the N. E. L. A. and the 
Power Generation Committee of the A. E. R. A. to 
which particular reference is made for a wealth of 
information and detail. Certain points, however, will 
be emphasized here. 

Temperature Indicators 

Temperature indicators installed for many years 
back have been of the resistance coil or thermocouple 
t 3 ^e, arranged for occasional use or at periodic inter¬ 
vals. Later switchboard type instruments for indi¬ 
cating temperatures were used in many stations, but 
recently an insistent demand for an accurate curve 
drawing instrument has been met and many are now 
in operation both on steam and water wheel driven 
units. Troubles of various sorts with the detecting 
coils or couples appear to have been largely overcome 
by more careful and substantial construction and 
stronger armor particularly at lead exits. 

Temperature Standards 

Papers and discussions presented at last year’s 
A. I. E. E. Convention as a result of cooperative tests 
by manufacturers and operators on various large 
generators presage an early revision of existing stand¬ 
ards so that the present maximum temperature of 150 
deg. cent, for class B insulation will be reduced to 125 
deg. cent, and a single type detector standardized con¬ 
sisting of a twenty inch resistance coil instead of the 
present choice between coil and couple. In case of 
turbine generators this seems likely to be accompanied 
by a change in design employing radial ventilation. 

Turbine Generator Units 

For the past two years very complete analyses of 
the performance of the seventy odd largest steam 
turbines units have been made by which both users and 
manufacturers of turbines and generators, alike, have 
benefited through elimination of defects shown to be 
inherent, and through improvement in design for future 
construction. 

The advance in the size of generators is notable in 
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those being produced for the Hudson Street Station of 
the Brooklyn Edison Company and the Crawford Ave¬ 
nue Station of the Commonwealth Edison Company 
having a capacity of 62,500 kv-a. at 80 per cent power 
factor. While not immediately affecting generator 
design or characteristics, it is not improbable that the 
present tendency toward higher steam pressures and 
superheats, and suggestions looking toward furnaces 
in which refractory material is substantially replaced 
by water tube surfaces, may bring about a unit type of 
power station from the boiler to the bus which will have 
material influence on generator design. For several 
new stations main turbines are under construction for 
operating pressures of 550 pounds per square inch and 
total temperatures of 725 deg. fahr., and smaller trial 
turbines are being built for pressures of 1000 to 1200 
pounds. 

The lubrication of steam turbine generator units has 
long been a source of anxiety to many of the most 
careful operators. Until recently the subject has not 
been approached in the spirit of scientific analysis 
which its importance warranted. Within the past year 
through the agency of the Prime Movers Committee 
of the N. E. L. A. arrangements have been perfected 
in cooperation with the representatives of the Bureau 
of Standards, manufacturers of lubricating oil, and the 
turbine builders whereby a tentative set of specifica¬ 
tions previously drafted will be tested by oils taken from 
many of the most important units in the country to 
determine whether these specifications impose all the 
necessary and sufficient conditions for purchase. It 
is believed that this step marks a distinct advance in the 
state of the art and will produce information of perma¬ 
nent scientific value for power stations. 

Water Wheel Generators 

The race for size is close between the water wheel 
and the turbine driven type; the year sees the construc¬ 
tion of both types in the gigantic capacity of 65,000 
kv-a. and voltages around 12,000. In the case of the 
Niagara Falls Power Company's machines guarantees 
for generator efficiencies have reached the remarkable 
figure of over 98 per cent s6 that in combination with 
their transformers an efficiency of 97 per cent is ob¬ 
tained. This installation is noteworthy, among many 
other features, in suspending with the added weight of 
the water wheel from a single Kingsbury bearing 69 
inches in* diameter a total weight of over 1,100,000 
pounds; there is further interesting provision in the case 
of each main unit for mounting an auxifiary a-c. 
generator on the shaft to supply power to an auxiliary 
bus from which through a motor generator set excita¬ 
tion to the main unit is secured. 

Fly Wheel Epttbct in Water Wheel Driven a-o^ 

Generatcois ; ^ 

In the application of the a-c. generators for water 
wheel drive, the flywheel effect (TF R^) required for 
speed regulation or oth^ reasons is an important factor 


in the first cost of the generating equipment. As it is 
important to keep the initial investment in a hydro¬ 
electric installation to a minimum, a more general 
appreciation of the effect of W on the initial cost will 
be beneficial to the industry, particularly in the case of 
moderate and small capacity low head propositions. 

Standard designs provide a value of W R- which 
general experience has proved satisfactory. By vari¬ 
ous means, involving either the addition of weight to 
the generator rotor, the use of flywheels or possibly a 
combination of both practically any requirement within 
reason can be met, but the investment is correspondingly 
increased, not only due to the increased cost of materials 
entering into the unit but also due to the special d^ign 
involved. 

The value of flywheel effect required in a water wheel 
generator installation is primarily a question of appli¬ 
cation and not one of generator design. The generator 
design, however, is affected. A study of the applica¬ 
tion involves a knowledge of the hydraulic setting, the 
electrical system layout, number and size of units, ratio 
of actual load fluctuations to size of system and the 
service expected of the generator. With these factors 
in mind the value of flywheel effect needed or the effect¬ 
iveness of the value recommended by either the genera¬ 
tor manufacturer or the water wheel builder can be 
determined. Such an analysis is particularly pertinent 
to the moderate capacity open flume setting where it is 
primarily a question of speed regulation, and the matter 
of stresses in penstocks or wheel casings are not con¬ 
trolling, as in such cases it is often found that the 
operating condition of from 10 to 30 po* cent load change 
rather than the 100 per cent load change, which common 
practise takes as the basis for guarantees on speed regu¬ 
lation, a difference of from 1 to 1^ per cent in speed 
regulation will often show from 6 to 15 per cent saving 
in cost in the generating unit. 

It is recommended that this matter receive more 
generally the consideration that experience warrants 
should be given to it, as by so doing it will clarify what 
is often a more or less obscure factor, but one that is 
always involved in hydroelectric applications. 

Small Alternating-Current Vertical Water 
wheel Generators 

In the past few years the smaller isolated, automatic, 
low head hydroelectric station has become of increasing 
importance, as it offers an economic and cheap means of 
developing the country’s water power in many parts of 
the country . Also in some locations the largOT develop¬ 
ments have been made, but there still renaains a large 

number of small developments awaiting suitable equip¬ 
ment for ah economical utilization of the pow^. 
Many of these smaller developments are located close 
■ to load centers and, therefore^ tend to more economi^d 
dev^opment thah the larger water powers located; 
at distant points high cost, ofi 

transmission. 
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The vertical unit has established itself as the most 
practical arrangement for the small and moderate- 
capacity low-head hydroelectric plant. Very definite 
requirements are placed on the generator for these 
installations. It must be economical in first cost and 
performance, of design proportions and arrangements 
to fit the modern hydraulic setting, and it must have 
the same factor of safety in design and reliability in 
operation required of the larger units. 

Complete lines of such small vertical water wheel 
generators have been designed. 

Fire Fighting 

The occurrence of frequent generator fires in past 
years led many companies to install apparatus for 
fighting fires, either by water or by steam, with pro¬ 
vision or more recent machines whereby automatic 
differential relay apparatus as installed for the purpose 
of protection against internal grounds or short circuits 
by opening armature field circuit breakers could also 
be made to shut off any outside supply of air and if 
desired trip the turbine throttle. Within the year by 
concurrence between the Fire Underwriters Electrical 
Bureau and representatives of the N. E. L. A. the first 
steps have been taken toward the establishment of any 
definite requirements. The present general recommen¬ 
dations are included in the 1923 report of the N. E. L. 
A. Electric Apparatus Committee. 

Closed Ventilation Sysiems for Generators 

During the past year several companies, notably 
those at Hartford and St. Louis, have conducted ex¬ 
tensive tests on the injection of inert gas into a closed 
circuit system for smothering incipient fires, the gases 
used being carbon dioxide and nitrogen, with preference 
at present lying in favor of the former. The earlier 
closed systems used air coolers of the spray type and 
so satisfactory has been the performance that one 
important company has decided in future installations 
to abandon the use of louvres or doors by which the 
closed system could at will be converted into one of 
straight-through ventilation. 

The outstanding progress of the yOar in this field has 
been the successful operation for several months in the 
Amsterdam Station of the Adirondack Power and Light 
Company, as well as several instances abroad for even 
a longer time, of the so-called radiator- or surface-con- 
denser type of air cooler, where cooling water passing 
through what is practically a surface condenser absorbs 
the heat of the generator air; multiple metal disks or 
fins of about J4-in. radial depth to the tube and spaced 
from 5 to 11 to the inch afford a heat transfer sufficiently 
great to prevent the cost of the apparatus becoming 
prohibitive. A further advantage is found in the hang¬ 
ing of the condenser units directly below the generators 
so as to reduce to a minimum the volume of enclosed 
air with the consequent diminution of the risk of entire 
combustion of windings in case of fire, and concomitant 
ease and economy of fighting with inert gas the fire 


when once started. Many other installations are either 
under course of construction or consideration. 

Generator Voltage Regulator 

When a station is on hand operation, the field is 
manipulated to keep a constant alternating-current 
voltage, and the exciter is kept at a constant voltage. 
Therefore, if a regulator operated this rheostat through 
the medium of a motor, the station would function the 
same as if it were on hand operation. 

Heretofore, the difficulty with a regulator that oper¬ 
ated the field rheostat directly has been sluggishness 
and the inability to prevent hunting when the rheostat 
was operated at a high speed due to the inertia of the 
moving parts. These difficulties have been overcome 
and rheostatic type of regulator has been in service for 
over twelve months in a large steam power station. 

It is often desirable to operate a ssmchronous con¬ 
denser used for voltage control at the end of a trans¬ 
mission line, over a wide range of lagging and leading, 
kv-a. In order that the condenser may take a heavy 
lagging current from the line, it is necessary that its 
field current be reduced to very low values. This low 
current in turn requires that the voltage across the 
collector rings of the condenser be reduced to, in some 
cases, as low as 3 or 4 volts. 

The standard broad range vibrating regulator (al¬ 
ternating-current control type) is able to control the 
exciter voltage down to a point approximately the 
residual voltage of the machine. If an attempt is made 
to lower the exciter voltage still farther, the regulator 
contact remain open permanently, thus inserting the 
entire rheostat in the exciter shunt field, but the exci¬ 
ter voltage, of course, cannot drop below that corres¬ 
ponding to residual. This residual voltage is, in 
general, many times that required across the condenser 
collector rings under maximum lagging conditions. 

A special broad range regulator has been developed 
which is capable of working over the wide range re¬ 
quired, consisting of a combination of the standard 
vibrating regulator, which operates on the exciter 
rheostat, and a motor operated rheostatic regulator 
which operates on the main field circuit of the condenser. 

In the Hell Gate Station in New York, all main 
generating units are designed with direct-connected 
exciters. In order that stable exciter operation can be 
assured or at least the possibility of unstable.operation 
reduced to a minimum, the exciter is operated through¬ 
out its stable voltage range and resistance inserted in 
the generator field for low voltages. This is accom¬ 
plished by a unique combination of exciter and genera¬ 
tor field rheostats. The rheostat face plate is divided 
into three sections. The first thirty-eight steps opera¬ 
ting in the exciter field rheostat bring the exciter voltage 
to a predetermined minimum stable operating condi¬ 
tion. From this point or over the middle section, the 
generator rheostat is in operation, and as soon as the 
generator rheostat is cut out, the exciter voltage is 
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a change in voltage to 220,000 volts, in order to handel 
the increased power from Big Creek to the Los Angeles 
districts. The only equipment necessary to make this 
change has been additional insulator units with strings 
equipped with static shields and auto-transformers to 
step up from 150,000 to 220,000 volts. The transform¬ 
ers will have graded insulation and will be considered 
as part of the transmission system, there being no 
breakers on the high-tension side. 

Synchronous Condensers 

In connection with large distribution systems, the 
importance of good regulation through control of 
power factor is well recognized. For this purpose, 
synchronous condensers have come into general use on 
long transmission lines; well over 150,000 kv-a. in units 
of from 10,000 to 30,000 kv-a. capacity, have been 
installed in the immediate past by three Pacific Coast 
companies alone; the use of all sizes, however, down to 
as low as 50 kv-a. is rapidly extending. 

All synchronous condensers of modern design are 
arranged for a-c. self starting. On units of 5000 kv-a. 
and above, considerable saving can be realized by 
introducing oil pressure into the bearings before stat¬ 
ing so as to lift the rotor in the journals. In addition 
to the saving in size of starting auto transformers the 
power demand upon the system is materially lessened 
which may be very desirable with limited generating 
capacity. 

AUTOIiIATIC EvjUIPMENT 

The installation of automatic hydroelectric power 
stations has been signalized the past year by the 
operation of the Searsburg, Vt, station of the New 
England Power Company with a generator of 5000 
kv-a., the largest unit in such service. This station is 
completely automatic including operation of hydraulic 
governors, and is more completely described in articles 

included in the bibliography. 

Further tendencies in this direction are shown by the 
equipping by the Southern Power Company of some of 
their larger generators, normally manually operated, 
with automatic attachments so that the moving of a 
single switch by the operator serves for a complete shut 
down of the unit and its auxiliaries. Further possi¬ 
bilities for the power station have been developed during 
the year in the installation by the Alabama Power Com¬ 
pany of automatic switch closing devices by which the 
circuit breaker is closed several times in predetermined 
cyclic succession after the initial opening of the circuit 
for whatever cause. 

Switches and Circuit Breakers 

« 

The year has seen developed for both manufacturers 
and operators decided.preference for the ^"dead" type 
of circuit breaker which is now standardized for the 
newer and heavier duty apparatus. Previously in¬ 
accuracy was the bane of the bushing-type current 
transformer, but the New Hudson Avenue Station of 


the Brooklyn Edison Company is installing on its 
circuit breakers bushing-type transformers designed to 
be accurate for both operating and metering purposes. 

The truck type of circuit breaker for both power house 
and substation has seen notable progress during the 
year in power house installation, as well as the allied 
type—also to be installed in the new Brooklyn Station— 
by which the tank, cover and auxiliary mechanism are 
first lowered so as to disconnect from the bus or feeder, 
rendering the parts innocuous for inspection or repairs 
and obviating the use of disconnecting switches. 

Bus Structure 

The outstanding development in recent bus and cell 
structure construction has been isolated phases which 
were brought about a year ago in the Hell Gate and 
Calumet Stations with segregations effected in each by 
horizontal arrangement of the three phases, whereas 
during the year installations have been made with 
vertical phase separation in the Cahokia Station of the 
St. Louis Company, the Hudson Avenue Station of the 
Brooklyn Edison Company, and in additions to the 
switching equipment at the Westport Station in Balti¬ 
more, 0 Street Station of the Boston Elevated, and the 
South Street Station of the Narragansett Electric 
Lighting Co. in Providence. 

Reactors 

No outstanding developments have taken place other 
than a realization by manufacturers and operators alike 
that further increases in staunchness and arcing dis¬ 
tances must be provided to secure necessary reliability 
of service; the more recent designs incorporate such 
improvements. 

Disconnecting Switches 

Aside from designs improved for more staunchness 
and greater margin of safety for current-carrying 
capacity as a result of tests which demonstrated a year 
or more ago the inadequacy of the existing designs, the 
chief advance has been the development of improved 
types of mechanical interlocks of disconnecting switches 
and their associated circuit breakers. 

Benchboards ■ 

For the first time benchboards have been constructed 
of metal instead of slate or stone previously used; with 
the tendency in large stations for only low voltage con¬ 
trol on the board itself, metal construction affords 
obvious advantages. 

Terminal Rooms 

While used in some stations for many years, there has 
only very recently developed a general tendency to pro¬ 
vide a terminal room for all control cable and wires 
reaching to the switchboard so that utmost flexibility, 
ease and dispatch may be afforded for inspection and 
repair or replacement of any necessary parts. This 
appears to be a development of real importance for 
future power houses of major size. 
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Lightning Arresters 

For power station use as well as substation a new type 
of arrester is offered called the Autovalve Type con¬ 
sisting of a gap backed by columns of disklike con¬ 
ducting material with intervening strips of mica and 
functioning by ready discharge of current at over-volt¬ 
age but arresting a subsequent dynamic flow. 

Ventilation 


mittee of the A. I. E. E. is ex-officio chairman of the 
Committee on Coordination. 

During the year it became evident that the work of 
the committee would be gi’eatly furthered if there 
should be a representative on it from the American 
Society of Mechanical Engineers, and by the authority 
of the President of the A. I. E. E., the Chaiiman of the 
Power Stations Committee was instructed to present 
this matter to the officials of the A. S. M. E., who have 


The subject of ventilation has received during the 
year special treatment in the reports of the Prime 
Movers and Electric Apparatus Committee of the N. E. 
L. A. to which reference is made for considerable data 
emphasizing the importance of the subject for future 
power house design, especially where it is desirable to 
utilize all air flow in the furtherance of better economy 
in station heat balance. It would appear that this 
subject has received in the past very inadequate atten¬ 
tion and largely by reason of the many inherent diffi¬ 
culties. Much research work appears to be in order. 


Illumination of Power Stations 
During the year a movement has been started through 
the agency of the Electric Apparatus Committee of the 
N. E. L, A. and the Society of Illuminating Engineers 
for a careful and much needed study of the subject, and 
reports of value may be expected in the near future. 

Radio 

The increasing use of transmission of intelligence by 
radio by power companies for inter-commiinication 
between power stations and out districts, and for general 
purposes of load-dispatching has led to the opinion 
among many engineers that future system^mter-com- 
munication will be entirely accomplished by this means, 
particularly in view of the progress that has beemmade 
through carrier service on transmission lines.^ At tne 
same time the United States Government relations at 
present existing impose hindrances and possible embar¬ 
rassments that merit attention on the part of power 
stations contemplating the use of such service. 

Committee on Coordination 
Last year’s report referred to ttie organization of fte 
Committee on Coordination which has functioned this 
year through two meetings and requisite eonespond- 
ence. The chief usefulness of such a committee con- 
asts in its ability to function upon occ^on on tfe 
initiative of some of its repeated member ^ete 
and it wiU probably not originate ^vities, at least, 

as long as its status remains unofficial. 

The* personnel of the Comnuttee on Coortotion 
until otherwise determined consists of the chairman 

of to r^ve national societies-co^d^ 
sented and not of certain mdmdu^. ^ ^ 

helpful step toward justifying its rmm detre com- 
mite m^bCTS exchangeminutes of their 
national committees with any necessa^ ^rres^^^ 
ence The Cihairman of to Power Stations Com- 


appointed as their representative the Chairman of their 
I^ofessional Division. 

The present membership of the Committee on Co¬ 
ordination is made up of the following Committee 
Chairmen: 

American Society of Mechanical Engineers, Pro¬ 
fessional Division 

Association of Edison Illuminating Companies, 
Turbines and Generators 

American Electric Railway Association, Power 
Generation 

National Electric Light Association, Electrical Ap¬ 
paratus 

National Electric Light Association, Prime Movers 
American Institute of Electrical Engineers, Electrical 

Machinery ^ x 

American Institute of Electrical Engineers, Protect¬ 
ive Devices . _ 

American Institute of Electrical Engineers, Power 

Stations (Chairman) ' ‘ 

The Committee is endeavoring at present to arnve 
at agreement by the represented societies on a defei- 
tion, suitable for all occasions, of the term Net 

Generator Output.” , ^ j- +i 

The Committee has also used its good offices dir^tly 
and through the represented memberships to have 
taken under further review the tentetiye re.^atmns 
proposed by a Subcommittee of the National Bo^d o 
Fire Underwriters for the Installation or Use of 
verized Coal Systems, to the end that the state of ^e 
art particularly as affecting power stations, might 
^p^moted toher than retarded by to premt^ 
adoption of regulations unnecesaanly drastic in the 
light of sdentifle knowledge, technical experience, and 
operating requirements. 

Appendix 

Importwt ArtidM on Power Station 

iTo AMoared in American and Foreign Teehmoal Jonmata. 

A—Station Design AND Opbeation „ 

•■The Quality of Hydro^tri” loa 

better than that adored by w B. Banhan. 

these hazards. 
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“Utilization of Surplus Flood Water to Suppress Backwater 
upon Water Power Developments” by Floyd A. Nagler. General 
Electric Review, October 1922. The author discusses the use of 
surplus head water to suppress the backwater by the production 
of a more or less imperfect form of hydraulic jump. 

“Operating Pilot Board and Load Dispatching System of the 
New York Edison Company” by W. Hi Lawrence. General 
Electric Review, March 1923. A rather detailed discussion of a 
very large and complicated load dispatching boai’d system. 

“Indicating the Total Power from Several Generating Stations” 
by H. P. Sparkes. Electric Journal, April 1922. The article 
describes a system whereby the load dispatcher may be instanta¬ 
neously informed of the entire system load. 

“The Hell Gate Station of the United Electric Light & Power 
Company” by H. W. Leitch. Electric Journal, May 1922, 
Power, May 2,9 and 16,1922. Description of an ultimate 300,000 
kw. steam station haying a novel station layout in all respects. 

“Switching Equipment for the HeU Gate Station” by C. M. 
Moss and J. B. MacNeill. Electric Journal, May 1922. A com¬ 
plete description of the isolated study of Massachusetts stations 
emphasizing the advantages of electrical equipment from the 
upkeep standpoint. 

“European Practises Tend Toward Greater Economy” by 
A. DyckerhofF. Electrical World, March 4, 1922. Standardi¬ 
zation of equipment, waste heat boilers, gas turbines, large 
mercury rectifiers. 

“Developments' in Power Station Design”. Engineering, 
January 13, February 24, May 12, June 2, July 30,1922. A series 
of articles dealing with the latest foreign developments. 

“First Large Plant Using Pulverized Fuel Exclusively.” 
Electrical World, April 15, 1922, Power, April 18, 1922. De¬ 
scription of the Lakeside Station of the Milwaukee Electric Rail¬ 
way & Light Company. 

“The Blackburn (England) Power Station” by L. C. Kemp. 
Electric Journal (England) January 1922. A complete descrip¬ 
tion of the plant is given in this article. 

“Five Systems with an Output of over 1,000,000,000 kw-hr. 
Electrical World, April 29, 1922. Data on output and peak load 
of the largest generating and distributing systems in the United 
States and Canada, having yearly outputs in excess of 
100,000,000,000 kw-hr. 

“Operating Interconnected Hydro Plants for Best System 
Economy” by J. W. Andre. Electrical World, May 13, 1922. 
A description of the methods in use on the Southern California 
Edison Company’s system, showing how the use of steam 
standby plants is minimized. 

“Calumet to Reinforce Industrial Section of Chicago System”. 
Electrical World, June 3, 1922, Power, May 30, 1922. A de¬ 
scription of the latest Commonwealth Edison Company’s station 
to be put into service. 

“Semi-outdoor Hydroelectric Plant with Baclcwater Sup¬ 
pressor” by John A. Sirnit. The author describes the use of the 
Thmlow backwater suppressor in the installation of the Alabama 
Power Company at the Mitchell Dam. 

“Gennevihiers Steam Power Station” by G. Mercier. Revue 
Indusirielle. Phase layout in this station is given. 

“The Queenston-Ohippewa Hydroelectric Development” by 
F. Q. Gaby. Electric Journal, August 1922, Power, June 27, 
1922. The author describes the general details of the entire 
plant. 

“The SSjOOO-h. p. Turbines for the Queenston Power Plant” 
by F. H. Rogers. Electric Journal, August, 1922. The article 
describes very completely the most powerful hydraulic turbines 
in the world. 

The 45,000-kv-a. Waterwheel Generators for the Queenston 
Station” by H. U. Hart. Electric Journal, August 1922. A 
detailed description is given of the largest waterwheel generators 
in the world. 


“Some Elements of Air Flow in Electrical Machinery” by C. 
J. Feohheimer. Electric Journal, August, September, Novem¬ 
ber, December, 1922, February, March, May, 1923. A rather 
detailed description of problems of air fiow ai*e given. 

“Steam Engineering Practise in Modern Central Stations” by 
T. E. Keating. Electric Journal, December 1922. This article 
discusses a few of the thermal and operating problems that ai‘e 
today under consideration by central station engineers as well 
as their influence on the economic generation of power in modern 
steam stations. 

“The Tangential Impulse Waterwheel” by Ely C. Huteliinson. 
Electric Journal, February, March 1923. The author describes 
the modern impulses waterwheel and its adjuncts. 

“The Commercial Economy of High Pressure and Higli Super¬ 
heat in the Central Stations” by George A. Orrok. A. S. M. E. 
Transadions, December 4, 1922. The effect of regeneration 
as well as the effect of increased temperatures and pressures is 
covered. 

“The Choice of Steam Conditions in Modern Power vStations” 
by L. E. Kemp. Electrician, June 30, 1922. Tliis article gives 
an analysis of the problem from the English point of view. 

“Operating Expenses of Six Plants” Electrical World, Januaiy 
21, 1922. A March and April, 1922. A very complete de¬ 
scription of the large plant now supplying base load power to 
Paris. This plant represents the best European practise as 
pertaining to “Superpower” stations. 

“Heat Balance and Electrical Equipment in the Gonnevilliers 
Station” by R. H. Andrews. Power, August 15, 1922. Wiring 
diagram and description of switch houses. Description of closed 
system method used for cooling air to generators. Station heat 
balance compared with those of other large stations such as Col¬ 
fax and Delaware. 

“The New Superpower Plant near Paris Approaching Comple¬ 
tion.” Electrical World, August 5,1922. A revioAV of the above 
article in English. 

“Steam Power Plant at Comines” by J. Reyval. Revue 
General de VElectrieite, July 15 and 22, 1922. A de.scription of 
the second largest steam power station in Franco. 

Caribou 165,000-Volt Development” by J. A. Koontz. Elec- 
irieal World. September 23,1922. A description of a 1010 foot 
head hydroelectric plant with 15,000 h. p. impulse wheels and 
transmission line of 165,000 volts. 

“Innovations in New Brooklyn I’owor House”. Electrical 
World. November 11, 1922. Description of the 400 000 kw. 
Hudson Avenue Station of the Brooklyn Edison Company. 

“Design Features of Caholcra Station”. Electrical World, 
December 31, 1922. Description of the large central station 
burning pulverized coal to supply St. Louis with electrical energy. 

“The Pit River Power Developments” by Frank G. Baum. 
Eledrieal World, January 27, February 3, 1923. Details of a 
very large 220,(X)0-volt hydroelectric development on the Pacific 
coast. 

“Eight Systems with Output of 1,000,000,000 kw. in 1922.” 
Eledrieal World, April 7, 1923. Reports of over 92 companies 
in the United States and Canada with outputs of over 100,000,000 
kw-hr. in 1922. 

“Pull Automatic Hydroeleetrio Station” by E. B. Collins, 
May 19, 1923. 5000 kv-a. automatic genei’ating station in 
inaccessible site tied in with other hydroelectric stations. Func¬ 
tioning under different conditions explained. 

“The Mechells Power Station of the Birmingham Corporation” 
by W. Mobile Twelvetrees. Engineering January 26, February 
2,16,23, March 9,23,30, April 13,1923. General description of 
the Mechells Power Station of the City of Birmingham, England. 

“The Improvement of Power Factor” by Dr. Pisbert Kapp. 
Engineering'Noyemhev 24, December 1 and 8,1922. Discussion 
of the economical trend of improvement, methods of securing 
improvement with special reference to the use of synchronous 
motors. Gives data as to changes made for service based on 
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power factor iniprovcirieat by customers, by British Power 
Company. 

“The Lantjasliire Electric Undertaking” Engineering, 
December 22, 1922. General description of extension of plant 
of the Lancanshire Electric Power Co. at Radcliffe, England. 


B— Prime Movers and Generator Design and Operation 

“Maintaining the Efficiency of Turbine Lubricating Oil” by 
G. H. Hapgood and P. R. C. Boyd. General Electric Review, 
Septomlnn’ 1922. The improvements made in modern centri¬ 
fugal purifiers and their a]>plication to power plant problems are 
discussed. 

“Cooling of Turbo Generators” by A. R. Smith. December 
1922, P(J>rnary 1923, May 1923, General Electric Review. The 
article discussi^s the various methods of cooling ventilating air 
when re<dreulated through turbo generators, the heat transfer, 
and the physical considerations and design of surface ak coolers. 

“C1os(h1 Air Circuit System r»f Ventilation” by John O. 
Alonson. General Electric Rci>iew, December 1922. The author 
discusses the getuiral primhples of generator cooling by means of 
a closed air circuit. 

“Modi'rn .bit Condensers in Small Lighting Plants” by R. E. 
Tlellmos. General Electric Review, January 1923. A variol,y of 
novcil jet condenser installations are described. 

•“riie It),(MM) Uv-a. Slniwinigan, Falls Waterwheel Generator” 
by .1. Ralph .lohnson. Gewrnl Electric Ite.victv, May 1923. llie 
article <lescrilMjs th«i <lesigii ami «!oiistriicti<ni of a very large 
inodorii water wheel generat or. 

•‘Ilydraulie. Turbine Governors" by W. U. K<jpler. Electric 
Journal, February 1922. A gcmeral discussion of the suliject 

is |;r»*at(ul. ,, 

“Sysl,eiua1.i(; Inspection Hcluuim for Proveiiting Breakdown 
by Alex E. Bauhan. Electrical World, May 13, 1922. llio 
urthde describes a V(n'y tliorough plant of systematic insi)e<jtiou 
in a low In wl hydrochnitric i)lnnt. 

“( Yacking in Condenser Tnl>es” H. Moore and S. Beckuisale. 
Engineering, March 17, 1922. The results of investigations of 
low tempeniture annealing appliiKl to condenser tube.s is given. 

“The .Size Factor in Steam Turbines”. Engineering, March 31, 
1922. A study of the fac/tors alTecting the siz.o of rotor in steam 

“Extinguishing Generator Fires with C O 2 by J. B. Wheeler. 
Eleetriciil ll’m-W, .Inly 22, 1922. Arrangement of fire-extinginsh- 
ing oduipinent. at the AshU^v St. Plant of the Union Elccdric 
Light, and Power t .onipany is described and results of tests given. 

( ’ -I'bni.KR Peant Design and .Operation 
“I’ho (kmtrol of Blower Motors” by Henry G. Issortell. 
GeH,eral Electric Reviaw, May 1922. The author has devoted lus 
article to .showing how t-o select tho proper motor and form of 

cimirol for various types <)f blowers. 

“Preparations, Transportation and Combustion of Powdered 

Coal” by John Blizard. Bnllelin 217, Bureau of Mines. A veiy 

complete manual on powdered coal. ^ „ 

‘-Pho Elasticity of Pipe Bends” C-rockor and h.8. 

Sanford. A. S. M. E. TransacMons, December 7 1922 iius 
artich^ covers a number of experiments on pipe bonds conducted 

*'‘''“\k»ikr^Room*Sorm Ld Practise at the Colfax Station 
or Lfeht company,” by C. W. E- 

.ml Kngineoring, May 1922. The “I’T;'?™ 
taihs of this superpower plant are quite iq 

“400.1b. Pressure Adopted.” Electneal 
1920 A description of the boilers to be installed 
^“lll atS of the Publio Service Company of Nortlmn. 

Beonoiny in Steam Power Plants” J. B. C. Kershaw. 

BrnL, October 1922. A series of articles covering very com- 

'■'^S^S^SiSJilSne” by John Hnnter and 


Alfred Cotton. A. S. M. E. Transactions, December 4, 1922 
A very general descriptive article of the various methods em¬ 
ployed in large and small central stations, 

“Natural Gas as Fuel for Central Stations” E. A. Quinn. 
Electrical World, March 10, 1923. The author describes a neAV 
type of burner for gas as fuel. 

“J*resent Day Boiler Room Operation” by I. E. Moultrop and 
R. E. Dillon. A. I. E. E. Journal, February 24, 1922. A de¬ 
scription of how combustion efficiency and economical loading of 
boilers and turbines are attained in a large central station. 

“A New System of Feed Water Deaeration”. Electrician, 
January 19, 1923. Diagram and description of “closed feed” 
system whereby condensate from main tm-bine may be passed 
through condenser of house turbine, thus impro\Tng economy, 
make up water being deaerated in the process. 

“A New Development in High-Pressure Steam Generation.” 
Power, July 25, 1922. Description of a special high-pressure 
boiler and economizer developed by Thomas E. Murray and 
Power Specialty Company and installed at the Municipal Gas 
Company’s plant at Albany, N. Y. Radical type superheater 
installed at rear of furnace. Data of tests given. 


D— ^Fuels and Combustion Studies 

“Generating Power from Waste” by H. S. Bastian. Electrical 
livid, February 25, 1922. Description of the methods used 
in storing and burning “hogged fuel” or sawmill refuse at the 
plant of the Portland Railway, Light and Power Company. 

“Fuel Economy and Production Expenses” by Allen M. Perry. 
Electrical Warld, July 15,1922. Data given for electrical plants 
burning coal, oil, gas and “hogged fuel.” 

“Boiler Capacities Obtainable per Cubic Foot of Furnace 
Volume” T. B. Stillman. Power, Jan. 31, 1922. Results on 
burning oil under a boiler at 658 per cent rating. 

“Pulverized Lignite or Boiler Fuel”. Engineering, November 
17,1922. Data and results of tests of Australian Lignite Burned 

in Pulverized Form. ,, w . 

“Recovering Fuel from Ashes by Magnetic Separator . Engi¬ 
neering, January 5, 1923. Refers to a magnetic separator for 
removing unhurnt fuel from ashes. Devised by Messrs. Fried 

Krupp and J. Germany. . w • 

“The Driving of TTfl.Ddling Machinery’ H. Blyth. Electrician. 
December 29,1922. Advantages of water drive for coal and ash 
h n, n 3iing equipment with special reference to water trough 
conveyors for ashes. , ^ • 

“Coal Handling and Electricity Supply” by George F. Zimmer. 
Eledndan December 29,1922. Methods used for handlmg coal 
at Blackburn Electric StatiCn, England. Traveling crane un¬ 
loads barges by grab huclmt, or railroad cars by mvertmg them. 

General features of crane, gTAHL, Chairman. 


ELECTRICAL MACHINERY COMMITTEE 

To the Board of Directors: 

The activities of the Electrical Madunery Com- 
mittee during the past year have to toted 

and have been concerned almost entoy 

review of papers sent by the Chairman of the Meetm^ 
and Papers Committee for exammataon to report. 
Eighteen papers were thus submitted for . 

TOe the industry has made great stndra m to 
development of electrical derating tots of ^gatoc 

Ipaci^, reaching 62,600 kv.a. & 
work has not advanced to a s^. wlu*^^ 
outline and description for 
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of the Institute. This will be the task of the Com¬ 
mittee during the coming year. 

B. A. Behrend, Chairman. 


report of telegraphy and 
telephony committee 

To the Board of Directors: 

The work of the Telegraphy and Telephony Com¬ 
mittee was handicapped early in the year by the sick¬ 
ness and death of Mr. R. E. Chetwood, who had been 
appointed its chairman. The Committee prepared the 
following statement to express the feelings of the mem¬ 
bers of the Committee with regard to the death of Mr. 
Chetwood: 

“The Telegraphy and Telephony Committee of the 
American Institute of Electrical Engineers wish to 
express the feeling of great loss of the members of the 
Institute in the death of the Committee’s late chair¬ 
man, Mr. R. E. Chetwood. The communication art 
loses in him one of its outstanding figures, not only in 
technical ability, but also in personality.” 

This statement was read by President Jewett at the 
opening of one of the sessions on communication at 
the February Convention. 

In accordance with the custom df the last few years, 
the report of our committee is a brief summary of the 
advances which have been made or which have come 
into prominence in the communication art during the 
past year. 

Machine-Switching Telephone Central Offices 

The year has been marked by a considerable increase 
in the number of machine-switching telephone central 
ofiSces. 

A paper was read at the midwinter convention by 
Messrs. Craft, Morehouse and Charlesworth, describ¬ 
ing the so-called “panel” or power-driven type. Offices 
of this kind have been cut into service in New York, 
Philadelphia, Seattle, Providence and Buffalo. The 
step-by-step machine-switching system, which is of the 
direct-control type, has been installed in a number of 
the smaller cities. Further extensions of both panel 
and step-by-step machine switching systems are under 
way. 

Long Distance Telephone Cables 

The extremely important developments which have 
been carried out in long distance telephone cables are 
wen described in the following papers: 

(1) “Philadelphia-Pittsburgh Section of the New 
York-Chicago Cable,” by J. J. Pilliod, in the A. I. E. E. 
Journal for July, 1922. 

(2) “Telephone Transmission over Long Cable 
Circuits,” by A. B. Clark, in the A. I. E. E. Journal 
for January, 1923. 

(3) “Telephone Equipment for Long Cable Cir- 
cuite,” by C. S. Demarest, to be presented at the A. I. 
E. E. June 1923 Convention. 


Submarine Cable Telegraphy 

Several of the Western Union Telegraph Company’s 
transatlantic cables are now being operated directly 
between New York and London. In this service, special 
regenerative repeaters are employed which make use of 
phonic wheel motors controlled by electrically operated 
tuning forks. Other developments which were re¬ 
quired in connection with this system include a new 
form of repeater and terminal equipment for the land 
line extensions. 

The same company is having manufactured a trial 
length of an improved type of ocean cable developed by 
the Western Electric Company. Tests of this cable 
will be made in the near future and if they result suc¬ 
cessfully, future transatlantic cables are expected to be 
of that type. 

It is reported that an a-c. telegrpah system is being 
operated, superimposed on an ordinary d-c. channel, 
on a cable otKR ^ 0.9 without affecting the speed of 
the d-c. circuit. Details of this system are promised 
for publication later. 

Long Distance Radio Telegraphy and Telephony 

On January 14, 1923, a group of about 60 people 
gathered in London and listened for two hours to 
speeches transmitted by radio from America. This 
was a part of a series of tests being carried out on long 
distance radio telephony. A complete description of 
the methods employed and the results obtained will be 
found in a paper by Messrs. Arnold and Espenschied 
on “Transoceanic Radio Telephony” to be presented 
at the June, 1923, A. I. E. E. Convention. This work 
is being actively continued. 

Since atmospheric disturbances or “static” constitute 
one of the principal limitations to long distance radio 
communication, a great deal of effort has been directed 
towards finding methods of reducing its effect. The 
most successful line of attack has been the employment 
of directive receiving systems. The greater the 
degree of selectivity, the smaller will be the amount 
of interference from static coming in directions other 
than that from which the signals are being received. 
In transoceanic radio communication, the natural 
conditions are fortunate in this respect, since European 
signals arrive from the northeast, while the preponder¬ 
ance of static is from the southwest. On the Pacific 
Coast, static comes mainly from the east and southeast, 
and is favorable to the reception of trans-Pacific signals. 
A paper presented before the Institute at the Midwinter 
1923 Convention on “The Wave Antenna” by Messrs. 
Beveridge, Rice and Kellogg, describes and explains 
the most successful form of directive radio receiving 
system for long wave lengths which has been devised. 

Considerable valuable work has been done by various 
investigators in determining the direction of static^at 
different points bn the earth’s surface. This knowledge 
will be of great benefit in connection with the employ- 
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ment of directive receiving antennas along the lines 
mentioned above. 

Radio Telephone Broadcasting 

The interest in radio telephone broadcasting has 
steadily developed, and considerable progress has been 
made, particularly in the telephonic quality of the 
material sent out by broadcasting stations. 

The Department of Commerce, on March 20, 1923, 
called together a second National Radio Confer¬ 
ence, in order that it might have the benefit of the'ad¬ 
vice of those qualified in the art, and interested in the 
industry, in the formulation of such rules and regulations 
particularly with regard to wave length assignments, as 
were consistent with the advancement of the art, and 
were possible under the existing laws. As a result of 
this conference, a much larger range of wave lengths has 
been made available for broadcasting, and a new 
scheme of assigning wave lengths has been set up, 
which should very much decrease interference between 
broadcasting stations. 


example, a New York-San Francisco multiplex circuit 
has one of its channels dropped at Los Angeles, thus 
giving the latter city direct and separate means of 
communication with New York and with San Fran¬ 
cisco on a circuit previously used only for traffic from 
San Francisco to New York and vice versa. 

Because of the constant increase in the number of 
securities listed by the New York Stock Exchange and 
the growth in the volume of sales made through that 
exchange, it has become desirable to operate at higher 
speed than in the past, certain groups of tickers which 
record stock transactions. This has been satisfac¬ 
torily accomplished by substituting tape transmission 
for the directly connected keyboard transmitters for¬ 
merly used. The tape is prepared for transmission by 
means of keyboard perforators which can be operated at 
high speed by skilled operators who are no longer limited 
in their manipulation of the keyboard by considerations 
of the varying line time required for the transmission of 
different characters. 

Railroad Telegraphy and Telephony 


Inductive Coordination op Communication and 

Power Lines 

In the last two annual reports, reference has been 
made to the work undertaken in cooperation by the 
National Electric Light Association and the Bell 
Telephone System in setting up practises for the co¬ 
ordination of the lines of the utilities interested, so as to 
prevent interference to the communication sendee. 
The joint general committee of these two organizations 
has issued a third progress report, in which the principles 
previously agreed upon have been supplemented by a set 
of recommended practises. The committee has also 
appointed a subcommittee on development and re¬ 
search, to undertake a cooperative study to determine 
what practical measures, if any, may be developed and 
adopted, to lessen the effect of those characteristics of 
both power and communication systems which con¬ 
tribute to inductive interference. ^ ^ 

The development of the art of communication at 
high frequencies has raised some interesting and novel 
questions regarding interference at these high fre¬ 
quencies. 

Strength op Pole Lines 
Of great interest in connection with the extremely 
important question of strength of pole lines is a paper 
on ^‘Wind Shielding Between Conductors of Telegraph 
and Telephone Lines’^by P. J. Howe, in the January, 
1923, A. 1. E. E. Journal. 

Printing TELEGiEtAPHY 

In addition to increasing the number of its mult^lex 
printing telegraph circuits, the Western Un^^ 
graph Company has put into semce a 

^‘forked-series’’ circuits of this class. In the latter 

circuits, one or more of the mifitiplex channe S; 

dropped at, or extended to other places from 

ate stations along the route of the mam circuit. Fo 


The importance of adequate and reliable communi¬ 
cation facilities on the railroads is appreciated by those 
in charge of railroad operation, probably more than ever 
before. This has led to the adoption of greater mileap 
of telephone despatching and telephone message cir¬ 
cuits, of greater mileage of trunk line facilities equipped 
with loading coils and telephone repepers, of interest 
in telegraph printers for certain long distance telegraph 
business, of stronger open wire construction, and of 
proper installation of aerial and undergroimd cable 
where conditions warrant it. 

The use of radio on passenger trains, principally 
for receiving material from broadcasting stations for the 
entertainment of the passengers, has been experimented 
with by a number of railroads during the year. In one 
or two cases, railroads have made use of radio in emer¬ 
gency conditions, for locating trains, and for ascertain¬ 
ing the condition of the lines in connection with damage 
by severe storms. 

Military Signaling 

During the year the Signal Corps have brought out 
for iie air service of the Army three ^ of raiho 
transmitters for aircraft use. The^snaaHest is a tele¬ 
phone set used only between planes in fpnna^n 

the maximum range being about five miles. The oto 
are more powerful telephone and telegraph sete jth 
rated telephone ranges between plane ^ 

and 250 miles respectively. ^ are designed on t 
master oscillator-power amplifier system, to as^ 
constant frequency with changing mtemm charMte- 
ife in fiight. The receivers of all the sets ^ idenh- 
"n^g of single circuit tuners and “supe^ 

bp+erod'riie” amplifiers of six sta,ges. . . , _ 

tJntil this year, radio communication for 
units smaller than » 

year has seen the production, however, of a tele 
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graph set for battalions employing a fixed loop of one 
turn with an area of less than 1 square meter for both 
transmission and reception over a distance of 4 miles 
and affording 10 working waves between 74 and 76 
meters. The weight including storage batteries for 
8 hours operation, is 78 lb. and is divided between two 
men for transportation in limited field movements. 
A break-in feature permits the receiving operator to 
break the transmitting operator at will and every 
operator in the net is cognizant of the readiness of all 
other operators in the net without the necessity for 
calling them. The development of this equipment 
serves a long felt need in a field where wire lines are 
ordinarily maintained in action only at tremendous 
sacrifice of personnel. 

The Signal Corps has in operation a radio network 
extending over the country. This net consists of 
twelve primary stations, located at the administrative 
headquarters and other important points, supplemented 
by about sixty secondary stations, located at posts, 
camps and stations. 

Education in Communication Engineering 

There has been a considerable development of interest 
in the technical school in communication engineering. 
This is due to the large demand for graduates of tech¬ 
nical schools by telephone and telegraph operating and 
manufacturing companies, to the stimulating effect of 
the important part which communication played in 
the world war, and to the growth of radio telephone 
broadcasting. 

Elective communication courses are generally offered 
in electrical engineering schools, and in some, cases 
communication courses are required. Many of the 
schools, however, have not appreciated the value of 
properly arranged commimication courses, in teaching 
the fundamentals of electromagnetic action which 
underlie not only communication engineering, but all 
electrical engineering. 

Graduate work in communication engineering, and 
courses in physics especially adapted for communica¬ 
tion students, are given in a number of the colleges. 
Signal Units of the Reserve OflScers’ Training Corps 
have been installed in eleven of the technical schools. 
Research work in electrical communication is being 
carried out in a number of technical schools. There is a 
considerable demand for students with extra training 
in mathematics and physics to enter research and 
development work in the larger communication com¬ 
panies. 

The communication companies, because of the highly 
technical nature of the work required of their men, are 
spending considerable effort in setting up company 
schools, lecture courses, etc., for training their 
employees. 

Fine Wire Telephone Cable 

Advances in the art are permitting the use of much 
smaller wires in cable, particularly for the shorter 


subscribers’ cables. Cables in all sizes from 1200 pair 
down, of 24 A. w. g. gage are coming into very extensive 
use. 

Joint Chicago and New York A. I. E. E. Meeting 

An interesting demonstration was given during the 
Midwinter Convention of the possibilities of present- 
day telephony, when simultaneous meetings were 
held in Chicago and New York, and the two audiences 
were made effectively one in being connected by tele¬ 
phone lines and loud speakers. Addresses, papers and 
discussions given in part at each place were heard by 
all, as well as though the complete audience had been 
at a single point. 

The above report has been prepared from material 
contributed by the following members of the com¬ 
mittee: G. A. Cellar, H. P. Charlesworth, H. W. Drake, 
L. F. Morehouse, C. W. Rice, J. K. Roosevelt, General 
Edgar Russell, A. B. Smith, and C. A. Wright. 

Otto B. Blackwell, Chairman. 


REPORT OF THE EDUCATIONAL 
COMMITTEE 

To the Board of Directors: 

The past year has seen an exceptional gain in interest 
in the problems of engineering education on the part 
of the profession at large. Significant movements have 
been inaugurated both in the colleges and in outside 
circles looking toward better coordination between 
preparatory training and professional education on 
one hand, and between the latter and the industrial 
demand on the other. Specific changes in educational 
practise growing out of these movements have not 
yet appeared, but may be anticipated. 

Change in Curriculum 

The deans of fourteen engineering colleges in the 
middle west have held two conferences on changes in 
curriculum which have culminated in the following 
resolutions: 

“In order to meet the constantly enlarging responsi¬ 
bilities of the engineering profession, we favor an ad¬ 
vance in engineering education at this time that shall 
provide five years of collegiate training for those engi¬ 
neering students whose aim is to become qualified to 
take positions among the creative leaders in the pro¬ 
fession, and that such advance shall be made in sub¬ 
stantial accordance with the following plan: 

1. Include in the four-year engineering curricula a 
substantial proportion of fundamental and humanistic 
subjects, omitting, if necessary, a suflficient amount of 
the more advanced technical work. It is desirable that, 
so far as possible the curricula in the different branches 
of engineering shall be sufficiently uniform to permit 
students to defer their final choice of a specialty at least 
to the end of the second year. 

2. Add a fifth year of advanced work, mostly or 
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wholly technical, and specialized to such an extent as 
desired. 

3. The first four years of work shall lead to a bache¬ 
lor’s degree and the fifth year to an advance degree in 
engineering.” 

Among other considerations urged in support of these 
changes is the necessity of upgrading many of the ap¬ 
plicants for admission to state institutions from cer¬ 
tificated high schools which do not give a sufficient 
mathematical preparation for standard engineering 
courses. 

This subject of the proper length and scope of engi¬ 
neering courses is being vigorously debated. Three 
parties can be identified easily: First, those who 
believe in the efficacy of the present standard four-year 
courses and who hold that whatever additional time is 
available should be given to graduate studies and 
research in the engineering field; second, those who 
believe that engineering training should be strictly 
professional in its methods and scope and that it should 
be preceded by two, three, or four years of work in the 
liberal arts or general sciences; and third, the group 
whose views are embodied in the resolutions quoted 
above. 

The Cooperative Plan 

There is a slow but steady growth in the application 
of the cooperative plan of alternate periods of instruc¬ 
tion and employment. The prototype of such courses 
has been in operation at the Univeraity of Cin¬ 
cinnati since 1906. Recent evolution tends to produce 
variants of the original plan. At Massachusetts Insti¬ 
tute of Technology cooperation is carried on only with 
specific industries engaged in manufacturing, electric 
railway operation and electric power supply, and with 
programs of practical experience organized on lines as 
definite as the curriculum of studies. At Worcester 
Polytechnic Institute students in electrical engineering 
are* offered the option of engaging in practical work 
for a continuous period of fifteen months between the 
junior and senior years. 

The pedagogic merits of the cooperative plan of 
coordinated instruction and experience are of great 
interest but the possibilities presented by this plan for 
placing education on a plane of approximate self-support 
for both students and institutions are worthy of especial 
consideration. Demand for admission to colleges is 
rising rapidly and tends to outrun existing plant and 
teaching facilities. It is a serious question whether 
a great enlargement of facilities can be financed through 
private endowment or public support. This question 
bears a particularly serious relation to engineering 
education because of its high overhead and operating 
costs. 

The Supply op Graduates and the Professional 

Demand 

Attendance at engineering colleges passed the post¬ 
war peak in 1922 and has since declined appreciably. 


The peak with respect to numbers graduating occurs 
this year. In the past fifteen years the electrical in¬ 
dustries of America have nearly quadrupled in magni¬ 
tude while the number of men graduating each year in 
electrical engineering has advanced only about one 
fourth. With the prospect of a decline from the pres¬ 
ent peak the question of the adequacy of the supply 
of young engineers begins to assume serious proportions. 
Owing to the youth of the profession accessions to the 
ranks of electrical engineers during the past fifteen or 
twenty years have been almost entirely cumulative. 
With the rate of loss from death, superannuation and 
diversion to other fields rising and with the industry 
ever advancing in magnitude and complexity a station¬ 
ary rate of accessions is certain to leave a serious de¬ 
ficit in the relation of supply to demand. 

Movements for Investigation and Development 

Within the past year the National Industrial Con¬ 
ference Board has established a Joint Conference 
Committee on Engineering Education with a like com¬ 
mittee from the Society for the Promotion of Engineer¬ 
ing Education. The scope of the activities projected 
by these joint committees is well expressed by the 
following exceipts from an official statement. 

‘Tt was emphasized as a primary consideration that 
American industry’s efficient development and contri¬ 
bution to the national welfare is closely bound up with 
the character and efficiency of the professional engineers 
educated in the various engineering schools, and re¬ 
quired in industry as technical experts and inventors, 
as managers and executives of industrial enterprises. 
Equally important is the development of competent 
men as instructors in the engineering schools. 

For these reasons and also because engineering schools 
are, after all, a part of the industrial system, and must 
therefore function efficiently if the system as a whole is 
to be efficient, it was agreed that there must be a close 
and cooperative relationship between engineering 
schools and American industry in its various branches; 
and adequate methods must be developed under which 
each will help the other in the common cause of ade¬ 
quately training professional engineers. 

The Committee is not concerned with details of col¬ 
lege curricula, but with the broader aspects of the 
problem, such as the best way of fitting the graduate of 
the engineering schools into industry; whether and how 
best to give the student industrial training coincident 
with his academic studies; an adequate supply of high- 
grade instructors and a better understanding of their 
responsibilities by both industry and the engineering 

schools.” . Tij 

The Society for the Promotion of Engineering Educa¬ 
tion has further created from its own membership a 
Board of Investigation and Coordination whose objects 
are stated to be: 

'1, To ascertain the facts in engineering education, 
such as concemsl(a) teachers, their origin, training. 
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experience and effectiveness; (b) teaching facilities; 
(c) curricula; (d) students and graduates, their 
origin, training, experience and effectiveness. 

2. To ascertain present and future requirements in 
the fields served by engineer graduates. 

3. To present the facts and requirements for their 
bearing on the training of the engineer to the end that 
he may (a) develop himself and his profession; (b) 

realize and fulfill his obligation to society. 

4. To maintain close contact with engineering 
schools enabling them to participate in the investi¬ 
gations; and reporting to them from time to time; 
the end that the developments may he continuous from 
the initial contact between the colleges and the agencies 
of the Board. 

5. To secure the necessary funds for these purposes.” 
It is proposed to place a salaried director, with adequate 
staff, at the head of this Board and to create a Board of 
Counsellors representing the several industrial fields 
to which engineering education is related. 

A movement of such scope and aims is of profound 
interest to the Institute and its sister professional 
societies. It is important that there should not be too 
many agencies of investigation and promotion working 
in an uncoordinated manner. It is also important that 
due weight should be given to the views and interests 
of the engineering professions as well as those of the 
colleges and the industries. 

The importance of gaining the cooperation of the 
major engineering societies has been recognized by the 
Society for the Promotion of Engineering Education in 
its appointment of a committee for this express purpose. 

It is the sense of the Educational Committee that the 
Institute should indicate its readiness to participate 
actively in any broad movement concerned with the 
development of engineering education. In view of the 
establishment of the Joint Conference Committee 
referred to above and the active steps already taken 
toward setting up its program, it is the feeling of this 
Committee that the Institute should await some indi¬ 
cation of the details and order of this program before 
initiating active measures on its own accoimt and that 
the Institute should act as far as practicable in concert 
with its sister professional societies. 

Wm. E. Wickenden, Chairman. 


REPORT OF COMMITTEE ON ELECTRO¬ 
CHEMISTRY AND ELECTRO¬ 
METALLURGY 

To the Board of Directors: 

This committee has been somewhat more active 


during the past year than for several years previously. 
The situation covering past and prospective activities 
was discussed at the beginning by correspondence with 
the various members of the committee. Four or five 
of the seven members have shown an active interest in 
the work. No regular committee meetings have been 
held as there was no special occasion therefore. It was 
intended to hold a meeting at the Pittsburgh Conven¬ 
tion but only two of the committee members were in 
attendance. 

The particular activity of the committee for the year 
was the preparation for and conduct of a session on 
Electric Furnaces which was held under its auspices at 
the Spring Convention. In addition efforts have been 
made through committee members to obtain papers of 
Institute caliber along electrochemical and electro¬ 
metallurgical lines and several such papers are now in 
course of preparation so that it is hoped the committee 
will be in position next year to request a session for 
papers devoted to such subjects. 

It would appear that the proper function of this com¬ 
mittee should be that of a technical liaison between the 
A. I. E. E. and the American Institute of Mining and 
Metallurgical Engineers and the American Electro¬ 
chemical Society. We should observe the technical 
activities of those societies and report with the correct 
Electrical Engineering slant those matters in which 
A. I. E. E. members should be interested. Any tech¬ 
nical subjects which are investigated jointly by one of 
these societies and the A. I. E. E. should be under the 
direction of this committee for the A. I. E. E. 

At the present time it seems that the most service¬ 
able line of action for this committee lies in stating from 
time to time the status of the art and advancements in 
the art with particular reference to the power supply 
and the electrical equipment applications and such 
features of the chemical and metallurgical processes as 
directly affect the power and equipment. It is hoped 
that the next session under the auspices of this com¬ 
mittee will have papers on the general subject of Elec¬ 
trical Equipment and Power Requirements for Elec¬ 
tro-chemical and Electro-Metallurgical Service. 

Since the apparatus and applications thereof in which 
this committee's activities are associated are so diverse 
that the whole field could not be covered in a brief 
resume and since there do not appear to be any out¬ 
standing advances which have not been more speci¬ 
fically within the sphere of some other technical com¬ 
mittee to report, no attempt is being made at this time 
to report the progress of the art, 

J. L. McK. Yardley, Chairman. 



Electrical Loud Speakers 

BY A. NYMAN 

Associate, A. 1. E. B. 

Westinghouse Elec, and Mfg. Co. 

■Review of the Subject* An electvical loud speaker is a various factors involved and the means used for achieving satis- 
device applied to radiophone reproduction of speech and music. factory results. These results are illustrated hy appropriate test 

This paper brings out the mechanical and electrical essentials curves, 
of this device and gives a short description of present-day forms and The paper is a record of results obtained through technical 
methods used in developing and testing new types. analysis of this apparatus and is intended to direct attention to 

A technical analysis of one successful form brings out the the necessity of similar analysis continued and extended. 


T he popularity of radiophone broadcasting has 
created a considerable demand for an electrical 
loud speaker. Electrical loud speakers have been 
used for a number of years for such purposes as train 
announcing. However, this type of loud speaker was 
developed primarily for speech reproduction and as 
long as it possessed a certain degree of clearness, was 
considered satisfactory. 

The major part of radiophone broadcasting is music 
and the aesthetic value of music is its vital element. 
Therefore, music reproduction should be so close to the 
original as to maintain its aesthetic value. 

It has been found that music reproduction requires 
the presence of notes ranging in frequency from 25 
cycles per second to 5000 cycles per second. The 
quality of reproduction is affected to a large extent by 
the loudness of individual frequencies; hence, the 
necessity of bringing in each frequency at a value pro¬ 
portional to the original volume. It can readily be 
seen that the quality of the pick-up instrument or 
microphone, as well as the design of the transmitting 
and receiving systems is of utmost importance. 

Apart from the pick-up and transmission, the following 
essential features pertain to the loud speaker alone: 

1. Uniform intensity of sound at all frequencies from 
25 cycles to 5000 cycles. 

2. Absence of resonance points capable of respond¬ 
ing at a frequency different from applied or giving an 
excessive volume of sound when their frequency is 
applied. 

3. The ability to reproduce a combination of fre¬ 
quencies with a volume of each frequency proportional 
to the input. 

4. Absence of distorting harmonics at any individual 
frequency applied. 

Feature 1 is particularly important in reproducing 
every kind of sound; for example: A weak or mining 
range of frequency is noticeable even to an untrained 
ear. However, if it is near either end of total range, i.e., 
below 400 or above 3000, an untrained ear may some¬ 
times fail to detect this defect. Similarly an individual 
missing frequency can be occasionally overlooked. A 
loud range distorts the quality to a considerable extent 
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and a loud individual note has a very unpleasant blast¬ 
ing effect. 

Feature 2, if overlooked is particularly liable to give 
blasting or an unnatural ring of certain notes. The 
fundamental may be suppressed and a harmonic of an 
altogether different pitch come through, possibly con¬ 
siderably louder than the applied note. 

Feature 3, dealing with combination of frequencies, 
is particularly noticeable in speech reproduction. Nor¬ 
mal vowel sounds consist of a fundamental of rather 
small volume and harmonics often much largo* than the 
fundamental. Unless the proportionality is maintained 
the sound of the voice changes giving the impression of 
a changed pitch; tenor voice may sound like bass; 
soprano like contralto, or vice versa. .The higher 
harmonics again determine the individual character¬ 
istics of the voice. Thus, in order to recognize a person's 
voice, the higher harmonics up to the 20th or 30th must 
be included and kept at their proportional value. 
What is true of voice is true of most musical instru¬ 
ments. The pitch, or the individuality may appear 
changed unless a proportionality is maintained. 

Feature 4: Certain materials have qualities which 
give them peculiar forms of vibration. Thus, the 
vibrations of brass are usually different from aluminum, 
wood or micarta. This is generally due to a number 
of harmonics, each modifying the original note. In a 
loud speaker the pleasing quality and the naturalness of 
reproduction are dependent to a very great extent on 
the choice of materials, particularly of the material 
carrying a large amount of energy of sound. 

Structures op Loud Speakers 

A number of structures have been used successfully 
as loud speakers. 

Fig. 1 shows a loud speaker operating on the same 
principle as an ordinary telephone receiver. It has a 
thin iron diaphragm held at a small distance from two 
magnetic pole pieces, which are energized by a perma¬ 
nent magnet and also by two coils, one on each pol e 
piece. The volume that can be obtained from this type 
of loud speaker is somewhat limited on account of the 
close spacing between the diaphragm and the pole 
pieces. Moreover, certain notes are accentuated, due 

to the resonance of the diaphragm. _ 

Fig. 2 shows a moving coil type of loud speaker. A 
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circular coil is located in a round air-gap, with an iron 
core in the center. This air-gap is traversed by a 
strong magnetic field, excited by an inner coil which 
carries direct current while the circular coil mentioned 
above carries sound-producing alternating current and 
is attached to the center of a diaphragin. Very satis¬ 
factory results can be obtained with this type of loud 
speaker. 



Pig. 1 



Fig. 2 


simultaneously, which causes the armature to rock. 
This rocking is communicated through a thin connecting 
rod to the center of a diaphragm. 

Fig. 4 shows the sound distribution for a loud speaker 
constructed on this principle. The curve is taken by a 
method described below. The loudness is fairly uni¬ 
form over the range. The curve shows the frequency 
from 100 cycles to 10,000 cycles for abscissa and loud¬ 
ness for ordinate. 

Pig. 5 shows the “relay type’^ loud speaker recently 
developed. Its construction is similar to that of a 




Pig. 3 


Fig. 3 shows what may be termed the enclosed arma¬ 
ture type. A small iron armature is located in the cen¬ 
ter of a coil and suspended by two thin piano wires. 
The coil is suirounded by two U-shaped pole pieces, 
forming two air-gaps. A permanent magnet produces 
magnetic flux in these air-gaps. The current in the coil 
causes diametrically opposite pole pieces to be energized 




polarized telegraph relay. A thin iron armature is 
located between four pole pieces, each carrying a coil. 
These pole pieces are magnetized by an L-shaped mag¬ 
net and the coils are connected in such a manner that 
diametrically opposite pole pieces exert simultaneous 
attraction. The armature operates through a rod on a 
corrugated aluminum diaphragm. 

Fig. 6 gives a representative curve of this loud 
speaker. The range is fairly wide, while no part of it is 
exaggerated in volume. 
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through clear and similar to the original piano note. 
Low notes, in particular, should be checked for the 
presence of the fundamental tone. Some designs of 
loud speakers while giving a loud note at these pitches 
are found to be completely devoid of the fundamental— 
the note is just the sum of all overtones. 

Speech transmission over the same circuit gives a 
splendid test for quality and recogmzability of repro¬ 
duction. For proper speech reproduction, the volume 
should be adjusted to equal approximately the loudness 
of the original speech. Of course, in a loud speaker 
designed for a large audience, witii a special view to 
great volume, the speech must sound normal at the 
volume desired. The same loud speaker would not 
necessarily give natural reproduction at a lower volume. 

An additional test for actual music reproduction 
is essential. Thus a piano selection, a baritone solo, 
and a soprano solo are particularly good for detecting 


TESTS OF LOUD SPEAKER 


1. Measurement of volume 60 
to 5000 cycles. 

Uniformity of volume, absence of reson¬ 
ance points and foreign sounds 

2. Musical scales on piano. 

Accurate reproduction of quality on each 
note, particularly the low note. 

3. Speech. 

Clearness of articulation. Individuality 
of voice. 

4. Piano Selection. 

Clearness and naturalness on abrupt tones 

5. Baritone and soprano singing 

Clearness and naturalness of sustained 
notes. 

6. Flute or violin.... 

Reproduction of high notes. 

7. Speech and Music......... 

Naturalness of superimposed sounds. 


any faults in quality. In addition a violin or a flute 
solo can be used to advantage to determine the ability 
of the loud speaker to reproduce the high notes 
naturally. The table below shows the list of tests 
and results that can be learned from each. 

One more test is very desirable. That is a combina¬ 
tion of music and speech. Each possesses individual 
characteristics and the ideal loud speaker would main¬ 
tain them. Very often, however, the presence of music 
will distort the speech and vice versa. Of course, in 
this latter case we could not expect the loud speaker to 
reproduce correctly a number of musical instruments 
simultaneously, although the distorting effect may not 
be as noticeable as in the case of speech and music. 

Resonating Systems 

Considered from a niechanical standpoint a loud 
speaker is invariably a complicated resonance system. 
Certain subdivisions of resonance, are, however, 
possible. • 

1. Mechanisin c^awhole. In most loud speakers, the 
diaphragm is the surface producing sound. The force 
of a magnetic field is in all types except the moving coil 
type counteracted by a strain in the diaphragm. In a 
loud speaker of the type shown in Fig, 1, that is, the 


tdephone receiver type, this action is automatic. The 
diaphragm pulls down until its tension is equal to the 
pull of magnetic field. In the t 3 q)e shown in Figs. 3, 4 
and 5, the normal position of armature is such that the 
magnetic pull is zero. Actually, however, it is very 
difficult to^keep the armature in this position. Gener¬ 




ally there is a little pull one way or another, balanced 
by the strain in the diaphragm. 

For a movement of the diaphragm, the magnetic 
field begins to exert a force helping this movement. If 
the magnetism is increased by using a stronger magnet, 
the force of the magnet may be made so large that it 
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pulls the diaphragm over. Normally, a balanced 
condition may be obtained where very little force is 
required to produce a certain movement. Fig. 9 
illustrates this fact. The two cm’ves show the varia¬ 
tion of force on the diaphragm with movement of the 
diaphragm, and show that with the magnet the dia¬ 
phragm requires distinctly smaller force for the same 
movement. 

In this way, the strength of the magnet and the ten¬ 
sion of the diaphragm detennine the force for certain 
movements and, consequently, the resonant frequency 
of the whole mechanism. By adjusting the magnetism 
in a way to get a very close balance, this resonant 
frequency may be placed very low. As a rule, the 
damping at these low frequencies is high enough to 
conceal the resonance; however, the whole of the low 



range will be found raised. This is demonstrated on 
Fig. 10, showing two curves for one loud speaker, one 
with a 0.015-in. gap and the other with a 0.010-in. gap. 
Thejlatter had a close magnetic balance; hence, all 
notes and the low notes in particular are increased. 
These curves were taken on relay type loud speaker. 
It is eyident that similar adjustment is possible on all 
types except the moving coil type; in the latter the 
resonance point is determined entirely by mechanical 

strainand the mass of moving parts. 

2. DiaphrcLgM a/nd Horn. The nature of the dia¬ 
phragm as a vibrating structure is such that it has a 
number of resonant notes. Fig. 11, taken on a very 
stiff small diaphragm, illustrates these resonance pointe. 
The lower resonant points can be attributed to the 
effect of the horn. 1500 cycles is the fundamental 


of the diaphragm with harmonics at 2900, 5000 and 
6000 cycles and higher. The ratios are not exactly 
1:2:3:4, but modified by the presence of horn and the 
nature of the diaphragm. 




Fig. 12 shows the resonance in the diaphragm corru¬ 
gated to reduce the effect of harmonics. 

Fig. 13 shows the same kind of curve for a flat 
diaphragm without corrugation. The resonance points 
are now more pronounced. 
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Both these curves were taken without a horn and 
show the diaphragm resonance only. 

The effect of the horn is not independent of the 
qualities of the diaphragm, because the horn constitutes 
a load on the diaphragm. If this load is large, it pro¬ 
duces a damping effect, which eliminates the resonance 
of the diaphragm. However, the horn i tself has certain 
resonance points. For example, they can he seen very 
clearly on a curve like Fig. 10 which was taken on a loud 
speaker similar to the one used in Fig. 12. If the load 
due to the horn is small between its resonance points 
and the resonance of the diaphragm should occur at 
any of these points, the vibration may be excessive 
with a resulting rattle and noise. The longer horn 
favors more uniform load at different frequencies. 

The effect of the horn depends to a considerable 



extent on the power applied to the loud speaker. Fig. 
14 shows the intensity of sound per unit voltage from a 
loud speaker at 20 volts and at 100 volts, each time 
with a resistance 10,000 ohms in series. At 100 volts 
the load due to the horn is evidently more uniform than 
at 20 volts. The intensity per unit voltage is on the 
average lower at 100 volts. 

Speech and music are both modified considerably 
depending upon the length and shape of the horn, also 
on the volume of the sound. A horn longer tba n one 
quarter wave length of the lowest pitch available gives 
the best reproduction. However, in practise the length 
of the hom seldom exceeds three feet, approximately 
one-fourth of the wave length of 90 cycles, the funda¬ 
mental of the hom. If the horn is shorter t-ban one 
foot (270 cycles fund^ental the bass and baritone 
voices are likely to be distorted, since their fundamental, 


which is below 270 cycles would be reduced. It has 
been found that a loud speaker with a magnetic balance 
and a hom about two feet long is capable of very good 
reproduction of even very low frequencies. 

Careful study has been made of materials to be used 




in diaphragm and in the horn in so far as it affects the 
quality of reproduction. Aluminum or micarta dia¬ 
phragms apparently give the best results while a wood 
hom or hom made of some ^"dead” material like hard 
rubber, is least likely to introduce a strange quality. 
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III. Armature. The armature of a loud speaker of 
enclosed armature or relay type is a strip of steel very 
short and stiff, but nevertheless possessing a resonance 
point within the audible range. It has been found that 
frequencies above this resonance point are difficult to 
reproduce. Thus, Fig. 15, taken on a loud speaker with 
a very small stiff armature, shows a range on higher 
notes extending to 5000 cycles. 

.Another effect of resonance of armature is the intro¬ 
duction of foreign notes. An example is seen in the 
Pig. 16 showing a reduction of volume at 800 cycles. 
At this frequency it was observed that the note had a 
strange high pitched harmonic; however, damping the 
armature by a piece of rubber cleared this note and 
brought up the volume of its fundamental. The 
trouble was eventually overcome by using a much 
stiffer armature. 

IV. Strip. The strip supporting the armature has 
a resonance note, but the forces acting in it are generally 
very small compared with the forces in the rest of the 
system. Hence the effect of the strip is negligible. 
The only exception is in attaching the strip to supports. 
It seems that any looseness at this point will result in a 
rattle. 

V. Connecting rod. The connecting rod is subject 
to a complicated torsional and longitudinal strain. 
Unless this rod is sufficiently stiff, vibrations may be 


Eventually, we may expect to design a horn or a vi¬ 
brating structure with the same facility as an electric 
motor because a loud speaker is really an electric motor, 
though its load is less tangible than the load of most 
motors. 

The design of a loud speaker must be based on a 
scientific analysis of this load and of its reaction on the 
motor. This involves considerable acoustic research 
work, mechanical research on vibrating structures and 
electrical work on the effects of vibrating parts in an 
electromagnetic structure. 

Discussion 

E. W. Kello^: Mr. Nyman has mentioned a series of tests 
of loud speakers which I think may well be classified into what 
we might call the engineering tests and the listening tests. 

The engineering tests are made with pure sine wave current 
supplied to the instrument and are to determine, first, what is 
the sound output per watt input for all frequencies in the useful 
range; and second, whether the force which acts on the dia¬ 
phragm bears a linear relation to the current in the winding. 

If the sound output per watt input is different for different 
frequencies, wave form distortion will result, because certain 
of the overtones present will be exaggerated and others partially 
suppressed. 

If the force-current relation is non linear, the instrument will 
cause a different tjrpe of wave form distortion, producing har¬ 
monics which were not in the original. 


set up which introduce a foreign note at the lower 
frequencies and limit the sound at the higher frequencies. 

Conclusion 

In conclusion a brief summary will cover the out¬ 
standing points. 

The function of loud speakers is considered as that 
of a device for converting electric current of frequencies, 
ranging from 25 cycles to 5000 cycles, into sound waves. 

The essentials of this conversion are as follows: 

1. Uniform volume at all frequencies. 

2. Absence of strange sounds. 

3. The ability to reproduce a combination of fre¬ 
quencies correctly. 

Four fundamental types of loud speakers are discussed: 

1. Receiver type. 

2. Moving coil type. 

3. Enclosed armature type. 

4. Relay type. 

Test methods are outlined for: 

1. Measuring the volume of sound. 

2. Testing the quality of reproduction. 

The effect of various paints of a loud speaker on its 
operation are considered, viz: 

1. The magnetic structure. 

2. The diaphragm. 

3. The horn. 

4 The details. 

The art of designing a loud speaker is extremely new. 
The empirical work for ascertaining the effect of various 
factors is only in its embryo stage. 


Tbe test for linear relation between current and force may be 
carried out by supplying tbe instrument with a sine wave current 
strong enough to give the diaphragm a maximum defieotion 
equal to the greatest it will attain in practise. A trained ear 
can tell whether the resulting tone is practically pure. The 
current supplied to the instrument should be filtered to insure 
absence of overtones. Otherwise the instrument will be blamed 
for faults which are in the source of current. 

If the loud speaker produced no distortion of either of the 
l ^ind« just described, the other tests—^listening to speech and 
various kinds of vocal and instnimental music—would be 
superfluous. But the loud speakers do not meet the require¬ 
ments mentioned, especially the requirement of uniform sen¬ 
sitiveness over the whole working range of frequency, ^d it 
therefore becomes necessary to judge how seriously the imper¬ 
fections of the instrument affect the quality of speech and music. 
This n ne a n” many listening tests with many listeners, and the 
balancing of one fault against another, with an integrated 
appraisal of the various instruments compared. The loud 
speaker wffl be sold on the basis of the Ustening tests but it will 
be developed and improved through the information gained by 
the en^eering tests. 

It is in the tests for relative sensitiveness at various fre¬ 
quencies that the principal difficulties are encountered. These 
are the tests whose results are shown by curves such as Figures 
4, 6, and 10 to 16 of Mr. Nyman’s paper. 

In view of their importance and the fact that this method of 
testing loud speakers is being applied in a number of places, 
I should like to see an interchange of ideas and experiences, and 
if possible an agreement on test conditions and methods of pre¬ 
senting the results, which wiU make the results obtained m 
different laboratories directly comparable. 

Without pretending to be especially in a position to^lay down 
standardization rules in regard to tests of this kmd, I thii^ tlmt 
thought on the subject may be promoted and ^elerated by 
my attempting to do so, because it wiU show what difficulties 
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or possible sources of error have occurred to me and tentative 
ways of avoiding them. Others who have had more experience 
than I have, can perhaps rule out some of these precautions as 
unnecessary and will probably add others that I have overlooked. 

In order to get the proposition into concrete form I am going 
to suggest a tentative set of test conditions, the general method 
of testing to be as described in Mr. Nyman’s paper, but the 
following conditions imposed: 

(1) The oscillator which provides the current for testing 
should be provided with a filter to eliminate overtones. 

(2) The amplifier betAveen the electrostatic transmitter and 
the galvanometer should be provided with a tuning, or else a 
filter so that only the fundamental frequency will affect the 
galvanometer. 

(3) The test room to be at least 15 feet by 15 feet, 10 feet 
high, with its ceiling and three of its walls heavily damped 
and the remaining wall hard. ;. 

(4) The loud speaker to face the middle of the hard wall, 
6 feet above the floor and 6 feet from the wall to the center of 
the bell of the horn. 

(5) The electrostatic transmitter to be located hi a hole in 
the wall, directly in front of the loud speaker, and the floor 
between the loud speaker and the transmitter to be padded 
with damping material. 

(6) The sound pressures recorded to be divided by 2 to reduce 
the results to equivalent free space pressure. 

(7) Results to be given in dynes per square centimeter sound 
pressure per volt-ampere supplied to the instrument, accom¬ 
panied by a statement of the instrument impedance and the 
maximum peak value of voltage or current which it can handle 
without distortion. 

(8) Departure from standard test conditions to be stated. 

Let me now give my reasons for some of the provisions named: 

First, the oscillator which provides the current for testing 

should be provided with a filter to eliminate overtones. Let us 
take the case of very low tones. You noticed in * the curves 
given in Mr. Nyman’s paper that the sensitiveness of practically 
ail of the instruments tested was at least 10 times as great for 
tones above 500 cycles as for tones below 150 cycles. Suppose 
we supply the instrument with an electric current of 100 cycles, 
and then measure the sound output by means of the electrostatic 
transmitter with amplifiers as indicated in Fig. 8 of the paper. 
If there are any overtones present in the electric current, those 
overtones may be reproduced so strongly that they will count very 
much more in the galvanometer reading than the fundamental, 
whereas we are only interested in the fundamental. Even 
if the current supplied to the loud speaker is a pure sine wave, 
the ixistrument itself may generate overtones. This will occur 
if the current-force relation is non linear. The overtones thus 
generated may be more strongly radiated than the fundamental, 
and since the purpose of the test is to determine not simply 
how much noise is produced but how much soimd of fundamental 
frequency is radiated, I have called for a-filter or tuning between 
the electrostatic transmitter and the galvanometer. A vibration 
galvanometer is an alternative. 

Nejct in regard to the size of thetestroom: The arrangement ■ 
I have su^ested places the loud speaker fairly close to the 
electrostatic transmitter, and the other whUs farther away. 
The instrument gives out sound in all directions, and even 
where we have done the best we can at damping, IhCre will be 
reflectioxLS of a substantial fraction of the sound that strikes the 
side and back walls. The reflected waves will interfere, pro- 
ducu^ at certain wave lengths subtractions and at other wave 
lengths additions to the sound coming directly from the loud 
speaker. The intonsity of the interfering waves will be much 
reduced by placing the walls, that are producing these objec¬ 
tionable reflections weU away from the loud speaker. This 
means using a fairly large room, as well as damping the walls. 

/Why use a hard wall and locate the electrostatic transmitter 


in the middle of it, in a hole in the wall? X mentioned that hole 
in the wall construction because I am not siu*e that all the elec¬ 
trostatic transmitters that would be used are constructed so 
that the air pressure cannot equalize on the front and the back 
of the diaphragm for the longest waves. In most of them, the 
back is housed in pretty well, perhaps well enough for all practical 
purposes, so that there will not be pressure equalization. But 
guarding against any possibility of it, suppose we put the in¬ 
strument in a hole in the wall that fits it tightly. In some 
testing arrangements I believe the electrostatic transmitter has 
been placed some distance from the wall. This means that 
the sound waves given out strike the wall behind the electro¬ 
static transmitter and come back to produce interference effects. 
If we place the electrostatic transmitter close to the wall so that 
it is at a pressure loop and motion node for all wave lengths— 
then we will get a pressui*e doubling for all waves, provided the 
wall is perfectly reflecting. 

Next is the question of the distance of the electostatic trans¬ 
mitter from the loud speaker. I mentioned six feet because I 
think that represents something like the distance that listeners 
would sit from a loud speaker in a home. I would place the 
transmitter closer to the loud speaker than six feet, except for 
the fact that I have some reason to believe there is a pressure 
variation very close to the horn of a loud speaker which does not 
represent energy actually radiated. There is a circulation of 
air which may be described as simply surging back and forth. 
It is represented by a reaction on the diaphragm not of eneigy 
dissipation or energy radiation, but an inertia factor, and may 
be compared to the magnetic field around an antenna less than 
a quarter of a wave length from the antenna. You would not 
think of using such a field as a measure of the energy actually 
radiated by the antenna. You would go at least a wave length 
or two away. I should be very glad to hear from any one who can 
answer the question whether there is such an effect as I have 
mentioned. I tried to look it up but could not find any literature 
on the subject, except Rayleigh’s formula for the reaction of air 
on a diaphragm (“Theory of Sound’’, Vol. II., page 165). 

I also suggested that results be given in dynes per square 
centimeter sound pressure per volt-ampere supplied to the 
instrument, accompanied by a statement of the instrument 
impedance and the maximum peak value of voltage or current 
which it can handle without distortion. While the quality of 
the loud speaker is pretty much a question of relative amplitudes 
at different frequencies, if we could give the distance and have 
conditions equivalent to the radiation in free space, without any 
surrounding walls, and give them in terms of sound pressure per 
volt-ampere supplied the instrument, we should also have a 
measure of the sensitiveness of the instrument, which is desir¬ 
able for purposes of comparison. 

The last condition mentioned in my list is that departures 
from standard test conditions are to be stated—of course that 
might for some time to come moan stating all conditions, but I 
think it highly desirable that they be stated in detail. 

A. E. Kennelly: The method of testing loud speakers which 
is presented to us in this interesting paper is a valuable one for 
getting rapid empirical results. It seems to me that much more 
definite and scientific information can be obtained through the 
medium of the motional impedance circle. But in any case, 
whether we use one method or another, we may consider that 
the ideal instrument is one which produces a linear relation 
between the pressure of the air at the transmitter diaphragm and 
the pressure in free air at a defined point in front of the loud¬ 
speaking receiver, that the ratio of the two Avould measure the 
efficiency of the system; and that it should be the same all over 
the acoustic range considered. 

It is not reasonable to expect that any such relation can be 
obtained in the near future, and we can only hope to arrive at 
it by a succession of approximations. 

An ordinary diaphragm has its resonant point or a series of 



June 1923 


NYMAN: ELECTRICAL LOUD SPEAKERS 


801 


resonant points. The horn has another; the transmitter has 
another; the electrical apparatus involved connecting them, 
may have another or a series of others. So it is only by suitably 
combining a series of such resonances that we can hope to produce 
conditions that will produce an equalization over the whole 
working acoustic range as far as possible. There is so much to 
be done in this direction, that we cannot expect perfection in the 
near future. 

I think we have all been struck with the enormous advances 
that have been made in the last few years in the direction of 
frequency measurements, of repeater circuits, and of Atlantic 
radio transmissions, that it is evident one year produces at this 
favored time as much development as might have been expected 
in a dozen years only a little while ago. 

W. H. Martin: Mr. Nyman’s four requirements for a good 
loud speaker can, I think, be adequately expressed by two 
requirements; first, that the efficiency be constant over the 
fi*equenoy range and, second, that the device used produces no 
froqueneies except those imposed upon it. 

In going over this paper, I notice that the so-called “relay 
type” structure showniu Pig. 5,is described as anew development. 
Comparing the structure of Pig. 5 with the so-called “balanced 
armature” type of Pig. 3, it appears to me that the relay type is 
really a small modification of the balanced armature type. 
Magnetically the two are practically the same. The relay type 
appears to liayo the disadvantage, moreover, of having a more 
complicated winding system. 

In the matter of obtaining a loud speaker which will be dis¬ 
tortionless for the frequency and volume range required for 
reproducing speech and music, it seems to me that the important 
problem is not so much that of devising a new magnetic structure 
for converting from oloctrical power to mechanical motion; it is 
rather that of properly communicating this mechanical motion 
to the air. Indications are that there is a larger field for im¬ 
provements in the vibratory and acoustical parts of the structure 
than in the electro-mechanical parts. 

It would help in reading this paper if the author would state 
what the units of loudness are in which the curves of the paper 
are plotted. By loudness we might interpret these units to 
mean sound power, sound pressure, or, as is often meant by 
loudness in acoustical work, sensation in the ear. Since the 
second and third are respectively proportional to the square root 
and logarithm of the first, it is essential to know what the units 
are in order to interpret these cimves properly. 

Referring to the measuring apparatus used, the paper does not 
indicate that the transmitter and amplifier were calibrated to 
determine Avhethor or not they are as free from distortion as it is 
assumed. In regard to the method of testing referred to in the 
paper, I can say that experience with this method has shown that 
unless more adequate means are used than are described in this 
paper for eliminating harmonies from the currents sent through 
the loud speaker and those given out by the amplifier, the results 
are open to question, particularly at the lower end of the 
frequency range. 

Paul G. Andres: Two causes contributing materially toward 
the delinquency of a loud speaker in the matter of faithful 
reproduction or quality of tone are magnetic and mechanical 
hysteresis. 

Considering the first, the presence of iron in the voice current 
magnetic circuit causes the diaphragm or armature to respond 
somewhat differently from what it would were no iron used with 
the result that foreign harmonics are introduced which tend to 
distort the output. 

Mechanical hysteresis or the mechanical lag of the various 
movable members contributes further distortion. Spoken words 
and musical sounds have wave fronts that differ decidedly from 
pure sine waves. They may be very steep or peaked and con¬ 
sequently distortion may easily be introduced due to the dia¬ 
phragm, armature or other parts of the vibrating system all of 


which possess a certain element of inertia or have natural 
vibration periods of their own not beiog able to follow the 
impressed voice currents as readily as they might a pure sine 
wave, particularly if that be of low frequency. Then too, 
internal losses in the movable members add to the deviation of 
the acoustical output from the electrical input. 

It would appear as though only an aural comparison of the 
output with the input can be used in passing final judgement on 
quality, although a test iodepeudent of the opinion of individual 
observers to determine faithfulness of reproduction or an in¬ 
dication of the distorting factors mentioned would be most 
desirable if such a one could be evolved. 

A. Nynam: I will take up first the.disoussion by Mr. Kellogg. 
The first point Mr. Kellogg brought out was a question of engi¬ 
neering tests by the unifoi*mity of volume over the frequency 
range. Mr. Kellogg made the statement that when the volume 
is uniform over the whole range of frequencies, it will not be 
necessary to have the other tests. I can’t agree with that state¬ 
ment. The last speaker, I think, brought the point out very 
clearly. It is a question of the wave form of a combination of 
different frequencies. An individual frequency might have a 
wave form that is fairly steep, but a combination of frequencies 
might have a wa^ve form which is considerably steeper th^ that, 
and a test at a single individual frequency will not give an indi¬ 
cation of the effect of combined frequencies. That is only one 
of the things that affect it. Then there are numberless possi¬ 
bilities of combinations of .sounds, such as music and singing, say, 
or different instruments in the orchestra,* each one having a 
combination of different frequencies, and this combination has 
to be reproduced with exactness. 

I fail to see how any test of individual frequency can possibly 
disclose the operation of the loud speaker in a complicated mix¬ 
ture of frequencies. So from this point of view I believe it will 
be always essential to have the actual acoustic tests performed 
on the loud speaker before it can be approved. 

The second point brought out by Mr. Kellogg, on the standard¬ 
ization of tests, is very good. This is exactly what ought to come 
about. As far as the method of tests is concerned, I can’t agree 
with Mr. Kellogg exactly. On the matter of sine waves for the 
oscillator and a tone filter in the receiving system, he is correct. 

I believe these steps should be taken, and we have attempted in 
our work to produce a ciirrent as close to a sine wave as possible. 

On the other hand, that does not eliminate the test without 
the tone filter, because the tone filter will indicate the repro¬ 
duction of the note that you have applied, but that does not 
exclude the possibility of some other frequencies appearing and 
distorting the sound; and you couldn’t indicate these other 
frequencies except by making a test without the tone filter. 

As far as the arrangement of the room for testing the loud 
speaker is concerned, Mr. Kellogg’s suggestions are good, but I 
have one exception to offer, Mr. Kellogg suggests placing the 
loud speaker at a certain distance from the horn in a room espe¬ 
cially constructed for the purpose. That is all right, provided the 
loud speaker were used under those conditions in actual practise. 
In actual practise, the loud speaker may be placed in a resonant 
room or in a room highly damped. And in a resonant room, it 
isn’t so much a question of how much sound you get in a certain 
direction but rather it is, how much energy of sound is produced 
by the loud speaker. 

I bdleve the problem is really complicated and for final 
standardization both tests would be required; that is, a direc¬ 
tional loudness measurement and an energy of loudness 
measurement. 

Methods for measuring the total energy of sound have not 
been developed. The only thing I can suggest would be an 
ar r a-ng^ fn ^^nt similar to the measurement of energy of illumina¬ 
tion; in other words, by taking a polar curve around the loud 
speakmr, that will indicate the energy. 

Wilfii very simple tests thsi,t I have conducted, moving the 
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piok-up in front of the horn, I have observed that on most 
of the frequencies we have to deal with, the pick-up of sound at 
any point of the horn, provided the horn is designed properly, 
is practically the same. It may vary 20 or 30 per cent. Of 
course, this variation is not appreciable. 

Mr. Kellogg is right in saying that the condenser trans¬ 
mitter is not uni-directional. I have taken polar curves of 
condenser transmitters and have found that especially on the 
low frequencies the pick-up from the back and the sides may be 
as high as 50 per cent of the sound from the front. This makes 
it so much more important to use either the method suggested 
by Mr. Kellogg or placing the transmitter directly in front of 
the horn, where the sound from the forward direction is so much 
larger than any reflected sound can be. 

On the point brought up by Mr. Kennelly with regard to 
motional impedances, as I see it the motional impedance test 
is an essential feature of an electrical analysis of a loud speaker. 
Of course, the tests described in this paper are empirical tests 
applied on a practical scale in the engineering development. 
They are not pure research work. Motional impedance should 
be carried out on the loud speakers and on combinations of loud 
speakers and horns, and I believe that will bo one of the best 
methods for determining the characteristics of different types 
and the operation of the system as a whole. 

Mr. Martin brought up the point of efficiency of loud speaker 


determining its characteristic—I believe the answer to this is 
the same as to Mr. Kellogg’s statement, that is that the effi¬ 
ciency at individual frequencies will not determine alone the 
operation of the loud speaker*. You should take the efficiency 
of individual frequencies in combined tones; that is, where a 
mixture of frequencies is applied, and determine whether the 
individual frequencies will come out in the values proportional 
to the input. 

Mr. Martin is correct in saying the difference between the 
relay type and the enclosed armature type is very small. The 
difference is simply practical. In our manufactining experience, 
we have found that the relay type is cheaper to manufacture and 
is more adaptable to changes necessary for proper operation. 

The curves that have been plotted do not refer to any partic¬ 
ular unit of sound. All of these curves are only relative 
curves. We start with a certain voltage and we obtain a certain 
voltage. It is the comparison of the efficiency of loud speaker 
transmitter systems that we are after. This transmitter— 
the condenser transmitter—^is the most perfect transmitter 
that has been found practical, and naturally the loud speaker, 
for practical purposes, should be adjusted to this most perfect 
transmitter. But all results are purely relative. The trans¬ 
mitters that we have been using have all been tested and their 
resonance frequencies are well outside the range of the curves 
that have been shown. 
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Review of the Subject.—ArtificMtransndssionlineshave been 
very valuable in developing the theory of transmission of power. 
This theory has been developed in gi'eat detail for steady stale con- 
dit 10718, and it is noio impo7'tant to extend it to cover transient 
conditions. This can best be done upon artificial transmission 
lines hut the visual lumpy type of line inti'oduees parasitic re¬ 
flections caused by the discrete units of inductance, and therefore 
ai'e of very limited use for this purpose. Attempts have been made 
fro7n time to time to produce ai'tificial lines with distributed constants, 
hut the results were either unsaiisfactoi'y or expensive and bulky. 

A method, 07'iginally proposed by Pupin, has been developed by 
which small co7npact and cheap artificial transmission line coils 
can be desigtied and built to repi’esent any desired configwation of 
circ7iit. These involve tinfoil wound in with the wire between the 
different layers, insulated from the winding by the usual form of 
condenser dielectric paper. One of the most difficult parts is to 
arrive at a coil unlh the proper constants. Formulas have been 
derived for doing this which will calculate the result given by the 
coil within the limits of manufacturing error, and which can be used 
in a straightforward 7m-7mcr similar to the design of other electrical 
apparatus. Either single or polyphase Imes may be represented, 
and a smgle-phase Ime repi'esenting the average configuration of a 
110,000-volt line approxwiately 1000 miles (1600 km.) long has 
been constructed and successfully used for test over a period of about 
one year. A three-phase line of similar characteristics, but ^00 
(jBJiO ktn.) miles long, has also been constructed and is now being 
used in experimental investigations. The cost of such lines is low, 
being approximately 6 cents per mile per phase, excluding the cost 
of mounting. 


There are certain limitations of equivalence, hut these are in 
secondary effects which do not cause serious error. One feature 
contributing largely to the success of this type of line is the possibility 
of operating at low potentials with moderate amounts of power, and 
obtaining readings by means of vacuum tube, or Triode, repeaters, 
which operate vyithout draiving enough power from the circuit to 
disturb the conditions being investigated. The lines as constructed 
will easily withstand 110 volts a-c. which is sufficient for most test 
purposes. 
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Introduction 

HE theory of the transmission of electricity has 
been materially advanced through the use of 
artificial transmission lines in the laboratory. 
It is difficult to test full sized lines due to the l^ge 
spaces they cover, simultaneous readings at various 
points involving complicated communications, while 
the expense of construction renders the elimination of 
errors imperative. As longer and longer lines ^e 
necessary their behavior must be predicted with 
correspondingly greater accuracy. In addition, modem 
large power networks introduce still further complica¬ 
tions, and with many lines interconnected to many 
sources of power the behavior of the system is not only 
difficult but in many cases impossible of exact mathe¬ 
matical solution. The use of artificial lines which cost 
a very fraction of the actual line may thus repre¬ 
sent a direct and economical method of investigating 
the phenomena involved, and may in many cases save 
expense and errors in designing the actual system. 

Artificial lines of various types have been in use for 
about thirty years, one of the first investigations being 
in connection with submarine signaling (Bibliography 
No. 1) and later Pupin (Bibliography No. 2) developed 
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artificial equivalents in connection with his work upon 
loaded telephone lines. At the present Lime these 
artificial equivalents are used extensively in telephone 
and telegraph work for balancing circuits, or as stand¬ 
ards of transmission distance, while a large number are 
used for educational purposes in the laboratories of 
engineering schools. In a few cases power companies 
have built equivalents of a portion of their system for 
investigations of the power distribution. (Biblio¬ 
graphy No.3). 

The usual construction involves the use of lumped 
constants, or in other words, a coil having the desired 
values of resistance and inductance is connected in the 
proper manner to one or more condensers of the correct 
value of capacity, the group being equivalent to a sec¬ 
tion of line of definite length. These units may be 
connected in either star or delta combinations, and are 
usually referred to as a T or tt section, the arrangement 
being shown in Fig. 1. If the equivalent section of 
line is short the values of the total inductance, capacity 
and resistance per section in the actual line and its 
artificial equivalent may be made identical without 

introducing more than a negligible error. Iftheeqmva- 

lent section is long, however, correction factors must be 
used. A very complete description of the design and 
use of such artificial lines will be found in the special 
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books upon the subject by Kennelly. (Bibliography 
4 and 6). 

While this type of construction is in many ways satis¬ 
factory and useful it has certain very definite limita¬ 
tions which prevent the experimental development of 
transmission theory along certain lines. At present 
the most important of these is the investigation of 
transient phenomena. The lumpy tjTpe of line loses its 
equivalence to the actual line when the flow of current 
is not a repeating function, since the constants behave 
as separate units ^towards the wave fronts set up in 
changing from One state of flow to another, resulting in 
very large reflections from the inductance lump and 
very large conduction by the capacity lump. If the 
inductance were entirely free from distributed capacity 
then a vertical wave front would be completely reflected. 
However, the inductance coil must always contain a 
certain amount of distributed capacity and therefore 
the reflection of a wave front will depend upon the ratio 
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Pig. 1—(a) Loop-miiiE *• Section of Lvmpy Aetifioiai. 

Transmission Line 

If the constants are properly chosen It may also represent a wire-mile. 

(b) a Similar Section op the T Type, the Constants 

Saving Valves Giving the same Nominal Length as (a). 

of the inductance to the distributed capacity that 
actually exists. Since this capacity is not designed but 
merely occurs as a result of winding wire in a coil, it is 
a more or less hap-hazard feature of the usual artificial 
line. The wave resulting from a transient impressed 
upon a lumpy line consists of a multiplicity of super¬ 
imposed reflections which distort it very far from its 
correct form. (Bibliography No. 6). It is therefore 
necessary to make an artificial line in which the in¬ 
ductance and capacity are intimately associated at all 
points in a manner similar to that which actually exists 
in the real line. 

Development op the Artificial Line with 
Distributed Constants 

This type of line is referred to as a ^^smooth” line in 
distinction from the more usual lumpy line. From 


time to time attempts have been made to produce such 
a smooth line for the study of transient or other con¬ 
ditions. The Taylor and Muirhead (Bibliography No. 
1) artificial cable was smooth, but included only 
capacity and resistance, and therefore could not support 
a traveling wave. The method used was to slit a sheet 
of resistance metal in a staggered manner to give the 
proper resistance, the sheet being separated from an 
unslitted sheet of similar dimensions by a proper di¬ 
electric to give the desired capacity. In 1898 Pupin 
(Bibliography No. 2) made a smooth line by winding 
spools of insulated wire with tinfoil interspersed be- 
tw^n the layers. This gave the desired character¬ 
istics, but did not have sufficient dielectric strength, and 
failed under the impressed voltage so frequently that 
it was abandoned. Later Union College (Bibliog¬ 
raphy No. 7) in collaboration with Steinmetz con¬ 
structed a smooth line consisting of large glass cylinders 
lined with tinfoil and wound with a single layer of wire. 
This had high dielectric strength but was a bulky design 
as the single layer of wire gave relatively low inductance 
for the material used, while the thickness of the dielec¬ 
tric resulted in low capacity. It also suffered severely 
from breakage of the glass cylinders. The amount 
constructed was equivalent to about 130 miles (209 
km.) of single-phase line, occupied 1300 cubic feet 
(37 cu. m.), and weighed about tons (3200 kg.). 

The Research Division of the Electrical Engineering 
Department of the Massachusetts Institute of Tech¬ 
nology started an investigation of the possibilities of 
making a satisfactory smooth artificial line in the fall 
of 1920. The work has been done largely by gi'aduate 
students and research assistants. Mr, L. H. Becker 
began the first attempts at making coils with distributed 
constants, and the first tests were carried out by 
Messrs. M. P. Gardner and E. J. Arnold, all of these 
being research assistants. The design of the single¬ 
phase line was carried out by the author, and the more 
extensive tests, which are to be described in another 
paper, were carried out by Messrs. Scott, Van Ness and 
Jackson, graduate students, under the supervision of 
Mr. S. M. Jones, research assistant. The design of the 
three-phase line was done as a graduate thesis by Messrs. 
P. T. Coffin and L. 0. Buckner, and the test work upon 
this line is now under way by a group of graduate 
students. 

The first lines of endeavor dealt with lattice-wound 
coils, the capacity being obtained by copper plating 
over the insulation, or embedding the coil in Wood^s 
alloy. This gave unsatisfactory results due to large 
dielectric hysteresis and variations in the resulting 
capacity. After considerable experimenting it was 
decided to develop the Pupin type of coil. The final 
type of construction consists of a multilayer coil wound 
with bare, or enamel insulated, copper wire of rec¬ 
tangular or circular cross section. Between each 
layer of winding, and also on the inside and outside of 
the coil, is wound a layer of tinfoil, insulated from the 
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conductor by impregnated condenser paper. Each It introduces of necessity several design constants, 
layer of tinfoil projects at one end so that all the layers which have to be more closely determined by a sample 


may be soldered together. There must also be a break 
in each layer along the same radial line, so that the 
tinfoil does not make a short-circuited secondary for 
the main winding. This results in a coil having the 
capacity uniformly distributed with respect to the 
conductor. The leakage is also uniformly distributed, 
but there is a certain periodicity of constants due to the 
existence of mutual inductance between turns in each 
coil. This does not appear to interfere with its equiva¬ 
lence to an actual line, as shown from tests made upon 
the lines. One important facility contributing largely 
to the success of this construction is tiie availability of 
three electrode vacuum tube amplifiers for use in making 
tests. The operation of the usual type of metering 
equipment and oscillographs requires so much power 
that if they are directly connected to the line the 
resultant equivalent load is very large and distorts the 
line conditions seriously. Sudi equipment can only be 
connected to the end of the line which is attached to 
the power supply without introducing serious errors. 


coil, but usually one or two samples will sufl&ce to pre¬ 
dict the results within five to ten per cent, which is as 
close as coils of this sort can be manufactured com¬ 
mercially. If greater accuracy is necessary the coils 
must be wound sli^tly oversize and then unwound 
until they fit the required constants. Since the capac¬ 
ity reduces directly with the first power, and the 
inductance approximately proportionately to the square 
of the turns unwound, it is always possible to unwind 
an oversize coil to a point where the desired ratios are 
obtained. The equivalent size of conductor represented 
by the artificial line is roughly proportional to the size 
of conductor actually used in winding the coil, and varies 
but very slightly for a small change in the number of 
turns. Thus unwinding the coils changes the equiva¬ 
lent spacing rapidly, the equivalent length of line slowly, 
and the equivalent conductor size remains practically 
constant. 

The Use op Loop-Mile and Wire-Mile Equivalent 

Circuits 



Fig. 2—Cboss-sbction of Round Wihb Type op Smooth 
Ahtipicial Line Coil 

The arrangement with rectangular wire is the same, but usually some¬ 
what longer compared to the diameter. 

By means of the vacuum tube amplifier or repeater, 
however, oscillographs and other devices may be 
operated by the plate current of the vacuiim tube and 
controlled by the charge on the grid. If the grid is 
properly polarized it draws negligible power from the 
system and therefore does not introduce apy undesirable 
incidental loads. Thus tests may be made with small 
amounts of power and moderate voltage, the dielectric 
stren^h required being low, and as a result the line 
construction compact. With the high grade materials 
now available coils of this construction can be made to 
withstand a working potential of 100 volts per mil of 
condenser dielectric. This allows a safety factor of 
from two to three. 

Owing to the interdependance of the various constants 
in the coil the design is somewhat complicated. A 
change in any one dimension affects all the other con¬ 
stants and cut-and-try methods are very laborious and 
wasteful. Therefore a method of design has been 
worked out which will give reasonably accurate restilts. 


As mentioned above the transmission line may be 
represented by T or tt sections having the values of 
inductance, capacity, resistance and leakance existing 
in the actual line. In the same way these constants 
may be worked into the smooth type of artificial line. 
In this case, however, since the constants are distrib¬ 
uted, the actual values of the constants are used, and 
no correction factors applied. No attempt has been 
made to introduce leakance into the design, since this 
is rather an indefinite constant^ depending, in the actual 
line upon the condition of the insulators and the weather 
and in the artificial line upon the amount of moisture 
present and the t 3 ^e of dielectric. Since it is usually 
very low in aerial lines no serious error is introduced by 
this omission provided its resultant magnitude is com¬ 
parable to that observed in practise. 

One point which frequently leads to confusion is the 
use of either wire dr loop-mile equivalents. The wire- 
mile equivalent is a circuit equivalent to one wire of the 
transmission line represented, and is of no use by itself, 
a,lways requiring a return circuit of similar nature. 
The loop-mile equivalent is a circuit representing both 
sides of the transmission line, that is the line going out 
and the line returning, and represents the complete 
transmission system by itself. A loOp-mile circuit may 
be made from one or more vdre-mile circuits. In the 
case of the representation of a single-phase line either 
one is satisfactory, the taminal conditions being 
identical, and the loop-mile equivalent usually being 
simpler to construct. In the representation of a three- 
phase fine three wire-iiiile equivalent circuits must be 
used. Fig. 3 will perhaps make this clearer. Case 
(a) represents an artificial tt line section with two groqps 
of inductance and capacity; This can be broken up 
into two wire-mile eqtuvients as shpw^ m 
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circuit on either side of the line m~n being a wire-mile 
equivalent. It will be noted that this requires the use 
of larger capacity for each circuit, since the individual 
condensers are connected in series. Case (c) is a loop- 
mile equivalent circuit having the same terminal 
characteristics as either of the others, but requiring only 
one inductance coil and the minimum size of capacity. 
Case (d) shows the arrangement of an equivalent circuit 
for a three-phase line with equilateral spacing. This 
neglects the capacities to ground. Case (d) can easily 
be converted to (e), the condensers being connected in 
star instead of delta. It will be seen that this latter 
case consists of three wire-mile equivalent circuits. 
In some cases the constants are spoken of as inductance 
or capacity to neutral, which is merely a different way 
of stating the wire-mile values. 



•“VTinrSwinrY-* 
■^^-C /2 =4= c/8 


(0 


L/8 h/i 



(a) Ciectjit Equivalent op a Single-Phase Transmission 

Line, 

(b) The Same Circuit as (a) Broken up to Show Two Wire- 
mile Equivalent Sections Combined to Represent the Line 

(c) The Same Section Length as (b) with the Constants 

Lumped to Give a Loop-mile Section 

(d) a Three-phase Transmission Line ItePRESENTSD by 

Lumped Constants 

(e) The Same Circuit as (d) with the Capacities Con¬ 

nected IN Stab Instead of Delta 
(T he values of the constaats in all the different sections are marked to 
show the values giving the same nominal length of section for each type 
of circuit). It will be noted that this is the same as three of the wire>inile 
sections used in (b). 


The same arrangements can be used in the smooth 
line artificial coils, except that the capacity is of'course 
distributed. The hardest thing to get in the design 
is sufficient capacity, particularly with round wire. 
Therefore, where it is possible to do so the loop-mile 
equivalent is desirable from the standpoint of economy 
and compactness. It is also the only type that can 
be easily obtained with round wire, and for this reason 
the three-phase lines are constructed with flat strip. 
While the flat strip is a little more difficult to obtain, 
usually standard sizes can be used, and it introduces 
greater flexibility in the design, since the resistance 
ean be changed by altering the thickness without 
seriouriy affecting the capacity, which is dependent 
upon the width of the copper strip and the thickness 


of the dielectric. The three-phase design later de¬ 
scribed may of course be also used for single-phase 
design, since it is merely a method of arriving at the 
constants of the coil, and these may be chosen to 
represent any desired form of line within the possible 
limits of the artificial coils. It should also be borne in 
mind that any coil containing inductance, capacity 
and resistance will represent some kind of transmission 
line, but the relations of the (ionstants may be such 
that the actual line represented is of extreme or gro¬ 
tesque configuration. 


Design op Single-Phase Line with Round Wire 

Coils 

Appendix I gives the derivation of the design formu¬ 
las. The resultant useful formulas are as follows: 

0.915 (S+kr)^ y"* 10^ 


b = 


0.003 


- h 


(14) 


The procedure in the design is as follows: 
1st. Choose values to substitute in (14): 



is determined from the line configuration. 


y depends upon the insulation or setting of 
winding lead screw. Enamel insulation 
alone has less dielectric loss than fabric 
covered wire. With this type of insulation 
iy) is found to be about 1.3. Obviously 
it can never be less than unity. 
le may be arbitrarily fixed as a long line is 
represented by several sections. If the 
line is short it is made equal to the length 
of line to be represented. More than ten 
miles per section with the round wire coils 
makes bulky units, but the cost per mile 
is not greatly affected. A larger equiva¬ 
lent length for fixed equivalent spacing and 
thickness of dielectric requires an increase 
in the size of wire used. Thus if the wire 
radius is found to be very small it is advis¬ 
able to increase Z« or 5. 

K depends upon the dielectric used. For the 
usual types of condenser paper and impreg¬ 
nation it varies from 2.5 to 3.0. A good 
average value for trial is 2.8. 

H depends upon the shape of the coil. Its 
maximum value is 6.06 X 10-* and there¬ 
fore a value slightly less than this should 
be used and the coil shape arranged to 
approach the maximum as closely as 
possible. 



Jxxiae 1923 


DELLENBAUGH: ARTIFICIAL TRANSMISSION LINES 


807 


K should be taken as 0.215 unless considerable 
bedding occurs, in which case it is decreased 
somewhat. 

5 is usually chosen for dielectric strength, and 
modified if necessary to alter the charac¬ 
teristics of the coil. It should never be 
less than 0.002 inches (0.005cm.) and 
where possible should consist of two sheets 
of paper to obtain greater uniformity. 
2rLd. The constants having been determined and 
a value of h chosen, find r from (14) by cut-and-try 
or graphical solution. 

3rd. Find I from (12). (Formula (13) Appendix I 
may also be used.) 

4th. Check resistance of coil against resistance of 
gtctual line of same length (Z«) from formula: 

7 n V 10“® 

Ea =- \ - (See Appendix I) (10) 

*Xhe resistance will vary very nearly directly with the 
■value r® as shown in Fig. 4, so correct to the proper 


Since H IS not critical the nearest values giving Q, 
n and s whole numbers should be used. 

WMing the Coil. A mandrel is made with its diam¬ 
eter equal to 2 r^. A roll of tinfoil should be pro¬ 
cured about one inch wider than the dimension 6, 
and the dielectric paper should be about 1/2 in. wider 
than 6. It is convenient to have a hot iron to melt the 
wax on the overlapping edges of this paper and thus 
fasten it in place. The winding is started by first 
covering the mandrel with paper, and then placing 
one sheet of tinfoil in place. The tinfoil must be cut 
to leave a gap about 1/8 in. wide at the ends to pre¬ 
vent short-circuited turns. All these gaps should be on 
the same radial line so that the ends can all be soldered 
together without producing short circuits from layer 
to layer! The tinfoil is then covered with the proper 
thiclaiess of dielectric paper, and the winding started, 
one layer being completed. Another layer of dielectric 
tinfoil and dielectric is put in place, and another layer 
of wire wound, this process being repeated until the 
proper number of layers are completed. The coil is 
finished off by a final layer of tinfoil, and well covered 


. e^nlTalaiit dluttSlr af tTanamtei'lan aonduotar.ligidMa 
0 0.1 o.e 0.3 0.4 0.3 



Fig. 4—Curve Showing the Relations Between the 
3Diametee of Wire Wound in the Smooth Artificial Line 

O OIL AND THE EQUIVALENT DiAMETER OF TRANSMISSION LiNB 
OoNDUCTOR Represented 


TJie upper cui’ve is for a wire spacing of 18 ft. (6.6 m.) and the bottom 
curve is for a spacing of 6 ft. (1.83 m.). The equivalent length of section 
•varies from 2 to 40 miles (3.2—64 km.), increasing -with the diameter of 
"Wire la coll. The length of •wire In the coll varies from 6000 to 60,000 cm. 
ci64-1,040 ft.), also increasing with the diameter of wire. The design 


constants were taken as follows:' 

JC = 2.6 p = 1.6 JS = 0.6 X 10-* a * 0.0026 in. 


size of wire if necessary and repeat the last three steps. 


with heavy paper for protection. In placing the dielec¬ 
tric paper it is a good plan to have the overlapping 
ends either carefully cut to fit in the tinfoil gap, or 
distributed as evenly as possible around the circum¬ 
ference, to avoid building up a bump upon one side 
of the coil, which tends to lower the capacity. The 
tinfoil is placed so that one side projects beyond the 
dielectric paper. These projecting edges are now all 
soldered together and the lead wire soldered on. The 
whole coil is then impregnated, preferably in vacuum. 
Ceresin wax is desirable for this as it is more nearly 
moisture proof than parafiin. Tests upon sample 
coils should always be made after they have been 
impregnated in exactly the same manner as the finished 
coils, since the capacity is changed quite materially 
by this treatment, usually being increased about ten 
per cent. Moistme affects the capacity, leakance 
and dielectric hysteresis of the coil, therefore the coils 
should be mounted in a tight box and preferably cal¬ 
cium chloride or other moisture absorbing compound 
u^J to take up the small amount that penetrates the 
walls. 


5 being corrected from (14). 

Sth. The values of r, Z and 5 having been determined, Examples gp Single-Phase Round Wire Coils 


xiext calculate the mean winding radius, turns per layer. The single-phase line of this type in the Massachu- 


H-umber of layers, etc. ^ ^ 

H is maximum when b/c = 1 and c/a = 0r06 to 0.8 approximate duplicate of an aerial line with 10 ft. 
(Bibl. No. 8). The coil dimensions can be easily ^3 spacing. This would correspond to about 
obtained from the following relations: average practise upon a 110-kv. line. , No limitation 

ji was set upon the equivalent conductor size providing 

d = — A / / ^2 ~ 1.20 -^y Z {^7) it ^as within reasonable limits. The results of the 

TT ^ first four sample coils are given in Table I. The coil 

(if the optimum values of c/a and b/c are used.) constants were chosen to give represen'tation of the 


c 0.662 a — Q p == Q (2 t + 2 S (38) line by loop-mile equivalents. The final specifications 

5 = c = 2 s y r ti = a -- c/2 rs = a -|- c/2 are given in Table II, and tble design check for the 

Bibl. No, 8) average constants in Appendix IIL 
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TABLE 1 

TRIAL SINGLE-PHASE ROUND WIRE COILS 
Loop Mile Equivalent 

Colls designed with 0.002 in. (0.0051 cm.) paper. 0.003 In. (0.0076 cm.) tinfoil 


K assumed = 2.5, H = 0.6 X 10-®, p = -i— = 1.60 

2r 


OoU 

No. 

Wire size 
B&S 

R ohms 

L mh 

Cmf 

le miles 

d inches 

Sfeet 

U 

X inches 

1 cms 


No.l 

No. 18 

9.25 

115 

0.180 

27.0 

0.54 

10.0 

1.6 

0.002 

44,000 

Dosifin 



9.71 

144 

0.206 

33.0 

0.61 

26.5 

1.27 

0.003 

45,700 

Test 

No. 2 

No. 21 

10.10 

58 

0.084 

13.0 

0.375 

10.0 

1.6 

0.002 

24,000 

DesiKii 



11.05 

68.5 

0.080 

13.9 

0.375 

31.0 

1.1 

0.003 

24,600 

Test 

No. 3 

No. 23 

11.70 

40 

0.056 

8.6 

0.28 

10.0 

1.6 

0.002 

17,500 

Design 



12.85 

46.7 

0.0534 

9.5 

0.285 

24.0 

1.13 

0.0032 

19,000 

Tost 

No. 4 

No. 23 

13.3 

47.6 

0.060 

9.2 

.285 

18 

1.16 

0.0025 

20,000 

Design 



12.9 

46.3 

0.058 

9.8 

.29 

19 

1.13 

0.0025 

19,300 

Tost 


On coils No. 1, 2 and 3, y came out lower than ex¬ 
pected which increased the inductance. The paper 
dielectric ran thicker than specified which tended to 
decrease the capacity, but at the same time the di¬ 
electric constant was higher than expected so the varia¬ 
tion in (opacity was minimized. The equivalent 
length of section and diameter of conductor check 
reasonably with the design, but the spacing is in error, 


Outside diameter.3.5 inches (8.9 ora.) 

Inside diameter.1.75 inches (4.45 cm.) 

Winding length.1 Vio inches (2.7 cm.) 

Coil length over insulation.1.5 inches (3.81 cm.) 

Coil length over tinfoil, total.2.0 inches (5.08 cm.) 

Winding depth.Vs inches (2.22 cm.) 

PINAL COIL CONSTANTS AND EQUIVALENT VALUES^ 

Equivalent per coil 126 coils 


TABLE II 

SINGLE-PHASE ROUND WIRE COILS 
Loop Mile Equivalent 
PINAL COIL SPECIFICATIONS 


Wire size.No. 23 B & Senamelcovered 

Diameter of winding mandrel.1.8 inches. (4.57 cm.) 

Total number of turns.792 

Turns per layer. 36 

Number of layers.. 22 

Thickness of dielectric, one sheet... .0.002 inches. 

Thickness of tinfoil. .0.003 inches. 

Gap in tin foil....0.25 inches. 


Tolerance.:_ L/C = 640 


(0.0051 cm.) 
(0.0076 cm.) 
(0.6 cm.) 

+ 3% 


-5% 


due to the difference in inductance and capacity both 
being in the direction to increase spacing, except in the 
first coil. The specifications were given in terms of 
layera and turns per layer, which increased the length 
of wire in coil slightly, as the layer pitch was greater 
than expected. 

Coil No. 4 was designed upon the data obtained from 
the first three, and fairly close results were obtained. 
^Breakdown tests upon the dielectric showed erratic 
results. The voltage varied from 320 to 1000, 60-cycle 
a-c. root-mean-square value. Most of the 8 coils 
tested for breakdown withstood from 450 to 600 volts. 
Wind wire with highest practicable tension. Impreg¬ 
nate coil after winding. Solder all tinfoil together on 
one end and attach flexible lead. The first and last 
layers to consist of tinfoil and dielectric. Protect 
outside of coil with 0.006-in. (0.012 cm.) fish paper. 


Resistance. 7.9 996.4 ohms 

Inductance. 0.0326 4.112 Honrios 

Capacity. 0.0565 7.110 Micro-farads 

Leakance. 0.465 58.7 Micro-mhos. 

Equivalent length 

of line. 7.87 miles (12.6 km.) 992.1 Miles (1590 km.) 

Equivalent spac¬ 
ing. 8 ft. 9 in. 8 ft. 9 in. (2.67 m.) 

Equivalent con¬ 
ductor. No. 00 B&S No. 00 B&S. (9.2mra.) 


Design op Artificial Line with Rectangular 

Wire Coils 

The derivation of the design formulas is given in 
Appendix II. The resultant formulas used in the 
design are as follows: 

Mechanical dimensions of coil: 

a = 3.2 {z/L) {w R t/pY 10-1° (I) 


6 = 2ri = yw s (II) 

c = Qp = np/s (III) 

Ti = h/2 = yw s/2 (IV) 

?'2 = ri -H c = ri -f « p/s (V) 

Winding Dimensions of coil: 

6 p L 10® 

^-—z wRt (VI) 

Q =n/s (VII) 

P = (i + 2«+/) (VIII) 


g ± (g* — ywn p)'^^ 


PINAL COIL DIMENSIONS 
126 coils of this type were manufactured representing approx¬ 
imately 1000 miles of single-phase line. The average results 
are: 

Weight of complete coil.. 1.88 pounds (0.858 kg.) 


Note; (IX) is derived from (7) and (8). 

1. The equivalent line, values are calculated by the more 
accurate formulas given in Appendix V. If the approximate 
formulas in Appendix I are used slightly different results are 
obtained. 

























June 1923 


DELLENBAUGH: ARTIFICIAL TRANSMISSION LINES 


809 


Dielectric thickness'. 

^ SSw KqL 
^ = NeZ 


(X) 


The procedure in the design requires the assumption 
of a definite value of thickness of copper strip, the width 
and dielectric thickness then being chosen to give the 
desired characteristics. The constants of the line 
to be represented may be determined from any desir¬ 
able formulas, those given in Appendix I being satis- 


Slse Of vlro In artiflolal lino ooll.B and S gags. 



It will be seen that the width of copper strip is 
determined from the design and that a definite value 
is necessary for any given thickness. It is usually 
desirable to try several sizes for the preliminary steps. 
As the formulas are based upon the fixed relation that 
the winding length is equal to the internal diameter, 
(see Appendix II) it is easy to form a mental picture 
of the size of the coil from the average winding radius 
(a) determined as in the 7th step above. 

As it is impossible to avoid variations in design 
constants due to non-uniformity of materials and manu¬ 
facturing methods, a sample coil should next be made 
up, from which the correct design constants can be 
determined for the exact conditions encountered and the 
final design arrived at by the same methods. 

It should be remembered that it is possible to make a 
coil which satisfies the requirements of L, R and C 
but does not meet the requirement that the winding 
length is equal to the internal diameter. After building 
a sample some slight modifications may be found desir¬ 
able to make it fit the imposed conditions more ac¬ 
curately so that the finished coil may ultimately have a 
winding length different from the inner diameter by a 
small amount. 

Examples op Three-Phase Rectangular Wire 

Coils 

The line in the Mass. Inst. Tech, laboratories was 
designed to duplicate an average of present standard 
practise upon 110-kv. lines. The following charac- 


langtli of wlrt In «rtlfloial lino aeU.vtaoaaanio of oentlmtoro. 

Fig. 5—Chart Showing the Relations Between the Various 
Dimensions anu Equivalents op Round wire Smooth Line 
Loop-mile Sections 

Values are calculated for a fixed value of dielectric thickness of 0.0025 in. 
<0.00635 cm.) Since they are aU interdependent they can all be plotted 
to the same coordinates. For example, 20,000 cm. of No. 22 B & S wire 
will result in a section having an oqxdvalent length of 10 miles with equiva¬ 
lent spacing of ten feet, and the ratio 2 S / d = 700, thus the equivalent 
conductor diameter is 0.34 in. The curves are plotted for average values 
of design constants and therefore give approximate results only. 

factory. The procedure in the design will then be as 
follows 

1st Determine values of L, R and C desired from line 
configuration and length of section desired to 
represent. 

2nd Assume values of design constants z, q, y, p and K, 
3rd Assume several values of thickness of copper strip. 
4th Solve for {w/n) from formula (X). 

5th Solve for (w n) from formula (VI). 

6th Determine values of (w) and (n) from last two 
steps, 

7th Solve for value of (a) from formula (I). 

8th Solve for value of (s) from formula (IX). 

9th All other dimensions may then be determined by 
direct substitution in the desired formulas. 



Fig. 6—Several Types op Smooth Artificial Line Coils 

Upper left is lattice wound embedded in Wood’s Alloy. Upper right 
is round wire single-phase 8 loop-mile section. Lower left is experimental 
three-phase coil, and lower right the final t'aroe-phase coil of 20 wire miles 
per section. 

teristifis were taken from data upon a number of exist¬ 


ing lines: 

Length of section.20 miles. (For convenience) (32 km.) 

Voltage.110,000 volts 

Spacing...120 in, (3,05 in.) 

Conductor..,. .No. 0000 B & S 

Arrangement of conduct¬ 
ors... .Equilateral 


The design of this fibrst line has been made under the limited 
.ssumption of equilateral spacing, and absence of the ground 
>lane. The extension of the design to the more general case is 
liscussed later on in the paper. The methods are the same, 
[ifferent constants being used. 


From these data the eonstamts per section are: 
Resistance per wire (R).......... .5185 ohms ^ 

Inductance per wire (D). •. • • • • • • • • ^ • ^1^? 

Capacity per wire (C )......... . .0.2855 miCTofafaqs 
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Three thicknesses of copper strip were tried and No. 
28 B & S seemed to give the best design. Two coils 
were made up, supposedly duplicates, and the results 
obtained are shown in Table III. 

From these values it appeared that either the dielec¬ 
tric constant or the constant (q) in the capacity for¬ 
mula had been assumed too small, and that the tension 
used in winding had stretched the wire, increasing its 
resistance. 

Coil No. 3 was then made up with the same specifi¬ 
cations except that thicker dielectric was used and the 
results, as shown in the tabulation, check quite well 
except that the resistance is still a little high. Since 
no attempt was being made to duplicate an exact line, 
but merely to obtain one that would represent average 
conditions, this was considered close enough and the 
final design was based upon this information. The 
actual equivalence is shown in Table III. 


TABLE III 

THREE-PHASE REOTANGULAR WIRE COILS 
Wire Mile Bgulvalent 


Calculated Values 


Test Values 


CoU No. 1 

Coil No. 2 

EiTor 

Coll No. 3 

Error 

L 

0.0418 

0.0410. 

0.0420 

2% 

0.0425 


C 

0.2855 

0.3470 

0.3270 

21% 

0.2850 


R 

5.185 

5.862 

5.879 

13% 

5.946 



Calculated Values Test Values Coil No. 3 Error 


Length. 20 miles (32 km.) 20.2 mUes (32.4 km.) 1.0% 

Spacing. 120In. (3.06m.) 120In. (3.05m.) 0.0% 

Size of conductor 212,000 c. m. (107 

sq. mm.) 186,000 c. m. (94 sq. mm.) 12.3 % 

The fact that the length and spacing of coil No. 3 
both check so closely is of course merely a coincidence 
with this particular coil. 

The final coil specifications and measurements upon 
finished coils are given in Table IV. The calculations 
of the final coil are given in Appendix IV. It will be 
noted that the specifications are not exactly the same 
as the calculations, slight changes having been made to 
meet the commercial conditions. Thus the nearest 
standard size of fiber tubing for a hub had a diameter 
of 4.16 in. (10.6 cm.) making the value of ri actually 
2.08 in. (5.3 cm.) instead of 1.88 in. (4.8 cm.) as 
designed. To compensate for the increase in diameter, 
the spacing of the turns was increased slightly as well, 
which resulted in the final coils being of substantially 
the same characteristics as expected. 

TABLE IV. 

THREE-PHASE RECTANGULAR WIRE COILS 
Wire Mile Equivalent 

FINAL COIL SPECIFICATIONS 


Wire Size, No. 28 B & S tinned 


bare (Rectangular). 

... / (Width0.104in. (0.264cm.) 

\ (Thickness 0.013 in. (0.033 cm.) 

Inside Diameter. 

.4.16 in. 

(10.6 cm.) 

Outside Diameter. 

.... .5.50 in. 

(14.0 cm.) 

Total number of turns..... 

.725 


Turns per layer.... 

.29 


Number of layers. 

.25 



TMckness of dielectric, two f 0.003 in. (0.0076 cm.) 

sheets, each.. \ 0.006 in. total (0.015 cm.) 

Width of dielectric.5 in. (12.7 cm.) 

Thickness of tinfoil.0.002 m. (0.0057 cm.) 

VTidth of tinfoil.6 in. (15.2 cm.) 

Gap in tinfoil.0.375 in. (0.95 cm.) 

Length of layer.4.0 in. (10.2 cm.) 

Core length..5.00 in. (12.7 cm.) 

Over all length.5.5 in. (14.0 cm.) 

Tolerance... L/C = 160 ± 10 ner cent 

Wire to be wound with uniform tension. Solder 
all projecting ends of tinfoil, and attach flexible lead. 
Impregnate coil after winding. The first and last 
layers to consist of tinfoil and dielectric. Protect the 
outside of coil with heavy fish paper. 

FINAL COIL DIMENSIONS 
60 coils of this type were manufactured, representing 
approximately 400 miles of three-phase line. The 
average results are: 

Weight of complete coil, 

approximately.7.5 pounds, (3.4 kg.) 

Outside diameter... Varies from 5.5 to 5.8 in. 

(14 to 15 cm.) 



Fro. 7— The 1000 Mile Single-Phase Smooth Line Assembled 
IN Boxes. One Box is Opened to Show Arrangement of 

Coils 


Inside diameter.4.125 in. (10.5 cm.) 

Over all length.Approximately 5.5 in. (14 cm) 

Winding depth.Varies from 0.69 to 0.87 in. 

(1.75to2.2cm.) 


BTNAL COIL CONSTANTS AND EQUIVALENT VALUES 

Per coll Total average, per -wire 


Resistance. 5.51 to 6.02 ohms 114.0 ohms 

Inductance. 0.041 to 0.043 0.84 henrl^ 

Capacity... 0.251 to 0.312 5.25 microfarads 

Equivalent length of line. 19.1 miles (30.5 km.) 382.75 miles (613 km.) 

Equivalent spacing. 144 inches (3.56 m.) 144 inches (3.56 m.) 

Equivalent conductor di¬ 
ameter... 0.426in. (1.08 cm.) 0.426in. (1.08cm.) 


Both sets of lines were manufactured by the General 
Radio Company of Cambridge, Mass. They are 
particularly fitted for the manufacture of this type of 
apparatus since it involves production methods very 
similar to those used in the manufacture of radio 
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apparatus. The author would like to take this occa¬ 
sion to express his appreciation of their assistance in 
developing these lines and in carrying out some of the 
experimental work. 

A number of the coils were tested for breakdown 
potential between the wire and tinfoil. The voltage 
required was rather erratic due to variations in dimen¬ 
sions and quality, the single-phase coils breaking down 
under an impressed a-c. voltage of from 320 to 1000 volts, 
root-mean-square value. The three-phase coils, hav¬ 
ing thicker dielectric, withstood higher potentials, the 
lowest breakdown being found at 700 volts, and the 
majority of those tested running between 800 and 1200 
volts. After about one year’s service in more or less 
continual use, the single-phase line has only developed 
one case of trouble, one of the coils having high leakage 
which developed into a breakdown. Upon remov¬ 
ing this coil no further trouble has been experienced. 
The voltages impressed were usually 110 volts a-c. 



Fig. 8—The Arrangement op Four Sections op the Smooth 
Three phase Line in Containing Box 
O olls are spaced so that mutual betweou them is nogliglblo, but can bo 
moved to obtain desired value if required. The cago in corner of box is for 
moisture absorbing compoimd. 


described both cost almost exactly 60 cents per mile 
per phase for the coils without mounting. The single¬ 
phase coils are smaller but represent approximately 
eight miles of line. The three-phase coils are larger 
and more expensive, but represent about twenty miles 
of line each. The three-phase line of course requires 
three coils for each section and therefore is about three 
times as expensive to build as the single-phase line. 



Fici. 9 —The 400 Mile Three Phase Smooth Line, as it 
iStanos in the Laboratory, in Use for Transient Investi¬ 
gations 

Spacing cribs arc placed between boxes to eliminate mutual Inductance 
vertically. 

since single coils would be of about the same cost per 
mile. The labor cost depends to a large extent upon 
the number of layers per coil, since it is the placing 
of the tinfoil and paper that is the expensive operation. 

Tests Upon the Single-Phase Smooth Artificial 

Line 

An extensive study of the behavior of the line under 
d-c. transient conditions was made by graduate stu¬ 
dents as already mentioned. The d-c. transients were 


or d-c., and higher values occurred in parts of the line 
during some of the tests. 

The constants of the coils were measured in the 
development work by means of bridge measurements 
at 1000 cycles, for the inductance and capacity and 
leakance, the resistance being measured upon a d-c. 
bridge. After assembly into the final line the average 
constants were then determined by the free and 
grounded impedance method with a-c. potentiometer 
readings at 60 cycles. These latter readings of course 
give the values that should be used in computing the 
line, and very little difference in constants was found, 
being less than the individual error between different 
coils due to variations in manufacture. 

The cost of coils is interesting. It will vary with the 
type of line used, the form of representation and the size 
of conductor. In general the larger the transmission 
line being represented, in terms of spacing and con¬ 
ductor size, the more expensive will be the artificial 
line coils. The single and three-phase lines being 



Fig. 10—The Direct Current Transient at the Home 
End of 992 Miles op the Single-Phase Artificial Trans¬ 
mission Line, the Far End Being Open 

chosen as a preliminary step to the investigation of 
a-c. transients, since the former can be calculated with 
reasonable facility while the theory of the latter is 
still extremely embryonic. Fig. 10 shows the current 
transient upon 992 miles (1590 km.) of the line, the far 
end being open with no load and the current being 
taken at the near end. It will be seen that there is no 
evidence of partial reflections and that the line appears 
to behave in the same manner as the actual line it 
represents. Theoretical checks upon the transients 
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confirm this. Fig. 11 shows the current at the near 
end of the same length of line when the far end was 
short-circuited. In these curves the reflections occur 
at the proper intervals for the travel of the wave front 
over the whole line. The mathematical analysis of 
these oscillograms shows that they check the expected 
results with excellent fidelity. The details will be 
omitted here as another paper is to be devoted to the 
discussion of the test details, and these are merely 
shown as examples indicating the absence of lumpiness 
in this type of artificial line. 



Pig. 11—The Direct-Current Transient at the Home End 
OP 992 Miles op the Single-Phase Artificial Transmission 
Line, the Par End Being Short-Circuited 

Limitation op Equivat.ence of the Smooth Type 

OF Line 

There are certain limitations in representing an 
actual system by this type of artificial line. Some of 
these involve the characteristics of the materials used 
in the coil, while others deal with the possibilities of 
arrangement to represent unsymmetrical configurations, 
conditions of unbalance and the like. 

Under the first classification the most noticeable is 
the effect of dielectric hysteresis, which is present in the 
artificial lines and is absent or negligible in the actual 
line. This means that the apparent leakance is a 
function of frequency, and must be minimized by main¬ 
taining the hysteresis loss as small as possible. Its 
effect upon the transient is to distort the wave front 
and cause it to deviate from the perpendicular. The 
effect is not large if good materials are used and should 
not cause serious error. There is also no control over 
the actual leakance, but its magnitude appears to be 
of the proper order. The leakance in the artificial 
coils is entirely distributed, while in the actual line it 
is lumped at the towers. This difference does not 
appear to cause any discrepancy since the effect of 
leakance in aerial lines is usually very small. 

In the actual transmission line skin effect is present, 
while this effect is practically absent in the artificial 
line coils. It is of small magnitude compared to other 
factors, but may be of ^eat importance in dealing with 
steep wave fronts and high-frequency transients. The 
dielectric hysteresis of the artificial line is of somewhat 
similar character, and therefore exact equivalence 
under high-frequency conditions would appear to 
depend, at least in part, upon the possibility of 


obtaining equivalence of skin effect by dielectric 
hysteresis. 

The ordinary lumpy type of artificial line has a defi¬ 
nite periodicity of arrangement of discrete constants 
and therefore acts as a filter, with fixed values of cut-off 
frequency, the usual type being a low pass filter. It is 
important to have this cut-off value very different from 
any of the frequencies encountered in the test work in 
order to have correct representation. Strictly speaking 
an artificial line is only equivalent to the actual line 
for one frequency. If the cut-off frequency is remote 
from the operating frequencies, however, the dis¬ 
crepancies for the different frequencies are very slight. 
In dealing with transients, high frequencies occur in two 
ways. The period of reflection or oscillation of the 
transient may be of high frequency, and a steep wave 
front may be represented as a Fourier’s Series con¬ 
taining a very large, or perhaps infinite number of 
frequencies. Thus it is extremely necessary that the 
characteristics of the line shall not alter as the fre¬ 
quency is increased, except in the same way that the 
characteristics of the actual line would alter. In the 
smooth type of artificial line there is a certain amount 
of periodicity due to a number of separate coils being 
used, and the mutual inductance between turns in each 
coil being lumped within the coil, there being no mutual 
between separate sections. On the other hand the 
capacity is entirely distributed with respect to the wire. 
This is to be the subject of further investigation. 
Probably if any cut-off value exists it is of very high 
frequency. 

The three-phase line has been designed to represent 
an isolated line of equilateral spacing with currents and 



Pig. 12—The Arrangement op Condensers Used by Gray 
IN Lumpy Artipici.4.l Line to Represent the Effect of the 
Ground Plane 

voltages that either are balanced or add up to zero, so 
that there is no residual potential between neutral and 
ground. The effect of the ground plane has, for the 
time being, been neglected. These assumptions do not 
coincide with the actual case, where the ground plane 
must be considered, but were chosen as the basis upon 
which to build up the experimental and theoretical* 
investigation. Mutual inductance between coils has 
also been omitted, the coils being mounted far enough 
apart so that the mutual between them is negligible^ 
This again does not entirely coincide with practib 
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as mutual exists between the different circuits of a 
three-phase transmission line, but if the limitations of 
current and voltage stated above are adhered to, the 
mutual upon an equilaterally spaced line cancels out 
and does not affect the distribution. 

There are several ways in which these added factors 
may be introduced. Gray (Bibl. No. 3) has made a 
careful study of the equivalence of artificial and actual 
lines, and constructed a lumpy type of artificial line 
to represent an actual transmission system. His 
theoretical treatment takes into account the effect 
of the ground plane upon the capacities between con¬ 
ductors, as well as mutual inductance between circuits 
and the effects of unbalance. The condenser circuit 
used for the equivalent artificial section is shown in 
Pig. 13. The three condensers in star represent the 
capacities of the lines to groimd, and the three conden¬ 
sers in delta , represent the capacities between wires. 
By the usual star-delta transformation formulas 
(Bibl. No. 4) it is possible to transform this combined 
circuit to either one star or one delta combination of 
capacities. The only difficulty is that in doing so the 
ground plane connection disappears, since the neutral 



Fig. 13 —^Vacuum Tube Repeater Circuit Used for Ob¬ 
taining Oscillograms Without Drawing Power prom the 
Artificial Transmission Line 

of the condensers must represent the neutral zone of 
the system of transmission conductors. If the distance 
between conductors is small with respect to the distance 
to groimd, then all the capacities in Gray^s system, 
Fig. 13, can be assumed symmetrical with small error. 
With the configuration of the usual transmission system 
this will result in less error than the probable accuracy 
of the test work and the variations in the coils them¬ 
selves, unless each one is individually adjusted by 
unwinding as mentioned above. In this case the capac¬ 
ities of all the wires to ground can be replaced by one 
capacity connected from the neutral of the system of 
conductors to the equivalent ground plane. This has 
not been tried, but should represent any desired con¬ 
figuration with reasonable accuracy. It introduces, 
however, discrete units of capacity which give periodic¬ 
ity and to a certain extent destroy the smoothness of 
the artificial line. This may have an undesirable 
effect under transient conditions, but it is improbable 
that it would be of very great magnitude since the 
capacities to ground are small conapared to those 
between conductors. If the spacing of the conductors 


is not equilateral, unssmimetrical capacities are needed. 
Usually this would require a section consisting of two 
coils with one value of capacity and the third coil with 
a different value. This can be obtained readily with the 
type of smooth line described by working through two 
designs for the desired characteristics, using the rect¬ 
angular wire type of coil, the flexibility of the design 
allo^ng changes in capacity without altering the 
equivalent length of section. Possibilities in this 
direction and the accuracy of equivalence of the three- 
phase line which has just been constructed are to be the 
subject of further investigation. 

Mutual inductance between the artificial line coils 
in any one section will be required if a current or 
potential distribution exists which impresses a residual 
voltage between the neutral of the transmission system 
and ground. In the actual case this will result in a 
current flowing in the ground. Therefore, in order to 
calculate the value of this mutual inductance, it is 
necessary to know the distance of the return path 
through the ground from the electrical center of the 
system. This is variable due to the characteristics of 
the soil adjacent to the transmission line. Gray has 
assumed that the center of the return path of the ground 
current lies 20 feet (6.1 m.) below the surface and adds 
this distance to the height of the transmission system 
above ground in order to calculate the required mutual 
inductance. It is probable that this is correct for some 
cases and represents an average condition, although 
other cases might depart from it materially. Upon 
this basis the mutual introduced has a magnitude of 
about 20 per cent of the self inductance of the coils, 
and so can be readily taken care of. If the trans¬ 
mission line coils are assembled so* that this value of 
mutual inductance exists it will then represent a dif- 
fCTent actual line from the one it would represent if 
no mutual inductance were present. This occurs on 
account of the fact that, although the mutual induct¬ 
ance cancels out for zero summation, or balanced cur¬ 
rents and voltages, it nevertheless reduces the effective 
value of inductance in the coils, the net resultant self¬ 
inductance being equal to the total self inductance less 
the mutual induct^ce. Gray gives the formulas for 
computing the mutual and self inductance Under any 
assiuned conditions as: 

£. = 2 ( log.>^ + l,/4 ) (39) 

abhenries per cm. per wire 
= 2 (log« S^/S) abhenries per cm. per wdre (40) 

The net resultant self inductance of the given 
length of artificial’line wiU then be {L, — I/„) per wire, 
and this value should check the value obtained from 
the formnlas of Appendix i where no mutual is taken 
into account. If the mutual inductance for a 110-kv. 
line of No.^0000 B & S conductors spaced 120 in. 
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(3.05 m.) is considered, the distance S' being taken as 
50ft. (16.3m.), then: 


Lm/La 


Log, (600/120) 
Log, (1200/0.46) 


0.204 


[Omitting the term 1/4 in (39)] 

Thus for this case the mutual inductance is about 
20 per cent of the total self inductance. In the case 
of the smooth three-phase artificial line discussed it 
was designed to have a value of self inductance equiv¬ 
alent to the value of L, — as found by these formulas. 
Therefore if the mutual inductance is introduced to 
correct it for equivalence under special conditions it 
will change the line which it represents. Since the 
capacity and resistance remain the same and the 
inductance is reduced, it will have the effect of reducing 
the equivalent length of section and the equivalent 
diameter of conductor about 10 per cent. As the total 
capacity per coil remains unchanged, its value per unit 
length of equivalent line is thus increased and this will 
decrease the 2 S/d ratio about 20 per cent. Since the 
equivalent diameter of wire has been decreased a lesser 
amount the spacing will be slightly decreased. Thus in 
general the effect upon the equivalent actual line of 
introducing mutual between the artificial line coils is 
to decrease the length, conductor size and spacing by 
an amount smaller in proportion than the amount of 
mutual introduced, when expressed as a per cent of 
self inductance. 

Conclusions 

Artificial transmission lines can be successfully 
built with distributed constants, which will in the main 
duplicate the behavior of actual transmission lines, 
not only under steady state conditions but also under 
transient conditions. Certain properties of the materi¬ 
als used in the coils introduce effects in the artificial 
line which are not present in the actual line, and the 
change in dimensions causes some of the effects present 
in the actual line to be absent in the artificial line. 
However, as shown by the correspondence between the 
experimental work and the theory for relatively simple 
cases, the results of these divergences froni exact 
equivalence are very small, since the discrepancies are 
of secondary nature, and a great deal of information 
can be obtained by the use of such artificial lines in 
studying transient and other conditions. Single¬ 
phase lines can be easily and accurately duplicated. 
Three-phase lines require more complexity of circuit, 
particularly where special configurations of line or 
special load conditions are to be represented, but the 
method of design and construction is sufficiently 
fle^ble to allow of this being accomplished. The 
accurate introduction of the ground plane effects and 
mutual inductance between wires requires further 
analysis and study and the possibilities of duplicating 
networks will be developed with further experimental 
work. Complete transmission systems can be repre¬ 
sented by such coils, but in order to be fully useful the 


effect of terminal apparatus must be introduced by 
artificial equivalents as well, and this is the subject 
of separate investigations at the present time. From 
the economical standpoint this type of transmission 
line is cheap, compact and rugged 


Appendix I 

Derivation of Design Formulas for Round Wire 

Coils 

Inductance of Transmission Line. From the usual 
theory is derived the inductance formula: 

Li = 4 loge (2 S/d) 4- M/2 abhenries per cm. (1) 
The error in omitting the term M/2 is very small. 
For the configuration usually used in high-tension 
power lines this error is less than 2 per cent, which is 
smaller than the error resulting from differences in 
materials and dimensions of the artificial coils and can 
thus be neglected. Omitting the term m/2 and sub¬ 
stituting the proper conversion factors the formula 
becomes: 


Lo 


1.482 



2S 

d 


henries per loop mile (2) 


Capacity of Transmission Line. The capacity be-^ 
tween wires is given by: 

= icosh'i im .andapproximately, 


~ 41og,(2S/<i) 

The result being in statfarads per cm. 

The errors in the approximate formula are very small 
for aerial lines where the ratio 2 iS/d is large. For the 
average configuration the error cannot be detected in 
ordinary slide rule calculations. Therefore the ap¬ 
proximate form is used. By substituting the proper 
conversion factors, (3) becomes: 


“ iogio(2S/d) W 

Resistance of Transmission Line. The resistance 
of the line is given directly by the formula: 

Ri = — ^^2 ^ — Ohms. (Total for the length 


being considered). The value of a is about 10.4 per 
cm. foot at 20 deg. cent, for copper. (5) 

These three formulas determine the constants of the 
line it is desired to reproduce, the units being in the 
usual American system. The leakance is omitted as 
discussed in the body of the paper. 

Inductance of the Artificial Line Coil. The formula 
of the Bureau of Standards (Bibl. No. 8) is simple to 
use and gives reasonably accurate results: 

Ls = X 10-3 millihenries (6) 
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The form factor H does not vary rapidly for small 
changes in coil dimensions, and so may be assumed 
constant. (This is the factor G in the Bureau of Stand¬ 
ards nomenclature.) 

Since D is a function of the wire radius it is convenient 
to express: D = 2y r. From which: 

Lz = ^^ 2/8 H X 10“® millihenries (7) 


Capacity of Artificial Line Coil, The best formula 
for the calculation of capacity is open to question. If 
the successive turns of wire were not so closely adja¬ 
cent probably a logarithmic form similar to that of 
transmission line to ground would be more accurate. 
But the electrostatic field is actually so different that 
it does not hold. If the wire beds in the tinfoil and 
dielectric some form of concentric cylinder capacity 
formula would apply. If there is no bedding and the 
electrostatic field is uniform, the capacity formula for 
flat plates could be modified to give close results. 
Probably the actual case is a combination of the various 
circumstances enumerated, but an empirical investiga¬ 
tion showed that the flat plate formula gives the closest 
results. Thus: 

Cz = (if A/36 TT a;) 10“® microfarads for flat plates 

( 8 ) 


With round wire: A — irr per cm. per side of wire. 
And X ^ (d kr) 

Where k is found by integration to be 0.215 if no 
bedding is present. 

Substituting these expressions in (8) : 


Ci 


K r 10-® 
36 (5 + A; r) 


microfarads per cm. of wire per 
side of layer (9) 


Eliminating I from (12) and (13) and solving for 5: 





lif./Ho-®] - k 


r 


(14) 


Formula (14) determines the thickness of the dielec¬ 
tric that must be used in terms of known constants, or 
factors that can be assumed. It would be more 
convenient to have it in such form that the wir$ size 
would be determined as a function of 5 since the di¬ 
electric is generally chosen from considerations of 
operating potential. Unfortunately the large number 
of fractional exponents make this difficult except by 
graphical methods. See Fig. 5. 


Note Upon the Minimum Size of Coil Required 
In equation (12) for a given case all the terms are 
constant, or nearly so, except those containing 6 and 
r. Thus it can be written: 


\ IW I J 

I = M — -i/i-Where Af is a constant includ¬ 
ing all other terms (15) 

Thus if (5 + A: r)^ is made a minimum, the 
length of wire required in the coil will be a minimum. 
Substituting 0.215 for k, differentiating this expression 
with respect to r, and equating the result to zero for 
minimum, this condition becomes: 5/r = 0.43. 

Equation (14) may be written: d = (B—k)r 
Where B represents the first expression within the 
brackets. 

Thus B = (5/r) A: (16) 

And substituting the value of 5/r found from test for 
minimum: 


Resistance of Artificial lAne Coil. From the dimen- ^ 0.645 (17) 

sions of the coil the resistance must be: From this relation it would be simple to find a 

I X 10-8 definite value for r directly from the line configuration 

^ —ohms (10) values required in (14). Unfortunately it usually 

r^ults in a prohibitive value of 5. Substituting the 
The value of p will vary from 1.7 to 1.8 microhms value of B just determined in (14), the value of 8 
per (cm.)8 becomes: 

Combination of Fundamental Formulas inlo Design 6 = 0.43r (18) 

Formulas. (2) and (4) multiplied by the equivalent This implies the use of either extremely small wire 
length of the line in miles will give the total values of or very heavy dielectric, both of which are objection- 
inductance and capacity. If the equivalent length in able for other reasons, and it would a,ppear that the 
terms of these constants is solved for, there is obtained: theoretical minimiim length of wire cannot be taken 


l. = Vio C(,/28.8 X X0» miles (il) of in ordinary; designs. 

Solving for the length of wire wound in the coil from Appendix tl 

(7), (9) and (11) there is obtained: - Derivation OP Design Formulas FOR Rectangular 

0.915 A//‘ (8 _ W Coils 

^ = (jjX)V« ,.v« liiductarice of Artifi^ MaxwelFs funda¬ 

mental inductance formula can be modified to fit in 
Solving for A again frpm (2) arid (7) : well with the desi^, and is therefore made use of, a 

r 2.36logip {2, S/d)le {y r)*^* W "]”•* correction factor (z) being included, the value to be 

I ^^~ J- ' determined from empirical data. The Bulletin of the 
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Bureau of Standards, Vol. VIII, p. 135 gives this for¬ 
mula as: 

8 a 


Now dividing (21) by (27) we obtain 
SS.2wK q 


L = 4 TT a ^ log* - 2 ) 10-» henries 


C/L = 


(19) 


dnz 


The errors involved are due to distortion of the cur¬ 
rent sheet and the shape of the coil. Comparison of 
this formula with one of the more accurate ones over a 
range of shapes likely to be used for this purpose gives 
an average correction of about plus 13 per cent. The 
formula as it will be used in the following derivation is 
thus written: 

L = 1.134 z . 4 IT a ^log*-^ - 2 ) 10-*henries(20) 

Capacity of Artificial lAnc Coil. Due to edge effect 
and bedding of the conductors a very accurate capacity 
formula is impossible. The one for two parallel flat 
plates is used: 

C = (S.S5K A 10-8)/(5) microfards 
If the total area of one side of the copper ribbon is 
assumed as one plate and the projected area upon the 
tinfoil as the other plate, then: 

C (2 TT aw X2nx 0.0885 X lO-® K q)/(8) M F 

( 21 ) 

The correction factor (q) is inserted to adjust for 
variations determined empirically. 

Resistance of Artificial L/ine Coil. The resistance 
of the coil will of course be given by the expression: 

R = (2 Tran p)/(wt) ohms (22) 

Leakage of Artificial Line Coil. Predetermined 
attempts to design for leakage are omitted as discussed 
in body of paper. 

C(ymhination of Above Fundamental Formula into 
Useful Design Formulas. Since y = b/w s and c 
= np/s. G may be expressed as 

G = 0.2235 lyws-\-n p/s) (23) 

Also it is evident that 

a = ri + (» 3J/2 s) (24) 

Dividing (24) by (23) we obtain 

^ - (25) 

” 0.447 iyws'^ + np) ^ ^ 

If this can be reduced to a numeric constant then the 
term [log*® a/G] in (20) acquires a fixed value and re- 
sultsin greatsimplification. This can be done if wemake 
b 2 ri, as then ri = yw s/2 and substituting this 
value in (25) 

a/G - ■ . y - = 2.236 ( 26 ) 


And multiplying this by (4) gives 
RC 5.538 ggpg 10^ 

L “ 8zt 


(28) 


(29) 


By rearranging (27) we can write 

=1.9B{L/z)W W 

And from (28) and (29) 

SS.2wKqL _ 5.5BSaK pLqW 
^ ~ nzC zRCt 

From which o w = 0.1593 {w R t/p) (31) 
(a) and (n) may now be obtained by simultaneous solu¬ 
tion of (30) and (31), giving 
4.975 pli 10® 


n = 


zwRt 


(32) 


And a = 3.205 (2/L) («o B ^/p)^ 10 (33) 

By means of these and one or two self evident combina¬ 
tions all dimensions of the coils may now be determined. 

Recapitulation 

(all dimensions in cm.) 

Mechanical Dimensions of Coil 
a =3.2(z/I/) (wB«/p)n0-i“ (I) 

b ^2ri - yws TO 

c ^ Qp = np/s (III) 

r,Jb/2 = yws/2 (IV) 

r2 =ri + c =ri + %p/s (V) 

Winding Dimerwions of Coil 
5 P 1/ 10® 


n - 


zwRt 


Q =n/s 

p = (^ + 2 5 + /) 


a±(.a^-ywn pY'^ 
yw 


(VII) 

(VIII) 

(IX) 


Note: (IX) is derived from (25) and (26). 
Dielectric Thickness. 


8 = 


SSwKqL 

nzC 


(X) 


0.447 (j/ws* -f-wp) 

Substituting (20) in (26) we then get 

Z, = 1.2i62 2 g 10-® henries (27) 

It must always be remembered that this involves fixing 
he dimensums by the relation 6 = 2 ri. 


The numerical constants in (I), (VI) and (X) have 
been shortened to approximate figures as the accuracy 
is still greater than that possible in actual design due to 
variations in materials and methods of assembly. 

Owing to the flexibility of the design in using flat 
strip it is possible to make various sizes of copper 
satisfy the same criteria of line constants by changing 
the dimensions of the coil. Therefore the formulas 
have been developed from the standpoint of using a 
given size of strip, since usually definite sizes aw 
commercially available, and a few preliminary tnals 
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will quickly determine the one probably most suitable, 
parallel designs being carried through partway as with 
most electrical machine design. There are so many 
considerations to be taken into account in completing 
the design, such as desired voltage, length of section, 
flexibility of connections, etc., that no general rule to 
cover every case can be made. 


Appendix III 

Calculation of Design of Single-Phase Round 

Wire Coils 


(Loop mile equivalent section) 

The line to be represented is 110 kv., spaced ten 
feet (3.05m.) with a conductor diameter of 0.30 in. 
(0.763 cm.). Using these values and average values 
of the various constants gives 


S = 10ft. (3.05m.) 
d = 0.3 in. (0.763 cm.) 
2 S/d = 800 
Logic 2 5/d = 2.9031 


y =1.13 

le = S miles (12.8 km.) 
K = 2.8 
H = 6X 10-" 

8 = 0.0025in. 

(0.00635 cm.) 

The values required for equation (14) are as follows 
[logio2 5/dp-fi = [2.9031]^-« - 5.5 

0.4 

[ J ” ^ * “ 0.456 r»-* 


= 2.8/(6 X lO-*)" " = 239 
Thus substituting in (14) we get 
8 = (0.003 X 5.5 X 0.455r»*^ X 239- 0.215)r 

= 0.00635 cm. (by assumption) 
Next try the value of r for No. 23 B & S wire. This 
is about 0.03 cm. Substituting this above we get 
8 = 0.0068 cm. 

Therefore the required insulation would be a little 
larger than that assumed. Referring to Fig. 5 it will 
be seen that k spacing of a little less than ten feet is to 
be expected with this combination. So make a new 
calculation with smaller spacing and the other con¬ 
stants the same, say 5 = 9 feet (2.75 m.), then 
[logio2 5/d]i-8 = [logic 720]i-« = [2.858]i-» = 6,35 
Using the same value of r, and all previous constants 
the same 

8 = (0.003 X 5.35 X 0.112 X 239 ^ d':215) 0.03 

= 0 00639 cm. 

This result gives a value of 8 less than one per cent 
different from the desired value and so is satisfactory. 
The values for solution of (12) to detennine i must now 
be derived: 

= (8)^ = 4.75 

(8 - (0.00639 + 0^215 X 0.03)’^ = 0.1^^ 

j/^ = (1.13)^ =1.03 
(HR:)*/* = (6 X 2.8 X lO--*)*/* - 0.0913 
= (0.03)^ = 0:644 ■ 

Hence: r= (0.915 X 4.75 X 0.195 X 1.03 X 10») 

/(0.0913 X 0.644) = 14,800 cm 


This value can be checked from (13) 
logic 2 5/d = 2.858 
{y r)"'* = (1.13 X 0.03)*/* = 0.1005 
Thus: I = (2.36 X 2.858 X 8 X 1.005 X 10») 

/(6 X 10-4) = 14,900 cm. 

This checks the previous value, and I will be taken as 
15,000 cm. The resistance of the actual line will be, 
from (5): take o- = 10.4, then, Ri = (2 X 8 X 5280 
X 10.4)/(0.32 X 10®) = 9.4 ohms. The resistance of 
the artificial line coil per section will be: from (10): 
take p = 1.75, then, R 2 = (15,000 X 1.75 X 10-«) 
/(7r0.03*) = 9.25 ohms. Which checks closely with 
the desired values. The actual dimensions of the coils 
may now be obtained from (37) and (38): 

a = 1.20-4/15,000 (1.13 X 0.03)2 = 3.08cm. 
(1.21 in.) 

e = 0.662 a = 2.04cm. (0.80in.) 
h = a = 3.08 cm. (1.21 in.) 

Prom a, Q = a/p = 3.08/(0.06 + 0.0128 + 0.0076) 

= 38.4, so make layers 38 
From6,s =h/2yr = 3.08/(2 X 1.13 X 0.03) 

= 44.2, so make turns per layer 44. 

Ne 4c 

These results are not exactly the same as the finn.1 
coil specifications. The final coils were given the last 
design adjustment after a trial of several samples in 
order to correct for the particular manufacturing 
variations encountered. The wire obtained for the 
actual coils also ran somewhat oversize which neces¬ 
sitated changes. The procedure to be followed after 
this step in the design would be to make up several 
samples and then obtain corrected values for the 
constants under the particular conditions, from which 
the final coil reifications can be drawn up. 

Appendix IV 

Calculation of Pinal Design op 3-Phase Artificial 

Line Coils 

The values of the constants as determined from the 
trial coils have the following values: 

C = 0.2855 Mf. 

X = 0.0418 H. 

R = 5.185 ohms. 

£: = 2.8 
q =1.40 

z =1.14 ^ 

t = No.28B&Stinned0.01304in. 

V =1.25 

p =1.8XlO-» 

8 = 0.00634 in. 

/ = 0.002 in. 

Prom formula: 

(X) «;/% = 0.366 X 10-« 

(VI) : «)?i/ = 192.0^^^^^ 

Thus w != 725.^.. .. .Totalntmiberrf^ 
and w = 0.2^cni. =O.104in, 

Widtbbf strip 
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(I) a - 5.56cm. = 2.19in. 

Average winding radius 
(VIII) p = 0.0705 cm. = 0.0277 in. 

Layer pitch 

(IX) s =28.2 .Turns per layer 

Make s = 29 to avoid fractional layers 
(VII) Then Q =25.Number of layers 

(II) 6 = 9.58em. = 3.77in. 

Axial length of winding 

(III) c = 1.76 cm. = 0.695 in. 

Radial depth of winding 

(IV) Ti = 4.79 cm. = 1.88 in. 

Inside radius of coil 

(V) ra =6.55 cm. =2.58 in. 

Outside radius of coil 

Appendix V 

Conversion formulas for determining the configura¬ 
tion of a transmission line represented by one or more 

artificial line coils^__ 

I, = 0.31 V19.94- 36 X LC X 10^-1.38C 
__ (34) 

di = 0.234 (35) 

Logios = 38.9 X 10-3 [yc\ + log^o di- 0. 301 (36) 

le to be taken in miles 
di “ “ “ “ inches 

S " “ “ “ inches. 

One mile = 16.0 X 10^ centimeters. 

Effect of variations in coil constants upon equiva¬ 
lent line dimensions. 

R gives 4- 0 per cent error 
inZe. 

4- 10 per cent error in L gives -1-4.5 per cent error 

in Z«. 

C gives -1-4.7 per cent error 

. Zfi. 

R gives -1-4.8 per cent error 
ind 

-h 10 per cent error in L gives 4-2.4 per cent error 

in d 

C gives -1-2.5 per cent error 
in d 

R gives a — 4.4 per cent error 
in 5 

-h 10 per cent error in L gives a — 38 per cent error 

injS 

C gives u — 23 per cent error 
in iS. 

Appendix VI 

The Use op Vacuum Tubes in Recording Transients 
In general it is most convenient to record the tran¬ 
sients upon "the smooth transmission lines by means of 
oscillograms. For current readings the vibrator of the 
oscillograph may be inserted directly in the circuit 
without adding sufficient resistance to cause serious 
error. For voltage readings, however, the pOwer 
equired to operate the oscillograph represents a very 


large equivalent load upon the transmission line due to 
the small scale upon which the work is performed. 
Therefore it can only be used directly when connected 
to the terminals of the source of power. The interest¬ 
ing cases usually involve the voltage at other points 
on the line, and for obtaining these use may be made of 
three-electrode vacuum tubes, or Triodes, of the 
usual type developed for communication work. Pro¬ 
viding the grid is maintained negative, practically no 
current is drawn, and the change in the charge upon the 
grid may be caused to control sufficient current in the 
plate circuit to successfully operate the oscillograph. 

Fig. 13 shows one of the circuits used for this purpose. 
It is necessary in dealing with transients to eliminate 
reactance in the repeater circuit to as great an extent 
as possible. For this reason it is not possible to use 
a transformer to couple the plate circuit to the oscil¬ 
lograph, and the impedances of the two circuits thus 
connected being of very different magnitudes, the 
combination is not very efficient. The resistance 
R 0, Fig. 13, is used as a potentiometer connection, one 
terminal and a variable tap being connected to the 
oscillograph vibrator Vib. through the battery E. 
The steady fiow of current through the plate circuit 
due to the battery B is thus balanced out of the vibra¬ 
tor circuit, and the oscillograph will be operated by the 
variations in current produced by changes in the charge 
upon the grid. The voltmeter V P measures the plate 
potential, and, if small batteries are used, must be left 
connected all the time if the apparatus is to be cali¬ 
brated. Care must be taken that the resistance in this 
d-c. voltmeter does not contain inductance or distrib¬ 
uted capacity of large enough amount to by-pass the 
transient to some extent. RF is the usual filament 
control resistance, and should be of low value to give 
close adjustment. If the circuit is to be calibrated to 
give quantitative readings the filament temperature is 
very important in order to obtain duplication of results, 
and usually cannot be maintained sufficiently accurately 
with an ammeter. Therefore the resistance r and single 
dry cell D are introduced so that the filament current 
can be adjusted by means of the galvanometer G. 
The resistance r should have such a value that G will 
be on zero when the proper filament current is obtained. 
If only proper duplication of the wave without its 
quantitative value is required, then this refinement can 
be omitted. 

The battery C, resistance R G and voltmeter V G 
are used to adjust the grid potential. M and N are 
the input terminals. If the resistance between M 
and N is extremely high, the return circuit of C through 
to the filament is blocked off and the battery mil not 
be effective. Therefore it is sometimes necessary to 
connect about 1/2 megohm across M-N to ensure 
proper control of the grid potential and to increase 
potential of battery C. This potential should be 
adjusted so that the current in the plate circuit 
lies midway on the straight portion of the triode 
characteristic curve when no potential is impressed 
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upon M-N. Sometimes, if it is known that the tran¬ 
sient voltage is to extend much further in one direction 
than the other, it is desirable to adjust to a different 
part of the curve in order to extend the range of the 
repeater without distortion. Three 5-watt power tubes 
in parallel connected at V T were found to give suf¬ 
ficient current variation to operate the oscillograph 
successfully. About 5 volts plus or minus can be 
recorded without serious disJtortion. The repeater 
can be calibrated upon a d-c. circuit with fair accuracy, 
if care has been taken in eliminating reactance, and 
its faithfulness of reproduction can be observed by 
impressing an a-c. wave upon one vibrator direct and 
upon a second through the repeater, superimposing 
them upon the viewing device of the oscillograph. 
With correct adjustment the maximum deviation from 
duplication should not be greater than the width of the 
beam of light from the oscillograph mirror. 

The operation of the repeater under transient 
conditions can also be checked either by photographing 
transient waves in a circuit where sufficient power 
can be drawn off to operate one vibrator direct without 
distorting the circuit. This can be visually observed 
if a switch is made up to alternately open and close a 
contact, causing transients in an experimental circuit, 
synchronously with the viewing device. 

Other combinations can be used, but this seems to 
be the simplest to make up with the ordinary laboratory 
apparatus available. Distortion can be reduced by 
some form of push-pull circuit, and the use of a high 
inductive reactance and low capacity reactance as a 
transient block and pass system can be substituted 
for the potentiometer aiTangement R O and E, But 
this is likely to introduce difficulties due to distributed 
capacity and similar attendant troubles. 

List of Symbols Used in Formulas 

A Surface area of one plate of condenser in sq. cm. 

C Capacity in microfarads per section per wire. (Or 
to neutral). 

Cl Capacity between transmission wires in statfarads 
per cm. 

Co Capacity between transmission wires in farads per 
loop mile. . , 

Cz Capacity of artificial line coil in microfarads. 

D Winding pitch per turn = hf$ — yw = 2yr, Di¬ 
mensions in cm. 

G 0.2235 (c-h &). 

H Form factor for inductance formula, see Bib. No. 8. 
K Dielectric constant. 2.5 to 2.9. 

L Inductance in henries per section per wire. (Or 
to neutral). 

!/<» Inductance of transmission system in henries per 
loop mile. 

Li Inductance of trafismission system in abhenries 
per cm. per pair of wires. 

Li Inductance of artificial line coil in millihenries. 
lI Self inductance of one wire to ground return— 
abhenries per cm. per wire. 


Lm Mutual inductance between two wires having com¬ 
mon return abhenries per cm. per wire. 

Q Total number of whole layers of winding. 

R Resistance in ohms per section per wire. 

Ri Resistance of total length of actual line, ohms per 
loop mile. 

Ri Resistance of artificial line coil in ohms. 

S Spacing of transmission line, in same units as d unless 
otherwise stated. 

Distance between transmission wire and common 
groimd return, inches. 
a Average winding radius in cm. 
b Axial length of winding in cm. 
c Radial depth of winding in cm. 
d Diameter of actual transmission line conductor. 

In same units as S unless otherwise stated. 
di Diameter of transmission line conductor in inches. 
f Thickness of tinfoil in cm. 

k A constant in capacity formula, usually equal to 
0.215. 

le Equivalent length of transmission line in miles. 

I Length of wire wound on artificial line coil, in cm. 
n Total number of turns per coil. 
p Layer pitch or thickness of one layer, in cm. 
q Capacity con*ection factor, usually about 1.10 to 1.5. 
r Radius of round wire used in coils, cm. 

Ti Inside radius of winding cm. 
f 2 Outside radius of winding in cm. 
s Turns per layer in winding. 
t Thickness of strip conductor in cm. 
w Width of strip conductor in cm. 

X Average distance between surface of round wire and 
tinfoil, cm. 

y b/w s, the ratio of total winding length to net possible 
winding length. 1.3 to 1.6. 
z Inductance correction factor. 1.14 to 1.21. 

5 Thickness of dielectric in cm. 
p Resistivity of conductor in microhms per cm.* 
1.72 to 1.86 for copper. 

O' Resistivity of transmission conductor in ohms per 
circular mil foot. 10.4 to 11. 

M Permeability of transmission line conductor. 
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Discussion 

J« F. Peterss I would like to comment on the paper by 
Professor. Dellenbaugh. The performance of a simple trans¬ 
mission line at normal frequency, where the supply is at one end 
and the load at the other, can be calculated very accurately and 
with a small amount of labor. When the load or supply is 
distributed at several points, or there are a number of branches, 
the matter becomes considerably more complicated and an 
artificial line may be desirable; it may offer the easiest method 
of solution. However, the solution of the performance of the 
transmission line is not the important problem. The important 
problem is the solution of the transmission line including the 
rotating machinery; that is, it should include the reactions of 
the generatoi’s and the synchronous condensers that are generally 
used on high-voltage transmission. 

The reactions in the machines are rather complicated, which 
would point more toward the solutions by means of artificial 
set-ups. But the reactions are individual; that is, vary widely for 
different machines, and particularly vary widely between large 
and small machines. So that in maldng a set-up of an artificial 
line it is necessary to obtain approximately the reactions that 
will be obtained in the final machine. That being the case, it is 
necessary to use machines in this miniature or artificial trans¬ 
mission line that have appreciable dimensions. 

With reference to abnormal voltage conditions the ones that 
we are particularly interested in are those in the nature of 
surges or traveling waves. When an abnormal voltage or surge 
of this nature strikes an ai’tifioial line made up of lumped con¬ 
stants such as those described by Professor Dellenbaugh, 
although he obtains uniformly distributed capacitance, the 
conductance is still lumped, and a surge reaching one unit of 
that artificial line will first penetrate a few turns. Thus the 
inductance per tumiwiU be only the inductance of that turn. 
As the surge penetrates further into the coil, it encounters very 
much higher inductance per turn, because then the inductance 
is the inductance of those turns plus the mutual inductance of 
the whole coil. The performance of a surge on a coil of this 
land would pass through a wide cycle of constants periodically. 
It is very interesting to note the absence of these secondary 
reflections in the oscillograms. However, the secondary reflec¬ 
tions in this set-up would have a reflection of approximately 
one-fiftieth of the length of the whole line, and it is possible 
that the oscillograph would not record that. It seems to me 
that with the facilities of artificial lines to date, the results 
obtained can be used only to corroborate calculations. 

O. R. Schuri^: An increasing number of the electrical¬ 
engineering problems met by transmission-line and operating 
engineers call for experimental investigations on miniature 
(or artificial) circuits. The problems are of two kinds: 

(1) High-frequency problems, arising in connection with 
lightning, switching, arcing grounds, etc. The high-frequency 
problems ordinarily involve measurements at only a few points 
of a system, the currents frequently are relatively small (t. e. far 
below normal-load values), and the phenomena are of a transient 
character calling for a sensitive, high-frequency oscillograph. 
Uniformly distributed line constants are essential. 

(2) Normal-frequency problems in large system networks, 
such as the determination of cmrents, voltages and their relative 
phases, both in normal operation and during short circuits. 
The normal-frequency problems often involve a large number of 
measuring instruments (frequently thirty, or more, in polyphase 
circuits); the currents are of the order of normal-load magni¬ 
tudes or greater. Both steady-state and transient-state 
observations are called for. Indicating instruments exclusively 
may be used in many cases, while oscfilographs are required in 
others. Lunaped-line constants are generally permissible, 
though sometimes unifbrinly distributed line constants are 
preferable. 

A question at once arising is whether there is one type of mini¬ 


ature system which wiU permit the solution of both kinds of prob¬ 
lems, that is of both the high-frequency and the normal-frequency 
problems. Since the “lumpy” type of line is not applicable to 
the high-frequency problems, the question becomes, more 
specifically, whether the lines of the type described in the paper 
are practically applicable to both high-frequency and normal- 
frequency problems. 

The practical success of a miniature system for the solution 
of normal-frequency network problems calls for the minimum of 
complications due to measuring instruments, in view of the large 
number of practically simultaneous observations desired. In 
the solution of high-frequency problems the practical objection 
to the use of special measuring instruments (such as those 
employing vacuum-tube amplifiers) is much diminished because, 
as a rule, only a few of the special instruments are required. 

Hence it is of importance to know how large the rating of the 
miniature equipment must be made in order that standard 
instruments ma 3 >^ be employed without serious error, for both 
steady-state and transient-state observations at normal fre¬ 
quencies. It is conceivable that an increased current rating 
of the immature circuit would also permit simplifying the 
measurements of high-frequency transients. It is the object of 
the following discussion to establish the Tninimum current ratii^ 
of the miniature system which wiU permit the use of standard 
measuring instruments for normal-frequency problems. 

As the author properly points out, the errors due to ins^- 
ments ore of two kinds: 

(1) That due to the impedance introduced bs'^ series-connected 
instrument elements, such as ammeter or wattmeter current 
coils; 

(2) The error due to the current abstracted from the circuit 
by shunt-connected instrument elements, such as voltmeter or 
wattmeter potential circuits. 

The error due to series-coimeoted instruments wiU be seen 
from figures for typical ammeters and wattmeters. It wiU not 
be attempted to give impedance data for the large variety of 
instruments of different manufacture. The data given in Table I 
are representative values indicating the order of the magnitudes. 
It is to be understood that materially larger values of impedance 
than those given as well as smaller values, are met among the 
different types of instruments. 

If, for example, 10-ampere and 6-ampere current ratings are 
chosen, typical values of voltage drop at maximum current are 
those of Table I. If the ammeter and the wattmeter current- 
element are connected in series, as for power-factor measure¬ 
ments the combined, voltage drops, due to the instruments, are 
seen to be a negligible percentage of the generator voltage in a 
100-volt miniature circuit. However, the drops exceed 5 per 


TABLE I 

Approximate Impedance drops at maximum r. m. s. current 
at 60 cycles per second 



For 5-ampero 

For lO-ampece 


rating 

rating 

AmmotOP...... 

0.50 volt 

0.25 volt; 

0.30 volt 

Wattmeter current coil. 

Ammeter and watt meter element in series 

0.65 volt 


combination 



Voltage drop. 

Per cent drop In a 100-volt miniature 

1.15 volt 

0.55 volt 

drcuit. 

1.15 per cent 

0.55 per cent 

Per cent drop referred to 10 volts. 

Oscillograph* 

11.5 percent 

5.5 percent 

Voltage drop. 

Per cent drop In a 100-volt miniature 

0.3 volt 

0.3 volt 

ripmiit.. .,. 

0.3 percent 
3 percent 

0.3 percent 

3 percent 

Per cent drop referred to 10 volts. 


Note: The data given apply to one of the customary types of com¬ 
mercial oscillogp^aphs, for which the vibrators have .1.5 ohm resistance and 
a current rating of 0.2 ampere; shunts are used for'current values In excess 
of 0.2 ampere. 
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cent for the 10-ampere rating, and 10 per eent for the 5-ampere 
rating, -when expressed as a percentage of the line drop over a 
line having a voltage drop of 10 per cent of the generator terminal 
voltage. The reason for referring the per cent error, due to 
series-connected measuring instruments, to the line drop, rather 
than to the generator terminal voltage, is that in network 
problems the division of currents over parallel-connected lines 
depends largely on the relative impedances of the lines. 

The above considerations call for a miniature-line current 
rating of the order of 10 amperes for a 100-volt circuit, or 5 
amperes for a 200-volt circuit, so that the errors due to the 
series elements of typical portable ammeters and wattmeters 
may not approach or exceed 10 per eent. Smaller current 
ratings will lead to larger errors due to the series elements of the 
instruments for the circuit conditions under discussion, because, 
roughly speaking, the impedance drops of the series elements 
at rated currents increase inversely as the current ratings. 

The second error mentioned was that due to the current 
abstracted by voltmeter or wattmeter potential coils. The 
figures for typical voltmeter and wattmeter potential coils are 
those of Table II. It is seen that the lai^est errors due to shunt 
elements are those of the oscillograph, which gives a 4 per cent 
error for a .5-ampere circuit rating. For a 200-volt system, the 
percentage values for current abstracted will be the same as 
those given in Table IT, provided the 300-volt elements are 
employed. 

TABLE II 

Approximate curront at 60 cycles per sec., at 100 volts 


Voltmeter (160-volt element)... 0.060 amp. 

Wattmeter potential coil (160-volt element). 0.030 amp. 

Wattmeter potential coil and voltmeter in parallel com¬ 
bination (150-volt elements) 

Total current. 0.080 amp. 

Per cent current referred to 5 amperes.1.6 pcr cent 

Per cent ciurent referred to 10 amperes. ..0.8 per cent 

Oscillograph* (at full-scale deflection) 

Current....... 0.2 amp. 

Per cent current referred to 5 amperes.4 per cent 

Per cent current referred to 10 amperes... 2 per cent 


*See note applying to Table I 

It may, therefore, be concluded that an- a-o. miniatiure circuit- 
current rating of not less than 6 amperes and preferably 10 
amperes is required to limit the errors, due to the customary 
portable instruments and oscillographs, to values safely below 
10 per cent. In regard to instrument errors, the 200-volt 
circuit rating is preferable to the 100-volt rating. If, therefore, 
the type of miniature circuit having distributed circuit constants, 
such as that described in the paper, can be constructed for the 
increased ciurent ratings mentioned, the number of different 
types of artificial circuit could be materially reduced. 

The current ratings established apply, of course, to the lumpy 
type of miniature system, as well. 

D. C. Jacksont From the standpoint of the practismg 
engineer, the value of this struggle with artificial teansmission 
lines and other artificial circuits is to aid in disc^ering the 
analysis which will enable one to preconceive the reaiCtidns that 
will occur on an actual line, rajther than make the design of the 
linft without a full and adequate comprehension of all the factors 

that will arise. j j. 

But there is another important feature, which w^s referred to 
in the President’s address, that I want to eniphasizei imd that 
is the relation of these things to the educational process. 

A good many years ago there was thait toomfuU of line that 
been referred to this morning as the Steinmetz artificial line, 
and at that time Dr. Pender (who was one of my colleagues at 
the Massachusetts Institute of Technology) and I had some 
discussions over the best methods of teaching the subject of 
power transmission from the theoretical aspects, for the purpose 
of enabling our students to have a correct vision of the proble^. 
We also about that same time fell into some considerable disr 


eussions of the problems of skin effect. The consequence was 
that there was started a series of experimental investigations of 
sMn effect in various conductors which resulted in a number Of 
papers. Perhaps a quarter of the references in the biblography 
aceompan 3 ring Mr. Dwight’s paper are papers that arose as a 
consequence of that argument between Pender and myself, 
which was later also taken up and carried stiU farther by Dr. 
KenneUy when he became a colleague of ours. 

At the same time Dr. Pender and I struggled with the problem 
of a transmission line which could be long, preferably as long as 
a quarter of a wave length with 60 cycles per second. Conse¬ 
quently, a replica of a line about 1000 miles long With con¬ 
ductors of two or three thousand circular mils and spacing 
for a couple of hundred thousand volts, was made up. 

It is quite an expensive affair but it does not occupy a 
roomful of space by any means. It was made up in that 
characteristic form that was shown in a paper some years back 
by Dr. Pender, of pancake coils placed in a toroidal arrangement 
so as to secmre substantially distributed resistance and self- 
inductance without much mutual induction between coils. 

That line was made up with large enough conductors so that 
it would carry sufficient current for enabling us to put oscil¬ 
lographs, ampere-meters and voltmeters in any part of the line 
we chose to without disturbing its performance and it works 
admirably for steady state conditions up to several hundred 
cycles, per second, but the capacity is lumpy and it does not 
represent distributed effect with transient conditions. 

It is on that line that Professor Ricker, for instance, a good 
many years ago, as shown in a paper of his, found experimentally 
the difference in admittance for odd and even harmonics which 
exist between even and odd quarter wave lei^ths. 

Later Dr. Bush took up this aspect of omr work. He came to 
me one day and urged that our students will not be meetmg the 
present situation in the art unless we can deal With transients 
expenmentdly in the laboratory on long lines. One of the 
outcomes is the artificial line equipment described in the papers 
by Professor’s Bush and DeUenbaugh. 

What I want to emphasize is this: that while the sort of work 
described by Dr. Bush and Professor DeUenbaugh in their 
papers, and referred to by Mr. Dwight in his paper is directly 
serviceable to the art, the fact is that that work which you find 
described in the papers of Bush and DeUenbaugh, and the papers 
that are referred to by Mr. Dwight that came from KenneUy, 
Laws, Pierce, and so on, was actually planned for educational 
purposes and was carried out for those purposes; that 
the philosophy of the thing is to bring the Senior students 
and graduate students in the engineering school into contact 
with the most advanced philosophy of engineering structures 

that we have; and, if possible, carry them on into experimental 

and mathematical work which advances the state of. knowledge 
to some degree as weU as soundly founding them for creative 
work in the art. 

That is not what the physicist would call fundamental research, 

but it is definite; and effective engineering research, and when 
carried on by senior: students and graduate students in labora¬ 
tories that are associated with the undOT-g3:aduate Work, it 
affebts the junior students by causing a tremendous stir of the 
heart and expansion of the ambition. If this ideal be more 
fuUy adopted by the engineerii^ schools of the United States 
and even greater sympathy for it be exhibited by the industries 
of the United States, it will during the next decade Change ^e 
whole aspect of our engineering practise, because it will give 
us a more and more effective group of young engineers eoming 
forth into the profession year by year. 

The fact that the thing has been fruitful—-it has been carried 
on for a dozen years at the Massachusetts Institute of Technology 
as a d^te philosophy of engineering education and is parked 
on in oriier institutions also to a considerable degree;—that it 
b ft-g been fruitful is shown by tiie fact that in the bibliographies 
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of the papers presented today and in the discussions related to 
them you will find that a considerable number of the papers 
referred to have been produced as a consequence of this phi¬ 
losophy. For instance, papers by Lyons, Kennelly, Laws, 
Pierce, Affel and others come within the category. I^ofessor 
Hush as a graduate student came in contact with the ideal and 
he has been very effectively carrying it on since he joined our 
staff, along with Professor DeUenbaugh, Professor Kennelly and 
a number of our other colleagues on the staff of the department 
from which these papers came. 

I do not wish to divert attention from the important problems 
of engineering practise and the philosophy underlying engineering 
practise in this matter of long distance transmission of power, 
but it seems to me that it is worth while introducing here this 
educational aspect of these papers on account of its great in¬ 
terest to us as electrical engineers since, of the various branches 
of the engineering profession, probably electrical engineering is 
more soundly based on the fundamental physios and mathematics 
than any of the other branches. 

Harold W• Buck t There are a few unorthodox considerations 
that I want to speak of in connection with this general question 
of power transmission particularly in connection with the papers 
under discussion. These papers are extremely interesting and 
exhibit wonderful mathematical and engineering skill but why 
do we have so many papers on this particular subject? It 
looks like a confession of weakness somewhere. 

One of the speakers has referred to the fact that troubles on 
transmission systems increase as the square of the size of the 
network. I think that is quite true. Our very high-voltage 
systems of great length of today are beginning to bring up 
difdculties and complications wMoh are really very serious. 
The papers are the result of this situation and are an attempt to 
analyze the phenomena and to predict what is going to happen 
under various conditions. 

I think a good test of engineerii^ progress is whether simplifi¬ 
cation is resxilting. If we look around and into our power 
transmission problems at very high voltage at the present time 
and apply that test, it seems to me that the result is not 
satisfactory. 

The transmission of power from a piston for instance to a 
rotating wheel through a connecting rod is a very simple proposi¬ 
tion but when the connecting rod is lengthened out to. such a 
distance that its inertia and elasticity become factors which 
cannot be controlled then some other method must be found. 

A transmission line is merely a connecting rod and in the very 
high-voltage lines of great length the inertia and elasticity are 
becoming difficult factors to handle and the papers under dis¬ 
cussion prove it. 

Our big transmission systems at very high voltage are not 
getting more simple but more complex and I think we will have 
to admit whether we like it or not that many new troubles are 
developing in connection with them. 

Take for instance a 20C)-mile line at 220,000 volts. We have 
here a charging current of the order of 60,000 kv-a. This 
requires for satisfactory control a ssmchronous condenser 
installation approximating in size the power house itself. We 
accept it from force of habit and tradition but it is a grotesque 
situation from the standpoint of real engineering. The switches 
are becoming of enormous size and cost and all controlling ap¬ 
paratus is increasing in complexity and cost. Worst of all 
instability is increasing. Satisfactory adjustments may be made 
for a given set of conditions but if a sudden change occurs as 
nnust frequently happen things are thrown badly out of balance. 

An of these things we accept as a matter of course because 
we have gradually been led into them but it would be well to 
consider under all the circumstances whether we are not really 
approaching the limit of transmission of power by alternating 
current. 

There is a great deal of loose talk in the papers nowadays of 


transmission of power a thousand miles at a million volts and 
super-power bus bars running from New York to San Francisco. 
This is all, of course, absurd and if any such thing were attempted 
under the present state of the art I do not think there would be 
mathematicians enough in the country to figure out what had 
happened after it was all over. 

This is all more or less heretical but it seems to me that 
engineers should pause occasionally in the evolution of en¬ 
gineering and see whether they are really headed in the right 
direction. After all, reduced to its lowest terms, transmission 
of power is merely the transfer of electrons from one point to 
another. If we consider all that is involved in a three-phase 
220,000-volt transmission it seems almost obvious that we are 
carrying out this physical operation in a very clumsy way. 

I have no suggestions to offer except to go slow. However, 
physicists are learning more and more about electrons, their 
characteristics and methods of controlling them. I cannot help 
feeling that before this great long distance super-power problem 
is worked out satisfactorily some radically new method of 
transferring electrons from one point to another will be worked 
out. 

F. S. DeUenbaugh, 3r.: I would like to add just one 
thing, that we have since this paper was written built an artificial 
cable by this same method. The formulas employed and the 
constants are a little different but I don’t think there is any 
necessity for describing that separately. 

I want to offer one word of apology on the systems in measure¬ 
ment Dr. KenneUy said, “What a perfectly horrible lot of units 
you have!” I admit it. The difficulty lies in the fact that to make 
it practical, you must deal with transmission lines in the unit you 
are used to. You don’t design 16,000 centimeters of transmission 
—^that doesn’t mean much to you. You deal in miles, 
unfortunately, but still you do. And so we have miles in length, 
feet in spacing, and inches in diameter. The fundamental 
formxilas deal with centimeters in C. G. S. or absolute units. 
So we must convert from the metric or absolute units of our 
f iinr^fl.TnRnt,».l formulas for the coils to ultimate dimensions, 
obtaining the line in miles, feet and inches; and as a result I have 
attempted to put in the duplicate units all the way through. 

It is very interesting to note that the work of Mr. Boyajian 
on the penetration of transients fits in directly with this kind of 
work, even though he dealt with transformers and we are dealing 
with transmission lines. It is the same thing, and it fits par¬ 
ticularly on the lumpy type of line. In the old type of lumpy 
line, if we applied a transient or surge, it would partially pene¬ 
trate the inductance coils. If they were perfect inductances, 
with no distributed capacity, there would be no penetration and 
the siu-ge, when it hit the inductance, would immediately be 
totally reflected, and therefore the lumpy type of line would be 
absolutely useless for transient investigation. Practically, the 
coils must have distributed capacity, and so a transient on a 
lumpy line does penetrate the coils and does give you curves 
which represent more or less roughly the same curves you get on 
smooth lines, but filled with a lot of ripples due to partial reflec¬ 
tions. The result is that the behavior of the lumpy line under 
transient condition depends upon the distributed capacity of the 
coils, which is an entirdy haphazard thing and is not taken into 
account in the design. If you wish to look at it in that way, all 
this distributed line has done is to design frhe distributed capac¬ 
ity of the coil so that it is what you want, and leave out the 
lumped capacities. 

Both Mr. Boyajian and Mr. Peters mentioned skin effect, 
dielectric losses and their relations. Mr. Peters also mentioned 
that the penetration of the transient, even in the distributed 
constant lines, as it went through a single coil, had to go through 
an infinite number of varieties of inductance. That, of course, is 
perfectly true, and is one of the points that worried us when we 
built the lines. So our first line was built with 8-mile sections. 
We built about 1000 miles of it in order that the sections might 
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be small compared to the total length, and that the total length 
might be enough to record easily on the oscillograph. 

We were very much pleased to find that what we might call 
the “lumped mutual” of the distributed line has no apparent 
effect on the oscillograms and that they cheek remarkably well 
with the theory. Therefore, we might say that the proof of the 
pudding is in the eating in this ease, and that these minor reflec¬ 
tions which occur due to the penetration through the coil are of 
such a small magnitude that they do not show and are not re¬ 
corded. That is, we don’t attempt to say that we have a line 
which is exactly the same as an actual transmission line, because 
the only thing that is exactly the same is another transmission 
line built the same way. Even then the insulators and ground 
conditions would be different. But we have built a line which 
behaves very nearly the same way, near enough so that if we get 
reasonable checks we Imow that our theory is on the right track. 

If we take fundamental physical laws and arrive at results, 
then take a transmission line which is somewhere near an actual 
line and test it and arrive at certain experimental results, then if 
the experimental results and the theoretical results coincide with 
reasonable accuracy, wo can say. “Well, our theory must be 
pretty good.” The final test is to go out and try it on a real 
line. 

Wo did that last spring and found that our artificial line was 
very much better than the real line, because it checked the 
theory much closer. That of course, is a necessary and ex¬ 
pected result because the real line is complicated with a lot of 
factors that can be eliminated entirely in the artificial line. 

For the general study of transients and the development of 
theory in connection with them, we feel the artificial lines are 
very good, but we admit entirely all of these questions of errors: 
The effect of dielectric hysteresis; the fact that you stiU have skin 
effect but not as much as you have in the actual line; and the 
fact that there is a certain amoimt of lumped mutual and a 
certain value of cut-off due to periodic structure. They must be 
there, but the evil of their being there is far less than with the 
lumpy type of artificial line. 

Mr. Schurig mentioned the question of errors due to omrent 
cai’rying capacity and was kind enough to state that the distrib 
uted lines can be made larger. With the distributed lines made 
with round wire, there is only one possible coil that will represent 
a certain combination of circumstances, so that you cannot make 
those larger; but with the distributed lines having flat wire, you 
can make them of any size you please because there are an 
infinite mimber of ooUs that will represent any particular set of 
circumstances, and as a result you can make the flat wue lines to 
carry any current you please. It is merely a question of size 

and expense. xi. a 

The cost of the 2 lines that we have built—one a thousand 

miles single-phase, the other 460 miles 3-Dhase— was 60 cents per 


mile.per phase for both. This covers the manufacture of the 
coils by an outside concern, and included their profit, I think. 

For our work, we have found it much more convenient to use 
vacuum-tubes and meters drawing small power because that is 
the way our laboratory works. After you once get a vacuum- 
tube repeater trained and used to you, and not nervous about the 
particular person running it, it behaves very well. Every 
person that takes it up has the same troubles over again. It is 
apparently impossible to eliminate them by instruction. After 
it once goes, it behaves very well. 

For instance, we have made a number of transient investiga¬ 
tions with a 6-volt storage battery for our supply of power. 
That gets you away from any question of leads through conduits 
affecting the first surge. We measure the voltage rise on the 
line at different points, and the current through the line at 
different points, with 5 or 6 volts impressed on the near end. 
You can go up, of course, as far as you please, up to the limit 
of dielectric strength. 

With regard to the errors Mr. Schurig mentioned, I would 
like to point out one thing: The series connection gives practi¬ 
cally negligible errors under most conditions, particularly with 
transient work. The shunt errors are more serious than he 
pointed out, if you are deahng with transients. That is, his 
results were calculated for load conditions and more or less for 
steady work. What would calculate as a very small shimt error 
under his method might result in a rather lai'ge error if you dealt 
with transients on a line open circuited, for instance. I do not 
believe you can get transients on an open-circuited line with any 
kind of volt-meter across it; that is, even a very high resistance 
will pull it down greatly. We have found it necessary to go to 
several megohms resistance across the line in order to use the 
repeater without eiTor due to the shunt resistance. 

I would to say a word on the scale of the system. The 
scale can be made extremely small, providing you are willing to 
go into the difficulties of testing with it. It is a question of a 
balance between the testing technique and the amount of room 
you want to give up to the line. Our thousand mile single¬ 
phase line is mounted in a rather loose framework. We leave 
plenty of room around and it stands about 4 feet high; in fact, 
it is very nearly 4 feet on a side—^not quite, but we will say 
a 4-foot cube will include 1000 miles of single-phase line. 
The 3-phase line is very much larger on account of the way we 
have mounted the coils. They have been mounted so that 
mutual inductance can be eliminated; that means a lot of w^te 
room. I don’t remember the exa,ot dimensions of the boxes, but 
they are, roughly, 4 feet square and about 5 feet high and take 
up I should say, about 25 per cent more room than the single¬ 
phase line in cubic feet. Both of these are used for small current 
and both of them could be designed in considerably smaUer 
space if it was necessary. 
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Review of the Subject. — A. theory of the general artificial line whose electrical characteristics can be more closely approxi- 
electric line circuit, including the T-and T-lines as its spedcd case, mated to the actual uniform line than a common T-line or TC-line, 
is here laid down. This theory is applied to the determination of a when required to work, not at a single frequency, but over a definite 
simple method for designing a compensated TT-type artificial electric range of frequencies. 


I T IS well known that T-type or 7r-type artificial 
electric lines may be made ^emally equivalent to 
a uniform line, but they represent different charac¬ 
teristics at other frequencies. When compared with a 
uniform line, the characteristics of the T-line and 
TT-line are in opposition to each other if they are repre¬ 
sented by a complex number. (Bib. 3.) 

In the same way that we can construct an artificial 
line which has better frequency characteristics than the 

d 0 — nnnnnp'—p-— 


Fig, 1—T-Line Section 


called the “Compensating impedance.” Ycr represents 
the shunt admittance. 

We will consider the compensated r-line which is to 
represent the uniform line (Fig. 4). In Fig. 4, Zo and 
6 0 denote the surge impedance and the total hyperbolic 




'Z jt 



Fia. 2 —Pi-Line Section 


T-line or ir-line, by combining these two lines properly, 
we may obtain a similar result by using such artificial 
lines as are shown in Mg. 3. This construction is 
intermediate between that of the T-luie (Fig. 1) and 
TT-line (Fig. 2), and this type of artificial line will here 
be called the “Compensated Tr-line.” 

I. The Theory op the Compensated tt-Linb 
In Fig. 3, Zcir, Zt a.nd Zc represent impedance 
between AB, CD and I)B respectively. Zc will be 
Presented at the Annual Convention of the A. 1. E. E., 
Swampscott, Mass., June S5-S9,1923. 


Pig. 3—Compensated Pi-Line Section 


angle (vector attenuation constant) respectively, 
put 



numeric Z. 


We 

( 1 ) 


which represents the degree of compensation. In 
order to have the conditions such that the compensated 



Pig. 4—Conjugate Unipobm Line 

TT-line and the uniform line have the same electrical 
behavior at the terminals A and B, we will consider 
the case when the receiving end is short-circuited. 
The currents at the receiving end B, and at the sending 
end A, are represented by 7b and Ja. In Fig. 3 we get 
7a = [1 "f* Ycir (Zt “b Ycv Zc Zv “h 2 Zc) ] 7b 

amp. Z (2) 


824 
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In Fig. 4, we get (Bib. 1, 2) 

/a = jTb cosh 6 amp. Z (3) 

According to the condition of equivalency, we have 
cosh 0 = 1 “f" Yc* (Zir “b Ycv Zc Zv 2^c) 

numeric Z (4) 

From the equation ( 1 ) 




( 5 ) 


are obtained. By (4) and (5), we have 
cosh 0 = 1-1- YcrZcv 


1 + Y« Zc, 


numeric Z 






Fia 8—COMPABISON OP THE SUEQB IMPEDANCE OP ACTUAL AND 
Compensated Pi-Type AbtipiciaIi Line 
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Next we will consider the case when the receiving end total admittance of the conjugate uniform line. The 
is freed. The voltage at the receiving end and the cur- following relations being well known 
rent at the sending end are represented by Yb and Za. ^ _ ^'z~Y hyps. Z 

In Fig. 3 we obtain _ 

amperes Z (7) = \/ ZjY ohm Z 

we can design the compensated ir-line by equation (10) 
assigning an arbitrary value to the compensating 
amperes Z (8) Solving (6) and (9) with respect to 6 and 

Zo, we get, 


Ja = (2 + YctZt) Yc^Vb 

In Pig. 4 we have (Bib. 1, 2) 
Ia = VJiZo sinh 6) 


( 11 ) 
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2 sinh 




2 

hyps. Z 


_ I Zcir 


VI +0.5 (l-g)|8 YcxZcr 
1 + 0.5 (1 — jS) Yct Zcr 

X cosh (d/2) } 

ohm Z (12) 

So that the constants of the conjugate uniform line 
can be obtained from the constants of the compensated 
7 r“hne, Zcvf Yct and /3. 


0 «o2 


aoo3 


Fig. 9—Compabison op the Linear Hyperbolic Angle op 
Actual and Compensated Pi-Ttpe Arptipicial Line 


From (5), (7) and (8) 

- - = [2 + (1 - ^) Yct Zct] Yct 
Zo 


mho Z (9) 

is obtained by the condition of equivalency. Solving 
the values of Zct and Yct from (6) and (9) we get 

2 (sinh 6/6) Z 


Zct = 


{1-/3 +j8cosh 6 + 

V/3" + 2 /3 (1 - 6) cosh 0 + (1 - i8)M 

ohm Z 
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( 10 ) 


Yct = 


tanh (6/2) 
6/2 


.2 (1-/3) 


{1-2/3 + 


V/32 + 2/3 (1 -/3) cosh ^ + (1-/3)® } 

mho Z 

where Z and Y represent the total impedance and the factors 


Fig. 10— Value op Zct for 60-Ctcle Section 

II. The Relation between the Correcting Factor 
AND THE Compensating Factor 
We can understand easily by (10) that the series 
impedance and the shunt admittance of the compen¬ 
sated TT-line are obtained by multiplying the correcting 
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_2 sinh %! 0 _ 

~ {1 — j8 + /S cosh 6 + 

+ 25 (1 - ^cosh 0 + (1 - 

numeric Z 

(13) 

_ tanh(5/2) -^ {(1 - 5) (5/2)} _ 

1 ~ 25 + VW+ 2 5 (1 - /3) cosh 5 + (1 - 5)=* 

numeric Z 

into the series impedance and half the shunt admittance 
of the uniform line respectively. These correcting 
factors are not only functions of 6 (functions of fre¬ 
quency accordingly), but are also functions of 5* 

In the case of absence of Zc, i. e., 5 0, it is a pure 


^l(| 8 =l) = 

tanh (0/2) 
0/2 

numeric Z 


sinh 0 

numeric Z 

0 


(15) 


J 

which are the well known correcting factors of a 
r-line. 

As meotioned above, the compensated 7 r-line is to 
be considered as the general type of artificial line, 
including both ir-lines and T-lines. The complex values 
allowed for 5 are limited from the physical point of 
view. If negative resistance is not allowed, the fol¬ 
lowing relation must obtain: 



TT-line. We obtain the following correcting factors 

by putting 5 “ 0 in (13), 

sinh 6 




e 


numeric Z 


i?2(/3«0) -• 


numeric Z 


(14) 


tahh (6/2) 

5/2 

which are the well-known coirecting factors for the 
T-line. On the cohirary, the pure T-hne is pbtamed 

ini^the case 0. We get the follc^ cc^ectog 
factors by putting 5 * ;1 in ^ 


0 Zreal part of 5 Zc t a real part of Zct ohm Z (16) 
In the 5 -plane in Fig. 6 , the domain of 5 .may be deter¬ 
mined by (13) and (16). As a special case, we consider 
5 to be real. In this case the following relation holds: 
- t /2 <: 7 < ‘»r /2 radian 

7 being the slope of Zcr. Therefore from (16), we get 
. OA 5 AI numeric 

So that the value of 5 must not be more than 1 nor less 

than zero on the real axis. ^ . , 

The general case when 5 is complex, is not so simple, 
but in a practical case it will be convenient to study the 
nature of the correcting factors by trial, choosing proper 


828 


NUKIYAMA AND OEA.BE: ARTIFICIAL ELECTRIC LINE CIRCUIT Transactions A. I. E. E. 

values for jS from a consideration of the physical km. section of the above line was calculated. The total 
construction of the artificial line, series impedance and the total shunt admittance were 

_ ^ T obtained as follows: 

III. How TO Design the Compensated it-Line z = SO [2.494 H-y co x 0.0022] ohms z 

In the compensated ir-line, resistances and induct- Y = 30 [10“® +j (a X 0.005286 X 10“®]mhos Z 

ances are connected in series for the impedance 
ZcT etc., and for the admittance Ycr, condensers 
and resistances are connected in paraliel, so that 
their frequency characteristics are the straight 
lines parallel to the imaginary axis. Not only 
so, but the imaginary parts are proportional 
to the frequencies. Hence, if we take such a 
value of ^ that the frequency characteristics 
of Zcir and Yen are similar to those above 
mentioned, the compensated 7r-line whose 
nature is approximately similar to that of the 
uniform line, may be obtained. 

As an example, the following aerial tele¬ 
phone line will be calculated. Pio, 12 —Compensated Pi-Line fob 3-km. Section op 

Copper wire, B. W. g. No. 8, distance be- Standard Cable 

tween the centers of wires, 40 cm. 




Fig. 13—Comparison op the Surge Impedance op Actual and Compensated Pi-Ttpb Standard Cable 


Series resistance v = 2.494 ohms/km. - Zen and Yen are calculated for the various real values 

Series self inductance 1= 0.0022 henrys/km. of jS (0, 0.2, 0.4, 0.6 and 1) in the range of frequencies 

Leakageconductancep= 10“® mhos/km. between 2000 and 20,000 in angular velocity. The 

Shuntcapacitoce c = 0.005286 X 10“®farads/km. results are shown in Figs. 6 and 7. In the various 
The compensated 7 r-line which corresponds to the 30 values of Zen smd Yen, we see that those which cor- 
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respond to j8 = 0.4, are satisfactory, because the charac¬ 
teristic is nearly vertical and the imaginary parts are 
proportional approximately to the frequency. Then 
two straight vertical lines, a b (Fig. 6) and c d (Fig. 7) 
are drawn as a proper approximation to the charac¬ 
teristics of Zcf and Yct. The constants of the com¬ 
pensated TT-line were chosen so that the characteristics 
of Zcir and Yor are a b and c d. Thus we have 
jBct = 70 ohms iSc = 0.2 X 70 ohms 

Lcr = 0.0645henries Lc = 0.2 X 0.0645 

henries 
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for calculation, since it is not a composite line as is 
the case of the combined T-ir-type. 

Similar calculations were made for the same tele¬ 
phone line, increasing the length of section to 60 km. 
The results are given in Figs. 10 and 11. In this case, 
it is difficult to choose the value of 0 properly. If we 
cannot have Zcr and Yc* with the desired vertical 
characteristics etc. for the various values of 6, the 
lengtii of one section must be decreased. 

Ab another example, it was found that the proper 
value of 8 should be 0.4, for the 3-km. section of the 
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Gcr = 3.2 X 10-«mhos R* = 0.6 X 70 ohms 

Ccr = 0.157 X 10-« - 0.5 X 0,0645 , 

farads henries 

The surge impedance Zocr and the lineair hyperbolic 
angle oicir were calctilated by (12), The corresponding 
values of the imifoim line wera also 
(II). The results of the calculation are given in Table 
I, Figs. 8 and 9. As shown by the table and ttie 
figures, the surge impedances and the lin^ hyperbolip 
angles of both lines coincide ^th each btte a 

mately. Hence we can say thhh this compehsa-ted 
i-line agrees satisfactorily in aU electrical respetts with 
tiie umform line. Moreover this type is convey 


'r.-y. ■ /: .rABLE I. ■ : 

XJNEAB HYPERBOLIC ANOLB AND SUROE UMPEDANOE OP 
THE ABhiAL LINE AND THE COMPENSATED T-TYPE 
ARTIPICIAL LINE 



. ocew L 

Zb A 

.00219 + J ^00699 

.O02id -hi .00686 

690\12“,07 

.00223 +/ .01035 


666 \ 8*.56 

.00224 -hi .01374 

.00217 -hi .0134 

667 \ 6“.66 

.00224 +i .01716 

• * • * 

663 \ 6*.30 

.00226 .02030 

,00225 -Hi .02392 

.00218 -hi .0202 

660 \ 4“.46 

.00220 +i .0235 

649 \ 3*.83 

.00226 -hi .02784 

.00222 +i ,0270 

648 \ 3*.85 

,00226 -hi .03420 

.00222 +i .0340 

647 \ 2'.69 

.00226 +7,06115 

.00243 -hi . 0516 

646 \ ; r.82 

,00226 +i .0676 

.00267 +i .0707 

646 \ 1*.85 

.00226 +i .0760 

.00278 +i .0792 

646 \ 1«.23 


a 


2000 

3000 

4000 

5000 

6000 

7000 

8000 

10,000 

15.000 

30;000 

32.000 


Zocx L. 


686 \ 11". 40 


658 \ .6*.20 


645 \ 4* ,25 
644\ 3*.60 


641 V 8*.04 
644 \ 2*.67 
646 \ 1^83 
680 \ 2?.26 
801 \ 5‘.08 
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standard cable whose linear constants are 
r = 54.7 ohms/km. 

I = 0.622 m. h./km. 

g = 3.11 X 10-« mhos/km. 

c = 0.0336 tif./kai. 

The result is shown in Fig. 12 where the values of Zoct, 
acir, Zq and a are compared in Figs. 13 and 14 and 
Table II. They coincide remarkably. 


IV. Comparison with other Types 
If we choose the same sectional length, the compen¬ 
sated TT-Une is superior to the T-line (orTr-line) of course, 
but the former is more complex than the latter in its 
construction. Therefore it is safe to compare it with 
the section of the T-line and 7r-line of half the length. 
In the above two representative cases, we found that 
the compensated -Tr-line could be designed to be more 



TABLE II. 


LINEAR HYPERBOLIO ANGLE AND SURGE IMPEDANCE OP 
THE STANDARD CABLE AND THE ARTIFICIAL LINE 


a 

« Z- 

ac* L 

2b A 

Zocr L. 

2000 

.04341 +J .04238 

.0429 +7 .0428 

901.7 \43“r25‘' 

902 \ 43*.96 

5000 

.06654 +J .06914 

.0659 +7 .0695 

671 \42'*60'23' 

670\43*.23 

8000 

.0825 

+J .0892 

.0821 +7 .0900 

462 \42“3'30’ 

462 \42*.23 

10,000 

.0912 

+J .0102 

.0912 +7 .104 

404 \41".47 

406 \ 41".62 

12,000 

.0985 

+} .112 

.0987 +7 .112 

370 \40*.90 

370\41".06 

14,000 

.105 

+j .1225 

.1065 +7.122 

348 \40*.30 

344 \ 40".44 

16,000 

.1114 

;1326 

.1104 +7 .1336 

321.5\39».68 

323 \ 89".62 

18,000 

.1166 

+J .1422 

.1166 +7.1416 

303.6\89*.06 

305 \89".04 

20,000 

.1215 

+7.1515 

.123 +7.149 1 289 \38“.44 1 

289 \ 87".78 


satisfactory than the T-line or Tr-line of half length. 
Moreover, in these particular cases, this type gave 
better results experimentally than the combined T-tt- 
type. In this case, the total length of the compensated 
TT-line was taken as 60 km. and the length of the section 
was taken as 30 km. For the combined r-Trdine, the 
total length was taken as 60 km., but for the length of 
each section 15 km. was chosen. 

The short-circuit impedance of the compensated 
TT-line Zscr, the open-circuit impedance of the same 
Zfcw, the short-circuit impedance of the conjugate 
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uniform line Zj, and the open-circuit impedance of the 
same Z/ are given in Figs. 15 and 16. These are to be 
compared with Figs. 14 and 15 in a previous paper. 
(Bib. 3). 
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A Miniature A-C. Transmission System 

For the Practical Solution of Network and Transmission- 

System Problems 

BY 0. R. SCHURIG 

Member, A. I. E. E. 

General Electric Company, Schenectady, N. Y. 


Review of the Subject,—The use of so-called “artificial 
lines” — i. e. miniature models oj electric circuits —for experir 
mental laboratory studies of transmission-line phenomena is well 
known. The miniature models are commonly made so as to repre¬ 
sent, in true proportion, the electrical constants of areal line. Thus 
there are artificial telephone lines, artificial submarine cables, arti¬ 
ficial long-distance power-transmission lines, etc. A miniature line 
is a true model of arealline to the extent that the miniature circuit has, 
for any desired degree of approximation, the same electrical behavior 
as the fvllrsize circuit. Such laboratory models frequently permit 
—far more conveniently than the full-size circuit — the study of 
actual circuit phenomena in a practical and efficient manner. 
When their limitations are properly understood, miniaiure dreuits 
may be of great value to transmissiori-line and operaling engineers. 

Miniature electric circuits may for the present purpose be divided 
into two general classes: 

(1) Miniaiure circuits intended for the study of problem^ on 
long lines, such as lines having continuously distributed circuit 
constants. 

(2) Miniaiure circuits for the solution of problems involving 
complete system networks, inclusive of generating-staiion and 
substaiion apparaius. 

The following paper deals with a three-phase miniaiure a-c. sys¬ 
tem of the network type. The circuit indudes synchronous ma¬ 
chines, transformers, adjustable resistors, reactors, and condenses, 
for complete representation of generating staiions, substations, lines 
and loads. The circuU connections are variable, so ihd any 
system having not mere than the available number of circuit d&mm 
may be represented for the correct experimenial solution of low- 
frequency problems. 


This miniaiure system has so far given about three years of service 
in the experimental anedysis of transmission system behavior, for 
existing systems and for systems to be constructed. The problems 
solved have been within the realms of both the designing and the op¬ 
erating engineers, and have been applied to power systems in this 
country as well as abroad. 

One of the by-products of the miniature system is the confirmation 
and extension of the theory of transmission-line phenomena. 
Several prominent engineers have expressed the belief, and made the 
prediction, that after a few years of proper use of the miniature 
system, the theory arid calculation of the present transmission 
problems vnLl have been so well established that experimental 

solutions vnll no longer be necessary. 

In this paper are given [l)a brief discussion of some of the present 
problems calling for solutions by the miniaiure experimental method, 
(g) a full description of the miniature equipment, (S) an otUline of 
the operating procedure in the solution of problems, and (4) an 
example illustrating the application of the miniature equipment. 


CONTENTS 

Review of the Subject. (440 w.) 

Introductiou. (600 w.) 

Object. (46 w.) X 

General Discussion of Problems. (70 w.) 

Determination of Current Division Due to Normal (326 w.) 

Determination of Ourreuts During Single-Phase .Short Oh^te, for the 
Protection of Circuits, and Associated Problems. (600 w.) 

Other Short-Circuit Problems. (800 w.) 

Problems of Stability of Machines. (176 w.) _ . 

The Miniature A-O. System -with Adjustable Circuit Constants. <^600 w.) 
Operation of Miniature System and Measurements. (700 w.) 

SSSStaaMon bf Load-Current Plow in a System Network. (1500 w.) 
Conclusion. (400 w.) 


Introduction 

4 TYPE of minature electric circuit which has been 
\ found to be of great practical v^ue is one deigned 
primarily for the experimental solution of prpb- 
ms arising in transniission networks. Qne^ p^^ 

coblems is the dettoination of ^ 

astern network, both imder normal load and^d^^g 
lort circuit. Furthermore, the 

ften requires definite knowledge as to both magnitudes 
tid relative phases of current and voltages at m^erous 
Presented at the Anriual Convention of ihe A- 

wampscott. Mass., June B6-^9, 


points of a system under ^ort-cirCiiit conditions. The 
solution of these problems involves not only the line 
characteristics and the transmission network connec¬ 
tions, but also the type and ciinnections of transformers, 
the characteristics of synchronous app^ato and their 
location with respect to the transmission network. 
Likewise^ the stability of. rotating machinery, under 
eba ug iug loads or for different methods of system 
operation, is a highly important practical problem in 
connection with transmission system design and 
bperation. 

^9Vhile a number of the problems of the type men- 
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tioned in the preceding paragraph can be and have been 
solved theoretically by calculation, experimental solu¬ 
tions are often desirable—^not only as a means of veri¬ 
fying the calculations and thus establishing the practical 
value of, and the fullest confidence in, the theoretical 
solution, when the latter is possible,—^but also as the 
only available practical procedure for problems not 
readily subject to theoretical solution. 

The requhements of problems of the above type, 
suggest a laboratory miniature electric system embody¬ 
ing the following features: 

Two or more generators capable of representing 
separate generating stations. 

Two or more banks of transformers permitting a 
variety of connections in accordance with central- 
station practise. 

Adjustable resistor, reactor and capacity units, 
for polyphase (three-phase) circuits. 

A sufficient number of the line units to permit 
representation of interconnected networks (or 
at least of portions thereof). 

Switching arrangements for facilitating the 
practical procedure of interconnecting the various 
elements of the miniature system in any manner 
desired. 

Provision for inserting measuring instruments, 
actual relays, current transformers, etc. at any 
point of the system. 

A sufficiently high rating of the miniature 
apparatus such as to render inappreciable the 
errors introduced by the connection of practical 
measuring apparatus to the system. 

A miniature system designed to meet these require¬ 
ments has been installed and experimented with in the 
General Engineering Laboratory at'Schenectady. The 
conception of the plan is due to Mr. H. H, Dewey, and 
a considerable amount of preliminary work preparatory 
to the construction of the miniature system was done 
by Mr. W. W. Lewis. Acknowledgements are also due 
to'Messrs. D. P. Savant and A. R. Miller for their work 
in connection with the design and installation of the 
miniature system. The miniature system was built 
in 1919 and has since then been applied to the solution 
of a variety of electric-circuit problems. 

Object 

It is the object of this paper (1) to review and discuss 
the nature of some of the practical problems to which 
this miniature system is applicable, (2) to describe its 
essential parts, and (3) to illustrate by an example its 
application to practical problems. 

General Discussion of Problems 

Under this heading will be shown the practical nature, 
and the impor^qe to transmission system design and 
operation, of some of the prott^ which called for the 
construction of the nuniakimre^^^^ system. 

The results of the experimehts made will not be pre¬ 


sented here. In some cases these results were applica¬ 
ble to one central-station system only, in others they 
have been of a fundamental character and therefore 
applicable more generally. A number of problems of 
each kind considered below have been solved with the 
aid of the miniature system. 

Determination op Current Division Due to 

Normal Loads 

This problem, already referred to, is one of vital 
importance to the economical layout and efficient 
operation of a transmission sys(;em. For a purely 
radial system of transmission from generating station 
to substations, without interconnecting feeders between 
substations, calculations of current flow in the feeders 
are relatively simple. Experimental solution is then 
of no particular advantage. For complex networks, 
however, having numerous interconnecting tie lines, 
thus offering a multiplicity of paths of current flow from 
the generating stations (one or more), the calculations 
are quite lengthy and often impractical. The compli¬ 
cations of calculations are clue not only to the circuit 
connections but also to the use of reactors frequently 
causing dissimilar impedance angles in the various 
conducting elements of a network~“and to dissimilar 
power factors of the loads on the system. Considera¬ 
tion has been given to the possible merit of approxi¬ 
mating the solution of load-cuiTent problems by a d-c. 
experimental circuit, with the result that this sort of 
approximation cannot in general be expected to give 
reliable results, on account of the last-mentioned 
factors.! The experimental solution thus calls for an 
a-c. miniature system. With the proper equipment it 
is possible to determine, by the closing or opening of a 
switch, in the laboratory, the effect of adding to or 
withdrawing from the system a feeder or a tie line. 

To summarize: The predetermination of normal 
current flow in the branches of networks is frequently 
desirable for the best design of new transmission systems 
as well as for the practical study of system additions or 
changes. The experimental solution of these problems 
calls for a miniatime a-c. system. 

Determination op Currents During Sincjle-Phasb 

Short Circuits, for the Protection op Circuits 
AND Associated Problems 

When all three phases of a three-phase system are 
simultaneously short-circuited, the sustained short- 
circuit currents are balanced three-phase currents 
in all the circuit elements affected by the short 
circuit, regardless of the number of generating 
stations, the transformer connections or the circuit 
connections. For all other tjrpes of short circuits, an 
unbalanced current flow results. Such short circuits are 
Short circuit between two phases, 

i. Soo discuasions of the paper on “Experimental Determina.- 
tion of Short-circuit Currents in Electric-Power Networks," 
A. I. E. E. Midwinter Convention, New York, 1923. 
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One-phase-to-ground short circuit on grounded- 
neutral circuit, 

Simultaneous ground short circuits occurring 
on two phases of a grounded-neutral circuit. 

While there are a great many cases where consideration 
of three-phase short-circuit currents, as obtained by the 
short-circuit calculating table, is sufficient for the 
determination of relay settings, circuit-breaker ratings, 
electromagnetic stresses, etc., detailed studies of single¬ 
phase short circuits are often necessary, when it is con¬ 
sidered that a large number of short circuits are of the 
single-phase variety.—^According to L. C. Nicholson,^ 
the short circuits due to lightning on an aerial system 
were observed to be proportioned as follows: 60 per 
cent two-wire short circuits, 10 per cent three-phase 
short circuits, and 30 per cent single-wire-to-ground 
flashovers.—During short circuits, causing an un¬ 
balanced current division among the phases, the volt¬ 
ages between the lines generally become distorted from 
their normal balanced condition (represented by an 
equilateral triangle of voltage vectors). This distortion 
may be very pronounced at the points at which relay 
operation is desired. The distortions of the voltage 
triangle are due to thetendencyforthevoltagebetween 
the points short-circuited to approach zero. If, for 
example, a short circuit occurs between phases A and 
B on a three-phase circuit, the phases of which are A, 
B and C, the voltage Vab will approach zero at the point 
of short circuit, while the voltages Vbc and Vca at the 
point of short circuit will tend to become equal, each 
being less than its normal magnitude before the short 
circuit. Moreover, the relative phases of currents and 
voltages throughout the system will be far different 
from those applying to normal load conditions or to 
three-phase short circuits. Calculation of power- 
directional relay torques (their magnitude and direc¬ 
tion) for the types of short circuits under discussion is 
often extremely laborious in view of the above con¬ 
siderations. Miniature tests in the laboratory on a 
suitable a-c. miniature system enable practical data on 
the performance of power-directional relays to be 
obtained under short circuits simulating those in actual 
service. Furthermore, miniature studies of this land 
permit the factors affecting voltage and current rela-. 
tions during short circuits and their bearings on relay 
performance to be analyzed. Consequently a minia¬ 
ture laboratory transmission system seiyes not only in 
the solution of protection problems for the selected 
systems tested in miniature> but should aid, above all, 
in the advancement of knowledge towards a fuller 
understanding of short-circqit phenomena. 

Other Short-Circuit Problems 

If a station with F-cOnnected generators has one 
generator neutral grounded, the other neutrals being 
ungrounded, the current contributed by each of the 
ungrounded generator to a line-to-ground short cir-: 

2. Discusfflon, A. I. E. E. Transactions 1911, part 1, p. 359 


cuit will differ from that obtained when all the generator 
neutrals are grounded. This problem lends itself to 
laboratory solution by a miniature transmission sys¬ 
tem. A similar problem is due to the use of multiple 
F-connected transformers when only one transformer 
neutral is grounded. 

For short-circuit current determinations the reactance 
values, under short-circuit conditions, of generators and 
transformers must be known, as well as the paths 
traversed by the short-circuit current components. 

Other probleme within this class are the determina¬ 
tion of transient® and sustained reactances, of an alter¬ 
nator when short-circuited between terminals or from 
one or more terminals to neutral in the various possible 
ways. 

Since relay operation commonly takes place during 
the short-circuit transient, the rates of short-circuit 
current decrement are of importance in the adjustment 
and behavior of relays, and in circuit-breaker applica¬ 
tion. The difficulties of short-circuit current deter¬ 
mination increase when several generating units of 
dissimilar rates of current decrement feed current into 
a short circuit. Their combined effects on the short- 
circuit current transient, on relay behavior throughout 
a system, and on circuit-breaker requirements may be 
studied experimentally in miniature. To vary the time- 
constants of alternator windings, inductances and 
resistances external to the miniature alternators may be 
employed. Fundamental data on this kind of problem 
may be gathered by miniature tests with the aid of 
oscillograph records of current and voltage, and may 
be confirmed, in some cases, by direct connection of 
relays to the miniature circuit. 

Problems on Stability op Synchronous and 
Induction Machines 

Both sjmehronous machines and induction motors 
will perform their normal functions and run in a stable 
manner only if operated within certain limits of load 
and circuit conditions, but will become unstable* 
under other operating conditions. One of the problems 
of growing importance, within this class, is that of the 
stability of operation of induction motors and syn- 
dmonous motors at the receiver end of long high-voltage 
aerial transmission lines. For this kind of circuit the 
voltage, current and power conditions for stable motor 
operation may be materially different from those per¬ 
taining to motors operating on constant-voltage mains. 
Various problems of stability of both synchronous and 
induction machines lend themselves to solution by 
calculations, without tests, provided the machine 

3, The “tafaJisient” reaotahee is the reactance determining 
the r. m. s. a-c. compoheht of initial short-circuit current. 

4; The ■word “unstable” is used here in the foUo'wing sense: 
A synchronous motor beoom.es unstable when the relations of 
power supplied to the motor and power demanded by the motor 
are such aS to caiise it to drop out of synchronism and come to a 
dead stop; similarly, in inductioh-motor operation instability 
occurs at the breakdown point. 
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characteristics and the circuit constants are known. 
Nevertheless, our understanding of instability problems 
of this type can hardly be said to have been advanced 
to the stage at which experimental solutions for the 
verification of calculations are no longer required. 



Fig. 1—^Miniature Electric-Power Transmission System, 
View op Resistance and Reactance Units, op Switchboard 
Wiring, op Alternators and op Exciter 
Total floor space 18 ft, by 20 ft., including space for operator and instru¬ 
ment tabie. 

The Miniature A-C. System with 
Adjustable Circuit Constants 

The miniature system consists of the following 
equipment (see Fig. 1): 


motor driving its d-c. machine as a generator. A 
three-kw., motor-driven exciter set is provided. 

Transformers: six type M, air-cooled, single-phase, 
2 kv-a. 110/220-440-volt transformers. They may be 
connected to form two three-phase banks, thus per¬ 
mitting the various customary transformer connections, 
including auto-transformer schemes. 

Reactors: twenty-four reactors, single-phase, air¬ 
cooled, iron-core type with fixed air-gap. Each reactor 
has 16 taps brought to a terminal board. In this way, 
128 reactance values are available,- ranging from 0.2 
to 30 ohms at 60 cycles. The sustained current-carry¬ 
ing capacity is 10 amperes. The reactance values are 
constant for current values up to 20 amperes. The 
effective resistance of these reactors is negligible for all 
but the smallest values of reactance. 

Resistors: twenty-four single-phase resistors, of 
“German silver” wire, wound on asbestos tubes; 
resistance range from 0.2 to 30 ohms, in 74 steps. The 
reactance, at 60 cycles per sec., of these units is less 
than 2 per cent of their resistance, and hence negligible. 
Their sustained current-carrying capacity is 10 amperes. 

Condensers: The condensers are of the oil-immersed, 
flat, paper type. Enough units of approximately 2 and 
5 microfarads are available to permit three-phase 
representation of lines several hundred miles long. The 
condenser units, are not adjustable. The capacity 
values desired for any problem are obtained by series 
and parallel connections, of the fixed units available. 
In Fig. 1 the condensers are not shown. Provision is 
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Pig. 2—^Wiring Diagram and Panel Layout for Miniature Transmission System 


Generators: two type AH I, 3-phase, 4-pole, 3.75 
kv-a., 1800-rev. per min., 110-volt, 60-cycle alternators, 
each coupled to a 10-h. p,, 1700-rey. per min., 230-volt, 
d-c. motor. These generators are arranged for delta 
and star connections, and are of the revolving-field t 3 rpe. 
Each alternator may be operated as a ssmchronous 


made for connecting them to the back of the switch¬ 
board. 

Switchboard: A slate switchboard for interconnecting 
generators, transformers and line units is shown in Fig. 
1 (rear view). The permanent circuit connections are 
shown in Fig. 2. Jumpers -with copper terminals to 
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data appear in column 2, Table III. The problem is 
one of the simplest which has been encountered and 
can, of course, be solved by calculation. Its value 
should, therefore, not be judged on the basis of com¬ 
plexity. On the other hand, its merit lies in the fact 
that full-size system tests could be made for comparison 
with the miniature tests. Furthermore, the procedure 
in a more complex test differs in no essential respects 
from that outlined in this case. 



Fia. 3 a—One-Line Cirouit Diagram poh Three-Phase, 
60-CyciiB Network with Balanced Loads 



PiQ. 3b—^Thb Simplified Diagram of Circuit 3a as Employed 

in Miniature Tests 

One of the most essential steps in the procedure is 
the choice of suitable conversion factors to be applied to 
the full-size data. Each problem to be solved generally 
<»alls for different reduction factors. Separate factors 
apply, in any one case, to the values of current, voltage, 
power, and impedance. A number of items which 
detennine the reduction factors are: current, voltage. 


and kv-a. rating of full-size circuit; the range of the 
miniature-system circuit constants; the type of problem, 
that is, whether short-circuit problem or normal-current 
problem; the method of measurement to be employed, 
i. e. whether oscillograph or indicating-meter method; 
the accuracy of the results desired. 

For the problem under consideration, the miniature 
series^ impedances representing the lines should be as 
large as possible, on account of accuracy, and the cur¬ 
rent values should likewise be sufficiently high to give 
reasonably precise rea.dings on the available indicating 
ammeters and wattmeters of low series impedance. A 
current value between 5 and 10 amperes, say 6 amperes, 
is a convenient one for the average of the currents in the 
principal lines A, Bi, and Ci (in Fig. 3 b). Thus a total 
generator current Iq of approximately 18 amperes is 
obtained, representing a full-size-system total generator 
output of 10,400 kw., or 11,820 kv-a. at a power factor of 
0.88 (see bottom of column 2, Table III.) If, then, 
440 volts are used — this value being the rated voltage 
of the high-voltage miniature equipment — and a line- 
to-nmtral, single-'phase representation of the (balanced 
three-phase) system is made, the three-phase miniature 


TABLE III 

FULL-SIZE SYSTEM DATA AND OORRESPONDING 
MINIATURE TEST VALUES 


1 


2 

3 

4 


Symbols refer 

Full-size Data 

Data Reduced 
to Miniature 

Miniature 
system data 

to Figs. 

for balanced 

scale by con- 

employed in 

3a. &3b 

3—0 system 

version factors* 

test 

line A reactor X.v' 
Line A cable Za" 
Total Line A, Za 

0 +yl .20 ohms 

2.42 - 1-7 2.40 ohms 
2.42 H-yS.eO ohms 

3.70 +7*6.50 

3.70 +7 6.64 

ReactorsXB'=> Xu * 
Impedances of 

OablesBi' Sc 'B," 
Total line JBi, Zbi 

0 +7 3.65 ohms 

2.04 +7 1.39 ohms 
1.02 + 7 ’ 2.62 ohms 

1.66 +7 3.86 

1.61 +7 3.87 

Impedances of 

Gables Bj' & B:* 
Total line Bz, Zbs 

1.26 + 70.866 ohms 
0.625 +7 0.427 ohms 

0.96 +7 0.66 

1.00 +7 0.68 

Reactor Xc^. 

Cable Cl. 

Total line C 1, Zci 

0 + 76.12 ohms 

2.92 -i- 7 1.76 ohms 
2.92 + 76.88 ohms 

4.46 +7*10.60 

4.68 +7 10.46 

Total line C 2, Zcs 

0.34 -h 7 0.204 ohms 

0.52 +7 0.31 

0.26 +7 0.40 

Total line C 3, Zcs 

1.106 + / 0.668 ohms 

1.68 + 7 * 1.02 

1.61 +7 1.08 


kw., 3 -0 

p .f. 

Single — phase 
kw. 

Single 

-phase 

kw. 

p.f. 

Load Ll .'_ 

1862 

0.82 

1.24 

1.20 

0.84 

Load LZ . 

1060 

0.695 

0.707 

0.670 

0.606 

Load L 3. 

200 

0.60 

0.133 • 

0.129 

0.495 

Load Li . 

not given 


4.18 

0.94 

Total generator 
load. 

10,400 

0.88 

6.93 

6.53 

0.86 

Line voltage bus a 

13,800 

volts 

440 volts to neu- 

440 volts to neu- 



tral 

tral 


*TIxe full-size-to-miniature reduction factors are as follow: For computing 
miniature system values, divide the full-size values by these quantities: 

600 for power or kvra. 

18.1 for voltage 
27.6 for current 

0,655 for resistance, reactonce, or impedance 
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system value of kv-a. equivalent to the full-size value 
of 11,820 kv-a. is: 


3 X 440 X 18 
1000 


23.7 kv-a. 


From the four load values and the circuit impedances 
given in Table III, the experimental miniature results and 
the corresponding full-sue results shown in Table IV 
were obtained. The results comprise the currents 
throughout the network and the voltages at the sub¬ 


11 820 

This gives a kv-a, reduction factor of —— = 498, or 

23.7 

approximately 500, which latter value will be used. 
From the figures already given, the voltage reduction 


factor is 


13,800 

440V3 


= 18.1, 


Consequently, the current 


reduction factor is 


m 

18.1 


= 27.6, and the impedance 


18 1 

reduction factor is - 0.655; that is, the minia¬ 

ture-system resistance and reactance values are nu¬ 
merically larger than those of the full-size system. 
With these ratios, the desired miniature-circuit values 
of Table III, column 3, were obtained. Capacity charg¬ 
ing currents, being practically negligible for the purpose 
of these tests, were left out of consideration. The effect 
of measuring instruments on the circuit impedances 
will be illustrated for the case of line Bi. From Table 
III, column 3, the desired miniature value of Z„i is 
1.56 + j 3.85 ohms. A 10-ampere ammeter and a 10- 
ampere current-coil of a wattmeter (both of type P3) 
introduce additional series impedances of 0.044 + 
j 0.019 ohms and 0.030 -1- j 0.014 ohms, respectively, 
representing a total combined impedance of 0.074 4* 
j 0.033 ohms due to the instruments. For line Bi the 


TABLE IV 

RESULT OP MINIATURE TESTS FOR OIROUIT DATA OF 
TABLE III AND FIG. 3 



Miniature Test Values 

Data converted to 
full-size scale by 
conversion factors 

Amperes 


Amperes 

Current /a . 

5.88 

27,6®lag* 

162 

“ /bi. 

8.25 

33.1® lag* 

228 

" JB2. 

4.74 


131 

“ Ici . 

3.27 

37.6®lag* 

90.2 

“ JC2. 

1.07 


29.5 

“ /C3 . 

0.80 


22.1 

“ Ili . 

3.51 


97.0 

“ /l.2. 

2.30 


06.0 

“ /L3. . 

0.045 


17.8 

/m . 

11.1 


300 

“ /u . 

17.4 


480 


Volts to noutral 

Volts lino-to-lino 

VoUago V’o. 

440 

13,800 

“ Vlj . 

407 

12,770 

“ Vus. 

404 

12,680 

“ V'l.a. 

403 

12,640 

“ Vm . 

402.5 

12,620 


‘f Lag anglns rofiirrotl to voltogo Vo to noutral. 


station busses, for balanced generator voltages and 
balanced loads. A sufficient number of phase angles 
were determined, with the aid of indicating wattmeters, 
to establish definitely the phases of all currents through¬ 
out the system. 


resulting errors are then 


0.074 


1.56 


X 100 = 5 per cent 


of ft 


for the resistance component. 


0.033 

3.86 


X 100 « 1 per 


cent for reactance component, and, likewise, 2 per cent 
for impedance magnitude. The impedance error is 
negligible. In other cases, the resistance and reactance 
box settings were reduced in accordance with the 
instrument impedances, if the latter were more ap¬ 
preciable. 

The loads hi, and Li were represented as con¬ 
stant impedances by adjustable resistance and react¬ 
ance units. It is quite feasible, when desired, to employ 
one or both of the 3.75 kv-a. alternators as motors jn 
place of constant-impedance loads, as already indicated. 

In column 4 of Table III, are shown the miniature- 
system data employed in the tests. These values differ 
slightly from those of column 3, h e. from the desired 
miniature values, on account of the steps of the variable 
resistors and reactors. The differences in question, 
however, do not exceed 6 per cent for the values which 
determine the accuracy of the results. 



Pig. 4—Vector Diagrams of Voltage Drops over the Lines 
OP Pig. 3b for Test Conditions op Table IV 
These voltages were obtained by multiplying test values of full-size 
currents by actual-system line impedances. Disagreement between vector 
voltage drops is due to test errors. 

Vector calculations for the accuracy of the miniature 
results were made, as indicated in Fig. 4. The vector 
voltage drops over each of the three paths from bus a 
to bus e (see Fig. 3b) were obtained by complex algebra. 
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by multiplication of test current values (converted to 
full scale, from Table IV last column) with actual-sys¬ 
tem impedances (from Table III, column 2). The 
maximum per cent mutual disagreement between the 
voltage drops so found is 7.6 per cent, while their per 
cent deviation from the average of the voltage drops is 
of the order of 4 per cent or less. It may, therefore, 
be concluded that the errors of the cuirent values are 


miniature-test data are a good equivalent of the actual- 
system behavior. Moreover, the preceding compari¬ 
sons established a relatively good accuracy of the 
actual-system tests. 

Conclusion 

The miniature a-c. electric power transmission system 
described permits the experimental solution, in the 


TABLE V. 

OOMPARISON OF MlNIATURE-OIBOtJIT AND ACTUAL-SYSTEM TESTS 



Results of Miniature Tests 

Results of Actual system tests 

% discrepancy be¬ 
tween miniatmre 
& full-size results; 
% based on full- 
size values 

Small-scale values 

Equivalent full-scale values 

Amperes 

Power 

factor 

Amperes 

Amperes 
corrected 
for voltage* 

Amperes 

Power 

factor 

For ciui'ent 

Current Ja. 

“ Jbi. 

*' Bi' . 

“ Bi". 

“ /ci. 

4.00 

9.77 

4.88 

4.89 

4.18 

0.68 

0.92 

0.92 

0.92 

0.89 




0.77 

0.88 

0.92 

0.91 

0.9% 

1.5% 

4.5% 

1.7% 


Single — phase kw. 

3 — phase kw. 

3 — phase kw. 

for Idlowatts 

Kilowatts line A... 
“ " Si.. 

« «c j3^/ 

“ “ Bi'* 

“ '• Cl 

1.20 

3.94 

1.97 

1.97 

1.64 . 

1800 

2950 

2950 

2460 

2000 

2850 

3100 

2450 

10% 

3.5% 

4.8% 

0.4% 


line-to-neutral volts 

Line 

i Voltage 

correctedt 

litne voltage 


Voltage Vo. 

440 

13,800 

14,400 

14,400 



•Corrected by factor 138/144 due to dlflerenoe of generator voltages in miniature awH full-size tests 
tCorrectlon factor 144/138 applied. 


of a similar order of magnitude. The errors include, 
of course, those due to current and impedance magni¬ 
tudes and phases. In view of the small errors of voltage 
drops, the errors of the bus voltages obtained by 
miniature test should be so small as to be hardly 
noticeable. 

Finally* a comparison between actual-system tests and 
miniature-system tests will be made. While the load- 
kw. and power-factor values for these tests were the 
same as those previously employed (Table III, column 
2), the line reactors X/ and were omitted, all 
othCT impedance data being those of Table III. In the 
miniature tests, the load values (in kilowatts) were 
adjusted, as. before, to approach reasonably closely to 
the values obtained in the actual-system tests, according 
to the lower part of Table III. Comparative results of 
both tests, shown in Table V, indicate discrepancies 
of less than 5 per cent, with the exception of the values 
of power for line A, which differ by 10 per cent. In the 
consideration of th^e differences, the complications 
involved in the actual-system measurements—made 
at mutually remote points under varying loads, with 
switchboard insferuments,—should be taken into ac- 
a,count It may, therefore, be concluded that the 


laboratory, of operating and design problems for actual 
transmission systems. Generating stations, trans¬ 
formers, substations, the transmission network and 
loads for systems may be correctly represented in the 
laboratory. Conditions of normal operation as well 
as short-circuit conditions may be reproduced. High- 
frequency transients, such as traveling waves, cannot be 
experimented with on this type of miniature system, 
on account of its lumped circuit elements, but the low- 
frequency Iransients, such as those of alternating- 
current generators, are correctly shown in the miniature 
circmt. Adjustable circuit constants, and quickly 
variable circuit connections, are used to permit minia- 
tme representation of the majority of the customary 
circuit conditions and system connections. 

^ It has been possible with the aid of this miniature 
s^tem not only to solve practical problems for trans¬ 
mission and operating engineers, but also to confirm, 
in several instances, the theory imderlying ^culations 
of circuit phenomena. The experimental laboratory 
solution has been compared, and found to be in good 
agreement, with the results of tests m^e in the field 
on commerci^y operating circuits and with the results 
of calculatious. 
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Discussion 

G. M. Armbrustt Mr. Schurig describes a very practical 
method for the solution of the most important problems in the 
design and operation of a transmission system. 

The tendency of design of transmission systems generally is 
toward radial distribution or some limited form of network. 
This sectionalizing has resulted from mimerous and extensive 
operating troubles occurring on a solidly inter-connected net¬ 
work such as the 12,000-volt transmission system of the Common¬ 
wealth Edison Company of Chicago, to which I refer. However, 
the radial scheme of distribution is expensive as reserve line 
capacity is required for every unit of load. It is therefore 
desirable to have some means of quickly solving a number of 
problems to determine the most economical design within the 
limits of the capacity of apparatus and protective schemes. 

These problems are numerous as every group of load units 
has different geographic relations and electrical constants. 
The rapid growth of load makes these problems continuous. 

This also brings about another condition; the time required 
to obtain and install cable makes necessary many temporary 
arrangements which must operate for a considerable time before 
an ultimate scheme can be realized. 

The miniature a-c. scheme provides means for the practical 
solution of such cases without too great an amount or compli¬ 
cation of equipment. The solution of problems mentioned is 
perhaps of the greatest commercial value, but as Mr. Schurig 
points out the scheme permits the^ investigation of many other 
problems. 

In applying the miniature to the cable transmission system 
mentioned, it is apparent that solutions can be obtained without 
the use of a great number of units. Most of the problems would 
be single phase where a larger number of units are available, 
while in those requmng three-phase solutions it would not be 
necessary to represent the system in detail; sections could be 
represented by single units. . 

In studying the scheme, I had hoped that the miniature ^stem 
could be reduced to a smaller scale, perhaps comparable 
with the d-e. calculating table, but limitations of arO. measuring 
instruments make this impractical. 

I should like to hear Mr. Sohurig’s opinion on this, regarding 
the possible minimum scale of the equipment. 

V. Bushs It will not be long in my opinion before every 
large power system will install a calculating table as a part of its 
engineering equipment. Because of the much greater infor¬ 
mation available these tables will probably gradually be 
constructed as a-o. duplications. In addition to the advantages 
of the arC. form mentioned by Mr. Schurig, such tables will 
allow of the investigation of such matters as are involved in 
power factor, the proper location and size of correcting apparatus, 
etc. 

An a-o. network may be a single-wire or three-wire representa¬ 
tion. The former is of course less expensive and may be installed 
first, and later form part of a three-wire representation* Single- 
phase short circuits, unbalance, etc. niay be studied bn the 
complete artificial system; but care must be used in order to 
properly represent the inherent tendency of rotating naachinery 
to balance phases. This is a similar matter to that of proper 
representation of sustained short-circuit conditions. The con¬ 
stants of the piece of apparatus which represents a generatir^; 
station must be altered to simulate the field reaction. 

Either lumped or distributed constants may be used in the 
representation. Where only a few types of lines are involved, 
the latter is probably not much more expensive than the former, 
fl.Ti/1 it allows also of some small study of transient effects. 

The difficulty of measurements on the a-c. system, without 
disturbing conditions on adding the meter, may be avoided by 
the use of the vacuum tube repeater. We have found at the 
Massachusetts Institute of Technology that this does not 
involve any great difficulty in maintaining calibration. Current 


or voltage at any point in the network may be readily measured 
in this manner without drawing appreciable current. Hence 
the a-c. representation may be made as small in size as desirable. 

There is one point in the artificial system that warrants con¬ 
siderable attention. This is the representation of the generating 
stations where several are simultaneously connected to the net¬ 
work. It is necessary that the relative phase displacements of 
the voltages supplied to the corresponding points in the artificial 
network be adjusted upon each change of load to correspond 
exactly to the phase displacements that will occur automatically 
under similar conditions in the actual system. Generating 
stations may be represented by a voltage supplied from a coil 
adjustable in a circular field, such as in a polyphase regulator; 
and the phase adjustment may then be made by rotating the 
coil manually. Similar treatment is necessary for any large 
synchronous apparatus in ’the system. It is not necessary that 
the coil of the regnilator have internal constants corresponding 
to those of the station represented, for the constants can be 
added externally and the “generated” voltage maintained 
manually inside of these. The phase adjustment at each 
artificial station is a matter depending upon governor regulation. 
When full data on this point are available it is apparently 
possible to set up correct rules for the adjustment of phase 
upon change of load. 

The transformers may of course be represented by equivalent 
networks, and all constants reduced to those corresponding to 
one voltage chosen as base. 

A considerable amount of study is necessary before all the 
points in the manipulation of an artificial network of this sort 
are worked out. Some such means of attack is, however, 
imperative in order to properly lay out and operate systems of 
the magnitude at present projected. 

O. R. Schurliit The miniature power generating and trans¬ 
mission system described in the paper has its chief appUcation, 
as already pointed out, in the solution of system network prob¬ 
lems, such as the determination of (1) normal load distribution 
in the lines and in generators, (2) system voltage regulation for 
balanced or unbalanced loads, (3) transient and sustained short- 
circuit currents at any point of the system for any kind of 
riiort circuit, (4) the behavior of relays during short circuits, 

(5) current-limiting reactor magnitudes and their best location 

(6) behavior of synchronous generators and motors in complex 
systems with several generating stations under changing loads, 
and short circuits, (7) power factor correction, (8) stability of 
generating and receiving apparatus oh long lines, etc. 

Dr. Bush su^ests, if I understand him correctly, a tsrpe of 
miniature system of even broader application, namely one capa¬ 
ble of solving, in addition to the above type of network problems, 
a variety of problems on high-frequency transients, such as those 
involving traveling waves, peak voltages due to lightning, arcing 
grounds, and switching, li fully developed in a practical form, 
the type of axtifioial circuit suggested w;ould clearly represent 
a universal miniature circuit construction. Some of the develop¬ 
ments, stiU incomplete, which the proposed universal type of 
miniature system would require are the following: 

(1) Development of miniature litre units: Miniature units 
of the “smooth" t3rpe would be needed to represent each of the 
sizes of cables as well as units to represent electrically the various 
types of aerial line construction., A.far greater variety of 
artificial line units than now available would be called for in the 
representation of an average transmission ^Stem. Furthermore, 
the development of equivalent miniature generator, motor and 
transformer units-^to meet the small scale of the proposed 
miniature tystem-^would be necessary, as indicated by Dr. 
Burii. - ^ 

■ (2) Measuring instruments and methods: A miniature 
system should permit measurements of current, voltage and 
power to be made with considerable facility. Several years of 
experience with practical miniature network tests have indi- 
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eated the necessity of having connected in circuit fi’om 20 to 30 
measuring instruments, on an average, for substantially simul¬ 
taneous readings by the observers. That is a considerable num¬ 
ber of instruments, covering a large table, when the customary 
portable type of instrument is used. In the low-current type 
of “smooth” miniature system proposed by Dr. Bush, special 
measuring methods such as those involving vacuum-tube 
amplifiers are needed. Though considerable progress has been 
made by Dr. Bush and his associates in the development of such 
measuring methods, the vacuum-tube amplifier scheme in its 
present state is probably too delicate and complicated for 
practical measurements when quick results and a large number 
of measurements are wanted. 

One factor of prime importance in power system network 
investigations is the measurement of pow&r. Experience has 
shown a visual direct-reading power indicator (such as an 
ordinary portable wattmeter) to be most essential. For the 
“smooth” type of miniatiue circuit, wo need a new direct-reading 
wattmeter of much reduced current and voltage consumption. 

The above considerations lead to the following summary: 

There is a definite field for each of the two types of miniature 
circuit under discussion: 

The network type of miniature system including S 3 mchronous 
machines and lumped transmission line units, as described in 
the paper, has already established its practical usefulness for the 
solution of normal-load and short-circuit problems at funda¬ 
mental frequency; a large bulk of the pressing problems, both 
of the routine and research type, in transmission networks 
may be solved in a practical manner; the current rating of the 
generator and line equipment should be not less than 5 or 10 
amperes. Thus, the eqxiipment necessary and the methods of 
testing are substantially the customary and well-established ones, 
includingpower measurements by portable indicating wattmeters. 
The use of the miniature equipment by central-station and trans¬ 
mission engineers involves no radical departure from full-size 
system operation. It is not desirable to further broaden the 
use of the network type of miniature system by substituting 
“smooth” circuit elements for the “lumpy” type in an attempt to 
make it applicable also to high-frequency transient problems. 
The change would introduce new and unsolved problems of 
design. If “smooth” type of circuit elements having a current 
rating of an order of magnitude lower than 5 or 10 amperes were 
used, the convenient direct-reading type of instruments would 
no longer be applicable for voltage and power measurements. 
The vacuum-tube type of inshniment has, up to the present time, 
not reached a state of development in which it can be considered 
practical for quick results when a large number of substantially 
simultaneous observations are wanted. 

The ‘‘smooth" type of miniature line, on the other hand, is 
called for in high-frequency transient investigations. The 
current rating of the equipment is preferably below 5 amperes, 
and a good many of the tests may be so conducted as to require 
but a small number of measuring instruments, which (in accord¬ 
ance with the practise developed by Dr. Bush^ and Professor 
Dellenbaugh^) are of the vacuum-tube amplifier type. The 
design of equipment and the manipulation of the teats call for a 
high degree of specialization—somewhat outside the field of 
central-station and transmission-line engineering but well within 


the field of a Univeirnty laboratory. A number of the large 
engineering schools now have technical engineering laboratories 
supported by the industry. Thus, the transmission engineer’s 
problems calling for smooth-line tests in miniature may be 
assigned to the proper university laboratory for solution, as 
has already b|[en done in the past. The new contact thus 
afforded between the industry and the university seems to be 
beneficial not only to professors and students; but also to the 
industry as well. 

In reply to Mr. Armbrust’s question referring to the possible 
mimmum scale of the a-e. miniature-system equipment, I will 
say that the size depends on the use to which the miniature 
system is to be put: If to be used for current measurements only, 
a much smaller equipment will suffice than for a miniature 
system intended for power and voltage measurements as well. 
It is assumed, of course, that indicating instruments are to be 
employed, at least part of the time. For tests involving power, 
voltage and current observations at several points of a system, a 
10-ampere continuous rating at 440 volts (20-ampere short-time 
rating) has been found to be about the minimum for the line 
units of resistance and reactance. The figures given are those 
for the miniature system at Schenectady, as described in the 
paper. A lower current rating vdll introduce appreciable erroi’s 
due to the change of circuit conditions brought about by the 
insertion of the customary portable measuring instruments, as 
indicated by Mr. Armbrust. 

The minimum practical scale of an a-c. equipment for current 
obser'aiions only has not been definitely determined, because 
there has been no call for such an equipment. It is not at all 
unlikely that the Current rating may be reduced to a value of 
the order of 50 milliamperes, the measurements to be made with 
thermocouple a-c. ammeters, some types of which have a volt¬ 
age drop well below the maximum permissible value set by 
miniature-line requirements. The design of inductance units 
for the low current values, such as 50 milliamperes, should not 
offer great difficulties. In this connection, it will be recalled 
that there are a number of load division and short-circuit prob¬ 
lems which call for current measurements, but not for power and 
voltage measurements. However, it has been felt in the past 
that the restriction of the equipment to observations of current 
only, was not desirable in view of the greatly increased use 
obtained from a device giving power and voltage data in addition 
to current. It should be pointed out here that the size and cost 
of the equipment are not to be expected to be proportion^ to the 
current rating on account of the increased number of turns 
required for the inductance units of lower current rating. 

Another matter bearing on the size of the miniature equipment 
is the mmber of circuit units required. At first thought it might 
appear that the requisite number of miniature units must closely 
approach the number of network branches of an entire trans¬ 
mission system. As a matter of fact, there are relatively simple 
cu’cuit transformations, of a mathematical or geometrical sort, 
that may be applied to complicated networks to reduce the total 
number of elements in the mesh of circuits. Transformations 
of the kind that I have in mind have been worked out by Ken- 
nelly^, Fortescue*, Evans^ and others. It is often surprising 
how much labor is saved by the simplest of transformations. 

2. Etec. World 6* Eng. Sept. 16, 1899, p. 413. 

3. Eke. Jour. Aug. 1919, p. 350. 

4. Elec. Jour. Aug. 1919, p. 345. 


1 . See papers, by the respective authors, read at Aonual Oonvention. 
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Review of the Subject.—This paper presents the theoretical 
basis for a theorem by which the practical analysis and visualiza¬ 
tion of short-circuit phenomena can be greatly simplified. The 
theorem follows from the approximation of neglecting resistance in 
the application of Kirchhoff's Law to closed circuits. Thus in 
any problem of short circuits in which the effect of resistance is 
negligible in the initial moment, and this includes many of them, 
the theorem applies. It is: If the resistance of a closed circuit is 
zero, then the algebraic sum of the magnetic linkages of the circuit 
must remain constant. 

Illustrative examples are given, including the transformer, the 
single-phase and polyphase alternator, and the induction motor. 
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T he practical analysis and visualization of many 
short-circuit problems may be greatly simplified 
by the theorem of constant flux linkages. This 
theorem has been mentioned in an incidental way on 
two previous occasions/ but its importance appears 
to warrant further emphasis. Attention was drawn 
to its possible greater usefulness, by the mathematics 
and some of the conclusions in a recent Institute paper 
on Electromagnetic Forces.^ 

Scope 

The purpose of this paper, therefore, is to present the 
theoretical basis for the theorem, and illustrate its use 
by a few practical examples. 

It is based on Kirchhoff’s law of voltages, and fol¬ 
lows from the approximation of neglecting the resist¬ 
ance in the circuits. It is stated as follows: If the 
resistance of a closed circuit is zero, then the algebraic sum 
of the magnetic linkages of the circuit must remain con¬ 
stant. 

The theorem thus applies in any case in which the 
effect of resistance can be neglected. This includes 
most practical problems, because the effect of resist¬ 
ance in determining the initial rush of current is usually 
negligible. Its effect in determining the transient, or 
decay of current is, of course, decisive; but usually the 
problem is to determine the initial current rush. That 
is, the result of first importance is the initial condition, 
immediately following sudden short circuit; and this 
is, of course, practically the condition which would 
exist if there were no kansient-^in other words, the 
condition which would exist if the resistance in-the 
circuits were zero. The application to practical prob- 
lems, there fore, is very broad. 

1. Reactance of Synchronous Machines by Doherty and 
Shirley, Tkans. A. I. E. E. 1918, ydl. 37, Part 2, p. 1209. 

Short-Circuit Current of Induction Motors and Generators, 
by Doherty and Williamson, TaAws. A. I. B. B., 1921, yol. 40, 

^ p, 609. 

2. By Carl Hering, Journal A. I. B. B., Feb. 1923, p. 139. 
Presented at the Annual Convention of the A. I. E, E , 
Swampscott, Mass., June $6-29,19SS. 


Theoretical Basis 

In most short-circuit problems, Kirchhoff’s two laws 
are dealt with. The second law states that the sum of 
all e. m. fs. around a closed circuit must equal zero. 
That is, 

S e = 0 ( 1 ) 

Simple Case. It follows that in a simple circuit^ 
as shown in Fig. 1, 

ri(Li) = 0 (2) 

where r - resistance (ohms) 

L = inductance (henries) 
i = current (amperes) 



Pig. 1 


Eefemng to equation (2), if 
r - 0 

then 

(3) 

That is, the product Li is constant. But what does 
the product L i represent? The inductance L is equal 
to the “flux-turns,” or “linkages” per ampere. That is, 

\ <t>N 

• A' ~ »■ X 10* 

3. Neglecting capacitance which is practically never a sig¬ 
nificant faetor in short-circuit problems. 
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Thus the product L i represents <(> N, which is the mag¬ 
netic linkages of the circuit. Therefore, the magnetic 
flux^ linked with a closed circuit of zero resistance cannot 
change. 

It will be shown that this is true not only for the 
simple circuit shown in Fig. 1, but in general, even for 
a circuit which is part of a network and which may, 
in addition, b.e in mutual inductive relation to other 
circuits. The only conditions are, that the circuit 
shall be closed and shall contain no resistance. 

General Case. The validity of the theorem for the 
general case will now be established. 

Consider the circuits shown in Fig. 2, which are 
a^umed to be in relative motion.® 

Applying equation (1) to the closed circuit A, 

d d 

i r -{■ ^ ^ (L i) + ^ ^ (My ii -|- Mz is + iy 

+ ...)= 0 (4) 

or in general 

ir (Li -\- SM it) = 0 (5) 

where = current in secondary or inductively related 
circuits. Neglecting resistance, 

(Li Jj M it) = 0 (6) 



u 

Fig. 2 


A. Hence, the theorem applies to a detached closed 
circuit as shown in Fig. 2, in mutual inductive relation 
to any number of secondary circuits. 

It remains to be proved that it holds also for the 
perfectly general case, as illustrated in Fig. 3, in which, 
as in Fig. 2, the cii'cuits are assumed to be in relative 
motion and in addition the closed circuit A is made up 
of branches of a network. 

Thus consider any closed circuit, as A in Fig. 3. 

(a) in relative motion to, and inductive relation 
with, any number of secondary circuits. 



Pin. 3 


(b) in multiple connection with other circuits. 

Let . 

ia, ib, ict etc. be the currents in the several individ¬ 
ual branches of the closed circuit. 

La,Lb,Lo, etc.be respectively the inductances of 

these branches. 

ra,rbtre, etc.be the corresponding resistances. 

Ml, Mi, Mz, etc. be the mutual inductances between 

the closed circuit and the secondary 
circuits. 

iu i 2 , H etc. be the currents in the secondary 

circuits. 

All the quantities are considered as variables. The 

units are: i*s in amperes; r's in ohms; L's and M's in 

henries. By Kirchhoff’s Law 

Se = 0 

Thus, summing the voltages around the circuit A, 


or 

L i 4-S M 2 V = constant (7) 

But the expression 

Li 4’ 2 Jkf 4# 

repres^ts the magnetic linkages of tibe closed circuit 

;4. Moreja-ecurately, the magnetio linkages. For instance, 
two lilies l i n kin g h^ the turns- would obviously represent » Tie 
total linkage. Thus on account of partial linkages, it is not quite 
accurate to say the “m^etio flux” is constant, but only the flux 
representing complete linkages is constant. 

6. And therefore both the Af's and L's are variable: Af's 
variable by relative motion; X's may be variable either by satu¬ 
ration or by proximity to moving iron of secondary eircuitsi. 


(ia ra -^di^rb + % n 4- id ra) + yy (La 4 + Lbib 

4* Lc ie “h Ld id 4" Mg ig 4* Me ie 4" Mf ie 4* Mi ii 
4* Mi ii 4" Mz ts 4" . . .) = 0 (8) 

That is, 

+ (SLt-f-SMta) = 0 (9) 

Neglecting resistance* this becomes 

( 10 ) 

But, as before, the quantity in the parenthesis repre- 
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sents the number of magnetic linkages of the circuit. 
The equation states that the rate of change of the num- 
her of linkages is ?ero; heme the number is constant. 
Therefore the theorem is general. 

Thus to repeat: J/ Ike resistance of a closed circuit 
is zero, then the algebraic sum of the magnetic linkages of 
the circuit must remain constarU, 

It is well at this point to interpret the physical mean¬ 
ing of this statement. Magnetic linkages are expressed 
numerically by the product of the magnetic flux and 
the number of turns with which the flux is linked,® or, 
in general, by the product of the inductance L or M 
by the current. Therefore in a closed circuit without 
resistance if the inductance, either self or mutual, 
changes for any reason, or if the current changes in 
any mutually related circuit, then there must be a 
compensating change in current in the closed circuit 
to maintain constant its magnetic linkages. Do not 
misunderstand. The distribution of linkages among 
the different branches or component, series elements 
of the closed circuit need not remain the same, but the 
algebraic sum of all linkages must remain constant. 

However, in special cases of ssrmmetrical branches 
such as the star-connected polyphase machine, with 
sine wave flux distribution on open circuit, it can be 
shown'^ that the flux linkages in each branch or phase 
remains constant when the terminals are short-circuited. 

Illustrative Examples 

Transformer. Consider a few simple illustrations 
to visualize what this means. In Fig. 4 a, a transformer 

I—“Tb-1 .Iron Core 

'1 ! _, 

_J <D 2 N 2 =(Dn,N^=Mh 

J-J 



r —(T— I 



(|),v,N 2 = W if Constant 


L > — I 


Fig. 4 


primary is connected to a battery, the secondary bang 
open. Of the total flux established by and linking 
with the primary, part of it links the secondary, and 
the remainder 0^1 passes between the windings, [that 
is, as leakage flux. Now close switch Sj (Fig. 4 b), 

6. Keeping in mind the statement preyioiisly made regarding 

partial linkages. ; 

7. S?lort~Circuit Current of Induction Motors and Gen^aiors, 
Doherty and Williamson, Tbans. A. I. E. E,, Vol. 40, p. 637. 


and assume zero resistance in the secondary. Ob¬ 
viously no electrical change will follow. Open switch 
Si (Pig. 4c). What happens? We know that the 
secondary linkages 

<l>m Ni = ii M 

cannot change, and hence a secondary current iz must 
appear such as to satisfy the condition 

izLz = iiM = constant ( 11 ) 

It is interesting to follow this further. Suppose the 
secondary winding is now taken completely out of the 
transformer, that is, away from any iron as indicated 
in Pig. 5 a. The theorem still applies. The inductance 








4»2N2®Constant« ig L2+Mil=l2U 
<|>i N| = Constant - i *' L,+M 1 0 


I --TZ-i 


ConstantHaCa* 
N 2 (<t)m + <l>i 2 y^ 
<l)m*4>m + <Pl2 


Fig. 5 

Lz' is very much less, perhaps 0.005 of its former value, 
1 / 2 . It does not matter. The linkages must remain 
constant. Hence the current iz must correspondingly 
increase so that 

%z Lz ^ iz' Li ( 12 ) 

Thus the current would increase 200 fold. In other 
words, regardless of what else happens, the magnetic 
linkages cannot change as long as the circuit is closed 
and the resistance is zero.® 

A step further: How much work would be required 
to pull the coil away from the iron core, assuming 
infinitely thin saw cuts in the core that would permit 
removal of the coil. This work must be equal to the 
increase in stored energy. The stored energy is 

1/2 L 2 42* before 
and 

1/2 L 2 '^ 2 '* after 

Work is W - 1/2 {Lz' iz^ — Lz i^) (13) 

Blit by (12), 

Lziz ^ Lz' iz' . 

Solving for 4 * 2 'and substituting in (13), 

W = l/2Lziz>{Lz/Lz'- 1) (14) 

If 1/2 is Jarge compared with L 2 ', as here, (14) be¬ 
comes, 

WZ 1/2 i24/(i/2/L2') 

That is, the work is approximately equal to the initial 
stored energy niultiplied by the ratio 

Lz/Lz' — 200 

or : : W : = 200 (1/2 1/2 42 *) 

8. If the circuit contams some resistaace, as of course it mustt 
the linkages must decrease at a rate just sufOtcieht to generate 
their drop. 
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the only difference being that now the current is alter¬ 
nating. That is, the relation between the current 
before and after short circuit is the same in either case, 
namely, 

1 

1-^2 

Assume now that Si is closed at the instant o) ti 
= x/2, that is, when the secondary encloses, or is 
linked with, maximum flux. The fact that the second¬ 
ary linkages thus ^‘caught^^ by the short circuit must 


. sin w i — 1 

— i -' Ki (30) 

also for values of t > ti. 

It will be observed that (29) and (30) each involve 
a constant or “direct^^ component of current in addition 
to the '^alternating” component. In (29), for instance, 
the direct component is 

^1 ^0 (31) 





remain constant, gives interesting consequences. Con¬ 
sider these consequences first in the light of the equa¬ 
tions, and then from the physical point of view. By 
equation (25), for 

CO ti = t /2 


. sin «< — 
ii =»o 


(29) 


for values of t > ii, since the equations obviously 
hold only for conditions after the short circuit. And by 

■( 26 )';^^: ^ ^ 


and the alternating component is 
. „ . sin o t 

In (30), the direct component is 






and the alternating component is 

sin cot 


(32) 


(33) 


( 34 ) 





846 


DOHERTY: SHORT-CIRCUIT PROBLEMS 


Transactions A. I. E. E. 


Equations (29) and (30) are plotted in Fig. 8 , showing 
graphically the relation between the alternating and 
direct components. 

Now examine the physics of the problem. Consider 
the case in which the switch Si, Fig. 6, is closed when the 
secondary is linked with maximum flux, that is, when 
cat = 7 r/ 2 . This flux, or linkages rather, must remain 
constant. But obviously one-half cycle later, the flux 
in the primary is full value in the opposite direction, 
since the impressed voltage is maintained. That is, 
the primary is trying to force flux through the closed 
secondary, which must not only prevent this opposite 
flux from entering, but also must maintain constat the 
flux with which it is linked. This instant corresponds 
to the maximum current in Fig. 8 . Since the reversed 
primary flux cannot enter the secondary, and the 
secondary flux cannot enter the primary, it follows that 
both fluxes must pass through the leakage paths be¬ 
tween the windings. It thus requires twice^i as much 
maximum current as the case in which the switch Sx was 
closed when the secondary enclosed zero flux. 

Thus the actual current in both the primary and the 
secondary comprises a direct and an alternating com¬ 
ponent of about equal maximum values. In the second¬ 
ary the direct, or constant flux, with which it is linked, 
requires a direct current to maintain it, and an alter¬ 
nating current is required to prevent the alternating 
flux of the primary from linking the secondary. And 
similarly the primary requires a direct current to 
prevent the direct flux of the secondary from linking 
it (since the primary flux must at all times correspond 
to the impressed voltage), and also requires an Alter¬ 
nating component to force the alternating flux through 
the leakage paths. Thus the total current in either 
of these windings comprises the two components as 
shown in Fig. 8 . 

The transformer problem thus illustrates in funda¬ 
mental respects the facility of calculation and of visuali¬ 
zation made possible by the “theorem of constant mag¬ 
netic linkages.” Other illustrations will now be given 
in a much briefer way. 

Single-Phase AUermtor. In Fig. 9, a a represents 
the armature winding, 6 6 the field winding. Assume 
that the field winding is excited by the current to; 
that the field winding, having zero resistance, is short- 
circuited at the collector rings. Thus as long as the 
permeance of the magnetic circuit is not changed, to 
would continue to flow, by the condition that the field 


because the inductance has decreased. Replace it, 
and the current is once more to. 

When running with open armature circuit, the num¬ 
ber of field linkages is 

Qb = to Lb (35) 

and the armature linkages, 

«« = to M (36) 

where, 

M = Mo cos cat (37) 

Mo = mutual inductance between armature and 

field windings in position a = 0, Fig. 9. 

CO = electrical angular velocity. 

Assume that a short circuit occurs at the time ti. Then 
by (36) and (37) the number of armature linkages at 
this instant is, 

Qa = to Ml = to Mo cos CO ti (38) 

and the field linkages 

Qb = to Lb (39) 

Thus, after short circuit, and % must remain 
constant, and 

— to Ml = t"a La -|- M ih (40) 

and 


D 5 — to Lb — t’ft Lb + M ia (41) 

Substituting (37) and (38), and solving simultaneously, 
• ii>r /r cos CO i — cos CO ti 

( 42 ) 


and 


= to 


1— cos" CO t 


where, 

K 



Equations (42) and (43) are plotted in Pig. 10 for 

coil = 0. 

How does the magnetic energy storage vary during 
rotation, and what is the torque? Neglecting satura¬ 
tion, the magnetic energy storage in the field is^® 

. Wo = 1/2 S26 to 10-8 joules (44) 

and in the armature, 

Wa- 1/2 to 10-8 joules ( 45 ) 

But Ofl end Ko are constant. Therefore the energy of 
each circuit varies directly with the current.. The total 
energyis 


linkages must remain constant. But whatever hap¬ 
pens, the field linkages cannot change. Remove the 
rotor from the machine. The field current will increase 

11 . Actually (1 -f A*) times as great. A* is of the order 
of 0.99 ixx a transformer. 

12. The exdter voltage, of course, supplies only the i r drop, 
and therefore corresponds to the initial rate at which the flux 
would actually die down if the collector riu^ were shOrt-cirouited 
on ^e given machine. Without resistance, it wotdd not.die 
down. 


W = Wa + Wt = 10-8/2 + Qbib) (46) 

Since the electrical power supply is cut off, the change 
in energy must be supplied mechanically. That is, 
the energy supplied to the magnetic field during rota¬ 
tion through the angle da is equal to the mechanical 
work done; Torque X angle. Hence, 

dW Tda 

13. Stored ener^ « W =» 1/2 Li? 10-8 « 1/2 {Li) i 10"8 
joifles. But, Li = Q Hence, W - 1/2 Qi x 10-8 joules. 
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That is, the torque is 

T 


dW 
d a 


where a = 03 1. 
Differentiating (46), 


T = 


dW 
d a 




+ 


d i}) 
d oi 


) 


(47) 


(48) 


Thus the electromagnetic torque during short circuit 
is determined by the slope of the current curves. 

Polyphase Alt&rnator, At any moment the toM 
flux from each field pole is linked with the coils of some 
phase or phases. If, for example, one phase encloses 
zero flux, then all of the flux must be enclosed by the 
other phases. Hence regardless of the point of the 
cycle at which a polyphase short circuit occurs, the 
full flux from each pole is “caught” by the armature 
coils. Therefore, after the short circuit, there must be a 
series of armature poles, of full flux, disposed around the 
periphery, the center lines of 
these poles corresponding to 
the center lines of the field 
poles at the instant of short 
circuit—thus, somewhat as 
if the field poles of the rotor 
had at the instant of short 
circuit, stamped their replica 
upon the stator, and then 
moved on. 

Now imagine the rotor to 
be removed from the stator. 

Since the flux of the arma¬ 
ture, as well as the flux of the 
field, must persist, it follows 
that, although removed from 
each other, each of these 
members must retain its own 
set of poles as shown in 
Fig. 11. If this picture is 
kept in mind, there will be 
little difficulty in visualiz¬ 
ing polyphase short circuits. 

These two separate sets of 
magnetic poles—^the arma¬ 
ture and the field—both 
of about equal flux per Fia. 11 

pole, must persist, regardless 

of what happens, so long as the circuits are closed, and 
the resistance is zero. Thus if the rotor is again put 
into place and rotated, these two sets of poles, one 
rotating, the other stationary, pass over each other, 
and the currents adjust themselves so as to maintain 
constant flux linkages. When the poles are in the 
same relative position as that when the short circuit 
occurred, the currents will be of the value existing the 
instant before short circuit, namely, zero in the arma¬ 
ture, and no load exciting current in the field. One 



pole pitch, i. e., one half cycle, later, when the poles 
are opposing each other, thus forcing double flux 
through the leakage paths, the currents are maximum. 
Thus in the alternator, as in the transformer, if the 
armature, or secondary, “catches” any flux when the 
short circuit occurs, there must be a direct component 
of current, and also the maximum value of the total 
current occurs one half cycle after the moment of short 
circuit. Fig. 12 is an oscillogram of a three-phase 



Upper ciu've-current in phase a. 
Middle ciirve-fleld current. 
Lower curve-armature volts. 


short circuit of an alternator, showing the current of 
one phase, the field current and the line voltage. The 
large direct component of cun’ent which produces 
nearly complete offset of the armature current wave, 
shows that at the instant of short circuit the particular 
armature phase had “caught” nearly full flux. 

Induction Motor or Generator. At the moment the 
terminals are short-circuited, the rotating magnetic 
field, which is linked with the closed secondary, has a 
definite position on the face of the stator. Like the 
case of the polyphase alternator, this field is linked with 
the coils of some phase or phases of the short-circuited 
stator winding, and must remain stationary, and at full 
value. But the flux linked with the rotor must also 
remain at full value and stationary with respect to the 
rotor winding. That is, it must continue to rotate in 
space. In other words, the two sets of poles exist, 
just as in the case of the alternator, and vdth the same 
results.^* Of course in the actual case, there is resist¬ 
ance in the circuits and the currents would die down to 
zero. But initially the phenomena of short circuit in 
an alternator and in an induction motor are practically 
identical. 

If As a further illustration of this method of analysis 
it can be shown that the initial current rush to an induc¬ 
tion motor^® is the same when the line switch is closed 
upon the motor at standstill, as when the motor is 
running at S 3 mchronous speed.^® In either case, the 
number of flux linkages in the closed secondary, or 

14. For further discussion of this, see' “Short Circuit of 
Iiiductioii Motors and Generators” by Doherty and WiUiam- 
son, Tbans. a. I. E. E., Vol. XL, 1921, p. 509. 

15. If the motor is of sufficient size so that the resistance is 
pra^ctically negligible in the first moment after short circuit. 

16. To the Author’s knowledge, no tests have been made to 
confirm this, but it follows from the theorem. 
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rotor, circuits is zero, and must remain so after the line 
switch of the primary circuit is closed. The primary 
circuits are open and of course contain zero linkages 
before the switch is closed. But consider the closed 
circuits formed by the switch, namely those each of 
which is made up of a motor phase and the correspond¬ 
ing alternator phase in series. In each of these circuits, 
each electrically disconnected from the other, a definite 
value of flux existed, or was linked with the circuit, at 
the moment the switch was closed, the value of flux 
linkages in each circuit depending, of course, upon the 
alternator pole position at that moment. The value 
of flux thus caught in each circuit must remain constant. 
But since, assuming constant line voltage, the flux in 
the alternator phase must continue to vary, through 
fixed values, and thus (by assumption of no leakage) 
can not hold the constant component of flux which must 
continue to exist somewhere in the circuit, it follows 
that it must exist in the primary phases of the induction 
machine. In other words there must be a direct, or 
stationary magnetic field around the periphery of the 
induction motor, just as in the previous illustrations. 
Also since the voltage is held up at the terminals of the 
motor there must also be a rotating field. That is, 
there exists a stationary, and a rotating set of poles 
around the stator periphery; and none of this flux can 
link with the rotor. Therefore, at standstill, the 
secondary must contain direct current to prevent the 
stationary primary flux from entering; and must con¬ 
tain alternating current to prevent the rotating flux 
from entering. And these components of current must 
be of the same magnitude since the fields they oppose 
are of the same value. On the other hand, the primary 
winding must contain direct current to sustain the 
constant or stationary component of flux in the linkage 
paths, and an alternating component to sustain the 
rotating field—both of same magnitude. Thus the 
total current in either the primary or secondary 
windings must contain a direct and an alternating 
component of current of the same magnitude 
If the rotor is driven by external means at syn¬ 
chronous speed when the switch is closed, then, since 
neither the rotating nor the stationary field of the stator 
(both, the same as in the foregoing case) can enter the 
rotor, all conditions will be the same as before, excepting 
the rotation. Now the stationary field of the stator 
of course requires direct current in the stator windings, 
but it produces due to rotation of the rotor, alternating 
current in the closed rotor circuits; also the rotating 
field of the stator requires alternating currents in the 
stator windings, but being stationary with respect to 
the rotor, produces therein a direct current. And all 
currents are of about the same maximum values, and 
hence the same as at stand-still. 

Summary 

Summarizing briefly the points brought out in the 
paper, it follows from Kirchhoff's Law of Voltage, 


that if the resistance of a closed circuit is zero, then the 
algebraic sum of the magnetic linkages of the circuit must 
remain constant. Thus if the reluctance of the magnetic 
path linking the closed circuit is increased, the current 
in the circuit must increase, and vice versa, to maintain 
constant the magnetic linkages. Or if a separate 
magnetomotive force is impressed on the magnetic 
circuit linking the closed circuit, tending to change the 
linkages of the closed circuit, then the current in the 
latter must adjust itself to balance the new m. m. f. and 
thus maintain constant linkages. The application of 
the foregoing theorem to the problems of short circuits 
of electrical apparatus accomplishes two important 
results: In the first place it tremendously simplifies the 
mathematics and calculation of the short-circuit cur¬ 
rent and related problems; also it makes it possible 
to visualize easily the phenomena—which, of course, is 
always highly desirable in any analysis. 


Discussion 

V. Lyon: As an introduction to the study of transients 
in electric machinery, Mr. Doherty’s paper should prove interest¬ 
ing, but I am sure that neither Mr. Doherty nor any other 
serious student of the subject would be satisfied with thig 
approximate solution. There is no doubt that a more careful 
analysis which does not neglect the dissipated forces is more 
difficult, but rather than proving a deterrent this difficulty makes 
the problem more interesting. 

In electric machinery the only voltages that need ordinarily 
be considered are due to resistance and to variable flux linkages. 
If the former are negligible in comparison with the latter, the 
voltage that appears at the terminals of any circuit equals the 
time rate of change of the total flux linkages. If the circuit is 
closed on itself, the terminal voltage is zero, and the time rate of 
change of the flux linkages is zero; that is, the total flux linkages 
remain constant. If, on the other hand, a constant direct 
voltage is applied to an idle circuit, the flux linkages increase 
directly with the time. 

The accuracy with which this “theorem of flux linkages” will 
predict the results obtained in practise-depends upon the relative 
magmtude of the resistance and the self and mutual inductances. 
In a transformer the principal component of the transient current 
duhmishes at a rate determined by the ratio of the resistance and 
the difference between the self and mutual inductances. In a 
certain 1000-kv-a., 60-oycle transformer this ratio is 66. In 
this tran^ormer the first rush of current on short circuit is 163 
per cent of the steady short-circuit current. If the resistance 
had been neglected, the first rush would have been 200 per cent, 
as Mj. Doherty states. The error is nearly 25 per cent. There 
is also another transient component, which is however but 2 or 3 
per cent as large as the one just mentioned. This component 
dimimshes at a rate determined by the ratio of the resistance and 
sum of the self and mutual inductances. This ratio is ordinarily 
6 or 10 per cent, and might safely be assumed to be zero. 

In a 76-h. p. induction motor we have tested, the ratio of the 
resistance to the self inductance was about 2.6 for the stator and 
4 for the rotor. The two components of the transient current, 
instead of being constant as would be the case if the resistance 
were negligible, diminish; at a considerable velocity. The one 
of higher frequency dimimshes at a rate of 74 hyperbolic radians 
per second, and the one of small frequency at a rate of 48 hyper¬ 
bolic radians per second- In this motor the first rush of current 
in one phase would be to a maximum value of about 3300 
amperes if the resistance were negligible. Actually the first 
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current rush has a maximum value of about 2200 amperes. In 
this ease, neglecting the resistance leads to an error of 50 per 
cent, whereas if the resistance is taken into account, students 
have been able to compute the first current rush with an error 
of less than 10 per cent. 

From these examples it would seem that resistance plays a 
larger part in determining the first current rush than we might 
be led to believe from a cursory study of the subject. 

A. Boyajian: I think Mr. Doherty’s paper is a valuable 
contribution to the electrical literature in that it gives a physical 
interpretation to the short-circuit transient, a subject which has 
been dealt with almost exclusively mathematically in the past, 
starting with differential equations and finding a complete 
solution that will satisfy them. It is brought out in this paper 
in an extremely interesting and visual manner that the short- 
circuit transient of flux and current is produced by the flux 
which is trapped in the short-circuited coil. The fundamental 
principle that no flux can enter or leave a short-circuited coil of 
zero resistance is used masterfully in analyzing the short-circuit 
transient of a number of electrical apparatuses. 

Of course, ordinarily, short-ciroiiited coils have a certain 
amount of resistance, by virtue of which flux can gradually 
penetrate into them or leave them, and the transient decays in a 
short time to a negligible value in accordance with the attenua¬ 
tion constant of the circuit, as is well known. But Mr. Doherty, 
I think, is to be commended for maintaining the presentation of 
the. principle simply by ignoring the calculation of the rate of 
decay, inasmuch as the mathematics of these transients are 


quite old, but the physical interpretation of the phenomenon 
new to many. 

R. E. Dohertys Professor Lynn considers the principle 
proposed in this paper as, at best, a poor approximation. What 
the paper presents is the proof of a useful theorem—at least the 
author has found it to be useful. Like any other theorem, if it 
is applied where it is not applicable, unreasonable results follow. 

If any one is interested in seeing how the theorem may be 
applied for practical results in the case of induction motors, such 
as Prof. Lynn mentions, I would refer him to the method out¬ 
lined in a previous A. I. E. E. paper.^ 

Now I am in complete accord with Prof. Lyon as to the desira¬ 
bility of rigorous attack of any problem of this sort; but in 
practical engineering I have found that I can stick to rigor up to 
the point where it leads to hopeless complication. Then I have 
to do something else—^because an answer must be obtained. 

The value which I feel is in this method of attacking short- 
circuit problems lies in the fact that it is possible to visualize 
what is going on, and in a large number of cases, to get actual 
quantitative calculations in a very simple manner. In those 
oases in which it is not possible to make quantitative calcula¬ 
tions, one at least can obtain accurately the initial condition, that 
following the instant or the moment of the short-circuit; and if 
one who is working on such problems has some notion of what 
the effect of resistance is, he can from that, estimate close enough 
for practical purposes the rate of decay of the current. 

1. Short>>Oircalt Ourrent of Induction Motors and Gienerators, by 
Doherty & Williamson. Trans. A. I. B. E., Vol. 40, 1921, p. 509. 
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T he calculation of the alternating-current resistance 
ratio due to skin effect or proximity effect, has 
been worked out for a number of shapes and com¬ 
binations of conductors. The case of an isolated wire 
was solved by Clerk Maxwell in 1873, (Reference I). 
This solution is usually expressed in terms of Bessel 
functions of the first kind. In 1886, Lord Rayleigh 
gave the calculation for skin effect in an infinite plane 
conductor, (Reference 2), and in 1909 Dr. A. Russell 
published a calculation for a concentric main, that is, a 
return wire inside of a tube (Reference 3). 

The effect on the resistance, caused by current 
distortion in conductors in armature slots, was treated 
by A. B. Field, 1905, (Reference 4), R. E. Gilman, 
1920, (Reference 5) and W. V. Lyon, 1922, 
(Reference 6). 

In 1915, A. E. Kennelly, F. A. Laws and P. H. Pierce 
published some very precisely measured curves of 
various shapes and combinations of conductors 
taken up to 5000 cycles, (Reference 7). These were 
very valuable, for in 1915 the only calculation which 
was in a form to be applied to a finite conductor and 
checked by test was the calculation for an isolated wire, 
which they checked exactly. Several of the other test 


p 



Pig. 1—^Thin Tube and Infinitesimal Wire 

curves have since been checked by calculations, and the 
curves have been of undoubted help to those deriving 
the new formulas. Similar test curves up to 100,000 
cycles were published in 1916 by A. E. Kennelly and 
H. A. Affel, (Reference 8). 

^e proximity effect resistance ratio in a return cir¬ 
cuit of two thin straps close together was published by 
the writer in 1916, (Reference 9). 

In 1918, (Reference 10), calculations ware published 
by the writ er for skin effect in an isolated tube, and in 

Presented at the Annual Convention of the A. I. E. E., 
Swampscoll, Mass., June B6-B9,19SS.' 


an isolated thin strap, the latter at low frequency. (See 
also Reference 11 in which the exact skin effect ratio of 
a tube is given in terms of Bessel functions of the first 
and second kinds). In the 1918 paper, the '^principle 
of similitude*' was enunciated by the writer, that for a 
certain shape of cross section of circuit the resistance 
ratio is constant for a given value of f/R, thus correla¬ 
ting tests made at radio frequencies with those made for 
electric furnace work, etc. A proof of this principle 
was published by J. Slepian (Reference 12). 



Pig. 2— Two Thin Tubes in Return Circuit 

The proximity effect in a return circuit of two wires 
was calculated for low frequencies in 1920 by H. L. 
Curtis (Reference 13). A complete solution was pub¬ 
lished by J. R. Carson in 1921, (Reference i4), and an 

alternative solution is given in this paper, (Formula 
VII). ^ ^ » V 

The skin effect of a cable with steel armor wires and 
sea water ret^ was calculated by J. R. Carson and 
J. J. Gilbert in 1921, (Reference 15). 

The proximity effect of two thin tubes at low fre¬ 
quencies was given by the writer in 1922 (Reference 
16). This result is checked and extended to high fre¬ 
quencies in this paper. 

In 1922 a valuable mathematical paper on akin effect 
was published by Chas. Manneback (Reference 17), in 
which he describes a new method of attacking a skin 
effect problem. As with other new methods of solving 
skin effect problems mentioned in the above summary, 
this method is first used to obtain the standard formula 
for an isolated wire. The method is then applied to 
the casq of the proximity effect of a finite wire and an 
infinitesinaal wire, and an expression for the current 
density at any point of the section of the finite wire is 
obtained.^ No expression for the resistance ratio R'/R 
was obtained, and at first sight, the integration of the 
resistance losses over the section of the finite wire 
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would appear to involve very complicated integrals in 
Bessel functions. The method the writer has adopted 
to overcome this apparent limitation of Manneback’s 
method is to make use of a device involving Poynting’s 
Theorem, given by J. R. Carson in Reference 14, 
equation (18). 

The writer has used the above general method to 
obtain new formulas for ten cases of proximity effect 
resistance ratio (see Part II). The formulas are good 
for high frequencies as well as low. Except in the case 
of a return circuit of two wires, and the low-frequency 
range of two thin tubes, the problems are new and the 
values of the resistance ratio were previously not ob¬ 
tainable. The problems are of practical value in 
electric furnace work, underground cable work and 
radio work, as indicated in the examples. See also the 
examples in Reference 16. 

I. Thin Tube and Infinitesimal Were 

Let XMP be an extremely thin tube of radius a 
and thickness t, and let 7 be a very small return con¬ 
ductor. The calculation applies to the case in which 
the ratio of the thickness of the tube to its diameter 
is very small, and so the change in current density from 
the inner to the outer surface is inappreciable compared 
with the changes in current density in different parts 
of the tube due to the proximity of the return con¬ 
ductor. The return current is assumed concentrated at 
the point Y, 

Let the current density at M be i(e). Then the 
resistance drop at M is m <t where <r is the specific 
resistance of the conductor, absolute units being used. 
Similarly, if I'o is the current density at X, the 
resistance drop at X is io <r. 

The difference between the inductance drops at 
X and M due to flux caused by the current h in the 
return conductor Y is given by the well-known induct¬ 
ance formula and is 

j 0 } 2 h logh volts per cm. 

Let the current density at P be i(<p) and the element 
of area of section *at P be atd <p. The difference 
between the inductance drops at X and M due to flux 
caused by the current iiv) atd <p at P is 

j 0)2 logh —^ atd<p 

This may be integrated around the tube and the dif¬ 
ference between the inductance drops at X and M due 
to current in the tube is 


This is the same as Manneback’s equation (5) Reference 
17. 


Let P 


CO 2 IT a i . .. 

— - -as m equation (9) 


Then/ 


2 CO 

cr 


_±_ 

irat 


Reference 16. 


B =Xy = s- a 

d^ = M P2 = a2 + - 2 a^ cos {6 - <p) 
= X P^ = a* -}- a® — 2 cos <p 
= s2 + a2-2ascos0 


The series expansions given by H. L. Curtis, Note 1, 
Reference 13, where their derivation may be found, 
must now be used. 

logh d/a = - { cos (^ - d) + 1/2 cos 2 {(p- B) 

+ 1/ncosn{(f> — 6) } ( 2 ) 


logh h/a = — { cos (p + 1/2 cos 2 (p +• . . . 
H- 1 /n cos w ^ + . . . } 


(3) 


logh D/a = — 


a/s cos B + 


a^ 


+ 


a" 


ns^ 


2s2 

cos % 6 + . . . 


cos 2 0 + . . . 


(4) 


First, let the effect of the return current be neglected, 
and put k<p) -U 

ke) = k + J (logh d/a — logh h/a) katd<p 

^mtO 


Using the series expansions, all the terms of the integrals 
are zero, and i(.e) — io when the effect of the return 
current is neglected. This result, of course, is known 
from the conditions of the problem. 

Now, for the present, neglect the effect of k and find 
a value of ko) which will balance the effect of the 
return conductor. 


ktfi't at d (p 

The nth term of logh D/s is-cos n 6 

■ ns^ 

Find a solution km of the equation 

km = —^ cos n B 
TT at ' s 


^-0 


+ J (logh d/h) ki<P) atd <p (5) 




Adding the resistance and inductance drops 
im = k + j Ji logh 

+ 3 J (logh — ^ \kv) at d <p ( 1 ) 


<0-0 


Let km = — 


h or- \ 
— cos n B 


n TT at 

tp —2ir 


( 6 ) 


%nm 


( 2 ) 


= km 0^ + - ^ ^ (logh d/a 

< 0—0 

— logh h/a) k<.atd <p 


(7) 



852 


DWIGHT: PROXIMITY EFFECT IN WIRES AND THIN TUBES Transactions A. I. E. E. 


».(«<« 


Similarly, 


r cos k(<p- 0) 

^ A =1 ^ 


<p ™2v 

y cos n (p 


& —00 

-2 


cos k (p 
k 


jfe-i 


J a i ^ 


(3) / ^ 

\ n 

) 4(9) 

0) 

.( i^\'. 


a’‘/s« 

\ n ) 

Tat 

0 ) r \-JJl 

L n 

-H 

V 

92 / 


Now cos A cos 5 = 1/2 cos (A + 5) + 1/2 cos (A - B) 
The integrals of all the terms are zero except when 
k = n. 

*n(« « = i,(.) « + ( F 

r r cos n 6 1 1 ^ j 

J„ L 2» 2n 




JJL 

n 


+ 


(^yj 


( 10 ) 


<£>-0 

4 ( 9 ) ( 2 ) = 4 ( 9 ) ( 1 ) 




Tcoan 6 
n 


— t/m^ a 


If this process is continued indefinitely, the value of 
4(9) is given by convergent infinite series, provided the 
values of I and n are such as to make the series conver¬ 
gent. Since n is equal to 1 or greater, the series give 
the value of 4(9) for I less than 1, The sum of the 
infinite series is 

1 


«»(9) = 4(9) -• -r- 4(9) 


1 + 


1± 

n 


n 




( 8 ) 


Thus in(e) - - 


Put inW = 4(9) ^ ^ y (logh d/a 

tp —0 

- logh 6/a) 4(«») at d <p 

<p -0 

- logh 6/a) 4(v) at d<p 

-(^y^Tao«H./o 

0 

from (7). The last integral is zero. 

4(9) W = 4(9) (2) + ( 4(9) (1) 

^l"¥-j -IFTt 


<!>=2ir 


/a 

a» 

j 

Af% /j 

TT ai 

ns” 

• y,k cos Vw v7 

i + .iL 

92 

h 

jP 

a” j P 

Tat 

n 

ns” 1 ^ 3P 
n 


( 11 ) 

and the value of m which will balance the effect of 
the return conductor is 


2(9) 


( 8 ) 


^(9) 


71 » 00 

3 PI 1 ^ 

a” 


TTai 

n-l 

« —00 

n s” 

a” 

jP 

Tat 

n -1 

« “OO 

ns” 

(n + j P) 

"S- 

a” 

jP 

TT a t 

n-l 

n =00 

ns” 

n 

jPIx 

a” 

1 

T at ' 

n —1 

n s” 

1 + 

n 


COS n 0 


^ (1 — cos n B) (12) 




To this must be added the quantity 4 to obtain the 
total value of 2 ( 9 ) 


(9) 


n —oo 


j(9) ss 4 A- ■ - ? 

*, -r 2 ^at (»t+yp) 

01 - COS w d) 
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The total cmrent = / = — Ji = J' iwatd 6 


n =00 


2 


n =00 


e=o 
2jl^ 




«=i 


I =2^oaw2“"A« 

n=l 


(l^ + W2) 

■ as in Formula I, Part II. 


^0 




2jl^ 


in + j P) 


] 


(13) 


n =1 
« =00 


(n + j P) 


cos w d 


11. Two Thin Tubes in Return Circuit 
For the case of two thin tubes, equation (3') of Man- 
neback’s paper was not used. Instead, an element 
of current, iiy) at d y was assumed at Pj, the current 
density Uy) being considered to be constant at first. 
The following expansions from H. L. Curtis’ paper, 
Reference 13, are required: 


«=i 


This value of ue) should now be checked by writing 
K <p) in accordance with it and substituting in the original 
equation (1). 

H is given by (13) and by (14), changing 6 to <p. 


] 


(14) logh S /9 = - 2 


«=00 




nq^ 


cosn0 


n =00 


logh P/« = - 2 n(0- 6) 


«=00 


logh D/B = 2 (1 - cos n 6) 


«=i 


It =00 


« =1 
ft =00 


logh q/s = - 2 


tt” 


cos w y 


(15) 


(16) 


(17) 


logh d/b = 2 [ 


cos k (p 


y, 


fe=l 


cosn0 

a* 


n=l 

= 1/s” ^ 1 


cos k{(p— 6) 


] 


‘00 


Substituting all these in (1) and carrying out the 
integration, we obtain equation (14). 

This furnishes a check on equation (14) and further 
shows that it applies for all frequencies, that is, for all 
values of 1. While the expression was derived by 
means of series which were convergent for I less than 
1, the expression (14) itself is a convergent series 
for all values of I, that is, for all frequencies, so long as 
a/s is less than 1, and it has been shown to satisfy the 
fundamental equations of the problem, irrespective 
of the value oi 1. 

It is now desired to find an expression for R’/R. 

P = 


+ 2 


/n + fe - 1 

/n-l/h 


^cosJ -r] 


(18) 


ft-1 


smn0 

q” 


*09 


= i/s» 2 


/n-l/k (19) 


ft=l 


2Tr at 

9=2ir 


P' = 1/P r i { 0 ) atd B 1{S) atd 6 — 


tdB 


where is the conjugate pi iig), that is, it is the 
same except that j is replaced by — j. The integration 
of the product of the two series is very similar to that 
used in deriving (8), all the terms being zero except 
when the coefficients taken from the two series are 
alike. 


2 TV at 




n=oo 


TV a*" 


, TV a^ 


2 jP 


(- 2y P) 


{n-\-jP) {n-j 


] 


«-i 


The same process for finding i(e) is now gone through 
as for a thin tube and an infinitesimal wire, and when 
i(yy is constant the same result is obtained, namely 
eq. (14). This is to be expected, for a round tube or 
wire with uniform current density has the same external 
effect as if the current were concentrated at its center. 

Now assume that there is the same current density 
in tube B as has just been calculated for tube A, and the 
resulting current density in tube A can be found. This 
again can be assumed for tube B. The process gives a 
S 3 nnmetrical sequence of expressions, as given in For¬ 
mula II, Part II. The expression for R'/R is obtained 
by direct integration, as previously described, 

III. Two Thin Tubes in Parallel 

This case is calculated in the same way as the pre¬ 
ceding, except that J is used instead of — J for the 
second conductor, with the result given in Formula 

III. 

IV. Insulated Cable Sheaths in Single-Phase 

Circuit 

The assumptions for this problem are given under 
Formula IV, Part IL The calculatioh is similar to that 
of Formula I, the total current in the sheath being zero. 
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V. Cable Sheaths in Three-phase Circuit, Flat The term involving E in ll R' is the real nart of 

SpAriTMn iA A u vx 


Spacing 

The current is I in cable A, 


le 


2ir 
^ o 


le 


.4w 
^ 3 


r / 2 TT , . , 2 TT \ 

= /(cos-g--|-;sm^j 
= ~ 1/2 -I -1 ^ in cable B, and 

= 7(cos^ -t-ysinii) 

= /(-l/2 




By Carson's paper, (17), 




4 T J = r HiaO) add 

fl-O 


(26) 


3 


^ is a voltage caused by flux generated in the axis 
by the ciOTent I in the flnite wire and by the current 
— J in the return wire. Current densities of the form 
A cos % 0 do not produce any voltage in the axis, nor 
any total current, when integrated around the circle. 
a IS therefore in quadrature with J, and there is no 


0 s«2ir 


VI. Finite Wire and Infinitesimal Wire a is mereiore in quad 
The formula for iirt) is derived in Mr. Manneback's real part of i /, nor of 
paper, equations (14) and (19). It is 

I j a a Jo (j a r) 

2 Ji(jaa) 

"W® ^ave therefore, as before, the integral from 0 to 

O ^ 4-1..V J_X - P X -r-. . . 


l(re) ~ 


J* -S HCaO) d 6 

A iV 


I It • "V"! _ / „ (i oir) have therefore, as before, the integral from 0 to 

1 ^ « /s (y ^ \ ■ COS m 9 (20) 2 T of the product of two Fourier series (23) and (25). 

The terms will be zero except where the coefficients of 

fl £ _ XI _ . . - 


where 


0-2 = 3 4:Tr ca 


--—WTMWAW V4.J. 

. d taken from the two series are alike. 

Puty aa = 6 y vj 


4 TT 0 ) 


(27) 

(28) 


In order to derive an expression for R'/R, the writer 

replaced i(re) by E/<r— e(rfl)/(r (see note 5 of Manne- where 52 — 

backs paper) where E is the voltage induced by flux 

f D „ so that 6 is a real quantity. Omit the imaginary parts 

tiy eq. ( 10 ) of J. R. Carson s paper. Reference 14, of the terms of the product and formula VI is obtained. 

d 


I fjL <a He — 


d r 


eirO) 


(22) VII. Two Wires in Return Circuit 

^ The procedme is the same as for two thin tubes 
in return circuit, and the same expansions are required. 

T»% 4-I.aa ___j* if . V t . • A. - * 


where /t is the permeability, assumed = 1 for this • x • . - -- 

problem, and He is the tangential component of the t' circmt, and the same expansions are required, 
magnetic force. . ^ course of the calculation it is required to find the 

At the surface, ^ ^ ^ 


_ 

I 2 Jxijaa) 


3 Jo' U a a) 


w *00 






^ j'n (j oi a) 

Sn Jn-l ijOLa) 


cosn 


'] 


(23) 


current density i(r9) due to current density in the re- 
turn wire 

*(ur) == CkJkQ’a u) cos k y 

The resiflt, after integrating over the surface of the 
return wire, that is, from 7 = 0 to 2 t and from u 
= 0 to a, is 


^By eq.^(18) of Caraon's paper, 
toansferred to or from one cm. of wire through its sur¬ 
face, according to Poynting's theory, is 

IIR\= real part of C e(ae) H{^e) d 0 (24) 


»-oo 


’, the true energy c* a«+Vs”+* _ Jn (j a. r) 

ire throuffh its aiir- Jn-i ijot a) 


cos n 0 


nml 


/n + A; - 1 


Ja +1 (y a a) (29) 

Q. XU- • ^ partial expression used in the course of 

bince thiamvolves only values at the surface of the calculation. The total value of Ure) is 

wire, the mtegration is not complicated. 


e(«fl) 


= e-~ls^ r 

Tr a^ L 


I r 3 (x a Jojjo^a) 
2 Ji O' a a) 


« *00 


If . n 

1^ Ao Jo (j pc r) + 2 Nri Jn (j OL t) cOs u d \ (30) 

■n«l ■ : 


'W . 

— f An/^» 1 U rnr ,, fj "I 7 oe^ statcd, Poimula VII is an alternative 

^ Jfi-i lja q) ^ J solption^ the probleni having been solved in J. R. Car- 

son's paper. Reference 14. 
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VIIL Two Wires in Parallel 

Since in two wires in parallel, the current crowds 
to the furthermost part of each wire, it is to be expected 
that their effect on each other will be less than if the 
current in one were concentrated at the center. So, 
also, in a return circuit the currents crowd toward 
each other and the effect is correspondingly greater. 
This is illustrated by the three values of R'/R given 
in the example. A similar result was found in connec¬ 
tion with thin tubes. Formulas I, II and III. 

IX. Three-Phase Circuit, Triangular Spacing 

In this problem, the time phase angles for three- 
phase currents given in connection with Formula V, 
cable sheath in three-phase circuit, must be used, and 
in addition the direction angle t/6 must be added to, or 
subtracted from, the angles 6, y etc. With triangular 
spacing, the three wires and their currents are sym¬ 
metrical, and each current can be obtained from the 
one preceding it in the order A, B, C, by multiplying 

bye " 

X. Three-phase Circuit, Flat Spacing 

In this problem, as in V, the direction angle is tt, used 
with the middle conductor. 

XL Bessel Function Reduction Formulas 

The first three or four orders of Bessel Functions 
of the required value of b are usually required. They 
can be worked out with less work than the remainder 
of the problem generally requires, 

XII. Table op Bessel Functions 

This table gives the values of Bessel Functions of the 
first five orders, and their first derivatives, for argument 
where x is any whole number from 1 to 10. 
These values are useful for drawing curves of proximity 
effect. Interpolated values cannot be obtained from 
this table, but must be separately derived by means 
of the reduction formulas given in XI, from the values 
of ber X etc. given in Reference 11. 

Part II 

Formulas for Proximity Effect Resistance Ratio 
I. o Thin Tube and Infinitesimal Wire 

,, 2 TT a t CO 

or 

a = radius of tube in cm. 

t ' = thickness of tube in cm. (i is assumed very 
small compared with a). 

s = axial spacing 

CO =2 tt/ 

f = frequency in cycles per second 

cr = specific resistivity in absolute units. 


«=*oo 

R'/R = 1 + 2 

n ■*! 


21^ 

+ W2) 


For infinite frequency, R'/R = 

— Ctf 


The above formula applies when the two conductors 
form a return circuit, and also when they carry equal 
currents in parallel, and are remote from other con¬ 
ductors. Example, s/a = 4, Z = 1, R'/R = 1.0641. 


II, o O Two Thin Tubes in Return Circuit 

A _ 2a'* (Z^ + j P n) 

” s” (Z« + %2) 


etc. 

N^ 




1 A a^ ^ /n k— 1 

2 ^ IT- /% - 1 /k 


Cn 


I A ^ T> * /^ + — 1 

2^"^ s* /n-l/k 


Dn 


& = DO 





/n + k — 1 
/n — 1 /k 


= Ai + jBi + Cl + . . , 
= Aa + Bi + Ca + . . . 


Nn — An + Bn + c» + . . . 


R'/R = 1 + 1/2 W + 1/2 + . . . + l/21Nnl‘^ 

\Nn\^ is the square of the absolute value of Nn* /O = 1. 
Example, s/a = 4, Z = 1, BV-K = 1.0685. The same 
value was obtained by the low frequency calculation 
given by the writer in Reference 16. 

III. o-O Two Thin Tubes in Parallel 

Let Ai, Bi, . . . .A„, Bn, C„ etc. have the same 
values as for two thin tubes in return circuit. 

I\£i = Ai — Bi + Cl — Di + . . . 

= As •— Ba + Ca “ Ba + . • . 

Mn = An — B» + Cn —, Bn + . . . 

R'/R = 1 + 1/2 \Mi\^ + 1/2 IMal^ + . , . 

+ l/21Jlfn|2 + ... 

Example, s/a = 4, Z = 1, R'/R — 1.0600 

IV. 0 • Insulated Cable Sheaths IN Single-Phase 

Circuit 

Sheath replaced by a copper sheath of the same re¬ 
sistance, and mean radius and of thickness t, and 
considered as a thin tube. It is insulated from other 
sheaths except at one point. 

Cable inside sheath replaced by a solid wire of the 
same resistance, and of radius a, and whose current 
density is considered uniform. 
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Return cable and its sheath represented by an 
infinitesimal wire. 

pi — 2 ^ ^ ^ 


Truiisaetious A. I. E. E. 

n =Qo 


R'/Ri) = 1 -|- 


(Mo Vo' — Uo' Vo) 


« »l 


c = radius of sheath 

_ Resis. loss in sheath 

Resis. loss in cable at zero freq. 

n-oa 


= ^ 2 1?^ 


I* 


-hn^) 


n =1 


If the sheaths are connected at both ends, the cur¬ 
rents and losses are approximately calculated by usual 
reactance formulas. 

V. Insulated Cable Sheaths in Three-Phase Cir¬ 
cuit, Flat Spacing 
O • • Outside Conductor 

Two cables and their sheaths represented by in¬ 
finitesimal wires. Axial Spacing = s. 

Resis. loss in sheath 


(Un Vfi Un.' 2?,j) 

{U„ - ]- -h Vn - 1‘^) 

The above formula applies when the two conductors 
form a return circuit, and also when they cany equal 
currents in parallel, and are remote from other con¬ 
ductors. Rq = resistance of isolated conductor. As 
is well known, 


Ro/Rde = 


A (^^0 Vi/ - Up' Vo) 

2 ■ («.»'- + Vo'~) 


This quantity is tabulated in Scientific Paper No. 169 
of the Bureau of Standards, by E. B. Rosa and P. W. 
Grover, page 226. (Reference 18.) 

VII. Two Wires in Return Circuit 

All Bessel functions have argument h j \/j 


Resis. loss in cable at zero freq. 
« =00 


“ 2 IFT 

• © 


y vy ^ 


4 TT a-co 


n =1 

Middle Conductor 

Resis. loss in sheath 
Resis. loss in cable at zero freq. 

« = 00 




= 77" 2 ~ ~(r< 

W=1 




+ 


Example. 2,000,000 c.m. single-conductor cables, 60 
cycle. 

c = 2.97 cm., t = 0.030cm., s = 10.7 cm. 
c/s = 0.278 O' = 2100at75 deg. cent. 

42 =0.1005 

_Resis. loss in sheath 

Resis. loss in cable at zero freq. 

= 2.8 per cent for single-phase circuit. 
= 2.1 per cent for three-phase circuit, 
flat spacing, outside conductor 

= 8.4 per cent for three-phase 
circuit, flat spacing, middle conductor. 

VI. • Finite Wire and Infinitesimal Wire 
All Bessel functions have argument b j \/j 


jWj 

= -1 +_L 

V2 ^ V2 

/I 

= 1 

A,, 

_ vj 


2Ji 

Ai 

--a/s 

d 0 

A 2 

- - aVs2 

d 1 

« « • • 

An 

- - aVs" 

d n— 1 


n 9^0 


*00 




a»+fc /n k - 1 jk 


'+1 


ft=i 
k =00 


=yvy^ 


4 TT ct) 


Uo -\-j Vo = ber 6 -f- y bei 6 = Jo (b j s/j) 
duo 




AT, 

N. 

etc. 


= 2- 


Bk 


/n-X /k Jn-i 

+ A; - 1 Jk 


1+1 


*=i 


g«+A: /n-l/k Jn-l 


— Aj -f- Bi “h Cl -|- 
*= Aft -{- Bn + (7n -f- 


Uo' 


d b 

Un +3 Vn = Jn (b j y/j) 
dUn 


= ber' b 


R'/Ro = 1 -|- 


«=(» 


2 |Ao|* (tto Vo' — Uo' Vo) 

H =1 

|V«|* (Un Vn' - Un' Vn) 


Un' 


db 


Ro/Rde — -y lAo|® (tto — Wo' Oo) 


etc. 
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These formulas apply very closely to cables as well as 
wires. 

VIII. #—# Two Wires in Parallel 

Let Aq, Ai, Bi . . . An, Bn, Cn etc. have the same 
values as for two wires in return circuit. 

Ml = Ai — Bi -4- Cl — Di -f" . . . 

Mz = Ai — Bz Cz— Dz + . . . 


^Bk + Gk cos^ ^cos + j sin ^ 


etc. 

Mn — An + Bn + C» + • • • 
■Vft = Fn Gn Hn + . . . 


R^/Ro = 1 -|- 


Mn = An — Bn + Cn *— Dn + . . . 


«=oo 

- - 

, Vn' — Un' Va') 


2 Ao Ao (Uq Vo' - Uq' Vo) 


MnMn 


+ 1^.N. + (Jl?. N. 


n 


n^(Xi 


R'/Ro = 1 + 


n T 


2 jAol^ (uo Vo' — Uo' Vo) 

M-l 

lAfnl^ (UnVn'- Un'Vn) 

Example, s/a = 4, 6 = 10 
R'/Ro = 1.101 for two wires in parallel. 

= 1.114 for finite wire and infinitesimal wire. 

= 1.129 for two wires in return circuit. 

The third value agrees with that given by J. R. Carson, 
Reference 14, Fig. 7. 


+ Mn Nn) cos -g- I (Un Vn' “ Un' Vn) 

iCo is the conjugate of Ao, that is, the imaginary part 
of Aq is (— 1) times the imaginary part of Ao. Ex¬ 
ample. 500,000 c. m. three-conductor cable, 60 cycle, 
= 2.5, 6 = 1.4, R'/Ro = 1.055. 


X 
Ao = 


Three-phase Circuit, Flat Spacing 
bj vy 6 


2J, 2J, ( V2 

In the following, n 7 ^ 0 


+- 4 ) 


V2> 


IX 


Three-Phase Circuit, Triangular 
Spacing 


. . r 2 IT ... 2 X 

Aan = A&n I COS -g- + ^ Sm -g- 

+ 1/2“ ^ COS + y sin ^ J 


Lo — 


bj vy _ 6 / 

2Ji ” 2Ji V V2 


-1 

^ V 2 ) 


An = ^ cos + y sin ^ wp^O 


Fn = a’‘/s“ ■ ~ (^ ) 

A =09 


2 /lfl ~f- Ic — 1 

a««A”+‘ 

k^i 

( . k TT , ri \ / 2 7r,.. 2 TT 

Ak cos -g—1“ ( cos -g—I- J sm -g— 

G. =2 a”+‘/s”+‘ * /k 


) 


Abn — 
Aen ~ 
Adn = 

Ban = 


Jn^l ” 6/J„-iaVs”( ^2 V2) 

Abn ( cos + y sin ) 

Abn (1/2" + cos + y sin ^ 

/n k — 1 r 

^ Jk+i/Jn-i j^_ I -j^ [_ 


ft=i 


ft* +ft 

+ Ack cos A: tt) ft«+Vs«+* + A^ft ■ ( - 2 ' g) ^ +fe 


] 


ft=00 


^ Aft + F* cos ^ ^ cos -^ + y sin-^^ ) 

c. - 2 ®”''' ■* %-i Ik 

ft-i 


/n -h fc - 1 
/n —1 /k 


Bu = .'^Jk+i/J„.i Vi —A.ta“+V8*'+* 


ft=l 
ft “00 


jBen = 


ft=i 


+ft 


A; TT . \ . 2 TT . .. 2 TT 


^ Bk cos — : g -- + Gk ^ ^ cos —g— + y oiii g 


sm- 


) 


T, ^ T ,r /n + k -1 f ^ a«+* 

Bdn - ^ Jk+i/Jn-1 


(2 s)»+* 


^ “00 


jjj 

fl. - 2 

ft-i 


ft-i 


-1- (A6ftcos kw + Aoft) a” +*/«»» +* J 
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etc. are obtained from the same formulas as 
Bant Bbn, ctc., rcspectively, except that A is changed 
to B, and similarly for Dan, A«, etc., change B to C. 
This process can be continued indefinitely. 

Ouiside Condmtors. 

Let Ln = Aan + Ban. + Can + . . . 
i?V^o of outside wires = 1 


1 ^ 

2 |Ao|2 (tto »o' - W »o) 2 ~ 

n =1 

Middle Condmtor. 

— Ahn + Bbn H" Cbn + . . . 

= Aen + Ben Cen + . . . 

B'/Ro of middle conductor 


= 1 4- 


2 \Ao\^ (Uo Vo' — Uo'vo) 


« =«oo 


n *=1 


MnMn 


Ui = 4- (Uo' - Vo') 

=4" {Uo' 4" 

^/2 f . 2 Vo' 

2^2 =- ^ - {Ux - Vi) -Uo = - Uo 


‘\/2 f , . 2uo' 

®2 =-( 2*1 + Vi) - Vo - - -r - Vo 

Greneral 


+ fjnNn 4" (i^n Nn + M„ N,^ COS U TT [ (UnV'n — 

J 

Putting the B's and C's = 0 is equivalent to assuming 
two of the conductors to be infinitesimal. Formulas 
VIII, IX and X apply very closely to cables as well as 
wires. Example: 2,000,000-c.m. single-conductor 
cables, flat spacing 60 cycle. Neglect the lead sheaths, 
s/a = 5, 6 = 2.7 for 76 deg. cent., R'/Ro = 1.03 for 
each outside cable, and 1.18 for the middle cable. 
Each of these figures is multiplied by 1.22 = Ro/Rdo in 
order to obtain R '/Rao. 

XI. Bessel Function Reduction Formulas 

Special 

Uo = ber X 
Vo = beia; 


2t»+i = — 


»«+i = - 

Un' = - 

Vn' = 4- 


n \/2 


X 


(2*n Un — l 


n V2 

X 


(2tn + Vn ) - Vn-i 


1 / , V nu- 

(2*n-l 4“ 2>n-l) — 


X 


nvn 


*** / \ tv V 

-;^{ Un . i - Vn ~ i ) - 


n 9^0 

0 

W 5*^ 0 


Use these formulas with the table of Uo = ber x, Uo' 
= ber' X etc. in Reference 11. 

These formulas are also suitable for Bessel functions 
of the second kind by changing u to I and v to m. Thus 
ker X = lo and kei x = mo, etc. 


TABLE 1 


BESSEL PUNOTIONS, an +jvn ^Jn {xj u„' - -L 

dx 


X 

1 

2 

3 

4 

5 

6 

7 

8 

9 

10 

X 

Uo ■ ber a 
Vo •= bei X 
u«' — ber'a 
Vo' •» bel'a 
ux 

Vl 

111' 

Vl' 

lit 

Vs 

us' 

Vi' 

Us 

Vs 

Us' 

Vs' 

U* . 

VA 

ua' 

va' 

Its 

Vs 

Us' 

Vs' 

+ 0.984 382 
+ 0.249 see 
- 0.062 446 
+ 0.497 397 
- 0.395 868 
+ 0.307 567 
- 0.476 664 
+ 0.212 036 
+ 0.010 411 
- 0.124 676 
+ 0.041 623 
- 0.248 047 
+ 0.013 788 
+ 0.016 629 
+ 0.039 433 
+ 0.048 634 
- 0.002 60 
- 0.000 13 
- 0.010 40 
- 0.000 78 
+ 0.000 20 
- 0.000 18 
+ 0.000 96 
- 0.000 86 

+ 0.751 734 
+ 0.072 292 
- 0.493 067 
+ 0.917 014 
- 0.997 078 
+ 0.299 775 
- 0.720 632 
- 0.306 845 
+ 0.166 279 
- 0.479 226 
+ 0.327 788 
- 0.437 789 
+ 0.086 612 
+ 0.144 210 
+ 0.093 676 
+ 0.239 418 
- 0.040 97 
- 0.008 30 
- 0.080 56 
- 0.024 83 
+ 0.006 80 
- 0.004 84 
+ 0.017 84 
-OlOll 00 

- 0.221 38 
+ 1.937 59 
- 1.669 85 
+ 0.880 48 
- 1.732 64 
- 0.487 46 
- 0,636 99 
- 1.364 13 
+ 0.808 37 
- 0.891 02 
+ 1.030 93 
- 0.286 47 
+ 0.130 44 
+ 0..566 38 
+ 0.072 00 
+ 0.636 27 
- 0.193 27 
- 0.003 02 
- 0.234 32 
- 0.183 62 
+ 0.068 69 
- 0.026 64 
+ 0.104 78 
- 0.028 32 

- 2.663 42 
+ 2.292 69 
- 3.134 66 
- 0.491 14 
- 1.869 25 
- 2.663 82 
+ 0.658 74 
- 2.792 83 
+ 2.317 86 
- 0.726 86 
+ 1.975 73 
+ 0.863 82 
- 0.282 63 
+ 1.437 76 
- 0.914 09 
+ 1.073 66 
- 0.493 10 
- 0.499 86 
- 0.323 71 
- 0.716 65 
+ 0.273 08 
- 0.033 53 
+ 0.360 76 
+ 0,046 69 

- 6.230 08 
+ 0.116 03 
- 3.846 34 
- 4..364 14 
+ 0.359 78 
- 6.797 91 
+ 4.261 33 
- 3.327 SO 
+ 4.488 43 
+ 1.422 10 
+ 2.049 97 
+ 3.785 30 
- 2.094 36 
+ 2.464 41 
- 2.922 76 
+ 0.695 67 
- 0.628 67 
- 1.727 62 
+ 0.248 34 
- 1,834 36 
+ 0.861 04 
+ 0.211 43 
+ 0.816 11 
+ 0.565 64 

- 8.868 32 

- 7.334 76 

- 0.293 08 
- 10.846 22 
+ 7.462 20 

- 7.876 67 
+ 10.206 62 
+ 0.235 46 
+ 6.243 91 
+ 7.432 44 

- 1.464 66 
+ 8.368 74 

- 6.430 04 
+ 1.901 46 

- 6.747 81 

- 2.498 96 
+ 0.648 3 

- 4.230 2 
+ 2.770 0 

- 3.071 1 
+ 1.830 6 
+ i.476 6 
+ 1.007 4 
+ 2.220 0 

- 3.632 9 
- 21.230 4 

+ 12,764 6 

- 16.041 6 

+ 20.368 9 

- 2.317 2 
+ 14.677 6 
+ 12.780 7 

- 0.960 4 
+ 17.692 4 
- 12.493 0 
+ 11.016 1 
- 12.876 6 

- 4.407 2 

- 6.249 2 
- 11.222 9 
+ 6.083 6 

- 7.116 9 
+ 8.746 2 

- 1.921 9 
+ 2.209 0 
+ 6.242 3 

- 0.847 2 
+ 6v689 6 

+ 20.974 0 

- 36.016 7 

+ 38.311 3 

- 7.660 3 

+ 32.606 9 

+ 21.673 6 

+ 6.866 4 

+ 36.882 2 

- 22 '. 889 0 

+ 26.438 9 

- 32.689 1 

+ 1.300 6 
- 16.420 4 
- 22.676 0 
+ 3.979 6 
- 26,707 4 
+ 19.094 7 
- 5.288 8 
+ 17.319 5 
+ 7.703 6 

- 1.821 3 
+ 12.812 8 

- 8,623 9 
+ 9.233 7 

+ 73.936 7 

- 24.712 8 

+ 66.600 8 

+ 36.299 4 

+ 20.719 2 

+ 72,064 3 

- 37.108 0 

+ 61.749 0 

- 66.869 2 

+ 10.134 8 

- 50.963 2 

- 38.661 6 

+ 3.166 6 

- 64.638 7 

+ 38.354 6 

- 36.663 4 

+ 38.667 

+ 14.082 

+ 19.140 

+ 34,646 

- 18,619 

+ 21.384 

- 26;966 

+ 6,604 

+ 138.840 
+ 66.370 
+ 61.196 
+ 135.309 

- 69.478 
+ 131,879 
- 132.087 
+ 45.127 
- 111.779 

- 66.610 

- 28.840 
- 121.987 
+ 72.263 

- 81.423 
+ 104.463 

- 7,613 
+ 46.679 
+ 70.600 

- 12,148 
+ 80.466 

- 68.722 
+ 16.193 

- 63.427 

- 24.611 

Uo » ber x 
VO » bei X 
Uo' « ber' x 
vb' = bei' a: 

«i 

Vl 

Ul' 

Vl' 

Ui 

Vi 

Ui' 

Vi' 

us 

vs 

Us' 

vs’ 

UA 

VA 

ua' 

va' 

us 

vs 

us' 

vs' 
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Floating Neutral n-Phase Systems 
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Review of the Subject.—Although this paper treats of the 
general case of floating neutral polyphase systems, one of its prime 
objects is to find the very simplest method of solving three-phase 
unbalanced star circuits. The method presented beloio is considered 
much simpler than the one in which the star circuit is replaced by an 
equivalent delta circuit: also simpler than the method of replasing 
one unbalanced circuit by two balanced circuits, one being subjected 
to direct phase rotation and the other to opposUe phase rotation. 
Although these methods are fairly useful for the three-phase case, 
they become very unwieldy for a number of phases greater than 
three. Not only is this method more simple than any so far pro¬ 
posed, hut it is a direct method, based on a straight forward applica¬ 
tion of Kirchhoff's Laws. A final and very important advantage 
of the tneihod is that all the results are perfectly general, applying 


equally as well to a single-phase systein as to any polyphase star 
system. 
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Introduction 


W HEN an a-c. receiving circuit is operated without 
grounding o the neutral, the potential of the 
neutral in respect to the supply lines may take 
on a very wide range of values depending on the 
constants of the various branches or phases and on 
which way the source alternator may be rotating. 
Some use of this last fact has been made in determining 
what is called Direction of Phase Rotation. ‘ 

It is proposed in this paper to investigate such 
floating neutral systems, under the following sub¬ 
headings: 

I. Description of Types of Circuits. 

II. Notation. 

Ill, General Expression for Current in any 
branch of an w-phase system. 

IV. Voltage to neutral for any branch. 

V. Voltage between geometrical and true neutral. 
VI. Discussion of Effect of Phase Rotation and 
Tabulation of operators to assist in cal¬ 
culations. Sample Calculation. 

VII. Discussion of Resonance. Some Test Results. 
VIII. Bibliography. 



I. Description of Types of Circuits. Referring to 

1. W. V. Lyon, Determining Phase Rotation, See Bibliog¬ 
raphy No. 9. 

T. W. Varley, Determining Phase Rotation, See Bibliog¬ 
raphy No. 8. 

Presenied at the Annual Convention of the A. I. E. E., 
Swampscott, Mass., June 86-H9,19SS. 


Fig. 1, (j) stands for the number of branches or phases 
between lines and neutral, 0. 

For example, for (l> = 3, there are three branches to 
neutral. Between 0 and 1 is located one branch which 
may contain resistance, inductance and capacity in 
any desired combination. Similarly the branches 
02 and 03 may include any desired constants. In the 
general case there are (jj branches all tied together at 0. 

Fig. 2 shows the alternating-current sources corres¬ 
ponding to Fig. 1. In both Fig. 1 and Fig. 2 the 




0-2 


0=3 0=4 

Pia. 2 


0==6 


branches are numbered in clockwise sequence around 
the circle. 

II. Notation. The voltage from M to 1 will in 
all cases be taken as standard phase. 

As the large majority of voltages, currents, im¬ 
pedances and admittances in this paper are complex 
numbers, ordinary type will be used for them. Script 
letters will be used for ordinary numbers. 


Let 


a = cos 


2 TT 

<l> 


-H j sin 



for counter clockwise 
rotation.® 


2. Defined in Part (V). 

3. This definition takes the point of view of the vector 
diagram of the voltages. If the sequence in which 01,02,03, etc. 
receive the impulse of voltage is considered, then the terms coun¬ 
ter clockwise and clockwise must be interchanged. It is worth 
noting that the A. I. E. E. has no standard definition for Phase 
Rotation. 
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OL = COS — 7 - — j sin —^ for clockwise rotation® 
<p ■ <p 

where - number of phases or branches. 

El = E ofi = Voltage between M and 1. 

E 2 - E “ M and 2. 

Es — E “ M and 3. 

En == E “ M and n. 

where E = numerical value of impressed voltage to 
geometrical neutral.® 

Zi = Impedance between 0 and 1. 

Z 2 = “ “ 0and2. 

Zn= “ “0 and n. 

Yi = Admittance between 0 and 1. 

Y 2 = “ “ 0and2. 

Yn = “ “ 0and%. 

h = Complex quantity expression for current in 01. 

I2 = 

/« - 
Ear. — 


U 

a 


a. 

u 


a 

u 


“ 02. 
“ On. 


" voltage between 
true and geometrical neutral. 

IIL General Expression for Current in any Branch. 
Fig. 3 represents three receiver branches and three 
corresoonding source branches of the general case 



where it is assumed that there are any number of 
branches up to w in number. 

Appljdng Kirchboff's Laws to this general case. 

Il I 2 "h Iz • • • In — ^ 

— Ii Z\ “1“ El — El oi 12 Z 2 ~ 0 
— Ii Zi + El El a? Iz Zz =0 
etc. 

-liZi+Ei-Eia^-'^ + InZn = 0 

Solving the above equations, 

Ii (1 + Z1/Z2 Zi/Zz + . . . ZilZif) 


= B»( 
Ix~ 


1 — O' 1 — a® 

—^ + 


1 — a 


OL \ 

n * 


E 




1 — a 


+ 


1- a® 


+ - • 


1“ a"-! 
Zn 


) 


Zi (l/Zi + 1/Z, + 1/Z, . . . 1/Z.) 
In general then, for the pth current 


Ip 




gO/Z, + a<-lZi + . . . + g"-VZ. ~| 

1/Zi + 1/Z. + . . . + 1/2. ^ 




y.tt" + Ytg'. . . r.g'- 1 
ri + y,+ ...y„ 


The use of this formula is illustrated by the problem of 
Part VI. 

IV. General Expression for Voltage to Neutral for 
any Branch. Equations (1) and (2) give this quantity 
at once as 

IpZp = 


E 


[ 


Oi 


1 _ 


gf’/Zt + a^Z^ + . . . a"-VZ. •) 

1/2. + 1/2. + . . . 1/2. J 


I,Z, 


YioP + Y2 0 l'- . . . y„ a”~ 


Yi + Yz-h 




-](4) 


V. General Expression for Voltage between Geometri¬ 
cal Neutral and True Neutral: The geometrical neutral 
is defined as the center of the circle located by the poten¬ 
tials of the various lines. Thus in Fig. 1, if point 1 is 
taken as zero potential and if points 2, 3, 4, etc. are 
located on a circle a properly graduated scale will 
read the potential difference between any two lines. 

The true neutral is fixed by the intersection of the 
various JiZi, I 2 Z 2 , IzZz, etc. vectors and coincides 
mth the geometrical neutral only in the case of a 
balanced load. 

Since Ip Zp is the voltage between the pth line and the 
true neutral and since E is the voltage between the 
pth line and the geometrical neutral, their difference 
is the voltage between the true and geometrical neutral. 
Hence from (4), 

Eon = E 




TiQjP + • Yncg”-! I 

Yi + Yz-h . . .Yn J 


.E 


on 



y. gii + y. + . . ■ + y, 
y, + y. +. ■. y. 


= - (5) 

2 ^* 

1 

VI. Discussion of Effect of Phase Rotation and 
Tabulation of a-Operators to Assist in Calculations. 
Sample Calculations. With the purpose of giving some 
physical interpretation to the results above obtained, 
it is desirable to follow the wanderings of the true 
neutral in these floating neutral polyphase systems. 
The travels of this neutral are almost unlimited. It 
can take up any position from infinite distance from the 
geometrical neutral at resonance down to zero distance 
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from geometrical neutral for a balanced load. If the 
^temator supplying the system is stopped and brought 
up to speed in the opposite direction, then this Eon 
vector might in some particular case move from a 
10:30 o’clock vector to a 6:30 o’clock vector of less than 
half its original magnitude. The locus of this true 
neutral when constant voltage but varying frequency 
is maintained on a given circuit will in some cases be a 
circle, in others a cusp, in others an ellipse. It has been 
only in recent years that attention has been called to 
the fact that phase rotation has such a pronounced 
effect on this Eon vector.^ 

To illustrate and to aid in the use of the formulas, 
the following example is solved: 

Find the voltage between the true neutral and the 
geometrical neutral for a system where the line voltages 


7, = 57.7 X l.ofl 

1.0+ (1.0-jl.0)(-0.5-^0.866) 
+ (0.5 +yi.0) (- 0.5+70.866) 
1.0 + (1.0-/1.0) + (0.5+il.0) 

= 57.7 (1 + 0.5928 +y 0.1732) 

= 92.1 4-yiO.O = 92.6 amperes 
Is = 67.7 X (1.0-yi.O) [(- 0.5-y0.866) 

+ 0.5928 +y0.1732] = - 34.65-^45.3 
= 57.2 amperes 

Is = 57.7 X (0.5 +yi.0) [ (- 0.5 +y0.866) 
+ 0.5928 +j 0.1732] = - 57.35 + j35.3 
= 67.6 amperes 
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+O.S+J.8661 


809 +y.9611 
-0.6+J.866I 


0 +J1.0 
-.809+7.5878 
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- 1 +yo 
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are 100 and where the constants of the three branches 
are, Fx = 1.0; = l.O - y 1.0; Fg = 1/2+y l.O; 

(a) when phase rotation is clockwise and (b) when 
phase rotation is counter clockwise.® 

Using equation (5) and Table I: 

(CW) Eon = 

1.0 + (1.0 —y 1.0) (—0.5 —y 0.866) 

5Y (Q-5 +yi-0) (-- 0.5 +y0.866) 

1.0 + (i.o-yi.o) + ( 0 . 5 +y 1 . 0 ) 

(CCW) Eon = 

1.0 + (l.O-yi.O) (- 0.5 +y0.866) 

57 7 (0-5+yi.O) (-- 0.5-y0.866) 

1.0+ (1.0-y 1 . 0 ) + (0.5+y 1 . 0 ) 

^on = — 34.25 — y 10 CW.® 

Eon = 45.8 — y 10 ccw.^ 

To further illustrate the use of the method of this 
paper, the currents are calculated. 

The clockwise currents are, using equation (2). 

4. See Numbers 8, 9, 14 of BibHography. 

6. This problem is taken from page 377 of the 1917 Edition 
of .Mternatmg Currents and Alternating-Current Machinery 
by D. C. & J. P. Jackson. ■ „ ’ 

6. The solution given in D. C. & J. P. Jackson’s Textbook. 

7. This solution is not mentioned in the above te^book. 


The counter clockwise currents are, using equa¬ 
tion (2), 

/. = 57.7X1.0 [l 

1.0 + (1.0-;1.0) (- 0.5 +i0.866) 

■f (0-5+il.O) (-0.5-/0.866) | 

1.0 + ( 1 . 0 -/ 1 . 0 ) + ( 0.6 +/ 1 . 0 ) 

= 67.7 (1- 0.7928 -/0.1732) = 11.93-/10.0 
= 15.6 amperes 

U = 67.7 X (1.0-/1.0) [ (- 0.5 +/0.866) 

- .7928-/0.1732] = - 34.66 +/114.6 
= 118.5 amperes 

U = 57.7 X (0.6 +/1.0) [(- 0.6-/0.866) 

- 0.7928-/0.1732j = 22.7-/104.8 
= 107 amperes. 

A quicker way to solve problems of this type is to 
lay off to scale a triangle of the three line voltages and 
on this graph locate the true neutral from the calculated 
value of Eon. All phase voltages may then be scaled 
off as the distance from the true neutral to the comers 
of the triangle. A phase voltage times the phase 
admittance equals phase current. 

yjl. Ite an ?2(-phase circuit 

may be defined as the condition under which 

Xi + Fj + Fs + . . . Yn^ a (6) 
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With conditions approaching this, large currents will 
flow. 

For the single-phase case, <l> — 2, resonance occurs 
when Zi = — Zz. For the three-phase case, ^ = 3, 


it occurs when Zi 



For (j) = 4, it occurs 


when 


= 


' Zz Zs Z4 

Zz Z4 Z 4 Zz Zz Z 3 


As a resonant circuit will best illustrate the possibili¬ 
ties of a floating neutral system, the following test was 
carried out. A three-phase, star-connected circuit was 
prepared with the following constants: Number one 
branch an air-cored inductance of 0.1745 henry and 
4.6 ohms d-c. resistance, number two branch a capacity 
of 106.2 microfarads, and number three branch a 
capacity of 105.6 microfarads. In each branch an 
ammeter was placed. A voltmeter was arranged to 


^ ^ ^ ^ 

V +\ /+ \ 

/ Vaio 

/ A. \ 

' Alternator Going Counter Clockwise^ A Alternator Going Cleckwise j 
\ 60 Volts ^-/ ' ^^ / 

\ 

_ 

+ 825 


Fig. 4 


read the three-line voltages and the three-phase volt¬ 
ages. Line voltages were maintained equal by adjust¬ 
ing the currents taken by an auxiliary three-phase load 
from the same alternator. 
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Discussion 

G. W. Bates: At the bottom of page 1031, Prof. Doggett 
states: 

“Resonance in an 7^•phase circuit may be defined as the condi¬ 
tion under which the total admittance is equal to zero.” I think 
that is subject to correction, the correct statement being “Reso¬ 
nance in an n-phase circuit may be defined as the condition under 
which the reactive component of the total admittance (or the 
total susceptance) is equal to zero.” It is rather out of the 


Speeds were varied from 300 to 1400 rev. per min. 
and readings of currents and voltages were taken for 
each speed. The results were then reduced to a stand¬ 
ard line voltage of fifty, as represented by the tri¬ 
angle of Fig. 4. On Fig. 4 is plotted the true neutral 
as found by swinging from the appropriate comers 
arcs equal to the phase voltages. The neutrals so 
found are shown by crosses with the corresponding 
alternator speeds close by. By using formula (5) 
and the constants above the locus of the true neutral 
was found to be two circles somewhat larger than the 
two circles indicated by the test data. The explana¬ 
tion of this is that the resistance during the tests, 
i. e., with alternating current, was slightly greater than 
that given by a d-c. measurement. It is interesting to 
note that if the resistance could be reduced to zero the 
locus for both directions of alternator rotation would 
be a straight line upward from the top vertex of the 
triangle and downward from the center of the base of 
the triangle 


question to eliminate the power component and, besides, that 
does not affect the question of resonance. 

Just before that Prof. Doggett says: “A quicker way to solve 
problems of this type is to lay off to scale a triangle of the three 
line voltages,” etc. The vector diagram should not be used for 
direct calculation except in very special eases but it should be 
used to interpret the complex quantities as they are determined. 
Having calculated the complex expression for the distance be¬ 
tween the true neutral and the geometric neutral and conse¬ 
quently having located the true neutral on the vector diagram, 
it is a simple problem to determine the various voltages from the 
true neutral to the various phase terininals, by using the vector 
as a visual aid to the expression of the proper terms 
whose algebraic sum will give the voltage desired. For this 
purpose the diagram does not need to be drawn with particular 
accuracy and the final results are obtained with no loss of accuracy 
whatever. 

The graphical picture is a splendid thing and I think that this 
paper would be improved if the illustrative problem, which Prof. 
Doggett has on page 1031, were drawn out graphically, both to 
show to the man who is not familiar with all of the details what is 
going on and to serve as an aid to calculation. I think that Prof. 
Doggett is to be congratulated on having called attention to 
this method of locating the fioating neutral. This problem is 
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one which occurs very often and there are very few men outside 
of the teaching staffs of the colleges and a very few recent gradu¬ 
ates who can solve this problem (as well as some similar ones) 
without a great deal of trouble. 

V. Karapetoffi Formulas equivalent to Prof. Doggett’s 
final result (5) were deduced and published by me in 1900 in a 
little book entitled “Ueber Mehrphasige Stromsysteme bei 
Ungleichmaessiger Belastung” (Enke, Stuttgart), and I have 
given them to my students every year at Cornell. I am not 
raising any question of priority, but wish to indicate that a much 
more general result can be arrived at in a simpler manner tb«.n 
Prof. Doggett’s, and that his eq. (5) follows directly from the 
more general formula. 

Let a be the vector of the voltage between the two neutral 
points. Then the nei voltage acting upon the load in phase 
1 is — a, and the current in phase 1 is equal to Yi (Ei — a). 
Thus we have 

/i = Yx (E. -a)' 

1% — Yi (Ei — a) 

. ('ll 


/« = F« (En - a) ) 

Adding these equations together and remembering that S / = 0, 


we find 

2 YE = aS Y .:_(H) 

from which 

a.= (2YE)/2Y ...(HI) 


Eq. (Ill) is the fimdamental equation for any n-phase star- 
connected polyphase system, with unsymmetrical voltages and 
with an unbalanced load. Knowing a, the currents are found 
from eqs. (I). Doggett’s eq. (5) is a special ease of expression 
for a when the generator voltages are symmetrical. 

Eqs. (I) and (III) have been found of inestimable value in 
many problems, especially in the study of V and T connections, 
because these connections may be considered as special eases of 
stai’-connected windings with unsymmetrical voltages. 

L. A. Do^^ett: I quite agree with Mr. Bates’ eorrecjtidu. 
Professor Karapetoff has in a few brief steps arrived at a very 
comprehensive expression for the vector voltage between the two 
neutrals. Its very generality, however, conceals many rather 
remarkable particular deductions. The particular aspect which 
ii stressed in my paper is that of the effect of phase rotation on 
the location of the neutral. In reading Professor Karapetoff’s 
1900 monograph some seven years ago I failed to got any help 
on this question of phase rotation. It is etisy to see that, given 
this general expression (III above) and Professor Karapetoff on 
hand to amplify and explain, many practical deductions would 
follow. He has given us one such in the last paragraph of his 
discussion. 

In closing it appears to me that an old problem which has 
never satisfactorily been solved in the literature ordinarily 
available to the electrical engineer, has been resurrected. It is 
hoped that this paper and the accompanying discussion will 
make this pi’oblem of polyphase unbalanced circuits moderately 
easy of solution. 
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Review of the Subject.—The new specifications for incan- 
decent lamps determine their quality in terms of life to burnout at 
a specified mean efficiency. Formerly it was measured by the life 
to SO per cent, of initial value. The new tests, therefore, conform 
more nearly to the aetual practise in the use of tungsten filament 
lamps, as many of these lamps are above 80 per cent at time of 
burnout. 

The data on carbon lamps in the paper are based on a life exponent 
originally determined by Mr. Howell, one of the authors of this paper. 
Curves showing the relation between life, efficiency and candle power 
was given by him in a paper presented before the Institute on April 
10, 1888. Practicoll'n the same life-candle power relation has been 
found to apply to the GEM, tantalum and tungsten filameni lamps. 
Nowadays the exponent used is that applying to the life-efficiency 
relation and is different for each kind of filament as they have 
different candle power-efficiency relations. All data are based on 
commercial ratings and guarantees. 

The quality of tungsten filament lamps has greatly improved since 
their commercial introduction in 1907 as is shown by the fact that 
the 40 -iPalt vacuum lamp is now over eight times as good as then. 

There is a difference in the present relative quality of the 
various sizes of tungsten filameni lamps. The lO-watl vacuum 
lamp, if operated at 10 mean lumens per watt, would live 190 how'S 
and the 1000 watt gas-filled lamp SB,000 hours. The lives of other 
sizes of lamps at this efficiency is between these two extremes. 

There has been an enormous improvement since Edison's first 
commercial carbon lamp of 1880. It is estimated that if the present 
4.0-watt tungsten filament lamp were made for the same mean 
efficiency as the 1880 lamp, the tungsten filament lamp should have 


a life of over a hundred and fifty thousand years. And this does not 
include the enormous improvement in the larger sizes of lamps due 
to Dr. Langmuir's wivention of the gas-filled lamp. Owing to 
these enormous differences, the other term of quality measurement, 
indicating the mean efficiency for a given life, is therefore used to 
show the improvements since 1880. A table gives these data in 
chronological order. 

It is estimated that in 1880 about SO lumen-hours of light were 
obtained for one cent, covering the cost of current and lamp 
renewals. The amount now obtainable is very much greater, 
due to lamp improvements, reduction in their prices and reduction 
in rates for current. The public has utilized these by using more 
light. With the present 40-walt tungsten filament lamps and with 
current at the present approximate general average rate of 4^ cents 
kw-hr., 1700 lumen-hours can be had for one cent. It is impossible 
to show what part of this actual increase is due to lamp improvements 
except to indicate what would have been obtainable with one factor 
without the other. Thus had there been no rate reduction, 4SB lumen- 
hours would now be had due to actual lamp improvements. With¬ 
out the lamp improvements 190 lumen-hours would now be had due 
to the reduction in the general averaye rate. To indicate the gain 
due to Dr. Langmuir's invention of the gas-filled lamp, in which 
the high wattage sizes are the most efficient, 38S0 lumen-hours can 
be had with the 1000 wait lamp at 4}^ cents per kw-hr. 

About half a billion dollars were spent in the United States in 
1922 for current used for lighting. If the same amount of light 
were produced by the original 1880 bamboo carbon lamp, the cost 
would have been increased billion dollars requiring about fifty 
billion extra tons of coal, equal to about ten per cent of the total 
coal production in the United Stales. 


T he purpose of this paper is to show the im¬ 
provements have been made in incandescent 
electric lamps since they first became commercially 
available. 

Quality is the term used by incandescent lamp 
engineers in connection with the relative excellence of 
lamps. The two main factors which determine quality 
are efficiency and life. With a given quality these two 
factors bear a reciprocal relation to each other, that is, 
the life of a lamp can be increased but at a sacrifice of 
efficiency, and vice versa. 

Attention is called to the fact that Mr. Howell, one 
of the authors of this paper, presented before the Insti¬ 
tute on April 10,1888, a paper entitled *^The Maximum 
Efficiency of Incandescent Lamps’\ This paper gave, 
for the first time, data on the relation between the life 
and efficiency of incandescent lamps. Occasional 
reference to this paper will be made. 

An improvement in quality might be reflected as an 
increase in efficiency or in life, without a reduction of 
the other factor. Quality, therefore, may be measured 
either in terms of efficiency for a given life, or in terms 
of hours life for a given efficiency. In the 1888 paper 
the latte r term was used, the quality of lamps being 

Presented at the Annual Convention of the A. I. E. E., 
Swdmpscott, Mass., June 26-^29,1928^ 


stated as “The life they will give when burned at a 
given efficiency.” 

The quality measure is useful to lamp engineers in 
determining the usefulness of suggested improvements 
in lamps, in comparing the performance of different 
types of lamps and in maintaining the product up to 
the highest possible standard. 

Standard Specifications for Determining Lamp 

Quality 

The Bureau of Standards at Washington, D. C., have 
for some time established specifications on lamps for 
use by the various departments of the United States 
Government. These specifications were established by 
them after conference with manufacturers and engineers. 
The present specifications are different from those in 
use up to about two years ago. 

The difference between the present and previous 
specifications can perhaps best be explained by quoting 
t^e introductory statement of Circular 13 of the Bureau 
of Standards: 

“The most notable of these changes is the abandon¬ 
ment of the long-established provision that the life of 
test lamps shall be considered as ended when the candle 
power has fallen to 80 per cent of the initial value. The 
specification of such an end point is convenient and 
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reasonable in the testing of carbon lamps, because those 
lamps will often bum for a long period after they have 
become so blackened that they should not be continued 
in use. In tungsten lamps, however, means have been 
found to prevent, excessive blackening of the bulbs, so 
that the lamps normally burn out before their eflBcieney 
has fallen enough to justify replacing them. The new 
tests will, therefore, be based on the total life to the time 
of burnout, thus conforming more nearly to actual 
practise in the use of lamps.” 

*‘The performance of the lamp throughout its life will 
also be taken into account through — the evaluation 
of life-test results on the basis of average efficiency 
throughout life, instead of the initial efficiency.” 

It will be noted that the inherent quality of lamps is now 
measured by the number of hours life to burnout at a 
given average efficiency throughout life. Lamps may 
be operated on test at an efficiency that will make the 
duration of the test about 500 hours. For purposes of 
comparison of different lots of each size of lamp and for 
a permanent historical basis of record, mean efficiencies 
are given in the specifications for each lamp, which 
efficiencies were originally based on an average life of 
600 hours. 

Basis op Data 

In Mr. Howell’s 1888 paper, a curve was shown indi¬ 
cating the relation between the life and efficiency of 
carbon lamps, which at that time had untreated fila¬ 
ments. This curve was based on the author’s calcula¬ 
tions, obtained from the tests of many lamps during a 
period of over five years, that the life of lamps varied 
inversely as the 3.65 power of the candle power. This 
life-candle power exponent however was not given in 
the paper. In the intervening years, even with the 
tests of many more lamps, this exponent has remained 
unchanged. It has even been found that the same 
life-candle power exponent applies to the treated carbon, 
the Gem (metallized carbon) and practically to the 
tantalum and tungsten filament lamps. 

Nowadays it is customary to make calculations on 
the basis of the life efficiency exponent. This exponent 
varies with the different lamps as the candle power- 
efficiency curve is different for each kind of filament. 
The life-efficiency exponents used in the calculations of 
the data ^ven herein are as follows: 

5.5 for the untreated carbon filament lamp 

5.8 for the treated carbon filament lamp 

5.8 for the Gem (metallized carbon) lamp 

6.2 for the tantalum lamp 

6.7 for the tungsten filament lamp 

The exponent for tungsten filament lamps has been 
considered to be different for the different sizes of lamps, 
but it is now believed by many that the figure 6.7 
applies to all sizes, so this figure is used herein. 


Improvement in Quality op Tungsten Filament 

Lamps 

Limitation of space prevents giving data showing the 
improvement in all the different sizes of tungsten fila¬ 
ment lamps from their commercial introduction to 
date. The most important of the vacuum lamps is the 
40-watt, 115-volt size. The suggested standard com¬ 
parison efficiency given in the specifications for this 
lamp is 9.9 mean lumens per watt. The actual life 
obtained at this mean efficiency, based on the commer¬ 
cial ratings in effect at various times from the introduc¬ 
tion of this size of lamp in 1907 to date, is as follows: 


TABLE I. 

QUALITY OP 40-WATT 116-VOLT VACUUM TUNGSTEN FILA¬ 
MENT LAMP, 1907-1923 


. Date 

Initial 

efficiency 

Hours 
life to 
burnout 

i 

Spheri¬ 
cal reduc¬ 
tion factor 

Mean Effi¬ 
ciency in 
percent of 
Initial 

Inherent 

Quality 

Hours life 
to burnout 
at 9.9 mean 
L-P-W 

Nov. 1907 

1.25 ■w-p-h-c-p 

800 

78% 

85% 

63 

Apr. 1910 

*1.23 do 

1000 

78% 

85% 

78 

Oct. 1912 

1.17 do 

1000 

78% 

86% 

120 

Jan. 1914 

1.10 do 

1000 

78% 

87% 

196 

Oct. 1914 

1.03 do 

1000 

78% 

88% 

327 

May 1917 

1.35 w-p-s-c-p 

1000 

— 

87% 

261 

July 1917 

1.33 do 

1000 

— 

88% 

312 

Aug. 1918 

1.36 do 

1000 

—- 

87% 

250 

Apr. 1920 

1.35 do 

1000 

— 

87% 

261 

May 1921 

9.9 1-p-w 

1000 

— 

89% 

458 

Oct. 1921 

10.1 do 

1000 

— 

90% 

564 

May 1922 

10.1 do 

1000 


89% 

524 

May 1923 

10.1 do 

1000 

— 

89% 

524 


"■Tlie International candle in use since April 1010 is 1.6 per cent less than 
the standard used prior to that date. 


It will be seen that a great improvement in the quality 
of this lamp has been made since its introduction 
sixteen years ago; in fact the quality then was but 12 
per cent of what it is now. Due to war conditions there 
were slumps, but the lamp is now about twice as good 
as it was in 1914. These data, derived from commercial 
ratings, show average figures—^there are of course 
occasional fluctuations. 

Difference in Relative Quality Between Various 
Skes op Tungsten Filament IjAmps 

A difference in relative quality between the various 
sizes of lamps is indicated by the difference in their 
• rated initial efficiency. Table II shows the present 
difference in relative quality between the various 
standard sizes of 115-volt tungsten filament lamps as 
determined from their commercial ratings. 

It is impractical to chart the relative quality given 
in the above table in terms of hours life at a given 
efficiency. , A chart, Fig. 1, has therefore been pre¬ 
pared showing the present relative quality in terms of 
the mean efficienoies (given iii Table II) of the various 
lamps for 500 hours life* 
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TABLE II. 

DIPPERENOE IN RELATIVE QUALITY BETWEEN VARIOUS 
SIZES OP 116-VOLT TUNGSTEN FILAMENT LAMPS 

Relative 

Quality 

Commercial Mean L-P-W —- 

Rating for 500 Hours life at 10 

Lamp initial L-P-W hours life mean L-P-W 


Lamp 

Commercial 
Rating 
initial L-P-W 

Mean L-P-W 
for 500 
hours life 

lO^watt Vacuum 

16 'watt Vacuum 

25 watt Vacuum 

40 watt Vacumn 

60 watt Vacuum 

60 watt Vacuum 

75 watt Gas-filled 

8.2 

8.7 

9.5 

10.1 

10.2 

10.2 

11.8 

8.73 

9.16 

9.56 

9.98 

9.84 

9.61 

11.9 

100 watt Gas-filled 

12.9 

13.0 

150 watt Gas-filled 

14.3 

14.3 

200 watt Gas-filled 

15.3 

15.4 

300 watt Gas-filled 

16.6 

16.6 

600 watt Gas-filled 

18.1 

18.1 

750 watt Gas-filled 

19.1 

18.0 

1000 watt Gas-filled 

20.0 

18.8 


35.000 





pressing these figures in the present international candle 
power standard, their quality was such that it is com¬ 
puted that they would have given a mean efficiency of 
1.12 lumens per watt during 500 hours total life. In 
the latter part of 1881 lamps were made at a higher 
efficiency for use on lighting circuits having close voltage 
regulation. They were made “ten lamps per horse 
power’^ rated for 600 hours life to bum out. In the 


Erricieneies <nr 500 Hours k 
of Cartoon, (^nvltonlalum and S 
Vacuum TungenJTOament Lamps j 
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Fig. 1. Present Mean Epeicibncibs of Tungsten Filament 
Lamps for 500 Hours Life 

Improvement in the Most Generally Used Lamp, 

1880-1923 

The first comihercial incandescent lamp had a car¬ 
bonized paper filament, About the middle of the year 
1880, carbonized bamboo was used. The term “watts” 
had riot been adopted at that time, so the bamboo lamps 
were made for an efficiency of “eight lamps per horse 
power”* The lamps were designed to give 16 candle 
power in a horizontal direction when new and had a 
rated commercial life of 600 hours to bum out. Ex¬ 


Fig. 2. Improvement in Lamps, 1880-1923 

yeara following the quality was improved by the experi¬ 
ence gained in manufacture, the changes in the filament, 
etc. The most important improvements were in: 

1888 Asphalted bamboo — carbon filament 

1893 Treated bamboo — carbon filament 

1894 Treated cellulose — carbon filament 
1906 Metallized carbon filament (Gem lamp) 

1906 Tantalum filament 

1907 Tungsten filament 

1911 Drawn tungsten wire 

1912 “Getters” (chemicals used to improve the lumen 

maintenance) 

1913 Gas-filled tungsten filament lamp. 

The aggregate of these advances brought about by 
changes in type of filament and improvement in quality 
is staggering inamount. For example, the quality of the 
present 40-watt vacuum lamp is such that if it were made 
for the same mean efficiency as Edison’s bamboo carbon 
lamp of 1880, it is estimated that the tungsten filament 
lamp wotild have a life of over one hundred and fifty 
thousand years. And this does not take into con¬ 
sideration the enormous improvement in the larger 
sizes of tungsten filament lamps due to Dr. Langmuir’s 
brilliant invention of the gas-fiUed lamp. 

Owing to such enormous differences, the improve¬ 
ments are therefore indicated in terms of their mean 
efficiencies for 600 hours life. Table III gives the mean 
efficiencies of the most popular size of vacuum lamp 
in use from 1880 to date. These data in chart form are 
shown in Fig. 2. To indicate the improvement made 
possible by Dr. Langmuir’s invention, the present 
mean efficiencies of the 75 and 1000-watt gas-filled 
tungsten lamps are added at the bottom of Table III. 

Due to these various improvements, the rated initial 
effidencies were improved as will be. seen from the 
figures in the third column. 
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TABLE III. 

MEAN EPPIOIENCIES POR 500 HOURS LIPE OP CARBON, GEM, TANTALUM AND VACUUM TUNGSTEN PILAMENT LAMPS, 1880-102; 



1880 
Oct. 1881 
1888 
1803 
1894 
1000 
1004 

1905 

1906 
Nov. 1907 
Apr. 1910 

1911 
Oct. 1912 
Jail. 1914 
Oct. 1014 
July 1910 
May 1917 
July 1917 
Aug. 1918 
Apr. 1020 
May 1921 
Oct. 1921 
May 1922 
May 1923 


May 1923 


May 1923 _ I 1000 watt Tungsten (gas-fllled) I 20.0 1-p-w I I QOQ | 

*The International candle In use since April 1910 is 1.6 per cent less than the standard used prior to that date. 


Lamp 


16 c.p. carbon (bamboo) 
do do 

do (asphalted bamboo) 

do (treated bamboo) 
do (treated cellulose) 
do do 

do do 

50 watt GEM 
44 watt Tantalum 
40 watt Tungsten (pressed) 
do do 

do (drawn) 

do do 

do do 

do do 

do do 

do do 

do do 

do do 

do do 

do do 

do do 

do do 

do do 


75 watt Tungsten (gas-flUed) 11.8 1-p-w 


Rated Initial 
efBciency 

Rated Hours life 
to burnout 

Reduction 

factor 

Mean efBciency 
(% initial) 

8 per h. p. 

600 

77% 

65% 

10 per h, p. 

600 

77 

65 

3.1 wphcp 

600 

77 

70 

3.1 wphcp 

600 

77 

75 

3.1 -wplicp 

600 

82 K 

80 

3.1 wphcp 

600 

8214 

81 

3.1 wphcp 

600 

82 K 

82 

2.5 wphcp 

600 

82 

82 

2.0 wphcp 

700 

78 

85 

1.26 wphcp 

800 

78 

85 

*1 23 wphcp 

1000 

78 

85 

1.23 'vrphcp 

1000 

78 

85 

1.17 wphcp 

1000 

78 

86 

1.10 -wpbcp 

lOOO 

78 

87 

1.03 wphcp 

1000 

78 

88 

1.32 wpscp 

1000 

• • • • 

88 

1.35 wpscp 

1000 


87 

1.33 wpscp 

1000 


88 

1.36 wpscp 

1000 


87 

1.35 wpscp 

1000 


87 

9.0 1-p-w 

1000 


89 

10.1 1-p-w 

1000 


00 

10.1 l-i)-w 

1000 


SO 

10.1 1-p-w 

1000 

• • * • 

89 


Mean LPVV for 
500 lirs. life 



1 

8.06 

9.31 

9.31 

9.01 

9.24 

8.93 

9.01 

9.77 

10.10 

9.98 

9.98 


11.90 

18.80 


Value of Lamp Improvements 

The cost of current to the public is now very much 
less than in 1880. The public has increased the amount 
of light it has used with every reduction in rate for 
•current and every improvement in lamps. It is diffi¬ 
cult to determine the cost of current in the first few 
years, but it is assumed in the following calculations to 
have averaged 20c. per kw-hr., from 1880 to 1883,15c. 
from 1883 to 1888 and 13c. from 1888 to 1890. Data 
beginning with 1890 are available on the general average 
rate for which current was sold so these figures are used 
in the calculations. 

The 1880 lamp had a mean efladency of 1.09 lumens 
per watt during its rated life of 600 hours, consumed 
about 93 watts and had a list price of one dollar. At 
20c per kw-hr., about 60 lumen-hours could be obtained 
for one cent, covering the cost of current and lamp 
renewals. 

^ The present 40-watt tungsten filament lamp has a 
list price of 32 cents. If it wd*e of the same quality as 
the 1880 lamp it would have a mean efficiency of 1.01 
lumens per watt during its rated life of 1000 hours. At 
the present approximate general average rate of 4^c, 
per kw-hr. such a lamp would'produce 190 lumen-hours 
for one cent. 


1700 lumen-hours for one cent. It is impossible to 
state exactly what part of the increase is due to lamp 
improvements and what part is due to reduction in 
cost of current, except to indicate what would have 
been obtainable with one factor without the other. 

Table IV shows the number of lumen-hours obtained 



. 3. Lumbn-Houbs FOR One Cent at Approximate Gen¬ 
eral Average Rates for Current, 1880-1923 


If on the other hand with no reduction in rate for 
current, the present 40-watt lamp, which has a mean 
efficiency of 9 lumens per watt during its 1000 hours 
rated life, would at 20c. per kw-hr., produce 432 lumen- 
hours for one cent. 

With the combination of the reduction in rite and 
improvement in lamps, it is now possible at .the approxi¬ 
mate general average rate of 4 per kw-hr., to obtain 


from time to time for one cent with the most popular 
size of lamp used. It is based on the prevailing lamp 
quality and the prevaOing approximate general average 
rate for current. This is shown diagr^atically in 
flgw 3. At. the bottom of Table IV is given for com¬ 
parison, the number of lumen-hours now obtainable 
. with the 75 aiid 1000-watt gas-filled tmigsteh filament 
lamps. 
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TABLE IV. 

LUMEN-HOURS FOR ONE CENT, 1880-1923 



Rated 

Mean 
lumens 
per watt 

List 

Approxi¬ 

mate 

general 

average 

Lumen 
hours for 
one cent 
with pre¬ 
vailing 
quality 
and pre- 


Ufe 

during 

price 

rate 

vailing 


in 

rated 

of 

per 

rate per 

Date 

boure 

Ufe 

lamp 

kw-hr. 

kw-hr. 


10 C-P Carbon Lamp 


1880 

600 (a) 

1.09 

ill.00 

$0.20 

50 

Oct. 1881 

COO (b) 

1.37 

1.00 

0.20 

61 

1883 

600 (b) 

1.37 

0.75 

0.15 

83 

1888 

600 (b) 

2.23 

0.75 

0.13 

143 

1890 

600 (c) 

2.23 

0.75 

0.12 

155 

1893 

600 (c) 

2.38 

0.75 

0.11 

170 

1894 

600 (c) 

2.72 

0.75 

0.10 

220 

1895 

600 (c) 

2.72 

0.50 

O.OO^i 

246 

1890 

600 (c) 

2.72 

0.22 

0.09 

283 

1900 

600 (c) 

2.76 

0.20 

0.08K 

300 

1904 

600 (c) 

2.79 

0.20 

0.07 

364 


60 Watt Gl! 

!M Lamp 


1905 

600 

3.45 

0.25 

0.07 

440 

44 Watt Tantalum Ijamp 


1900 

700 

4.23 

0.75 

0.06 

501 

4< 

) Watt Vacuum Tung.ston Filan 

lent Lamp 

Nov. 1907 

800 

6.78 

1.50 

0.00 

635 

Oct. 1908 

800 

0.78 

1.10 

O.Ori'/i 

759 

Nov. 1908 

800 

6.78 

1.00 

0.05K 

786 

Sept. 1909 

800 

0.78 

0.90 

O.OSK 

815 

Jan. 1910 

800 

0.78 

0.80 

0.051^ 

870 

Apr. 1910 

1000 

6.78 

0.80 

o.OByi 

904 

Apr. 1911 

1000 

6.78 

0.70 

0.05 

967 

Mur. 1912 

1000 

0.78 

0.66 

0.06 

1020 

Oct. 1912 

1000 

7.20 

0.45 

0.05 

1176 

July 1913 

1000 

7.20 

0.36 

0.05 

1250 

Jan. 1914 

1000 

7.77 

0.35 

0.06 

1280 

Apr. 1914 

1000 

7.77 

0.30 

0.05 

1300 

Oct. 1914 

1000 

8..38 

0.30 

0.05 

1595 

Apr. 1916 

1000 

8.38 

0.27 

0.04T4 

1620 

May 1917 

1000 

8.10 

0.27 

0.0414 

1670 

July 191'7 

1000 

8.32 

0.27 

0.0414 

1610 

.Tan. 1018 

1000 

8.32 

0.30 

0.0414 

1690 

Aug. 1918 

1000 

8,04 

0.30 

0.0414 

1535 

Oct. 1918 

1000 

8.04 

0.35 

0.0414 

1516 

Apr. 1920 

1000 

8.10 

0.40 

0.0414 


May 1921 

1000 

8.80 

0.40 

0.0414 


Oct. 1921 

1000 

9,10 

0.40 

0.0414 

1650 

Apr. 1922 

1000 

9.10 

0.35 

0.0414 


May 1922 

1000 

9.00 

0.35 

0,0414 


May 1923 

1000 

9.00 

0.32 

0.0414 


76 

Watt Gas-Filled Tungsten Filament Lamp 

May 1923 

1000 

11,90 

0.66 

0.0414 

2270 

1000 Watt Gas-Filled Ti 

mgston File 

ment Lomi 

) 

May 1923 

1000 

18,80 

4.26 

0.0414 

3820 


(a) 93.26 Mrabts (b) 74.6 watts (c) 60 watts 


The amount of light now obtainable for one cent, 
with the 40-watt vacuum and the 75 and 1000-watt, 
gas-filled tungsten filament lamps at various rates for 
current, is given in Table V. As in Table IV, the cost 
of lamps is considered as their list price. Large con¬ 
sumers of current obtaining low rates are usually large 
purchasers of lamps and hence obtain them at less than 
list price. Under such circumstances the amoimt of 
light obtained for a given expenditure would be some¬ 


what greater than stated. For comparison, the amount 
which would have been produced by the 1880 lamp is 
also shown. These data are shown diagramatically in 
Fig. 4. 

As previously mentioned, it is impossible to exactly 
state what part of the increase is due to lamp improve¬ 
ment and what part is due to the rate reduction. The 
improvement in lamps is indicated by the fact that the 
rated mean efficiency of the present 40-watt vacuum 
tungsten filament lamp is 83^^ times, the 75-watt gas- 
filled is nearly eleven times and the 1000-watt is 1734 
times that of the 1880 lamp. The rate reduction de¬ 
pends, of course, on the rate used. 



Pio. 4. Lumen-Houbs Now Obtainable at Various Rates 

FOB Current 

TABLE V. 

LUMEN-HOURS FOR ONE CENT AT VARIOUS RATES FOR 

CURRENT 


Lumen-Hours for One Cent with 


Rate 

per 

kw-hr. 

1880 

carbon 

lamp 

40-watt 

vacuum 

tungsten 

filament 

(amp 

75-watt 

gas-filled 

tungsten 

fUament 

lamp 

1000-watt 

gas-filled 

tungsten 

filament 

lamp 

1 c. 

391 

5000 

6860 

13200 

2 

288 

3200 

4150 

7700 

3 

228 

2370 

3190 

6600 

4 

188 

1870 

2510 

4230 

6 

160 

1550 

2080 

3460 

6 

140 

1333 

1760 

2930 

7 

124 

1150 

1640 

2530 

8 

111 

1022 

1360 

2230 

9 

101 

918 

1220 

2000 

10 

92 

832 

1110 

1800 

12 

78 

703 

865 

1510 

14 

69 

608 

765 

1300 

16 . 

61 

536 

670 

1140 

18 

66 

480 

603 

1020 

20 

60 

432 

674 

905 


Effect of Lamp Improvements 

Improvements in lamps may be utilized either to 
get more light for the same money or to get the same 
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amount for less money. The American public has chosen 
to get more light and each advance in lamp quality has 
resulted in increased intensity of lighting everywhere. 

It is estimated that over half a billion dollars were 
paid in 1922 for electricity used in the United States 
for electric lighting. If the present day intensity of 
lighting were produced by using the bamboo carbon 
lamp of 1880, the cost of lighting in 1922 would have 


been increased three and one half billion dollars. 
This would have required about fifty-billion additional 
tons of coal, about ten per cent of the total coal pro¬ 
duction in the United States, to generate the amount 
of light actually used. 

Discussion 

For discussion of this paper see page 877. 


The Art of Sealing Base Metals Through Glass 

,BY WILLIAM G. HOUSKEEPER 

< Member, A. I. E. E.’ 

Research Laboratories of the Am. Tel. & Tel. Co. 
and the Western Electric Company 


Review of the Subject,—Methods are described by which base 
metals may be sealed to and through glass, even though the metal and 
glass have different coefficients of thermal expansion. The method 
consists in providing a large surface of contact between the glass and 
the metal, and in so proportioning the metal that the stresses resulting 
from the difference in coefficients of expansion are less than the 
ultimate strength of the joint between glass and metal. 


Four different types of seals are discussed: 

First, the flattened wire seal for small electrical conductors. 

Second, the ribbon seal for special purposes. 

Third, the disk seol for commercial manufacture of seals for 
carrying currents of the order of 100 amperes. 

Fourth, the tube seal in which metal and glass tubing are joined 
together. 


B oth incandescent lamps and thermionic tubes 
consist of certain electrical elements enclosed 
in glass containing vessels. These vessels are 
exhausted to extremely low pressures and are then 
sealed up so that the vacuum may be maintained. It 
is necessary for leads to be provided which will make 
electrical contact with the electrodes within the ex¬ 
hausted vessel and which will permit of energizing these 
electrodes by means external to the vessel. 

In the incandescent lamp, the electrode consists of a 
fine wire which is heated to a high temperature by pass¬ 
ing current through it. For many years platinum was 
used as that part of the electrical conductor, passing 
through the walls of the glass enclosing vessel, which 
carried current to and from the filament. There are 
two reasons why platinum was used. First, it does not 
oxidize while the glass is being applied; consequently, 
the glass comes in contact with a clean surface of plati¬ 
num and this was thought to be a desirable feature. 
Second, of the nietals readily available, ten years ago, 
platinum w^ the only one which had a coeflicient of 
expansion approximately the same as that of the lead 
glass in use at that time. Both lead glass and platinum 
haye a coefficient of expansion approximately 9X10“® 
per deg. cent. Otber metals, such as gold, silver, copper, 
iron, nickel, etc., have coefficients of expansion appre¬ 
ciably greater than that of glass. Consequently when 
attempts are made to cover round wires of these metals 
with glass, while good contact may be made with the 
glass hot, yet w^hen the glass and wire cool down to 
room temperature, the metal contracts further than the 
glass, and separates from the glass, living very RTua ll 
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openings between the wire and the glass, through which 
air readily enters the vacuum container. Conse¬ 
quently, it became axiomatic, in the incandescent lamp 
manufacturing industry, that the seal wire, as that por¬ 
tion of the conductor coming directly in contact with 
the glass was called, must have the same coefficient of 
expansion as that of the glass through which it passed. 
In consequence, we find that when the price of platinum 
increased enormously several years ago, platinum 
substitutes were offered for use, which had approxi¬ 
mately the same coefficient of expansion ^ the platinum 
which they replaced. 

Alloys of iron and nickel have the property of a vary¬ 
ing coefficient of expansion, depending upon the relative 
proportions of the two component parts. An alloy 
may be obtained having practically any coefficient 
of expansion from zero to 14X10“® per deg. cent. 
One of the earliest platinum substitutes consisted of a 
core of a nickel iron alloy sheathed with platinum. 
Another substitute at present in use in the lamp manu¬ 
facturing industry consists of an alloy core sheathed 
with copper and usually coated wdth dehydrated borax. 
In the substitution of either of these alloys for platinum, 
a larger diameter of the substitute wdre is usually re¬ 
quired. The alloy core is of considerably higher resist¬ 
ance than the platinurn which it replaces. The copper 
sheathed wire in this respect is better than the platinum 
sheathed wire in that the copper is of lower resistance 
than tile platinum. The high resistance is objection¬ 
able because, canying the normal current, the wire heats 
^d of course expands. If this expansion is sudden, that 
M, if ^the^ wire heats up before the surrounding glass, it 
is qmte likely to split the glass from its internal wedging 
action. Con^quently, it has been found advisable to 
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use only a short length of the platinum substitute and 
to weld copper wire to each end of the short length. 
The solid copper being a better heat conductor than the 
alloy wire itself, serves to take heat away from the wire 
and thus keep the resulting expansion at a minimum. 
Welding the copper wire to the substitute also serves 
to close up any small openings which may occur be¬ 
tween the copper sheath and the alloy core which 
otherwise would give rise to very small leaks, develop¬ 
ing after several days’ or weeks’ use. Thus we have 
the practically universal use of a round cylindrical wire 
which has approximately the same coefficient of 
expansion as that of glass, passing through the glass. 



Fig. 1 


Measurements made upon tungsten and molybdenum 
showed that they had coefficients of expansion approxi¬ 
mately 1/3 that of the ordinary lead glass. The well- 
known Pyrex glass has approximately the same coeffi¬ 
cient of expansion as that of tungsten. Thus satis¬ 
factory seals are made between tungsten and Pyrex 
glass through the intermediate use, however, of a 
second glass which seals satisfactorily to the tungsten 
and to which the Pyrex glass is, in turn, attached. 

In the telephone plant, thousands of tiny incandes¬ 
cent lamps are used for indicating the condition of 
Subscribers’ lines. These lamps are approximately 
34 in. in diameter (6 mm.) and in. long (434 cm.). 
Several years ago, experiments were made to determine 



Fig. 2 


upon a practicable substitute if any, for the platinum 
used in these lamps. Trial lots of lamps were made up 
n faiug various sizes of platinum and platinum substi¬ 
tutes at that time available. Exceedingly fine wires of 
copper and iron were tried, also copper wire covered 
with dehydrated borax was tried. As was expected, 
these showed slight leaks. No. 34 B & S gage copper 
wire was then prepared in a different way. Placed on an 
anvil, it was struck at right angles with the sharp edge 
of a hammer, thus flattening the wire locally to a 
section approximately 0.001 in. thick (0.025 mm.) 
and 0.030 in. wide (0.76 mm.). This'wire was covered 
with dehydrated borax and the fiattened portion placed 


within the glass. Tests showed that a seal made in 
this way was vacuum tight. An experimental machine 
was soon put together, using a cam-actuated hammer 
to flatten the wire, after which the wire was drawn by 
motor-driven rolls through a borax coating bath and 
then through a dehydrating oven. Repeated tests 
showed that wire thus made sealed with lead glass with¬ 
out leaks. Larger sizes of wire were tried. Fig. 1 
shows a 40-watt, 110-volt incandescent lamp made 
with the flattened copper. With the use of larger sizes 
of wire it became more and more difficult to flatten the 
wire by a single hammer blow. It was found that 
several successive blows were necessary. If the copper 
was not flattened sufficiently, separation occurred be¬ 
tween the copper and glass. This separation could be 
seen easily, since it gave rise to interference fringes be¬ 
tween the surface of the copper and the inner surface 
of the glass which had separated from the copper. 
Consequently, when it was foimd that wire, flattened 
to 0.002 in. (0.050 mm.) thick, 1/8 in. wide (3 mm.) 
made a tight seal with glass, it was reasoned that coppex 
foil having these same dimensions should also make a 
satisfactory seal. This was tried and found to be so. 
Sheet copper, 0.002 in. thick (0.050 mm.) and 1/8 in. 
wide (3 mm.) covered with borax, made a tight seal 
with lead glass. Ribbons of copper foil 0.002 in. thick 
(0.050 mm.) and 34 in. wide (6 mm.) were covered with 



Fiq. 3 


borax and found to be tight. This thin ribbon, how¬ 
ever, was mechanically weakened by oxidation outside 
of the seal. Consequently, ribbons were made from 
0.004 in. (0.1mm.) and 0.008 im (0.2 mm.) sheet copper, 
34 in. wide (6 mm.), the ribbon being flattened locally 
at the sealing-in point, the increased thickness outside 
the seal making the ribbon mechanically stronger. 
All of these seals were covered with dehydrated borax. 

The question arose as to the part played by the 
borax in the seal manufacture. Consequently, a seal 
was made with 0.002 in. (0.050 mm*.) copper ribbon 
without borax. It was found that such a seal was tight, 
although the ribbon outside of the seal was exceedingly 
weak, due to oxidation. 0.004 in. ribbon (0.1 mm.), 
34 in. wide (6 mm.) apparently sealed in satisfactorily, 
though showing a slight leak under test. Ribbon 
0.008 in. thick (0.2 mm.) by 34 in. wide (6 mm.) when 
sealed in showed visible leaks along the edges of the 
ribbon, but not at the center. Fig. 2 shows a cross- 
section, not to scale, of such a seal. As previously 
explained, the leak is shown by interference rings 
produced in the small space between the glass and metal 
which are separated. We found that by tapering off 
the two edges of the strip by filing to a Ibiif e edge, tight 
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seals could be obtained between glass and 0.008 in. 
(0.2 mm.) copper ribbon, that is, the cross-section of the 
ribbon instead of being a rectangle, was made a paral¬ 
lelogram having two rather acute angles. Tight seals, 
using larger and larger sizes of copper were rapidly 
made in succession, until a ribbon 0.015 in. thick (0.38 
mm.) and 1 in. VTide (25.4 mm.) was sealed through glass 
without the use of borax, and without leaking. As 
before, the edges of the ribbon were filed to a knife 
edge. Such a seal is shown in Fig. 3 and a cross-section 
in Fig. 4. 

The results of these preliminary experiments were 
so much at variance vsdth belief and previous experience 
as to be open to consideiable doubt as to the reliability 
of methods of test. Vacuum tight seals were, however, 
produced by different operators using material from 
different sources. As a result of these experiments and 
tests, a complete chemical and mathematical investi¬ 
gation was inaugurated as well as further experimental 
work either to prove or disprove the results of the initial 
experiments which have j ust been recorded. 

In order that the explanation of the action of this 
seal, known as the ribbon seal, may be clear, the 
various steps in the manufacture will be explained some¬ 
what in detail. A piece of 0.015 in. (0.37 mm.) sheet 
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copper is cut approximately 1 in. wide (25.4 mm.) by 
4 in. long (10.1 cm.). The edges of the sheet copper for 
a length of approximately 1 in. (25.4 mm.) at the center 
are filed away so that the angle at the edge is approxi¬ 
mately 8 deg. or 10 deg. A glass tube is provided, into 
the'end of which it is desired to seal the ribbon. The 
end is fiattened to provide an opening approximately 
1 1/8 in. (28 mm.) by 1/8 in. (3 mm.). The sheet 
copper is then heated in the glass working fires for 
seve^ seconds to a good red heat. It is then so placed 
within the end of the glass tube that the glass will come 
in contact with that section provided with the sharpened 
edges. The glass is pressed in contact with the ribbon 
and melW in place at as high a temperature as can be 
maintained without injury to the glass or the copper. 
It is then annealed and finally allowed to cool off. It 
will readily be seen that this operation is the exact 
pw^el to that employed in sealing in platinum or 
platinum substitute wires. 

In previous attempts to seal ba^e metals through 
glass, in practically every imtance round or nearly 
round wires were Used, that is, wires were used in which 
the perimeter of the cross-section was the Tni-niTmiTY^ 
possible for the area of cross-section. In the case of 
the copper ribbon seal, with a ribbon width of 1 in. 


(25.4 mm.) and thickness of 0.015 in. (0.37 mm.), the 
perimeter of the cross-section is very great compared 
to the perimeter of a circle of equal cross-section. In 
other words, for a given cross-section of metal, the 
ribbon affords a great deal more surface of contact be¬ 
tween metal and glass than if a cylindrical conductor 
were used. Due to this gi'eat surface of contact, the 
stresses produced between metal and glass due to the 
difference in coefficients of expansion never become 
large enough to fracture either the joint between metal 
and glass or the glass itself. 

In Fig. 4, A, B, C, D, is the cross-section of the 
copper ribbon, not to scale, and E, F, G, H is the en¬ 
closing glass. We find that the copper ribbon is actu¬ 
ally stretched in the direction AC. The cubical 
contraction of the copper is practically the same as that 
of an unrestrained piece. Consequently, copper con¬ 
tracts in thickness in the direction of the line J Khj 
that amount required by the cubical contraction of the 
copper. A few approximate figures may in this con¬ 
nection be interesting. 

Assuming 525 deg. cent, as that temperature at which 
the glass commences to stretch the copper, room tem¬ 
perature of 25 deg. cent, coefficient of expansion for 
copper of 17X10-“ per deg. cent., and coefficient of 
9.1x10“® for glass, then the strain in a 1 in. length of 
copper wnll be approximately (17.2-9.1) X10“® X 500 
= 0.00405 in. (0.1 mm.) Tests on soft copper show 
that this elongation corresponds approximately to a 
stress of 8700 pounds per square inch (612 kilograms 
per sq. cm.). The thickness of ribbon in the direction 
JKoi Fig. 4, being approximately 0.015 in. (0.37 mm.), 
the force necessary to stretch a 1 in. length of the seal 
will be approximately 131 lb. (59.4 kg.). This stress 
may be assumed to be carried as shear between the 
glass and the copper along planes A B and CD. AB 
and G D are both approximately 5/32 in. (4 mm.) so 
that the shearing stress per square inch necessary to 
stretch the copper the required amount is approximately 
840 pounds per square inch (59.1 kg. per sq. cm.). 
These figures are approximate only, since they neglect 
complications caused by the fact that the copper is in 
tension in three directions, in the directions A C and 
J K, and also in a direction at right angles to the cross- 
section of the figure. However, the figures indicate the 
order of magnitude of the stresses involved. 

The stretching of the copper has been directly 
measui*ed on a somewhat different type of seal, the 
disk seal, which will be described later. There can be 
no doubt that the glass is sucked in by the copper in 
the direction J K. Two parallel spots were lapped on 
the glass surrounding such a seal and the distance, 
J K, on Fig. 3, carefully measured with a micrometer. 
The copper was then dissolved in nitric acid, leaving 
only the surrounding glass shell. Subsequent measure¬ 
ments showed that the glass had sprung outwardly a 
measurable amqunt. 

Glass may be regarded as a more or less viscous 
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liquid. It has no definite melting point such as simple 
materials have. Upon heating it becomes more and 
more fiuid until at the temperature at which it is applied 
to copper, it has the consistency of rather thin molasses. 
Glass at this temperature wets the copper, just as at 
room temperature, water will wet glass. Apparently 
as the hot glass and copper cool off, the adhesion of the 
glass to the copper is stronger than the cohesion within 
the glass, since in every case of a seal properly made, 
fracture will occur, not between the glass and copper, 
but in the glass itself, a thin film of glass being left 
adhering to the copper. Consequently the shearing 
strength of the joint between the glass and copper may 
be taken as equal to the shearing strength of the glass 
itself. Now the adhesion of the glass to the copper is 
entirely independent of the thickness of the copper or 
the thickness of the glass. The stresses, however, 
which the joint may be called upon to resist, are directly 
dependent upon the thickness of the glass or the copper 
or both. It is not possible to seal a heavy block of 
copper to a heavy block of glass since the stresses 
which the joint will be called upon to resist will be 
greater than the strength of the glass near the joint. 
However, it is entirely possible to seal a very thin 
section of either substance directly to the other; for 
example, a circular microscope cover glass may be 
melted to and will adhere to a large block of copper and 
a disk of sheet copper of approximately the same dimen¬ 
sions may be melted to a large block of glass. In both 
of these eases the stress which the joint between glass 
and copper is called upon to resist is less than the 
strength of the joint. Consequently, again refemng 
to Fig. 4, we are led to the conclusion, which is amply 
sustained by experiment, that no matter what the 
metal, the angle BAD may always be made sufficiently 
acute so that the stress between the metal and glass is 
always less than the shearing strength of the joint; 
that is, it is entirely possible to seal any metal through 
glass, provided that the glass wets the metal when hot 
and further provided that the metal does not melt at 
the temperatm’e necessary for it to be wetted by the 
glass. Seals have been made between lead glass and 
base metals, such as, iron, brass, and silver. Copper is 
peculiarly satisfactory for this service, since soft copper 
passes its elastic limit at a comparatively low stress per 
square inch. Consequently, for a given width of ribbon, 
thicker copper may be used than if other metals are 
used. This is fortunate, because copper has good 
electrical and heat conductivity. 

Referring again to Fig. 4, attempts have been made 
to determine the most desirable cross-section of the 
copper ribbon. The various methods of considering 
the stresses indicate approximately the same most 
desirable cross-section. It has been previously stated 
that the copper ribbon is stretched in the direction 
A C. This occasions a compressional stress in the 
glass AFC and under compression this glass may be 
assumed a column, or, again, it has been stated that 


the glass F C is drawn towards the glass E D in the 
direction J by contraction of the copper ribbon in 
thickness. The glass AFC then may be considered as 
a beam rigidly supported at both ends and deflected 
downwards under the load applied by the copper. In 
this case the deflection of the beam at each point 
throughout its length would be proportional to the 
thickness of the copper ribbon at that point. Under 
such conditions bending stresses will occur in the glass 
beam opposite points A and B at which points there 
is a change in rate of deflection. Preliminary considera¬ 
tion thus indicates the desirability of avoiding all 
comera on the cross-section of the ribbon. 

Mr. T. C. Fry has made a very complete mathe¬ 
matical analysis of the stresses and strains occurring 
in a ribbon seal, in order to determine the best section 
of the copper, the “best section" being that having the 
maximum cross-section for a given width of ribbon. 
The curve indicated by Mr. Fry for cross-section of 
ribbon lies between the cosine curve of the glass con¬ 
sidered as a column in compression and the curve of 
deflection of a beam rigidly fixed at both ends sucli 
that maximum fiber stress is nowhere exceeded. Thus 
in Fig. 4, the surface A B should be curved and be 
approached by surface A D tangentially, and surface 
ABC should be a smooth curve without any sudden 
change in direction. The calculations, however, cannot 
be made with as great precision as might be desirable 
because of unknown factors in the calculation. We do 
not know the exact temperature at which solidification 
of the glass may be said to commence on cooling, nor 
do we know the elastic constants of glass and metals 
under various conditions of temperature and stress. 
Practically, if a ribbon seal fails, the angle at the edge 
is made sharper and a new seal made, rather than 
attempting to calculate the exact dimensions. 

In the introductory paragraphs an advantage for 
platinum was claimed in that it did not oxidize and thus 
permitted closer contact between glass and metal. In 
the description of the seal manufacture it was stated 
that the copper ribbon was heated red hot before 
covering with glass.. This heating of the copper ribbon 
of course oxidizes it and this oxide is not removed before 
being brought into contact with the glass. These two 
statements are at variance. As a matter of fact, 
perfectly good seals result when the copper has been 
oxidized as stated. If care is used to work in a reducing 
atmosphere and to use glass which does not reduce, 
as lead glass will, it is quite possible to make entirely 
satisfactory seals between glass and clean copper. 
Apparently, a reasonably thin coating of oxide does no 
harm, whatever, to the seal. When hot, this oxide is 
black, but as the seal cools off, the cupric oxide changes 
to cuprous oxide and it is this latter oxide which gives 
rise to the crimson color of the seal. 

Fig. 6 shows a microphotograph of a section of the 
seal between copper and glass. The copper may be 
recognized from its etched surface. The black line 
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immediately next to the copper is a thin layer of cuprous 
oxide approximately 0.0003 in. in thickness (0.007 mm.) 
Immediately next to the thin layer of o^de will be 
seen a section of glass. This photograph is given to 
show the exceedingly close adhesion of the glass to the 
copper. 

So far as we can find from consideration of the 
various factors entering the copper-lead glass seal, 
chemical reactions play a small and unimportant part. 
While certain reactions do occur, these are relatively 
slow and minute in comparison with the physical 
phenomena which make the seal possible. 

Several interesting features ot the ribbon seal are 
evident upon consideration. The copper ribbon with- 



Fiq. 5 


in the glass, it will be remembered, is in tension in every 
direction. Heating the copper will thus initially re¬ 
duce stres.ses because the copper will be expanded in the 
direction of the tension forces acting upon it. In other 
words, such a seal will not fail with sudden passage of 
current through the ribbon, because such heating as may 
occur in the ribbon actually lessens the stresses in the 
glass. A ribbon seal made from 0.008 in. sheet copper 
(0.4 mm.) and 7/16 in. wide (11 mm.) will continuously 
carry 40 amperes. It will, however, easily carry 
several hundred amperes for a short time. In fact it 
will cany enough current to make the ribbon visibly 
hot outside the seal. Again, various electrodes for 



Fiq. 6 


use in vacuum app^atus may ^ that 

portion of the ribbofi within the enclosing chamber. 
Su^ an application may be seen in Fig; 6, showing the 
anode for a mercury; rectifier tube made in one piece 
with the iron ribbon which passes through the glass 
member of the stem. Further applications may be 
^sfly imagined. 

In the discussion of the ribbon seal it was assumed 
th^ the copper in Fig. 4 was stretched in the direction 
A (7 by tile clamping effect of the glass upon the 
surfaces A B and Ci7. If this is the case, then it 
should be possible to construct a seal in which the glass 
comes only in contact with the cOpper ribbon at the 
edges of the ribbon and not along the c^ter, that is, a 


seal such as that shown in Fig. 7 should be possible of 
construction. Next consider that Fig. 7 is a cross- 
section, not of a ribbon, but of a circular disk, taken at 
right angles to the plane of the disk along the diameter 
of the disk. Since, according to our assumption, glass 
does not touch the copper near the center of the disk, it 



makes no difference what form the glass assumes where 
it is not in contact with the copper; that is, it should 
be possible to seal a circular diaphragm into a glass 
tube in the manner shown in Fig. 8. It will be re¬ 
membered that in the discussion of the ribbon seal, the 
edges of the ribbon were sharpened in order to prevent 



separation of the ribbon and glass. If the disk has 
square edges, then whatever separation occurs between 
glass and copper will do no damage provided separation 
does not extend to the inside of the tube. Further, 
since the separation in this case is not objectionable, 
we mi^t just as well leave off the glass from the edge 



of the disk and apply glass only to the two faces. 
This is ^own in Fig. 9. This then results in two pieces 
of glass tubing, one end of each being flared and the 
wp flares melted to opposite faces of a single copper 
cfek. As a matter of fact, such a seal is entirely pos¬ 
sible. The final step in the development of the disk 
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seal is shown in Fig. 10. A round copper wire is passed 
through a centrally located hole in the disk and is 
soldered to the disk. Tubing on one face of the disk, is 
almost entirely removed, leaving only a torus of glass 
in contact "with one face. Fig. 11 show's such a disk 
seal. This' type of seal has certain advantages over 
the ribbon seal. First, the electrical conductor is round 
and thus of a shape easily obtainable commercially. It 
is more rigid than a corresponding section of copper 
ribbon. The disk can easily be punched out on a 
punch press and requires no filing or machining. 

In this seal the stresses are more simple than in 



I i 

Fia, 10 


the ribbon seal. The copper disk is stretched radially 
in all directions upon cooling. The glass is subjected 
to compression only without bending stresses such as 
occur in the ribbon seal. The disk contracts in thick¬ 
ness by an amount suflBcient to compensate for the 
restricted radial contraction. 

Care must be taken to prevent glass on one side from 
running over the edge and making contact with glass 
on the opposite side of the disk, for if it should make 
contact, the seal will be broken, because the glass 
around the edge will not contract as far as the copper 
disk contracts in thickness. 



Fig. 11 


As in the ribbon seal, so also in this disk seal, the 
copper is under tension, though in two dimensions 
instead of in three. In consequence, when the disk is 
heated by passage of current through the central 
conductor, the copper when first expanded reduces the 
tension stresses so that the corresponding stress in the 
glass is actually lessened and passes through zero be¬ 
fore any possible destructive stresses are applied to the 
glass by the copper. For example, a certain disk 
seal, made with a disk 1 3/16 in. diameter (3 cm.) and 
No. 6 B & S gage copper wire, (0.162 in. diameter — 4.1 


mm.) normally carries a current of 90 amperes. Such 
a seal will carry any current which the copper wire is 
capable of conducting short of fusing the copper wire. 
Such a seal will carry 1200 amperes suddenly applied, 
though a current of 700 amperes will fuse the wire in 
air if applied for several minutes. As a matter of fact, 
the disk seal ■will remain tight even with the copper 
conductor operating at red heat. Thus this type of 
seal has the very desirable feature of withstanding 
heavy overload. It, of course, has the further desirable 
feature that it has the full conductivity of the given 
size of copper wire, there being no intermediate portion 
having a higher resistance. 

There seems to be no reason why disk seals of any 
desired conductivity cannot be made if it is found 
necessary to make them. 3/8 in. diameter (10 mm.) 
of copper conductor, is as large as we have so far found 
it necessary to try out. For exceedingly heavy cur¬ 
rents, still another type of seal is available, which will 
be referred to a little later. 

The thickness of the disk is determined by the 
subsequent use to which the seal is to be put. For 
example, it is quite possible to seal a disk 1 in. in diam¬ 
eter (25.4 mm.) and 3/32 in. in thickness (2.5 mm.) 
between two flared glass tubes. However, such a seal 
once cooled to room temperature will not withstand 
subsequent heating and cooling. The explanation 
seems to be that even though the copper is thoroughly 
annealed when red hot with application of glass yet the 
subsequent stretching of the copper as it cools off, 
hardens the copper to an appreciable degree, thus 
raising the elastic limit and thus increasing the stress 
which the copper passes through the joint to the glass. 
Thus in proportioning a seal which is to withstand a 
great number of repeated cycles of heating and cooling, 
it is necessary to decrease the thickness of the disk until 
the maximum stress which the copper can pass to the 
glass is less than the ultimate stren^ of the glass. In 
the case of the 1 in. diameter (25.4 mm.) disk, a con¬ 
venient thickness is 0.020 in. (0.5 mm.) or 0.030 in. 
(0.75 mm.). 

Glass may be sealed to opposite faces of a copper 
cent and if carefully annealed, the cent may be made a 
great circle of a glass sphere. 

Theoretical calculations of the relation between 
thickness and diameter of a disk indicate dimensions 
of the same order of magnitude as those found by 
experiment, although here again, as in the case of the 
ribbon seal, the elastic constants of the glass and copper 
are not definitely known, nor is the temperature at 
which the glass may be assumed to solidify a definite 
quantity. 

There are thus, three methods by which copper may 
be sealed through glass for use as electrical conductors; 
first, the borax-coated, flattened copper wire; second, 
the ribbon seal, and third', the disk seal. 

The function of the borax in the case of the flattened 
wire seems to be to provide material next to the copper. 
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which by its low melting point decreases the tempera¬ 
ture difference over which the copper is stretched upon 
cooling. For example, on a certain flattened seal wire 
with borax the thickness of the flat was 0.0015 in. 
(0.037 mm.) and without borax it was found necessary 
to decrease the thickness to 0.0009 in. (0.023 mm.). 
It is necessary only on the smaller seals where the copper 
should be as strong mechanically as possible. For 
ribbon seals and disk seals, borax is not used, the 
dimensions of the copper being suflSciently large to 
withstand ordinary handling. 



Fiq. 12 


^ With the success attending the development of the 
ribbon and disk seals, further experiments were made 
to determine the possibility of joining metal tubing to 
glass tubing. For example, a ^ in. diameter (13 mm.) 
copper tube was spun outwardly in a flange at one end 
and the resulting flange was sealed to glass tube in a 
manner similar to that employed in making disk seals. 
Th.e over-all diameter of such a seal, however, is of 
course considerably larger than the diameter of the 
copper tube. Consequently the experiment shown in 



Fio. 13 

Fig. 12 was tried and found to be practicable. In this 
case a copper tube is machined at one end to provide 
a thin wall of copper. Glass is melted to the outside 
and joined to a glass tube of suitable size. Here, again, 
the copper is under tension as the seal cools, yet the 
a^esion of the glass to the copper is sufiScient to stretch 
^ cools. Further experiments showed 
^at If the glass accidentaUy ran across the end of the 
rape, the pal failed at that point because the glass in 
this case impeded the contraction in thickness of the 


It has been found that there is a difference in the be¬ 
havior of internal and external seals made with the 
same dimensions of the copper tube. An internal seal 
will resist sudden heating much better than an external 
seal, while an external seal will resist sudden cooling 
much better than an internal seal. So far, there seems 
to be no limit to the size of copper tubing which can be 
joined to glass tubing. 

Fig. 15 shows a seal between a 3);^ in. diameter (9 
cm.) copper tube and a 5 in. (12.8 cm.) diameter gly>gfi 
tube. In this seal the copper tubing is materially 
reduced in thickness over that portion which comes 
in contact with the glass. 

As in the case of the other forms of seal, the tube seal 



Fjq. 15 


is not restricted to either copper or lead glass. Fig. 16 
shows a seal made between lead glass having a coeffi¬ 
cient of expansion of 9xlO-o, Pyrex glass with a co¬ 
efficient of expansion of 3xl0'«, and copper with a 
coefficient of expansion of ITXlO'®. In this case a 
copper tube is sealed to a Pyrex glass tube at one end 
and to a lead glass tube at the opposite end. 

If it should ever be necessary to seal exceedingly 
heavy copper conductors through glass, such, for exam¬ 
ple, as a copper shaft 2 in. or 3 in. in diameter, the easy 
way to accomplish this would be to select a copper tube 
sli^tly flared at one end, which would slide easily over 
tihe copper shaft. To the flared end of the copper tube 



Fig. 16 



Pig. 14 


S'" this difficulty, the expedient 

used on the nbbon seal was adopted and the edge ot the 
copp® tube machined to a knife edge. Then should 

any glass pass ov® the edge, faflure of the seal would 
not occur. 

edge at the open Sd. 
the gla® IS apphed outside of the copp® and in 
this form IS known as an extern^ seal. Pig 14 shows 

•pper tubmg. This is known as an internal s^^^^ 


the glass could be sealed and then after the seal was 

made, the copper tube could be brazed or welded to the 
copp^ shaft. 

In conclusion, there does not seem to be any limit to 
the size of the seals which can be made between metal 
and glass, so long as the parts are properly proportioned, 
ihe practical limit is reached in the laboratory, due to 
the weight of the parts to be handled and the necessity 
^ keeping the parts in the proper relative relation. 
rhis,however, IS purely a matter of design of mechanical 
means for so supporting the weights that they may be 

moved into proper relative positions. 

It has thus been shown ttat wh®e the parts are 
properly proportioned the difference in coeffidrats of 
^^on oTthe metal and the glass may be made of no 

effect upon the strength of the resulting seals. 
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Discussion 

THE QUALITY OF INCANDESCENT LAMPS 
(Howjsll and Schroedeb) and 

THE ART OF SEALING BASE METALS THROUGH 

GLASS 

(Hottskbepeb), Swampscott, Mass., June 29, 1923 

C. F. Scott: About fifteen years ago the tungsten lamp was 
evolving quite rapidly. Mr. Houskeeper and I were associated 
in those days in the Westinghouse Lamp Ptictqry, trying to help 
along the progi'ess of the lamp. 

A common method of making the tungsten lamp then before 
the days of the present long wire was the mixing of fine powdered 
tungsten with oai*bon and some kind of glue and then squirting 
it through a diamond die and talcing that soft thread catching 
it on a piece of paper which was moved back and forth, atid then 
cutting the pieces into almost habpin shaped filaments. These 
wore then packed in boxes and placed in a carbonizing furnace. 
They went through a cycle of several hours of carbonizing to 
bum out the mucilage and leave a compact combination of 
carbon and tungsten particles. 

These hairpins were then placed in some neutral gas, a mixture 
made of hydrogen and nitrogen, and the current was passed 
thro^igh the filaments, which burned out the carbon and sifted 
together the little tungsten particles forming a little tungsten 
hairpin, not very rigid, and a half dozen of these hairpins, more 
or less were a.ssemblod together in a lamp, each of these hairpins 
as an individual, individually raojisured, and so on. 

Mr. Houskeeper do^^sed a method by which that process, 
which usually took several days, i)assing through many hands, 
was reduced to a process of five minutes in which the squirted 
filament passing down through a few feet of tubing was carbon¬ 
ized by high temperature. Then a current passed through the 
filament and it came forth this continuous so-called wire of 
tungsten, which miglit be a thousand feet long with a uniformity 
which was otlierwiso, previously impossible. That led to a wire 
formed lamp, one filament wound continuously as they are 
wound now. I think Mr. Houskeeper’s name would have been 
widely known in connection with that process which would have 
been a very important thing if the rate of progress had been less 
rapid. The wired lamp of the General Electric came at about 
the same time and was commercially developed at the same 
time that this was being developed, so that this stage of the 
tungsten filament lamp was shortlived on account of the progress. 

Another important problem in this old incandescent lamp 
field has been the problem of getting the current from the out¬ 
side to the inside of the enclosed lamp or bulb. It seems to me 
that many of the research processes which Houskeeper used in 
that earlier work have characterized this next development. 
There is no phenomenally new discovery. He takes the metals, 
the common metals, not platinum or some other jjarticular 
thing, but the common metals and any kind of glass apparently, 
and by a little ijhysical study of the way of combining, and the 
form, and the strength, and coeificient of expansion, he forms a 
new combination which is remarkable. The ability to take the 
things that we are familiar with, and get some new and almost 
startling outcome is to me as remarkable or possibly more 
remarkable than discoveries in new fields. 

H. Lempt In .1885 while connected with the Schuyler 
Electric Light Company of Hartford, Coim. Mr. Merle J. 
Wightman and myself were engaged in developing what we 
called the “Series Incandescent Lamp” for are light circuits. 
The plan used before the advent of the series incandescent lamp 
was to use a number of the regular lOjO-volt lamps in multiple 
to absorb the current used in connection with arcs, and we then 
conceived the idea that it would be much better if a lamp could 
be made with a filament large enough to take the whole ten 
amperes of a commercial arc light circuit and be connected in 
series with are lamps, instead of in groups of lamps in multiple 
requiring complicated compensating devices. 

As all the early incandescent lamps were limited to something 
like a one-ampere current, to go from one ampere to ten amperes 


at that time required some research work as to the manner of 
passing these relatively big currents through the glass sealing, 
and if one cares to look at past records one will find an eai*ly 
patent to Mr. Wightman and myself for the use of a platinum 
ribbon in place of the platinum wire, then commercially used 
for leading in conductors for incandescent lamps. 

We thought that if we could make the conductor in such a 
form that its surface of contact with the glass would be very 
large in proportion to its thickness, any heat developed would 
be more easily absorbed by the glass without cracking and the 
relative expansion by heat of the metal and glass would be 
less, and so we started out to make these platinum ribbons to 
conduct the current through the seal for these series incandescent 
lamps. Many hundreds of these lamps were commercially 
exploited. 

When wo found that we were successful in that attempt we 
gi*ew bolder. We said “Now, if the platinum in the sheet form 
will cariy those heavier currents and not crack the glass seal, 
why not take some other metals, iron and copper,” and then 
we tried thin copper ribbons and sealed them in the manner 
shown by Mr. Houskeeper this morning, without however 
thinnii^ the edge, and we were very much astonished to see 
that the seals did not crack; they seemed all right, but after a 
while the air leaked in and destroyed the vacuum. 

Mr. Houskeeper has told me this morning why we failed and 
I want to pay my tribute to him for this lesson. 

I think that the method of sealing he has shown us today is a 
great step ahead in the art, particularly as it will enable us to 
manufiicture largm* electron tubes for the purpose of rectifying 
alternating currents of magnitude. 

C. H. Sharp: With reference to the paper of Messrs. 
Howell and Schroedor I wish to call attention to one statement 
'which I think should be added, and that is that 500-hour test 
criteria apply to, I believe, the Lamp Works and not necessarily 
to other lamp testing organizations which may use a different 
basic life value for determining the efficiency at which lamps 
are to be operated on life test. 

Mr. Howell has been connected with the manufacture of 
incandescent lamps longer than almost any other man in the 
world. He has a familiarity with the history of lamp manufac- 
tiure, with the romantic history of that art which few, if any, 
other men possess. It would be very desirable if we could have 
a record of Mr. Howell’s knowledge and recollection of the 
circumstances of the evolution of the lamp; of the troubles, of 
the successes wliich the incandescent lamp manufacturers have 
experienced in the course of all the years of the development 
of this art. 

A. L. Atherton: The very important work that Mr. 
Houskeeper has described opens up many possibilities. In 
tliinking over the possibilities, a question comes up which I 
would like to ask. Some applications for this type of seal will 
doubtless require materials other than copper on account of 
chemical limitations. In trying to bond other metals to glass 
there has been some experience with what seems like an electro¬ 
lytic action by which gas bubbles are evolved at the contacts. 
This is particularly true with metals like nickel which have other 
advantages over copper. I would like to ask Mr. Houskeeper 
if this sort of thing has been' encountered in the work which 
he has referred to with metals other than copper, and if some 
preventive methods have been devised. 

W. G. Houskeeper: In answer to the last question as 
to the sealing of other metals than copper into glass, if I under¬ 
stood the question correctly it was a question of the evolution 
of gas bubbles between the metal and the glass. That can be 
very satisfactorily taken care of by giving the metal a heating 
in vacuum before the glass is applied. If sheet nickel, for 
example, be maintained at approximately 800 deg. cent, for 
ten or twenty minutes in vacuum you can apply the glass to- 
the surface any time in several weeks without bubbles between 
the glass and the nickel. 
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Review of the Subject.—There is great need for a better 
understanding on the part of transmission engineers of the traveling 
waves on lines. The complete analysis of such waves is inherently 
complicated, but there are certain approximate relations by which 
the progress of waves on our ordinary systems may be readily 
studied. Before any theory is accepted for practical use, however, 
it is necessary to check it carefully by experiment. This paper 
gives quantitative checks of the principal aspects of the theory of the 
traveling waves due to suddenly applied continuous potentials, as 
originally given by Heaviside. 

It is shown that this theory based on fixed line constants predicts 
accurately the progress of waves as far as magnitudes, speed of 
propagation, and shape of wave except at the wave front are con¬ 
cerned. The effect of steepness of wave front is discussed with 
relation to its practical aspects. It is proposed to follow this paper 
shortly with similar results on alternating-current transients. 

Tests on artificial lines and on an aerial line in the field are com¬ 
pared with computed results. Working rules for considering the 
progress of transients are discussed, together with certain results 
that may be obtained by their use. An extension of approximate 
analysis is given in an appendix, which is sufficiently accurate for 
transmission lines of the present length, and which is sometimes 
easier to handle than the complete theory. 


Reflections at apparatus, and at line junctures, is discussed 
qualitatively. There are several cases in which extreme potentials 
may arise. The most common case is when a cable and aerial line 
are used in conjunction. Another case occurs upon the sudden 
interruption of heavy current. The superposition of transients in 
a polyphase circuit, as affected by the sequence of closing of the 
switch points appears also to involve the po.’^sibilily of difficulty. 

The paper is non-mathematical. It attempts to gather together 
existing theory in simple form, rather than to extend analysis. 
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T he purpose of this paper is to present briefly the 
results of an investigation on transmission line 
transients recently performed in the Department' 
of Electrical Engineering, Mass. Inst, of Tech., by 
Messrs. S. M. Jones, J. A. Scott, B. Van Ness, and 
D. C. Jackson, Jr., graduate students in the department. 
The object of the research was to check experimentally 
part of the theory of transients on transmission lines 
and cables, and to investigate qualitatively certain 
phenomena of reflection and wave form. 

Qualitative experimental work has often been carried 
on along these lines. Quantitative work is attended 
with considerable difficulty in manipulation. 

It is however, of great importance to our progress in 
the extension and operation of large systems that the 
theory of their electrical behavior be carefully checked 
in not only qualitative but also quantitative manner, 
in order that reliance upon the theory may be justified. 
The development of transient theory is particularly 
dependent upon the introduction of assumptions and 
approximations. The only final t^t of such theory is 
then a careful comparison vnth practise. 

It is not ordinarily possible, for many reasons, to 
carry on accurate transient measurements on the actual 
transnui^ion line. The use of artificial lines is hence 
iniperative. The theory as so far developed is an 
approximation when applied to either one or the other. 
It is necessary that it be shown to give correct results 
to engineering accuracy on both. 

The p resent research was made possible by the 
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development of a smooth artificial transmission line 
which is described in an accompanying paper by Prof. 
P. S. Dellenbaugh, Jr. Laboratory work was also 
supplemented by tests in the field on the Georgia-Ala- 
bama tie line, performed during the past summer by 
Prof. Dellenbaugh and Mr. Jones. This line was made 
available through the courtesy of the Georgia Ry. & 
Power Co. and the Alabama Power Co. 

In presenting the results, some of the simpler tran¬ 
sient theory is briefly reviewed. Certain generaliza¬ 
tions are also drawn which it is believed will be of service 
to transmission engineers. Mathematics has been 
avoided in this paper in the hope that it may the better 
serve those who hesitate to attempt the careful reading 
of a mathematical paper. Plenty of mathematical 
analysis will be found in the references. 

There have been several classifications of circuit 
transients, for example those of Steinmetz and Kennelly. 
For the present purpose it is convenient to divide them 
into two classes, which may be called traveling wave 
transients and machine transients. The first merges 
into the second. When a transmission network is, 
disturbed in any way, for example by a short circuit, 
events in the first instant ard determined by the prog¬ 
ress of traveling waves, which proceed over the circuit 
and are reflected and refracted at junctions and appa¬ 
ratus. This pmod is immediately followed by a second 
one during which the procjedure is determined largely 
by the electrical and mechanical characteristics of the 
mdiines connected to the network. The first tran¬ 
sient is caused by the readjustment of the energy stored 
m the lines, and the second by the readjustment of the 
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energy stored in the machines. The first is over in an 
interval usually so short that the second has hardly 
begun before it is over. Hence the two types may be 
considered separately without serious error. This 
investigation has to do only with the first type of tran¬ 
sient, characterized by propagation of traveling waves 
of voltage and current. 

All tests were made by suddenly applying or remov¬ 
ing steady or continuous potentials. The results 
however, apply to most cases of the application of alter¬ 
nating potentials, for ordinarily the initial waves of 
voltage and current have become much attenuated 
before great change has occurred in an applied potential 
of commercial frequency. Thus if the line is 30 miles 
(49 km.) long, waves have time to travel over the system 
10 times before an applied 60-cycle voltage has varied 
through one tenth cycle, and the most interesting effects 
are usually produced during the first one or two passages 
of the wave. The application of a polyphase voltage 
may be considered as the separate application of single¬ 
phase voltages, and the results added to obtain the total 
transient. It is, of course, necessary to include in the 
summary those waves which are induced in one wire by 
a wave in a parallel wire. This summation cannot be 
strictly carried out where the effects of iron, corona, etc. 
render the equations of the circuit nonlinear. Most of 
the polyphase transients of practise may, however, be 
qualitatively studied by means of the rules governing 
single-phase, continuous potential transients. 

The transients of practise are often rendered seriously 
complicated by the presence of arcs, of which the resist¬ 
ance is not a constant. Progress even along these lines 
can, however, be expedited by examining the laws of 
simple cases. 


Simple Waves and Reflections 

When a switch is closed, applying a potential E 
between a pair of wires of a transmission line or between 
one wire and ground, a wave of voltage of height E 
proceeds out along the line. Except for the effects of 
dissipation, due to resistance and leakance, this wave 
proceeds without attenuation or distortion, and at the 
speed of light, 3 X 10® km./sec. This means simply 
that the potential appears suddenly at points out on 
the line, the distance to which it has appeared at an 
instant t seconds after closing the switch being » 
where v is the velocity of light. Beyond this distance 
there is at this instant no effect whatever. This is 
called a rectangular wave, and may have a nearly 
perpendicular wave front. Such a wave is indicated as 
shown in Fig. 1. 

A voltage wave of this sort is always accompanied by 


a wave of current of height I 




where c arid Z 


back along the other wire or ground, and similarly 
appears suddenly at distant points on the line. 

On reaching the end of the line, these waves are 
reflected. If the end is open or short-circuited, reflec¬ 
tion is complete. Reflection may be either with or 
without change of sign. The natures of the voltage 
and current wave reflections are always opposite; that is, 
if the voltage is reflected with change of sign, the current 



Pig. 1 


will be reflected without change of sign, and vice versa. 

The progress of the voltage and current waves, over a 
simple line may thus be mapped out, neglecting the 
effects of losses. In Fig. 2 is shown the progress on a 
line open at the distant end when a voltage is applied 
suddenly at the near end. The successive pictures are 
drawn for fractions of a period T which is twice the time 



Pig. 2 


necessary for a trip of the wave down the line and back. 
The nature of the reflections may readily be determined 
from the fact that the current at the open end must 
always be zero. 

From such a diagram we may readily construct the 


are the capacity and inductance per unit length of the diagram s^wirig the time variation of voltage and 
line. The current is directed out along one wire, and currentfor a,ny point on the line. Thus Pig. 3 shows the 
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variations at the midpoint of the line for the above 
example. 

Strictly, when a switch is closed a spherical wave pro¬ 
ceeds off into space, spreading out as do the waves from 
a radio antenna. The diagrams above show the effect 
at one part only of the field, namely at the vdre. It is the 
effect at the wire in which we are usually interested. 
Such a diagram can, nevertheless, not tell the whole 
story of what happens, and it is well to bear this in 
mind. For example, the fact that the current on the 
wire at the wave front suddenly jumps to a value I does 
not at all mean that the magnetic field at a distance r 
from the wire suddenly jumps at the same instant 



For this to happen would mean the propagation 


of a plane wave in space instead of aspherical wave. At 
a long distance from the source the distinction disap¬ 
pears. When we speak of a wave on a wire, we usually 
mean the propagation of a plane wave in space and 
guided by the wire. 
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Wave Form 
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and a few others. A great deal has been written on the 
subject since the time of Maxwell and Hertz, but it is 
in general in such form as to be interpreted only with 
great difficulty for the cases in which the transmission 
engineer is interested.^ Unfortunately the expressions 
which result from the analysis of traveling waves are 
complicated. Apparently this cannot be helped, except 
by the possible introduction of graphical methods, for 
the phenomena themselves are inherently complicated. 

Experimental Checks on Theory 
In Fig. 4 is shown the current entering a smooth 






Fig. 4 


artificial line with the distant end short-circuited, and 
a steady voltage suddenly applied at the home end. 
The oscillogram includes a 1000-cycle timing wave for 
convenience in measurement. 

The artificial line used is one of those described by 
Dellenbaugh, and is shown in Fig. 5. It consists of 
126 coils, having the capacity uniformly distributed by 
means of tinfoil and paper inserted between layers of 
wire. It represents 990 miles (1612 km.) of two No. 00 
copper conductors, spaced 8 ft. 9 in. ,(267 cm.). This 
extreme length was used to better bring out in the oscil- 


Due to the effects of losses, a wave on a line will 
actually change shape as it progresses, and hence will 
not preserve the ideal rectangular form shovm in Fig. 1. 
Mathematical solutions have been made for the shape 
of the distorted wave under certain simplifying assump¬ 
tions. These assumptions are in brief that the line may 
be completely specified by four fixed constants >7 c 
the resistance, inductance, capacitance and leakance per 
unit length of the line. This assumption postulates 
two straight isolated parallel conductors of which these 
constants are strictly fixed. 

Under . these assumptions, analysis shows that the 
wave front will remain strictly perpendicular, although 
the shape of,the wave will depart from rectangular 
form. The voltage and current at any given point on 
the^ line wiU vary with complete suddenness on the 
amv^ Of waves. During the interval between wave 
advents the current or voltage at the point will vary 
s u^ly, due both to the attenuation of the wave, and 
its distortion in shape. 

Heaviside first attacked this problem in a compre¬ 
hensive manner. Some of the mathematical processes 
ne^ed were lacking in rigor, but they are rapidly being 
put upo n a firm foundation and extended by Carson^ 



Fig. 5 


lograms the wave forms of current and voltage. It will 
be noted, for example, in the oscillogram that, due to the 
very long length of line, the final steady current is less 
than the initial surge. 

The transients were computed principally from 
Heaviside's® and Carson's formulas, with Mr. Carson's 
much appreciated assistance in interpretation of diffi¬ 
cult points in connection with some of the later work. 


OonBuItlor eximipb H^PoinoMe, L’Bcliurage Eleoteique 
Traiumissioa ,S^ Tbans, Vol. XI* 1904, p. 120, • 

•» 0 . AJLX:vlIIi p. 345. 3 ^ Heaviside, Electromagnetio Theory, Vol. II, pp. 291, 378 
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In Fig. 6 is plotted the computed curve, by the full 
line for the above case. On this same diagram is 
plotted, dotted, a copy of the oscillogram of Fig. 4. 
The correspondence is seen to be excellent except 
immediately at the wave front. Reasons for the depar¬ 
ture of theory from the observed form at the wave front 
will be discussed below. Several other oscillograms for 
various terminal conditions were also computed, the 
agreement being in general satisfactory. 

These measurements may be considered a check upon 
theory as far as the amount and nature of reflections 



and the wave shape except at the wave front ai’e con¬ 
cerned. With this confirmation of analysis we ai-e 
justified in proceeding by the same methods to more 
complicated cases. We should, however, give partic¬ 
ular consideration to the departure from expected 
results at the wave front. 

Oscillograph Data 

Possible oscillograph errors were studied. 

We have, due to Kennelly, a treatment of the correc¬ 
tion factors for an oscillograph vibrator of measured 
constants, which may be applied for oscillograms taken 



Pia. 7 

of steady state phenomena. These will show the errors 
present at each frequency of harmonic. There is no 
similar method available by which corrections may be 
applied to oscillograms of transients except for perpen¬ 
dicular changes. The best that can be done in other 
cases is to estimate the probable deviations. 

The overshoot and lack of perpendicularity of the 
oscillogram were studied for cases where a voltage was 
applied directly from a battery, and known to be 
‘^rectangular”. This was done for various vibrators 
and damping fluids. A typical curve is shown in Fig. 7. 


This was taken at the same drum speed as used for the 
other oscillograms. The approximate amount of over¬ 
shoot when present could then be subtracted from a 
perpendicular rise in the curves to be analyzed. It will 
be noted that the vibrator follows even a perpendicular 
rise with very little deviation. This deviation in the 
case of a perpendicular rise of current can also be calcu- 



PlG. 8 


lated from the measured mechanical frequency 
and damping of the vibrator and shown to be 
small. The behavior of an oscillograph vibrator to [a 
suddenly applied steady force is, in fact, exactly 
analogous to the behavior of a series resonant circuit 
under suddenly applied constant e. m. f. Having 
measured by Kennelly's methods the vibrator constants, 



it is possible to predict accurately its behavior under 
such a sudden force. Its deflection plotted against 
time will give a damped sinusoid. The initial rate of 
deflection is given by the applied torque divided by the 
moment of inertia. The overshoot is given by the 
final deflection and the decrement. 

Since the ^ors in a perpendicular rise were small. 



Fig. 10 


it was assumed that oscillograph errors in other parts of 
the curves could be neglected. 

Shorter Lines 

Fig. 8 shows a curve taken with an artificial line 
330 miles (537 km.) long.. It is similar to the preceding 
except that reflections come at more frequent intervals, 
and the final steady current builds up to a higher value. 

The oscillogram of Fig. 9 gives the home end entering 
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current for a suddenly applied constant voltage when with theory as well as could be expected in view of the 
the distant end of the 990-mile (1612 km.) line is open, experimental difficulties involved; Fig. 15 shows a 
In this case the current reverses in sign, and flows computed curve superposed on the beginning of one of 
alternately into and out of the line, subsiding to a the enlarged oscillograms. 

steady value of zero current since the leakage is negligi- Several points of interest may be noted. One is the 
ble. Fig. 10 is for a line 330 miles (537 km.) long under shape of wave front, which here again appears rounded 
the same conditions. and masks the rectangular appearance given by simple 

theory. Another point is the slight indication of 



Fig. 11 


Fig. 14 


Finally in Fig. 11 is shown the current for an artificial 
line only 96 miles (156 km.) long with the distant end 
open. Here the reflections follow so rapidly that the 
curvature of wave front soon masks the theoretically 
sharp cornered form. 



Fig. 12 

Field Tests 

Oscillograms for comparison taken on the Gadsden- 
Lindale tie line are sho^;m in Figs. 12,13 and 14. The 
first was taken with the distant end grounded, and the 
others with it open. 

The. method of taking these curves was the same as 



Fig. 13 

that used on the artificial line. A low value of applied 
e. m. f. was used, and the oscillograph, connected directly 
m^ the line. The voltage w^ applied between two 
wires of the thre^phase power line. The line constants 

were determined from separate a-c. measurements. 

Computations again showed these curves to agree 


transients were here superposed. This is the only curve 
which shows enough detail to clearly bring out the 
effect, although it appears slightly in Fig. 14. This 
appearance is probably due to. induced transients in 
either the third wire or the ground wire loop. Similar 
curves have recently been produced on parallel artificial 
lines in the laboratory. The theory of such induced 
transients is being developed, and it predicts stepped 
waves of this form. It is hoped that this work will 
warrant later publication. 



Fig. 15 

In Fig. 14 the initial amplitudes are abnormally low. 
The experiment was repeated many times in the attempt 
to locate the cause of this departure from theory, and 
only one case was obtained in which the effect was 
absent, which is the curve of Fig. 13.. Various expedi¬ 
ents were tried, sfuch as using a storage battery instead 
of a gen^a-tof to supply the constant potential, apply¬ 
ing a large Capacity across the source of voltage and 
with its center point grounded, and so on. Curves of 
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applied voltage taken simultaneously indicate that the 
initial low value is not due to terminal apparatus, for 
the drop of applied voltage on closing the switch is very 
slight. Different pairs of line conductors were tried, 
but always with the same result. There was apparently 
some disturbing effect in the system usually present. 
It may be noted that the second wave being larger 
than the first represents net energy supplied from the 
line to the battery. 

The line on which these curves were taken consisted 
of three No. 3/0 conductors flat spaced 14 ft. (427 cm.). 
The part of the line used was 37 miles (60 km.) long. 
Located as shown in Fig. 16 were two overhead ground 
wires consisting of No. 3/0 stranded steel wire grounded 
at each tower. Towers were spaced about 600 ft. 
There were no transpositions. 



Line Constants 

Neither the artificial line nor the actual line of prac¬ 
tise corresponds exactly to the ideal line which is mathe¬ 
matically analyzed. This ideal line is considered to 
have four constants which are absolutely fixed, and 
which are the same at every point of the line.. Hence 
it is to be expected that there will be a departure of 
experimental results from those indicated by this basic 
theory. No case in which these simplifying assump¬ 
tions are not made has ever been completely analyzed 
mathematically. 

Our experimental results indicate, except for the 
peculiar initial departure noted above, that the actual 
progress of waves in practise follows that predicted 
by theory except at the wave front. Simple theory 
indicates wave fronts that diminish in height but 
remain strictly perpendicular. The wave fronts of 
practise are rounded off. 

The physical aerial line departs from the simple case 
assumed in analysis in the following particulars: 

1. Skin Effect. This is beto designated as the- 
imperfect penetration of current into the wire at the 
wave front. Due to this imperfect penetration the 
front of the wave meets a resistance greater than ^e 
continuous current resistance of the conductor. Tms 
effect undoubtedly changes the. wave front slightly. 

2. Ground Effect. This includes the effect of the 
ground, the ground wires, parallel lines, or other neigh¬ 


boring structures. In each of these there will be in¬ 
duced accompan 3 dng transients, due both to electro¬ 
static and electromagnetic induction. But little is now 
known of the extent of the modification introduced by 
these factors. The effect of a short-circuited ground 
wire loop is probably worth considerable study. The 
presence of the ground offers in practise the possibility 
of transients between wire and ground as well as be¬ 
tween wires. These can only occur if the terminal 
appamtus is grounded, or contains sufficient capacity 
to ground. The constants which apply for such a 
transient are doubtful on account of the imperfect 
conductivity of the ground. 

3. Radiation from the Line. This factor hasrecently 
received consMerable attention. A paper by Manne- 
back^ shows its effect on single waves to be negligible 
to engineering accuracy. 

4. Periodicity in the Line. This is due to several 
causes such as the sag of the line wires, the lumping of 
leakance and, to a small extent, capacity, at the towers, 
etc. This probably gives the line a slight filter effect 
and tends to remove high frequencies from the wave 
front. 

5. Corona. The height of voltage waves is probably 
greatly affected in practise by corona. This is of much 
importance practically, for the high-voltage line is 
thereby relieved of some of the grief due to traveling 
waves. The effect of corona on transients has not as 
yet been investigated. An experimental study of 
voltage and harmonic distribution on a line due to 
corona was recently made at the Institute, but has not 
yet been reported upon. This work was carried on by 
means of artificial corona leaks applied to an artificial 
transmission line in the steady state. These leaks were 
built of thermionic tubes or triodes so controlled as to 
p ass current in a manner similar to that passed, by 
corona on an aerial line. It is thought possible to 
throw some light on the effect of corona on transients 
by usi'^^g these leaks in a transient investigation. 

For transients on power cables there is an additional 
modifying factor: ^ 

6. Effect of Solid Dielectric. Thelossinthedielectnc 
appears as a leakance on the line. Assuming a constant 
phase angle of dielectric, the corresponding leakance is 
proportional to the frequency, and not a constant, 
This again tends to remove high frequencies from the 
wavefront. 

. The artificial line used in the tests is practically free 
from factors 1,2,3 and 6. It includes factor 4,periodic¬ 
ity, in a somewhat different manner from, and to a 
greater extent than the real line. The capacity and 
reastance of the artificial line are strictly distributed. 
Its inductance is to a certain extent lumped in section 
due to the mutual inductance between turns. This 
introduces a filter action, the amount of which is 
now bang studied. It also undoubtedly results in a 

4 Chas. Mannehack. Radiation from Transmission Lines. 
JoxTB. A. I. E. B., Feb. 1923. 
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iiigher speed of propagation of the extreme front of the duced by the incoming wave. By the first instant, in 
wave than would be found on the line being represented, this connection, is meant the time during which the 
Both effects influence principally the steepness of wave transformer transient is determined by its capacity be- 
front. tween coils and to ground, and before appreciable 

The artificial line also includes factor 6, and to about current has begun to flow in the windings. It is during 
the correct extent to simulate cable action. The this period that the maximum potentials ordinarily 
leakance of both real and artificial lines is negligible occur. It makes little difference in the effect produced 
except for the effect of loss in the dielectric. This whether the voltage thus suddenly applied grows to its 


again modifies wave front. 

It is hence not yet possible for the artificial line to 
yield complete information regarding the steepness of 
wave front to be found on physical lines. In other 
respects it gives reasonably accurate duplication, and 
its use will probably increase for the study of all kinds 
of transients upon networks which are too complicated 
for mathematical analysis. It is of importance to in¬ 
quire how important in practise is this matter of steep¬ 
ness of wave front, which cannot be either experimen¬ 
tally or theoretically determined at present. 

Wave Fronts and Overvoltages 

During the system transient characterized by travel¬ 
ing waves we are interested primarily in the abnormal 
voltages which may appear at various parts of the net¬ 
work, their duration and the number of times they are 
repeated. Later, during the second class of transient, 
when machine constants enter as a controlling factor, 
we are principally interested in abnormal currents, and 
in the mechanical stresses and the switch duty thereby 
imposed. During th^ first part of the disturbance 
following a switching operation, however, we are 
interested in waves of current only in so far as they 
may result in abnormal voltages. 

It is this first transient that we are here studying. 
It is OTdinarily over long before a relay or a switch can 
act. Mechanical stresses due to high currents which 
might appear in this brief interval are also of such short 
duration that they cannot produce mechanical break¬ 
down with the usual amount of inertia present. The 
only factor capable of causing damage during the brief 
interval of the first transient is an overvoltage. We are 
interested in traveling waves only in so far as they may 
result in high-voltage stresses, long maintained, or often 
repeated. 

Much has been written about steepness of wave front, 
and an exaggerated idea of its importance has as a 
result been popularly produced. We heed consider the 
steepness of a wave only as it affects the voltages, 
produced by the wave. Steepness of wave front even 
of a current wave can in itself produce no harm. 

The tra^former is the usual terminal apparatus on 
physical lines, This is a system with decidedly 
d^istributed constants, containing capacity both be¬ 
tween turns and to ^pund. The impact of an in¬ 
coming wave of voltage over a line upon a terminal 
transformer is m the first instant exactly equivalent 
to the sudden appHcation to the terminal or^tenhihals 
any other means of the same voltage as thatjpro- 


maximum value in one or one hundred microseconds. 
The worst case that can happen, for a given maximum 
voltage, is'to apply it directly and suddenly to the trans- 
fonner terminals without an intervening line. The 
effect of the line on the wave front can be only in one 
direction, namely to decrease slightly the suddenness of 
application. As far as voltage waves are concerned, 
therefore, we have nothing to fear on account of steep¬ 
ness even when the strictly perpendicular wave front 
impinges upon a terminal transformer. 

The presence of a long transmission line may indeed 
have an important influence in connection with the 
effect produced on terminal apparatus during switching, 
but this influence is usually entirely apart from any 
question of the steepness of wave front. When a con¬ 
tinuous voltage, E say, is suddenly applied directly 
from a generator to a pair of transformer terminals, the 
voltage across the terminals very rapidly arrives at the 
value E and stays there. Due to the inductance of the 
source and the distributed electrostatic capacity of the 
transformer, the terminal voltage will, in fact, rise 
instantaneously to nearly double, and then oscillate 
about its final value E. The duration of this oscilla¬ 
tion is fortunately exceedingly brief, as it is determined 
by the natural period of a circuit consisting substan¬ 
tially of the inductance of the leads in series with the 
disteibuted capacity of the transformer and of the 
source. Hence in switching a transformer onto a 
generator, we do not ordinarily have to consider, as far 
as insulation is concerned, that there is any overvoltage 
produced at all. It takes time as well as excess voltage 
to produce a breakdown. 

If now, however, a long transmission line be intro¬ 
duced between the source and the terminal transformer, 
a new condition must be considered. Upon closing the 
switch a wave of voltage of height E ru.ns down the 
line. Upon arriving slightly attentuated at the trans¬ 
former, this wave is reflected in the first instant nearly 
as though the end of the line were open, for at first the 
transformer inductance prevents it from drawing 
appreciable current. The voltage wave is thus re¬ 
flected and nearly doubled. This doubled voltage 
then persists across the transformer until the arrival 
of the next wave, or until the flow of current into the 
transformer drags it down. We thus have across the 
transformer terminals an overvoltage which can last 
for a considerable period, and hence may be capable of 
producing breakdown. The presence of the line, while 
it has been able to affect the amount of voltage pro¬ 
duced or the suddenness of its application only in a 
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favorable direction, has nevertheless introduced a 
longer duration of the overvoltage which may be serious. 

The distribution of potential in a transformer during 
the interval after the sudden application of a terminal 
voltage is determined by the distribution of capacity, 
much as is the case with a string of suspension insulators. 
End coils will hence receive more than a proportional 
share of the overvoltage. This is the reason for wider 
spacing on transformer end turns. When current 
begins to flow in the windings a redistribution of voltage 
occurs, as well as a decrease in the voltage at the termi¬ 
nals. This matter has been treated by Blume and 
Boyajian.® 

A wave does not progress into the transformer in any 
such manner as it progresses along the line, for the 
mutual inductance and capacity both between coils and 
to ground profoundly modify the action. 

Thus far in this section we have considered incoming 
waves of voltage only. It remains to discuss the effect 
of the accompanying incoming waves of current, for a 
voltage wave is always accompanied by a current wave 
approximately proportional to it. This matter can, 
however, be dismissed without a detailed separate 
investigation. 

The voltages produced throughout a piece of terminal 
apparatus by an incoming wave of voltage may be 
completely analyzed from a knowledge of the voltage 
only. Any failure to compute the voltage produced at 
any point will be due to lack of analytical ability, and 
not to deficiency of premises. The system is completely 
fixed once the constants of the apparatus and of the line, 
and the amount of voltage, are given. The wave of 
voltage is accompanied by a wave of current. Can 
this wave of current, penetrating the apparatus, pro¬ 
duce disastrous effects? Obviously it can produce 
only those voltages which have already been found 
from an analysis of the effect of the voltage wave. We 
are interested in overvoltages. Hence if we will com¬ 
pletely treat the effect of an incoming wave of voltage, 
we can forget about the accompanying wave of current, 
knowing that we have completely taken it into account. 

Itfollows, therefore, that the steep wavefront of current 
is entirely innocuous, in any case where the sudden 
application of the corresponding voltage does no harm. 
This may seem strange, for the impact of a perpendicular 
wave of current on a piece of highly inductive terminal 
apparatus looks dangerous offhand; but reflection^ will 
show that the danger is very likely to be entirely 

visionary. ^ ^ 

A perpendicular rise of current in a coil entirely devoid 
of distinbuted capacity would indeed result in an infinite 
voltage between turns. But such a condition can never 
exist, first, because we cannot build an inductance 
which is devoid of distributed capacity, and second, 
because even if we could, we could not cause an instan¬ 
taneous rise of current in the windings by any means 
whatever. It is well to remember that the current can 

5. Trans. A. I. E. E., Vol. XXXVIII, p. 677. 


never change with entire suddenness by any finite 
amount of change, however small, in any finite length 
of conductor, however short, or however connected. 

A perpendicular wave of current traveling down a 
line and meeting a terminal inductance with negligible 
distributed capacity will be entirely reflected in the 
first instant and not penetrate at all. The accompany¬ 
ing voltage wave will be completely reflected and 
doubled. After the production of this double voltage, 
the current will begin to flow in the coil, beginning at 
an initial rate of 2E/L amperes per second, where E is 
the height of the incoming voltage wave. As current 
flows, the terminal voltage will drop. 

When the capacity between turns of the coil is con¬ 
siderable, and the capacity to ground negligible, an 
incoming wave of voltage will at first be reflected with 
change of sign, and the terminal voltage will be instan¬ 
taneously zero. The current wave will be reflected 
and doubled. This is because the lumped capacity 
a(a*oss the line acts in the first instant like a short 
circuit. The period during which it thus acts is exceed¬ 
ingly brief, for it soon charges to a potential 2 E. Therer 
after reflection is as though it were not present, and the 
same effect is produced as in the preceding paragraph. 

When capacity to ground is also considerable, reflec¬ 
tion will be incomplete and of either sign, depending 
upon the relation of inductance and capacity. 

An incoming voltage wave may thus be reflected at 
terminal apparatus in such manner as to practically 
double. The accompanying current wave can produce 
no greater voltage than this doubled voltage, but it may 
produce it in unexpected places. If, for example, an 
air core choke coil is inserted in the line, with very little 
distributed capacity to ground, then the advent of a 
steep wave may throw nearly doubled voltage across 
the turns of the coil. The effect is nearly the same in 
the first instant as though the line at the far end of the 
coil were short-circuited. The effect of the incoming 
waves can be analyzed much more easily in nearly every 
case by considering the effect of the voltage wave only. 
The current wave which accompanies it can produce 
no other voltages than those determined by this 
analysis. 

It is not meant by this discussion to indicate that 
steepness of wave front can always be entirely ignored. 
Sometimes the lack of entire suddenness of voltage 
application is important. In most cases in practise, 
however, it may be considered to be only a modifying 
factor, the-influence of a line upon which is always in 
the advantageous direction and increasing with length 
of line. 

We may thus conclude that the principal factors to 
be considered in traveling waves are the magnitude and 
the duration of the voltage produced, and the portions 
of the app^tus which receive the overvoltage. In 
regard to these factors, experiment both upon the arti¬ 
ficial line and the physical line checks reasonably well 
with elementary theory. 
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Attenuation 

A wave of voltage arriving at the open end of a line 
is entirely reflected without change of sign, and hence 
completely doubles. The end of the line experiences 
momentarily a maximum voltage of twice the value of 
the incoming wave. This maximum voltage is altered 
after the first instant by attenuation and change of 
wave form. 

This is illustrated in Fig. 17, which is an oscillogram 
of voltage at the distant end of an open artificial line of 
length 330 miles (537 km.). The voltage here does not 
initially rise to twice its final steady value because of 



Pia. 17 


attenuation in this long length of line. This oscillo¬ 
gram, and others of the voltage on the line, were taken 
by means of the thermionic tube repeater attachment 
described by Dellenbaugh, in order to avoid disturbing 
the electrical condition of the line. For a shorter line 
the voltage would more nearly double. The atten¬ 
uation factor is 



For an aerial line g is usually negligible. In the case of 
the No. 00 conductor line spaced 8 ft. 9 in. which is 
represented by the artificial line here used, the ratio of 
r to I is 216, and hence the exponent a is 108. The time 



Pig. 18 


of propagation over330 miles (537 km.) is approximately 
0.00177 seconds. The duration of overvoltage at the 
receiving end is thus 0.0036 seconds. This may be 
checked by the timing wave on the oscillogram. The 


even on the ideal line with fixed uniform constants’ 
The decrease in height of wave front is given by the 
attenuation factor. In the appendix is derived an 
expression for this wave form which it is felt may have 
some utility on account of simplicity. 

For a short line the attenuation factor is small. 
Hence on a short line the voltage at the open receiving 
end will reach very nearly double the applied voltage. 
The high voltage will of course persist for a much 
shorter period than on the longer line, but it will be 
more frequently repeated. 

Reflection and Refraction at Junctions 
When a wave meets a junction between lines of 
different constants it is partially reflected and partially 
refracted into the second line. If we write 



Pig. 19 

and use subscripts for the two lines, the coefficients of 
reflection and refraction are 

T2 , T i- T2 
Ti + T2 Ti + 72 

The resistance of each line is assumed small, as Will 
always be the case in practise. One is the coefficient 
of reflection and the other the coefficient of refraction. 
The coefficient of reflection for the voltage wave is the 
coefficient of refraction for the current wave, and vice 
versa. The voltage is always increased on passing into 
a line of smaller 7 . These rules are sufficient to map 
out the progress of waves over junctions when attenua¬ 
tion and distortion are neglected. 


damping factor for one run over the line is 

. .; ^08< = g-0.l9I = 0^826 

In the, oscillogram Fig. 17 we find by measurement that 
the voltage at the end rises instantaneously to approxi¬ 
mately the value given by this attenuation factor, that 
is by 2 X 0.826 X ^ = 1.65 F, where F is the suddenly 
applied potential. 

It would appear offhand that it should rise to a value 
much less than this because of distortion.' A v^ve when 
running over a line assumes the shape shown in Fig. 18, 


When a power cable and aerial line are joined, the 
ratio of inductance to capacity is so widely different for 
the two parts that 7 for the aerial line may be neglected 
to a firat approximation compared to 7 for the cable. 
Reflection and refraction are thus practically complete 
at the jmiction during the first instant. Neglecting 
attenuation and distortion the progress of waves over 
such junctionsmay hence be readily mapped. In Fig. 
19 is shown the progress for an aerial line and cable in 
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series, a voltage being suddenly applied to the cable, 
and the distant end of the line being open. For short 
lines where attenuation and distortion are small, it 
will be seen that several times normal voltage may 
be produced in this manner. Very little current 
penetrates into the aerial line, although of course 
the ratio between voltage and current waves in each 
line is always 7 for that line. 

Reflections at Apparatus 
A wave impinging upon a lumped inductance devoid 
of distributed capacity will be in the first instant 
completely reflected. 



Fici. 20 


The effect of the distributed capacity in the coil is to 
make this reflection in the first instant incomplete, the 
reflection coefficient being roughly that given above for 
junctions between lines. 

When time has elapsed sufficient for the inductance 
to show appreciable current through ifs windings, it 
reflects less of the wave. Finally it may reflect with 
reversed sign if the line is long enough for this effect to 
have time to occur before the next wave arrives. 

In the oscillogram of Fig. 20, taken on a line with an 
inductance load, this effect is clearly shown. The curve 



Fig. 21 


is of current, at the home end. The initial surge of 
current is identical with that of Figs. 4 and 9, for imtii 
the arrival of the reflected wave back at the home end, 
the conditions at the distant end can exert no influence 
on the home end current. The first incoming reflected 
wave of Fig. 20 is comparable in the first instant with 
that of Fig. 9 where the distant end ,is open, but is 
somewhat less in height on account of distributed 
capacity in the terminal inductance. This wave, how¬ 
ever rapidly reverses as the inductance begins to draw 
current, and before the arrival of the second wave has 
become of opposite sign, and nearly the same , as the. 


corresponding part of the wave of Fig. 4, differing from 
it also on account of the resistance of the terminal 
inductance. The second incoming wave repeats this 
effect with opposite sign and attenuated by an addi¬ 
tional trip down the line and back. Fig. 21 shows the 
voltage produced across the inductance during this 
transient. 

Fig. 22 shows the corresponding behavior with a 
terminal condenser. Such a condenser acts in the first 
instant like a short circuit, so that the wave of current 
comes back without change of sign. This condition is 
reversed as the condenser accumulates a charge. 

The relation of inductance to capacity in the termi- 



Fiq. 22 


nal load may be such that no reflection at all occurs in 
the first instant. The same effect may be obtained by 
a terminal resistance equal to 1/7 of the line. This 
effect is shown in Fig. 23, which is an oscillogram of 
entering current imder this condition. There is a 
slight remaining indication of a reflection, due probably 
to a capacity in the resistance used, and only approxi¬ 
mate equality between the terminal resistance and 1 /T 
of the line. 

Opening op Circuit 

When a line is opened, by a switch or by a wire 
breaking, the current is suddenly decreased at that 



Fig. 23 


point from the previous value I to zero. A wave of 
current, a depression in this, case, then runs over the 
line and reduces the current to zero on the line as it 
goes. This wave of current is accompanied by a wave 
of voltage of height J/ 7 , which is superimposed upon 
the voltage previously existing on the line. The voltage 
appearing across the line just outside the break is hence 
in the first instant equal to E - 1/ 7 , and may be large 
or small) positive or negative, according to the value 
of the curreiit broken. . 

This is shown in Fig. 24 and Fig. 25. In the former. 
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taken on the full length of the line, and interrupting 
short-circuit current, the value of J/t is less than E 
so that the voltage at the break remains positive, but 
nearly zero. In the latter, using one-third the length 
of line, the current is three times as great so that the 
voltage rises to nearly twice E negative. The voltage 
of the curves is the voltage between lines just outside 
the switch. It was measured by the thermionic tube 
attachment, for otherwise the line conditions would 
have been much affected by the presence of the 
oscillograph. 



Pia. 24 


The voltage across the break is different. If the 
break occurs in the middle of the line, as by breaking 
a wire, the voltage that appears is 27 / 7 . If at the 
end, it may be instantaneously approximately E + 7/7, 
for the voltage applied by the source will nearly double 
for an instant due to its inductance. 

The voltage appearing at a break may be very large, 
and has nothing to do directly with the normal voltage 
of the circuit. Thus if the line tested above were made 
33 miles (64 km.) long, the voltage appearing on open¬ 
ing a short circuit would be about 9 times the voltage 
existing before the switch was opened. 



Fig. 25 


In ordinary alternating-current switching the oil 
^tch holds the arc for several cycles, and then snuffs 
put at the zero of current. This prevents such effects 
just described occurring in normal switching. When 
S wire breaks, the ease is different. 

The maximum voltage on breaking a circuit need not 
appe^ at the point of breaking. The voltage wave 
running over the line may be nearly doubled at an 
open end or a transformer winding. There may be 
open ends present even when heavy currents are broken, 
for the line may djvide into branches, one of which is 
open. Reflections and refractions at bifurcations may 


be computed by the usual reflection and refraction 
coefficients, using y for the parallel combination of the 
two lines into which the wave passes. 

A special case may occur when a line, terminating in 
a transformer at the distant end and carrying a heavy 
current, is suddenly interrupted at the near end. In 
this case the wave of voltage running over the line is 
reflected without change of sign at each end, and hence 
builds up continuously, and to a large extent, particularly 
if the line is short in length. Some of these cases have 
been discussed by Wagner. 

An oscillogram for this last condition is shown in 
Fig. 26. The voltage measured is that at the distant 
end of the line across the terminal inductance. The 
switch opened at the home end during the straight 
portion of the curve. The first wave of voltage arrived 
at the distant end and approximately doubled by re¬ 
flection, producing a voltage instantaneously of about 
five times the previous value due to resistance drop. 
The second wave which arrived was of the same sign 
and tended to continue to build up the voltage. The 
third and fourth waves may also be seen. In this case 



Fig. 26 


the line was very long, 990 miles, so that the drop in 
voltage due to the change of current in the terminal 
inductance, which occurred in the interval between 
wave arrivals, prevented the voltage from actually 
building up in value by reason of the successive reflec¬ 
tions. In fact the current change in the inductance 
actually caused the terminal voltage to reverse in sign. 
With a shorter line the reflections would have arrived 
at more frequent intervals and less attenuated, there 
would have been little opportunity for the inductance 
to alter its initial value of current, and the voltage 
would have built up to a high value. In practise such 
an effect would be likely to result in a circuit breakdown, 
and very probably at a point distant from the initial 
break. 

Effects in Polyphase Circuits 

The above discussion has been confined to single¬ 
phase circuits and with continuous applied potentials. 
The commercial polyphase circuit introduces two new 
factors for consideration. 

If the line is short, then the first transient is practi¬ 
cally over before the applied potential can have varied 
much at commercial frequencies. In this case con¬ 
tinuous potential analysis suffices to give an excellent 
idea of the transient. On the other hand if the line, 
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or combination of lines forming the system, was 750 
miles long, a trip down the system and back would 
occupy one half-cycle. Thus a wave started by a poten¬ 
tial of one sign would, on its return, become super¬ 
imposed upon a voltage of opposite sign. If long 
cables are involved, the speed of propagation is de¬ 
creased so that this effect is more likely to at least 
partially appear. If the dielectric constant of the 
cable paper is taken as 4, the speed of propagation will 
be approximately halved. 

Also in polyphase circuits several single-phase circuits 
are involved and may carry transients simultaneously. 
A wave in one circuit will, in general, be accompanied 
by an induced wave in a parallel circuit. The presence 
of ground provides other circuits in which transients may 
occur. The combined effect of these transients may, 
for the case of assumed fixed constants, be obtained by 
analyzing each one separately and combining the 
results. Interesting cases may easily arise. 

For example, take the case of closing a three-phase 
oil switch on a long line. The switch points do not 
close exactly simultaneously. When the first point 
closes, a transient follows between the wire thus excited 
and ground. When the second point closes this is 
followed by a second transient line to ground, and 
a transient between wires. The third point produces a 
transient wire to ground and two transients between 
lines. There are also induced transients. Suppose the 
points close in a particular sequence and at intervals 
corresponding to the reflection interval. The separate 
transients may easily superpose in such manner that 
voltages are produced much in excess of those produced 
by one transient alone. 

Little has been done on pol 3 q)hase transients of this 
type as yet. They offer an attractive field for investi¬ 
gation. It is quite possible that the occasional myste¬ 
rious breakdowns which occur in systems upon closing a 
particular switch may result from especially unfortunate 
combinations of primary transients, and that some of 
these effects might be considerably modified by a slight 
change in an oil switch. 


The power transmission circuit is in general of much less 
electrical length. It hence appears desirable to develop 
solutions which are approximate, but in which the 
degree of approjdmation is carried one step further than 
is usually the case. Such solutions will be sufficiently 
accurate for the transmission line of lengths now in 
service, and will be more easily employed than the 
complete solution. This note will outline how this can 
be done for one case of interest, namely the propagation 
of waves on a line open at the distant end when a 
steady voltage is suddenly applied at the home end. 

The differential equations are 


bi be 

b r ^ b t 
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( 1 ) 


when the line is assmned without leakance, as is 
warranted in the case of the aerial line. A solution of 
these equations for e is then 

e = ^(Asmn t B cos n t) (am cos mx — bm 


sin m x) 


where 


a = 


R 


( 2 ) 


2L 

and = LC (a^ + n^) (3) 

Determining the constants A, B, a and 6 of integration 
for the terminal conditions above outlined, we have 


4 B 1 

e sz E -e~“‘ Sfe o i . -i — sin m x (cos nk t 

T 2 « -t-1 ^ 

OL/nkBva.nkt) (4) 

where = t (2 A; -j- 1) /2 1, I is the length of line 

and K is given the values 0, 1, 2, 3 . . . At this 

point it is usual to introduce the approximation of 

assuming a/nk negligible in comparison to unity. With 

this assumption equation (4) may be written 

e = B —-Da 0 7 t 1 — sin m x cos m* t (5) 

TT 4 » -|- 1 

which can be altered into the form 


Appendix 

The analysis of waves on lines as found in the litera¬ 
ture usually makes certain simplifying assumptions in 
the mathematics, which amount to neglecting changes 
in wave form.® The result is a solution which is ex¬ 
pressed in terms of rectangular waives, and which hence 
gives no information, for example, concerning the 
maximum voltages produced on reflections. Carson's 
extension of Heaviside's analysis gives exa-ct solutions, 
which unfortunately involve laborious computations in 
order to attain numercial results. In communication 
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g _ E - - - e-“‘ Sfe oT ' r -i— sin (mfe x nkt) 

TT K 1 

— £-«« 2ft Q —sin (mk x - nk t) (6) 

and again neglecting a® in expression (3) we may write 
e = B - E/2 €-“‘ 4/t Sft 2A + 1" ' (» + »<) 

- E/2 €-«‘ 4/7r Sft 2 mu (x - vt) 

(7) 


circuits, which are electrically very long, it is usually This solution states that the voltage on the line after 
necessary to adhere to exact solutions, and Carson's closing, the switch is given by a constant value E less 
mechanical methods greatly reduce the labor involved, the sum of two waves, each of height E/2 and wave 


6. For example consult Wagner, Elektromagnetisohe Aus- 
gleichsvorgange in Freileitungen und Kabeln—Pub. 


length 4 2, of rectangular form, one of which moves to 
the left and the other to the right at the velocity of 
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light V. At the tune « == 0, the two waves coincide 
as shown in Pig. 27, and the voltage on the line is given 
as everywhere zero. At the end of an eighth period we 
have the conditions shown in Fig. 28, with a wave of 
voltage out to the distance v t. Further diagrams will 
show the course of reflections, etc. The diagram of 
Pig. 28 is drawn neglecting the factor €““‘. When this 



Fig. 27 


for neglecting (a/w*)* we have 
cos oi/nk = 1 

( 

sin a/nk = a/nk 

The expression (4) thus becomes 
4 £7 1 

e = E - — S* ~ 2 ^ -I- 1 ® ^ 

— a/rik) 



Fig. 30 


is included the rectangular waves will shrink in size 
as they proceed. A discrepancy will now be im¬ 
mediately noted. Redrawing the diagram for this 
instant and adding the waves we see that the solutions 
predicts a small voltage out on the line at distances 
beyond the front of the wave. This we know to be 
contrary to fact, and it is produced by the neglecting 
of a/nk in the derivation. In fact to the same approxi¬ 
mation we could have written unity in place of 



Fig. 28 


The solution also gives no correct information regarding 
the voltage produced at the first reflection at the end 
of the line, and we are interested in the correct value 
of this voltage. 

Let us therefore review the derivation arid retain the 
terms a/nk but neglect (a/uky compared to unity. 
For the line reviewed in the paper a/nk has a maximum 
value of about 0.2 for a length of 500 km., and {a/nky 



and transforming as before 

e =E — E/2 6-“'4/7r Sas mkix-^vt— 4>k) 

— E/2 4/ir 2/! 

-vt-^<\>k) (9) 

where Sk — —= —-— 

mknk mk^ v 



Fig. 31 


We have as before two waves which run in opposite 
directions over the line, attenuated by a factor €~“*, 
but they are no longer of rectangular shape. The 
shape of the component waves is constant, so we shall 
examine it at time t = 0. The wave of equation (9) 



Fig. 32 


may, by the use of (8), be written 


Fig. 29 

ding value of 0.04. The neglecting of th® 
1 is hence seen to be warranted in a typical 
ae neglecting of the first power is liable to 
jrror. 

ly hence continue to write (3) as 

mkv = nk 

The term of equation (4) 

.. (cos Wft i-j-sin m 0 
•^aybewntten 

cos (nkt -a/nk) 


— E/2 4/7r Sft 


1 

2 £ -f-1 


sin Mk X 


1 

+ E/2 4/TT 2* ^ mk 0A cos mu x (10) 

The first term gives the previous rectangular wave 
shown in Pig. 29. The second term is a correction 
term to be added to take account of distortion. It may 
be written 
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This is plotted in Fig. 30. It consists of a funda¬ 
mental term of wave length 4 I and height E , 

ir^v 

plus a 3d harmonic of 1/9 the amplitude, and so on. 
The combination of Fig. 29 and 30 gives the complete 
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Fig. 33 

wave shape shown in Fig. 31. Similarly the other 
wave of equation (9) is plotted in Fig. 32. The prog¬ 
ress of the voltage on the line may now be obtained 
by combining these component waves as before. 

The positions at i = 0 are shown in Fig. 33. The 
voltage on the line again adds up to zero everywhere 
as it should at this instant. Move the waves slightly 





nent waves for this instant. This gives for the instant 
just before reflection 

es' = E + E/2 €-“‘ - €-«* E —f ^ (1 + 1/9 

+ 1/25+...) (12j 
- £7/2 €-«« - E ■— f ^ (1 + 1/9 

TT" V 

+ 1/25 + . . .) 

But (1 + 1/32 + 1/52 + ...)= ^ 2/8 

% 

Fig. 36 



and hence (12) may be rewritten 

At the instant under consideration 

i = Z/» 


Also 


a t 


a I _ IT ct 
V ~ 2 Tia 


(13) 


and may be written to the same degree of approxi¬ 
mation as before 

= 1 — a i 

Inserting these in (13) we have 

gb' = £7[1- (l- aOU + aO] 
and thus to the same approximation 

63' =0 - 


Fig. 34 

in position as shown in Fig. 34, and we have the condi¬ 
tions one eighth-period after closing the switch. It will 
be noted that beyond the point to which the wave of 
voltage has progressed we now have very approximately 
zero voltage on the line. 

A quarter-period after switch closing we have the 
position of Fig. 35. Summing the waves we have the 



•?- ^-0 
Fig. 36 


resultant voltage as shown in Fig. 36. This is the 
instant that the voltage has just arrived at the distant 
end of the line. An instant later, reflection has 
occurred, and the combination of the waves gives Fig. 



Fig. 37 


which is physically evident for the instant before the 
wave arrives; 

Similarly an instant after reflection we have 
Ob" = E[l-h (1- OLty] 
or en" = 2E[1— at] 
and as before 
6b’' = 2E 

The voltage produced at the distant end on the first 
reflection is thus given by applying the attenuation 
factor and doubling the resultant voltage. The 
expresaon for the current is unaltered by this second 


37, and so on. approximation. 

The voltage produced at the distant end on the &st^ Other cases of interest may be treated by the same 
reflection is given by adding the values of the compp- method of approximation. 
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Discussion 

A. Boyajian: I believe one of the puzzling discrepancies, 
viz., the nature of the wave front, mentioned in this paper is 
capable of a comparatively simple physical explanation. 

Ibrofessor Bush states that theory shows the wave front ought 
to be perpendicular, regardless of the losses; that is, although 
the wave front will gradually diminish in amplitude due to losses, 
yet it should always remain perpendicular, but that contrary 
to theoretical considerations the oscillograms show a sloping and 
rounding of the wave fronts. 

Of the factors that are mentioned as affecting wave front, 
one is skin effect. Ih“ofessor Bush says that it is expected to 
influence the wave front slightly. I believe that sldn effect is 
one of the two dominant factors in influencing wave front, and 
that for this reason. To get a steep wave front, we need infinite 
frequency. Now, skin effect increases with frequency, and for 
infinite frequency skin effect is infinite; that is, the resistance 
of a conductor for an infinite frequency is infinite. Since the 
voltages of the harmonics constituting- the steep wave front are 
finite but the impedance of the line to them is practically infinite, 
therefore the infinite frequency which an absolutely steep wave 
front represents ■wall be wiped out instantly. It, therefore, is 
impossible to maintain a rectangfular wave front on a line of 
which the resistance increases with frequency, wiping out the 
higher harmonics faster then the lower harmonics and rounding 
out aU comers, as the oscillograms show. A very good illustoi- 
tion of this is afforded by water waves. By throwing a pebble 
into a pool we can create an infinitely complex jagged wave at 
the very point where the stone falls into the water. What do 
we expect to notice five or ten feet away? An almost pure sine 
wave, free from all the steepness and jaggedness of the original 
wave. Here also the higher harmonics which are responsible 
for the steepness and jaggedness of the original wave are wiped 
out very fast, and only the lower harmonics roach any consider¬ 
able distance, and the W'ave is then nicely rounded. 

The second dominant factor in rounding steep wave fronts is 
the dielectric loss. According to the theory of the so-called 
“distortionless circuit,” if the resistance and dielectric losses <jf 
a transmission line are equal, it transmits waves without dis¬ 
tortion even though "with a large degree of attenuation. This 
theory, however, is true only if the losses are the same for all 
frequencies, otherwise it is not true, and the presence of dielec¬ 
tric loss "will fui’ther aid distortion. In telephone work the 
range of frequency necessary for transmission of clear speech is 
quite narrow, and the total conductor resistance including sldn 
effect may be considered constant in that range of frequencies 
without serious error. The same assumption may also be made 
for the dielectric loss, assuming it as leakage loss. For these 
reasons it is possible to improve purity of speech-transmission 
on a telephone line by suitably loading it by inductances. How¬ 
ever, when we come to the general problem of a steep front on 
a rectangular waye, which covers the range from direct current 
in the m^ body of the wave to practically infinite frequency 
at the very wave front, the increase of both resistance and 
dielectric losses with,frequency can not be ignored, and the 
distortionless circuit does not exist. At the higher frequencies 
the loss in the dielectrio is not leakage but true dielectric hystere¬ 
sis loss which increases -with frequency and has a distorting and 
rpunding influence similar to skin effect. If the conductor and 
.dielectric losses are or may be assumed equal to each other for 
any given frequency (although of a different value at each dif¬ 
ferent frequency) the calculation of the distortion is considerably 
simplified. ^ 

^ In this connection I also wish to point out an inherent limita¬ 
tion of lumped artificial transmission lines. So far as operating 
frequeiicy phenomena, are concerned, lumped laboratory models 
are no doubt entirely satisfactory to duplicate the phenomena 
- •‘-rring on miiform lines, but when the problem is that of very 
frequencies, steep wave fronts, reflections, etc., is the labora¬ 


tory model with lumped constants still an exact equivalent of 
the transmission line with distrilnitod constants? A paper 
entitled “Abnormal Voltages in Trsmsformors” jiresented before 
the Institute a number of years ago by Bluine and Boj ajiun, 
analyzed in considerable detail the behaviors of lumped coils 
to very high-frequency voltages and sieej) waves. It was 
shown there that coils ordinarily treated as a pure inductance 
react as a. complex nei.work of induct.n.iice aiul capacity at 
the higher freqiumcies, and tliat for rectangular A\'a\e fronts 
they initially react sis .a condenser not as an inductance. Evi¬ 
dently, the study of vcn-y higb-fri«(uency wjives and t.ra,nsients 
of transmission lines (which ba\'e distributed constants) by 
laboratory models (wJiicb have Imnixnl const;uits with varying 
characteristics at increasing frecinencies) is inherently limited 
and difficult. 

Both Professor Bush and Professor Dellenbaugh deserve 
much credit for tlieir jiainstalcing investigfitions on ;i.rtifieial 
transmission lines. 

J. F. Pe<-er.s: In Prohsssor Bush’s paper I was rather sur¬ 
prised at the disagreement ladween the calculated surges and 
those recorded by oscillograms. Figs, b and In. I note that 
the author states tin) ni.athcmalical solntiotis are based on the 
assumption that the line may be coniplolely specified by four 
fixed constants,—r, I, c, f/, - rc'sistance, iudueta.mjo. capacitance 
and loakance, p«)r unit length of line. (Calculations apparently 
are ba.sod on one value of i*j(sis1.ance For all frecpieticy conij)ononts. 
Sineo a rectangtdar wave is made up of a large mimlier of fre¬ 
quency comi)oncnts and resislance varies wi(h‘Iy with frecpioncy, 
especially high freqneney, and all com|)onents of a traveling 
Avave are of high fretpioncy, il. would bt» int«‘rest,ing to kiioAV Avhat 
frequency tlio resistance used corres]>onded witli. 

Referring to the appeinlix, ispnitions 1 do not restrict B 
to the same value for all frequency compommis. The solution 
of 1, tliereforo, should have the summation sign ineluded 6"“^ 
E(]uatioTi.s 1 are linear the same* as / U, r(!pr«?senting Amltage 
across a resistance is linear. In the latter case, if we Avant to 
<Ioterminc the I H of a distorted current accurately Ave resolve 
/ into its harmonic coinjamenls, jnulliply r.ach component by 
tho value of li that corrtssponds to tluii partic.ular frc«iuency 
and then add up the coin]>onent voltages. In the same way, 
if for ojioli frequency component in efpiaticm 9, correstMUiding to 
the different values of k, we use the value of tdpha coiTcsp«)n(iing 
to that frequency, much bettor agrtiement will ho found between 
calculated and measured valims tind iu tu» Avay will avo have 
violated tho ro8triction.s inijiosed by ecpiations 1. 

Joseph Slepiani I found tho discu.ssion on page .S.S4 on wave 
fronts and over-voltages very valuable althougli some state¬ 
ments contained therein 1 think rotjuire iiiodification. 

It has come to ho roaUze<l in tho bust few years that stoop 
wave front surges have in them element.s of danger to apparatus 
not poBSoHsed by more sloAvly increasing vollagos and many 
may imagine tliat there will hr) somet hing of a proportionality 
the 8toepno.s8 of a wave front and its dangerous poton- 
tialities. But Professor Bush points j)ut that the measure of 
the dangerous quality does not g«» up indefinitely with tho steep¬ 
ness, but that even with an iidiriitoly steep wave front only a 
finite degree of danger is imposed upon the apparatus. 

This feeling that the steejier the AvaA'o front the more dis¬ 
astrous the effect of tho Avave on insulal.ion has been responsible 
for numerous arguments as to the value of high-resistance 
lightning arresters. It is argued although stich lureslers do 
not have enough discharge capacity to reduce the energy or the 
voltage in the surge in any marked degree, they di.) taper off 
the wave front and thus remove the very dangerous character 
of the wave. However, even with infinitely stoop waves there, 
is a limit to the measure of this dangerous character. 

Whether a wave front is steep or not, is of cours a relative 
matter. A wave can never he infinitely Hteop; there must he 
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some slope to it. To be precise the steepness should be referred 
to some interval of time. 

In all the cases, the time interval that the steepness of the 
wave should be referred to is the period of some natiual oscilla¬ 
tion of the apparatus being considered. For example, in the 
ease of a transformer, when a voltage is suddenly impressed 
and maintained, the voltage distribution within the transformer 
will differ from the final voltage distribution; and the readjust¬ 
ment of voltage from the initial distribution to the final distribu¬ 
tion will ordinarily take place in the form of an internal 
oscillation. 

It is the time of this internal oscillation that is the determining 
factor as to whether a wave is to be referred to as steep or 
tapered, when its effect on the transformer is being considered. 
If the time in which the applied voltage rises to its maximum 
value is short, compared to the natural period of the internal 
oscillation, the internal oscillation will have practically its 
maximum amplitude and the maximum abnormal concentration 
of voltage on the internal parts of the transformer will be pro¬ 
duced. But if the time in which the voltage rises to its maximum 
value is long compared to the natural period of these oscillations, 
the amplitude of these oscillations will be very much reduced 
and the distribution of voltage in the transformer will be more 
nearly the normal distribution. 

The same thing is true as regards the multiplication of voltage 
on a transmission line, due to reflection at its end. The trans¬ 
mission line also has a natural period, namely: the time for 
the wave to run down to the end and back again. 

Professor Bush states that with short lines a doubling of 
voltage will be produced just as in long lines at the remote 
end—assuming the remote end is open or connected to inductive 
apparatus. liowever, since lines are usually energized through 
inductive apparatus, the natural period of the line is going to 
come in in determining whether actually a doubling will be 
obtained or not, due to the transient of the line. That is, to 
produce a surge on a line requires something of the order of 
several amperes per kilovolt of surge. Inductive apparatus 
cannot deliver this current instantly; the surge produced by 
switching on a generator or trairsformer must build up relatively 
gradually, because of the inductance of the apparatus. If it 
builds up slowly compared to the natural period of the line, 
a doubling of voltage at the far end over that at the near end 
will not be produced. There may be an abnormal rise of voltage 
duo to a transient including machine constants, but not one due 
to the line alone. 

In practise, there usually are transformers, inductive apparatus 
at both ends, at the near end the inductance of the apparatus 
and at the far end the capacity of the apparatus will both 
operate to prevent a rise in the voltage at the far end due to 
switching at the near end, provided the line is not too long. 


That is, if the natural period of the line is short, compared to 
the transients involving the machine constants, the line itself 
will introduce no new element of danger in raising voltage. 

The only case that I can see where this doubling on short lines 
may be obtained is in the case of short-circuits. In the case of 
a short circuit, there is of course practically no inductance at 
the point where the short-cncuit occurs and so waves may be 
produced sufficiently steep to double by reflection even on short 
lines. Fortunately, the polarity of the voltage induced by the 
short circuit is usually such as to merely reverse the voltage at 
the reflection point instead of doubling the normal voltage; 
that is, the voltage changes from plus normal voltage to minus 
normal voltage. Thus, the amplitude of the surge at reflection 
is twice normal voltage, but the actual voltage to ground is 
only normal. How'ever, as regards its effect on the internal 
distribution of voltage within the reflecting apparatus it is still 
a surge of twice normal voltage. 

Modem transformers are designed so as to be able to stand 
the sudden application of normal voltage. Hence if a surge 
does not greatly exceed normal voltage, we do not need to worry 
about its wave front provided the transformer is properly 
designed. 

V. Bush: In regard to Mr. Boyajian’s discussion, there is 
one point that I wish to emphasize. We have at present an 
analysis of waves on transmission lines only under the assumption 
of strictly constant R, L, C and G for the line, and we have no 
analysis for any other condition. If we could have an analysis 
which would take into account skin effect, for instance, or many 
other disturbing factors, it would be veiy valuable; but appar¬ 
ently such analysis is beyond the range of our present analytical 
ability. It is hence the purpose of this paper to show what an 
analysis, based on recognized limited assumptions, corresponds to 
in the actual case; and how far experiments on smooth artificial 
lines may be expected to yield reliable information in regard to 
the transient sm’ges of practise. 

In regard to Mr. Peters’ comments: We can get a closer 
approximation to the observed waves if we will correct alpha, 
that is the attenuation factor, term by term in accord^ce with 
the frequency, but that procedure is hardly legitimate from a 
mathematical standpoint. If we have made a complete analy¬ 
sis on certain premises and then proceed to arbitrarily introduce 
into our answer certain new assumptions, we may come nearer 
to an observed result; but we are hardly rigorous in our 
mathematics. 

* In regard to Mr. Slepian’s comments, there are many cases 
where we encounter waves that are very nearly perpendicular, 
and I am pleased that he has enlarged upon this particular point. 
For example, when an arc breaks, the wave which ensues is 
imtially very nearly a perpendicular wave except for the eorree- 
tion which is due|to]tthe passage from the spherical wave to a 
plane one. 
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Review of the Subject.—This paper povnisovi the advantages, 
both to the maker and the customer, of naiional standard specifi¬ 
cations for manufactured articles. The history of standardization 
in England is ovMned. British specifications for electrical instru¬ 
ments appeared first in 1909, and in improved and enlarged form in 
1919. French specifications were adopted in 1921, German in 1928. 

The outstanding features of the three foreign specifications are 
compared. The British go into much detail concerning scale conr 
struction and marking, the French concerning definitions and 
temperature rises. The German specifications contain very good 
definitions of instruments and their parts, principles, etc. They 
prescribe severe tests for mechanical and thermal robustness, and 
have an elaborate scheme of symbols to indicate the grade, operating 
principle, kind of current, test voltage, etc. 

An account is then given of the consideration which the subject 
of instrument standardization has received in this country. The 
National Meter Committees have done a related piece of work by 


having the Meter Code prepared and revised, and have made recom¬ 
mendations to the makers from time to time concerning matters of 
instrument standardization. The Instruments and Measurements 
Committee of the Institute has considered the foreign specifications, 
and has determined by a personal canvass that a majority of American 
makers are in favor of standardization. However, this canvass 
also showed that most of them would have felt much freer to discuss 
proposed standard specifications rather than the abstract question 
as to whether specifications should be formulated. The Instruments 
and Measurements Committee therefore appointed a subcommittee 
of four memb&rs to prepare such tentative specifications, which are 
given as an Appendix to the paper. The specifications omit some 
important topics because the Subcommittee wished to include at the 
start only those on which general agreement could be had without 
difficulty. 

The paper concludes with a discussion of some of the features of 
the tentative specifications. 


-nrrtTTT in 1 - Introduction bid on have been made irnder the same requirements as 

\X/ United States has led the world in to quality and performance that an intelligent selection 

YV applying the principles of interchangeability of can be made from a number of bids. As an illustration 
^ parts and of quantity production to its manu- of the condition that is produced by lack of standard 
factimng processes, it has only recently begun to ap- requirements, we may cite current transformers. As 
predate the advantages of national standard specifi- now made, these are classified by each manufacturer 
cations, ^ The outbreak of war brought this question in such general terms that a purchaser can readily pick 
forward in very unmistakable fashion, and there is good out the extreme grades, especially with the relative 
reason to believe thatat no distot time the advantages prices as a guide. But it is not possible for him to 
of national imiformity of bu^ng and selling require- choose the best transformer from the offers of several 
m^ts will be as much appreciated here as abroad. manufacturers, for the rating “50 volt-amperes com- 
The purposes to be served by such specifications may pensated for 25 volt-amperes,” for example, does not 
be regarded from two standpoints. The manufacturer throw much light on the matter, in the absence of uni- 
1 !.-because he c^ devote his energies to cer- form practise as to permissible ratio and phase-angle 


tain definite lines for which the demand can be confi¬ 
dently anticipated. With the limitation of his output 
largely to standard grades, ranges, and finishes, unit- 
costs are decreased, demands can be more closely esti¬ 
mated, raw materials can be bought in fewer kinds and 
sizes and in larger quantities, and overhead costs are 


errors. ^ The purchaser is compelled to fall back on his 
impressions of the relative standing of the manufacturers 
concerned. 

Both manufacturer and purchaser lose in the absence 
of national specifications, on account of which different 
individual specifications necessarily arise. The divert 

«^*l**w _I_ __i 


- —— ~ wvciucitu cusra are specincauons necessarily arise The diver- 

r^uced. If the^natioiud spedflcations under wMch sity of requirmente that may in™ 

and manufacturing costs and hence the 
a furaer unportant ^yantage is secured, in that sur- cost to the purchaser. A case in point is that of 
plus stoks^umnedraMy a^ulable for mq)ort instead Government specifications. The Naw Department 
rf^ods made up specially with the attendant increased w^hi<* properly buys its supplL on d^te 
_ , . specifications, is compelled to go to the expense of pre- 

^l-om the pmchaseris viewpoint, standard specifi- complete specifications for electrical instruments 
catio^ ^ useful in selecting the most Suitable ap- ^oth for power-plant use and for radio purposes. If 

in obviating the ^encan standard specifications were in existence] the 
nee^ity for mdipdu^ study and the preparation of N^avy Department could use them, with only a few 
independen t specifications. It is only when the articles added clauses to take care of the special requirements 

which exist only in naval work. 

Instrument Standardi^ Abroad 
The work of national standardization in Great 
Britain began in 1901 when the Council of the Institu- 


^ 1. Published by permission of the Director of the Bureau of 
otaiiaaras. 
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tion of Civil Engineers appointed a committee to con¬ 
sider the advisability of standardizing various kinds of 
iron and steel sections. The cooperation of three other 
British societies (Mechanical Engineers, Iron and Steel 
Institute, Naval Architects) was at once secured, and 
the work of preparing specifications was begun. A 
year after the formation of the ^‘Engineering Standards 
Committee^’ it was suggested that the subject of electri¬ 
cal machinery and apparatus be included in its scope, 
and with the cooperation of the Institution of Electrical 
Engineers this work was begun. That the results of 
the labors of the Standards Committee have been ap¬ 
preciated is shown by its growth from a single com¬ 
mittee of seven members to a great organization, the 
British Engineering Standards Association, consisting 
of a Main Committee of 24 members. The Report of 
the Association dated July 1, 1919, showed that 26 
sectional committees appointed by the main committee 
were functioning, and that they had appointed 78 
subcommittees and 144 “panel committees,’^ making a 
total of 249 committees with an aggregate membership 
of over 1100. Another indication of the importance of 
the work is found in the range of subjects for which 
specifications have been prepared or are under way. 
As given in reports of January 1,1923 these included: 


Civil Engineering and Building Trade..... 25 

Mechanical. 36 

Electrical. 76 

Automotive (Aircraft and Automobile).164 

Transport. 16 

Ships and Their Machinery.. 42 

Ferrous Metals. 10 

Non-Ferrous Metals. 46 


Chemical, Including Chemical Engineering 14 
General.. ^ 

The first British Standard Specification for electrical 
instruments was No. 49 on ammeters and voltmeters, 
adopted in 1909, as the result of nearly two years of 
work by a subcommittee. Shunts, resistors, and 
instrument transformers were not included in this 
specification. 

In 1919 this specification was superseded by No. 89 
on indicating ammeters, voltmeters, wattmeters, fre¬ 
quency and power factor meters. At the same time 
two other related specifications were issued; No. 81 
on instrument transformers and No. 90 on recording 
(graphic) ammeters, voltmeters, and wattmeters. 
Specification No. 89 was a very distinct advance over 
its forerunner, No. 49. 

French standard specifications for electrical measur¬ 
ing instruments, instrument transformers, and shunts 
were prepared by a Technical Committee^ with the 
collaboration of repr^entatives of the makers, ^e 
Laboratoire Centrale d’fectricit^, and a consulting 
engineer (Mr. A. Iliovici) specializing in electrical 

2. Of the “Chambre Syndicale des Constarueteurs de gros 
Matdriel Isleotrique.” 


instruments. These specifications® were adopted by 
the Chambre on January 20,1921. 

German specifications for electrical instruments were 
prepared by a committee of the Verband Deutscher 
Elektroteclmiker. A proposed draft was published^ in 
March, 1921, and was intended to become effective on 
July 1, 1922. This draft evoked criticisms and sug¬ 
gestions which were used in preparing a considerably 
revised one, which appeared® a year later. This re¬ 
vised draft was adopted by the Verband at its 1922 
meeting, and is to go into effect on July 1,1923. 

German specifications for instrument transformers® 
were prepared by the Verband, and went into effect on 
July 1,1922. 

It is of interest to compare the outstanding features 
of these three national specifications. In general, 
the British specifications are probably the most satis¬ 
factory from the American viewpoint, though they 
leave some important points untouched. They treat 
with considerable detail the important question of scale 
construction and marking. Three classes as regards 
accuracy are provided, called Sub-standard, First 
Grade, and Second Grade respectively. Insulation and 
dielectric strength are carefully specified. Limits of 
error are given for the three grades, and limiting values 
of influences of operating conditions (temperature 
changes, frequency changes, external magnetic fields, 
etc.). 

The French specifications open with an elaborate set 
of definitions, which in the main are very good. Instru¬ 
ments are classified first into two groups, Laboratory 
and Industrial, the former including special or delicate 
devices used either to measure very small magnitudes 
or to measure ordinary magnitudes with high pre¬ 
cision.’ The second broad classification is denoted 
Industrial Instruments, and is further divided into 
Standard Instruments, Control® Instruments, Switch¬ 
board Instruments, and Ordinary Instruments, of which 
latter all that is said is “This group includes all measur¬ 
ing instruments of which the essential quality is a low 
price.” Requirements stated for the other classes 
include accuracy, damping, mechanical robustness, 
heating, and dielectric strength. The French specifi¬ 
cations are the only ones which give a list of recom- 

3. They were publisbed in Revue Oinirale de VElecbncii^, 
vol. 9, pp. 119c-134o, May 28,1921. 

4. Elektrotechnieche Zeitschrift, vol. 42, p. 324, March 31, 

1921. 

5. Elektrotechnieche Zeitschrift, vol. 43, p. 290, March 2, 

1922. Some minor corrections and changes were published in 

the same journal, vol. 43, p. 1074, Augnist 17,1922. 

6. Elektrotechnieche Zeitschrift, vol. 42, pp. 209, 836; Mar. 
3i July 28,1921. 

7. Actually, the French specifications do not cover these 
special laboratory devices, nor do either of the other national 
specifications. 

8. This is a literal translation; “working-standard” is perhaps 
a better rendering. 
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mended ampere ranges® for the current coils of instru- 
ments.^^^ 

The French specifications go into great detail in 
regard to the permissible temperature rises of conduct¬ 
ing materials and various kinds of insulating materials 
in instruments. 

The German specifications divide instruments as 
follows: 

Precision Instruments, first class 
" « second “ 

Operating “ first " 

" “ second “ 

They contain a very good set of definitions of instru¬ 
ments and their parts, operating principles, ranges, 
kinds of cases, etc. They introduce a concept not found 
in either of the other specifications, namely, “minimum 
creeping distance,’* which is defined as the shortest 
path along which current can fiow over the surface of 
ah insulator between metal parts which have a difference 
of potential between them. 

In addition to prescribing limits of accuracy and for 
the effects of temperature change, etc., the German 
specifications are unique in specifying a maximum 
distance of the pointer from the scale, and in requiring 
s^tchboard voltmeters and ammeters to be capable of 
carrying continuously a voltage or current 20 per cent 
greater than full-scsde value. When it is considered 
that this overload means a heat loss in the instrument 
44 per cent more than that caused by rated voltage or 
current; that voltmeters are ordinarily installed to work 
on about three-fourths of full-scale value; and that even 
full-scale value on a switchboard ammeter usually 
corresponds to an oveidoad condition of the associated 
apparatus, it seems that the German requirement will 
involve some economic waste of materials in the con¬ 
struction of instruments. 

In addition to the stipulated accuracies of precision 
instruments, the German specifications permit addi¬ 
tional errors in the following cases: 

For instruments having voltage circuits exceeding 
260 volts, 0.1 per cent additional; 

For instruments with interchangeable series resistors, 
0.1 per cent additional; 

For instruments with interchangeable shunts, 0.2 
per cent additional. 

Another outstanding feature of the German specifi¬ 
cations is the extent to which they car^ the use of sym¬ 
bols to serve as concise statements of certain features. 
In addition to the letters E, F, G, 2? denoting the four 
claves above mentioned, symbols are provided for the 
following kinds of current: d-c., a-c.; two-phase, 
balanced tbree-phase, unbalanced three-phase, and 
four-wire three-phase. Position s 3 mbols show that 
instruments are for use in horizontal, vertical, or oblique 
position. , Another set of symbols denotes the kind of 

9. T1i 6 sSiDtid ysluos are also recommended aa the primary 
ranges of current transformers. For voltage transformers a list 
of recommended tra,nsformation ratios is given. 


mechanism (moving-iron, induction, etc.). This is a 
desirable feature in instruments for general laboratory 
work, because it assists the user to select the most 
suitable instruments for such cases as unusual frequen¬ 
cies, for example. The use of a black, brown, red, blue, 
or green star denotes that the instrument is for a partic¬ 
ular operating voltage, the black denoting “not over 
40 volts,” and the green “901 to 1500 volts.” 

The French and German specifications impose tests 
for robustness, while the British specifications ignore 
this important point. The French requirement of 
“twice the current corresponding to full-scale deflection, 
applied suddenly and for a very short time” is virtually 
a mild test of mechanical robustness only, because the 
thermal inertia of current windings would make the 
resulting rise of temperature very small. The German 
requirement is much more severe, and may properly be 
called a test of mechanical and thermal robustness. It 
specifies that the test current shall be 10 times that 
corresponding to the maximum value of the range of 
measurement, and that it shall be applied as follows: 

9 impulses of 0.5 second in inteiwals of 1 minute each, 
then 

1 impulse of 5 seconds duration. 

With this current, which generates heat in the wind¬ 
ings at 100 times the normal rate, the instrument re¬ 
ceives a severe mechanical test and a searching test for 
any thermally weak spots. 

The question of damping is variously handled. The 
British specifications require the pointer to settle to a 
definite indication “in a reasonable time,” and in an 
appendix the “extreme limits of reasonable time” are 
given as follows: 


Scale length in inches 

Not over Time in seconds 



4.5 2.5 

7 3 

12 5 


The German requirement is more logical in that it 
bases the time to come to rest on the length of the 
pointer, and on the class of instrument, as follows: 
Precision instruments, both classes, 3 + L/lOO seconds. 
Operating « first class, 3 -f I//60 « 

^ “ second “ 4 -|- L/50 " 

whCTe L is the length of the pointer, measured in milli¬ 
meters. 

The French specifications characterize damping by 
two quantities: 

1. The ratio of the first swing to the steady deflec¬ 
tion when the appropriate current is suddenly passed 
through the instrument. 

2. The time required for the pointer to come to rest, 
under the same conditions. 

Incidentally^ for practical purposes the pointer is 
assumed to come to rest when it is within 1 per cent of 
the steady deflection. 
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The British specifications require zero adjusters on the members of the Instruments and Measurements 
(spring-controlled) sub-standard and first-grade instru- Committee and the Meter Committees of the N. E. L. 
ments. The German specifications require them for A. and the Edison Association. The Instruments and 
precision apparatus of both grades, and the French Measurements Committee appointed the writer as a 
make no mention of the matter. subcommittee of one to canvass the sentiment of the 


Consideration in the U. S. 

The Meter Committee of the Association of Edison 
Illuminating Companies has used its influence to 
encourage the standardization of watt-hour meters. 
With the corresponding Committee of the National 
Electric Light Association, it inaugurated the prepara¬ 
tion by Electrical Testing Laboratories of the Meter 
Code, which has been of great service to the meter 
industry. 

Since the checking of watt-hour meters involves the 
use of indicating instruments, it is only natural that the 
national Meter Committees should at times make 
recommendations concerning them. Among these the 
following work of the N. E. L. A. Meter Committee and 
Apparatus Committee may be noted: 

j^oposed Standardization System of Connections 
for Instruments and Meters used with Current and 
Voltage Transformers, 1913 and 1914 Reports. 

Standardization of Shunts for Instruments and 
Meters, 1914 and 1915 Reports. 

Standardization of Design and Maintenance Method 
for Instrument Transformers, 1916, 1917, and 1918 
Reports. 

Standardization of Meter and Instrument Design, 
1921 and 1922 Reports. 

Standardization of Instrument Transformers, 1922 
Report. 

The Instruments and Measurements Committee of 
the Institute has a keen interest in all questions re¬ 


instrument manufacturers of this country as to the 
necessity or desirability of American standard specifi¬ 
cations covering their products. 

Before this canvass was begun, the French specifi¬ 
cations were translated, and copies were sent to the 
above-named committees. Copies of the French, 
German, and British specifications were sent out early 
in 1922 to the American manufacturers of electrical 
instruments and accessories, and soon after the personal 
canvass was begun. In all, twenty-one concerns were 
visited. Some of them make a complete line of instru¬ 
ments and accessories, while others make accessories 
(for example, instrument transformers) as adjuncts to 
other lines, such as watt-hour meters. 

The results of the canvass showed that a majority of 
the makers were in favor of standard specifications, 
though some questioned the necessity or advisability 
of their preparation at the time. Two important ideas, 
however, came to the surface. The first was that 
many of the manufacturers would have felt much freer 
to express opinions if proposed American standard 
specifications had been placed before them, instead of 
only the abstract question as to the desirability of 
formulating such specifications. The second was that 
it would be entirely proper for the A. I. E. E. Instru¬ 
ments and Measurements Committee to prepai’e such 
specifications to serve as a basis for criticisms and 
suggestions. 

Following out this suggestion, „ Chairman Sawin of 
the Instruments and Measurements Conmiittee ap- 


lating to instrument standardization. At the request 
of this committee, the writer presented a paperi° three 
years ago, in which the British Specifications were 
mentioned, with a table of required accuracies for 
various kinds and classes of instruments. A little later 
this committee took up the question of instrument 
terminology. A list of words relating to instruments, 
their operating principles, parts, functions, etc., was 
drawn up, and the various divergencies and incon¬ 
sistencies were discussed with the hope of establishing 
a list of recommended terms which might eventually 
supersede the imperfect terminology in use. While 
some useful points were brought out in the discussion, 
the committee felt that the standardization of the 
terminology of instruments was a pai‘t of a larger job 
and the matter was therefore held in abeyance. ^ 

In 1921 the proposed German specifications for 
instruments and for instrument transformers were 
published. In order to get these specifications in 
convenient form for discussion, they were translated 
into English. Copies of the translation were sent to 

10. The Accuracy of Commercial Electrical Measurements, 
JouB. A. I. E. E., vol. 39, p. 495,1920. 


pointed a subcommittee for this purpose. The mem¬ 
bership of this subcommittee included Mr. F. P. Cox 
of the General Electric Co., Mr. G. L. Crosby of the 
Roller-Smith Co., Mr. P. MacGahan of the Westing- 
house Electric & Mfg. Co., and the writer, as chairman. 
The three foreign specifications were carefully consid¬ 
ered, and what appeared to be the best features of each 
were woven into a preliminary draft. This was care¬ 
fully revised by the subcommittee. The final draft, 
as here given, was prepared in a joint session of the 
subcommittee and the Instruments and Measurements 
Committee. 

The Instruments and Measurements Conimittee 
authorized the writer to prepare a paper presenting the 
tentative specifications, in order to get them before the 
entire membership of the Institute. They are given 
as an Appendix herewith. All makers and users of 
deetrical instruments are: earnestly invited to send 
written comments, and criticisms of the scope and sub¬ 
ject matter of the specifications to the writer, care Bu¬ 
reau of Standards, Washington, D. C., for the gmdance 
of the subcommittee in the further development of 
these tentative specifications. 
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It will be noted that a number of important topics 
are not covered in these specifications, though they are 
cai’efully treated in the foreign ones. This is not be¬ 
cause the subcommittee considers these topics un¬ 
important, but rather because it is felt best to begin 
with things about which general agreement can easily 
be reached. On the matter of accuracy of calibration, 
for example, considerable difference of opinion exists. 
Probably no customer would care to buy instruments 
concffl*ning which absolutely no statements or guaran¬ 
tees of accuracy are given by the maker. However, 
since undue importance is sometimes attached to high 


of the extensive mention of the ratio of torque to weight 
as a criterion of the degree of excellence of an instru¬ 
ment as regards frictional error, it should be stated that 
this time-honored criterion is now known to be incor¬ 
rect save when the moving elements of the instruments 
to be compared have equal weights. (Equality of 
excellence of pivots and jewels is assumed). The use 
of the simple ratio of torque to weight is based on the 
incorrect assumption that the area of pivot in contact 
with the jewel is independent of the weight, whereas it 
must necessarily increase with the weight. By the 
simple rule of torque to weight, certain small American 


accuracy, and because the accuracy of instruments in 
service is so largely under the user’s control, it was felt 
that for the present the specifications should leave it 
to the maker and customer to agree on the accuracy re¬ 
quired in each case. The same statement applies to 
the permissible limits for the various infiuences of 
operating conditions. 

Some specific comments on other features of the ap¬ 
pended specifications will now be given. 

1-2. Kinds of Instruments Included. Under this 
heading the German specifications limit current and 
voltage capacities to 1000 amperes and 20,000 volts, 
because “With larger values of current and voltage it 
is difficult to keep within the prescribed limits of ac¬ 
curacy, and the checking of the accuracy becomes 
difficult.” 

III-l. In defining the words “instrument” and 


instruments having very light coils would be expected 
to stick so badly as to be useless, whereas actually they 
work very well. If we use the expression, torque di¬ 
vided by weight to the nth power, and take for n a value 
greater than unity and less than 2, more concordant 
results will be obtained. A prominent German special- 
isU^ in electrical measuring instruments gives as a satis¬ 
factory criterion, based on practical experience, the 
quotient, torque divided by the 1.5-power of the weight. 

IV-1. It is not felt opportune to make a subdivision 
of instruments as to “class” or “grade”. A suggested 
classification, which it was not thought advisable to 
adopt at this time, was as follows: 

1. As to use: 

(a) Portable Instruments, Precision Grade 

(b) « “ Utility 


'indicator” the subcommittee followed the example of 
the British specifications, but with an important differ¬ 
ence in the definition of “indicator”. There is no 
question as to the need for the distinction between in¬ 
strument and indicator, and the only argument against 
taking this step was that early in the history of electric 
lighting in this country the word ^’indicator” was some¬ 
times^^ used to denote a device of low accuracy. It 
was finally agreed that this usage was now practically 
obsolete, and was therefore no bar to the Use of the 
word “indicator” in its new sense. 

Attention is invited to the distinction between the 
terms “series resistor” and “multiplier”. These terms 
should not be confused. 

^ III-4. Damping. For the present this term is 
simply defined. Section 8302 of the Standards of the 
Institute prescribes the method by which damping 
shall be measured. Three quantities are to be ob- 
seiwed, as follows: The number of swings made by the 
pointer in coming to rest; the time (in seconds) required 
for the pointer to come to rest; the overshooting, in per 
e^t of the angular displacement due to the initial dis¬ 
turbance. 

III-5, 6. Torque and WeigM. For the present these 
^tions are limited to simple definitions of these quan- 
tities and a statement of the units employed. In view 

however, for the 

feeder-ends was known as the HoweU indicator. ^ 


(c) Switchboard “ 

(d) « « 


High 

Industrial " 


It was also suggested that “laboratory-standard” in¬ 
struments form a third class (in addition to portable 
and switchboard). 

IV-2c. The adjective “electrodynamic” is advanced 
for consideration as a logical substitute for the lengthy 
term “electrodynamometer-type” and the abbreviated 
(and not strictly correct) term “dynamometer’ ’ The 
French, Germans and Italians use the forms corres¬ 
ponding to “electrodynamic” (^lectrodjmamique, elek- 
trod3mamisch, elettrodinamico). 

It shoffid be emphasized that in drawing up these 
specifications the effort has been made to maintain a 
harmony of treatment and of substance with the Stand¬ 
ards of the A. I. E. E. It should also be noted that 
the present specifications are not put forward as a fin¬ 
ished product. In their present form, however, it is 
felt that they will be valuable for their intended use as 
a tangible basis for discussion and as a nucleus about 
which finished specifications may in due time be realized. 
Such specifications should be prepared with the ap- 
proval of the Institute, and in accordance with the 

12, Dr. G. Keinath, of the Siemens & Halske A. G. of Berlin.. 
See his book “Die Technik der elektrisohen Messgerate,” second 
edition, pages 20-22. 

te^ “dynamometer” means “that which measures 
force.” A spring balance is a dynamometer, and some forms of 
spring balance are called d 3 n]amometers. 
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procedure of the American Engineering Standards 
Committee. 

Appendix 

Proposed American Specifications for Electrical 
Measuring Instruments 
Outline 

I. Introduction 

1. Ongin and Purpose 

2. Kinds of Instruments Included 

II. Standards 

1. General 

2. Units; Legal Standards 

3. Reference Temperature 

4. Standard Ambient Temperature 

III. Fundamental Definitions 

1. Instruments and Their Parts 

2. Rating 

3. Scales 

4. Damping 

5. Torque 

6. Weight 

7. Error and Con-ection 

8. Influences of Operating Conditions • 

(a) Temperature Influence 

(b) Frequency “ 

(c) Voltage “ 

(d) External-Field " 

(e) Power-Factor “ 

(f) Position « 

IV. Classilication 

1. As to Use: 

(a) Portable Instruments 

(b) Switchboard " 

2. As to Principle of Operation 

(a) Dynamometer (Electrodynamic) 

(b) Permanent-Magnet Moving-Coil 

(c) Moving-Iron 

(d) Induction 

(e) Electrothermic 

(f) Electrostatic 

3. As to Kind of Protection by the Case: 

(a) Dust-Proof 

(b) Moisture-Proof 

(c) Rust-Resisting 

(d) Water-Tight (submersible) 

V. Requirements 

1. Construction 

2. Rating 

3. Insulation Resistance and Dielectric 

Strength 

4. Scale and Pointer 

5. External Shunts 

6. Marking 

I. Introduction 

1. Origin and Purpose. These specifications were 
prepared for the Instruments and Measurements Com¬ 


mittee of the American Institute of Electrical Engineers 
by a subcommittee appointed for the purpose. In 
their present form they are intended to serve as a tangi¬ 
ble basis for discussion on the part of makers, users, 
and laboratory men engaged in testing electrical meas¬ 
uring instruments, in order to determine whether Ameri¬ 
can standard specifications of this general nature would 
be of advantage to all concerned, and if so, what changes 
in and additions to these specifications are required to 
make them suitable for the purpose. 

The objects of these specifications are as follows: 

1. To standardize the principal terms used in de¬ 
scribing instruments and their parts, functions, opera¬ 
ting principles, etc. 

2. To promote a more complete understanding be¬ 
tween the maker and the user concerning the essential 
characteristics of instruments for definite applications. 

3. To eliminate diversity of purchase specifications 
for instruments for similar uses. 

The limitations of the specifications may be stated as 
follows: 

1. They are of necessity limited to certain broad 
classes of electrical instruments, and there will always 
be special devices not falling entirely within their 
scope. In many cases, however, the specifications may 
be used together with certain additions to cover the 
special features. 

2. They are subject to revision from time to time as 
i^e art of instrument making advances, or as the re¬ 
quirements of practise change. They are not intended 
to restrict development or prevent improvement, but 
rather to guide progress along the most efficient lines. 

3. They are not intended to cover the necessary 
legal provisions of a contract, but only the technical 
requirements of a purchaser in ordering or a maker in 
bidding. 

2. Kinds of Instruments Induded. These specifica¬ 
tions apply for the present to the following kinds of 
indicating electrical instruments for direct current and 
for alternating current: 

Ammeters, 

Voltmeters, 

Wattmeters, 

Frequency Meters, 

Power-Factor and Phase Meters, 
Reactive-Factor Meters. 

These specifications are not intended to apply to. 
indicating instruments provided with arrangements for 
curve drawing, contact making, etc. They do not apply 
to the following Mnds of instruments: 

(a) Small instruments of types and sizes which are 
us^ where the requirements are not severe, and where 
low cost is essential; for example, small polarized-vane 
ammeters used on automobiles, battery-charging out¬ 
fits, etc. 

(b) ; Instruments constructed for very special re¬ 
quirements. 
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II. Standards 

1. General. Electrical measming instruments shall 
conform to such general requirements of the Standards 
of the American Institute of Electrical Engineers as 
shall be applicable to instruments, when such require¬ 
ments are not definitely covered in the following 
specifications. 

2. Units, Legal Standards. The accuracies specified 
by maker and purchaser are to be based on the legalized 
international electrical units. 

3. Reference Temperature. The standard tempera¬ 
ture of reference for instrument characteristics shall be 
20 deg. cent. 

4. Standard AnMent Temperature. For purposes of 
rating instruments, the standard ambient temperature 
shall be 40 deg. cent. See definition of rating, below. 

III. Fundamental Definitions 

1. Instruments and their Parts. An instrument is a 
measuring device which indicates the present value of 
the quantity under observation. The term “instru¬ 
ment” includes the indicator (as defined below) , to¬ 
gether witli any accessory apparatus such as shunts, 
shimt leads, resistors, reactors, condensers, or instru¬ 
ment transfoimers.^^ 

The mechanism is the arrangement for producing and 
controlling the motion of the pointer. It includes all 
the essential parts necessary to produce this r^ult, but 
does not include the base, cover, scale, or any parts, 
such as series resistors or shunts, whose function is to 
make the readings agree with the scale markings. 

The moving elemerU includes the pointer and the parts 
which move with it. 

The indicator is the mechanism and the scale, built 
into the case, including any accessory devices (resistors, 
shunts, etc.) which are built into the case or non- 
removably attached to it. 

Examples: An instrument (ammeter) for 500 am¬ 
peres direct current consists of the indicator (which 
may be thought of as essentially a millivoltmeter) to¬ 
gether with a 500-ampere shunt and a pair of shunt 
leads. Another instrument (wattmeter) consists of the 
indicator (which is essentially a 5-ampere 110-volt 
wattmeter) together with a current transformer and a 
potential (voltage) transformer. 

An instrument is: said to self-contained when all 
a-cc^sory apparatus nec(^ary to cause the scale read¬ 
ing to corr^pond with the numerical value of the 
quantity measured is enclosed within or permanently 
attached to the indicator case. 

The current circuit of an indicator that winding (or 
other conducting path) of the indicator which carries 
the current to be measured, or a definite fraction of it, 
or a current dependent upon it. 


measured, or a definite fraction of it, or a voltage 
dependent upon it. 

The current circuit of an instrument is that winding (or 
other conducting path) of the instrument which carries 
the entire current to be measured. 

The voltage circuit of an instrumenl is that winding of 
the instrument to which the entire voltage to be meas¬ 
ured is applied. 

Example: An a-c. wattmeter for 1000 amperes, 6600 
volts, consists of an indicator (which is essentially a 5- 
ampere, 110-volt wattmeter with its scale marked to 
read primary power) together with a current trans¬ 
former of 1000: 5 amperes and a potential (voltage) 
transformer of 6600:110 volts. The current circuit of 
the indicator is its 5-ampere winding, and its voltage 
circuit is its 110-volt winding. The current circuit of 
the instrument is the 1000-ampere winding of the cur¬ 
rent transformer, and the voltage circuit of the instru¬ 
ment is the 6600-volt winding of the potential (voltage) 
transformer. 

A series resistor is a resistor forming part of the 
voltage circuit of an indicator or an instrument. 

A multiplier is a particular type of series resistor 
which is used to extend the voltage range of an instru¬ 
ment beyond some particular value for which the 
instrument is already complete. 

A shunt is a resistor connected in the circuit to be 
measured and in parallel wdth the current circuit of an 
indicator. 

A reactor is a device used for the purpose of intro¬ 
ducing reactance, and usually has a high time-constant. 

Shunl leads are leads which connect the current circuit 
of an indicator to the shunt. 

2. RaJting. The rating of an instrument is a designa¬ 
tion assigned by the manufacturer to indicate its 
operating limitations. The full-scale marking of an 
instrument does not necessarily correspond to its rating. 

3. Seales. The indication range is the range within 
which the electrical quantity (current, voltage, power, 
etc.) is to be indicated without reference to accuracy. 

The measurement range is that part of the range of 
indication within which the requirements for accuracy 
are to be complied with. 

The scale length is the length of the arc described by 
the end of the pointer in moving from the zero position 
to the end of the scale. 

4. Damping. This is a term applied to instrument 
performance to denote the manner and the rapidity 
with which the pointer settles to its steady reading 
after a change in the value of the measurement quantity. 


The voltage circuit of an indicator is that winding of 
the indicator to whidh is applied the voltage to be 

" . ' ' V. 

14. It is proposed to cover instrument transformers by 
separate specifications. 


5. Torque. The torqus oi an instrument is defined 
as the turning moment which is developed by its 
mechanism when holding the pointer in the position of 
full-^cale deflection. Torque is to be expressed in 
millimeter-grams, and should be accompanied by a 
statement of the angle corresponding to full-scale 
deflection. 
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6. Weight. The weight of a moving system in¬ 
cludes one-half the weight of the springs, if any. It is to 
be expressed in grams. 

7. Error and Correction. The error of indication 
is the difference between the indication and the true 
value of the quantity being measured. It is the 
quantity which must be algebraically subtracted from 
the indication to get the true value. A positive error 
denotes that the indication of the instrument is greater 
than the true value. 

The correction has the same numerical value as the 
error of indication, but the opposite sign. It is the 
quantity which must be algebraically added to the 
indication to get the true value. If T, I, E and C 
represent respectively the true value, the indicated 
value, the error, and the correction, the following 
equations hold: 

E I-T 
C = T- I 

Example: A voltmeter reads 112 volts when the 
voltage applied to its terminals is actually 110 volts. 
Then 

Error = 112- 110 = +2 volts 
Correction = 110 — 112 — —2 volts. 

8. Influences of OperaMng Conditions, (a) The 
temperature influence is defined as the percentage change 
in the indication which is caused solely by a difference 
in room temperature of =b 10 deg. cent, from the 
reference temperature (20 deg. cent.) 

(b) The frequency influence (in other than frequency 
meters) is defined as the greatest percentage change in 
the indication which is caused solely by a change of db 
10 per cent from the rated frequency. 

(c) The voltage influence (in other than voltmeters) 
is defined as the greatest percentage change in the indi¬ 
cation which is caused solely by a change of =fc 10 per 
cent from the rated voltage. 

(d) The external-field influence is defined as the 
percentage change in the indication which is caused 
solely by an external field of an intensity of 5 gausses 
produced by a current of the same kind and frequency 
as that on which the instrument operates, with the 
most unfavorable phase and position of the external 

field. 

(e) The power-factor influence (in wattmeters) is 
defined as the percentage change of the indication 
which is caused solely by the lowering of thd power fac¬ 
tor from unity to 0.50, current lagging, at the rated 
voltage and frequency. 

(f) The position influence, in other than gravity- 
controlled instruments, is defined as the maximum 
displacement of the pointer which is caused solely by 
an inclination of 30 deg. in any direction from the nor¬ 
mal position of use. It is to be expressed as a per¬ 
centage of the scale length. 


IV. Classification 

Electrical instruments may be classified as follows: 

1. As to Use: 

(a) Portable instruments 

(b) Switchboard “ • 

2. As to Principle of Operation: 

A. EUctrmnagnetic 

(a) Dynamometer (Electrodynamic) 

(b) Permanent-Magnet Moving-Coil 

(c) Moving-Iron 

(1) Plunger 

(2) Vane 

(3) Repulsion 

(d) Induction 

B. Electrothermic 

(a) Expansion 

(b) Thermocouple 

C. Electrostatic 

Note: Instead of “permanent-magnet moving-coil” 
the following terms were also suggested: “d’Arsonval;” 
“fixed-field.” Instead of the principal heading A, 
“Electromagnetic,” the term “electrodynamic” was 
also suggested. 

3. As to Kind of Protection: 

(a) Dust-Proof 

(b) Moisture-Proof 

(c) Rust-Resisting 

(d) Water-Tight (Submersible) 

The terms “portable” and “switchboard” are self¬ 
defining. A third classification as to use is suggested, 
namely, “laboratory-standard.” 

In dynamometer (electrodynamic) instruments one or 
more coils move within the field produced by a fixed 
coil or coils. 

In permanent-magnet moving-coil instruments a coil 
moves within the field of a permanent magnet. 

In moving-iron instruments one or several pieces of 
soft iron are caused to move by the magnetic field of a 
fixed coil or coil system. Various forms of this ii^tru- 
ment (plunger, vane, repulsion) are distinguished 
chiefly by mechanical features of construction. 

In induction instruments the torque is produced by 
fixed coils acting upon moving conducting parts (disks, 
drums, etc.) in which currents are produced by electro¬ 
magnetic induction. 

Electrothermic tontmewte depend for their operation 
on the heating effect of a current. Two distinct tj^^ 
are (1) the expansion type, including the “hot-wire” 
and “hot-strip” instruments ; (2) the thermocouple type, 
where one or more thepaocouples which are heated 
directly or indirectly by the passage of a current supply 
adirect current which flows through the coil of a suitable 
direct-current mechanism, such as one of the permanent- 
magnet moving-coil type. 

EleetrostaMc instru'ments depend for their operation on 
the forces of attraction and repulsion between bodies 
charged with electricity. 
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A dust-proof instrument is provided with a case which 
excludes dust from the mechanism. 

A moisture-proof instrument is one in which moisture 
is excluded from the mechanism, or which is so con¬ 
structed that moisture will not damage the mechanism. 

A rust-resisting instrument is one whose case and parts 
are made of rust-resisting materials, or are specially 
finished to resist the corrosive effects of moist air. 

A water-tight (submersible) case withstands for one 
hour complete immersion in a tank containing sufficient 
water to cover all parts to a depth of at least three feet, 
without any visible trace of penetration of water into 
the interior. 

V. Requirements 

1. Construction. The construction of electrical in¬ 
struments shall be mechanically sound, suitable to their 
class and purpose, and shall be such as to give assurance 
of permanence in the accuracy of the indications. All 
materials must be suitable for the purpose for which 
they are used. 

2. Rating. The rating of the circuits of an instru¬ 
ment shall be equal to, or less than, the maximum 
current or voltage to which they may be continuously 
subjected without exceeding the permissible tempera¬ 
ture rises. These rises are to be those specified for the 
various classes of insulating materials by the Standards 
of the A. I. E. E., and refer to the standard ambient 
temperature of 40 deg. cent. 

If the rating of an instrument differs from the full- 
scale marking, the rating shall be marked on the 
instrument. 

The limiting observable temperature of shunts shall not 
exceed 120 deg. cent. It shall be measured by mercury, 
alcohol, or resistance thermometers or by thermocouples, 
any one of these devices being applied to the hottest 
accessible part of the shunt. Exception. This rule 
shall not apply to shimts having no soldered joint and 
made of material which is not permanently changed in 
resistivity if continuously subjected to a higher 
temperature. 

3. Insulation Resistarm <md Dielectric Strengths 
Tests for insulation resistance and dielectric strength 
shall be made bn finished instruments. 

The insulation resistance het^ all the electrical 
circuits of an indicator connected together and the case 
shall not be less than 20 megohms, as measured with a 
d.c. test voltbge of 500 volts. The insulation resistance 
between the current circuit and the voltage circuit of an 
indica.tor (where both exist) shall not be less than 5 
ni^ohms. 

'Wh.en’indicators are specified to have one or more of 
the circuits internally connected to the case, the neces¬ 
sary esceptiohs to these requirements are allowed. 

Dielectric strength tests shall be made with a wave 
form which is nearly sinusoidal and of a frequency be¬ 
tween the limits of 15 and 65 cycles. Tests shall be 
made between all the electrical circuits of the device 


connected together and the case. Instruments having 
a voltage circuit shall withstand for 60 seconds a test of 
twice rated voltage plus 1000 volts. Instruments wilk- 
oui a voUage circuit shall withstand for 60 seconds a test 
of 1000 volts. These are effective (root-mean-square) 
values. 

4. Scale and Pointer. The preferred value of each 
scale division should be either 1, 2, or 5 of the units 
measured, or any decimal multiple or submultiple of 
these numbers. In the case of multiple-range instru¬ 
ments exceptions to this rule may be necessary, but 
should be avoided where reasonably possible. 

The angle subtended by a scale division shall preferably 
not be less than 0.5 degree in portable instruments, or 
1 degree in switchboard instruments. When smaller 
angles are used, the legibility is decreased. 

The numbers marked, on the scale, except in the lower 
part of non-uniform scales, shall preferably be by steps 
of 1, 2, or 5, or a decimal multiple or submultiple of any 
of these numbers. The figures shall be of such shape 
as to minimize the risk of different figures being con¬ 
fused with one another, and shall be so spaced as to 
render individual numbers clearly distinguishable from 
adjacent numbers. 

In determining the influences of operating conditions 
(a) to (e) inclusive, page 8, ammeters and volt¬ 
meters should be tested with rated current or voltage 
respectively. Wattmeters should be tested with rated 
voltage and such a current (not exceeding the rated 
current) as will give a suitable deflection, preferably not 
less than that corresponding to one-half of the maximum 
reading. Frequency meters (except in the test for 
voltage influence) should be tested at rated voltage. 
Power-factor meters and reactive-factor meters should 
be tested with rated voltage and rated current, unity 
power factor. 

5. External Shunts. The main terminals of the 
shunt shall be so constructed that slight variations in 
the manner of connecting it in the circuit (such as might 
occur in an average workman-like installation) shall not 
alter the indicg,tion of the instrument by more than 
0.25 per cent. 

The thermal electromotive force produced by continu¬ 
ous operation of the shunt at rated current shall not 
exceed the value which would cause a change in the 
reading (at rated current) of 0.25 per cent. The con¬ 
nections to the circuit should be made so that the op¬ 
portunity for the escape of heat will be the same at 
both terminals. 

6. Marking. The indicator shall be distinctly 
m^ked with the following particulars in such a way that 
they will be visible from the front of the case: Name (or 
symbol) of manufacturer; serial number; designation of 
the quantity measured; the words “direct-current” or 
“alternating-current” or their abbreviations; the rated 
current, yoltage or frequency (or the ranges of these 
quantities) or such of these as apply ; the maximum 
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current and voltage, in the case of wattmeters, power- 
factor meters, and reactive-factor meters. Of these, 
only the scale marking itself and the designation of the 
quantity measured shall be conspicuous. 

In the case of alternating-current instruments the 
following additional items are required: Ratio of the 
appropriate current transformer expressed thus: 1200:6 
or 1200/5; ratio of the appropriate potential (voltage) 
transformer expressed thus: 6600:110 or 6600/110. 

The indicator of an ammeter having separate shunts 
shall also be marked with the drop of the shunt with 
which it is to be used, corresponding to full-scale 
deflection. 

Instruments having separate shunts or series resistors 
should be marked to indicate this fact. 

Separate shunts, if not interchangeable, shall be 
marked as follows: Name (or symbol) of manufacturer; 
serial number of the indicator with which it was calibra¬ 
ted; the line current corresponding to full-scale deflec¬ 
tion of the indicator; the rated current, if this is less 
than the preceding, and the drop at rated current. 
When the shunts are designed to be used with devices 
taking sufflcient current to be an appreciable proportion 
of the whole, this fact shall be indicated. 

Interchangeable separate shunts shall bear the above 
markings, except that theserial numbermay be omitted. 


Discussion 

W. B. Kouwenhovens On the fifth page of Mr. Brooks’ 
paper, where ho lists the proposed types as portable and switch¬ 
board instruments of various grades, I think that it would be 
advisable to add a third grade under the portable class. This 
third grade might be Imown as laboratory instruments. It 
should include instruments that can be used in rough, ordin^ 
work; something better than an indicator but not a precision 
instrument. I feel that a sub-classification giving the type of 
controlling force employed in the instrument would be of value 
and interest to the user. The controlling forces found in com¬ 
mon use in deflection meters are: 

1. Resisting force of a spring; 2. Torsion of a filament; 3. 
Attraction of gravity; 4. Attraction or repulsion of permanent 

magnet. ts 

On the eighth page, item d under heading 8, where Mx. Brooks 

discusses the effects of the external field on the deflection of the 
instrument, I think the last clause of that paragraph might well 
be modified to road as follows: That the external field be placed 
in such a location as regards phase and position that it will cause 
the maximum error in the instrument. i- 

One point that I think should be added to these specifications, 
is: What is the effect on the deflection of standing under load 
for one hour? A great many instruments change considerably 

on that test. * 

Another requirement that might be added is that an mstru- 

ment should be insect proof. , 

C. M. Greens There is one point at which I have been very 
much perplexed in connection with the use of instraments and 
in this connection I would particularly refer to Stand^ds of 
the Institute of Electrical Engineers” under date of 1922, p^e 
25 ‘‘Kinds of Current,” Rule 3104—Direct Current, 3108— 
pulsating Current and 3113 -Oontinuou 8 Craent. To my 
mind these apparently are normally rules or deflmtions without 

any actual defining. , , . . . 

It seems to me that our book of standards is in a most deplor¬ 


able condition in reference to the definition of the various kinds 
of currents, and if there is a single member here who can from 
these rules determine definitely where direct current leaves off 
and a pulsating one begins, I surely should appreciate it if he 
would help me out. 

I have heard complaints regarding some half-wave tungar 
rectifiers not fulfillii^ their rating, the rectifier being rated at 
6 amperes and the customer claimed that it gave 11, which was 
more than he wanted. However, with two ammeters connected 
in the circuit with the batteries which are being charged from the 
haif-wave tungar rectifier, the d’Arsonval type of instrument, 
which gives the average value of the current which is effective 
in charging the battery, recorded 6 amperes, the rating of the 
outfit, whereas an inclined-coil instrument giving the r. m. s. 
value of the current, or its heating value, recorded 11 amperes. 
Can anyone tell from our rules 3104 and 3108 whether the cur¬ 
rent flowing through this circuit was a direct or pulsating cur¬ 
rent? For all intents and purposes the battery was being 
charged just as effectively at 6 amperes as though it had been 
from a normal d-c. source, and as such was the current flowing 
into the battery a direct or pulsating one as determined by the 
above rules? 

A. E. Kennellyt T would like to call attention to one point, 
namely, that if this work is going to be serviceable to the Ameri¬ 
can Institute of Electrical Engineers, it must be serviceable to 
our fellow groups of engineers in other countries than this, and 
therefore it must be expressed in one and the same, system of 
ymita The uuits employed in these specifications are in the 
main metric, as I think we will all agree that they should be, 
but there are a few of the specifications such as for example 
appear in the immersion problem on the ninth page, which call 
for immersion under three feet of water. 

It seems to me that in order to make the specifications uni¬ 
versally suitable to all possible parts of the world, one and the 
same system of units should be used throughout. 

J. R. Craighead: On the fifth page of Mr. Brooks’ paper 
he states that the Committee was fully agreed that the word 
“indicator” is obsolete as indicatii^ an instrument of somewhat 
inferior accuracy. It has not seemed to me that the word is 
obsolete in that sense. I was glad to note that Professor Kou- 
wenhoven, requested that there should be inserted in the table 
on the fifth page a place for an instrument which would come 
between the grades indicated. He said that it should have an 
accuracy “better than an indicator, but somewhat less than a 
precision instrument.” The language would suffer a loss if we 
out out the use of the word “indicator,” for that purpose because 
its use is active at the present time. ’ ^ ^ 

On the seventh page the definitions of the circuits of indicators 
a.'n^ instruments are so drawn that they do not refer to definite 
mechanical parts of the apparatus; rather, they refer to the 
circuit connections. I cannot say that this is necessarily objec¬ 
tionable, but it is a fundamental change from &e way that such 
definitions have usually been made. That is, if we build a five- 
ampere instrument and set it on the shelf and we have a current 
transformer for use with that instrument, in any given case 
the transformer may or may not be used. If we use the 
ment alone, the current circuit of the instrument is then both the 
indicator circuit and the instrument circuit. The instrument 
and the indicator are identical. If, on the other hand, we con¬ 
nect this circuit to the secondary of the current transformer, the 
circuit becomes the indicator circuit, and it is no longer correct 
to refer to it as the instrument circuit. The primary circuit of 
the current transformer then becomes the instrument circuit. 

Similarly in attaching a millivoltmeter to a shunt, the instru¬ 
ment becomes the shunt plus the parallel cucuit made by the 

millivoltmeter winding. The indicator circuit is the miUivolt- 

meter winding, but if you use the millivoltmeter dueet, the milli- 
voltmeter winding becomes the instrument circuit. 

I am mentioning this to call attention to the action this com- 
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mittee has taken and to note that it is considerably different 
from previous practise. 

Paragi’aph 8 on the eighth page is divided into a, b, c and d. 
The word “greatest” implying a maximum error is implied in 
paragraphs b, c and d but omitted in paivxgraph a. It would 
seem that as this case is strictly parallel to the others the error 
should also be defined as a maximum. 

Under paragraph d the statement I'egardiug the location of the 
field is not quite complete. That is, if we fonn a field of five 
gausses and intrude an instrument into that field, the field is 
then more intense than five gausses at soiTie points and loss 
intense at other points. There should be some other closer 
definition as to the point at which the five gausses are to be 
maintained in order to get a definite thing which can be repeated 
at different places. That is, the resultant field would be very 
largely affected by the size of the coil u.sed to maintain it, and 
by the exact way in which the coil was placed with relation to the 
instrument itself. 

H. B. Brooks: I am sure that the favorable comments made 
by Dr. Kouwenhoven and Dr. Keimelly are appreiuated by 
the Subcommittee which has had the task of preparing lliese 
specifications. 

Dr. Kouwenhoven suggestion for a third grade of portable 
instrument is in line with recent developments. 'Pho General 
Electric, Weston, tind Westinghou.se companies have all pro¬ 
duced smaller portables for general purj)oses, such as trouble 
location. 

The comments of Dr. Kouwenhoven and Mr. Craigluiad about 
the specification with respect to the effect of external field are 
very good and the specification should bo modified accordingly. 

In regard to Dr. Kouwenhoven’s question about the rating, it 
may seem puzzling that we have two standard temi>eraturos for 
instruments. The explanation is that the twonty-degret* 
requirement refers to instrumont porforinanco; that is, to 
accuracy and other operating characdicristics, witli the exceplion 
of ability to stand overloads. The forty-degrfMj i’etiuirement 
refers to the rating; that is, an instrument must bo capable of 
carrying tlie specified load for the .sp(«cified time with tlio external 
temperature at the unfavorable jjoint of forty degreo.s centigrade. 

I agree with Dr. Kouwenhoven’s .suggestion, at least as far as 
portable instruments are concerned, that there should bo a 
requirement limiting the permissible change in accuracy caused 
by standing in circuit. In the case of switchboard instruments 


it might be sufficient to specify that they should stand in circuit 
with a given load for say one hour Ix^fore the a<?cui‘acy test is 
begun. 

Mr. Green reports the interesting eircuinstance that two 
porlVsctly eonwt amimitors connecteil in series in the output from 
a rectifier may sliow values as different as six and elevcm amperes. 
It is unfortunate that there is not available in standard text books 
a good discussion on the subject of (he m(^n.suremenl, of pulsating 
currents. Tliore are only I wo things in print about Ibis, of which 
T am aware. The first is a discussion by Mr. P. MacGaliau and 
was published only for Iho engineering department of the 
Westingliouse Company. The siscond is an article on “Selecting 
Ammeters for Various Current IVleasiirmnents,” by Mr. V, H. 
Todd of the Westingliouse ('^niipany, in KUrlriail Review 
(Chicago), October fiO, 1920. It is really (piite ini|>ortaut to 
to cboo.so the projier ammeter and it depends upon whether you 
are interested in the elTis-tive value of the current or in the aver¬ 
age value. If ymi are charging a battery with a pulsating current 
you want an instruim'iit which im-asiires the aviM'age value; 
Avlien operating lamps or b<*alJng devices an ammeter which 
nt<)a.sures the elTeelive value slionhl be iised. 

Dr. Kemielly is quite right in saying that if Aniei-iean speci¬ 
fications are 1.0 l)C! most useful for .Ameiican luiginecrs, they must 
al.so bo .suitable for foreign engineers, and I a m sure the committee 
will make the necessary corrections. 

.As (wMr. Craighead’s comments about the word “indicator,” 
I believe that word is no longer used in instninu'iit catalogs 
or in teelniieal articles, but 1 am glad li> be eorrec(.ed if such is not 
the ca.se. 

Tliore is a very good reason for using the word in the sense that 
the committee proposes. We have tried in vain to find anol;her 
English word which will ifxpress the thought and still leave the 
word instrument for the eoiripJeli? nieasiiritig oqiiipirient; that 
is, the indicating device with all of its aceassories. 

As lio the suggestion of M r. (h'aiglu*!ul that the word “greatest” 
.should appear on jmge 901 in cotmeeiion with (ho definition of 
(■eiiiDeratnre iiidiKMice, 1 would say that to the best, of our knowl¬ 
edge temperature elTeets on instrunnuits witliiii a range of a 
plu.s or inimis ten degrfses centigrade are ul ways linear. For that 
reason we did not feel it nooessary t-o put in the word “greatest,” 
but tlio effect of frocineiicy, for exaJiiiile, is often quite different 
from Hiiear, and the effect of the other iiuantilics may also be 
safely specified by putting the word “gri’atest” in (In? three 
dofinitioiis. 
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Review of the Subject.—Practise has confmned the theory 
that a valve type of lightning arrester is the best; that is, one which 
has a very large resistance or impedance at rated voltage, but which 
has a resistance of only a comparatively few ohms at say double 
rated voltage. The aluminum arrester was the first of this type and 
its success is well known. Somewhat later the oxide-film (OF) 
arrester was developed to overcome the disadvantage of charging, and 
this type too has had remarkable success. 

A modification of this “OF” type is now announced. Briefly, 
pills or pellets of lead peroxide, the chemical powder used in the 
present ‘'OF” type, are made and coated with an insulating 
film of powder. They are about the size of the familiar sugar 
coated pills. These are simply poured in an insulating tube. 


T he theory and principle of the oxide film lightning 
arrester have been pretty thoroughly taken up in 
previous papers^ and its successful operation in thou¬ 
sands of installations has proved the results obtained in 
the laboratory. Prom the first, efforts have been directed 
toward applying this principle to a form of construction 
other than the present one, so that a less expensive unit 



Fig, 1—Lkad Peroxide Pellets Before Being Coated 
WITH AN Insulating Powder 

could be made. For small capacity of power apparatus, 
there is a limit to the money which can be expended for 
protective apparatus, and it is for such conditions that 
the type of arrester to be described, was developed. 

The main difference between this new pellet type of 
oxide film (OF) lightning arrester and the present “OP” 
cell is based upon a relation explained by colloidal 
chemistry. 

A small part of the subject of colloids deals with 
grains, and states that a small grain will adhere to a 
larger one and cover it. As a familiar example, sugar 
adheres and coats blueberries, when the two are 
shaken together. Also in the extreme, it is for the 
same reason that lead pencils write on paper, and chalk 
on boards, that is, the plane surface in these cases is the 
larger grain. 

This principle has been made use of in applying the 
basic principle of the oxide film arrester to this new 
pellet type. If lead peroxide (P6O2), the filler of the 
“OP” cell, be made into a round pill or pellet, and 

1. Tranbactionb, A.LE.E., 1918, Vol. XXXVII, page 871. 

Transactions, A.I.E.E., 1920, Vol. XXXIX, page 1981. 

Presented at the Annual Convention of the A. I. E. E., 
Swampscolt, Mass., June 26-29,192S. 


ric Co., Schenectady, N. Y. 

terminals put on each end in contact with the pdlets, a series gap 
added, and the arrester unit is complete. 

In action, each pellet is a miniature “OF” cdl, so the arrester 
tube contains a number of them in series and parcdleL. The over¬ 
voltage surge discharges through the pellets, which have a low resist¬ 
ance after the powder film is punctured, and sealing occurs at the 
contact of the various pellets. No dynamic or normal frequency 
current passes. 

The characteristics are similar to those of the present “OF” 
arrester, giving it the fundamented characteristics a successful ar¬ 
rester must have. The pellet construction permits of a simple, flexi¬ 
ble and comparatively cheap design. 


shaken up with a fine powder, the pellet will become 
coated with this powder. This then is what is done: 
Lead peroxide pellets are shaken up with an insulating 
powder and thoroughly coated. Fig. 1 shows the 
pellets before being coated and Fig. 2 after being coated. 
Each pellet is now a miniature “OP” cell, consisting of 
an outside film, which is the insulating powder, and the 
active internal filler, which is the original pellet. To 
make a lightning arrester these covered pellets are 
placed in an insulating tube, of say porcelain, and bare 
electrodes attached to each end of the tube in contact 
with the pellets. The electrodes act both as terminals 
and covers for the container. Between the terminals 
of the container, there are hundreds of these miniature 
“OP” cells in series and parallel. The over all length 
of the container depends upon the voltage rating of the 
arrester desired, and the chosen diameter of the tube is 
related, (to a certain extent), upon protective value and 
life of the arrester. 



2—Lead Peroxide Pellets After Being Coated 
WITH AN Insulating Powder and Before Being Used in 
A Lightning Arrester 

The film of insulating powder apparently acts as a 
porous spacer and not as a solid insulation. This is 
shown in Fig. 3, in a way, by the microphotograph of a 
covered pellet magnified to 25 diameters. In the photo¬ 
graph, due to the high magnification, only the center of 
the pellet is in focus. The insulating film, acting as a 
spacer and not as a solid, eliminates the objectionable 
time lag of establishing a spark, that solids have. This 
fact is borne out in tests —the equivalent sphere 
gap (E. S. G.) being low. A high-voltage impulse dis¬ 
charge goes through this pellet arrester in a number of 
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parallel paths and sealing or recovery occurs at the 
contact surfaces of all pellets effected by the discharge 
in the path of the discharge current. 

While the basic principle of this pellet arrester is the 
same as the present used “OF” unit, the difference in 
construction of the pellet type causes some modification 
in the film action. The leakage current is very much 
less in the pellet type. It is less than one milliampere 
when new, and contrary to expectations, continued 



Fig. 3—A Lead Peroxide Pellet After Being Coated 
WITH AN Insulating Powder 
M agnlHcation Is 25 diameters. Only a central ring is in focus. 

service does not increase it. It seems that sealing or 
recovery is more complete between peroxide surfaces 
than between a lead peroxide and a metal surface, — 
the condition which exists in the present “OF” cell. 
This fact is of course beneficial. The pellets become a 
bit irregular due to continued use and the sealing 
surfaces can be easily seen on each one. Fig. 4 shows a 
picture of a lot of pellets taken from a 2300-volt arrester 
which had been given repeated discharges from a 
lightning generator* while , also connected to a 2300- 



Pig. 4 —Lead Peroxide Pellets After Being Coated 
WITH AN Insulating Powder and After Extensive Use 
IN A Lightning Arrester 

volt 60-cycle circuit of high kw. capacity. The worn 
condition of the pellets can be readily seen. 

It might be exp^ted that such small contact surfaces 
would be quickly worn away^ but such does not seem to 
be the case. A contact surface once punctured by the 
discharge, and sealing having occurred, is still available 
for further use-pf the contact surface 
bjgw^^eflets fe ^eat*^^: The pellets do become a 

Vol. 24, pag^e 946. 


bit irregular in shape from service, but they are amply 
strong to carry a heavy impulse discharge. Although 
dsmamic does not follow the impulse, over voltage 
dynamic tests show the pellets also to have ample 
strength to carry a heavy dynamic discharge. Life 
tests show hardly any deterioration although an excess 
of the insulating covering of the pellets becomes blown 
or shaken off. The necessary amount of covering 
seems to adhere regardless of service. This fact, 
however, is beneficial rather than harmful as it improves 
the protective value. 

The construction and size of the pellets for both 
successful and best operation is of course important. A 
successful arrester must (1) discharge the smge freely 
at some definite voltage above normal; (2) the free 
discharge must be sufficient to relieve the voltage strain; 



Pig. 5—^Pellet Ttpb Oxide Pig. 6 — Pellet Type 
Film Ijiqhtning Arrester for Oxide Film Lightning 
2300-Volt Service Arrester for 15,000- 

Volt Service 

(3) the insulating film on the pellets must reseal, that is, 
prevent the dynamic from following the abnormal surge 
and (4) it must have endurance and life. All of these 
factors are related to the size of pellet, and the best size 
has been determined by extensive laboratory tests. 
Pellets, as now used, are about one eighth of an inch 
in diameter. 

The electrical characteristics of this pellet arrester 
are very similar to those of the present “OF” arrester, 
therefore oscillograms of representative tests are not 
shown, as they would simply be duplicates of those 
published heretofore in the papers already referred to. 

The futme of this type of lightning arrester appears 
to be very bright -^ it has all the characteristics 
demanded by the basic theory of lightning arresters, 
and the mechanical form of pellets lends itself to a con¬ 
venient, flexible and relatively cheap construction. 
Fig. 5 shows a 2306-volt arrester and Fig. 6 a 15,000- 
volt arrester. 
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Discussion 

K. B. McEachrons The pellet arrester represents an exten¬ 
sion of the oxide film principle in an ingenious manner. The 
problem of making, commercially, small pellets of lead peroxide, 
and coating them with litharge has been solved in a satisfactory 
manner. 

In design it is possible to increase the discharge rate by increas¬ 
ing tho number of pellets in parallel and to increase the operating 
voltage by increasing the number of pellets in series. The 
arrester is simple in construction and offers some advantages 
over the cellular type in the matter of assembly. 

A large number of tests have been made on the arrester while 
in the developmental stage and also after being put in produc¬ 
tion. A volt-ampere curve (expressed in r. m. s. values) 
taken on a group of SOOO-volt arresters using the discharge from 
.a lightning generator is shown in Fig. 1. It will be seen that the 
voltage across the arrester at currents below 100 amperes lies 
between 4 and 6 kv. This value is practically the same as 
obtained from other good aiTesters of the same voltage rating. 
With an instantaneous current, 1500 amperes, the voltage is 
approximately 8.5 kv. This voltage is considerably lower at 
these higher currents than any other arrester we know of. 

It is probably true that under lightning conditions in service 
on a distribution circuit, that most of the discharges will bo of 
low current value, but the reserve capacity is present in the 
pellet arrestor if needed. 



PiQ. 1 —Volt-Ampkues Charactbuistic of Pellet Abrbstbrs 

(3000-volt) 


V, E. Goodwins It has been a source of gratification to me 
to note the interest and progress which has been made in recent 
years in the methods of test and in the development of lightning 
arresters. This is a line of work in which we can have no preju¬ 
dice and no favorites. 

It is only a few years ago that arresters were tested with a 
static machine and Leyden jars. A little later the lightning 
generator was brought out with larger condensers operated at 
100 kv. and later at 250 kv. At that time we entered what might 
be termed the wood splitting age as blocks of wood could easily 
be shattered by discharges of this magnitude. Recently we 
have all heard of the 2,000,000-volt generator. 

Great improvement has Ukewise been made in the methods 
of measurement of these impulse voltages. First these measure¬ 
ments, were made with needle gaps and later by sphere gaps 
which were more capable of measuring the crest values of 
voltage. Recently we have been able to study the decrement 
as well as the crest values of voltage. This decrement in voltage 
is of great importance as it gives a fair idea of the value of the 
voltage at any time during the discharge of the arrester. This 
is accomplished by means of gaps having greater and knovm 
time lags, such as gaps with shunt capacitance and resistance, 

A few months ago we had an excellent paper by Mr. Atherton 


describing the development of a new type of valve arrester. 
Today we have this paper by Mr. Lougee which gives a general 
description of pellet type oxide film arrestor. This is another 
valve t 3 ^e arrester. Valve type arresters have ideal characteris¬ 
tics from an operating standpoint as they allow little or no 
dynamic current to follow the lightning discharge. Any flow of 
dynamic current is objectionable and should it continue for 
over a cycle or so a serious interruption to service is liable to 
follow. The chief difference between it and the standard oxide 
film arrester is that the cell element in the former is the individual 
pellet. The operating voltage per cell is miieh lower which 
allows of great flexibility in design. 

The pellet design has an excellent volt-ampere characteristic, 
as Mr. White has just shown by the curve on the blackboard. 
This means that the arrester has low impedance to lightning 
impulses and will handle heavy discharges without excessive 
rise in voltage. The arrester also has a high dynamic voltage 
failure point. This is another important consideration since 
arresters are frequently called upon to function during line 
troubles when the line regulation may be momentarily very bad. 

C. P. Steinmetz: The pellet type of oxide film lightnii^ 
arrester, adequately fills a gap for which no economically suitable 
lightning arrester was heretofore available, namely that of primary 
distribution circuits of 2300 volts and over, up to 13,200 volts 
and more. 

The first great advance in lightning arrester engineering was 
made by Alexander J. Wurtz, in his investigation of the non¬ 
arcing metals. This gave us the multigap lightning arrester. 
Its characteristic is, that the dynamic which follows the static 
discharge is out off at the end of the first half wave, and there¬ 
fore does not disturb the circuit. The multigap arrester re¬ 
mained the standard of the best type of arrester until electric 
transmission voltages, had increased to values at which arcing 
grounds could exist. Then the multigap arrester failed, for 
these higher voltage circuits, as it is almost instantaneously 
destroyed by an arcing ground, and for sometime the protection 
of transmission lines against lightning appeared almost hopeless 
indeed. 

The problem was solved by the development of the aluminum 
cell arrester. Its characteristic is, to let the static pass 
freely, but not to allow the dynamic to follow at all. Therefore 
the aluminum arrester can take care of arcing grounds for a 
reasonable length of time. It quicldy became the standard of 
excellency, used wherever protection was of importance. Its 
only disadvantage is, that it requires attention, that is, syste¬ 
matic charging. This disadvantage was overcome by the 
development of the oxide film arrester. This also is a counter- 
e. m. f. or valve type of arrester and like the aluminum cell, 
has the same high discharge rate, the same ability to cope with 
arcing g^rounds, and the other good features of the aluminum 
arrester, but it requires no attention. It therefore rapidly 
replaced the aluminum arrester. 

For low Voltage primary distribution circuits, such as 2300 
to 13,200 volts, and more particularly for the protection of 
smaller apparatus, such as lighting transformers, distributed 
on such circuits, the standard forms of aluminum and of oxide 
■film arresters were not econpntdcal, in view of the relatively low 
cost of the individual protected apparatus. The problem there¬ 
fore arose, to produce an arrester of the type of oxide film, which 
is economically suited for these circuits. This has been solved 
by Mr. Lougee in making ^is arrester economical for lower 
voltages by putting it into pill form, as we may say. But though 
in piU form, it is a real lightning arrester; it has the same high 
discharge rate, the same self-^healing qualities, etc. It has lost 
noneof the, advantageous features of the standard oxide film 
arrester'.'' 

In its present form, the pellet arrester is a development 
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whicli had been practically completed some years ago; with 
apparatus as lightning arresters, where the final decision of 
excellency after all is the practical experience, it is our fixed policy 
to try it out thoroughly for years, first in our laboratories, and 
then in industrial circuits, by the installation and operation of 
numerous arresters, so that, when we finally present it to you, 
our statements are not the expectation and hope based on 
limited laboratory experiment, but are the result of years of 
experience on hundreds of arresters in real industrial service. 

A. L. Atherton: There is one interesting and very signifi¬ 
cant point which is illustrated, or rather emphasized, by the 
description by Mr. Lougee of this new form of the oxide film 
lightning arrester. That point, fundamental to the lightning 
arrester industry, is that the manufacturer for whom Mr. Lougee 
speaks, and the one for whom I am speaking, the Westinghouse 
Company, are both striving in lightning arrester development 
toward pretty much the same thing. 

This is important in lightning arresters because some other 
manufacturers are not striving toward those same ideals. The 
special significance of the basic agreement of those two companies 
lies in the fact that both are fundamentally manufacturers of 
what we might call primary or working equipment, and are only 
suppliers of lightning arresters and other accessory types of 
equipment because it is realized that these are necessary if the 
systems for which apparatus is supplied are going to perform in 
such a way as to promote the gi’owth of the electrical industry 
as a whole. 

Lightning arresters are a minor pai't of our business. The 
engineers who develop and design lightning arresters are charged 
primarily with the problem of protecting apparatus and only 
secondarily with the provision of apparatus which will bo a 
profitable business. 

That the two organizations which approach the problem from 
this broad viewpoint aim at the same characteristics as a funda¬ 
mental, is significant because it is a rather clear proof that those 
characteristics are the right ones. There are quanfltios of 
devices made and sold and used with the idea that they are 
protective devices, but in the design of which all of the principles 
that have to do with correct protective equipment are completely 
neglected. 

This point is stressed because I believe that the cause of the 
use of these inferior devices is the lack of general understanding 
of the requirements for lightning arresters to give perfonnance. 
I don’t think very many people make poor investments know¬ 
ingly and willingly. 

In this connection I would like to make a suggestion in regard 
to the presentation of information on lightning arrestors. Such 
information should be in very definite, specific, quantitative 
terms, which it has not very generally been in the past. When 
we speak about resistance of an arrester, it is better to say so 
many ohms than to say it is a low resistance. This sort of 
information is lacking in Mr. Lougee’s paper, probably justi¬ 
fiably, but was supplied to some extent in one of the discussions. 

There are one or two points in connection with the arrester 
itself on vrhieh I would like to comment. Every one has found 
it very difficult to make solid dielectrics in which the breakdown 
voltage is rdiable, particularly when the voltages required are 
low. Mr. liougee probably has a very vivid realization of this 
from work in development, to a reliable point, of the varnish 
film on the older form of oxide film arrester. In this case the 
voltage that was aimed at was something like three hundred 
volts breakdown per film. 

The dimensions of the pellet arresters are not shown, but 
judging from the cut. Pig. 5, there is a column of pellets, some¬ 
thing like six or seven inches long, in the 2300 volt arrester. 
This would mean something like sixty pellets in series, or sixty 


miniature oxide film cells, as they are called by Mr, Lougee, in 
series for 2300 volts. 

This represents a normal voltage rating of forty volts or so 
per cell and means that the breakdown per dielectric film has to 
be of the order of forty or fifty volts to give a reasonable total 
breakdown voltage. 

It certainly is an accomplishment if solid material has been 
provided which is reliable in breakdown at voltages of that 
order. Of course, the curve given in discussion has no bearing 
on this point since it indicates only characteristics after break¬ 
down. 

The matter of life of arresters under discharge, referred to on 
page 1020, is one of particular importance. More definite informa¬ 
tion about the conditions in the tests referred, to would be of 
interest. 

An arrester, even of the distribution typo, has to carry several 
hundred amperes and sometimes even a thousand amperes of 
surge current. Laboratory tests which wo have made indicate 
that the life of any kind of arrester varies very greatly with the 
current. Typos tliat fail after two or three thousand discharges, 
at an overload condition of 5000 .amperes, seem to hist indefi¬ 
nitely with currents of the order of two hundred to live hundred 
amperes. The roferetiee in the footnote describes tests in 
which the currents are of the order of fifty amperes. It would 
bo intei*esting to know further about those tests, in order to 
know their significance, and to have «lata on life under conditions 
which approach service conditiotis in sevoi’ity. 

This point is of particular importance in the typo of arresters 
described. The gradual change toward a condition of open 
circuit, which is taken cans of in tlie older typo with the cell 
testing device, presumably takes phico in this twroster also, 
sinho tile same chojnical action is the luisis of j)erformaneo in 
both cases. After some length of service it would seom that this 
gradual change will result in an arrestor which is pwiotioally 
open-circuited but which appears from vi.sual inspection to be 
intact and operatives. Irsspection by testing is not feasible with 
distribution arresters. The idea is pretty well established that 
lightning arresters, i)articnlarly for this cljuss of service, must 
indicate voiy cleai’ly whether openilivo or not, even by an 
inspection from tho ground. It w«>uld be intjuresting to Imow 
whether this has boon takeii care of and how. 

E. R. Stauffacher: On the first pag(.» tho statement is made— 
“To make a lightning arrester those covtwed pellets ai'o placed 
in an insulating tube, t)f say, porcelain, and bare electrodes 
attached to each end of tho tube in contact with tho pellets.” 

I should like to inquire whether tho eonstnietion of a com¬ 
mercial arrestor is such that the wire which connects between 
the line and tho column of pellets goes directly to the column or 
whether there is an air gap interspersed. Probably I can illus¬ 
trate this on tho board. In the con.struction as shown in A, or as 
shown in Pig. 2. 

If tho B construction issued, the leakage would bo constant, 
although it would be only of a very small amount, “less than one 
milliampere when new, and contrary to expectations, continued 
service does not increase it.” 

However, if there should be a gradual deterioration of these 
pellets, or if tho leakage remains the same as when new and you 
had a great many of these arresters, for example, several hundred 
connected on a distribxition circuit, there will be a condition of 
a multitude of slight grounds on this circuit. This would cause 
considerable annoyance when every effort is being made to keep 
the system clear of grounds and confusion would result if each 
circuit had a ground detector connected to it. 

As I understand it, this is primarily a distribution type of 
arrester used for the protection of transformers at industrial 
plants and at snlall pumping plants, for example, such as exist 
in considerable numbers in Southern California. 
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The statement is made that the tests of the pellet arresters 
show practically the same characteristic 
as that of the oxide film cells with which 
we are so familiar. However, is there any 
quantitative value which could be placed 
upon them? The standard oxide film 
coll has a certain discharge capacity. A 
eolunm of pellets has another certain dis¬ 
charge capacity, depending upon the di¬ 
ameter and the length. What is the 
relation between the two? In other words, 
would it be possible to substitute a number 
of those pellet type turesters for one of the 
oxide film arresters to protect the toans- 
formers at a large capacity substation? At 
some of our smaller substations it is found 
more convenient to mount an arrester on 
a polo. If severtil of those distribution 
typo pellet aiTesters could bo mounted 
in parallel in place of the ordinary oxide 
film auTester, probably the construction 
would be much cheaper. 

I would appreciate very much hearing 
fnmi Mr. Lougoo, or any of the discussers 
as to whether they have any information 
on this point. 

N. A. Lou^ees Mr. Atherton has asked several questions 
relative to the protective value and life of the pellet arrester. 
While it may be ot interest to know that in spite of so many 
miniature cells in series, the 60-eyclo or low-frequency voltage 
breakdown is very sensitive, it is the impulse breakdown which 
we are interested in with lightning arresters. The curve shown 
by Mr. MoEaohron gives the maximum voltage drop across the 


arrester during high-voltage impulse discharges with large values 
of current. This voltage, measured by a sphere gap. records the 
maximum voltage appearing across the arrester, and which may 
be either the initial breakdown voltage or the voltage drop across 
the arrester during discharge. The results which have been 
obtained as illustrated by this curve show unusually low voltages, 
insuring a high degree of protection. As stated in the paper the 
sensitivity of the arrester, although composed of many films in 
series, may be due to the fact that the litharge film acts princi¬ 
pally as a spacer and not as a solid dielectric. 

Mr. Atherton’s reference to a former paper may be somewhat 
misleading. Some of the tests referred to in this paper were 
surges of arcing ground characteristics and were used to help 
determine the life of the regular OF arrester. The lightning 
generator has since been developed and is the criterion, of 
course, in all types of tests. The pellet type has successfully 
withstood thousands of discharges on this circuit. This older 
test referred to, the arcing ground, is still of value, as there are 
very few types of lightning arresters which can successfully 
withstand this sort of test for any length of time. 

Extensive laboratory tests show that testing will not be 
required. This is apparently due to the number of pellet cells 
in parallel and because they are affected even less by discharges 
than the regular OF cells. 

Mr. Stauffacher asked if a series gap is used. It is used, even 
though the leakage current is extremely minute, and it is used 
principally to prevent grounding the circuits and to eliminate the 
small ground currents which would occur. Although the pellet 
type was developed primarily for low voltage distribution cir¬ 
cuits, extensive tests prove that it is the equal of the OF type, and 
we see no reason why it can not be used to protect any type of 
apparatus and on any type of circuit. 


To Line 





A Continuous-Current Generator for High Voltage 

BY S. R. BERGMAN 

Associate A. I. E.B. 

ConsttUing Engineer, General Electric Company 


Review of the Subject.—Of all electro-dynamic machines, the 
direct-current machine 'probably is the best understood. It was the 
first machine to be commercially utilized and it is an interesting 
matter from an engineering standpoint to follow the evolution which 
this type of machine has passed through. The first great improve¬ 
ment to be incorporated in this type of machine was the application 
of commutating poles. As is the case in any radical development, 
engineering opinion was much divided as to the usefulness of such a 
construction. At first it was held that commutating poles were 
only useful where the service was severe, as, for example, in adjustable 
speed motors covering a large speed range. Today, however, it is 
well realized that commutating poles are advantageous in all kinds 
of direct-current machines, except in very small machines of frac¬ 
tional horse power output. 

It is well understood in the art that commutating poles alone 
do not offer a perfect solution of the direct-current problem, since 
there exists in such machines troublesome flux distortions. Many 
attempts have been made to overcotne this by aid of distributed wind¬ 
ings, and in this paper is described a form of such windings, which 


have given excellent results both from an operating and an economical 
standpoint. This distributed winding consists of two parts, one of 
which may be considered a counterpart of the armature, and is called 
a compensating winding. This ‘winding opposes the armature 
reaction in every point around the circumference and effectively 
prevents any distortion of the flux. There is also a second winding 
for supplying the excitation and as is described in the paper, this 
winding is also distributed. 

By aid of such field windings, it is possible to meet very extreme 
conditions of service, for example, as is met "with in high-voltcige 
machines. In the machine that is described, the voltage betwee'n 
bars runs up to about 100 volts, or nearly four times the conventional 
vcd'ue; nevertheless, the commutation is perfect. Machines rated 16 
kw. have been built successfully up to 16,000 volts. 

One of the mechanical difficulties in building high-voltage, direct- 
current machines lies in the building of the commutator. A novel 
type of commutator is described in the paper. This commutator 
construction provides simple means for holding the segments to¬ 
gether, and at the same time secures high insulation qualities. 


A PROBLEM of long standing in electrical engi- less work. By means of vacuum tubes, the direct 
neering, which offers many difficulties both from current is converted'into high-frequency alternating 
an electrical and from a mechanical standpoint, current. This system has proved to be successful 
is that of producing continuous-current machines for and possesses a great many advantages. The purpose 
very high voltages. The application of high-voltage of this article is not to discuss the system as a whole, 
continuous current to power transmission has been but to describe the design and construction of con- 
seriously considered, and to a small extent carried out tinuous-current generators built for wireless applica- 
abroad by Thury. The Thury system consists of a tions and ranging in voltage from 12,000 to 20,000 volts, 
number of series-excited generators coupled in series, It is believed that this type of machine possesses a 
each generator being designed for a moderate voltage number of novel features of general interest, 
of a few thousand volts. While this system has been Early experiments with high-voltage, continuous- 
actually carried out in a few instances abroad, it has current machines for wireless work have shown that 
not had any application in this country, and since the under certain conditions, difficulties arose due to 
generators are only of moderate voltage, their structural pulsations in the current wave. At first, it was thought 
features, viewed from the standpoint of high voltage, that this was due to the fluctuations inherent in any 
do not appear to be of any great interest since the volt- commutator machine, since the resultant voltage in 
age that we are considering ranges as high as from such machines is, in reality, a rectification of a large 
12,000 to 20,000 volts per generator. number of coils. However, these fluctuations often 

In the early development of arc lighting, machines became much larger than the theoretical value, and an 
for high voltage were produced to give unidirectional, investigation disclosed .that these fluctuations were 
but pulsating current. The voltage ran as high as mainly due to faulty commutation. If the current is 
10,000 volts per circuit. Examples of this t 3 ^e are the not properly commutated, it is a well-known fact that 
well-known Thomson-Houston arc generator and the the extra currents react magnetically upon both the 
Brush arc machine. These machines cannot, however, exciting and commutating circuits, resulting in changes 
be considered continuous-current machines since they in the induced voltage. It is, therefore, essential that 
produce a pulsating current. They are of the open the commutation should be absolutely perfect. • 
coil type and come nearer to that type of apparatus Another difficulty that is met with due to the char- 
known as rectifiers. A very marked arcing occurs on acteristics of the tubes, is the possibility of dead short 
the rectifying segments, and since the current is pul- circuits. The machine must, therefore, be built to 
sating, this type of machine cannot be used for any pur- withstand short circuits without flashing, since flashing 
pose req uiring a non-pulsating voltage. at this high voltage may seriously damage the commu- 

Lately, a demand has been created for continuous tator and brush rigging. 
current ma chines of high and steady voltage for wire- Another difficulty in designs of this nature lies in the 
Presented at the Annual Convention of the A. I.. E.. E., naechamcal linutation of the number of segmente in the 
Swampscott, Mass., June ee-S9, loss. commutator. It is generally considered that in con- 
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tinuous-current machines, the average voltage between 
bars should not exceed 25 volts. In order to limit this 
voltage, two armature windings are employed, each 
winding connected to a commutator at each end of the 
armature. An investigation of the mechanical di¬ 
mensions of a 15-kw. generator showed that by employ¬ 
ing the largest number of segments that were practical 
per commutator, the average volts per bar become 
about 90 volts, or nearly four times the conventional 
value. 

One of the serious questions is, therefore, whether it 


pole machine. The inner circle represents the conduct¬ 
ors of the armature winding, the middle circle repre¬ 
sents the conductors of the compensating winding, and 
the outer circle represents the conductors of the excit¬ 
ing. winding. The current distribution in the conduct¬ 
ors is shown by means of the usual convention in which 
crosses and dots applied to,the conductors indicate 
respectively that the current is flowing away from or 
toward the reader. The direction of the armature 
reaction is obviously indicated by the line A B. The 


is possible to build a continuous-current machine having 
90 volts per bar which will withstand instantaneous 
short circuit without flashing. 

It is well understood that where commutation con¬ 
ditions are severe, as in motors which must operate over 
a wide range of speed, or in machines which have to 
endure heavy and sudden fluctuations in load, the 
operation of direct-current machines can be greatly 
improved by emplo 3 ning a compensating winding for 
neutralizing the armature reaction. A well-known 
form of a compensated machine consists of a concen¬ 
trated form of exciting winding with definite poles and 
a compensating winding laid into the pole faces. 
Experiments have shown that a still better operation 
can be obtained if both the exciting and the compen¬ 



sating windings are distributed. Windings of this 
type were, I believe, first proposed by Deri, but, as far 
as I am aware, this type of winding has not been 



Fig. 1 


employed to any large extent in the industry due to the 
additional expense of such windings, both due to 
material and labor. The writer has, however, found 
that by distributing the compensating and the exciting 
windings in a certain way, it is possible to obtain results 
which are electrically perfect, mechanically simple and 
economical with respect to material. 

In order to explain the arrangements proposed by the 
writer, reference is made to Fig. 1, representing a two- 


PIQ. 2—Field Winding fok 12,000-Volt, d-c. Generator 

compensating winding is so arranged that the current • 
in each conductor is flowing in the opposite direction 
to the current in the opposite conductor in the armature. 
The compensating winding accordingly produces a 
resultant magnetomotive force in the direction B A, 
opposite to the armature reaction. The excitmg wind¬ 
ing should be so arranged that its magnetic polariza¬ 
tion is along the line £7 jB, 6 ., displaced 90 electrical 

degrees in space from the line A B. 

Referring again to Fig. 1, it is indicated that the 
armature winding is a full-pitch winding. The com¬ 
pensating and the exciting winding would, most 
na turally, also be laid out as full-pitch windings in 
which case the end connections would be represented 
by the dotted line in Fig. 1, in such case the compensa¬ 
ting winding would be a counterpart of the armature 
winding mechanically as well as electrically. The 
writer, has, liowever, found that exactly the same 
distribution of the field winding can be obtained by the 
use of a 50 per cent pitch winding, one single coil being 

indicated by the full drawn line in Fig. 1. In ^g. 2 
aU of the coils are shown, and it will be observed that 
in each slot there is a compensating as well as an 
exciting coil, and that all of the coils together fora a 
mechanically single winding similar to lap windings 

as they are often used in the field of induction motors. 
Itis interesting to note that the armatime reaction of a 
fuU-pitch araature winding is neutralized by a com¬ 
pletely distributed winding of a half pitch. It is 
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obvious that by the use of a half pitch winding in the 
.field, a large economy is obtained as compared with a 
full-pitch winding, because both windings exert exactly 
the same amount of magnetomotive force by the use 
of the same number of turns, but the length of the turns 
of the half pitch windings is far shorter than in the full 
pitch winding. From Fig. 2 may be seen that the 
teeth of the field are evenly distributed except that one 
tooth on each side of the commutating tooth is left out, 
thereby creating a wide neutral zone. 

An examination of Fig. 2 reveals the fact that^the 
construction provides for two commutating teeth. The 
compensating winding is made slightly stronger than 
the armature reaction and the difference in ampere turns 
sets up a commutating flux through the commutating 

teeth. -i. . 1 

Experiments have shown that the fully distributed 

exciting winding has the advantage of producing a 
nearly sine wave flux distribution, resulting in a gradual 
building up of the voltage gradient on the commutator. 

The slots as shown in Fig. 2 are open, making it 
possible to wind and insulate the coils outside of this 
machine. After the coils have been assembled, steel 
wedges are inserted closing the slot openings. The 
wide slots on each side of the commutating pole do not 
contain steel wedges since that would be undesirable 
as it would cause the commutating flux to leak sideways 
instead of penetrating the armature. 

The most important feature of this new machine is 
illustrated in Fig. 2 and the advantage of this construc¬ 
tion may be summarized as follows: 

First: A mechanically simple single-coil winding is 
used, which winding is economical with respect to 
material, due to the use of a 50 per cent pitch. 

Second: A single compensating winding is used 
both for the purpose of neutralizing the armature re¬ 
action and producing a commutating field. 

Third: The exciting winding is fully distributed 
giving the advantage of being placed close to the arma¬ 
ture, thus securing a minimum of leakage, and also 
giving a nearly sine wave flux distribution. 

Fourth: Wide neutrals are provided so as to 
remove the exciting flux from the coils undergoing 
commutation. 

The armature, as has already been stated, carries 
two independent windings, each being connected to a 
commutator. As the bottom winding naturally has 
more self induction than the top winding, it was found 
that if the compensating winding was adjusted to give 
black commutation for the top winding, the brushes on 
the commutator belonging to the bottom winding 
would spark. Vice versa, if the compensating winding 
were adjusted properly for the bottom winding, the top 
winding would spark. It is obvious that the bottom 
winding, which possesses the larger self induction, 
reverses more slowly than the top winding and it was 
found that this difficulty could be overcome by the use 
of thicker brushes for the bottom winding than for the 


top winding. The brushes on the commutator con¬ 
nected to the bottom winding were about one-third 
thicker than the brushes belonging to the top winding. 

In order to further illustrate the field winding, in 
Fig. 3 are shown the field coils developed in a plane. 
In Fig. 4 is shown the connection diagram of the ma¬ 
chine, and as may be seen, a separate exciter is used in 
preference to self excitation. The reason for using a 
separate exciter is two-fold: 



Fia. :{ “ Intkunai, Eiki.h (%)NNKr.Ti<)N.s HMt 12,0()()-V<>i/r, d-c. 

(iKNKUATOIt 

B'irst: It would be (Hfiicult to wind and insulate a 
shunt field for GOOO volts anti above, which is the voltage 
on one commutator. 

Second: At a sudden variation of the load, the tre¬ 
mendous induction of the shunt field would cause a 
discharge through the armature setting up disturbances 
and possibly making the machine flash over. 

Tests have proved that this machine po.ssesses ex- 



*4* 

LOPHIHO AT m'tM COTTTtuT Arvfii A I' • T, T ^ T Lt} 


Ekj. 1 (^onnkction Diaouam roit J'J.OOO-Voi.t. n-o. 

(Iknkuatou 

cellent operating qualities. The commutation is per¬ 
fect up to five times load, which load can be thrown on 
and off without causing any sparking or the slightest 
amount of flashing. The excitation can be thrown on 
and off without any resistance being inserted in the 
exciting winding. Instantaneous short circuits through 
the tubes, which have repeatedly occurred, do not dis¬ 
turb the machine in the least. 
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During the construction of the first sample machine, 
serious difficulties arose in the building of the commuta¬ 
tors. The first commutators were constructed in 
accordance with standard practise, the commutator 
bars being clamped in place by mica cones, the cones 
being moulded from what is known as pasted mica. 
It was found that these mica cones would not withstand 
the required testing voltage, which was set as high 
as 40,000 volts. 

This difficulty was finally overcome by a new method 
of building commutators, the qonstruction of which is 
shown in Figs. 6 and 6. The idea originated from the 
constniction of a special gear made by the General 


Cotton^ rMica_ ^Shellaced Paper Tube 



Ekj. 5-~FAnnoiii Commutator for 12,000 Volts 



Pio. () -Fahuoil CoMmutatoh for 10,000-Volt, d-c. 

Gf.nkrator 


Electric Co., called ^‘the fabroil gear.” The commuta¬ 
tor segments are held together under heavy pressure 
between washers of cotton batting and in order to ob¬ 
tain high dielectric strength, washers of mica are 
interspersed between these cotton washers. The com¬ 
mutator is put up under a very heavy pressure, about 5 
tons per square inch, amounting to a total pressure on 
the particular commutator under consideration of 120 
tons. As cotton possesses the characteristic of resiliency 
under heavy pressure, the pressure is maintained at all 
times and the commutator, therefore, is tight under all 
conditions. Therefore, there need be np provisions 
made for tightening the commutator ^ter it is once 
completed. This construction gives a three-fold 
advantage: 


First: We obtain a large and clean creeping dis¬ 
tance to ground. 

Second: The multiplicity of mica washers provides 
an excellent insulation since these washers are placed 
in series with the voltage, a factor which is not obtain¬ 
able by constructions heretofore employed in commu¬ 
tators. 

Third: The commutator, being under a continuous 



Yig. 7— Type C Y-70-15 kw., 12,000-Volt, 1800 Rev. Per 

Mm. Generator 


pressure, due to the resiliency of the cotton, needs no 
provisions for tightening after completion. 

In order to give an understanding of the appearance 
of a finished machine, photographs of the disassembly 
parts, as well as the assembled machine, are shown in 
Figs. 7 and 8. This machine is rated 16 kw., 12,000 
volts, 1750 rev. per min. 

From the results obtained from tests, some interest- 



8_Type CY-70-15 kw., 12,000-Volt, 1800 Rev. Per 
Min. Generator 

ing observations may be made. The very fact that the 
volts between bars run as high as 90 volts, shows that 
the individual armature coils contain an unusually 
large number of turns, which means that the reactance 
voltage is considerable. Nevertheless, the commuta¬ 
tion is perfect. As has already been stated, when con¬ 
ditions of operation are serious, a dis^buted compen¬ 
sating winding should be used, which statement is 
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fully vindicated by the results obtained in this machine. 
In machines with commutating poles in which no 
compensating winding is employed, the stability is 
imperfect due to the fact that the armature reaction 
is only compensated for along one single line. In ma¬ 
chines with fully distributed compensating windings, 
the armature reaction is neutralized in every point and 
no disturbances occur due to shifting of the flux. Be¬ 
cause of the completely distributed exciting winding, 
the leakage of this winding is limited to a much smaller 
amount than in machines where the exciting winding is 
massed together, and furthermore, the distribution of 
the voltage aroimd the commutator is much better 
since this distribution of the winding gives a favorable 
distribution of the flux securing the particular advantage 
of a wide and stable neutral zone. 

Since great successes have been obtained with genera¬ 
tors of this t 3 rpe for wireless work, it is thought that 
this will open up new avenues for progress and it is for 
that purpose that this description has been given. 


Discussion 

P. L. Alters The chief interest of Mr. Bergman’s paper is in 
the commutation of the machine, that is, the chief theoretical 
interest. Mr. Bergman is building a machine for proper com¬ 
mutation. To get the commutation we must have low reactance 
and we must have a very definite commutating flux to make the 
voltage induced by the flxix exactly overcome the voltage of the 
changing current. Unless a machine is very perfectly compen¬ 
sated, you cannot hold that flux just right because when the load 
changes, the armature reaction makes the neutral point shift; 
so the first thing is to obtain very perfect compensation. Mr. 
Bergman has done this. Another thing that helps commutation 
is his distributed field winding, as by this means he has a rela¬ 
tively gradual rise of flux on leaving the neutral, as compared 
with the salient pole winding. 

Thus, by building a machine with perfect commutation he has 
made a machine which will stand anything almost in the way of 
speed or load variation without trouble and it appears to me that 
this scheme is also applicable to low-voltage continuous-current 
machines vnth similar advantage. 

It seems to me the philosophy of the matter is that the machine 
with salient poles is one which has maximum space factor and 
maximum flux per pole, whereas Mr. Bergman’s distributed 
winding machine is one which has a maximum fixity of wave 
form; that is, the flux is exactly placed by the winding instead of 
being left free to shift to and fro. I believe this idea of giving 
more weight to flux distribution than to space factor and total 
flux will grow in time and that all machines that are capable of 
compensation will ultimately change over to the distributed 
winding instead of the salient pole type. 

H. Lempi Mr. Beigman mentioned another form of pro¬ 
ducing unidirectional currents for high voltages, referrii^ to 
kenotron or vacuum tubes, but he omitted to make any reference 
whatever to the mechanical synchronous rectifier. While I do no t 
wish to put in a plea for myself, I would like to plead for a child 


of my brain which has survived in the form of a mechanical 
rectifier for producing high-voltage unidirectional currents, and 
is particularly useful for X-ray work. 

With the advent of the X-rays, there arose a demand for a 
continuous source of excitation of high voltage susceptible of 
furnishing large quantities of unidirectional currents; various 
forms were tried, and the Holtz influence machine which was at 
that time considered the most desirable source of excitation, was 
found ineffective on account of lack of sufficient energy behind 
it, particularly in wet weather, and it was then that the mechani¬ 
cal rectifier was developed by me in order to produce large quanti¬ 
ties of these unidirectional currents unaffected by weather con¬ 
ditions and of sufficient high frequency to give a continuous 
non-flickering illumination, so necessary for fluoroscopic 
examinations. 

This t 3 q>e of mechanical synchronous rectifier is noAV used, 
as is weU known, by Cottrell in his method of precipitation of 
smoke and metallic vapors, and is still used exclusively for X-ray 
work where more than one hundred thousand volts are required. 
Below that voltage the hot cathode tube is sufficient to rectify 
its own supply. 

I had recently the pleasure of seeing in Chicago at the factory 
of the Victor X-Ray Corporation, an improved mechanical recti¬ 
fier in operation which supplied simultaneously energy to some¬ 
thing like ten full-sized Coolidge X-ray tubes which represents 
a large amount of energy, particularly when one considers that 
200,WO volts are used,, which is substantially equivalent to 
sparks of from 12 in. to 14 in. 

S. R. Bergman* I think Mr. Lemp’s remarks on the 
mechanical rectifier are very interesting, but its use is limited to 
certain applications; for example, for X-ray work and for 
precipitation of smoke and metallic vapors. 

The mechanical rectifier, however, for producing actual power 
does not seem very promising. It is very difficult to drive such a 
rectifier in exact synchronism, particularly when the power factor 
of the load changes. Since the mechanical rectifier not only 
changes the direction of the current, but also the wave form, 
particularly if we wish to derive a steady current, it is obvious 
that there exists a large differential current which causes spark¬ 
ing, which, particularly on short circuit, becomes so violent 
that it generally puts the I’ectifler out of business. 

The mechanical rectifier generally gives rise to pulsation.?, in 
that respect, showing a similarity to a direct-current generator 
having two segments per pair of poles corresponding to a pulsa¬ 
tion of 100 per cent. One of the objects of the machine which 
I described in my paper is to give as steady a current as possible. 
In a d-o. machine, the pulsations decrease with the number of 
segments per pole; for example, with 90 segments per pair of 
poles, the pulsations amount to 0.03 per cent. As a matter of 
fact, the pulsations due to the segmental arrangement of the 
commutator in a d-o. machine are generally smaller than the 
variation caused by the pulsation of the flux due to the variation 
of the reluctance of the magnetic circuit. It is a well-known fact 
that due to the presence of teeth in the armature, a certain 
amount of pulsation of reluctance takes place causing variation 
of the flux. Although, by choosing the number of teeth in the 
armature properly as compared with the number of teeth in the 
field, it is possible to limit this variation so as to make it unob¬ 
jectionable. In a machine of the character which I describe, 
we manage to keep the pulsations down to 0.1 per cent. I 
believe it would be extremely difficult to make a mechanical 
rectifier having so small a variation. 
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Introduction 

I N a former number of this joumah a simple two- 
electrode tube was describeii in which the electron 
current between a straight cathode and a concentric 
cylindrical anode can be controlled by a magnetic field 
parallel to the axis of the tube. Such tubes are very 
easy to construct in comparison with three-electrode 
tubes; but the advantage so gained is partly offset by 
the requirement of an externally wound magnetic field 
coil. 

The purpose of this paper is to show that in the case 
of large magnetrons such as are of interest for engineer¬ 
ing applications, the magnetic field of the heating cur¬ 
rent which flows through the filament is sufficient for 
controlling the electron flow, so that the external mag¬ 
netic field coil is unnecessary. 

Theory 

Pig. 1 show a typical magnetron, consisting of a 
straight filament in the axis of a concentric cylindrical 
anode. The lines of magnetic force produced by the 
heating current are circles about the filament. Elec¬ 
trons passing from cathode to anode across these lines 
of force are deflected at right angles to the lines, as 
illustrated in Fig. iB. The deflection is greater the 
larger the filament current, and with a sufficiently 
large filament current the electrons miss the anode 
entirely and return to the cathode (Fig. IC) . 

Calculation shows that, with a given potential differ-' 
ence, E, between cathode and anode/ the electrons 
should all reach the anode or fail to reach it, according 
as the current / through the cathode is greater or less 
than a critical value, given by the equation 


D,d = diameters of anode and cathode respectively. 
I = current through cathode in amperes. 

E = critical potential difference between anode and 
cathode, in volts. 

The current / in Eq. 2 may be expressed in terms of 
the diameter of the cathode, for any given temperature.® 


E = 0.01882 P 




( 1 ) 


1. Journal of the A. I. B. E., Sept. 1921, pp. 716-23; also 
Phys. Rev., 18, 31-57, 1921. _ 

Presented at the Annual Convention of the A. I. E- •. 

Swampscott, Mass. , June $6S9,19SS. 
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Fio. 1 —Small Magnetron in Glass 

(a) LongtudinaJ cross-section ttoougb 
the filament showing paths of electrons 
with no filament current. 

(b) The same for weak filament current. 

(c) The same for strong filament current 


Thus for tungsten cathodes at 2500 deg. X.Eq. (2) be¬ 
comes: 


E = O.OOG716 


a. (lOg«-f) 


or 


^ = 44100 d® 


cm 


(log,, f-) 


(tungsten cathode 
of diai d at 2500 
deg. K. in axis of 
cyl. of dia. D) 

( 2 ) 

For the general case of a tungsten cathode at ^y 
temperature near 2500 degrees absolute, the critical 

g nbq.y^ i^trf^risties of timgsten filaments, Langmuir, Phys. 
Rev., 7 , 302^0,1916; O. E. Rev., Mar,, 1916. 
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voltage may be expressed with sufficient approximation 
by the eq.: 

2 

E„„. = 44100 <P»[logto -^] [l + 0.00143 (r-2600)] 

(3) 

Eq. 3 shows that the critical voltage, that is, the volt¬ 
age below which the magnetic field of the heating 
current is able to hold back the electrons, increases as 
the cube of the filament diameter, for the same tempera¬ 
ture and relative size of electrodes. For example, in 
the “peanut” pliotron, UV-199j which has a filament 
of 0.0006 inches diameter, surrounded by a grid of ap¬ 
proximately 0.06 in. diameter, operating at 1900 deg. K., 
the critical voltage is 0.0003 volts. For a 0.0085 in. 
filament, such as is used in the 50 watt pliotron C/V- 
203A, the critical voltage (assuming the same ratio of 

/ 86 

anode to cathode diameter) is ) or 2800 times 

as great, viz. 0.84 volts’. Increasing the filament 
diameter to 0.085 inches would again increase the critical 
voltage 1000 fold, to 840 volts. Another ten fold 
increase of cathode diameter, with the same ratio of 
anode to cathode diameter (100 to 1), is impractical 
because of the size of the anode; but taking a ten to one 
ratio of anode to cathode diameter, a 0.85 inch diameter 
filament operating at 2500 deg. K. would have a critical 
voltage of 440,000. 

The critical voltage increases less rapidly than the cube 
of the cathode diameter when the anode diameter is 
kept constant, instead of the ratio of anode to cathode 
diameter. A few examples, tabulated in Table I, will 
give an idea of the cut-off voltages for different sizes of 
filament heated by direct current, in a two-inch diam¬ 
eter anode. 

TABLE 1 

OBITIOAL VOLTAGES FOR TUNGSTEN FILAMENTS AT 2600° K 


Diameter of Anode 

Diameter of Filament 

Oritical Voltage 

cm. 

cm. 

volts 

5,00 

0.0026 

0.0076 

5.00 

0.025 

3.6 

6.00 

0.100 

127, 

6.00 

0.260 

1140. 

6.00 

1.00 

21,600. 

6.00 

2.60 

62,300. 



It is seen that for all cathodes used in standard tubes 
at the present time, the effect of the magnetic field of 
the heating current is entirely negligible. For large 
cathodes, on the other hand, such as are needed for 
power tubes, the magnetic field of the heating current 
is able, even at the highest voltages used in engineering, 
to inhibit entirely the electron current between cathode 
and anode; i. e., to give the tube infinite resistance. It 

3. Both of these values of critical voltage are meaningless, as 
they are scarcely larger than the average initial velocity of the 
electrons,, and much smaller than the voltage drop in the filament. 


is thus a factor that must be considered in the construc¬ 
tion and operation of large tubes, both as a possible 
limitation and as a means of useful control, performing 
the function of the grid of the pliotron. Experimental 
tests of this method of controlling electron current, and 
possible applications of it, are described in the following 
pages. 

Experimental Tests 

According to the theory outlined above, the electron 
current from a straight filament to a concentric cylindri¬ 
cal anode should be zero for all voltages below the criti¬ 
cal value, given by Eq. 1; while for all voltages above 
this critical value the magnetic field should have no 
effect, i. e., the electron current should be limited only 
by the temperature of the filament or the mutual 



Fig. 2—^Volt-ampere Characteristic op Tube Shown in 

Fig. 1 

Filament diameter 100 mils, anode diameter 4 in. 

repulsion of the electrons in the space (space charge 
limitation.) 

• Pig. 2 shows the currents observed, as a function of 
voltage, in a tube containing a 100 mil (0.26 cm.) diam. 
filament in the axis of a cylindrical anode 4 inches (10 
cm.) in diam. by 12 inches long. Curve 1 shows the 
ordinary space-charge characteristic observed in the 
absence of magnetostriction. These values wereobtained 
by opening the filament switch, and observing the 
plate current before the filament had time to cool. Im¬ 
mediately upon opening the filament switch the plate 
current rises to the value set by space-charge, remains 
constant for an instant, then falls rapidly as the filament 
cools to the point of temperature limitation. Curve[2 
shows the currents observed when the heating 
current of 200 amperes was flowing through the fila- 









June 1923 


HULL: THE AXIALLY CONTROLLED MAGNETRON 


917 


merit. The characteristic predicted by theory is repre¬ 
sented by the vertical straight line at 1930 volts 
(Curve 3). 



ness of the filament, which was bowed about an inch 
out of center at its middle point; and partly by deflec¬ 
tion of a small fraction of the electrons by collision with 
gas molecules. All the characteristics obtained show 
slight transition currents of this kind, but their magni¬ 
tude is always small compared with the current under • 
control. 

Fig. 3 shows the variation of plate current with 
filament current at constant anode voltage for the same 
tube (filament 100 mils diameter, anode 4 inches 
diameter by twelve inches long. Curve 1 was taken 
with 800 volts on the anode, curve 2 with 1000 volts, 
and curve 3 with 1220 volts. The left hand, ascending 
branch is the same for all voltages, and depends only 


Pig. 3—^Vauiation op Pi.ate Cxiiuibnt with Filament 
CuiiRENT AT Constant Anode Voltage 

It is seen that the magnetic field of the filament current 
has a profound effect on the characteristic, reducing 
the plate cuirent to essentially zero at all plate voltages 








_ 



Pig 5-tThrbe Films Showing the Control op 
Current by 60-cyclb Filament Current in a Small Mag- 
CONSTAOT Anodb Voltaobb or 250, 606, amd 

1050 Volts Direct Current 

■ Record A — Plate current of rectangular form with the zero value at A. 

Record A to 1 — Deflection, for calibration, given by a plate current of 
1.4 in film l; 4.0 amp. film 2; and 6 amp. film 3. 

Rfipord B — 60-cycle filament current. , ^ 

Note tliat the plate current flows only when the filament current 

is below a definite value. 

on the temperature. It represents the temperatme- 
limited saturation emi^ion from the filament, and is 
given accurately by the equation.^ 

62800 amperes 
i ^ 60.2 Te® " r 


Fig 4-Variation op Plate Current with BiLAMi.«^ 
Current at Constant Anode Voltagb 
Higher Voltage than in Pig 3. 

lelow about 1400 volts. The fact that the trai^ition 
rom zero current to full space charge cu^ent is not 
.brupt, may be partly accounted for by the crooked- 


The right hand descending branches are due to 
magnetostriction. It is seen that for each consta-nt 
anode voltage the electron current begins at a definite 
heating current (minimum temperature for emission) 
and incre^es rapidly with ^^^^h current up to a 

” 4. Duslimaii, G. E. B^iew, 16,153-60, Mar. 1923 aad Phya. 
Bet;., Apr. 1923. 
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critical point. This critical point is the “critical fila¬ 
ment current” given by Eq. 1 . When the heating 
current is raised above this critical value, the electron 
emission falls rapidly to essentially zero because of 
the magnetic effect of the heating current. 

Pig. 4 shows a similar series of characteristics with 
higher plate voltages and larger currents. At the high¬ 
est filament current, 325 amperes, the filament is at 
3300 deg. K., and is capable of emitting approximately 
2000 amperes of electrons. The actual emission at 
1600 volts is only 20 milliamperes. 

Pig. 5 shows an oscillographic record of the plate 
current in the same tube when 60-cycle alternating 
current is used to heat the filament. In this case the 
filament temperature remains constant while the in¬ 
stantaneous value of the heating current changes, so 
that the full space-charge current flows during that part 
of each cycle in which the heating current is below the 
critical value, and no current during the part when the 
field is above the ciitical value. 

The lower film (film 1) was taken with a constant 
potential of 250 volts on the anode. During the greater 
part of each cycle the filament current is above the 
critical value for 250 volts, and the plate current is zero, 
as it should be. When the filament current falls to the 
value 73 amperes, plate current begins and increases 
rapidly to the maximum value allowed by space charge. 
As soon as the filament current again reaches the same 
value of 73 amperes in the opposite direction, the plate 
current begins to fall, and drops rapidly to zero. The 



Fig. 6—Construction op High-Power Magnetron 


plate current is thus interrupted twice each cycle, since 
both directions of filament current are alike in their 
magnetostrictive effect. 

The second film was taken with 505 volts on the plate. 
The space current is larger and flows for a longer part 
of each cycle, beginning and ending when the filament 
current reaches the value 101 amperes. The critical 
value given by Eq. 2 is 102 amperes. The filament 
current in this test (184 amperes) was larger than that 
used for the first film, and the curve shows a slight 
distortion due to saturation in the filament transformer. 

For the upper film (film III.) a plate voltage of 1050 
was used, and a larger filament current (201 amperes). 
The filament current curve shows bad saturation distor¬ 
tion, so that the distance from the point where it crosses 
the axis to the point where it reaches its critical value is 
very different above and below the axis. In spite of 
this, the plate current begins and ends accurately at 
the critical filament current of 157 amperes, which 
agre^ with the theoretical value of 149 amperes within 
the error of measurement. 


The observed plate currents in each of these oscillo¬ 
graphic tests are about 3 times as large as the value to 
be expected from the space charge law. The increase 
is due to reduction of space charge by gas ionization. 
It is notable that an amount of ionization sufficient to 
neutralize space charge to this extent does not noticeably 
affect the magnetic cut-off, showing that the mag¬ 
netron is slightly less susceptible than the pliotron to the 
presence of gas. 

3. A series of tests with much larger filaments has 
been carried out by Mr. J. H. Payne. Exact measure¬ 
ments are more difficult in this case, because of the 
inability of ordinary generating systems to deliver 



Pig. 7—Control oe Plate Current by 60-ctclb Filament 
Current in a High-power Magnetron. Filament dia. 
= 1 CM. Anode Dia. = 4.6 cm. 

Record A — Voltage between filament and anode (defiectioa downward) 

Record B — Current from filament to concentric anode. 

Record O — 60-cycle current in the filament. 

Note that the current between filament and anode is zero except 
when the filament current is below a critical value. 

intermittently the large amounts of power required, 
and the difficulty of getting rid of this power when 
delivered. For low voltages, up to 2000 volts, the 
tests are very satisfactory (oscillograms. Figs. 7 and 8). 
Electron currents up to 50 amperes are seen to be under 
perfect control by the magnetic field of the filament 
current; and the critical values of voltage and filament 
current agree well with those predicted by theory. At 
higher voltages only the low-current portion of the 
curves could be obtained with the generating system 
available (30 kv., 20 kv-a. transformer, with kenotron 
rectifiers and condensers). These oscillograms (Fig. 9) 
show suppression of the plate current when the mag¬ 
netic field of the filament current is above the critical 
value, but give no idea of the magnitude of the plate 
current that would normally flow when the magnetic 
field is below the critical value. 

The tube used for these tests is shown in Fig, 6. The 
anode is a copper tube 113/16 inches (4.60 cm.) in 
diameter by 30 in. (76 cm.) long, surrounded by a water 
jacket. The cathode is a tungsten ro*d 0.400 inches 
(1 cm.) in diameter, 22 inches (56 cm.) long. Upon 
each end of the cathode is tightly swaged a short bar of 
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molybdenum, which is threaded so that it can be 
screwed into the copper lead. A short section of glass 
at each end insulates the filament from the anode. 

The results of these tests are shown in Figs. 7,8 and 9. 
Fig. 7 shows a test at 1700 volts anode potential. This 
potential was furnished by a 20-kw., 3000-volt d-c. 
generator, with 50 juf. across its terminals to stabilize 
the voltage during the sudden starting and stopping of 



Pio. 8 —Same Condition as Piq. 7 Except the Voltage and 
Current Between Filament and Anode are Larger 


Fig. 9 shows a test at 8000 volts. The electron 
current (curve B) is limited by filament temperature 
to 1.7 amperes, and even with this small current the 
anode voltage (curve A) falls from 8000 to 3000 volts 
during the short fraction of each cycle when power is 
being drawn. The small residual current of }4 ampere, 
due to gas and end leakage, shows prominently on the 
large scale of the oscillogram. It is entirely negligible 
however, compared with the normal useful cun*ent of 
50 amperes which the tube can control. In this test 
the cathode was smaller, viz., 0.350 inches diameter, 
and the anode 3 inches diameter. 

Preparations are being made for tests at higher 
voltage with larger amounts of power. A few tests 
already made at 20,000 and 30,000 volts, show that the 
magnetic control is" effective at these voltages, but the 
currents available were too small for satisfactoiy 
oscillograms. 

Applications 

The magnetron, like all high vacuum thermionic 
tubes, is a high resistance device, so that its use is 
limited to either small power or high voltage. The type 
of magnetron here described suffers the further re- 


the current. In spite of this, the voltage dropped 25 
per cent during each current pulse, and then rose gradu¬ 
ally during the remainder of the cycle, as shown in 
curve A. Curve B shows the electron current that 
flowed from cathode to anode and thence in the plate 
circuit. It is seen that this current is completely 
suppressed except during the short fraction of each 
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Pia 9 —Control oe Plate Current by 60-otclb Filament 
Current in High-Power Magnetron. Filament dia. - 
0.87 OM., Anode Dia. =» 7.6 cm. 

Record A — Plate voltage (deflection downward). 

Record B — Plate curx’ent (deflection upward). 

Record O — 60-cyclo fllament current. 

cycle when the filament current is below a critical value. 
During these short periods, twice each cycle, it nses 
to 36 amperes, and then falls abruptly to zero as 1*e 
filament current again r^es the cntical value. The 
filament voltage, which i^ nearly in phase with the 

filament current, is shown in curve C. 

Fig. 8 shows a similar test at 2100 volts. The anode 
current in thi^ case rises to 45 amperes. 


striction that it is operable only with large diameter 
filaments, and hence is adapted only to high power 
applications. For these applications, however, it 
appears to be the simplest and most efl&cient tube that 
has yet been studied. 

A single example will serve to illustrate the method 
of operation and the effidency to be expected. 
problem chosen is the conversion of high-voltage duect 
current into alternating current. Let the direct-current 
voltage be 100,000 and the alternating-current voltage 
anything that is desired. A tube is chosen simlar to 
that shown in Fig. 5, having a cathode of 2.0 cm. 
(0.79 in.) in diameter by 1 meter long, and an anode 
8 0 cm. (3.1 in.) in diameter. A current of 4400 amperes 
heats thefilament to 2500 deg, K., at which temperatoe 
its electron emission is 170 amperes; and the magnetac 
field of this heating current is capable of making the 
ynqgn fttron a non-conductor at 200,000 volts. 

For conversion to single-phase altematmg 
two of these tubes may be connected as shown mj^g. 10- 
Current passes from lie positive d-c. temunals, through 
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a choke coil, to the middle point of the high-voltage 
winding of a transformer, whose terminals aie connected 
to the anodes of the two magnetrons. The cathodes 
are connected to the negative d-c. terminal, and are 
heated by square-wave current of the frequency of the 
desired alternating current. This square-wave current 
may be obtained in a variety of ways. For example, 
it may be derived from a d-c. generator and commutator, 
giving the wave form shown in Fig. llA; or from a 
quarter-phase alternator of proper design, giving the 
wave form shown in Fig. llB; or it may be derived 






























Pig. 11 a— Wave-shape and Phase op Filament Currents 
When d-c. Generator is Used 

Pig. IIB— Wave-shape and Phase op Filament Currents 
When Autbrnator is Used 

partly from a d-c. generator and partly, by suitable 
coupling, from the alternating-current output, provided 
the output circuit contains a frequency-determining 
element, or is tied to a system of fixed frequency. 

The operation is as follows: Current from the 
d-c. line flows through the choke and the transformer 
winding to the magnetron anodes, and then through 
one of the magnetrons—the one whose filament current 
is zero—to the negative d-c. tenninal. If the load is 
adjusted for 100 amperes in the d-c. line, a voltage of 
3000 volts will be required to carry this current through 
the tube, the reiiaaining 97,000 volts being supported 
by the reactive drop in the transformer. 

Just before the magnetron that has been carrying 
current becomes a non-conductor by the ^tablishment 


of filament current through it, the filament current in 
the other tube becomes zero and the load is transferred 
to it. The slight disturbance incident to this transfer 
is absorbed by the choke coil. 

The total power converted by this pair of tubes is 
10,000 kw. (100 amperes X 100,000 volts); and the 
efficiency, exclusive of transformer losses, is 96 per cent 
(150 kw. per tube dissipated at anode, 50 kw. in fila¬ 
ment). The power used for control is that which heats 
the filament, and the total amount of power needed for 
this purpose, in case it is furnished by a separate genera¬ 
tor, is 100 kw., or 1 per cent of the output. The calcu¬ 
lated life of the filament, which is taken arbitrarily as 
the time necessary to reduce its diam. by 5 per cent by 
evaporation, is 60,000 hom-s, or approximately 7 years 
of continuous operation. The life will be shorter than 
this if there is appreciable disintegration of the filament 
due to bombardment with gas ions. The amount of 
this disintegration cannot be predicted from data at 
present available. 

The simple single-phase conversion system just 
described gives square alternating-current waves. 
This is an advantage, if the alternating current, after 
being stepped down to the desired voltage, is to be 
again rectified and used as direct current. Sine waves 
of any required degree of purity may be obtained by 
the use of an appropriate number of these single-phase 
imits, connected according to well known multiphase 
circuits. A system containing 6 single-phase units 
(12 tubes) would give an output of 60,000 kw. of fairly 
good wave-form, with an efficiency of 96 per cent. 

It is seen that the power capacity of these tubes 
is ample for conversion purposes, and their efficiency, 
so far as can be predicted at present, compares favor¬ 
ably with that of other types of conversion apparatus. 
Unquestionably many problems remain yet to be 
solved before hi^-voltage operation of these tubes is 
practical; but there is no known obstacle or limitation 
in sight. It is hoped that actual conversion tests, as 
well as static characteristics, at high voltages, will soon 
be available. 

I wish to acknowledge the very able assistance of 
Mr. F. R. Elder and Mr. E. P. Hennelly in carrying 
out these tests. 

Discussion 

For discussion of this paper see page 953. 
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In addition to the wrapped samples described above, 
a sample of the insulation of each set of three bars was 
made up in the form of a flat ^eet 44.72 cm. square, 
effort being made by pressure and temperature to pro¬ 
duce a uniform, compact, composite, sheet free from 
entrapped air. The purpose here was to make a com¬ 
parative study of the wrapped and the flat insulation, 
having in mind the greater probability of air layers in 
the former. 

For the electrical tests described below a tin foil 
electrode 22.32 cm. long, was applied to the central 
section of each bar. Each end of this electrode was 
flanked by a guard electrode 5.4 cm. wide, and separated 
from the central electrode by 0.16 cm. Each of the 
flat samples was provided with a central circular tin- 
foil electrode 15.24 cm. diameter, surrounded by a 
guard ring 2.54 cm. radial width; and on the opposite 
side an electrode of tinfoil of diameter equal that of 
the guard rings. The tinfoil was first coated on one 
side with shellac, dried, and then applied to the insu¬ 
lation with a hot iron. This resulted in a very intimate 
contact free from blisters or other evidence of en¬ 
trapped air. 

Method op Test 

The purposes of the investigation were to determine, 
if possible, the values of voltage, or potential gradient, 
at which ionization begins, the increase in dielectric 
losses due to ionization, and their influence on the 



Fig. 1—Connections of Electkostatic Wattmeter 

structure and the life of the insulation. For detecting 
the beginning of ionization either direct visual observa¬ 
tion, or some conductivity method as used in the corona 
voltmeter, is the most sensitive; but obviously neither 
can be used in the present case. Moreover owing to 
the wide variation in area and thickness of the entrapped 
air spaces it is probable that ionization begins at 
different values of voltage in different parts of the insu¬ 
lation, and so would show a gradual rather than a steep 
curve of rise by any method. Since the problem re¬ 
quires the measurement of ^t^^ diel^tric losses, it was 
decided to rely also on the loss measurements for indi¬ 
cation of the beginnings of ionization. Ionization 
should cause more or less sharp breaks in both' loss and 
power factor curves. There is required, therefore, a 
method .of measuring relatively small amounts of power, 
say of the order of tenths of a watt, as found necessary 
in some cases, at low power factor, and at voltages in 
the range 1000 to 20,000 volts. Of the several available 
methods that have been used for this type of measure¬ 
ment, it was decided to use the quadrant electrometer 
in wattmeter connection, that is with voltage on the 


needle, and the quadrant connections taken from the 
terminals of a relatively low resistance in series with the 
dielectric to be measured. In order to simplify the 
problem of the insulation of the needle, it was deter¬ 
mined to use the method of applying to the needle 
known fractional values of the total voltage, by means 
of taps taken from the high-tension winding of the 
transformer. This method has been described and 
used by Miles WalkerS C. E. Skinner®, Rayner,® 
RusselF, Orlich® and others. The principal connections 
are shown in Fig. 1. 

W is the quadrant electrometer with its needle con¬ 
nected, as desired, to several different points on the 
high-tension winding of the transformer. The quadrant 
terminals are connected through a reversing switch Si 
to the terminals of the non-inductive resistance Ri. 
One terminal of the transformer winding Is connected 
to ground and the other through the non-inductive 
resistance Rz to the central bar of the specimen under 
test, A. The central electrode B of the specimen is 
connected to ground through the resistance Ri. The 
guard electrodes C C are connected together and to 
ground through the resistance Ra. J is a Dolacelek 
quadrant electrometer which is connected through the 
reversing switch 52 to the terminals of the non-inductive 
resistance Ri^. This instrument serves to read the 
current to ground from the central electrode B. The 
current and watt readings are taken independently 
permitting the use of the same resistance for the different' 
values jBi and Ri^. The resistance Ra may be used for 
correcting the wattmeter reading for the error caused 
by the resistance Ri, or for the purposes of calibration, 
as described below. The resistance Rz may be used 
for adjusting the difference of potential between the 
electrodes B and C to zero. However, in most of the 
observations, owing to the low values of potential drop 
over Ri, Ra could be varied from zero over a wide range 
without influence on the wattmeter readings, and the 
electrodes C were usually connected directly to ground. 

The wattmeter electrometer, especially constructed 
for this work, had cast brass quadrants of the usual 
cylindrical box type with an inside diameter of 6 in. 
(15.24 cm.) and a height of in. (3.81 cm.). They 
were mounted on hard rubber chairs with a clearance 
of 0.381 cm. to the base of the instrument. The needle 
was of 0,158 mm. sheet aluminum. The suspension 
was of phosphor bronze strip 20 Cm. long. The needle 
system was insulated by a corrugated hard rubber 
bushing 5 cm. long and was tested to 2000 volts. 
During most of the experiments the maximum voltage 
on the needle did not exceed 1500 volts. Below the 
quadrants the needle carried mica damping vanes 
immersed in light oil. The whole instrument was 
enclosed in a metal case connected to ground and 
provided with a glass covered opening for taking 
readings, by means of abeam of light and ground glass 
scale at about one meteris distance. The resistances 
Ri, Rz and Ri were all placed in metal boxes connected 
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TABLE I 


Bar Nos. 

Shellaced Paper 

Treated Cloth 

Mica Politim 

Shellaced Paper 

Total 

Inches 

Layers 

Inches 

Layers 

Inches 

Layers 

Inches 

Layers 

Inches 

B-1 (a) 31-32-33 





*7+4 

0.083 

2 

0.007 

0.090 

(b) 34-36-36 

6 




10 

0.063 

2 

0.007 

0.090 

(c) 37-38-39 

12 




8 

0.044 

2 

0.007 

0.090 

(d) 40-41-42 

18 

■SiH 



4 

0.025 

2 

0.007 

0.090 

(e) 43-44-45 

25 








0.090 

B-3 (a) 46-47-48 





*7+4 

0.083 

2 

0.007 

0.090 

(b) 49-50-51 



2 


10 

0.065 

2 

0.007 

0.090 

(c) 62-63-64 



5 


6 

0.038 

2 

0.007 

0.090 

(d) 56-56-67 



7 


3 

0.020 

2 

0.007 

0.090 

(0) 68-69-60 



10 




2 

0.007 

0.098 


*1 sheets of mica folium and 4 sheets of 0.010 mica plate. 


TABU! II 

CALIBRATION OP WATTMETER 
NON-INDUCTIVE LOAD 


E 


Zero 

Reading 

Deiln. 

Ri 

Zero 

Reading 

Defln. 

NO 

- XIO* 

Ri 

K 

40 

2000 

mm 

+7 

8.4 

300 

0 

+ 4.0 
- 4.36 

4.176 

1.391 

166 


I = 3 X 10“® amperes 

Ri = 256,986 ohms 

7® Ra® =2.31 watts 

AT = 1 



600 


+ 8.26 
- 8.6 

8.375 

1.395 



900 


+12.4 

-12.7 

12.55 

1.394 


60 

1000 

-1.35 

+3.6 

4.95 

200 

+ .05 

+ 6.3 
- 6.4 

6.35 

3.17 

166 

7 = 4.65 X 10-® amperes 

R« = 266,986 ohms 

7® 7?2 =6.27 watts 

N = 1 

400 


+12.76 

-12.76 

12.75 

3.188 ' 


600 


19.2 

-18.9 

19.05 


■■ 

30 

(500 

-1.26 

+2.96 

4.2 

100 

+.2 

+ 2.8 
- 2.26 

2.505 

30.06 

168 

7 =/j0.98X10-® 

7?2 = 1.039 X 10® Olims 

72 71® =.50.81 
iV = 12 

200 

t 


+ 5.3 
- 4.8 

5.06 

39 24 


300 


+ 7.82 
- 7.4 

7.66 

30.24 


400 . 


+10.3 
- 9;93 

10.125 

30.375 


60 

400 

-1.2 

+3.92 

6.12 

60 

0 

+ 3.6 
- 3.5 

3.55 

85.20 

166 

7 =11..58X10-® 

712 = 1.039 X 10® 
p 71.2 = 140 watt« 

N = 12 

100 


+ 7.12 
- 7, 

7:06 

84.72 


150 


+10; 76 
-10.5 

10.62 

84.96 

-—-- 


to ground. Transformer and test specimen were 
placed close together and the leads to the instruments 
were as short and as widely separated as possible, 
ing in mind the importance of removing the needle 
terminal of the instrument from the electrostatic 
influence of the high-voltage connection. The trms- 
former had a capacity of 3 kv-a. and a ratio of WO to 
25,000 volts. The high-tension winding was m twelve 
sections and points were brought out for the interval 
1/12, 1/6, M and of the total winding. ^ One end 
of the primary and one end of th^^ondary were 
connected together and to ground. ^^The 6 
volt, 60-cycle generator G has a surface wound annature 
and gives a smooth wave. It is driven by direct-con¬ 


nected 73^ h. p., d-c. motor, which throughout the 
experiments was supplied from a large storage battery, 
insuimg closely constant frequency at 60 cycles, The 
frequfflicy could be read at all times by a direct-reading 

frequency meter showing differences of less than M of a 

cyde. The test specimen A was placed on insulators 
in a deep metal trough connected to ground and careful 
tests made to insure the absence of electro-static 
influehce of the high-tension winding on the electrode 

S and its connection to ground. 

: r.AT.TRRAT iQN OP Instruments 

The usual formula for the loss W as determined by 
the quadrant electrometer wattmeter is 
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N-2 

W ^NKO/Ri + — ^ EiR ( 1 ) 

in which N is the number of times the needle voltage 
is contained in the total voltage, 0 the. deflection of the 
instrument in centimeters of scale, iJi the resistance in 
ohms between quadrants, I the current in Ri, and K the 
constant of the instrument. 

The constant K may be determined by measuring 
the power in a non-inductive circuit. The formula as 
given may be used with safety for all values of loss when 
the power factor is relatively high. The second right- 
hand term disappears for N = 2 and its computation 
for any value of N may be avoided® by proper adjust¬ 
ment of the value of the resistance jBs* A more con¬ 
venient method, however, is to take two readings with 
different values of Ri and to extrapolate for the value 

of — n —, corresponding to Ri = 0. 

■til 

For low values of power and of power factor, such as 
usually occur in dielectrics of good insulating power, and 
such as are to be expected in the present work, the large 
value of Ri necessary for a satisfactory reading, may 
introduce errors due to the passage of the quadrant 
charging current over jBi, and a change in phase of the 
current in jRi. The precise correction for this type of 


TABLE III 

SUMMAEY OP CALIBRATION OP WATTMETER 


N 

E 

^ V 

Vn 

Watts 

Power 

Factor 

K 

6 

30 

7600 

1250 

0.43 

0.011 

170 

6 

30 

7600 

1250 

0.6 

0.016 

170 

12 

30 

7600 

625 

0.41 

0.011 

166 

12 

30 

7500 

626 

0.68 

0.016 


12 

50 

12600 

1040 

2.85 

0.027 

168 

12 

30 

7600 

625 

2.22 

0.11 

167 

12 

50 

12500 

1040 

7.67 

0.13 

166 

1 

40 

800 

800 

2.31 

1.00 

166 

1 

60 

1200 

1200 

6.27 

1.00 

166 

2 

40 

800 

400 

2.32 

1.00 

107 

2 

60 

1200 

600 

6.27 

1.00 

107 

4 

20 

5000 

1260 

44.6 

1.00 

164 

4 

25 

6250 

1660 

70.8 

1.00 

166 

6 

30 

7600 

1260 

50.3 

1.00 

163 

12 

30 

7600 

625 

50.8 

1.00 

168 

12 

50 

12500 

1040 

140.0 

1.00 

166 


E = Primary Volts 
V a Volts on Load 
. Vn - Volts on Needle 

K B Constant of Instrument 

error involves a number of constants both of the instru¬ 
ment and of the sample under test, and does not appear 
to have been worked out in a readily available form. 
However, Orlich® concludes that for ordinary fre¬ 
quencies this error is proportional to Ri over a con¬ 
siderable range. Thus correction for the loss in Ri, and 
for the quadrant charging current in Ri, are both 
proportional to Ri, and so may be corrected for by 
readings for two v^ues of jBi and extrapolation to the 
value for Ri - 0. The test of the validity of this 
method is found in taking readings for three or more 


values of J?i; if values of fall in a straight line 

the method is reliable. This test and method have been 
followed in the present work. In calibrating and in all 
the loss measurements observations have been taken 
for two or more values of Ru For each value right 
and left-hand readings of the electrometer were also 
taken by reversal of the switch S i. 

The wattmeter was first calibrated for unity power 
factor by comparison with the watt input to a non- 
inductive load, current being measured by the Dolacelek 
quadrant electrometer, (calibrated for volts, in terms 
of laboratory standards), and voltage by means of 
standard voltmeters on the low-tension side of the 
step-up transformers, whose ratios were checked with 
potential transformers. The load consisted of 1.5 


TABLE IV 

CALIBRATION OF WATTMETER FOR LOW POWER FACTOR 


ni' 

Zero 

Read¬ 

ing 

Deflec¬ 

tion 

Ri 

Zero 

Read¬ 

ing 

Deflec¬ 

tion 

ON 

Ri 

X 10® 

700 

-1.95 

+1.06 

3.00 

8,000 

-1.3 

-1,46 

-1.1 

-0.175 

-0.7 

ifa = 0 

Watts =«0.25 

Power factor = 0.007 

E =30, N =12 

1,500 


-1.22 

-1.32 

+0.05 

+0.4 

6,000 


-2.06 

+0.16 

-1.4 

-2.8 

9,000 


-4.9 

+2.6 

-3.75 

-5.0 

12,000 

1 

-8.25 

+6.1 

-7.175 

-7.176 

• 


0 




+1.5 

700 

700 

-1.90 

+1.10 

3.00 

1,500 

i 

-1.2 

-0.92 

-1.28 

+0.18 

+1.44 

Ri = 6,287 ohms 

It Ri = 0.162watts 
. Total watts =0.41 
Power factor =0.011 

K = 166 

E = 30, AT =12 

\ 

6,000 

1 

-2.0 

-0.16 

-0.925 

-1.86 

9,000 


-4.05 

+1,95 

-3.00 

-4.00 

12,000 1 


-7.15 

+4.95 

-6.06 

-6.05 

0 




+2.48 

-1.7 

+1.3 

3.0 

1,500 

-1.1 

-0.80 

-1.40 

+0.30 

+2.5 

Ri = 12,746 ohms 

72 J ?2 =0.167 watts 
Total watts = 0.582 
Power factor =0.015 

K = 167 

E = .30, N = 12 

6,000 


-1.60 

-0.66 

-0.425 

-0.85 

9,000 


-3,3 

+1.2 

-2.25 

-3.0 

12,000 


-6.2 

+4.2 

-6.2 

-6.2 

0 




+3.48 


megohms of fine manganin ribbon wound on mica cards, 
6000 ohms each, recommended by the Bureau of 
Standards for pure rea,ctance-free characteristics. This 
resistance was inserted at JSa in Fig. 1, the insulated 
armature bar being onutted. Current and voltage 
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were read at I and E, and right and left deflections of 
W taken for each of two or more values of Rx. This 
was done for values of N, 1, 2, 4, 6, and 12. The 
observations for iV = 1 and N = 12 are given in Table 
II, and the summary of all the readings in the last 
division of Table III. The P R loss is computed and 

equated to giving the value of K the constant 

of the instrument. The frequency throughout was 60 
cycles. 

For calibration of the wattmeter for low values of 
loss at low power factor a 0.002 microfarad Moscicki 
condenser unit was used. These condensers are of 
Leyden jar type fllled with, and immersed in oil, and 
with other features of design for preventing brush 
discharge from the edges of the iimerand outer electrodes. 
The voltage rating was 15,000 volts. The condenser, 
in series with the variable resistance J22, was substituted 
for the sample bar, with the connections of Fig. 1. 
For each of three values of R>i a series of observations 
was taken with different values of JRi. Correcting each 
series by extrapolation to Ri — 0, the successive 

increments of , together with the corresponding 

I 

losses in J2v, as determined by the current measurement, 
will give the desired values of K. Table IV shows one 
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Pig. 2—Calibkation of Wattmjsteb fob Low Values op 
PowbuPactob, E = 30, iV = 12 

set of observations with the resulting values of K. In 
Fig. 2, is plotted as a function of Bj, showing the 


linear relation necessary for correctii^ the 
to the resistance B. and to the capacite 
several elements of the instrument. Th^ 
permit computations of the constants of the Mo^cta 
unit. The approximate v^ues are. J ^ 

microfarad, reactance at 60 cycles 1-33 X JO 
effective resistance 1.04X10* ohms, loss at 7.6 kv., 
0.25 watts, power factor 0.007. 


No values of power factor as low as 0.007 were 
encountered in the tests, although values of loss lower 
than 0.25 watts were often met. A further check of the 
constant K was obtained by substituting one of the test 
bars for the Moscicki condenser in the foregoing method. 
The results were in all respects similar in character to 
those described and gave values of K shown in the 
second division of Table III. Throughout the tests the 
value for K has been taken as 166. 

It appeared desirable to check the calibration of the 
wattmeter from time to time. For this purpose, in 
order to avoid the setting up anew each time, of the 
condenser and its auxiliaries, with the precautions for 
screening, one of the test bars was used as a secondary 
standard. This bar was immersed in compound, and 
after comparison with the original calibration, the 
reading of its loss and charging current at a definite 
value of voltage, at regular intervals, was used as a 
cheek of the constancy of the wattmeter. No varia- 
tioi^ were found during the course of the work. 

Correction for Temperature 
The dielectric losses in insulation vary with the 
temperature. The law of this variation for one or two 
of the test bars was investigated and is discussed here¬ 
after. However, since it is a difficult, if not impossible, 
matter to determine the temperature of the insulation, 
it was necessary to make the measurements at as nearly 
as possible constant temperature. In the experiments . 
relating to the variations of dielectric loss among the 
various samples, this was accomplished by working at 
atmospheric temperature in a room comparatively free 
from temperature variation. Most of the observations 
were made at temperatures between 21 deg. cent, and 
25 deg. cent, and in nearly every case the temperature 
variation for the observations on a single specimen was 
less than 1 deg. In this method therefore a small error 
is introduced in comparing actual values of losses of two 
specimens. The observations on individual specimens 
are free from appreciable temperature error, except 
perhaps at the very highest values of voltage. At hi^gh 
values of voltage in the case of nearly every specimen the 
loss is sufficiently high to cause an elevation of tempera¬ 
ture during the time interval required for the talang of 
readings. The wattmeter was heavily damped and 
required two minutes to come to rest for any one r^ 
ing Taking right and left deflections for each of two 
or more values of the resistance Rx therefore, requires 
a minimum of eight minutes for the making of one loss 
measurement. An additional two nainutes is required 
for making the measurement of charging euirent, giving 
therefore a total of ten minutes for each reading, during 
which time voltage is applied to the specimen. In the 
upper range of voltage the loss dunng this mte^al is 
s^cient to increase the temperature so make the 
Iqss readings higher than that pertaimng to the inrtial 
condition of the specimen. In order to ineet the error 
thus caused the following method was devised: 
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Beginning at atmospheric temperature and taking 
right and left deflections of the wattmeter at two-minute 
intervals, it was found that for the higher voltages the 
wattmeter readings increased linearly with the time 
over a considerable interval, 30 minutes in some cases, 
and less than this only in the cases of specimens having 
abnormally high loss and in the neighborhood of 
breakdown. This linear relation is doubtless due to 
the facts that the increase in loss is proportional to 
the temperature, and that the temperature rise is 
uniform with the time for a slow total rise, radiation 
being practically negligible. This linear relation of 


left deflections requiring a total of four minutes from 
the application of voltage. B is the loss reading 
corresponding to iSi = 4000 ohms based on right and 
left deflections and read eight minutes after the initial 
application of voltage. C is the loss reading corres¬ 
ponding to J?i = 2000 ohms and taken four minutes 
after the reading B, or twelve minutes after the initial 
application of voltage. The length of the line A C 
therefore is the increase in loss due to the heating of the 
bar in an interval of eight minutes. Taking this value 
from that corresponding to the point B, we obtain the 
point E, which represents the true reading corresponding 



RtOHMS 

Fig. 3—Cokrection for Temperature Rise 


loss and time makes it a simple matter to correct for the 
elevation of temperature during observations by means 
of the straight line diagram used for extrapolating the 

e N K 

value of —^— to its value for Ri = 0. By taking the 

observation for the second value of i2i immediately 
after the observation for the first value of JBi, and by 
having these two values in the ratio 2 to 1, the tempera¬ 
ture correction is automatically applied by the straight 
line passing through the two observations, making its 



Fig. 5 

Bar No, 48 — Not Dried 
Uncompressed x x x 
Compressed o o o 
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Fig. 4—^Increase op Loss Due to Temperature Rise No. 
44-76 Kv., No. 49-12.5 kv. 

intersection with the vertical axis jRi = 0, The method 
is illustrated by the readings of Table V and the cor¬ 
responding diagram of Fig, 3. A is the loss reading 
corresponding to Ri — 2000 ohms, based on right and 


to jBi = 4000 ohms. Similarly, reducing the reading 
A by one-half the length of A C, we obtain the point D, 
or the true reading corresponding to i2i = 2000 ohms. 
It will be seen that the geometry of the figure results in 
the intersection of the lines B A and F D in the same 
point on the vertical axis and this point gives the true 

value of —5— corrected for temperature resistance 
Ri 

loss in Rx and also for quadrant charging current. The 
method obviously does not correct for absolute tem¬ 
perature differences, but only reduces the observations 
to that temperature obtaining when voltage is first 
applied. In those cases in which the loss was suffi¬ 
ciently high to cause an appreciable change in tempera¬ 
ture du^hg one observation it was not possible to take 
an observation at the next higher voltage until after 
the bar had cooled to the initial temperature. 
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In these cases twenty-tour hours were allowed to elapes 
between successive observations on the same bar. 
Generally this temperature change <hie to dielectric loss 
was limited to the higher values of voltage, except in 
the cases of those bars containing little or no mica. 
Fig. 4 shows the increase in loss, at constant applied 
voltage, with time, in the case of bar No. 49 having 
large mica content, and bar No. 44 consisting of shel¬ 
laced paper with no mica. It will be seen that at 7.5 
kv. No. 44 shows a rapidly increasing loss which if 
continued would soon result in breakdown, while No. 
49 at 12.5 kv. shows a practically linear increase of loss 
at a much lower rate and over a much longer time. 

Observations 

Figs. 5 and 6, plotted from the readings of Table VI 
show the dielectric loss, charging current, and power 
factor as functions of the voltage applied to the insu- 


point at which corona begins. In Fig. 6 the voltage 
loss curves are plotted on logarithmic coordinates. The 
relation, when so plotted, between voltage and loss 
is obviously linear, indicating that the loss increases as 
a simple power of the voltage. However, the slope of 
the linear relation changes in the neighborhood of 3 kv. 
Later on it will be seen that this break is much more 
pronounced in other samples. 

Early in the tests it was noticed that some of the 
bars developed the sound of internal sparking, or ioni¬ 
zation, as the voltage was raised, thus giving direct 
evidence of the presence of internal ionization. The 
effect of compressing these bars was studied and it was 
found that very substantial reductions in the losses 
resulted. This method was used for a study of the 
amounts of internal ionization in the various bars and 
the results of this study are given in a later paragraph. 
In Figs. 5 and 6 it will be noticed that there are two sets 



lation of bar No. 48. This insulation consisted entirely 
of mica folium except for %o layers of shellaced paper 
on the outside. The insulation was applied to the bar 
by the rolling-ironing process under temperature and 
pressure, resulting in a, structure as compact and asfr^ 
from entrapped air as possible. It was expected, m 
this method of investigation, that the beginnmg of 
internal ionization, or corona, would be indicated by a 
break in either the power factor or loss curves. It mil 

be noted from Fig. 5 that the power factor curves show 
no such break. The barging ci^lVhowCT^.sho^ 
a slight departure from the straight hne relation, bu 
not in sufficient amount to use it as ah indication of the 


of points coiresponding to ffie uncompr^ and 
compressed states of the insulation. The_ reduction m 
loss, as a result of compression, is scarcely noticeable 
in the ease of bar 48, showing that the corona loss m 
this bar is yery small. This is also indica^ by the 
slight change in the slope of the logOTthmie curve in 
passing from the voltage range in which corona lo^ « 
practically absent, into the upper range where it is 
present. 

7 ,8 ,9 and 10 give aniilar curves for b^ 

and No 84. Ea<* of them has appixitimately 76 p® 

oent^of micarta folium the additional 26 per cent 
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being treated cloth in the case of No. 50, and shellaced 
paper in the case of No. 34. Figs. 7 and 8 for No. 50 
give two sets of curves corresponding to the uncom- 



Fia. 9 

Bar No. 34 
Low coi’ona loas 


pressed and compressed states of the insulation. It 
will be noted that below 4 kilovolts the loss is lower in 


air layers have the effect of lowering the potential 
gradient in the insulation and thus lowering its loss. 
Above the ionization voltage, however, the loss is high, 
due to the ionization. On compression the potential 
gradient in the insulation is increased, resulting in an 
increase of dielectric loss below 4 kilovolts, while above 
that value, owing to the decrease in thickness of the 

AMPERES X 10® 

®POWER FACTOR - w <«. 



Fig. 11 

Bar No. 43 o o o 
Bar No. 59 x x x 


air layers, the loss due to ionization is decreased. The 
slope of the loss curves in logarithmic coordinates 
indicates that below the ionization point in both the 
compressed and uncompressed states the loss increases 
almost exactly as the square of the voltage, while 
above the ionization point the increase is as the 2.67 




Fig. 10 

Bar No. 34 
Low corona loss 


Fig. 12 

Loss, Bar No, 43 x x x 
Loss, Bar No. 59 o o o 


the uncompressed than in the compressed state, but power of the voltage. On comi^ession bar No. 34 
higher for the upper ranges of voltage. This is ob- shows practically no change of dielectnc properties, 
viously due to the fact that when uncompressed the The logarithmic curve, however, shows a slight change 
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in slope in the neighborhood of 3 kilovolts, indicating 
the presence of a slight ionization loss above that value. 

Figs. 11 and 12 show the results on bars No. 43 and 
No. 59. The former is made up entirely of shellaced 
paper and the latter entirely of treated cloth, there 
being no mica in either. These bars are conspicuous 
for the veiy high values of their dielectric losses. How¬ 
ever, they apparently have relatively very low internal 
ionization, as indicated by the slight change of slope 
in the logarithmic curves. It will be noticed that in 
the case of No. 43 the slope of the logarithmic curve 
above 4 kilovolts is changing rapidly. In this region 
the internal loss is so high that the temperature of the 
insulation, and therefore the loss, are increasing 
rapidly; in fact this bar broke down at 7.5 kilovolts at 
the end of six minutes. The slope of the logarithmic 
curves below 4 kilovolts indicates that the loss increases 
almost exactly as the square of the voltage. 


ient in the neighborhood of 3 or 4 kilovolts, the very 
steep slope of the curve before compression, the in¬ 
crease of loss occasioned by compression for low 
voltages, and its decrease for high voltages. The slope 
of the curves below the ionization point indicates an 
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Pig. 14 —Dielectric Losses at 25 Deg. Cent. 

increase of loss with the voltage gradient as the square 
of the voltage. This case, however, must be accepted 
with some reserve, owing to the extremely low values of 


Pig. 13 —Losses Bars No. 33, 46. 

Beforo compression x x x 
After compression o o o 

The break in the logarithmic loss cuiyes iii the 
neighborhood of 3 or 4 kilovolts and the effect of coin- 
pression on the internal losses are also well shown in 
Fig. 13, giving observations bn bar No. 33, which has 
full* mica folium content. The observations of Fig. 13 
were made after the bar had been subjected continu¬ 
ously for seven months to a temperature of 125 d^. 
cent, and also to 10,000 volts for 16 out of ev^^24 
hours. The result of this treatment was that the bar 
was thoroughly dried out, its losses reduced to/e^y low 
values, but that the insulation had expanded so that 

the thickness was considerably increased and the air 

layers obviously also increased in thicto^, Ihe 
logarithmic curves show again the change m the grad- 



20 10 6 5 4 3 2 

KILOVOLTS 

Pig. 15 —Dielectric Losses at 25 Deg. Cent. 

loss arid the probable error in the wattmeter reading. 
The total loss being measured here is of the order 0.003 
watts at 0.03 power factor, requiring abnormally large 
values of the resistance J2,. The uncertainties thus 
introduced are indicated by the irregular location of the 
plotted points in Fig. 13. 
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Loss Due to Internal Ionization 
It is suggested from the foregoing that the dielectric 
losses in the various types of insulation studied, dl of 
them having the thickness of standard 6600-volt 
insulation, vary approximately as the square of the 


side electrodes, or by the temperature or sharp increase 
of the loss curve, indicating that the sample was ap¬ 
proaching breakdown. No two observations on the 
same bar were made in one day, this being done to 
insure a TYiiniTmiTn of error due to difference in tempera- 



KILOVOUrS 

Pig. 16—Diblecteic Loss at 25 Deg. Cent. 

voltage up to the neighborhood of 3 or 4 kilovolts and 
that beyond this value the losses vary as some higher 

power of the voltage. ; 

The presence of internal sound at higher values of 
voltage, and the effect of compression of the sample in 
reducing the losses, and also the sound, are strong 
indications that this increase in loss at higher voltage 



KILOVOLTS 

17—^Diblecteic Losses at 25 Deg. Cent. 



KILOVOLTS 

Pig. 18—Diblecteic Losses at 25 Deg. Cent. 

tore. All observations were made at room tempera¬ 
tures varying from 25 deg. to 28 deg. cent., and all were 
corrected to the lower temperature from a series of 
observations on one bar taken at various values^ of 
temperature. It should be noted, that the variation 
of loss with temperature is different in different bars 



jijQ 19 —^Losses, Powee Pactoe, Chaeging Cuevb 


is due to internal ionization. In further study there¬ 
fore of this question, loss readings were taken on the 
whole series of bars at several different values of voltage 
from 5 kilovolts upwards to values limited either by 
sparkover between the central conductor and the out^ 


and that the whole question of temperature variation 
appTently dependent upon the condition andJife 
of the insulation. However, in the condition in which 
the present measurements were made, losses increased 
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uniformly with the temperature, and as the range of 
variation was small, it is certain that no serious error 
is introduced here on this account. 

The results of the measurements are given in Figs. 
14, 15, 16, 17 and 18, in which watts per inch of length 
of bar are plotted as functions of the voltage in logarithm 


KILOVOLTS 


KILOVOLTS 



higher losses in the bars containing treated cloth are 
due to less compact structure and therefore higher 
ionization losses. This does not explain the higher 
losses of the samples made up entirely of shellaced 
paper. However, neither of these groups contains any 
mica, the absolute values of the losses are much higher, 
and it appears probable that the predominating com¬ 
ponent of the loss in these cases is not internal ioniza¬ 
tion, but the normal dielectric loss pertaining to the 
lower values of voltage. It may be noted in passing 
that the accurate increase of the loss as the square of the 
voltage, as indicated in Fig. 12, suggests that the 

TABLE V 

CORRECTION FOR TEMPERATURE RISE DUE TO 
INTERNAL LOSS 





Read¬ 

ing 




Read¬ 

ing 


e N K 

E 


Zero 

Defln. 

Ri 

Zero 

Defln. 

Ri 

70 

1000 

-3.4 

+0.4 

3.8 

2000 

H 

+ 3.7 
- 9.9 

6.8 

6.77 


Ba 

T 

jNo . 34 


4000 

■ 



7.27 


N 

-12 

JiV 


2000 

■ 

+ 5.1 
-11.4 

8.25 

8.20 


Eio. 20 —Losses, Power Factor, Chargino Curve 

mic coordinates. Figs. 19 and 20 give corresponding 
values of the power factor and charging current plotted 
in rectilinear coordinates. 

Commenting on Figs. 14 to 20, we may note as 
follows: 

The three similar bars of a group in nearly every case 
show a wide variation in the absolute magnitude of the 
loss. This variation, however, maintains itself through¬ 
out the range of voltage, the curves remaining p^allel. 
We shall see later on, in connection with the experiments 
on compression of insulation, that a part of this varia¬ 
tion, at least, is due to a corresponding difference in the 
magnitude of the loss due to internal ionization. 

Taking the average values in the various sets, the 
losses are in general higher the less the mica content 
of the insulation. The relation, however, seems to 
follow no regular law. The curves for these average 
values for the set H-3 are given in Fig. 21. .The 
extreme difference in loss is between group 46-47-48 and 
group 43-44-46, the ratio of the losses being 1 :10. 

With the exception of one group, the losses are higher 
for the bars containing treated cloth than for those 
containing shellaced paper. The exception is the ^oup 
in which there is no mica, and m this ca^ 
paper shows a considerably higher loss (b^ 

The difference in the methods of assembling the ^o 
types of insulation, and subsequent e^eninents on the 
influence of compression, seem to indicate that the 


All readings at 2 minute intervals. 

Voltage on sample continuous. 

dielectric losses in the absence of mica are due entirely 
to the conductivity of insulation, that is, the losses are 
of the PR character. 

The logarithmic curves are apparently all straight 
lines and moreover these lines all have very nearly the 
same slope, indicating a loss increasing approximately 



Pjq, 21—Average Losses by Groups 

as about the 2.3 power of the voltage. Exceptions to 
these statements are found in the cases of bars 40 and 
42. These bars, however, are believed to have been 
defective, as they heated rapidly at higher voltages, and, 
in fact, punctured at 15 and 17.5 kilovolts resp^tively. 
Also, by noting the points of the lines pertaining to 
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TABLE VI 

LOSS MEASUREMENTS ON BAR NO. 48. AT 25.6 DEG. CENT 
insulation NOT COMPRESSED 


E 

K V 


. Zoro 

R<1«. 

Dolln. 

Ri 

Zero 

Rdg. 

Dofln. 

ONK 

Ri 

Watts 

Power 

factor 

15 

1.07 

10.000 

+1.S 

-1.8 

8.2 

20,000 

+ 8.8 

+ 5.02 

4- 2..55 

1.53 

0.02.54 

0.021 

0.034 


y =o.;ioo X 10 * 

40.000 


4- 7.08 

+ 0.0 

3.64 

0.0294 

20 

2.5 

10.000 

4-1.4 

. -4.2 

1 

5.6 

20,000 

■f 3.8 

4- 7.0 

4- 1.18 

2.91 

0.0483 

0.044 

0.0,36 

/ =0.40 X 10 * 

. 48 X 10-* 

40,000 


4-10.38 

- 2.8 

0.34 

0.0520 

12 

8 

8,000 

-1-1.85 

-:l8 

1 5.15 

20.0<K) 

+ 3.9 

4- 5.8 

1- 2.25 

1.77 

0.0587 

0.0583 

0.033 

/ 0.5S X 10“* 

40.000 


-h 7.0 

4- 0.45 

3..57 

0.0601 

16 

4 

5,000 

1 . H/l 

-2.15 

8.4 

20,000 

-1- 8.0 

4- 7.45 

4- 0.65 

3.10 

0.113 

0.112 

0.0.37 

/ 0.75 X 10 * 

40.000 


4-10.9 

- 2.0 

0.0 

0.114 

20 

5 

5,000 

-f-1.85 

-4.2 

5.55 

20.000 


-h 0.0 

~ 1.4 

5.5 

0.182 

- 0.182 

0.038 



1 0.00 X 10- 

a 

40,0<M) 


-H5.4 

- 0.0 

11.0 

0.182 



at 26 DEG. CENT, 


. . . 


- 


-— - 


30 

7.6 

4,000 

-1-1,5 

-0.3 

: 1 

10,009 

+ 3.82 

+ 8.82 

- 1.38 

6.1 

0..50S 

0.613 

0.047 




/ «. 1,44 X W* 

20,000 


4-13.74 

- 6.48 

10.11 

0..503 

40 

10 

2,000 

+1.6 

-2.1 

I 3.0 

6.000 

+ 3,82 

-I- 8.0 

- 0,05 

4.775 

0.963 

0.860 

0.044 

J » 1.05 X 10~* 

10,000 


+14.0 

- 0.4 

10.5 

1.045 

-— 

50 

12.5 

2,000 

+1.5 

-4.4 

5.9 

5,000 

+ 3.8 

+ 7.7 

- 0.4 

4.05 

1.596 

1.67 

0.054 

I = 2.47 X 10-* 

10,000 


+11.22 

- 4,0 

7,61 

1.616 

60 

.15 

2,000 

+1.5 

-7.2 

8.7 

5,000 

+ 3.8 

+10.05 

- 1 96 

6,00 

2.30 

- 2.44 

0.063 

/ =» 3.06 X 10-* 

10,000 


+16.6 

- 8.0 

11.76 

2.34 







934 


WHITEHEAD: GASEOUS IONIZATION 


Transactions A. I. E. E. 


the 46-60, or treated cloth group, there is, in several 
cases, a suggestion that the rate of increase of loss falls 
off slightly at the higher values of voltage. This 
tendency, if a true effect, is apparently absent in the 
other group. It appears probable from these experi¬ 
ments therefore that the losses due to internal ioniza¬ 
tion increase as some power of the voltage higher than 
the second, and that this loss, combining with a normal 
dielectric loss curve varying as the square of the voltage, 
yields the steeper loss curve of the higher ranges. It 
is probable also that the absolute values of the losses due 
to ionization depend upon the thickness and volume of 
the internal air spaces. This factor probably contrib¬ 
utes more than any other to the wide separation of 
the loss lines of the several similar samples of the same 
group. 

The drooping power-factor curves pertaining to the 
treated cloth bars shown in Fig. 20, are due to this 
slight failing off of the values of loss at the higher 
voltages in conjunction with a continually increasing 
charging current. 

In considering all of the foregoing, it should .be 
remembered that the various samples were all in a 
green state; that is, they had not been subjected to any 
drjdng process other than that of standing perhaps six 
or eight weeks after the original rolling and pressing. 
However, the absolute values of the initial losses, as 
determined for measurements on three bars, did not 
differ greatly from those obtaining after a long heat run. 
During the process of heating, the losses increased to 
high values and then decreased again, as will be shown 


of the compression to note the recovery. All of the 
observations were corrected for temperature changes. 
The results of the tests are given in the following 
Tables VII and VIII, in which the values of loss are 
given in total watts for 8 in. length of bar. 

TABLE VII 

INFLUENCE OP PRESSURE ON LOSS DUE TO INTERNAL 

CORONA 


Treated Cloth and Mica Group 


Bar 

No. 

Loss Watts 

Total 

Charging 
currents X 10* 

No 

Compressed 

de¬ 
crease 
per cent 

Before After 
Compression 

com¬ 

pression 

Start 

24 hrs. 

48 hrs. 

46 

0.549 

0.544 

0.533 


2.95 

1.4 

1.41 

47 

0.586 

0.522 


0.517 

11.8 

1.43 

1.47 

48 

0.494 

0.479 

0.462 


6.5 

1.41 

1.44 

49 

2.00 

1.35 

1.25 


37.5 

1.40 

1.58 

50 

1.95 

1.30 

1.30 


33.3 

1.67 

1.77 

51 

0.92 

0.88 

0.88 


5.4 

1.58 

1.62 

52 

* .687 

0.502 

0.502 


27.0 

« .98 

1.06 

63 

2.14 

1.6 

1.63 


28.5 

1.5 

1.66 

54 

1.9 

1.4 


1.37 

27.9 

1.66 

1.65 

55 

3.13 

2.31 


2.11 

32 

1.66 

1.9 

56 

3.32 

2.43 


(2.26 

32 

1.71 

1.93 

67 

4.31 

.3.29 

3.03 

8 days) 

29.7 

1.73 

2.1 

58 

4.03 

4.05 


3.88 

3.75 

2,24 

2.52 

59 

2.8 

2.85 

2..9 

(72 hrs.) 

3.5 incr. 

2.00 

2.16 

60 

3.06 

3.82 

3.4 


14.2 

2.11 

2.36 


(24 and 48 hrs. readings corrected for temperature differences.) 


*6000 volts. 

In considering the question of internal air spaces it 
was thought that the bending of mica around the 


in a later section of this paper. 

The Influence op Compression on the Dielectric 
Loss OF Armature Insulation 
In a number of the bars in which the losses increased 
markedly above 4 kilovolts, it was noticed that at about 
this value of voltage there ^so began a sound indicating 
internal discharge. This sound increased with the 
voltage and a rough compression of the bar resulted 
immediately in a lowering of the volume of this sound. 
A complete series of tests was therefore made on the 
whole series of bars. All of these tests were made at 
7.5 kilovolts, 60 cycles. Observations were made first 
with the bar under no compression, then with the bar 
tightly compressed by means of two 1/32 in. steel 
plates 8 in. long and of the exact width of the bar, 
placed on opposite sides of the sample, and clamped 
tight by means of 15 set s(jrews unifonnly placed in a 
specially constructed wrought iron clamp. Measure¬ 
ments were made in each (jase immediately before and 
after compressing and in a number of instances after 
standing 24, 48 and 72 hours respectively. The 
charging current was measured in each case. No 
measurement of the degree of compression was at¬ 
tempted, but the amount was approximRtdy the same 
case. A few tests were als6 made at extreme 
of compression and in several cases after renioval 


TABLE VIII 

INFLUENCE OF PRESSURE ON LOSS DUB TO INTERNAL 

CORONA 

Shellaced Paper and Mica Group 


Bar 

No. 

Loss Watts 

Total 
de¬ 
crease 
per cent 

Charging 
currents X 10® 


Compressed 

No 

com¬ 

pression 

Start 

24 hrs. 
corr. 

48 hrs. 

Before 

Compr 

After 

ession 

.31 

(not tested here) 






82 

(secondary standard; incompoimd; not tested)| 



38 

0.97 

0.83 


0.83 

14 

1.44 

1.53 

1 

34 

0.676 

0.672 

0.658 


4.1 

1.53 

1.54 

35 

(pimctured) 







36 

0.42 

0.41 

0.41 


2.4 

1.47 

1.47 

■ 37 

(pimctured) 







38 

0.816 

0.76 

0.75 


8.1 

..1.53 

1.54 

39 

0.937 

0.855 

0.81 


13.6 

1.34 

1.40 

40 

(punctured) 







41 

0.97 

1.00 


1.00 


1.48 

1.63 

42 

(punctured) 







43 

10.2 


9.8 


3.9 

. 3.23 

3.3 

44 

8.9 . 


7.44 


16.4 

2.76 

2.69 

45 

6.82 


4.68 


19.6 

2.3 

2.1 


comers of the armature bar would to some extent have 
the eflf^t of causing the flat sides to spring outward, 
causing further increase of the thickness of entrapped 
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air layers. Provision was therefore made for testing in 43-45 seems to be purely that due to conductivity, 
the various types of insulation when assembled in flat in this group the reduction of loss by compression is 
sheets rather than when wrapped on armature bars, somewhat higher than in others of the paper group. 

One sheet of this character, corresponding to each group maximum reduction is 

of three armature bars, was prepared. The same 37.5 per cent and all treated cloth and mica bars, with 
materials were included in each case and the assembled g^^g exception, show a reduction greater than 27 per 
sheet was compressed to the same thickness as that of ^ent, with a somewhat general indication of less reduc- 
the bar insulation, and allowed to dry. tion in loss for less mica content. Bars 58-60, all 

These sheets were provided with electrodes of tin- treated cloth, no mica, show less losses than the all¬ 
foil, coated with shellac, dried and melted into the p^^pgj. g^^d the relatively low reduction on corn- 
permanent contact with the sample by ironing. The pression of from 3.5 per cent to 14 per cent. Here 
upper electrode was of circular form, 6 in. in diameter, it is suggested that the principal loss in these bars 

suiTounded by a guard ring of 1 in. radial width and a ^ to conductivity and that the loss due to internal 
radial separation fiom the inner electrode of 1/16 in. ionization is relatively unimportant. This is probably 
The lower electrode was 8 ^ in. in diameter. Pro- ^^g to the absence of mica and the close adhesion be- 
vision was made for compressing the samples. Measure- tween layers of treated cloth. 

ments were made before and after compression, as in Considered in groups, the least reduction in loss 
the case of the armature bars. Table IX gives the 3 ^ 33 4343 ^ ^joth having standard 

mica folium insulation, wrapped and compressed under 
TABLE IX temperature. No. 33 stands out with a considerable 

INPLUBNOB OP COMPRESSION ON LOSS DUE TO eduction in loss Under compression. A further study 

INTERNAL CORONA IN FLAT SHEETS _ of this bar is described hereafter. 

In each group the greatest percentage reduction of 
loss is shown by the bar having the highest initial value 
of loss. 

Tests at extreme values of compression show only a 
very slight further increase of loss over those given in 
the tables. Tests on relieving the compression show 
an immediate recovery of. about one-half the total 
reduction of loss. No tests of further recovery with 
lapse of time were made. The further reduction of 
loss under compression after standing 24 hours or longer 
is in general relatively small. 

The charging current is invaiiably increased by com¬ 
pression, in spite of the decrease in loss.^ This is ob¬ 
viously explained by an increase of capacity due to the 
elimination or lessening of the thickness of the air 
layers. Due to the same cause, the loss is decreased, 
in spite of the increased voltage gradient in the body 


'Watts per Sq. Inch. 


Plato 

No. 


No. 

comp. 


Per Per 

cent cent • 

deer. After deer. 
Oom- on 24hrs. 24hrs. 
pressed compr. compr. compr. 


11 0.01.34 0.0132 

12 0.0257 0.0251 

1,3 0.0.527 0.0537 

14 O.lllO 0.1092 

16 0.0924 0.0900 

10 0.0130 0.0125 

17 0.0276 0.0277 


18 0.0.385 0.0.377 


19 0.0487 0.0476 

20 0.0460 0.0447 


1.6 0.0114 

2.2 0.0248 

1.0 
Incr. 

1.6 0.1073 

0.95 0.0775 
3.8 0.0095 

12days 0.0204 
0.36 
incr. 

48hrs. 0.0378. 


42hi's. 0.0430 
2.3 

3.5 0.0445 


48 hrs. 
0.3 
incr. 
42 hrs. 
9.7 
0.5 


Per Bars 
cent with 
Compr. Incr. same 
re- on re- Insu- 
lleved lease latlon 

0.0128 12. 31-33 

0.0250 0.8 34-36 


0.1131 3.4 40-42 

0.0806 4.0 43-45 

0.0096 1.1 46-48 

0.0230 10.3 49-51 


0.0408 7.9 62-54 


0.0443 3.0 55-57 

0,0451 1.3 68-60 


result of tests carried out in all respects in exactly the 
same way as those pertaining to the bars. . , . 

The following conclusions seein to be warranted from 

the above results: , 

All bars show a diminution of loss with mcreasmg 
mechanical compression except bar 41, which shows a 
small increase. 

The amount of decrease for the b^ made up o 
sheUaced paper and mica foUum is in ^1 (^es less than 
in those made up ol varnished _ , 

relatively s^l initial 
decrease is about that of the 

46-48. Bars 43-45, no mica and all ^ 

extremely high initial losses. 

portance of mica; for example, th^ is a tenfold incr^ 

El loss between No. 41 and No. 43 As 

where, the law of the variation of loss with the volti«e 


of the insulation. . i 

The experiments on the sheet form of the insulation 

all show the presence of entrapped air, ca^ng increase 
in dielectric loss. The losses per square inch are low^ 
than those of the corresponding armature insulation but 
of the same order of magnitude, (e. fif. sheet No. 11, 
0.0114, bar No. 33, 0.018). The decrease of loss under 
mechanical compression is gena'ally ® 

armature bars, indicating some influence of the lending 
of mica in increasing internal ionization loss, ihe 
influence of prolonging compression is to still further 
reduce the loss, and of the removal of pre^ure a 
recovery of the loss to approximately the original value. 

In view of the foregoing, it appears certain that all 
of the types of armature insulation measured liave in 
them a greater or less proportion of loss due to inter^l 
electric discharge, or ionization based on the following 

facts: 
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(a) Bars having the highest losses always give a 
sound of internal discharge which is more or less re¬ 
duced by compression. 

(b) The reduction of loss on compression is greatest 
for the highest losses, indicating also that variations 
in the values of loss in a single gi’oup are to some extent 
due to the ionization losses. 

(c) Bars with no mica show the least reduction in 
losses. 

(d) The charging current is always increased by 
compression, in spite of the corresponding decrease in 
loss. 

Mica therefore has the effect of reducing the losses 
in paper and tieated cloth insulation by as much as the 
ratio of 10:1. It also tends to increase the losses due to 
internal ionization. However, this increase of ioniza¬ 
tion losses is reduced to a small, if not negligible, amount 
by the method of wrapping and pressing under tempera¬ 
ture, used in bars 31-33 and 46-48. 

Influence op Sustained High Temperature and 
Voltage on the Internal Losses 

As has already been pointed out, none of the bars 
under observation has been subjected to any special 
drying out process. The variations in loss, with 
comparatively small differences in temperature, are 
attributable to this condition.. It was realized that the 
sustained voltage and high temperature obtaining in 
operating machinery might well introduce modifica¬ 
tions of the values and conclusions described above. 
Provision was therefore made for a sustained run at 
high voltage and high temperature on three typical 
bars. For this purpose a special Fries constant tem¬ 
perature oven was obtained and equipped with insu¬ 
lating bushings, for 20,000 volts, and also for the neces¬ 
sary connections to the central electrodes and guard 
ring electrodes of three armature bars, as already 
described. These were assembled on insulating stands 
and in a grounded metal screen inside of the oven. 
Some trouble was encountered at the higher voltages 
at various stages of the work at atmospheric tempera¬ 
ture, with brush discharges over the surface of the 
insulation between the guard ring electrodes and the 
exposed ends of the armature bar. Realizing that at 
higher temperatures this trouble would be greatly 
increased, the bars, before placing in the oven, were 
dipped in a special compound obtained through the 
courtesy of ths Standard Underground Cable Co., this 
compound being still stiff at a temperature of 150 deg. 
cent. 

After assembly as above, measurements were taken 
of dielectric loss, charging current, and insulation 
resistance, every one or two days, over a period of six 
and a half moniiis. 

The bars selected for this purpose were two of the 
standard mica folium bars, namely No. 33, for high 
internal loss, and No. 46, for low internal loss, and bar 


No. 49. At first the third bar was No. 58, containing 
no mica and having high internal loss. Within a few 
days, however, this bar broke down under only a 
moderate elevation in temperature, doubtless due to 
the cumulative influence of its internal losses in still 
further increasing its temperature. There was there¬ 
fore substituted, as a third bar, bar No. 49, having less 
mica than the others and also having relatively an 
extremely high internal loss. 

The results of this series of tests can be best seen by 
the curves in Fig. 22. Starting December 5th, the 
losses were measured at atmospheric temperature and 
the oven was then set for 80 deg. cent. It was operated 
at this temperature until early in January, when it was 
necessary to repair a contact point of the electric tem¬ 
perature control, which necessitated opening the oven 
for a brief period, during which the temperature dropped 
to 25 deg. cent. It was then set for 111 deg. cent., at 
which value it operated until January 24th. For the 
remaining 414 months the temperature was maintained 
at 127 deg. cent. During the entire run 10,000 volts 
was applied to all three of the central conductors, with 
grounded outer electrodes, for 16 out of every 24 hours. 
The temperature, however, was never interrupted. 
The loss measurements were made as described above, 
and the power factor computed from the values of loss 
and charging current. The insulation resistance was 
measured, using a primary battery of 215 volts, a 
Weston galvanometer having a sensitivity of 10"“ 
amperes per division, checking calibration at every 
series of readings. The insulation resistance, however, 
particularly in the later stages, was so high that the 
galvanometer deflections were of the order of only 2 or 
3 millimeters. Consequently the values of insulation 
resistance vary considerably. The general trend of 
the curves, however, is probably reliable. 

The tremendous increase in internal losses on the first 
application of temperature should be noted. They 
reached 10 or 12 times their initial values. Within two 
or three days, however, they began to decrease sharply 
in the process of drying out and the decrease continues 
steadily with continued application of temperature. 
The brief reduction to 25 deg. cent, showed an im¬ 
mediate influence of reduction of loss and each suc¬ 
ceeding increase in temperature was accompanied by a 
temporary increase of loss, followed by a further de¬ 
crease as the process of drying continued. 

It is especially interesting to consider the influence of 
the internal losses on the position of the complete loss 
curves. In the beginning No. 33 of standard mica 
folium insulation showed, by the compression tests, an 
internal loss relatively high in its own group. Through¬ 
out the tests this bar maintains its position of having the 
highest loss. 

Bar No. 46 showed the smallest reduction of loss 
under compression, indicating a minimum of ionization 
loss. No. 49, on the other hand, showed a high internal 
ionization loss. Notwithstanding the fact that the 
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initial loss of No. 46 was considerably higher than that 
of No. 49, about one-quarter of the way through the 
run No. 46 falls below No. 49, which latter bar shows a 
slowly increasing loss approximating to that of No. 33 
at the end of the run. Thus No. 33 and No. 49, both 
having relatively higli internal ionization loss, show a 
slow but steady increase in lo.ss under sustained tem¬ 
perature and voltage. No. 46, on the other hand, 
having very low internal ionization loss, reached a 
minimum value at 1.27 deg. cent., and held it through¬ 
out the run. These properties of the loss curves are 
followed in genei al by the curves for power factor, that 
is, the power factors of Nos. 33 and 49 are gradually 
increasing, while that, of No. 46 holds to a constant 
value. Tlie curves for insulation resistance are not so 


definite, for while No. 49 seems to hold at a low value. 
Nos. 33 and 46 appear to be increasing, the former at a 
higher rate. A possible explanation of this fact is the 
continued expansion of the sides of No. 33, giving 
higher losses, and at the same time increasing insulation 
resistance. 

The run was terminated by a failure of one of the 
control circuits, but the curves show quite clearly that 
the influence of sustained temperature and voltage on 
the insulation of armature bars having internal ioniza¬ 
tion losses is to still further increase those losses, with 
the suggestion therefore of a tendency toward the 
shortening of their life. On the other hand, in a tightly 
wrapped bar having low internal loss, there is no indi¬ 
cation during this 614 months run at 125 deg. and at 



about 50 per cent excess voltage, of any increase of loss 

or tendency to a shortening of life. , . i r 

On opening the oven it was found that the insulation 
on the bars had expanded considerably on the sides. 
It is noteworthy, however, that this expansion was 
limited to the region covered by the outer electrodes. 
Since this is the only region where the 
gi'adient occurs in the insulation, it appears that the 
internal ionization is the most important fa^^or in the 
expansion or spreading of the insulation. The oss^ 
in these bars were not especially high, and there is 
nothing to suggest that the temperatiro 
electrodes was any higher than that in the rem 
of the insulation; the temperature of ^ 

uniformly maintained within 1 or 2 deg. In pr 


this expansion of the sides of the insulation would be 

linnted to small amounts, by the sides of the stot. ^ 

During the process of cooling the oven after inter¬ 
ruption and by a few measurements taken subsequently, 
the loss temperature curves on these bais, shown m 
Rg. 23, were taken. They are of interest as showing 
that in the neighborhood of 127 deg. fte losses for all 

three of these bats tend to increase rapidly. 

The variation of the loss with voltage on these toM 
bars, after removal from the oven and at atocBphme 
temperature, was also studied and the 
38 are given in Fig. 13. Another ci^e m Fig. 13 ^vra 

the resSt of compressing this te. I* “ f®? 

the effect of compresaon is to mcrease the lo^ _ 
lower values of voltage, decreasing them m the upper 
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range. The influence of the expansion under tempera¬ 
ture and voltage is also indicated in the cxirves of Fig. 

which show the great inaease in the slope of 
logarithmic loss-voltage lines after the heat run. 
Before drying out, the exponents of the voltage repre¬ 
sented by these lines were 2.43, 2.16 and 2.3 for the 
three bars 33, 46 and 49, and after the six months^ 
run these exponents were 3.95, 4.38 and 3.95 respect¬ 
ively. Thus the internal ionization loss is greatly 
increased after the long heat run, due to the expansion 



PiQ. 23 —Dielectbic Loss—Tempbratere 


of the unrestrained flat sides of the insulation. At the 
same time the relative positions of the curves before and 
after heating indicate that the losses of othei' type 
have been lowered by the process of drying out. 

The tests were made in the laboratory of Electrical 
Engineering, The Johns Hopkins University, at the 
request and with the support of the Westinghouse 
Electric and Manufacturing Company. During the 
course of the work much assistance was rendered by 
Messrs. N. Inouye and W. C. Ball to whom grateful 
acknowledgment is extended. 

Conclusions 

We may draw the following conclusions from the 
foregoing; 

1. The dielectric losses in wrapped insulation in¬ 
crease as the square of the voltage in the lower range. 
In the 66G0-volt insulation, on which the tests were 
made, this simple relation extends to 3 or 4 kilovolts, 
corresponding to . an average potential gradient of 
about 16,000 volts per cm. In cases of bars haying a 
large proportion of mica, particularly if dried out, and 
expanded by temperature, there is some evidence that 
the exponent of the voltage may fall below 2. 

2. Above 4 kv. the loss also increases directly a as 
power of the voltage, higher, however, than 2. For the 
most tightly wrapped mica folium bars the exponent 
may be as low as 2.15; For bars high in mica, dried 
and expanded under temperature it reaches 4.4. • The 
values for the whole series of bars in the undried state 
lie between 2.15 and 2.6 with an average value about 2.3. 

3. The increase in loss above 4 kv. is due to gaseous 
ionization in entrapped air spac^. This is shown by the 


simultaneous beginnings of internal sound and loss 
increase, and the reduction of each by compression of 
the insulation. Further, complete voltage—loss curves 
for the uncompressed and compressed states show an 
increase of loss below 4 kv. and a decrease at higher 
voltages following compression. Notwithstanding the 
decrease of loss, in the higher range the charging current 
is at the same time increased. 

4. The internal air spaces are increased to some 
extent by the bowing of the mica on bending, but more 
particularly by loose wrapping and expansion of the 
insulation under temperature. Bars wrapped under 
temperature and pressure show the lowest ionization loss 
but the run of the bars in each group of three is not 
uniform, occasional samples showing high ionization 
loss. 

5. The totcH dielectric losses, in mica folium and 
paper insulation in the undried state, increase with 
decreasing mica content. Reducing the micarta folium 
by 75 per cent and substituting shellaced paper approxi¬ 
mately doubles the loss. Omission of the flnal 25 per 
cent of mica folium increases the original loss 10 times. 
The loss in an all paper bar is probably in large measure 
of he nature of conductivity. The results suggest that 
the principal function of mica is in the reduction of the 
conductivity of the insulation and in withstanding the 



Fig. 24—Dielectric Losses 
Before drying o o o o 
After drying x x x x 


action of internal ionization. Bars in which treated 
cloth is substituted for mica show great increase in loss, 
resulting in internal temperature rise and ultimate 
breakdown. The breakdown of all types of insulation 
investigated, including those containing large propor¬ 
tions of mica, does not occur suddenly, but is the result 
of large increase of loss, and consequent temperature 
elevation. 

6. The loss in well wrapped mica folium insulation 
of 6600-volt rating, is, at 6600 volts conductor to 
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ground, about 0.0017 watts per sq. cm. (0.02 watts per 
cu. cm.). Of this probably not more than 10 per cent 
is due to internal ionization. On the other hand bars 
of the same type and prepared by the same process may 
show losses 10 per cent to 40 per cent higher than the 
above figures due to internal air spaces and ionization. 

7. Wrapped insulation prepared in factory processes, 
shows at first rapid increase of loss under increase of 
temperature; this is followed, under sustained tempera¬ 
ture, by a slow decrease to values considerably below 
those at start. The initial increase of loss may be 10 
to 12 times the starting value. The consequent 
internal temperature rise, if voltage is applied during 
this period, may lead to a further cumulative increase 
of loss resulting in breakdown. 

8. The life of well wrapped mica folium insulation 
is not seriously affected by internal ionization. On the 
other hand imperfectly wrapped bars may appear in 


factory processes and in these there results a slow in¬ 
crease of loss and power factor. In two bars studied, 
under voltage and temperature continuously applied, 
this increase was about 10 per cent in three (3) months. 
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The Effect of Transient Voltages on Dielectrics—III 

(An Investigation with very High Lightning Voltages.) 

F. W. PEEK, Jr. 

Member, A. I. E. E. 

General Electric Company, Pittsfield, Mass. 


Review of the Subject —During a thunder storm light¬ 
ning voltages that reach the transmission line appear across insula¬ 
tors, transformers and other apparatus at the extremely rapid rate of 
millions of volts per second. With this rapid rate of application the 
voltage may reach a very high value in a microsecond {millionth 
of a second). Hence, since there is always a delay or lag in the 
breakdown of insulation, quite peculiar effects result from these 
voltages. For instance, some remarkable phenomena that take 
place are: Much higher lightning voltages are usually required to 
jump a given distance than voltages at normal operating frequency; 
conductors at nortnal frequency voltages are often good insulators 
for lightning voltages; water may be punctured like oil; the wel 
and dry spark-over voltage of insulators are equal; the lightning 
discharge has a decidedly explosive effect, etc. In addition to the 
characteristics just mentioned, a study has also been made of the 
change in voltage and shape of a lightning wave as it travels over a 
ransmission line at the velocity of light. 

In order that a laboratory study may he of a practical as well 
as a theoretical interest, it is necessary to be able to reproduce 
lightning voltages in the laboratory on a large scale and of known 
characteristics. 7'his investigation was started some years ago 


with a 200-kv. generator. The generator has been added to from 
time to time until now, S,000,000 volts are available and single 
lightning strokes can be obtained that increase at the rate of 60 
million million volts per second. The power is of the order of 
millions of kilowatts. It is believed that this generator closely 
approximates voltage and other conditions that usually occur on 
transmission lines. The lightning voltages used in this investi- 
galion were far in excess of any heretofore produced in a labora¬ 
tory. This impulse generator discharge must not be confined 
with thai produced by an oscillator. The lightning generator, 
unlike the ocillatct', discharges with a loud sharp report or crack. 

The photographic study shows the lightning spark-over of insu¬ 
lator strings that are of such a length as rarely to spark-over in 
practise even in had lightning country. The photographs of the 
flashes show all the characteristics of lightning such as a zig-zag 
path, side flashes, etc. 

The study of the travel of the lightning wave on transmission 
lines is of interest. It indicates forflnstance, a certain protective 
effect of corona and shows that under certain conditions inductance 
coils may increase the lightning voltage four fold. Certain phases 
of the ground wire have also been studied. 


l^Kfonner 


Former Investigation—The Lightning Generator The methods of making the tests and predetermining 

T he first paper of this series, published in 1916, the char^t^istics of the impulse have ^dy b^n 
described a generator for producing lightning adequately desenbed m the first paper of this sene^. 
impulses of a predetermined shape and voltage.^ For convenience, a very bnef description will be given 

The inaxiTTi uTn voltage of this generator was about 
200 kv. Quite complete data were given at that time 
on the time lag and lightning spark-over voltages of 
various gaps, line insulators, etc. Data were also given 
on the lightning breakdown voltage of oil, air and solid 
insulation, corona produced by lightning, etc. It was 
found convenient to term the ratio of the lightning 
spark-over voltage to the continuously applied or 60- 
cycle voltage the “impulse ratio.^' This term has since 
come into general use. 

The second paper dealt more particularly with 
lightning arrester gaps.® 

The voltage and capacity of the impulse generator 
has been increased from time to time as higher exciting 
voltages have become available. Dining the past year 
the voltage has been increased to about two million 
maximum, while the power may be millions of kilo- 
w#ts. Two million volts is higher than most lightning 
voltages that are induced on transmission lines. Tests 
can now be made in the laboratory at voltages and 
energy approximating operating conditions. It seems 
desirable, therefore, to report progress at this time. 

1. Peek, Jr., F. W,—“The Effect of Transient Voltages on 
Dieleoteies,—I.” Teansactions, A. I. B. E. 1915. 

2. Peek, Jr., F. W.— “The Effect of Transient Voltages on 
Dielectrics,^II.“ Transactions, A. I. E. E. 1919. 

Presented at the Annital Convention of the A. I. E. E., 

Swampscott, Mass,, June 26-29,1923. 



Impulse 

VoHage. 


PiQ. 1 —^Impulse Generator Circuit 

here. The circuit is as shown in Fig. lA. The gap 
G is set at some desired voltage. The transformer 
voltage is increased until discharge occurs. At that 
instant the condenser C is charged up to a voltage 
corresponding to the gap setting. A dynamic arc 
forms at G and holds. This acts as a svdtch and the 
condenser discharges through the known inductance L 
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and resistance R, The circuit that produces the im¬ 
pulse is shown in Fig. 1 b or is, in effect, that shown in 
Fig. Ic. The condenser discharging through the 
known resistance and inductance causes a transient 
current that can be readily calculated. This current 



2 -2,()0(),(K)0 Volt Impolsb oh Lightning Genebatoh 

produces a transient voltage drop across R. This is the 
impulse voltage used in the test. 

The lightning generator in its present form^ in the 
“High-Voltage Engineering Laboratory” at Pittsfield 
is shown in Fig. 2. The condenser Cjof Fig. 1 is shown 
supported on post insulators. Ih-will be noted that C 


added at will. In fact, it is planned to increase the 
number of plates to one thousand. 

The capacity per plate is 0.0112 microfarads; per cell, 
0.00112 microfarads. The cells are readily aiTanged in 
multiple and series combinations as required. Three cells 
in series on each side operate satisfactorily at a million 
and a half volts maximum to ground. In the “set-up” 
shown, a series of tests were made up to 1500 kv. max. 
The energy available for the discharge is proportional 

E^C 

to The inductance L is that formed by the 

rectangular circuit. The resistance i? is a water tube 
of 5000 ohms. This particular arrangement gives the 
wave shown in Fig. 3. 



Pig. 4—1,500,000-Volt Lightning Stroke between Points 



s 


(5 

s 


UJ 


ifi 

=1 

s 

z 


71 




■ 

■ 

■ 

■ 

■ 

■1 

■1 

■ 

■! 

■! 










Bi 


■ 

Si 

■1 

■1 

■1 

■11 

■1 

■1 






m 


/ 




..... 







■! 








t 



— 
















■ 



-- 

















.... 



— 

-- 






■ 









. 



— 

. 






■ 










— 








1 

■ 








— 

..... 

C 

1 ;ii 

nK) 

Mic 

rofar 

»(l» 



I 

■ 

1 








. 

t 

If 

* 2 

• f.<WHI OhfU:^ 



■ 

■ 

1 








.—... 

iiTinx 


■ 

■ 

■ 

i 

rm 



H 7 


K 



Pig. 3—Wave Shape op Lightning Used in the Tests 
wave Hhape No. 1. Two million-volt impulse generator. 

is made up of a number of cells or frames with ^en pkto 
in series in each frame. The plates are made of gto 
coated on both sides with tin foil. The insukt^ 
stands as shown will hold fo^eight ^es or ^Ik » 
four hundred and eighty plates. More cells can b 


Pig. 5—1,600,000-Volt Light- Pig. 6—Three 1,500,000-Volt 
N iNG Stroke between Points Lightning Strokes between'] 

Note zig-zag path and character- Points , ^ 

Istic side flashes of lightning. Note that successive strokes do 

not follow the same path. 

Neeple Gaps—Discharge has Zig-zag Pa'th and 
Characteristic Side Flashes op Lightning- 

Same Laws Followed as at Lower Voltages 

Fig. 4 shows a discharge of 1500 kv. naax. befw^n 
points. This t3q)e of discharge must not be confu^d 
with the high-frequency discharge produced , by an 
oscillator. This discharge takes place with a loud 
explosive report. It will be noted that the general 
appearance of the spark resembles a lightning flash. 
In addition to the “zig-zag” path a close examinataon 
of Fig. 5 will show characteristic side flashes. In Fig. 
6 three discharges are produced on the same plate. 
It will be noted that no two occur in the s^e place. 
The lightning spark-over curve for needles is given in 
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Fig. 7. Confirming data given in the previously- 
mentioned papers the impulse ratio is high for points. 

Spheres—Same Laws Followed as at Lower 
Voltages. Series Resistance Introduces 

Time Lag 

Figs. 8 and 9 show the discharge between spheres. 
The great thickness of the spark (over 3 in. in diameter) 



Fig. 7—^Lightning Spark-over Curve between Points 



Fig. 8—Lightning Discharge between Spheres 
Note thickness of the discharge. 



Pig. 9^—^Lightning Dibcharqb between Spheres 
Note tMcfcness of dlsdiaiKo. 


shows the large current (approximately 10,000 amperes) 
in this discharge. In measuring the maximum lights 


gap. It takes time to charge the capacity of the sphere 
through the high resistance. 

This is illustrated by the following data: 


Applied 
lightning 
voltage kv. (max.) 

Series 

resistance ohms 

12.5 cm. spheres 
gap cm. setting 

60-cycle spark- 
over kv. (max.) 

106 

0 

3.95 

106 

106 

2.500 

3.60 

98.5 

106 

5.000 

3.30 

92.0 

106 

10.000 

2.80 

80.0 

106 

20.000 

2.30 

66.0 

106 

30.000 

2.05 

59.1 


Constant lightning, voltages were applied to the 
sphere and series resistance. As the series resistance 
was increased it was necessary to reduce the gap as 
indicated in order to obtain spark-over with the same 
applied impulse. The effect of the series resistance 



Fig. 10—Dry 60-Ctclb Spark-over op a Shielded String op 

Insulators 
Arc dears the string 

increases with increasing wave front. This arrange¬ 
ment may be used, therefore, to indicate the duration 
and wave front of a transient. 

Line Insulators—Effect of 1,200,000 Volt Light¬ 
ning Stroke—Lightning Does not Follow 
Drip During Rain on Shielded String 

Previous tests showed that the wet and dry lightning 
spark-over voltages of insulators were equal. Tests 
made at the higher voltages further confirm these data. 
These tests are, however, particularly important from 
the practical standpoint since they give the lightning 
spark-over characteristics of very long strings of insu¬ 
lators. Laboratory tests have been made at higher 
lightning voltages than usually occur on operating lines. 
Fig. 10 shows the characteristic dry 60-cycle arc-over 
on a shielded string; the corresponding lightning spark- 

Fig. 12 is of great practical 


•nirtQ voltage with sphere gaps it is important to have 
no appreciable series resistance. Series resistance 
will give the sphere the characteristic of the needle over is shown in Fig. 11. 
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importance. It shows that the lightning spark-over 
clears the string during a very heavy storm. The 
great display is due to the illumination of the drops. 
The drops appear stationary in space because the 
photograph was taken by the light of the spark lasting 



metal cap had the appearance of having been punctured 
by a bullet shot through from the inside. Recently, in 
puncturing a glass plate in the laboratory a heavy foil 
coating was punctured in the same manner. This 
seems to be due to an “explosion” between the insula¬ 
tion and the foil. The foil is shown in Fig. 14. 

As in the case of spheres, if a resistance is placed in 
series with an insulator the lightning voltage necessary 
to cause spark-over is greatly increased. The following 
insulator spark-over data are given as an example. 


Fia. 11— 1,200,000-Volt Lightning Spa-hk-over op a Shielded 
String op Insulators—Dry 
S park clears the striog 

less than a milUonth of a second. It was found that 
the wet and dry lightning spark-over voltages were not 
reduced by the shield. Pig. 13 shows a non-shielded 

string struck by lightning. n j r. 

A few years ago the author’s attention was called to 
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13—1,200,00C)-Volt Lightning Spark-over op a Non- 
Shiblded String op Insulators—^Drt 




PiQ, i4_Mbtal “Punctured” by Lightning 

LIGHTNING SPABK-OVBR VOLTAGE—INSULATOR IN SERIES 

WITH RESISTANCE __ 


Series 

resistance 

ohms 


Pio. 12-1.200.000 -V^Uoh^^^'^™ or aSbisld» 

During a he^ rain, S^SSk^ciSrs^Se string. 

lUumination differs from that in Fig. n. 

• units of the cemented type 

ttot nau oero p -Hroke. In these msvdators, not 


0 

6,000 

10.000 

20,000 

30,000 

50,000 


60-cycle 
spark-over 
voltage kv. 
(Mas.) 

Lightning 
spark-over 
voltage kv. 
(Mas.) 

119.0 

127.0 

116.0 

190.0 

119.0 

235.0 

119.0 

320.0 

119.0 

420.0 

119.0 

600.0 


The resistance has the effect of increasing the time 
lag In these tests the gap (insulator) was kept c^ 
'^t L the impulse spark-ov^ vol^ 
with increasing resistance. In ™ 

above, the impulse was kept constant and the gap 

varied. 



















944 


PEEK: EFFECT OF TRANSIENT VOLTAGES ON DIELECTRICS—III Transactions A. I. E. E. 


Incidentally, these tests show how useless a high- 
resistance arrester is. 

Propagation of Lightning on Transmission Lines 

Decrease in Voltage due to Corona and Other 
Losses. Choke Coils Cause Dangerous 
Voltages—Ground Wire—Reflections 

A study is being made of the propagation of light¬ 
ning on transmission lines. It is possible at this 
time to report only the prelimin^y study which 
seems to be of considerable practical interest. In 
these preliminary tests an impulse with a front equiva¬ 
lent to that of a 5,600,000 cycle sine wave was applied 
to a short transmission line.. The length of the front 
of this wave from zero to maximum was approximately 
36 feet (12 meters). The maximum length of line 
used was made up of two parallel wires each 280 feet 
(85 meters) long and spaced 3 ft. (0.92 meters) apart. 
The diameter of the wire was 0.04 in. (0.102cm.). 
The object of the small wire was to cause a high corona 
loss, and thus get the attenuation effects of a much 
longer line. Corona produced by these transients 
could readily be seen and the eye could differentiate 
between the positive and negative wire. 

The general connections used in studying wave propa¬ 
gation are shown in Fig. 15. The data will be found in 
Table I. Fig. 15 shows the arrangement for test 3 of 
Table I. The impulse was applied to the line and the 
voltage measured at the start, in the center of the line. 


The needle gap indicated 56 kv. or an impulse ratio of 
2.4. At the center of the line the maximum voltage 
of the wave was reduced 18 per cent while the wave 
front was flattened out as shown by the impulse ratio 
of 1.7. It is interesting that the needle gap indicated 
a higher voltage in the center than at the start. If the 
voltage decreased at the above rate it would have a 
value of 80 kv. at the end. Actually, approximately 
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PiQ. 16 —Lightning Propaga¬ 
tion ON Transmission Lines 
Inductance at End op Line 



Fig. 17—Lightning Propaga¬ 
tion on Transmission Lines 
Inductance at End op Line 
Shunted bt Resistance 
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Pig, 16-t-Gene!ral Connections Used in Studying Propa¬ 
gation or Transmission Lines 
ngiures give voltage as measured by spberes, impiilse ratio an<i voltage 
as measured by needles. 

and at the end. Both needles and spheres were used 
to measure the voltage. The sphere measures the 
correct maximum voltage, while the needle always 
indicates a lower voltage. The steeper the wave the 
lower the voltage that is indicated by the needle. The 
ratio of the Sphere and needle voltages, or the impulse 
ratio, is thus a measure of the steepness of the wave. 
The higher the ratio the greater the steepness. Refer- 
ing to Fig. 15, test 3, a 133-kv. impulse was applied. 


double this value was measured; in striking the end 
the voltage doubled in value as would be expected. 
The wave front was e-lso steepened at the open end as 
shown by the impulse ratio. 

In test 4, the line was short-circuited at the far end, 
while in test 5 the far end was closed by a resistance 
approximately eqpal to the surge impedance. In 
both cases, the voltage and impulse ratio at the start 
and in the center of .the line were approximately the 
same as for the open line. 

Of great practical interest is test 7, shown diagram- 
matically in Fig, 16 where inductance coils were 
placed at the end of the line. In this case the wave 
almost doubled up oh reaching the start of the reactor. 
At the far side of the reactor a very high voltage 
appeared. This voltage, 238 kv. was almost double 
the impulse applied to the line and probably three 
times the voltage that reached the start of the reactor. 
Under these conditions the reactor would be dangerous. 
By shunting the reactor by a resistance, test 9, Fig. 17, 
the voltage was greatly reduced. A greater reduction 
in voltage is found when the far end is shunted by a 
capacity., 

Tests made by applying the impulse between one 
wire and the ground are given in Table 11. A compari¬ 
son of tests 12 and 13 is of interest. Test 13 is similar 
to test 12 except that the wave was split at the start 



946 


PEEK: EFFECT OP TRANSIENT VOLTAGES ON DIELECTRICS—III Transactions A. I. E. E. 


applying the voltage very high stress can be.obtained 
across conductors without appreciable heating. Cer¬ 
tain conductors can thus be subjected to the same 
voltage stresses as insulations. By means of the 
impulse generator it was found possible to puncture 
water. 

In this test the voltage of the impulse applied to the 
water was increased until disruptive discharge or spark 


there was no heating. Applied in the usual way over a 
few seconds not 1 per cent of these voltages would be 
possible without causing the water to boil out. 

The results of the tests are given in Table III and 
plotted in Figs. 18 and 19. The spark-over voltages 
■for the same electrodes with the globe filled with air 
were also measured and are given on the curves. It 
will be noted that the disruptive strength of water is 
much greater than that of air. 



Fid. IS —^Disrxjptivb Strength of Water between 2.64 cm. 

Brass Spheres 





SPACING-IN CMS 



19 —^Disruptive Strength of Water between 60- 
DEGREE Points 


TABLE III 

TRANSIENT DISRUPTIVE STRENGTH OP WATER 
2.54 cm. Spheres 


Gap cm. 

Impulse kv. 
(Max.) water 

Impulse kv. 
(Max.) air 

Ratio 

0.1 

40.5 

3.5 

‘ 14.1 

0.2 

86.0 

7.0 

12.3 

0.3 

106.5 

11.0 

9.6 

0.5 

126.0 

17.6 

7.2 

0.7 

137.0 

24.0 

5.7 

1.0 

149.0 

33.0 

4.5 

1.3 

150.0 

42.6 

3.8 

1.6 

165.0 

46.0 

3.6 


Resistance 20,000 ohms 


60 deg. Points 1/8 in. Rod 

1.0 56.5 25.0 2.25 

2.0 72.0 35.3 2.15 

3.6 02.0 41.0 2.25 

4.0 118.0 46.5 2.42 

5.0 134.0 51.5 2.61 

6.0 156.0 • 56.5 2.76 

__ Resistence 40,000 ohms _ 

Note. Tests made with single half cycle of a 500 -kilocyclo wave. - This 
wave was, therefore, not as steep as waves used in some of the other tests. 

The results of this test are in agreement with the 
tests above which showed the wet and dry spark-over 
voltages of insulators to be equal. The test also shows 
that “insulation^’ that is not good or is, in fact, a con¬ 
ductor at operating voltages may be very good insula¬ 
tion at lightning voltages. This again emphasizes the 
importance of low-resistance lightning arresters. 

Conclusions 

Lightning voltages are now available in the laboratory 
which exceed those usually induced on transmission 
lines. This conclusion is based on the fact that insu¬ 
lator strings of the length flashed over in this investi¬ 
gation rarely spark-over in practise due to lightning. 
An investigation on lines in Colorado also showed that 
lightning voltages in excess of.400 kv. were rarely 
induced on lines. This, of course, is not a direct meas¬ 
ure of the voltage of the lightning bolt. The lightnipg 
voltages used in the investigation were far in excess 
of any heretofore produced in a laboratory. 

The lightning spark-over of various gaps follow the 
same laws at these extremely high voltages as at the 


took place. The water was actually “punctured.” lower voltages. 

The appearance of the spark was very much like a dis- It usually takes a higher Hghtning voltage to “jump” 
ruptive discharge in air or oil and was quite violent, a given gap than a Ibw-frequency voltage. When it is 
Tests were made with both point and sphere electrodes, considered that two million volts bridge only a few feet. 
It was possible to cause voltages as high as 166 kv. the voltage of the lightning bolt from cloud to cloud or 
^s i.50 cm. (0.6 in.) of water. Since tiie time of doud to ground mu^ be exceedingly high, 
cation was about one micro-second (lO"® seconds) A photographic study shows that the laboratory 
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lightning has the characteristic zig-zag path and side 
flashes of cloud lightning. The discharge also takes 
place with an explosive report. 

The lightning spark-over of insulators is not greatly 
affected by rain or weather conditions. On a shielded 
string of insulators the spark may be made to clear in 
both fair and rainy weather. The lightning spark-over 
voltage is not reduced by the shield. 

Certain materials that are conductors of moderate 
resistance at normal frequency voltages may be good 
insulators for lightning voltages. Tests in this direc¬ 
tion indicate at once how useless a high-resistance 
lightning arrester is. 

In measuring lightning voltages resistance must not 
be used in series with the sphere gap. Resistances so 
placed give the sphere gap all of the time lag character¬ 
istics of the needle gap and the spark-over voltage 
varies with the wave front. 

The investigation of the change in characteristics of 


lightning waves as they travel along a transmission line 
shows a decrease in voltage and flattening of the wave 
front due to corona and other losses. The waves tend 
to double up or increase on striking an open line or an 
inductance. An inductance may be a real source of 
danger. Under certain conditions the voltage on the 
far side of an inductance may he increased to three or 
four times the voltage that reaches the inductance. 
In general, inductance to be safe should be shunted by 
resistance. 

With these high lightning voltages and currents it is 
possible to investigate the protective value of ground 
wires and also of lightning rods. This investigation is 
under way. 

I acknowledge the assistance of Mr. W. L. Lloyd 
in conducting the laboratory work. 

Discussion 

For discussion of this paper see page 953. 


Two Photographic Methods of Studying 
High-Voltage Discharges 
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Review of the Subject,—This paper presents some of the 
results of two methods of drawing out the alternating-current corona 

discharge along a time axis. 

The first method consists in photographing,^ the 
camera, the discharge from a needle point revolved by the dternalw 
which is the source of supply for the high-voltage ' 

The needle is revolved inside a porcelain tube whose outside surface 

is made conducting and grounded. mirrors 

The second method makes use of a is 

revolved synchronously by the alternator itself. 
equipped with a shutter so arranged tluit photographs of sparks may 

be taken using one sweep of one of the minors. , ^ between 

Phntoaranhs have been taken showing the discharge bet 

a sm iUleCric flacei ^ 

corona dUcharge, may be seen, emnv,he»the ducharge ,e extreme 


weak far the expoeure may be continued for any hnylh of time wdh 

a reoccurring phenomenon. . , 

A few photographs giving same conception of the different 
discharges under varying conditions are given. 

CONTENTS 
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INTEODUCTION 

F or several years the Engineering Experiment 
Station at Purdue University^^ has been in'i^s i- 
sating the problem of the fixatmn of atmo^henc 

anism of these ^is^arg ^ thediemical effects produced 
It has been shown g .j. ^jeing particularly 

by these discharges are aratic, this be^ P 
at the Arrnuat co^ ->/ 

Swampscott, Mass., June 26-^ , 


so when using the corona or so-called : 

The nature of the gas and even the sohd diele^ m 
the electric field seems to play an important part m 
teSS the nature of the di^h^- ^ a 
engineers have been more mtei^ted m fte ^^enbo 

of corona than in its producUon, 

l^int somewhat different from that of the 

investigators have been con^rnrf 
discharge from the static “aeMne or fte ^ 

through gases under varymgconditio^. /arweu 

nSrof direct.cunent geneiatom m senes and 
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studied the characteristics of the corona using different 
diameters of wires inside concentric tubes. ^ Much 
important work has been done in recent years in con¬ 
nection with the alternating-current corona discharge 
by Peek, Whitehead, Ryan, and others. 

The present investigation of electric discharges in 
air deals with two methods which are somewhat dif¬ 
ferent from any other known to the author. These 
two methods will be described separately. 

PART I 

Method Using the Revolving Electrode 

Appaeiatus Employed 

If a needle point is revolved synchronously with the 
particular alternator which produces the potential for 
corona discharge, the successive discharges of each 
alternation of the potential will appear to the eye as 
stationary in space and discharges which are scarcely 
visible to the eye may be photographed if the exposure 
is made sufficiently long. 

The apparatus for producing the corona is shown in 



Fig. 1—Revolving Electrodes (Slightly Withdrawn) 
AND Porcelain Tube used in Making Photographs op 
Corona 

a.—^Wooden shaft extension of alternator 

b-^huck and dii^harging needle point 

c—Grounded tinfoil covering of porcelain tube 

d— TTi«niia.t.ing disk to prevent arc over the end of the porcelain tube. 

Fig. 1. The wooden shaft shown at the left of the 
photograph is connected to an extension of the shaft 
of an 8-pole, surface wound, alternator, rated at 10- 
kv-a., 110/1100 volts, 133 cycles. This alternator at 
frequencies below 60 cycles produced a voltage wave 
which departed considerably from the true sine wave. 
The upfortunate effect of this irregular form of wave 
was to render the photogmphs of discharges somewhat 
difficult to analyze. This machine was, however, the 
only one available. The alternator was connected to 
a 50-kv-a., air-cooled transformer capable of producing 
100 kv. from line to ground or 200 kv. between 
lines. 

The wooden shaft extension of the main shaft of the 
alternator carries at its outer end an adjustable chuck 
in which is fastened a No. 14 iron wire bent at right 
—ri#»g to the shaft in the form shown in Fig. 1. The 
of the wire was carefully pointed and polished, 
w lien revolved, the needle point traces a circle 1.78 


inches (4.52 cm.) in diameter. The plane of this 
revolving point was made to coincide with the plane of 
the end of a porcelain tube which was 3 inches (7.62 
cm.) inside diameter and 4 inches (10.15 cm.) outside 
diameter and several feet in length. Part of the out¬ 
side of this porcelain tube was covered with tinfoil 
which was grounded. The nearest approach of this 
foil to the plane of the revolving needle was one inch 
(2.54 cm.). Precautions were taken to limit the form 
of discharge to either glow or spark. To prevent a 
discharge from taking place directly from the needle 
point to the tinfoil, a pressboard collar was sealed over 
the edge of the tinfoil in the manner shown in the 
photograph (Fig. 1). Sealing wax was used to close 
the space between the disk and tube. 

A connection was made from the high-voltage ter¬ 
minal of the transformer to the revolving needle by the 
use of a wire looped loosely around the chuck which 
held the needle. 

When the voltage was raised sufficiently high, eight 
discharges on the circumference of the circle traced by 
the needle point could be plainly seen. These cor¬ 
responded to the eight poles on the alternator, being 
alternately positive and negative. All of the photo¬ 
graphs shown in the paper were taken from the rear 
of the tube. By shortening the porcelain tube to 
about 12 in. (30.5 cm.) in length, it was possible to take 
the pictures full size. 

The photographs were all taken in a dark room, the 
exposure being 60 minutes. Standard plates made by 
the Eastman Company were used for the photographs. 

The frequency was varied by changing the speed of 
the driving motor, and in most cases its value was 
determined from the alternator speed. 

A preliminary test to determine the polarity of the 
discharge was made in a very simple manner. With 
full field excitation, the generator shaft was revolved 
slowly by hand while note was made of the position of 
the shaft that gave positive and negative deflection on 
a 750-volt permanent-magnet type of voltmeter which 
was connected between the needle point and the 
ground. 

Results of Tests 

Successive photographs were taken at four frequen¬ 
cies: 15, 30, 60 and 120 cycles. At each fre¬ 
quency three successive voltages were applied: 
5, 8.5 and 15 kv. However, only photographs 
of discharges at 60 and 120 cycles are shown here 

(Fig- 2). . - . , , 

The voltage impressed on the lieedle point by the 
transformer was determined by the readings of a 
tertiary coil which had been previously calibrated 
against a standard 25-cm. sphere gap. A calibration 
curve was taken for 30, 60 and 120 cycles and the 
results for the three were found to be identical. 

The difference between the positive and negative 
discharge was recorded on the photographs. When the 
needle was positive it showed more or less brush dis- 
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charge in a radial direction. When the needle point 
was negative the tiny glow at its point traced on the 
photographic plate the arc of a circle. With the aid 
of a stroboscope, Peek® has obtained photographs of 
the positive and negative discharges which show the 
general characteristic observed here, namely the posi¬ 
tive brush discharge and the negative point discharge. 

Wlien the needle was positive a dark space between 
the Inrush and the point discharge in the radial direc¬ 
tion on the photograph could be plainly seen in Fig. 2 



•1 Rtf. ijo ctfci-cs 


6.S RV. liO CYCUS ■ is KV. 120 CYCLES 


Four “first-surface” mirrors are mounted as indi¬ 
cated at M and driven by the gear G mounted on the 
same shaft as the mirrors. Gear G is driven by pinion 
P, the ratio being 8 to 1. The light from the discharge 
to be photographed passes through the glass lens L 
arid is reflected from the mirror surface M to the sur¬ 
face F on which a sensitized film has been placed. 
The surface F was constructed of heavy celluloid, sup¬ 
ported on wooden side pieces shaped to such a curva¬ 
ture that a sharp image is obtained with any angle of 
the shaft carrying the four mirrors. 

The camera was mounted on a stout tripod with 
braced legs to prevent vibration, and a considemble 
weight was hung underneath to increase its stability. 
One end of the pinion shaft was provided with a uni¬ 
versal joint coupling, thus, not only allowing a positive 
drive, but also preventing the mechanical vibration of 
the alternator from being communicated to the camera. 
The camera was provided with magazines for the film, 
and spring clamps for holding the film taut and in 

position. . , V 1 

In order to obtain photographs of sparks where only 

one exposure of the film was desired, use was made of a 
shutter operated by a contact arrangement mounted 
on the mirror shaft. 


Fig. 2 


at 8.5 kv., 120 cycles. Similar dark spaces were found 

at the loweu’ frequencies. , , . 

At 15 kv. the discharge at 15 cycles (not 
here) was about as strong as that at 120 cycles, ^e 
30-cycle discharge showed no brush at all. At 8^. 
and 60 cycles there was no brush discharge iworded. 
The reason tor this anomaly was not . . 

It is interesting to note that in Rg. 
brush apparently forms in the air 
point itself shows any glow. This effect a ^ue, P 
tiallv at least to the natural spreading out of the brush 
[n Kindrical form and also, perhaps, to the motion 

of the needle. 

PART II 

Method Using the Revolving 

The preliminary study using the revolving point 
me preiiiiuu j intprfistine charactenstics 

showed clearly some of the interestmg . 

Xnttou: "some ways. As a 

revolving electrode 

the use of a camera employing 

synchronously. . « The essential 

the diagmmmatical 

sketch (Fig. 3). 

•The eiiooess of all of Pwdue 

work of Messrs. George, rug , 

XJnivermty. 



On one of the 

the film, a pin was pla^ ” “^be 

Sf^n t a Tie pmvionsly punched 

^®lato T^d”d^ble“ to 
ligh^tight room which *'Z^ent the pos- 

bmld aroimd Jupli paper provid^ 

ability of fogging the film, toe uup ^ 
by the film manufacturers was kept over 
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addition to this, the camera was always covered with 
a black cloth when in use. 

The water-cooled glass dielectric which was used for 
most of the tests is shown in Fig. 4. Two plates of 
double weight window glass approximately 0.118 in. 
(3 mm.) in thickness were sealed to wooden spacing 
pieces with a special insulating compound. The total 
thickness of the dielectric was 0.695 in. (1.765 cm.) 
including the space occupied by the cooling medium. 
Cooling water from the city supply was circulated at a 
rather slow rate,—a glass tube 5 ft. (1.5 m.) in length 
and 0.39 in. (1 cm.) in diameter being used to convey 
the water to the dielectric. The level of the water was 
kept constant by means of the overflow pipe which dis¬ 
charged the water in a discontinuous stream. This 
arrangement, in effect, grounded the water between the 
two glass plates through a high resistance. 

The needles used were made of steel rod 0.127 in. 
(0.323 cm.) in diameter, and were adjustable. They 
were carefully pointed and polished. Considerable 
care was taken to get the points accurately in line and 
perpendicular to the dielectric surfaces. 



Fig. 4—^Watbr-CooiiED Glass Diblbctrio Set Pbrpbndi- 

CXTLAR TO THB ELECTRIC PiBLD 


The secondary terminals of the high-tension trans-^ 
former whose primary was excited by the 8-pple 
alternator, were connected by the use of bus bars 
directly to the needle points. No resistance of any 
kind was placed between the points and the transformer. 
The resistance of the transformer secondary was 33,390 
ohms, and the inductance by short-circuit test was 
1920 henries. The middle of the highrtension winding 


was grounded as were 
pajpts of the camera. 


also the alternator and the metal 


Results op Tests 


It was found by trial that a film exposure of 45 min¬ 
utes was necessa^ to secure a satisfactory image of the 
corona discharge at low potentials, and this length of 
esposure was therefore used with all of the corona 
photographs regardless of the intensity of the discharge. 

Data on the following points were obtained: Effect 
of changing the potential, frequency, spacing of elec¬ 
trodes, dielectric material and electrode shape. 

For many of the corona photographs the voltage was 
raised to a point so near the sparking potential that 


occasionally a spark would pass. From the appearance 
of such sparks on the developed film, it was concluded 
to make some investigation of sparks. On account of 
the high resistance and reactance of the transformer, 
such tests could be easily made without the possibility 
of an arc following. 

In Pig. 6 may be seen the discharge as it appears to 
the eye. This was taken with the pinion driving the 



Fig. 5 —Discharge Between Points as it Appears to the Eye 
Taken with the camera mirrors stationary. The potential is 118 kr. 
at 60 cycles. (The edges of the glass dielectric are plainly outlined by the 
parallel reflections appearing as bright lines. 

mirror shaft disconnected from the alternator, the 
mirrors thus being stationary. The discharge seems 
to consist of two parts, the neck or stem and the brush 
which extends to the glass dielectric. This charac¬ 
teristic form has been noted by others, and some very 
good photographs were obtained by Peek,’ whose only 
dielectric was air. Thus to the eye the discharge 



Fig. 6—Corona Discharge at 11 kv., 60 Cycles, Drawn 
Out Along a Time Axis by the Use op the Synchronously 
Driven Rotating Mirror Camera. 16 cm. Spacing 


appears essentially the same whether the solid dielec¬ 
tric is present or not. 

When these discharges are drawn out along a time 
flYig at right angles some additional features can be 
seen. The stroboscopic method, as Used by Peek 
showed plainly the difference between the positive and 
the negative discharges, but did not show how they 
vary with time. Fig. 6 shows the discharge at 60 cycles 
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and Fig. 7 at 120 cycles, the voltage in each being kept 
as high as possible without sparking. 

As in the photographs showing the discharge with 
the revolving point, the negative appears as a line, 
which is the trace of a concentrated glow on the needle 
point, while the positive discharge is accompanied by 
the characteristic brush extending from the needle 
points to the surface of the glass dielectric (Figs. 6 
and 7). At all frequencies studied, the negative dis¬ 
charge seems to take place throughout the entire 180 
degrees. This condition was made use of in determin¬ 
ing the location of the position of the degree scale, for 
it was possible, on the film, to erect a perpendicifiar at 
the end of the negative on one needle to the be^ning 
of the negative on the other. The degree marking was 
drawn on a separate film, and by the use of the punch 
marks, which determined the location of the film on the 
camera, the degree marks could be located in the same 

position for each frequency. 

The positive discharge shows a distinct dark space 
between the end of the neck and the brush. The shape 
is somewhat different at the different frequencies, the 


photographs were taken showing the discharge at dif¬ 
ferent frequencies. The discharge from the needle 
point is not appreciably changed by the substitution 
of the sphere for the lower point. The discharge from 
the sphere itself seen in the lower half of Fig. 8 is 
interesting. The negative is no longer a point discharge 
but extends out some distance. A brush appears at 
the beginning and at the end of each negative discharge 
from the sphere, the first brush with a dark space and 
the second without one. This effect is very plain on 



(tjppeb) and a Small Sphere (lower electrode) at 
and 60 Cycles. 15 cm. Spacing 



Fia 7 —Corona DiscHAuaio at 104 kv., 120 Cycles. 

Spacing 


15 CM. 


the film but may be lost in reproduction. The Positive 
has no dark space and shows no point discharge. i he 
neck forms abruptly and ceases in the samej^^er. 
Both the positive and the negative discharg 

shorter in degrees than with needle pointe. 

It should be mentioned in connection with these 
tests with the sphere and needle that the d^charge 
tom Se sphere Vks W different tom that <ff the 
needle, consisting of much coarser streamers and tend- 


change being most marked at 120 cycles (Fig. 7) where 
is evidence of a double dark space. On both 
films there is a point discharge from the needle 
Wore the neck forms and the brush appears. With 
e^h frequency this point di^arge 

flow of current previous to ***6^™* 
tion.” It should also be ttet 

not symmetrical with respec 
and 270 degrees. . , for each 

The negative disch^- is discharge 

frequency and shows m each ease a str^ 

during the time that tlm important to 

In studying oviSog of the 

remember that there is oonsiderahle ot^PP 
brush discharge since it has appreciable width. 

Effect OP Electrode SHAPE; ^ 

U . OA mm in diameter substituted 
With a brass sphere 24^-^ ^5 
for the lower needle, and with a spacing 



P- 15 - B-C.SO 

ing more toward the condition of sparks than is the 
case with needles. 

Tbsis with Am dielectric Only 
■VTith the glass ^^cou^e°^teined, 

difficulty that photo^P^f“>' i„t with 

tor the spark pomt is cl^e to in 

this spacing. discharge at 120 cycles. 

120 cycles. Mg. » *^d^ S acress to the 

The positive brush has extenaea 
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negative. The positive dai'k space is plainly seen in 
this photograph. The positive brush starts at the 
same time the glow begins on the positive point. The 
brush extending to the negative does not form until 
the 90 degree point has been reached. 

PHOTOGRAPHS OP SPARKS 

Quite a large number of photographs of sparks were 
taken. The characteristics seen in Fig. 10, which 
represents only one sweep of one mirror, are observed 
at all of the different frequencies studied. When using 
the glass or a bakelite dielectric, the sparks from the 
positive needle point are straight for a short distance 
out from the point and then become quite crooked, 
deviating considerably from a straight line connecting 
the needle points. On the other hand, the negative 
in many c^^ passes in a straight bold path to a point 
close to the dieleotriCj where it jumps to one side before 
reaching the dielectric. = 

It should be noticed that the negative spark widens 
out at the same average distance from the needle point 
that the positive begins to deviate from a straight line. 
This distance at 60 cycles is about 17 mm. 


necessary when the ground plate is removed. This has 
an important bearing in several applications; for 
instance, in an ozonizer, the maximum discharge will 
be obtained when the dielectric is not in contact with 
either electrode. 

When a bakelite dielectric was substituted for the 
glass, the general form of the discharge was unchanged, 
but differences in detail were noted particularly in 
connection with the shape of the dark space. 

A peculiar discharge when the needle is negative is 
found, to have occurred with many of the photographs 
taken with the corona camera. A luminous point 
formed back along the needle a distance of about 1 cm, 
from the point. This point discharge moves in toward 
the point as the cycle progresses, the total movement 
being three or four mm. The clearness of the image 
on the films shows that this movement occurs syn¬ 
chronously when the needle is negative. This has 
occurred with both needles even after having been re¬ 
polished. When photographing a wire, Whitehead® 
foimd a spiraling effect which may be of the same nature. 

Summary 


Pig. 10— Photogbaph op Sparks: Stebi. Points, 15 cm. Spacing 
Glass Diblbctrio, Single Exposure, 116 kv., 60 Cycles 


Two methods which show the variation of the dis¬ 
charge with time have been developed. In the first 
method, the discharging point is moved s 3 mchronously 
with the alternating current. 

The second method, by the use of synchronously 
revolved mirrors, draws out the discharge along a 
straight time axis. 

It has been found by the use of these two methods 
that a region exists, between the positive brush and the 
brilliant discharge from the end of the needle, which 
does not affect the photographic plate. 

It has also been found that the appearance of the 
positive discharge is considerably modified by changes 


^ Sparks from a small sphere (2.4 cm, dia.) are nearly 
as straight when the sphere is positive as when it is 
negative,^^ ” 

^. '^ SPBCiAL TBSTO^ 


in circuit conditions. 

Sparks from needle points to a solid dielectric are 
found to possess definite characteristics depending on 
whether the needle point is positive or negative. 


Placing an 8ur condenser in series with one of the 
needle points allowed a much larger discharge without 
the formation of sparfe^^^^^^ T^^ dark spaces, although 
present, are considerably modified in appearance. 

A photograph was taken without a solid dielectric 
with one of the needles turned through 90 degrees about 
the point as a center. Sparks from the end of this 
needle follow the direction of its axis for a short distance. 

When a grounded plate was placed in the cooling 
water, it was found that it was not possible to produce 
any appreciable corona discharge without the formation 
of sparks, (15 cm. spacing). This calls attention to the 
fact that with a dielectric between two needles, the 
dielectric will not be at ground potential if.a discharge 
is taking place, but will have a potential closer to the 
positive than to the negative point. This effect is 
quite appreciable for with grounded cooling water, only 
68 kv. is required to produce sparks, while 115 kv. is 


Conclusion 

A large number of photographs under many different 
conditions have been taken, using the methods de¬ 
scribed in this paper. It is hoped that these may soon 
be published in a Bulletin of the Engineering Experi¬ 
ment Station. 

Much additional information should be obtained 
using quartz lenses and studying the discharge with 
different gases and. at varying pressures. This work 
is being continued at Purdue University with the idea 
of learning more about the mechanism of this discharge. 

The author wishes to express his appreciation to 
his associates in conducting this work, especially to R. 
H. George, Research Assistant, and E. Pugh, Instruc¬ 
tor; both of Purdue University. To Dr. Anderegg, 
and to Prof. C. F. Harding under whose general 
direction the work was done, thanks are due. 
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Discussion 

'rilP AXIAIjLY controlled magnetron (Huiiii), 
GASEOUS IONIZATION IN BUILT-UP INSULATION 

(WniTMHKAD), 

EFFECT OF* TRANSIENT VOLTAGES ON DIELECTRICS 

—Ill (Pbkk), and 

TWO PHOTOGRAPHIC METHODS OF STUDYING 
HIGH-VOLTAGE DISCHARGES (MoEachron), 
SwAMPSCOTT, Mass., June 29, 1923 
V R Jtawcttx I wish to touch upon a point which Mr.^ Peek 
lull n,rnm«l to in lii» oonoludiiiE ramarlts and 
U... nurimix phonomona wl.ieh liavo boon obsaryed 
“ma In nunnnotion with thaao ve-rMf energy i^to. wlueh 
sunn,tamos acour in eonneolien with hghtmng diseharges 
Vorv frociuontly in exaniiniug pieces of rubber oovere^^ 

HiieU Im Seed in urdini^ »e 

HuV.Hcrihor«’ instruments, pieces haS 

curront di.scharges have passed, ®J^'L^lon^engths 

bocui imtiood. In the first placje you 

of this insulated wire where ^Y\'T.uS^ation inLates 
completely disintegrated, hut w lo’o p^vnuietely disappeared 
that the metal of the wire ^ tU'hnr cos tiT^p ' having been 
without any visible indication of that 

seriously ruptured. There peek has just made as to 

has given rise to suggestions su ^ ^ ^ enormous 

what curious things might be ^ instant of time 

nuichanieal forces which ^ Mr. 

dev(?lopod in the wire „,.,n„ratus I rather expect that 

Peek has had in hand and ^eat many things about 

i^rr^irinTeV:.^ 

«tbo m„u. oi ‘h_e wj* 

jio.. a pure motaU but an ^oy w ^ ^^ar 

aiJplied a-t a time when the metal , processes 

a molten state, produce very high grade aUoya 

which have been developed for producing very n g gr 

from relatively low grade curiosity because there are 

I just mention that as a . 3 ^^.^ about, which may 

obviously a lot of of these enormous energies 

or can taJse place under the 

dissipated in a very small space « ^ practical 

H. Goodwin I There has long © eonneetion with the 

men that wood arms have some y ^ H^ooo to 66,000 
insulation of high-voltage g’Jged at the idea of the 

volts. In general, technical insulation for these volta^®- 
wood having any ^ t^ben these arms are wet 

Further, it has been considerea in 


their resistance is very much reduced, and any insulating value 
they might have when dry is entirely eliminated. Have your 
tests gone far enough to show that there may be some insulating 
value in the wet wood cross-arm in series with the insulators 
when subjected to a high-voltage steep front wave? Some of 
your data would seem to indicate that the wood arm may have 
considerable value, but w^e appreciate how verj- unsafe it is to 
draw sweeping deductions from special tests. 

What you have developed on the increase of voltage due to 
the use of choke coils is of very great interest and confirms claims 
made by others. 

C. J. Fechhelmer: I think perhaps that the causes of 
insulation failure in large high-voltage generators may be 
attributed to three sources, the first being too high temperature, 
which may cause the insulation to char and to chafe. This is 
well known. We have had a great deal of discussion in the 
Institute on that subject. 

The second is mechanical failure which may arise from 
various causes; with long core machines there is possibility of 
electrical failure from alternate expansion and contraction.^ due 
to changes in temperature. That has not been discussed, so 

far as I know, at any of our meetings. 

The third is the possibility of failure from corona, either 

external to the insulation or internal. 

With regard to the second source, I may sa\ that at tUe 
Westinghouse Compimy we me condectmg e Imge 
tests to determine how serious mey be the ^’ 1 “™ 

trom aiternote expansion and contraetion end « ho pe thm 
mthin the eonrso of a yem or less we shril be able to pre^nt 

before this Seoiety the results of onr T^fhe 

I would rather not speak of that as it does not pertmn to the 

“orL subjeot of the possibilities of failure 
Dr. 'Whitehead’s covers, there axe two or thre p 

pSal »“»«lusion which one may reach is 
thIttl^r^omMureinwe«^^l~ 
peroontago of mioa is exlieme 5 . _ ■ 

skeptioal in tto re^ some years age when mica 

machines will not fail, i Kno tndav treated cloth or 

was net used to *V^Lel of thi ^^Sn; the itmu- 
Sn TSed Ldoubtedly from internal corona or possibly 

“rJXr^oiis are f— 

after they were paper for mechanical proteo- 

on the toedm after removing the extemaJ 

tion-was pitted. But m^eai 

S'w^ "f f fmSt- 

from breakdown due to jpigM infer from the paper. 

That is one conclusion ' 3 ^/corona loss with mica 

but the other conclusion is _ fibrous material. In 

insulation is very much or from breakdown when 

other words, we have ehimnated dauger^ft^^^ 

mioa insulation is einployed, y ^ ^ ^ pse ipica. 

the internal corona loss, an Janeer of breakdown because 

r:S’'su“y “l^STeereii diseherge for brdednito 

Peters. 

in showing ns ''fn„^„btedl.v wiU be of very 

theoppaxutnsdosonWin lieP P engineering. I 

greet vslue in obtaming dote to « . drawn fmm the 

feel, however, that some of the cone 

tests have been ” 2 Snd°S'«“® “* “‘p 
F or instance, m the secon 
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the author is discussing the impulse ratio of sphere gaps with 
various series resistances he states, “The effect of the series 
resistance increases with increasing wave front. This arrai^e- 
ment may be used, therefore, to indicate the duration and wave 
front of transients.’’ 

It has been very definitely proven that the delay of a sphere 
gap with series resistance is due to the time reci.uired to charge 
up the spheres as a condenser through the series resistance. 
That being the ease^ the delay is fixed almost entirely by the 
duration of the surge and is practically independent of the wave 
front. The wave front and dmration to a very limited extent 
are proportional, but the duration can be varied over a very wide 
range without materially affecting the wave front. 

For instance, taking the curve shown in Pig. 3 and the con¬ 
stants there given, the equation of that curve is- 

(g-0.152.<_g-0.173.t) 

where e is the base of naperian log and t is time in microseconds. 
"€ to the minus 173, t fixes the wave front almost entirely while 
the other factor" e to the minus 0.152 1 —^fixes the time or tail 
of the wave. 

If the capacitance there used were double and R and L 
remained the same, then the exponent fixing the wave front 
would be 173.1 as compared with 173, whereas the exponent 
fixing the length or time of the surge would be 0.075 instead of 
0.152. In other words, the duration is practically doubled, 
where the wave front is not modified or is modified very slightly. 

That being the ease, it is obvious that the impulse ratio would 
be different for the conditions with a larger condenser than it is 
for the small condenser. So that the spark gap for the given 
resistance really gives wave front only for some particular 
quantity of charge. 

In connection with the author’s investigation of strings of 
insulators in series with resistances shown on the foturth page, 
which have characteristics similai' to the needle gap, the author 
states at the top of the first column on the fifth page: “In¬ 
cidentally these tests show how useless a high-resistance arrester 
is.*’ 

Although I entirely agree with the author on the ineffective¬ 
ness of a high-resistance lightning arrester—^it is not clear how 
these tests prove the point. In the first place, a resistance type 
arrester as usually constructed consists of combinations of 
resistance and spark gaps in series and has characteristics 
similar to those shown on the third page, and for moderate 
resistances the impulse ratio would not be serious. My belief 
in the ineffectiveness of the high-resistance type arrester is not 
due to its large impulse ratio but is due to its limitation of 
current that it will drain from the system when it does function. 

Referring to Mr. Peek’s conclusion, his last conclusion in the 
first column of the eighth page is: “In measuring lightning 
voltages resistance must not be used in series with sphere gap. 
Resistances so placed give the sphere gap all of the time lag 
characteristics of the needle gap and the spark-over voltage 
varies with the wave front.’’ 

Whether a resistance in series vrith a spark gap is at all objec¬ 
tionable or not depends on the relative value of that resistance 
as compared to the capacitance of 1^ e spheres. A certain amount 
of resistance may be desirable, We all know that if a voltage is 
abruptly applied to an inductance and capacitance in series 
where the circuit is not critically damped, the voltage on that 
Condenser will overshoot. A sphere gap with no series resistance 
is just such a circuit. 

The author shows by sonae of his tests that an inductance 
located at the open end of a line gives a large increase in voltage 
due to refiections, and in connection with those tests he finds 
that by shunting these inductances by renstances, the refections 
are very much reduced, a>nd he concludes that “hi general, 
inductances to be safe should be shunted by resistances.’’ 

The usual installatipn of inductance (reactances) is not at the 
open end of lines. The only inductances ihat haye a legitimate 


right to be located at the open end of a line are those used in 
connection with lightning arresters, and when used in connection 
with lightning arresters, the better reflector they are the more 
effective will be the lightning arrester. 

R. H. Marvins I was particularly struck by Mr. Peek’s 
experiments with regard to resistance in series with the sphere 

gap- 

It is, I think, generally recognized that wooden construction 
is of great value in reducing lightning disturbances. I think 
the general feeling has been—I know my own has been—^that 
its value in this case was not so much in preventing flashover, 
as in preventing a dangerous arc from following, or hastening the 
exting^shing of the arc after its occurrence. It would appear 
from these experiments that we have a still further action in 
actually preventing the flashover of the insulator and so reducing 
the number of disturbances. Of course, it is true also that we 
may have this action in limiting the current after the arc has 
started. 

It is also interesting in this connection to consider the effect 
of ground resistance. We all know that the resistance of the 
earth varies widely with the amount of moisture in the 
ground, and it seems entirely possible that even with metal 
construction the resistance of the earth may have some effect 
in determining flashovers from lightning voltages. 

J. Slepianx The phenomenon of time-lag in the electrical 
breakdown of dielectrics has been rightly attributed to the 
necessity of a certain eneigy input for converting the dielectric 
from the insulating to the conducting state. Since electrical 
energy input is determined by the product of potential, current 
and time, we see that in all cases time is necessary for breakdown. 

The sphere gap in air is known to be extremely fast in its 
breakdown, and for most purposes may be considered instantan¬ 
eous. However, we must not forget that actually a finite time 
is required, and when, as Mr. Peek does in his paper, we are 
considering things happening in 10"® seconds, we must inquire 
whether the sphere gap is sufficiently “instantaneous’’ for its 
time of breakdown to be negligible I shall show that to bring a 
sphere^ap into a highly conducting state something of the, 
order of a naicro-second is necessary. This being the case, the 
calculated steep front of the wave shape shown in Fig. 3 of the 
paper has no actual significance. The gap G of Fig. 1 does not 
break down fast enough for the voltage on the resistor R to 
build up at the rate indicated in Fig. 3. 

The theory of conduction in gases is now in a highly developed 
state, and we may make calculations in this field with great 
confidence in the order of magnitude. I shall now oalculate 
the time of breakdown of the gap 0. 

To begin, what energy is necessaiy to make the gap conduct¬ 
ing? Before this can be answered we must state more precisely 
the degree of Conductivity the gap is to attain. I assume that 
in Sig. 3 a four cm. gap was used which breaks down at about 
100,000 volts. With a resistance of 5000 ohms, this wifi, give 
20 amperes after complete breakdown. Since in calculating the 
curve of Fig. 3 the volts taken by the gap are assumed negligible 
against the 100,000 volts, I shall assume that 1000 volts are 
taken by the gap when carrying the 20 amperes. This defines 
the degree of conductivity attained by the gap. 

The current in the gap is carried by ions, that is, positively 
and negatively charged particles into which formerly neutral 
molecules of Ike air have been broken. The negative ions will 
be electrons which have a very much greater velocity than the 
positive ions. Hence, practically all the Current will be carried 
by the negative ions. 

Since the current will be given by the product of the charge 
per cm. of gap carried by the electrons and the velocity with 
which the electrons move, if we know the velocity, we cam 
determine the chaise. Referring to Townsend, “Electricity in 
Gases’’p. ISOi we find that the velocity for a gradient of 
250 volts per Cm, is about 700,000 cm. per sec. This gives 
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- = 2.9 X 10 ■' coulombs per cm. or for the whole 4 cm. 
700,000 

of gap 11.1 X 10~® coulombs as the charge carried by the 
electrons. 

Now, to separate an electron from a neutral molecule requires 
a certain amount of energy. This energy has been fairly 
accurately determined, and is commonly expressed as the voltage, 
called the ionizing potential, through which an electron must 
'fall to attain this energy. The ionizing potential for air is 
about 15 volts. Hence the energy necessary to produce the 
11.1 X lO'"'* coulombs of electrons in the gap is 15 X 11.1 
X 10“® = 1.67 X 10“® joules. This is aboxit 1/12 of the energy 
which leaves the condenser in the first two hundredths of a 
micro-second, as shown in Pig. 3. 

Now although 1.67 X 10~® joules is the energy necessary to 
produce the assumed degree of conductivity of the gap, this is 
not a measure of the total enei^ which must be put into the 
gap, for the larger part of this energy goes into produieng heat, 
and only a small part into producing ionization. To get an idea 
of the relative proportion, we must consider the mechanism of 
ionization in more detail. An electron will ionize a molecule 
if it collides with it after having fallen freely through fifteen volts 
of potential. Now with the largest mean gradient in the gap, 
namely, with the initial 100,000 volts acting on 4 cm., or a mean 
gradient of 25,000 volts per cm., this means that the electron 

15 

will have to fall freely through a distance of or 60 X 10“* 

20|UUU 

cm. But the mean free path of an electron in air is only about 

5.7 X lO"® cm. Hence very, very few electrons will fall freely 
through the necessary 60 X 10~® cm. Practically all of them 
will collide with molecules before they have fallen through this 
distance and give up there energy as.heat instead of as ionization. 
The victual proportion which will produce ionization may be 
determined by the formula given in Townsend, “Electricity in 
Gase.s,” pp. 292 - 293. This gives, on substituting, 

60 X io-‘ . _ 

6.7 X 10-> 

Thus au electron will collide with molecules 10'*”® times with an 
energy corresponding to a fall through the mean free path, for 
each time it collides with a molecule with energy sufficient to 
ionize, corresponding to a fall through the distance 60 X 10 ® 
cm. We conclude then that 

5.7 60 X 10®-® = 4 X 10® times as much energy will go into 
beat, as goes into ionization. If this proportion were kept up, 
4 X 10® X 1.67 X 10“® => 6.68 joules would have to be put 
into the gap to produce the desired ionization, and at 10 amperes, 
100,000 volts, this would require, 6.68 X 10”® seconds. 

However, after some ionization is produced conditions become 
more favorable for further ionization, since portions of the gap 
become charged and cause the electrostatic field in the gap to be 
distorted, the gradient being increased near the electrodes, and 
reduced at the center of the gap. In the stronger fields a larger 
part of the energy spent will go into ionization, so that the tot^ 
energy which must be put into the gap will be reduced. This 
does not help out very much on the time of breakdown, how¬ 
ever, as the ions which are .produced in the stronger portions of 
the field must move into the weaker portions before full con¬ 
ductivity can be obtained. Now, for a gradient^ as high m 
25,000 volts per cm. the velocity of the electron will be nearly 
10 ® cm. per sec., but the velocity of the positive ion is very much 
less, so that time of the order of micro seconds must elapse 
before the ions move from the strong field, where they are 
generated rapidly? to the weak field. 

More convincing, perhaps, than the above calculations, are 
actual experiments. A. Leontiewa, in Physikdische Zeit- 
8chnft, J&n, 15, 1922. p. 33, describes experiments which show a 


lag in the breakdown of sphere gaps distinctly greater than 10”® 
seconds. In these experiments however, breakdown meant 
merely a luminous discharge, and a discharge of only a micro¬ 
ampere may be luminous. To attain conductivity sufficient 
to discharge amperes, as in commercial lightning arresters, or 
as in the gap G of Mr. Peek’s tests will require considerably 
longer times. 

This brings us now to the matter of spark gaps for measuring 
transient voltages. Since the current necessary to produce a 
luminous discharge is so small, a measuring spark gap does not 
need to develop the high degree of conductivity assumed above, 
^d its time lag is much shorter, of the order of 10”® seconds. 
This may be considered as instantaneous when the gap is used 
for measurirg surges initiated by discharge gaps in the labora¬ 
tory, or lightning strokes or insulator flashovers in the field, 
which require 10”® sec. or more to develop their full conductivity. 

Mr. Peek states that for most accurate work, no resistance 
should be used in series with measuring spark gap. I do not 
agree with him there in general as the leads to the spark gap 
necessarily have inductance, and as is well known, if a voltage 
is suddenly applied and maintained on an inductance in series 
with a condenser, the voltage on the condenser will rise to 
nearly twice the applied voltage. A somewhat similar question 
would be as to what is the best value of damping to put in the 
movement of an ordinary voltmeter to read accurately voltages 
which are suddenly applied and held on for only a brief time. 

If there is no damping at all, the movement will come most 
rapidly to the proper position, but it will not stop there. It 
will overshoot, and momentarily indicate too high values. The 
amount by which it overshoots will depend on the rate at which 
the applied voltage builds up. If the applied voltage builds 
up in a time small compared to the natural period of the move¬ 
ment, it will overshoot to twice the correct displacement. If 
the applied voltage builds up in a time large compared to the 
natural period of the movement, the overshooting will be 
negligible. 

If too much damping is used, the movement will be sluggish, 
and will npt reach the proper defiection during the time of 
application of the voltage. 

To reach the proper deflection most rapidly and without 
ovOTshooting, the movement should be critically damped. 

Similarly, for a measuring spark gap it is best to use that value 
of series resistance which will critically damp the oscillations 
attendant upon charging the capacitance of the sphere gap 
through the inductance of the leads. When, as was most 
likely in Mr. Peek’s circuits, the time of building up of the 
voltage is long compared to the natural period of the measuring 
sphere-gap oscillations, not much error will result in omittmg 
this series resistance, but in other cases the error may be con¬ 
siderable. It is not unusual in the laboratory to find an un¬ 
damped measuring gap indicating higher voltages than the gap 
initiating the impulse. 

H. J. Ryan* In the high-voltage field, generally speakii^, 
breakdowns of solid, liquid, or gaseous dielectrics^ are due to 
many factors, and often in very complicated relations. Exact 
knowledge of all circumstances is, thereforer of the highest 
importance. Systematic work under definite conditions is 
rapidly erecting a sufficiently complete understand!^ of high- 
voltage phenomena to assist greatly in placing causes of accid¬ 
ents of a high-voltage character in practise. 

There is a duty imposed upon those who undertake to profit 
by these papers. They should remember in connection with 
Mr. Peek’s paper what has been said therein regardii^ the 
conditions involving the time element. Wbere the t^e in 
action is so short, as was always the case in those studies, me 
results show that the discharges through the air require extra¬ 
ordinary voltages, having impulse ratios of about two, and vmues 
of 20 kilovolts, effective, per inch in air at common densities. 
On the other hand, the oscillator that delivers 120, 60,000-oyole 
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wave trains per second produces discharges through air at 
ordinary densities with impulse ratios that begin at 1.5 for ^ort 
distances, say one foot, and diminish with ever increasing rapidity 
to 0.67 at eight feet. In these circumstances the logarithm of 
the discharge distance is found to be proportional to the dis¬ 
charge voltage. The logarithms of numbers grow very slowly. 
The discharge lengths grow very rapidly, therefore, with voltages. 

Finally, when we came to that type of discharge that is 
established through air with high voltages at continuous high 
frequencies, wherein some of the ionization that is established 
holds over from voltage crest to crest, the nature of this action 
is further developed and amplified. In comparatively short 
discharges the voltage per inch required to break down an air 
column may fcdl to the low value of 1.5 or 1 kilovolt. In these 
circumstances I am convinced that the value of^ voltage in 
relation to increase of discharge distances will continue to^ fall. 

If one keeps up the action, increases the distance, follows it up 
with the requisite amount of voltage to accomplish breakdown, 

I am convinced that the value of voltage per inch of gap will 
fail below one kilovolt—a ratio of voltages from one extreme of 
circumstances to the other of 20 to 1, or more. 

It is important, therefore, for those who study these papers 
and their discussions, to remember the conditions their authors 
carefully specified, under which they obtained their results. 

D. D. Clarke: My own great interest in Mr. Peek’s paper 
lies, perhaps, in the new tool that his work has given us in 
studying what happens oh a transmission line and on distri¬ 
bution lines during lightning storms. Those of us who have 
been more or less responsible at times for keeping lines going, 
fl.Tid the people of widely distributed towns in service during 
lightning weather, very greatly appreciate any move toward 
solving the peculiar problem of stopping the trouble. 

There are several things in a lightning stroke as indicated on 
the line which are not entirely new to the operating man, but 
which might be divided into a few classes of phenomena. There 
is (1) the spit-over, which is not due to a direct stroke, but over 
which the power current may flow with destructive results. 

There is (2), the direct stroke wliioh may melt conductors and 
drop the lines. 

And there is (3), the burning of poles by the power current 
which may drop the line. 

Lines are classified in general as wood pole lines and metal 
supported lines. Outdoor substations are of course metal 
supported. The great interest in this paper, to me, comes 
particularly in the wood pole line construction. Occasionally 
on such work we find that the poles are split. In the three weeks 
preceding my attendance at this meeting, we had three distinct 
cases of such split poles. These are always accompanied by 
more or less splintering of the arm from the pin of one or more 
insulators, to the brace, showing that a very steep wave front 
has existed. Agmn, the poles in these three cases were d^ 
tinctly split, but in no case dropping the line. In one of these 
cases not only one pole was split but four successive poles showed 
splinters. 

The splitting of poles is dangerous to the operation of the line 
because it is liable to drop the line. It seems very probable that 
continued investigation with this hew tool—^the impulse genera¬ 
tor—will le^ to a solution of this problem and at.the same time 
allow us to retain the very important added flashover value of 
the line as a whole due to the wood construction. 

On a low-frequency oscillator we have demonstrated re¬ 
peatedly that the wood, whether wet or dry, has a very dis¬ 
tinct advantage in increasing flashover voltages of pole-line 
constructioii. 

The flAshover value of three or four feet of wood is so high as 
to make comparatively negligible the flashover value of the 
•—ulator itself. After the insulator flaehover is over, the wood 
'"'fficient resistance ordinarily to put out any ensuing arc. 
this paper strikes home to the operating man in pro¬ 


tecting his substations. The substation is protected ordinarily 
by a lightning arrester from destructive insulation failure either 
due to flashover or puncture of transformer coils. The great 
problem with the operating engineer is to apply the lightning 
arrester so as to give it a chance to perform its function at all 
times. 

The performance of lightning to date has been a very mys¬ 
terious quantity. The man has quite a problem on his hands 
whose duty it is to investigate failure during a lightning storm 
in a substation which has been equipped with the most complete 
protective apparatus that modern science has put on the com¬ 
mercial market. He finds that the lightning arrester is set at a 
reasonable value, that the ground resistances are as low as they 
can be made on isolated construction—and yet it fails. 

I feel that the experiments as indicated in Mr. Peek’s paper 
have lent a way to solving to best advantage that problem. 

D* M. Simons: I have been particularly interested in Dr. 
Whitehead’s method of measurement, apart from the results 
which he has obtained. I do not think that the quadrant 
electrometer or electrostatic wattmeter has had sufficient 
recognition, and I would like to say a few words about this 
method of measuring dielectric losses. 

A great many people seemed to have obtained an impression 
that the electrometer is a very fragile and delicate instrument. 
We have had one in service for 10 years without an accident and 
without even changing its suspension, and have found it a very 
valuable and rugged instrument. 

Dr. Whitehead says that some of the errors in the electro¬ 
meter such as that due to the charging current between the 
needle and the quadrant and others have not yet been worked out. 
We have done a lot of work on this subject and I hope that we 
can soon present some of this matter in definite equation form, 
which may help to add to the utility of the instrument. 

We have been able to measure dielectric losses of an extremely 
low value, down to milliwatts, at high voltages and at very low 
power factors and to check our results very thoroughly. I 
merely want to add these remarks to emphasize what I believe 
is the very great importance and value of this method of measur¬ 
ing extremely low dielectric losses. 

C. F. Harding: Mr. McEachron’s paper will be recognized, 

I think, as confirmatory evidence of the nature of the corona 
discharge, particularly at the positive and negative electrodes 
respectively, which was presented some years ago by Mr. Peek 
«.nd others. It might be well to emphasize the fact, however, 
that the two methods outlined in this paper provide opportunity 
for additional study of the variation of such corona throughout 
the cycle, with respect to time. 

Also, it might be well to point out that in both of these cases 
the corona under investigation is simply that portion which 
affects the eye or the photographic film . Some recent investi¬ 
gations seem to indicate that corona formation may seriously 
affect insulation and produce the higher oxides of nitrogen, which 
in connection with moisture cause insulation to deteriorate, 
even though that corona does not affect the photographic plate 
or is not visual. That is particularly true in other portions of 
the spectrum than the ultra-violet, since the latter may b© 
studied by means of quartz lenses. 

Referring briefly to the next to the last paragraph on the 
second page of his paper, MEr. McEachron states that At' 15 kv. 
the discharge at 15 cycles (not reproduced here) was about as 
strong as that at 120 cycles, but the 30-eyele discharge showed 
no brush at all. At 8 kv. and 60 cycles there was no bru^ 

discharge recorded.’’ _ . 

It may be that at certain voltages we have critical frequencies 
at which this corona effect takes, place whi^ may, at those 
frequencies, cause serious deterioration of insulation. 

I wish to emphasize also the fact that there were a number of 
rather important developments brought out by Mr. McEachron 
in this work that will be published in a bulletin of the Engineering 
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ably is not feasible at the temperatures and conditions prevailing 
in an armature winding. 

H. S. Warren: These very interesting tests which Mr. Peek 
has described have suggested to me the possibility of emplo 3 dng 
his equipment in a held somewhat outside its intended range. 
I refer to the efficacy of lightning rods for the protection of 
buildings against lightning. 

The subject of protecting buildings—^particularly farm 
property and buildings containing oils and explosives—^has 
received considerable attention but has not been given the 
intensive scientific study which it deserves. In consequence, 
while the lightning rod is fairly well established in the opinion 
of those who actually provide such installations, there is room 
for legitimate doubt as to the necessity and sufficiency of the 
methods now commonly employed. This doubt is due to a 
realization that the whole subject of protecting buildings against 
lightning rests on an inadequate foundation because of the lack 
of exact knowledge of the physical principles underlying light¬ 
ning phenomena. 

That this should be so is not surprising in view of the diffi¬ 
culties presented by a scientific investigation of the subject. 
To conduct in the field such an investigation, comprehensive 
enough to lead to conclusive results, is a most formidable 
undertaking. 

I wish, therefore, to suggest for Mr. Peek’s consideration 
the possibility of utilizing his apparatus to make laboratory 
tests in the endeavor to throw some light on the behavior of 
lightning discharges in the vicinity of buildings with and without 
different types of protective equipment. 

In maldng this suggestion, I am not unmindful that lightning 
produced in the laboratory is small in comparison with the 
maximum voltages encountered in atmospheric electricity. 
Such tests could not presumably be conducted on a full-scale 
basis and any atteihpt to simulate by models practical conditions 
of exposure is fraught with uncertainties. Great care would 
have to be exercised in interpreting any results obtained in that 
way. However, the need of scientific data on the protection 
of buildings is so great that I am moved to raise the question. 
I hope Mr. Peek will take it up and see if something cannot be 
done which will be useful in that application. 

F.' W. Peek, Jr.: Messrs. Goodwin and Clarke are quite 
right in that wooden poles even when wet add materially to the 
line insulation for lightning voltages. 

Referring to Mr. Peters’ discussion, the table on page 625 
gives the effect of various values of resistance in series with the 
sphere for a given wave. Obviously the effect will vary with the 
capacity of the sphere. The “instantaneous” voltage can only 
be measured when there is no series resistance or when it has a 
very moderate value. I have sometimes used a moderate value 
of resistance to suppress local oscillations. Generally this is not 
necessary. The duration of the transient is readily determined 
by measuring both the “instantaneous” voltage and the voltage 
with a high known resistance in series with the sphere. A small 


known inductance in series with the circuit shunted with a 
sphere gap offers a means of determining the wave front. 

A lightning arrester with high impulse ratio or high series 
resistance in undesirable. The high series resistance has the. 
effect of reducing the discharge capacity and also of increasing 
the impulse ratio. 

The tests with the inductance coils show, I believe, that an 
inductance without shunt resistance may be dangerous. 

Mr. Slepian’s calculations are very interesting, I have made 
similar calculations. The difficulty in this, before the calcu¬ 
lations are started certain assumptions must be made. While 
the calculations may be correct, there may be some doubt as to 
the assumptions upon which they are based. However, such 
work is often of great help in the final solution of a problem. 

I naturally do not claim the accuracy for these measurements 
as that which could be obtained by leisurely reading the voltage 
with a meter in a d-c. circuit. Nevertheless 1 believe the ac¬ 
curacy is fair considering the difficulties. 

Professor Ryan’s word of caution is timely. 

Dr. Jewett’s observations add to the many peculiar phenomena 
caused by lightning voltages. I have observed that when 
voltages from the lightning generator are applied to a wooden 
post, it is blown apart violently. Examination of the two parts 
show a tiny hole lengthwise through the post where the wood 
has entirely disappeared. The wood has apparently been 
turned into a gas and tremendous pressures are thus produced. 
This effect is readily obtained on Min dried wood. 

Answering Mr. Warren’s question, I am engaged at present 
in an investigation to try and determine the value of the light, 
ning rod. 

K. B. McEachron: There has been considerable comment 
among those who discussed Mr. Peek’s paper concerning the 
explosive effect which appeared in the pieces of wood, poles and 
so forth. I don’t wish to attempt any explanation, but I do 
want to call your attention to something which may help to 
explain it. 

In J. J. Thompson’s book on the “Conduction of Electricity 
Through Gases,” which was published quite a good many years 
ago, there will be found a description of some experiments on the 
pressure developed in the electric spark. I remember being 
much surprised when I found that pressures as high as 600 at¬ 
mospheres could be expected from the electric spark. 

When it is remembered that in those experiments the spark 
was very small compared to the sparks with which Mr. Peek 
is working, or the sparks which we get in lightning discharge, 
it is clear that mechanical pressures may be produced which are 
sufficient to account, at least in part, for the stresses set up when 
the wood or other material is tom apart. 

The reason why sparks produce oxides of nitro much better 
than the more gentle corona discharge, may be due to the 
explosive effect, combined with the difficulty of breaMng up the 
nitrogen molecule. 
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I N handling the subject assigned, a complete des¬ 
cription of the problems encountered in the design 
of the 220-kv. transmission line from the Laguna 
Bell Substation to Eagle Rock Substation of the South¬ 
ern California Edison Co. will form the subject 

matter for this discussion. 

The design was started following a request from a 
committee assigned to investigate the electrical features 
of a line of this voltage. The questionnaire outlined 
investigation on the use of the following five sizes of 

conductors: . 

605,000 circular mill steel reinforced aluminum cable 

1 , 000,000 “ “ « « « 

1,500,000 « “ “ . . “ . 1 . 

Copper cables of equal conductivity to the last 

two sizes. . 

There were several clearances to ground assigned tor 

investigation together with a strict adherence to the 



Full Size Tower Test 

recently adopted order of the Mr^ CominWon 
regulating high-voltage 

The first preliminary study 

sideration the majority of the the 

and further study was requested on the use ot tn 

“S^«600-circular null 

minum, made up of 7 strands of extra high strengtn 

at tha Pacific Coaci Cermaiicn oi the A. I. *• ®.. 
Del Monte, Cal., October 2-5, mS. 



jel and 54 strands of aluminum having the following 
aracteristics: 

Diameter—1 inch 
Ultimate tension-^23,430 lb. 

Elastic limit—16,180 lb. 
j^ea—0.59 Square inches 

Weight—0.86 lb. per lineal foot 
Further, a single ground wire running over the^top 
the towers, was desired to provide the grounding 

r the line. . , , . 

Having now fixed op the cable, a complete set of 

sumptions was made on which to base an economical 

udy of height of tower and span. 

The calculations showed that with present-day coste 

id the assumed tensions that a span between 1150 and 
500 ft. would give the most economical hne. 
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Shortly before the need of ordering steel for the 
supporting structures, the Southern California Edison 
Co. needed a large quantity of steel for extending 
the heigth of the. towers of their present 150,000-volt 
transmission line to meet the conditions of the new 
legislation regarding ground clearances. It was found 
that by considering the higher stresses permissible by 
the use of high-elastic-limit steel as manufactured by 
a Pacific Coast manufacturer that a saving could be 
made, so the towers for the 220-lcv. lines were designed 
on the basis of this steel and other conditions of design 
which were as follows: 


Wind on Line—8 lb. per square foot on projected 
area of wire 

Footings—^Eiarth with frustum of cone at 30 deg. for 
uplift resistance. Bearing according to soil. 

Full-sized tests were made at the steel company’s 
testing frames as shown on accompan 3 dng photograph 
marked ‘"Full Size Tower Test.” The results of these 
tests, with the exception of a few minor details of 
connection, justified the design and were considered 
representative of the conditions of actual loading in 
the field under broken wire and maximum tension 
conditions with the required factor of safety. An 
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GROUND WIRE CLAMP FOR STANDARD TOWER 
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lum 

ESjl 


Descnption 

Detail Orwi;. No 

s 

WMM 



Di 



UFJimiiiiiiiKTim 

11 


1 ■HEnrnrraHHMi 


n 

1 


l*4-0r. 40001-347 1 

B 

1 


I’ll lilVI hill lli^ 

Ol 

1 

■KOMEIimEiSn 


■1 

2 

suspension Clamo-Half 


lil 

I 


(ll-1IiTKntkE>» 

B 

rT" 



EM 

2 

f X U Bolts- with Hex. Nuts ft Lock Washer 


El 

8 

lx 3j- Car. Bolts-1 hex. nut ft Lock Washer 

l^-Dr. 30074-132 

Ql 

■■ 

t X 0 3 Bolt S(|. Hd Hex nut 


191 

m 

Insulator Pin 


mi 

■9 



CQI 



m\ 

mm\ 
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Span 1250 ft. 

Tension in cable—12,000 lb. under maximum con¬ 
ditions 

Electrical clearance to tower members—6 ft. under 
wind conditions 

Insulators 

Suspension—13— 10 -inch disks. ’ 

Dead-end double-string with 15 insulators 
in each 

Shields Aluminum castings supported on end of 
insulator strings and surrounding the bottom 
insulator. 

Temperature range—10 deg. fahr. 

Clearance to ground at minimum point—^30 ft. at 
120 deg. fahr. 

Wind on Tower—10 lb. per square foot on 1 }^ 
area of one face 


illustration of the standard tower is included herewith 
showing the framing systems. 

Extensions were also then designed to meet conditions 
of country through which the line had to pass. These 
extensions were made vertical from the same footing 
spreads as the tower itself, thereby making the setting 
of stubs uniform throughout. Sidehill extensions 
both parallel and normal to the line were made, as 
considerable of the line traverses a mountainous 
country. Special footing extensions were made to 
take care of side slopes where sufficient resistance-to- 
uplift was not obtainable. 

The com^ttee having the features of the design 
of this line in hand required a factor of safety of 3 in 
the strength pf the attachments of the cable to the 
tpwera. Due to lumtatipns of clearances thi« required 
the hardware to be made of cast steel. The entire 
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requirements for hardware were designed and tested 
for loads three times the maximum tension. 

A complete assembly of both the suspension and 
dead end strings is shown on plates marked “Assembly 
of Insulator String for Anchor Tower” and “Assembly 
of Insulators for Standard Tower.” It is to be noted that 
to develop, on a factor of 3, the tension in the insu¬ 
lators that a special tjrpe of high-strength disks and 
pin connections was necessary. 

The towers, except those in rather inaccessible places, 
which were assembled piece by piece, were erected by 
assembling the tower on the ground in two parte 
dividing the face normal to the line and bolting with 
loose bolts each leg to the footing studs. Then by 
means of two gin poles set aside the footings and a 
winch set on a truck and operated by its motor, the 


two halves were raised and connection made at the 
center gusset plates. The bridge of the tower was then 
hoisted in place. 

The line stringing was also done by the use of the 
motor-operated winch and brought to tension by use 
of the sag method. 

The unusual features in transmission line design 
such as the stringing tension, the spans, and the high 
voltages, made many difficult problems, but as the 
line is just now in process of erection, the complete 
justification for the assumptions cannot be completely 
told. 

Discussion 

For discussion of this paper see page 966. 





Special Features in the Design of Transmission Tower 
lines as Imposed by Electrical Conditions 
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Review of the Subject.—This paper is confined to the factors 
which affect the structural and mechanical phases of transmission 
line design. These are divided into two groups as follows: 

1. Factors affecting design of tower. 

2. Features involving location of towers. 

The writer has in general refrained from commenting on the 
various items listed. Exceptions are made, however, in certain 
features which in his opinion deserve particular emphasis. Briefly, 
these are: 


1. The consideration of an '^economical stringing stress'* as 
described under "Factors affecting Strength of Tower.’* 

2. The description of transpositions. 

S. Features involving location of towers. 

Views and diagrams are used to describe the transpositions 
and a table giving data on the standard towers for the 110-kv. and 
220-kv. transmission lines of the Pacific Gas and Electric Company 
is also included. 


T he title assigned to this paper, namely ^‘Special 
Features in the Design of Transmission Tower 
Lines as Imposed by Electrical Conditions,” will, 
if strictly interpreted, cover a field somewhat broader 
than the scope of the writer’s knowledge, which is 
confined strictly to the structural and mechanical 
side of the transmission problem. The paper will, 
•therefore, be limited to those features which affect 
either the design of the supporting structures, or the 
location of these structures in the field. 

The writer will attempt to enumerate all of the fac¬ 
tors, giving a brief description of the more important 
points and describing how the problems are handled 
in the transmission lines of the Pacific Gas and Electric 
Company. The features of greatest interest,—^trans¬ 
positions,—^are described by illustration. A table is 
also included which gives data on the standard towers 
for the 110-kv. and 220-kv. transmission lines of the 
company. 

Factors Affecting Design OF Tower 

The factors which affect the design of the standard 
line towers may be divided into two groups, one affect¬ 
ing the shape and the other the strength of the support¬ 
ing structure. These factors are briefiy enumerated 
below: 

(a) Factors Affecting Shape of Tower: 

1. Type of tower—single vs. double circuit. 

2. Permissible distance between phases. 

3. Permissible distance between circuits. 

4. Length and allowable transverse defiection of 
insulator string. 

5. Sag of wire inside tower. 

An allowance for sag inside of the tower based on a 
20-deg. angle of pull will usually be sufladent for ob¬ 
taining proper clearance between the wire and the 
members of the tower. 

6. Miiiimum clearance between conductor and 
members of tower. 

This clea rance should be maintained, using a length 

Presented at the Pacific Coast Convention of the A. I. E. E. 
Del Monte, Cal., October 2-5,1928. * 


from point of support equal to the length of the insu¬ 
lator plus the sag inside of the tower, this length being 
swung at the angle of maximum transverse deflection. 
This investigation will, particularly for single-circuit 
towers of the flat top type practically establish the 
shape of the transverse framing of the structure. 

(b) Factors Affecting Strength of Tower: 

1. Size and maximum stress of conductor. 

The size of the wire on trunk transmission lines is 
usually selected to best suit electrical conditions. The 
maximum stress in the wire can, however, be controlled 
by the tension at which the wire is strung. 

The usual practise in tower line construction is to 
string the conductor so that it will be stressed nearly 
to its elastic limit when under maximum loading. The 
writer believes that following this practise blindly will 
give neither the most economical nor the most satis¬ 
factory transmission line. Investigations have been 
made by our company to determine the conductor 
stress which would result in the lowest cost for sup¬ 
porting structures, consideration being given to both 
the towers and their foundations. This investigation 
showed that a maximum tension of 17,000 lb. per sq. 
inch for copper 250,000 cir. mil to 500,000 cir. mil in 
size resulted in the lowest cost of completed line. The 
use of this tension instead of 27,000 lb. per sq. in., 
resulted in a saving of about 20 per cent in the cost of 
towers and foundations. For the Pit River 220-kv. 
line this represents a saving of nearly $1200 per mile. 
In addition, this tension, which is only about 60 per 
cent of the elastic limit of medium drawn copper, 
greatly reduces the load on dead-end insulator strings, 
consequently reduces the number of dead-end insulator 
failures, and therefore gives a more satisfactory line. 

2. Standard Span. 

The standard span is determined by economic con¬ 
siderations and for steel towers on concrete foundations, 
greatest economy will result with spans 800 to 1200 
ft. in length. 

3. Type of Tower. 

(a) I)&uJ)U-Circuit vs. SingU-Cir<niM. It is custom¬ 
ary to consider more broken wires for double-circuit than 
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for Single-circuit towers. It is our practise to assume 
three broken wires on standard double circuit towers, 
all wires being on one side of the tower. This case will 
usually occur when the top wire breaks and drops across 
the two lower wires. Two wires are assumed broken 
with standard single-circuit towers. 

(b) Standard, Anchor and Dead-End Towers. Dead¬ 
end towers are designed to resist all wires broken at 
maximum stress in the conductor. This would occur 
under the condition of heaviest loading and with dead¬ 
end insulator strings. 

For standard towers (designed for two or three wires 
broken) and for anchor towers (designed for all wir^ 
broken) no dead-end construction is permitted, the 
insulator string being suspended vertically. In this case 
when a wire breaks the insulator strings swing into the 
catenary, increase its length and therefore greatly re¬ 
duce the tension in the span adjacent to the break. 
For our standard 110-kv. double-circuit lines the 
resultant stress is 78 per cent and for the 220-kv. 
double-circuit line, it is 66 per cent of the maxiTnnm 
conductor stress. 

All towers of the Pacific Gas and Electric Company 
are tested to 50 per cent overload. 

(c) Transposition Structures. 



PiQ. 1—110,000 -Volt Transposition Tower 


1. Xl(y‘Kv. ' TransrnUsion Lines. Transpositions on 
the 110-kv. lines are of the conventional “Dead-end 
and jumper” type, where the transposing is done on a 
tower. Our standard 110-kv., double-circuit trans¬ 
position tower is shown as Fig. 1. The only additions 
to the standard tower are estensions to the upper and 
lower arms. 


TRANSMISSION TOWER 903 

2. 2Z0-Kv. Transmission Lines. Transpositions on 
the 220-kv. Pit River line are of the “rolling type/' 
that is, the wires are transposed without dead-ends or 
jumpers. 

I^e double-circuit transposition structure, as shown 
in Fig. 2, consists of two standard hne towers the cages 
of which are connected by two latticed bridges. A 



Fig. 2—^220,000-V olt DouBLE-CiRctriT Transposition Tower 

diagrammatic plan showing the transposition scheme 
is shown on Fig. 3. It will be noted that the crossing 
wire of each circuit is pulled out of the vertical plane 
to an insulator suspended from the bridge, and that the 
transposition is completed in two spans. 

The single-circuit transposition, shown diagram- 
matically on Fig. 4, requires three spans for completion. 
This was done to bring the crossing points of the wires 
on the towers rather than at the center of the span. 
The intermediate towers are standard line towers with 
an extension above them, and with a portion of the 
cross-arm removed. In order to reduce the side deflec¬ 
tion of the insulators to a minimum, the intermediate 
towers are offset as shown on the plan. This results in 
the wires crossing in straight lines, with the insulators 
on the intermediate towers hanging vertically. Fig. 
5 shows one of the completed transpositions; it will be 
noted that there is no deflection of the insulators 
except on the end towers, which is unavoidable. 
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Features Involving Location op Towers 

(a) Stagger or Offset of Towers on Tvnn Lines. 

Where twin tower lines traverse coimtry that is not 
flat, it is impossible to set the structures directly oppo¬ 
site each other. The amoimt of offset that will be 


pennitt^ should be based on maintaining a minimum 
clearance between adjacent wires equal to the distance 
between phases on the flat-top, single-circuit towers. 
The horizontal projection of the catenary as deflected 
by wind, finnishes the basis for the determination of 
allowable stagger. 
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(b) Ratio of Horizontal and Vertical Loads to Limit 
Deflection of Insulator. 

In designing the towers, clearances are investigated 
under the assumption that the insulators are permitted 
to swing transversely to the line at some angle (usually 
between 30 deg. and 45 deg.) from the vertical. In 
locating the towers in rough country it is necessary 
to see that this maximum angle of deflection is not 
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exceeded, for if it should be, clearances become im¬ 
paired and there is danger of arcing from the line to 
the tower. 

A typical illustration of a doubtful location is one 
where one tower is placed in a depression with the 
adjacent towers on high ground. The horizontal wind 
load on the intermediate tower is imaffected by the 
profile, while the vertical load may be reduced almost 


to nothing. In this case the insulator would probably 
deflect toward the tower beyond the allowable angle, 
and would create a situation which would ultimately 
cause an interruption to service. Where this situation 
exists, there are three remedies available, one to 
extend the tower in order to increase the amount of 
vertical loading, and if this cannot be economically 
done, to resort to either a tie-down or a dead-end. 

On the 220-kv. Pit River tower line it was considered 
highly desirable to reduce the number of dead-end 
strings, it being felt that these points offered the greatest 
opportunity for trouble, which would mean cutting 
out of service a line carrying in excess of 200,000 kilo¬ 
watts. As tie-down strings were also considered 
undesirable the only alternative to dead-ending was to 
extend the tower to increase the vertical loading at 
doubtful points. The additional cost of the extension 
to the tower was always largely offset by the value of 
the insulators saved (about $110 per dead-end string). 
With the single-circuit towers of this line, the saving 
in insulators alone would provide over two tons of steel 
in the extension. At other points the elimination of 
dead-ends permitted the use of the standard line 
tower (Type SA) instead of the anchor tower (Type SC) 
with an actual saving of money. 

As a result of this investigation, and by the liberal 
use of tower extensions, the Pit River line, some 200 
miles long, contains one tow^er which has dead-end 
insulator strings to take care of the irregularity of the 
profile. There are only 21 points on the line where 
dead-end strings are required, 2 of these being the 
terminal points, 18 at horizontal angles and one because 
of the profile of the ground. 


DATA ON STANDARD TOWERS OP PAOIPIO GAS AND BLEOTRIO COMPANY 



220-Kv. Tower Lines 

I 110-Kv. Tower Lines 

Item 

Single-Circuit Towers 

1 Doublo-Circuit Towers 

Single-Circuit 

Double-Circuit Towers 






Towers 






Type SC 

Typo M 

Type 0-98 

Type S 

Type AH 

Type BH 

Type OH 

Height 









Overall. 

55 H' 

55 H' 

97' 

98' 

49 K' 

83' 

83' 

83' 

To Lower Cross-Arm. 

51 yi' 

5iyi' 

62' 

63' 

48' 

58' 

58' 

58' 

Width 









At bzuse. 

20* X 20' 

20' X 20' 

20' 

20' 

14' X 14' 

16' 

16' 

20' 

At cross arm. 

4'x20' 

4' X 20' 

6' 

6' 

2' X 14' 

4M' 

4J4' 

4)4' 

Conductor Separation 









Between phases. ; .. 

19' 

19' 

15' 

15' 

13 H' 

10' 

10' 

10' 

Between circuits. 

• • 

, . 

24' 

24' 

• t ‘ 

17)4' 

17 yi' 

17)4' 

Conductor 









Max. size (copper). 

500,000 cm. 

500,000 cm. 

500,000 cm. 

500,000 cm. 

3-0 

250,000 cm. 

250,000 cm. 

250,000 cm. 

Loading.... 

8 lb. wind 

8 lb. wind 

8 lb. wind 

8 lb. wind 

6 lb. wind 

8 lb, wind 

8 lb. wind 

8 lb. wind 


yi'*ice 

^"ice 

no ice 

no ice 

1 yi" snow 

no ice 

no ice 

no ice 

No. broken. 

3 

3 

3 

6 

2 

3 

3 

6 

Span 









Normal. 

500 

500 

800 

800 

400 

800 

800 

800 

With angles. 

• • . 

1000 

• • * 

800 

* • » 

• • • 

800 

800 

Max. on tangents. 

760 

1500 

1000 

1800 

400 

1000 

2000 

2500 

Max. contributing weight. 

1600 

2100 

1050 

1800 

400 

2000 . 

2500 

5600 

Max Angle. 

None 

22)4® 

None 

22 K® 

None 

None 

15® 

45® 

Type of Conductor Support. 

Suspension 

D.E. or Susp. 

Susp. 

D.E. or Susp. 

D.E. or Susp. 

Susp. 

D.E.or Susp. 

D. E. or Susp. 

Weight of Tower. 

5100 lb. 

72701b. 

84401b. 

12,950 lb. 

4250 lb. 

. 50801b. 

62001b. 

76901b. 

Foundations 









Concrete (cu. yds). 

6.28 

11.8 

7.8 

15.2 

11.2 

6.72 

8.72 

12,9 

Excavation (cu. yds). 

18.1 

60.4 

25.5 

84.5 

32.5 

22.4 

[ 31.2 

44.4 
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Discussion 

MECHANICAL ELECTRICAL CONSTRUCTION OF 
MODERN POWER TRANSMISSION LINES—INSULA- 
TORS FOR HIGH-VOLTAGE LINES^ 

(Carlson and Battey), 

SPECIAL FEATURES IN THE DESIGN OF TRANS¬ 
MISSION TOWER LINES AS IMPOSED BY 
ELECTRICAL CONDITIONS* (Dbeyer), 

Del Monte, Cal., October 3, 1923. 

E. V. Pannellt Mr. Dreyer, on the fourth page of his paper, 
makes particular reference to the matter of excessive swinging 
of insulator strings where the vertical loading disappears. On 
the subject of dangerous swing of insulators where the horizontal 
load is unbalanced, the facts seem to show that the tie-down 
string is somewhat unsatisfactory, but Mr. Dreyer makes no 
mention of the possibility of using weights and I would like to 
know whether he has made any experiments in this respect. 
The use of a weight in place of a tie-down string has the ad¬ 
vantages that a vertical component is provided at the same 
time the flejdble characteristics of the line are not impaired and 
the arrangement would seem to be inherently superior to im¬ 
posing dead-end stresses on a point which is not designed as a 
dead-end. In several installations in this country weights are 
being used instead of tie-downs and I also know of work in Japan 
where weights have superseded tie-downs with greater satis¬ 
faction. It is necessary, of course, that clearances shall not be 
impaired but if this condition is satisfied I believe weights will 
be found the most satisfactory device. 

H. Michenen On the Big Creek lines, consideration was 
given to the use of weights instead of tie-downs; it was finally 
decided that it took too many tons of cast iron. The tie-down 
strings on the Big Creek lines have given no more trouble than 
any other strings on the line, so we do not feel that they are a 
great hazard. 

R. J. C. Wood: It seems to me that we may go too far in 
trying to eliminate the dead-end strings. We would like to 
get away without any of them largely on account of the cost, but 
it is a fact that oo the Big Creek lines we have had less trouble 
on the dead-end strings than on any of the others. I think the 
exact record is two cases of trouble on dead-end strings in the 
whole operation of the line. 

M^ Hillebrand: I would like to ask Mr. Wood to amplify 
that last statement. 

The reason for the elimination of dead-end strings, to my 
min d, holds as much today, possibly not just as much, but the 
fundamental reasons are the same as they always have been. 
That is, that the mechanical load on the dead-end string is 
higher Ilian elsewhere. This tends to cracking and exists to a 
greater extent in the dead-end insulator than on the suspension 
strings. It is in order to reduce the cracking of the insulators 
that it has been so often recommended to eliminate dead-end 
strings wherever possible. 

Now, the troubles that Mr. Wood refers to, unless I am mis¬ 
taken, are in the nature of flashovers through the air and around 
the insulator. On the other hand, I believe it is true that 
their records show that their insulator failures on dead-ends have 
been at much higher rates than those on the suspension string. 
Is that l^e, Mr. Wood? 

R.J. G.Wood: Yes, it is higher. 

Mr. Hillebrshidt I would like to ask Mr. Dreyer just what 
is derived from the Use of a lower string tension. That is, was it 


due to a lighter tower, resulting from a lower design in order to 
maintain a minimum clearance? 

C* B. Carlson: On the point of tension, it might be added 
that the span, as we have made it in our line, is considerably 
larger than those heretofore used. This might bring that point 
back again to a higher tension rather than lower tension. That 
is, with a greatly increased span maintaining all the time a factor 
of thirty feet from the ground as a constant, the calculations 
might revert back to an advantage towards a little higher tension 
insofar as that is concerned. 

W. Dreyer: Answering Mr. Hillebrand’s question as to how 
the lower tension affects the tower design, the towers become 
lighter and the footings become lighter, almost in direct relation 
to the movement of the loading. The product of the loads on 
the tower times their distance from the ground, approximately 
gives the law of variation in the weight of the towers. Thirty 
feet of the height of the towers is put in to take care of minimum 
ground clearance. Seven feet more is necessary to take care of 
the length of suspension.insulators on 220-kv. lines, giving a total 
height of thirty-seven feet which is necessary without any con¬ 
sideration of conductor stress. 

In order to show how the problem would work out on a line 
of 220-kv. potential using .500,000 cm. copper and insulators 
seven-ft. long, the following table comparing maximum stresses 
of 27,000 and 17,000 lbs. per sq. inch respectively. 


Stress—Lbs. per Sq. Inch 

Sag. at 





Min. Stress 


Max. 

Min. 

Broken Wire 




(Allowing for 

Span = 800 

Height to 



insulator) 

ft. 

Low Wire 

27,000 

19,700 

16,000 

16 ft. 

53 ft. 

17,000 

13,000 

11,200 

24 “ 

61 “ 


Using the above table as a basis, the following table shows the 
relation between heights to center of application of leads and 
overturning moments for both single and double-circuit towers. 


SinJglo-OIrcult Towers Double-Circuit Towers 


Max. 

Height 

to 

Ratio 

Ratio 

Ratio 

Height 

to 

Ratio 

Ratio 

Ratio 

Stress 

Center 

of 

of 

of 

Center 

of 

of 

of 


of Load 

Height 

Load 

Moment 

of Load 

Height 

Load 

Moment 

27,000«0'' 

53 

1.00 

1.00 

1.00 

68 

1.00 

1.00 

1.00 

W.OOO^O* 

61 

1.16 

0.76 

0.86 

76 

1.12 

0.75 

0.84 


The ratio of moment, which is nearly in proportion to the ratio 
of weight of towers and size of footings, shows a saving of 14 
per cent for the single-circuit and 16 per cent for the double- 
circuit towers. This analysis is only approximate, but it indi¬ 
cates the existence of a point of economy for the stress in the 
conductor. 

Regarding the affect of torsional stresses the square tower 
is not materially affected in weight, the torsional stresses being 
taken care of almost entirely by the web members. 

Regarding the use of weights to prevent excessive swinging 
of insulator, as suggested by Mr. Pannell, we have given con¬ 
sideration to such an expedient. The objection was the addi¬ 
tional electrical clearances required, which would either make it 
necessary to use special towers with greater clearances for the 
particular oases involved, or else design all towers with excessive 
clearance, which would be uneconomical. 




110-Kv. Transmission Line for Oak Grove Development of 
Portland Railway, Light and Power Company 

BY H. R. WAKEMAN and W. H. LINES 

Member, A. I. E. E. 

Both of the Portland Railway & Light Co. 

Review of the Subject.—This paper covers the design of types of double circuit, heavy rigid steel towers were decided upon 
the 110-kv. transmission line to transmit energy from the new as follows: 

Oak Grove development of the Portland Railway, Light and Type A towers, to be used on tangents up to 800-foot spans, also 

Power Company to the city of Portland, Oregon, a distance of on curves up to 10 deg., the spans not exceeding 500 feet; suspen- 
54 miles. sion insulators to be used. 

The company now has three hydroelectric developments aggrega- Type B towers, to he itsed on tangents up to 1700-fooi spans, 
ting 52,000 kw. supplied from the same general watershed from also on curves from 8 to 30 deg., the spans not exceeding 800 feet 
which energy is transmitted to Portland over five 60-kv. circuits, for the larger curves; suspension insulators to be used, 
only one of which is on steel towers. The problem was to design Type C towers, to he used at dead-ends and curves over 30 deg. 

a transmission line to most economically handle the three 30,000- Towers are designed for 250,000 dr. mil. copper conductors, 

kv-a. units as installed al the new development and to tie in with and maximum loading conditions of one-half inch of ice and 
the existing transmission system. The following factors loere con- eight pounds per square foot wind pressure at 0 deg. fahr. 
sidered in determining the design: were assumed. Each type of tower was designed to with- 

1. Transmission voltage stand the maximum loading conditions plus 50 per cent without 

2. Conductor capacity exceeding the elastic limit of the steel, and the towers were sub- 

3. Maximum conductor tension jected to an actual field test. Special steel having an elastic limit 

4 . Assumed maximum mechanical loading conditions of 4^*000 pounds per square inch and a minimum elongation of 

5. Type of supporting structures 22 per cent was used in the lowers. 

Consideration was also given to the physical characteristics of In order to reduce the number of insulators and deadened posi- 
the country through which the line must he built. For 14-8 miles lions, use was made of brackets pivoted to the cross arms so that 
the line will be located .in the United States Government Forest they would be free to swing in the line but rigid across the line. 
Reserve, which is very heavily timbered, and accordingly cost of 12-inch brackets are provided for the Type A towers on 8 deg. 
clearing will be very high, averaging $15,000 a mile, even after curves and 24-inch brackets on Type B towers with SO deg. curves 

credit for merchantable timber is allowed. This fact, outside of so as to maintain a three-foot clearance between the conductor and 

other considerations, required a minimum number of circuits. To steel on that side of the tower where the conductors pull the insulator 
reduce clearing costs as much as possible, the line was located strings up and toward the cage. The use of these brackets reduced 
along the river gorge necessitating 66 angles, a few as great as 60 the total cost of the insulators and hardware fully 25 per cent, 
deg., and 28 river crossing spans, varying from 4 OO to 1800 feet. Tables are included giving resultant simultaneous loading and 

After considering various types of supporting structures, three weights and dimensions for each type of tower. 


T his paper is one of several dealing with the review supplied by five circuits at 60 kv. grounded neutral, 
of the problems encountered in the design and only one of which is on steel towers. Four of these 
construction of the high-tension tower lines com-* circuits converge at Lents Junction on the outskirts 
pleted during the past two years. The Portland of the city proper. 

Railway, Light and Power Company has not con- Briefly the problem was to design the most economi- 
structed any lines of importance in this class during the cal transmission system to handle the successive units 
period in question, but has recently completed the of the Oak Grove development and to tie in with the 
design and started field work on a transmission circuit physical and electrical characteristics of the present 
of considerable capacity to serve its new Oak Grove lines. This involved the consideration and proper 
development. This project is situated on the economic selection of the following major variables: 
Clackamas River, a tributary of the Willamette, about 54 1 . Transmission voltage, 

miles from the city of Portland. The ultimate capacity 2. Conductor capacity, 

of 90,000 kv-a. will be provided by three units of 3 . Maximum conductor tension. 

30,000 kv-a. each, the first of which is scheduled for 4 . Assumed maximum mechanical loading con- 

cdmpletion in September, 1924, the others to follow ditions. 

as the system load requires. 5 . Type of supporting structures. 

At the present time the company has three hydro- Naturally all of these variables are intimately 
electric developments, aggregating 52,000 kw. in related and in addition are effected by the physical 
capacity, fed from the same general watershed, two conditions obtaining along the line. To arrive at the 
of which are located on the Clackamas River, 19 and proper economic solution due consideration was given 
22 miles respectively below the Oak Grove develop- all the physical conditions and all possible combinations 
ment, and one on the Bull Run Iliver, a tributary of of the five major variables mentioned above, 
the Columbia. Transmission from these plants is The first step was a reconnaissance and a preliminary 

ai m PdciM Coast ConmnHon th. A. I. K B.. location of the line in the Held. Then^a paxty 
Del Monte, Cal:, October 2-5, 1923. organized and a sufficient topography taken to enable 
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the selection of the best profile. The data thus 
obtained brought out the following physical facts 
affecting the design: 

The total length from generating station to Lents 
Junction, where it is proposed to tie with existing 
60-kv. circuits, is 46 miles. Of this distance 14.8 
miles is in U. S. Government forest reserve and very 
heavily timbered. In order to secure a right-of-way 
from the Forest Service, the company was forced 
to agree to several somewhat stringent regulations as 
to the methods to be used in felling timber and clearing 
up, and these requirements, plus the price paid for 
stumpage, will result in an average cost of about 
$15,000 per mile to clear and clean up a 400-foot 
strip through the reserve, even after proper credits 
are allowed for merchantable timber, which it is 
proposed to market. In order to avoid as much as 
possible all this excessive cost, the line was located 
along the river gorge, which, in turn, required many 
horizontal angles and river crossings. In addition, 
it became apparent that a minimum number of circuits 
should be adopted in order to avoid excessive clearing 
costs. In the upper 19 miles of the line, namely, 
from the generating station to Faraday, at which 
point existing transmission circuits start, there are 
65 angles, a few of which are as great as 60 deg., 28 
river crossings with spans varying from 400 to 1800 
feet, and numerous grades, some over 76 per cent. 

Transmission Voltage and Capacity 

It was determined, after proper consideration of 
the above physical facts, that for the ultimate de¬ 
velopment of 90,000 kv-a. two circuits each of 250,000 
circular mil hard-drawn, stranded copper, at 110 kv. 
grounded neutral, were respectively the economic 
number, size and voltage to employ. 

Maximum Conductor Tension 

This was a problem to which considerable study was 
given. The limitations imposed by the mechanical 
strength of available insulators and hardware were 
a considerable factor in the decision to use 4000 pounds 
maximum conductor tension, equivalent to a stress of 
20,000 per square inch or one-third of the ultimate 
strength of the conductors in this line. 

Assumed Maximum Loading Conditions 

After an investigation of the possible sleet, snow and 
wind conditions ih the country traversed by this line, 
it was determined to use class B loading, namely, a 
maximum conductor tension equivalent to the load 
of the conductors plus one-half inch of ice and 8 pounds 
per square foot wind pressure on the ice-coated con¬ 
ductors at temperature of 0 deg. fahr. 

Tyi^ dP Suppo^ 

Before a decision was reached on this point, there 
were placed on ;^e profile, to scale and by means of 
properly constructed sag templates, four types of 


supporting structures designed for the assumed loading 
conditions and appropriate for the physical topography 
of the country. Thomas sag curves were used in 
computing the relations between stress and sag under 
various loading conditions. It was found that the 
maximum sag occurred on the line under summer 
loading conditions, at a temperature of 120 deg. fahr. 
The following are the four types of supporting struc¬ 
tures which were considered: 

1 . Single wooden poles, average spans 300 feet, 

single-circuit capacity. 

2 . Double wooden poles (H frames), average spans 

450 feet, single-circuit capacity. 

3. Light steel towers (combination of flexible frames 

and anchor towers), average spans 500 feet, 

double-circuit capacity. 

4. Heavy rigid towers, average spans 700 feet, 

double-circuit capacity. 

Detailed estimates of material and labor were then 
prepared for each of the four types and these resulted in 
favor of the fourth, namely, heavy rigid towers, average 
spans 700 feet. 

A brief consideration of the following points will 
perhaps explain this result: 

The cost, coupled with the possibility of failure of 
modern high-voltage insulators and hardware, tended 
to force the adoption of longer spans and thus fewer 
insulators. In the case of wooden poles, the item of 
hole digging for poles and guy stubes, mostly in rock, 
was considerable. Guying costs to reinforce pole 
strength at the many horizontal and vertical angles 
in the line were excessive. River crossing and other 
spans of greater than the average length required the 
adoption of special and expensive structures to provide 
^the required strength. The difficulty of placing 
material along the line was also a considerable factor 
in making the estimates high, particularly with the 
wooden pole structures with their attendant extra 
weight per mile of line. 

From a study of the loading conditions imposed on 
the towers by the varying span lengths and the hori¬ 
zontal and vertical curves, it was decided to provide 
three types of tow^s to meet all these loading con¬ 
ditions, as follows: 

Type A Towers, To be used on tangents up to 
800-ft. spans, also on curves up to 10 deg. with spans 
not exceeding 600 feet; suspension insulators to be used. 

Type B Towers. To be used on tangents up to 
1700-foot spans, also on curves from 8 deg. to 30 deg, 
with spans not exceeding 800 feet for the larger curves; 
suspension insulators to be used. 

Type C Towers. To be used at dead-ends and curves 
over 30 deg. 

The towers were designed to withstand maximum 
loading conditions embraced in each of the above 
classes, plus 50 per cent as an assumed margin of 
safety, without exceeding the elastic limit of the steel. 
In T 3 npes A and B, where suspension insulators are 
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used, consideration was given the fact that with a 
broken conductor on one side of the tower the insulator 
string will swing into the line, increasing the sag, 
and thus reducing the conductor tension and tower 
loading. At all horizontal angles the towers will be set 
to bisect the line angle. 

Following is a summary of the resultant simulta¬ 
neous loading assumed for each type of structure 
and applied at points of insulator support: 


Loading Conditions 

Type A 

Type B 

Type 0 

Number of conductors assumed 
broken. 

3 

6 

6 

Maximum horizontal curve. 

10 dog. 

30 deg. 

60 deg. 

Maximum span length when com¬ 
bined with curve.... 

500 

800 

800 

Vortical load—dead weights of 
conductor. 

Oatl.SOOjff 

6atl,200» 

6atl,200jfl 

Horizontal load in line component 
of conductor tension. 

3 at 4,000 

6 at 3,500 

6 at 5,200 

Horizontal load across line com¬ 
ponent of conductor tension H- 
wind on corn!. 

6 at 1,400 

6 at 2,200 

6 at'3,700 

Horizontal loud across lino wind on 
towor. 

1 at 1,600 

1 at 1,600 

1 at 1,600 


32,800« 

43,000« 

62,000« 


The A tower oa tangents will accommodate spans to 800 feet. 
The typo B tower on tangents will accommodate spans to 2400 feet. 


The design of the towers was also checked for mari- 
mum possible torsional load, namely, with three 
conductors broken on one side of the cage. 

Special steel having a guaranteed elastic limit of 
45,000 pounds per square inch and a minimum elonga¬ 
tion of 22 per cent was used in the towers. Actual 
tests of samples taken fro^n the tower stock showed 
3 deld points from 48,000 to 53,000 pounds per square 
inch. 

As a positive check on the design, each type of 
tower was subjected to an actual field test, and all of 
them withstood the prescribed loads without permanent 
deflection of any member. We are reliably informed 
that these towers are the lightest ever built for equiva¬ 
lent loading conditions, which fact can be explained 
in part by accurate design and in part by the use of 
high elastic limit steel. The following tabulation of 
comparative dimensions and weights may be of interest; 

In order to eliminate any possibilities of the con¬ 
ductors at different elevations swinging together when 
a lower conductor drops a heavy ice load before the 
one above, the middle conductors were offset two feet 
beyond the top and bottom ones. 

Steel footings were decided upon on aecount of the 
difficulty and expense of handling and mixing concrete 
along the line. The footings are designed to resist 
maximum uplift 10 per cent greater than that Occa¬ 
sioned by the assumed test loading conditions. 

The towers are designed to permit hillside and square 
a^rtensions at 5,10,15 and 20-foot intervals and any 
combinations of these. Some idea of the nature of 
the country can be had when notice is taken of the 



Type A 

Type B 

Type O 

Cage. 

Length of crossarm, cage to 

4ft.-6in. 

4ft.-6in. 

4ft.-61n. 

insulator support... 

7ft.-01n. & 

7 ft.-3 in. Sc 

7 ft.-3 in. & 

Horizontal separation of con- 

6ft.-0 in. 

9 ft.-3 in. 

9 ft.-3 in. 

ductor at supports. 

18ft.-6in. Sc 

18 ft.-9 in. Sc 

18ft.-9in. & 

Vertical separation of conduc- 

22ft.-6in. 

22 ft.-9 in. 

22ft.-91n. 

ductor at supports. 

Height of lowest arm above 

10 ft. 

10 ft. 

10 ft. 

ground. 

48 ft. 

48 ft. 

45 ft. 

Overall height above ground... 

72 ft. 

72 ft. 

69 ft. 

Weight of tower exclusive of 

■ 



extension and footings. 

4325 » 

5355 « 

5635 « 

Weight of footings (all steel).... 

550 « 

1820 « 

2780 « 

Depth of footings in ground.... 

7ft.-6in. 

6 ft.-6 in. 

7ft.-6In. 

Area of footing at bottom. 

3 ft. X 3 ft. 

4 ft.-8 in. X 
4ft.-8in. 

5 ft.-6 in. X 

5 ft.-6 in. 


fact that approximately 70 per cent of all the towers 
in this line are provided with an extension of some sort. 

A maximum clearance, conductor to steel, of 3 ft. 
0 in. was specified for all possible positions of the 
conductor. 

An interesting detail in connection with this line was 
the decision to employ a string of insulators in sus¬ 
pension position on horizontal curves up to 30 deg. 
In order to maintain the specified clearance of 3 ft. 
conductor to crossarm, it became necessary to drop 
the point of insulator support 12 in. on Type A towers 
(8 deg. curve) and 24 in. on Type B towers (30 deg. 
curve) below the crossarm on that side of the cage 
where the conductor pulls the insulator string up and 
toward the cage. This was accomplished by the use 
of brackets attached and pivoted to the crossarms so 
that they would be free to swing in the line but rigid 
across the line. The use of this device saved fully 
25 per cent of the total cost of insulators and hardware 
and further reduced the number of actual dead-end 
positions, always a possible source of insulator failure, 
to a minimum. 

Insulators are attached to crossarms by means of 
forged steel hooks with an elastic limit of 6000 pounds. 
It was thought best to limit the strength of this con¬ 
necting member so that if any load greater than the 
assumed came on the conductors, the connection 
would fail rather than the tower. 

The two transmission circuits above described were 
designed to transmit the ultimate development of 
Oak Grove, 90,000 kv-a., at 110 kv., a distance of 
45 miles to Lents Junction where it is planned to tie 
them through auto-transformers on to a 60-kv. switch¬ 
ing bus. The existing 60-kv. circuits from other 
hydroelectric plants will tie on to the same bus. Two 
sjmchronous condensers of 15,000 kv-a., each supplied 
by tertiary windings from the auto-transformers, 
are planned at this point for power factor correction 
and voltage regulation of all incoming lines. 

Discussion 

For discussion of this paper see page 974. 

















Transmission Line Construction in Crossing 

Mountain Ranges 

BY M. T. CRAWFORD 


Superintendent Distribution, Puget 

Review of the Subject.—In crossing mountain ranges with 
a recent transmission line in the Pacijic Northwest severe climatic 
conditions were encountered. Snow lies from ten to thirty feet 
deep, wind attains high velocities and the temperature ranges 
between wide limits. A strongly built steel tower line successfully 
met these conditions. At one point however, a somewhat unusual 
formation of frozen fog was found to successively build up and drop 
off of wires and towers producing stresses greater than it would have 
been reasonable to design a line to withstand, and as a result failures 
occurred. 

Conditions in the extreme loading area are outlined and the 
assumption made that the most severe stresses were largely of an 
intermittent nature. The subsequent modifications in the con- 


A mong recent extensions of the Puget Sound 
Power and Light Company is a 120-mile 110-kv. 
transmission line from the White River gener¬ 
ating station to Wenatchee. This line was built up 
the Green River valley, ova* the Cascade Range 
near Stampede Pass at about 4000 feet elevation, 
down through the Yakima River valley and over the 
Wenatchee Range at an elevation of nearly 6000 feet, 
and down into the Columbia River valley to the 
City of Wenatchee. The engineering features of 



Fig. 1—tLiqht Feost Formation Early in the Winter on 

Tower No. S25 


this line were worked but with adihirable care and 
skill, and the cOnstoctioh embodies exceptional 
mechanical sturdiness throughout. 

On account of the heavy snows and inaccessibility 
of , sections of the line over the two mountain ranges, 
b^ditiphal inechanical s^^ was provided where 
tie elevation exceeded 3000 feet. T 3 rpe S. A. 56-foot 
steel towers were used for line supports, 4/0 B. & S. 
hard-drawn seven-strand copper cables for conductors, 
with 0. B. No. 25620 cap and pin-type insulators, 
six-unit strings in suspension and seven-unit strings 
in strain. SpSns were normally frond 400 to 700 feet. 

Presented at the Pacific Coast Convention of the A. I. E. E., 
Del Monte, Cal., October 2-5, 1923. 


Sound Power and Light Company 

struction are discussed, which were designed to more efficiently 
stress the materials under intermittent strains, providing an in¬ 
creased fiexibilily by the substitution of suspension for strain forms 
of wire support. 

Where line construction fails from excessive dead loading a 
stronger design throughout is no doubt the proper remedy. If 
however this loading is only excessive in one span at a time it may 
he relieved by longitudinal flexibility. While not submitting the 
principle of the elimination of strain forms as universally applicable 
in transmission line construction, it is hoped that this paper will 
elicit a discussion from authorities on the subject that will define 
its range of application. 

* * * * sH 


with conductors pulled to a tension which would 
stress the wire to its elastic limit of 4250 lb. at 0 
deg. fahr., 8 lb. wind pressure and one-half inch of 
ice coating. 



Pig. 2—Heavy Frozen Fog Formation Later in Winter, 

Tower No. S23 
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Although the Wenatchee Range crossing was at a 
higher elevation, the climatic and topographic con¬ 
ditions over the Cascade Rmige were much more severe 
from the standpoint of line operation. The summit 
of this range marks a radical change in climatic condi¬ 
tions, from the moderate temperatures and damp 
winters of the Puget Sound area to the wider range in 
temperature and dry climate of Eastern Washington. 
In crossing the Cascade Range at Stampede Pass, it 
was necessary to locate the line at a bare exposed 



Pig. 3—Heavy Frozen Fog Formation Later in Winter, 

Tower No. 


pointy where the summit was clearly defined. It was 
found that at times during the fall and winter months 
a heavy frost formation builds up on exposed surfaces 
near this summit, due to the wind carrying moisture¬ 
laden clouds of fog up from lower elevations, which 
freezes as it strikes the cold surfaces, building out 
rapidly toward the wind. Formations up to a maxi¬ 
mum of about two feet in thickness in one direction 
were observed. As ^on as the Weight of the frosty 
mass becomes jgreat enough it falls off and the building- 
uj) process starts again. /The weight was estimated 


at from 5 to 10 lb. per cubic foot. Observations were 
taken from time to time during the first winter and 
advice sought from ofiicials of the Weather Bureau. 
The indications were that the conditions bringing 
about this formation are apt to recur a number of 
times per year, but usually within a limited area, 
as the contact with cold air soon turns the fog clouds 
into snow. This formation has been found to occur 



Pig. 4—Heavy Frozen Fog Formation Later in Winter, 

Tower No. S26 


along only about one mile of line near the summit, from 
observations made so far. The photographs were 
obtained after the atmosphere cleared and the formation 
had dropped off of the wires. 

One break occured in the line during the first winter, 
which is considered too many for trunk line operation 
by an organization that has high standards of service. 
A careful study was therefore made of all the factors 



Fig. 6"—Close-gp op Formation on Tower No. S26 


involved in order to plan reinforcement work. As 
shown in the photographs and profile, the south wire 
was pulled in two in the second span east of the summit, 
but no insulator strings failed on this wire, although the 
wire slipped through the clamp at the next dead end 
east of the break. The other two wires were not 
broken, but three insulator strings pulled in two and 
one clamp slipped at the dead end points adjoining. 
It should be especially noted that there were several 
suspension towers in between these failures, but no 



























972 


CRAWFORD: TRANSMISSION LINE CONSTRUCTION 


Transactions A. I. E. B. 



. ■ -.^itf>4pS(SSr4 

^ VI’S”, 








fit 5^. 

.p?! J ^ 

i*' 


^ <««\» 


Fiq. 7—Line Damage, Summit Angle, To web No. S25, 

Looking North 


Fig. 6—-Line Uamage, Tower No. S20, Looking Northeast 
Showing Broken Wire 

to i^dijce the strength this point a 

few per cehtj which accounts for the wire parting and 
not the insulators on this conductor. 

The towers were not damaged by the frost formation. 

I^ter in the winter heavy snow falls packed do^ to 
a depth of eight to ten feet, very hard on top. The 
spring melting underneath and the settling of this 
packed <a*ust damaged the tower members badly in Fig. 8—Line DAkAOB, Tower No. S22, Looking Northwest 
plac^ near the ^ound and sheared off bolts. 

The ultiin^ strength Of this conductor is about ductor, forming in a na^w elliptical cross-section up to 
8600 lb. and of some of the insulator disks probably about 3 h;^ 8 hiches before dropping off, weighing 
slightly less, Approjdmate computations indieate that * possibly pnie ted one-half to two pounds per lineal 
a quiescent dead load oh the wires in these spans foot. It is helite building up and falling 


evidences of insulator damage or wire slipping were 
found at suspension points. Two of the insulator 
failures were of a character typical of the failure of 
cap and pin-type insulators imder extreme tension, 
the porcelain parting well up under the cap with a 
fracture at right angles to the tensile stress. The 
third failure was in the lip of the cap casting. The 
wire failure was typical of a tensile break, six of the 
strands being drawn out to a reduced diameter before 
parting. The seventh strand had a brazed lap joint 
at this point which was put in at the time of manu¬ 
facture and apparently parted somewhat more easily 
than the other strands. The effect of this was probably 


would not have equalled this ultimate strength with 
the largest formation that evidence could be found of 
adhering to the wires. This formation builds out 
almost horizontally toward the wind from the con- 
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off of the heavy frost formation on the conductors 
resulted in intermittent strains and jerks of a very 
severe character near dead end points which exceeded 
the strength of the wire, and that where the insulator 
strings failed or clamps slipped at dead end points, 
this tension was relieved thereby, but where the in¬ 
sulators held rigidly the conductor was broken. It 
should be noted that the damage along the two wires 
that stayed up through the winter was such as to 
virtually convert the construction to a suspension 
form through the loaded area. 

In the heavily timbered Puget Sound region it has 
been found expedient to build some less important 
lines with only a narrow swath cut through the timber, 
the tali firs towering above the wires on each side. 
Branches and sometimes entire trees will often be 
blown across the line, producing a suddenly applied 
extreme loading. Many years of experience with this 
sort of trouble has shown that the most flexible types 



Pig. 9— Line Damage, Tower No. S21, Looking Northwest 


of line construction are the least damaged. For 
example, one 110-kv. line of this class is built on a 
single wood pole line with light crossarms and suspen¬ 
sion construction with few d^d ends. Trees and 
branches will often fall on the wires without breaking 
them, although they may be carried to the groimd. 
The tension is relieved by pulling slack out of spans 
some distance on each side, with possibly a few broken 
crossarms. On lines where wires are rigidly held the 
damage is much more severe. 

Conclusions reached involved a redesign of certain 
features of the construction through the exceptional 
loading area, to provide: 

1. A reduction in working tension on insulator 
strings which will safeguard against failure, as well as 
improve the electrical reliability. 

2. A fleribility in wire supporting mechanism to 
allow some longitudinal movement of wires at all 
supports, which will permit the easing off of temporary 
over stresses from one span into adjoining spans. 


3. Additional strength in tower members near the 
base. 

It is believed that the substitution of the suspension 
form of support for all dead ends has taken care of the 
first two requirements. The insulator string under 
suspension conditions carries only the resultant of the 



Pig. 10 

Angle strain tower No.- S25 at Summit, with one wire changed to sue« 
pension form of support and two yet to bo changed. Wire was hung in 
free r unnin g sheaves for over a mile before placing in clamps to insure 
balanced stresses at supports. 

respective wire stresses in each direction, and the 
dead end loading is largely shifted from porcelain to 
copper, reducing insulator tensions without increasing 
the number of insulators on the line. The suspension 
unit installed in places of former strain construction 



Pig. 11 


1 

Stoaight Strain Tower No. S22, with one wire changed to suspension 
form and two yet to be changed. 

was made up of two strings of insulators in parallel 
with strain yokes at : each end, which reduced the 
tension duty in the porcelain by half. This yoked 
double string unit was installed to hang approximately 
m v^ical suspension, and the wire so pulled as to 
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give normally equal tensions on each side. At such 
times as abnormal loads come on one side these sus¬ 
pension units will swing out into the position of strain 
units. The necessary spacing out was provided at 
tower fastening and wire clamp to allow this with 
proper clearances. 

Computations indicate that a slight increase in the 
length of arc resulting from this swinging out of sus¬ 
pension units makes a very material increase in sag 
and corresponding reduction in tension. Under ex¬ 
tremely unbalanced conditions the conductor might 


prevented by the installation of additional pieces of 
heavier angle stock alongside existing members, with 
the comer of the angle facing upwards to form a roof 
effect and provide a cutting edge to break the snow. 

If still more severe winters are encountered in the 
future which this construction will not withstand, 
a stronger conductor with more insulator strings 
yoked in parallel and possibly additional towers may 
be needed, but the principles of mechanical design are 
submitted as obtaining the best balance in the stressing 
of matmals under such extreme loading conditions. 



Pig. 12 —^Transmission Line Crossing Cascade Range, near Stampede Pass 
S howing details of damage by heavy frost formation. 


even sag down until it touched the snow in the center 
of the span. This movement is restricted, however, 
by the amount of sag that can be pulled out of the 
several adjoining spans in each direction, and an 
equilibrium is usually reached after a slight movement 
which equalizes tensions. This action is very common 
on lines of suspension construction with wet snow 
alternately sticking and falling off of wire spans, 
resulting in short circuits where vertical wire arrange¬ 
ments are used. 

In replacing strain forms with suspension forms on 
long steep slopes where it is desired to have wire 
stresses uneqU^ on each side of towers, it would be 
necessary to install additiona,! tie down strings on the 
up-hill side, offsetting the point of clamping the sus¬ 
pension and tie down strings to wire several feet. 
Tills provides for necessary clearances, and gives some 
longitudinal fle4bility. Had there been any sharp 
line angles in this section, the fleable construction 
could have , been provided by installing additional 
towers so as to make a round turn with short spans, 
the suspension strings swinging out nearly horizontal. 
This form of comer constraction has been successfully 
used on suspension insulator lines along county 
roads and raiioads where the right of way turns on a 
”"’de radins. It inyolves the use of bracket supports 
* 'Side insulator strings to obtain clearances. 

snow damage to tower leg members will be 


Discussion 

llO-Kv. TRANSMISSION LINE FOR OAK GROVE 
DEVELOPMENT OF PORTLAND RAILWAY, LIGHT 
AND POWER COMPANY^ 

(Wakbman and Lines), 

TRANSMISSION LINE CONSTRUCTION IN 
GROSSING MOUNTAIN RANGES^ (Crawford), 

I>BL Monte, Cal., October 3,1923. 

R. J. C. Wood* We have encountered some little trouble in 
crossing mountain ranges in snow countries, supposedly due to 
the loss of the snow or sleet load from a span and the conductor 
coming in contact with the one above it. On the double-circuit 
steel tower line, in question, the conductors are offset a foot and a 
half from the vertical plane of the one above it. We have had 
considerable discussion as to just what happens to cause these 
conductors to come together. One theory being that the sleet 
falls off the one span and still remaining on the adjacent span, 
the lighter span is pulled up into the one above it. 

Another theory is that the sleet falls off a portion only of a 
long span and that gives it a deformed shape sufficient to permit 
the two conductors to come together. 

The third theory is that when the sleet falls off it sets up waves 
of sufficient amplitude to produce contact. 

It will be interesting to know if anybody else has made 
observations on this subject and can give us information on just 
what happens when the sleet falls off. 

J. P. Jollyxuant We do not cross any high ranges at high 
altitudes or any loositious subject to extremely severe climatic 
conditions. 

We have haA some sleet trouble. It has been generally thought , 
though not actually observed, that the sag in the conductors is 
greats interfered with by the inequality in the loading of sleet. 
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It is now believed that the conductors load up uniformly and 
when the sleet starts to melt the trouble begins. 

We had one interesting report where sleet accumulation on 
spans was found to slide to the lower part of the span and pile 
up in very great weight at the bottom of the span. We had one 
or two cases of trouble which indicated that such an event had 
happened. The only precaution that has been taken in country 
known to be subject to sleet is to employ the horizontal con¬ 
figuration, or to employ the displaced conductor arrangements of 
the vertical circuit. It has been our experience thus far in 
points not subject to very heavy loading, that a 20-foot vertical 
displacement seems to be free from trouble, whereas, a 10-foot is 
not. In a configuration using three conductors normally 
spaced ten feet apart vertically, the center conductor is displaced 
either outward or inward two or three feet and thus far it has 
been satisfactory. 

R. J. C. Wood: Referring to the 20-foot vertical spacing, 
what length of span is that? 

J. P. Jollyman: We would not ordinarily regard the hori¬ 
zontal displacement as effective in spans of, over 500 or 600 
feet. Where we have longer spans, and where we have any 
idea that sleet conditions will occur, we would feel it necessary 
to change from a vertical to a horizontal configuration, to be 
entirely safe from the difficulties attending on the unloading 
of sleet. 

W. S. Jennens: Sleet does not occur on our lines on the 
plateau or high points in the Rooky Mountain district, in which 
our system is located, but mostly in the low hills adjacent to the 
Bear River and at those points where the cold air from the other 
side of the hills strikes the moisture-laden air. The condition 
known as sleet by most of us, is not in the form of solid ice, but 
chiefly in a compact form of frost. Sometimes, of course, we 
have damp or extremely wet snow which, in falling from the 
conductors, gives us the same condition as you gentlemen know 
as “sleet-jump.” Fortunately the condition prevails mostly 
in short sections of the line and if the condition can be discovered 
in time, lines mostly concerned are taken out of service long 
enough to permit the maintenance crews to dislodge the wet 
snow by jarring the conductors. Prom the observation of 
these crews, we have concluded that there is no definite way in 
which the conductors act when the sleet jumps before the snow 
actually falls. We will find adjacent spans having entirely 
different appearances, one being loaded with snow, the con¬ 
ductors wiU sag down and the other span without snow, the 
conductors wiU be stretched tight and consequently rise. If, 
therefore, no equal loading of the conductors in the same span 
prevails, it wiU readily be seen that the. conductors wiU come in 
contact with one another without the sleet having jumped. 
On the other hand, when the sleet does not let go through any 
unbalance of adjacent spans, conductors may rise in accordance 
with their previous loaded condition, and come in contact with 
each other in the third or even in the fourth span, particularly 
if the latter be below on a hillside where the tendancy of the 
conductor is to run down towards the bottom of the slope. 
In some oases there wiU be a wave motion of the conductors, 
as pointed out by Mr. Wood, due to snow falling in one s;^n and 
its jarring effect communicated to the conductors of other spans. 
The result of change’ of tension in the various contiguous spans 
causes the wave of the conductor to run along the line and if two 
or more conductors do not act similarly, they will come in 
contact with each other. Where they are out of step, so far as 
the wave motion is concerned, it is evident that on ISO-kv. Ime 
that contact made thus will quickly bum the conductor through. 
We find that the conductors bum chiefly in the center of the span. 

Each year’s condition ha,s become worse and worse, and 
d.uring the past summer we have off-set the center conductor of 
each circuit arranged in a vertical configuration to a distance of 
approximately three feet, only however in the locations where 
previous observations have shown the sleet to have formed to any 


considerable degi'ee. We expect in the future to complete this 
off-setting in order to eliminate the chances of failure in any 
locality throughout the length of the line. On account of the 
design of our steel tower being such that it greatly weakens the 
same if we lengthen the middle crossarm or reduces the clearance 
to ground at the tower should we shorten the arm, we have 
followed the scheme in use on the Pacific Gas & Electric Com¬ 
pany’s lines, using an additional string of insulators on the 
middle arm to pull the conductor towards the tower. 

We are not certain whether om* three-foot off-set is sufficient 
and would like to ask Mr. Joll 3 unan^ if, in his opinion, it is enough 
for operation at 130-kv.? 

R. H. Halpennyt On one tower line of The Southern 
Sierras Power Company, some trouble resulting from sleet on 
conductors has been experienced, particularly at a point where 
the line crosses a mountain range at an elevation of approxi¬ 
mately 4000 feet. No trouble of this nature has been noticed, 
however, which could bo traced to the swinging together of 
conductors when loaded with sleet, this being due possibly to the 
arraz^ement of conductors, which offsets the middle conductor 
of each circuit five feet from the vertical plane in which the top 
and bottom conductors lie, with a resultant normal vertical 
separation of twenty feet between top and bottom conductors. 
The longest span in this section of line is approximately 1400 feet. 

The most severe kind of trouble in this locality has been tower 
failure. Line conductors have failed due to sleet loading in a few 
instances but an excessive dead load of this natime has ordinarily 
resulted in the deformation of the cross arms or some other 
tower member. 

This trouble has been overcome to a great extent by additional 
bracing of tower members showing a tendency to fail under such 
loading, also in some eases by the addition of towers at points 
liable to be most heavily loaded. 

Jojhn B. Fiskeni This discussion takes me back to the 
Vancouver Convention in 1913, at which convention the same 
subject was discussed. The question has been asked, and the 
desire has been expressed for actual testimony, as to what occurs. 

1 can’t of my own knowledge give any such testimony, and, 
as a general rule, I don’t always believe all that the average 
farmer says, but we have one farmer in our region who I believe 
told us the truth. He gave us, some years ago, a very full 
description of what he actually saw. The conditions were 
vertical arrangement of conductors on a two-circuit tower line, 
the wires in vertical planes having horizontal separations of about 
six inches. He said that while he was passing the line one day, 
and this was after we had all been driven nearly crazy with the 
shutdowns, he saw the frost drop off one wire and that wire fly 
up and strike the one above it. This is not sleet loading but 
frost that forms and drops off when the day gets warmer. 
After that we separated the vertical planes of the wires hori¬ 
zontally by moving the top conductor in towards the tower, 
and lengtbfl-ning the middle crossarm and moving the conductor 
from the tower. This gave horizontal separations between 
vertical planes through the conductors of top to center, 5 feet, 
10 inches, center to bottom 3 feet, 5 inches and top to bottom, 

2 feet, 5 inches. Since then we have had no trouble at aU and I 
am satisfied that all of our troubles were due to the same thing, 
the unloading of the conductor in one span and the excessive 
weight of the adjoining spans causing it to hit the wires above it. 

Harold Michener: Referring again to the line of which 
Mr. Wood spoke—I was over it on Saturday and Sunday, last, 
try ing to determine what we could do to it. We selected a span 
about 890-ft. long that was held by suspension insulators at each 
end, calculated the load for the span with half an inch of ice, and 
concentrated one-fourth this load at the one-eighth and one- 
fourth at the three-eights points of the span. This pulled the 
center wire dowm about one foot below the bottom wire and 
showed that if the bottom wire should be unloaded and the center 
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wire loaded, the center wire woxild go down, into the bottom wire 
for more than three-eights of the length of the span. That was 
only an indication of what might happen in a territory where we 
had not assumed any sleet load in designing the line, and we are 
of the opinion that in the territory where the design assumptions 
include a sleet load, and, for that reason, a lower stringing 
tension, and where the spans are longer, the top wire would come 
down to the bottom wire if the top wire were loaded in one-half 
the span and the bottom wire unloaded. The vertical distance 
between top and center and bottom wires at the towers, is six 
feet, three inches. 

H. H. SchoolfLeld: We have observed a very peculiar 
phenomena on one of our transmission lines which might be of 
interest to the engineers present, I have never yet been able to 
find a satisfactory explanation for it, Pei*haps some of you 
gentlemen can enlighten me. 

We have a 66,000-volt line, with suspension insulators, and 
conductors of three-strand copper clad steel. In connection 
with this we-have a seven-strand steel ground wire. There are 
several places in the line where we get frost conditions similar to 
these described by Mr. Fisken. I call it frozen fog. It builds 
up on the copper clad conductors to a considerable extent and we 
have experienced the same trouble of wires swinging together; 
the lower wire flying up and hitting the upper wire. The peculiar 
fact is that the frost does not accumulate on the steel ground 
wire. I don’t know why it is and I can’t find a satisfactory 
explanation for it, but it is a fact that the frost wiU build up to 
considerable extent on the copper clad conductors, but does not 
build up at aU on the steel ground wire. 

L» J. Pospisil: In addition to what Mr. Fisken has said in 
regard to his experience, I want to say that in the year 1910, 
I believe it was, there was an effort made to reproduce the 
conditions, of what occurred from actual experience, by con¬ 
structing two spans of a sample line and reproducing the loadings 


along the conductors by means of weights, and then releasing the 
weights and observing what took place. At that time Mr. Geiser 
wrote a paper on those experiments, which I think was given at 
the Vancouver Convention in 1913. 

H. T. Plumbt The Utah and Idaho power companies have 
had some trouble with frost conditions; but along most of the 
lines it has caused no trouble. The frost referred to is a wonder¬ 
ful formation; it happens only in a very still valley where no 
wind is blowing; it builds up in the night, and disappears as soon 
as the sun begios to shine when it drops off. It adds considerable 
weight to the conductors, and their diameter may become four 
or even six inches. An explanation of why it might form on 
copper conductors more than on iron conductors is that the iron 
is probably smaller in diameter and the amount of growth seems 
to be dependent on the diameter of the thing to which the 
frost fastens itself. 

Not long ago one of the smaller power companies in Utah had 
difficulty with a very wet sleet bridging over insulators and 
causing them to ground, or flash across. It was a sleet so wet 
that it could hardly be called ice and yet it would stick and 
build up on the lee side of an insulator. 

M. T. Crawford: Experience with wires arranged in a 
vertical plane has been universally unsatisfactory in our terri¬ 
tory through snow country and it should be noted that, in the 
line described in this paper, a horizontal arrangement was used. 
Longitudinal movements of the wire accompanying the ver¬ 
tical movements sufficient to cause short circuit with a ten-foot 
vertical displacement worild necessarily produce severe stresses 
at dead end points, and it was to avoid damage from these 
stresses that the special form of suspension construction was 
employed. Since writing this paper the line has gone practically 
through another winter without a repetition of the failure 
described although ice and frost formations have been equally 
severe. 



Insulation Design of Anchors and Tower Supports for 110,000- 
Volt 4427-Foot Span Over Carquinez Straits 

BY L. J. CORBETT 

Member, A. I. E. B. 

Pacific Gas & Electric Company, San Pracisco, Cal. 


Review of the Subject.—The Jirst crossing of the Carquinez 
Straits by a high-tension transmission line was one of the stepping 
stones in the progress of the electrical industry. The pioneers 
hiiilt well, and the march of events, vnth its demands for greater 
and greater blocks of power, found the crossing structure adequate 
for the new requirements. 

Constructed in 1901 for one 60,000-volt circuit mth a spare cable, 
two additional cables were added in 1914, ‘making two 60,000-volt 
circuits. In 1922, coincident mth the replacement of 60,000-volt 
pole lines by a 110,000-volt tower line, the crossing was modified.to 


allow 110,000 volts on the two circuits, thus again prcwtically 
doubling the transmission capacity. 

The original design made use of insulating materials in com¬ 
pression. A dear record for over 20 years led the company to adhere 
to the compression type in the reinsulation for the higher voltage, 
thus making the crossing unique among long high-voltage spans. 
The methods by which some of the problems were solved, the hinged 
anchor structure, the sturdy insulated support for the towers, the 
movable top for the middle tower support to allow for relative motion 
and the supplementary cable system to obviate crystallization at 
the supports, are described in the paper. 


HEN the Bay Counties Power Company in¬ 
stalled the 4427-foot span across the Carquinez 
Strait on San Francisco Bay to operate at 
60,000 volts it was considered a noteworthy achieve¬ 
ment. So carefully and so thoroughly had all the 
features been investigated that it established and 
maintained a record for many years under operation 
by that company and its successor, the Pacific Gas 
and Electric Company. 

As at first constructed in 1901 there were four 
cables—one for each phase of the three-phase circuit, 
and a spare cable. The steel towers were fitted 
with wooden crossarms supporting saddles of wood and 


were left in but on the two cables added, a steel struc¬ 
ture pulling against six pin-type, 60-kv. insulators 
in compression was installed at each cable end. These 
have given no trouble whatever since their installation 
in 1914. 

To care for the growth of power load in the San 
Francisco Bay district and to allow entry for the power 
from the company's developments on the Pit River, 
a substation was built about 50 miles northeast of 
San Francisco where the power is stepped down from 
220,000 to 110,000 volts and brought down to the 
Bay district over new 110,000-volt tower lines re¬ 
placing the old 60,000-volt pole lines which were no 




iron upon six pin-type insulators. The anchor in¬ 
sulators, two in series, each consisted of a steel link 
against micanite in compression in a container filled 
with oil. These insulators have given complete satis¬ 
faction at 60,000 volts for the past 22 years.' 

In 1914 two additional cables were added, making 
two circuits at approximately 20-feet separation with 
cables at 10-feet spacing in each circuit. The crossarms 
were changed from wood to steel and wood was also 
eliminated from the saddles. The old anchor insulators 

1, A description of the original installa>tion will be found in 

the Engineering News for October 3, 1901. r ui m 
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longer adequate. The crossing, mechanically suitable, 
had to be reinsulated for the new voltage. 

So successful has the compression type of insulation 
proved on this crossing that it has been adhered to in 
the work carried out during 1922, notwithstanding 
the fact that the tension type of insulation has been 
developed to a fair degree of reliability and has been 
adopted on a number of important spans. 

Fig. 1 is a profile of the complete cable system. 
The cables merely rest upon the supports at the three 
towers, the direct tension being held by concrete 
anchor blocks at the ends. The South Tower,. 140 feet 
from the extreme anchor block, is 64 feet high to 
the top crossarm. The Main Tower on the north 
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side of the strait is ^ 4427 feet from South 
Tower and is 225 feet high. The North or 
Leaning Tower is 1385 feet farther on and is 84 
feet high. The north anchors extend 325 feet 
beyond this tower. Due to the differences in 
elevation of the bases the elevations of the 
supports of the top cable are 478, 394 and 201 
feet on the respective towers. The leaning tower is 
so called because its upper portion is inclined at an 
angle of 13 degrees from the vertical in order to resist 
to best advantage the resultant stress at its location 
part way down the catenary. 

Analysis of the crossing showed that the unequal 
expansion of the 4427-foot span and the 1385-foot span 
would cause unbalanced horizontal stresses in the 
direction of the cable unless provision was made to 
allow the small amoimt of relative motion necessary 
to keep the horizontal stresses on both sides of the 
tower equal. 



PiQ 2 a—^V iBw OP Cable End op Anchor Structure 

Anchors 

For the anchors was adopted in part the method 
used on the cables which were added in 1914. The 
end of the cable was passed around a 24-inch sheave 
afid securely clamped. From the sheave axle the pull 
is transmitted through a system of springs to a round 
bar which forms an axle at the end of the stem of a 
deep Y-shaped steel frame. The arms of the Y are 
braced across, and at the extremity of each arm is a 
round bar which acts as an axle for one end of a set of 
three pillar insulators on each side. The insulators 
are inclined outward from the arms of the Y and at 
their extremities additional axles transmit the strain to 
two columns which form part of a steel cage which 
surrounds the insulator system and converges to a point 
at which it is attached by a hinge to the concrete 


anchor block. The weight of the Y-shaped frame is 
supported by two additional pillar insulators with 
universal joints at top and bottom. Each pillar 
insulator has a simplified jack at its base by which the 
strain can be approximately equalized in each set. 
These features are shown in Figs. 2 a and 2 b. The 
anchors are housed in steel and corrugated iron struc¬ 
tures affording ample clearances. 



Pig 2b—^View op Ground End op Anchor Structure 


The aim of the design is to relieve the insulators 
entirely of bending moment, leaving them to resist 
compression only. While stiffness is relied upon in 
the planes of the two sets of insulators at the sides of 
the Y, with care in assembly it is believed that the 
side strain in these planes can be almost entirely taken 
up by the two insulators holding up the Y frame. 
The structure, including the Y frame and six insulators. 


B c 



Pig 3—^Analysis op Pive-Hinged Anchor Structure 

rocks into equilibrium on the five hinge bars so that the 
load is firmly placed on the two sets of insulators. 

This five-hinged system was decided upon after 
analysis and trial of a number of possible arrangements. 
A rigid rectangular structure, while satisfactory for 
60,000-volt insulation with only one insulator in depth, 
would not serve for 110,000-volt insulation with pillar 
insulators three times as long, as the side strains would 
introduce bending moments which it was thought best 
to avoid, especially since with such a structure, any 
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yielding to the strain would increase the moment and 
probably result in complete collapse. 

An analysis of the hinged system is shown in Fig. 3. 
Hinges A and D are fixed in position, while hinges 



Fig 4—^View op Towee Support on To wee Adjacent to 

Anchor 

The saddle is electrically cormoctcd to the cable to obviate possible 
burning at the support. 

B, C and are free to shift. The cable is attached 
at Ez, 

The location of E along the stem of the Y is extremely 
important. If the center hinge were set at some point 
high up on the stem such as Ex where the axis would 


the pull of the cable tends to keep it in the center, 
the low point of the curve. It will be a stable structure 
even though containing five hinges, and the load will 
be divided equally between the insulator systems 
B A and C D. 

Tower Supports 

At each support on the towers a cast steel saddle 
is mounted on six pillar insulators consisting of three 
units each, with a jack at the bottom of each pillar 
to permit equalization of load. 

In order to resist side strains caused by wind on the 
cable and unequal strains in the direction of the line 
without introducing objectionable bending moments 
in the insulators, they are mounted in two inclined 
planes at 22/4 deg. from the vertical, and the two outer 
insulators on each side are inclined at the same angle 
relative to the center insulator in that plane. (See 
Fig. 4). The insulators are mounted on cast steel 
brackets on the 15-inch I beams which form the 
crossarms of the towers and on two H beams which 
span between them. 

At South Tower and the Leaning Tower, both 
adjacent to the anchorages, the saddles are stationary 
and any unequal stresses in the direction of the line 
will be transmitted to the towers by the rather sturdy 
insulator structure. These towers are so close to the 
anchorages, it is believed that such stresses will be very 
small. 

At the high Main Tower, however, with spans of 




SECTION-A-A 

Fig 5—Saddle with Movable Top 
Used on main tower between 4427-ft. and 1385-ft. spans. 


trace a curve convex upward, any displacement would 
cause E to run down the curve and the structure 
would “jacknife” or turn inside out with great rapidity. 
This was very neatly illustrated by means of a model 
of a single element made of cardboard in which the pull 
of the cable was simulated by an elastic string. 

Part way down the stem was a point E 2 which traced 
a straight line. Attachment to this point would render 
the cable indifferent as to its position, judging by the 
model, and such a structure would of course be unsafe 
to use where clearances must be maintained on both 
sides of the cable. 

When attached at the position Ez well down the stem 
of the Y the curve traced is concave upward, therefore 


4427 feet on one side and 1385 feet on the other, 
unbalanced stresses do result with changes in tem¬ 
perature. For this tower, the saddle is made with a 
movable top which glides back and forth on rollers, 
(See Fig. 5). A part of this motion is free, but the last 
inch in each direction is against buffer springs to 
transmit any such unbalanced strain to the tower 
gradually. The rollers are immersed in a thin grease 
to prevent rust as well as for lubrication. It is found 
that this motion is freely exercised by the saddle top 
with daily temperature changes. The limit was 
approached during construction when a man was 
sent out in a suspended car to paint the cable, as is 
the company’s practise to do at intervals. 
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Supplementary Cables Over Tower Supports 
The cables on the long spans are subject to serious 
vibration which in time would cause crystallization of 
the steel at the tower supports unless precautionary 
measures are taken. This • vibration changes with 
the velocity of the wind and is of two types,—one is 
evidenced by a continuous hum, the other is in the 
nature of an impulse which travels back and forth 
across the span at intervals of a few seconds. To 
afford cushioning for these vibrations at the tower 


being varied on the different spans to provide suitable 
cushioning for the vibration. The distances to which 
the cable ends extend vary from 21 to 65 feet from the 
centers of the towers, one cable however being ter¬ 
minated at a lesser distance in each case. The arrange¬ 
ment may be better understood by reference to Fig. 
6. The cables may be seen in the view of South Tower, 
Fig. 7. 

The equipment was designed by the writer with the 
assistance of Messrs. A. T. Church and G. S. Tune 



Pig 6—SuppiiBMENTART Cables over Tower Supports 


supports and to add to the strength at these important 
locations, supplementary cables are used over the 
saddles. By thus adding to the weight of the main 
cable before it reaches a support, the vibration is 
absorbed gradually and its concentration at one point 
is avoided. Two supplementary cables of the same 
size and quality as ^e main cable are used at each 
tower support and arranged with tumbuckles so that 
all or part of the tension can be taken off the main 
cable. 

As the wind alternates from sea breeze to land breeze, 
the main cable is swung first east and then west on the 
spans on both sides of the main tower simultaneously. 
For mechanical reasons it is simpler to have the three 
cables in a horizontal plane over the support, but it 
is necessary to equalize the strains and prevent the 
entire pull from coming on the outside cables alter¬ 
nately. 

This is done by changing from a horizontal to a 
vertical plane a short distance out from the saddles, 
by means of a single-tree arrangement which equalizes 
the load on the two outer cables across the saddle 
and permits the main cable in the center to go free. 

The supplementary cables across the saddles are 
short sections with sockets on both ends. The tum¬ 
buckles are joined to these portions for tightening 
as much as desired to equalize the load and relieve 
the main cable of a part or all of the strain. These 
short sections and tumbuckles go between the equa¬ 
lizing plates at their outer holes at each end, the main 
cable passing through between the plates. The center 
holes of the plates engage pins in open sockets on the 
ends of cables which parallel the main cable in a 
vertical plane. These cables are also of the same 
character as the main cable and are attached to it 
and to each other by five clamps which hold all three 
cables at suitable spacing. The ends of the supple¬ 
mentary cables beyond the clamps are attached to 
the main cable by serving or Crosby clips, the lengths 



Fig 7—View op South Tower 
Note supplementary cables and clamps 


of the drafting room staff and under the supervision 
of Mr. J. P. Jollyman, chief of the division of hydro¬ 
electric and transmission engineering for the company. 

Discussion 

L. IVl. Klaubert I wish to point out one fact, namely, 
that a line of such importance, crossing a. water way open to 
trafS .0 where great clearances are necessary, would naturally 
involve special structures and relatively high costs. One not 
familiar with long spans might deem it essential that whenever 
such spans are constructed, regardless of the character of the 
line, equally expensive structures are essential. I would like 
to point out that for spans of this magnitude in less important 
lines, a much less expenave construction may be used with 
entirely satisfactory results. 

For instance, it was recently necessary for our company to 
construct a line serving a load of only 60 kw. We haVe in that 
line one span which in length approaches this one within one 
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hundred feet; it is approximately 4300 feet long and yet the 
construction is inexpensive, utilizing wood poles for towers. 
Of course, it is obvious that this line does not cross a waterway 
through which ship traffic must be accommodated and thus 
great clearances are unnecessary. On the contrary it crosses 
a rather wide canyon and had it not been for a spur of a hill that 
came up in the center, the span would have been 7600 feet instead 
of 4300 feet long. As it was we had to locate a tower in the 
middle on the spur between the 4300 foot span and a 3300 foot 
span. The lino including these spans is no more expensive 
than an ordhmry polo line following the road would have 
been. 

H. H. Schoolfields We have some long spans but nothing 
like Mr. Klauber mentioned. We have one about 2800 feet 
long on wood polo construction aixd it is no more expensive than 
following down the canyon. 

J. P. Jollymant The detail of the design of the re-insulation 
of the Carquinez crossing is not offered as a sample of how long 
span construction should ordinarily be made. As has been 
pointed out, this crossing is one over a navigable stream. The 
crossing was designed over twenty years ago and represents a 
very remarkable achievement for that period. 

It is rather seldom that we find spans of that length with 
conductors of .that character supported on rigid insulators; 
most of our new work is with suspension or strain insulators 
where the rigid points of support are at the tower and not at the 
conductor. In the Carquinez span, the long time success of the 
compression theory of insulation led us to conclude it would 
be a wise thing to continue and for that reason the insulators 
for the higher voltage wore determined to be of the rigid type. 
A rigid form of support introduces the very pressing problem 
arising from the vibration of the conductor and our endeavor 
to terminate that vibration at a fixed point. Experience has 
shown the necessity of absorbing the vibration before it strikes 
the rigidly supported point, or in a short time, crystallization of 
the conductor will occur. A rather striking exiierience was had 
in this crossing. A few years ago the crossing was worked over 
and was changed from four wires to six wires iu order to give two 


complete circuits. At that time it was known that some re¬ 
inforcements of the original cables over the rigid supports was 
necessary and an attachment was put on designed to take most 
of the strain off the main cable. Within a few weeks crystalliza¬ 
tion occurred and a strand broke at the attachment. The 
attachment was several feet out from the original point of the 
support, but it was a little too heavy; so in redesigning the 
work we have taken particular precautions to add weight 
gradually as the point of rigid support is approached. 

First we add one cable for reinforcement and a few feet further 
on we add a second. These cables are then attached to the main 
cable by means of relatively light clamps sufficient in number 
to take the entire strain and amply spaced, and finally the main 
cable with its reinforcing cables changed from the vertical to the 
horizontal plane, is brought to the point of rigid support. The 
construction has been up over a year. We have had no me¬ 
chanical trouble with it whatever, or any electrical trouble except 
with some windows at the entrance to the anchor houses. We 
installed those windows thinking that they might be of some use, 
but they proved to be the weak point in the construction and 
have been removed. It is not our intent to replace the windows. 
We have had no mechanical trouble and I believe our experience 
has been sufficient to justify the assumption that the mechanical 
design is going to function correctly. 

L. J. Corbetts There is little to add as no questions have 
been raised. The important link this particular crossing forms 
in the transmission system; the fact that it crosses a navigable 
waterway, a main line railway and other power and communica¬ 
tion circuits, and the adherence to the compression type of 
insulation have resulted in the rather elaborate construction 
described. Our company has other long spans on lines in 
mountain districts of the type described by Mr. Edauber and 
Mr. Schoolfield. 

I wish to emphasize the importance of the proper design of 
the five hinged anchor structure of Fig. 3. Es is the only point 
at which a hinge can be located on the stem of the Y. The 
entire Y frame between the hinges Es, B and C, must be abso¬ 
lutely rigid. 


Test Results on the Performance of Suspension Insulators 

in Service 

BY C. F. BENHAM 
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Review of the Subject,—Megger lest residis on suspension districts, viz., mountain, valley and coast conditions; also results 
insulators on the lines of the Great Western Power Company cover- covering the different types, 
ing records since 1908 giving the percentage of depreciation by ***** 


T he suspension insulator has been the subject of 
much discussion, particularly during the last 
decade, when the faults of most of the products of 
earlier manufacture were brought to light and the great 
increase in their use, due to the general tendency 
toward higher voltages, considerably extended the 
interest in their behavior. 

Extensive investigation has been carried on as to the 
cause of their deterioration, which was so pronounced 
in the older units and from which the later output is 

Presented at the Pacific Coast Convention of the A. J. E. E., 
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not entirely free. Many valuable data have been 
collected, from observation of insulators in actual 
service,—and experimentally as well,—and many 
conclusions have been drawn. At the present time the 
most generally accepted theories attribute failure to 
improperly fired porcelain,—either porous from under¬ 
firing or brittle from overfiring,—and even more to the 
mechanical stresses set up by the unequal expansion of 
the various elements of the usual cap and pin type of 
unit. 

Most of the manufacturers have profited from the 
light which has been thrown on the subject; by a 
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combination of better porcelain through more scien¬ 
tific mixing and heat control of the firing and the 
elimination of a large part of the temperature stresses 
through better design and methods of assembly, they 
have produced an insulator which is fairly long lived, 
as compared to the article supplied fifteen years ago. 



Pig. 1—Dbtbriohation of Suspension Insulators under 
Different Climatic Conditions 

Records are available covering the performance of a 
fairly large number of suspension units in use in the 
high-tension lines of one company,—a majority of 
which have been in service for about fifteen years,— 
and most of the balance from eight to twelve years. 



Fig. 2—Deterioration of Suspension Insulators, Com¬ 
parison OF Different Types 

Ourves designated by same letter are products of same manufacturer. 


After about six years of operation, the frequency of 
insulator failures was increasing at an alarming rate, 
and interruptions to service became so numerous that 
it was necessary to adopt a system of field testing to 
eliminate the faulty units. 


From the indications of the first testing it was deemed 
advisable to replace one t 3 rpe of insulator completely— 
as well as the defective units of all types—^using a new 
insulator of improved design and material. Subse¬ 
quently other types were replaced as a whole and all 
insulators in certain sections where the rapid depre¬ 
ciation coupled with the inaccessibility made testing 
very costly. As a result failures have been reduced to 
only one or two sporadic cases in a year, at the most. 



Insulator Shown in Curve B-1 



Insulator Represented by Curve B-2 


with one period of twenty months in which none 
occurred at all. Testing intervals have also been 
increased to a fairly reasonable period, varying from 
one year in a few sections to from two to three years 
for the majority. This is governed partly by the type 
of insulator preponderating, but more especially by 
the climatic conditions prevailing, which vary con¬ 
siderably over the entire system. 

Periodic testing has been carried on for the past nine 
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years, and an analysis of the test records, with reference 
to the effect of different climatic conditions and also 
comparing the .behavior of various types, is presented 
graphically in Figs. 1 and 2. 

lig. 1 brings out the decided effect of temperature 
changes on the life of an insulator, and is rather con¬ 
clusive proof that expansion stresses are a more serious 
problem than porosity. The four geographic divisions 
selected are quite sharply defined with distinct charac¬ 
teristics as to climate; while they vary greatly in 
extent, each is large enough to include a representative 
number of each of the various insulators and hence 
affords a fair comparison. The mountain and coast 
hill sections are subject to almost daily ranges of tem¬ 
perature of considerable magnitude, while in the upper 



Insulatob Shown in Curve A-3 


and lower valley sections the only variations of any 
consequence are seasonal, though the daily range in the 
lower valley is perhaps a trifle greater on account of the 
winds. Again, the mountain and upper valley districts 
are comparatively dry, while the lower valley and 
coast sections are quite humid, the one being in a river 
delta and the other subject to fogs. Thus we have 
four distinct combinations of tempeiature cycles and 
humidity. 

Fig. 2 covers the general performance of several 
different types of insulator, and is particularly in¬ 
teresting in the nianner in which it brings out a com¬ 
parison between different designs and stages of develop¬ 
ment of the same manufacture. The slight tendency of 
Curve BA. to show a decrease in the deterioration can 


be accounted for in the fact that it includes insulators 
of two different ages. It has not been possible to 
segregate them generally in the test records, as they 
are alike in appearance, but a few specific cases indicate 
that the newer insulator has a much greater life due to 
improvements in porcelain and details of assembly. 
The proportion of older insulators is gradually being 
reduced through replacement, with a resulting decrease 
in the rate of depreciation of the combined group. 

The most striking feature is the very slight de¬ 
terioration of the insulator shown in Curve B-2, which 
repr^ents a fairly recent output of a design which is 
standard at the present time. Actual figures are 
perhaps more conclusive. Of some 10,000 units 
subjected to test, no failures developed in six years, 
and only nine in the seventh year and 10 in the eighth 
year or a total of only 19 units out of 10,000 after 
eight years of service. This would rather indicate that 
the insulator question is no longer a very serious prob¬ 
lem, at least under the conditions which prevail among 
those in the foregoing study. 


Discussion 

J. A. Koontzt I think there is one point that Mr. Benham 
has mentioned which should be emphasized, viz., that if the 
loading on the dead end insulator is kept within reason, there is 
no greater depreciation on the dead end insulator than on 
insulators in suspension. A great many engineers feel that 
insulators at the dead end points are quite a hazard. In fact 
on the lines in question all the early type insulators used at the 
dead end positions had to be removed, but when they were 
replaced by later designed units, the trouble ceased, as shown by 
the curves, and from tests, we find no more failure in the dead end 
position than when the insulators are used in suspension. With 
this in view, we feel that from a depreciation standpoint, we 
do not have to worrry about the dead end insulators, so long 
as the mechanical loads are not excessive. 

J. E. Woodbrid^e* I might speak of the progress of the 
insulation art. So far as the suspension insulator is concerned, 
it has been practically developed within the last ten years. 
I say ten years because the difficulties with suspension insulators 
were first noted about ten years ago. They had then been 
used about five years, but nobody dreamed that they had 
qualities differing from those of the pin type. About the year 1913 
suspension insulators began to deteriorate very rapidly; there 
were burnouts, punctures and flashovers, and we went out on 
the lines with meggers and discovered that the insulators 
were practically all to the bad, that they were depreciating 
at a high rate and that total replacement would be required 
within a few years.. Of course, that developed a new problem 
and we were up in the air for some time. Some blamed the porce¬ 
lain, some the metal parts, and some the cement—everybody 
had a different idea and each engineer proposed a different 
cure for the other man’s diagnosis, but the whole problem is now 
crystallizing, as shown in this paper, to a definite knowledge of 
what the troubles are. 
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Review of the Subject.—In this paper are pointed out some 
of the similarities and contrasts of power transmission and tele¬ 
phone transmission over long distances. The problems of telephone 
transmission on open-wire lines are illustrated by a discussion of 
the methods by which the over-all ejficiency of the transcontinental 
telephone circuit has been greatly improved. A brief discussion 
is given of recent important developments in telephone transmission 


through cables over long distances. An outline is given of the results 
obtained in the commercial application of carrier tdephone and 
telegraph systems. Finally, a demonstration talk between Havana, 
Cuba, and Avalon on Catalina Island off the Pacific coast, is 
described as an illustration of what can be done with the commercial 

telephone system in its present stooge of development. 

e e e * >i< 


A t a convention where the main topic of discussion 
is the transmission of power over long distances, 
it would appear interesting to review some of 
the problems involved in the transmission of telephone 
currente over long distances. This review does not 
contribute very much which could be used directly 
in solving the power problems but serves to point out 
some interesting similarities and some very important 
differences between these two branches of electrical art. 

In essence, both consist in the transmission of alter¬ 
nating currents over very long electrical circuits and 
in both, therefore, the problem of reducing the losses of 
electric power in transmission is very important. In 
the case of power transmission, however, the commodity 
delivered is the power itself and, therefore, for commer¬ 
cial success a large percentage of the power transmitted 
into the line must be delivered at the output. In the 
telephone problem, on the other hand, the commodity 
delivered is commimication and the delivery of elec¬ 
trical power is only a means to this end. The ef¬ 
ficiencies of the telephone transmitter and of the tele¬ 
phone receiver are such that under many conditions 
satisfactory communication can be given when only 
a small fraction of 1 per cent of the transmitter output 
is delivered to the receiver at the distant end of the 
line, the rest being absorbed largely in line losses. 
JHirthermore, in many cases the power delivered does 
not come directly from the transmitting end but comes 
only from the nearest repeater station on the line. 

The power engineers are free to choose, with a view 
to tr^smission efficiency and otherfeatures of economy, 
the frequency of alternating current to be used. As 
a result, a relatively low frequency is always chosen. 
In telephone transmission, on the other hand, the 
frequency of transmission is necessarily high, for it 
cannot be Iowct than the important harmonic com¬ 
ponents of the complex waves which constitute speech. 
How complicated these waves are is illustrated by 
Figs. 1 and 2. Fig. 1 shows oscillograms of telephone 
currents corresponding to the vowels ^*o” and “e”. 
The most prominent oscillation in the vowel “o” is, 
roughly, 800 cycles a second and the most prominent 
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oscillation in the vowel “e” is about 1900 cycles. 
Fig. 2 is an oscillogram of the word “Pacific.” The 
pronunciation of this word occupies less than a second, 
but the oscillations are so complicated that it has been 
necessary to crowd them together very closely in order 
to get the whole word in one figure. These two figures 
are illustrations of the fact that the important har¬ 
monic components of telephone currents cover a 
frequency range from 200 cycles to well over 2000 cycles 
and that components as high as 3000 or 4000 cycles in 
frequency contribute somewhat to the intelligibility of 
speech. By using the speech currents to modulate a 
carrier current the frequencies transmitted over the 
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VOWEL "O" 


■ '■ 'i 

I ' 1 ' • ' '* 

VOWEL “E" 


Pia. 1—OSCILLOQHAPH RECORDS SHOWING THE FliTTCTHATIONS 

IN THE Electrical Chbrent when the Vowels “0” and 
“E” ARE Spoken INTO the Telephone Transmitter, the 
Speed op the Film was about 10 Feet per Second. 

line can be raised as may be desired, but no feasible 
method has been suggested for lowering them 
materially. 

This difference in frequency between power and 
telephone curr^ts is an important difference from the 
standpoint of transmission, because the losses pot 
unit length go up rapidly with the frequency. Further¬ 
more, the wave lengths are shorter for higher frequen¬ 
cies, so that long telephone lines may be many wave 
len^hs in length. 

Another fundamental difference between the power 
and telephone transmission systems arises from the 
difference in type of service which they perform. In 
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the case of the power system all customers can be 
served from the same circuit and the tendency is, 
therefore, towards interconnection and toward the 
development of large systems consisting of a relatively 
small number of very large units. In the telephone 
system, on the other hand, an independent channel of 
communication must be given to each pair of talkers. 
This necessity has led to great efforts to find ways to 
make a moderate amount of copper provide a large 
number of circuits either by the use of small conductor 
or by the supei*position of a number of independent 
channels of communication on one pair of wires. 

In the telephone system also the amount of power 
is necessarily small. When talking in an ordinary, 
tone of voice the power delivered to the telephone 
transmitter in the form of acoustic waves by the talker 
is in the order of millionths of a watt. The telephone 
ti'ansmitter amplifies this power by a large ratio, so 
that the power delivered to the telephone lines has peak 
values of the order of 0.001 to O.Olwatt. 


throughout and was provided with six repeater points 
between New York and San Francisco. 

Loading! is the means by which in telephone practise 
the electrical eflSciency of the line is increased by using 
lower currents and higher voltages to transmit a given 
amount of power. In a power circuit the voltage can 
be raised by simply changing the ratio of terminal 
transformers. In a long telephone circuit the voltage 
cannot be raised in that way. The ratio of voltage 
to current at the transmitting station depends not on 
the impedance of the receiving station, but as the 
telephone line is electrically long, it depends upon the 
characteristics of the line itself. Therefore, to raise 
the impedance, the characteristics of the line itself 
must be changed. 

There are several ways in which this can be done. 
For the transmission of a single frequency, it can be 
done very effectively by connecting inductive loads 
across the circuit at regular intervals. For telephone 
transmission, however, where a uniform efficiency of 
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Fig. 2 


Both power and telephone transmission systems 
have important insulation difficulties. In the telephone 
system, however, the difficulty is of course, not in the 
strength of the insulation to withstand voltage stresses 
but is to prevent, as far as practicable, the absorp¬ 
tion of power in or over the surface of the insulation 
at the relatively high frequencies of the alternating 
currents transmitted. 

Transcontinental Telephony 

As a result of the different fundamental requirements 
and different technical conditions, the development 
of the two industries has led to the transmission of 
telephone currents over considerably greater distances 
than power currents. A conspicuous example of long 
distance telephone transmission is the much used 
service between the Atlantic and Pacific Coasts. The 
circuit between New York and San Francisco is about 
3400 miles (5500 kilometers) long, largely in open- 
wire construction of copper weighing 435 pounds to the 
wire mile. (600 kg. per km.). Recent improvements 
in this circuit have very greatly increased its over-all 
transmission efficiency, and it is believed that a brief 
discussion of these improvements will be of interest as 
illustrating the technical problems involved in telephone 
transmission over very long open-wire lines. 

As originally constructed, this line was loaded 


transmission over a wide range of frequencies is neces¬ 
sary, the result is accomplished by the use of series 
inductance loads, designed for very low energy losses 
and located regularly at eight-mile intervals throughout 
the line. 

The extent to which the efficiency can be improved 
is rather narrowly limited in open wire by the insulation 
loss^ in the line which are, of course, increased as the 
voltage is raised and in part offset the decrease in 
series resistance losses due to decreased current. By 
means of loading, however, it is possible on a circuit 
such as the transcontinental telephone line to raise the 
voltage by about 80 per cent, and reduce the losses per 
unit length by a factor of about 2.2 in dry weather. 

The benefits from the use of loading are insufficient to 
make transcontinental telephony commercially prac¬ 
ticable without the use also of telephone repeaters^ 
which receive the attenuated telephone currents after 
transmission over a few hundred miles of line and 
deliver to the adjacent section of line greatly amplified 

1. For detailed information regarding the loading of tele¬ 
phone oircuits, see paper entitled: “Commercial Loading of Tel^ 
phone Circuits in the BeU System,” by B. Gherardi, Transac¬ 
tions, American Institute of Electrical Engineers, 1911. 

2. For discussion of the design and action of telephone 
repeaters see paper entitled: “Telephone Repeaters,” by^ B . 
Gherardi and F. B. Jewett, Transactions, 1919, Vol. XXXVIII. 
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currents of the same wave shape. The results obtained 
on the transcontinental circuit by the combination of 
loading and repeaters are shown in the upper part of 
Fig. 3 which is drawn to represent the amount of 
energy at different points of the chcuit when 1000 
microwatts are delivered to the circuit at the San 
Francisco end. The power rapidly decreases along the 
circuit, due to line loss, at Winnemucca is amplified to 
700 microwatts, falls off again rapidly, and so by 
successive stages of attenuation and amplification 10 
microwatts are at last delivered to the local telephone 
circuits at New York. 



GEOGRAPHICAL DISTANCE IN MILES 


Fig. 3 

The improvements in the transcontinental line men¬ 
tioned above have been brought about by removing 
the loading from the circuit and modif 3 dng the charac¬ 
teristics of the repeaters. Also, in view of the much 
larger line losses to be made up by the repeaters and 
in order to stay within economical upper and lower 
limits of power output and input of the repeaters, the 
number of repeaters was doubled. This change, how¬ 
ever, was not essential and would not have brought 
about the improvements in transmission without the 
other changes. The energy level at different points 
in the circuit under the improved conditions is indicated 
in the lower part of Fig. 3, and it will be seen that now 
instead of 10 microwatts, 70 microwatts are delivered 
at New York when 1000 are transmitted into the 
San Francisco end of the line. 

In view of the benefits which can be obtained by 


loading, it may seem surprising that improvements in 
the efficiency of this circuit were obtained by removing 
the loading. The explanation of this result requires 
the discussion of some very interesting transient 
phenomena which are important in very long distance 
transmission. 

When a train of oscillations is launched upon a long 
electrical circuit, it travels along the circuit attenuating 
in magnitude but without reflection so long as the 
impedance characteristics of the circuit are uniform. 
When a non-uniformity in line impedance is reached a 
part of the wave is reflected and the reflected wave 
travels back towards the transmitting end, being of 
course attenuated in the process. By this process of 
successive reflection the steady state of transmission 
is produced, although in the process there are of course 
other transient components of the currents which do 
not concern us here. In open-wire telephone circuits 
a few hundred miles in length, or less, the steady state 
is established very rapidly and the reflected currents 
are not noticeable. In very long circuits, however, 
which are made of high over-all efficiency by the use 
of repeaters or otherwise, the reflected current may 
have sufficient volume and time lag to be noticeable 
and even to be heard as distinct echoes. Hence they 
have been named “Echo Currents.” 

Echo currents, of course, may be heard by the listener 



as well as by the talker, for the reflected current, 
striking a second irregularity, is reflected again towards 
the listener. 

In order that the transmission may be satisfactory 
the conditions of the circuits should be such that this 
echo current is not noticeable, having either a" very 
short time interval or a small magnitude. It has been 
found tha,t there is a definite relation between the time 
lag of an echo jmd the maximum amount of echo current 
which can be permitted without appreciable effect on 
the dearness of speech. This is infficated in Fig. 4 in 
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the form of relative weighting factors for echo currents 
of different time lags, showing for both talker and 
listener and for different time lags the reciprocal of the 
relative maximum amount of power in the echo for no 
material interference with conversations.^ 

In the transcontinental line, which is chosen as our 
example, the most important echoes heard by the 
talker come from the irregularities at the distant end of 
the line where there is a marked change in the charac¬ 
teristics of the line due to the change from toll line to 
local construction. With the loaded circuit the velocity 
of propagation is about 55,000 miles (88,000 km.) per 
second, and the time lag of this echo is about 0.11 
second. On the non-loaded circuit, however, the 
velocity of propagation is much faster, being about 
180,000 miles (290,000 km.) per second, and the time 
lag of the echo from the distant end is only about 
0.04 second. The corresponding weighting faqtors are 
670 and 15, which means that on the non-loaded line 
this echo could be about 44 times as loud as on the 
loaded circuit for the same effect of the terminal 
irregularities on transmission. 



Fig 5—Dippbebncb between Line and Repeater Im¬ 
pedance Expressed as a Fraction op the Svm op these 
Impedances. 

(A) The Loaded Transcontinental Oircvit 

(B) The Non-Loaded Transcontinental Circvit 


similarity of impedance of the repeaters and the line, 
thus reducing the amount of reflected current at these 
points. The extent to which this was practicable is 
indicated in Fig. 5 which shows the ratio of difference 
to sum of line and repeater impedance over a range of 
frequencies for the loaded circuit condition and for the 
non-loaded circuit condition. 

The result of these two improvements, namely, 
increasing the velocity of transmission over the line 
and decreasing the amount of the irregularities is 

TABLE I 

LOADED TRANSCONTINENTAL CIRCUIT OVER-ALL 
TRANSMISSION EPFICIENCY 1 PER CENT 
Unbalances Affecting Talker 



No. 

of 

paths 

Length 

in 

miles 

Time 

in 

seconds 

Weight¬ 

ing 

factor 

(fl) 

Energy 

ratio 

(.b) 

Weighted 
index 
(0 X b) 

W<'l*BbPo.t.h. 

1 

6000 

0.107 

670 

0.0001 

0.067 

Total-All Paths. 

6 

1 Varying for Different Paths 

0.248 


Worst Path infthiflfta all repeaters, i. e. is the over-all path. 


Unbalances Affecting Listener 



No, 

of 

paths 

Length 

in 

miles 

Time 

in 

seconds 

Weight¬ 

ing 

factor 

(a) 

Energy 

ratio 

(6) 

Weighted 
index 
(a Xi) 

“WnrsTfi Path.... 

1 

1040 

0.0187 

4.35 

0.0035 

0.015 

Total-All Paths. 

21 

1 Varying for Different Paths 

0.160 


Worst Path includes end repeater and next adjacent repeater. 


TABLE II 

NON-LOADED TRANSCONTINENTAL CIRCUIT OVER-ALL 
TRANSMISSION EFFICIENCY 7 PER CENT 
Unbalances Affecting Talker 



No, 

of 

paths 

Length 

in 

miles 

Time 

in 

seconds 

Weight- 
I ing 
factor 
(a) 

Eneigy 

ratio 

(6) 

Weighted 
index 
(a X6) 


1 

6500 

0.037 

15.3 

0.0019 

0.029 

Total-All Paths. 

12 

1 Varying for Different Paths 

0.191 


Worst Path indudes all repeaters, i. e. is the over-all path. 


The magnitude of the echo for a given irregularity 
depends upon the over-all transmission efficiency of the 
circuit, and the increase in permissible volume of echo 
current, therefore, means that the over-all efficiency o 
the circuit may be increased without interference from 

the echo currents. ^ 

So far we have been discussing the effect of r^ected 

currents due to terminal irregularities. 

is not the whole story. On a hne provided with ^ 
peaters there are irregularities not only at the tenmi^ 
Lt also at the repeater points, due to the impracto 
W of making the impedance e the r^eat^ 

identical with that of the lin^ at ^ 

making the line non-loaded, it was fomd poss* by 
mMif^g the telephcme repeatos to improve the 

a For furiher disoussion of echo ounmte. 

Clik-f p.^ »-Toliphone on Long CnU. 

JounSAi A. I. B. B.. January, 1923. 


Unbalances Affecttng Listener 



No. 

of 

paths 

Length 

in 

miles 

Time 

seconds 

Weight¬ 

ing 

factor 

(a) 

Energy 

ratio 

(.b) 

Weighted 
index 
(a X b) 


1 

6200 

0.035 

11.8 

0.00072 

0.0085 

0.199 

Total-AU Paths. 

78 

1 Varying for Different Paths 


Worst Path Indudw all repeaters, i. c. is the over-all path. 

indicated in Tables I and II. Table I sim^ames the 
effect of echo currents on the loaded circmt. This 
table shows for the worst current path the percentap 
of transmitted and received energy appearmg as.^o 
current, the time lag in seconds, the correspondmg 
weighting from Fig. 4 ^d the product of energy and 

weighting. ^. 1 : 4 . 

This detail is shown only for the worst echo cnrrOTt 

but has been computed for all the echo current paths, 
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and the sum of the products of energy ratios and weight¬ 
ing factors is given in the table. This total gives a 
good means for comparing the echo-current effect in 
different circuits. 

Table II shows the corresponding figures for the 
non-loaded transcontinental circuit after improvement 
of the repeaters and establishment of the higher over-all 
eflftciency. It will be noted that in spite of the facts 
that the amount of energy represented by the worst 
echo current paths is greatly increased and that the 
number of echo paths is also increased, the much shorter 
time lag due to the higher velocity of propagation 
results in a total weighted echo current of about the 
same magnitude as the total for the loaded circuit at 
a very much lower efi&dency. 

TABLE Til 

LOADED TRANSCONTINENTAL OIROTJIT OVER-ALL 
TRANSMISSION RPFIOIBNCY 7 PER CENT 
UnbaJaiices Affecting Talker 



No. 

of 

paths 

Length 

in 

miles 

Time 

in 

seconds 

Weight¬ 

ing 

factor 

(a) 

Energy 

ratio 

m 

Weighted 
index f 
(a X 6) 1 

Worst Path. 

1 

6000 

0.107 

670 

0.0055 

3.68 

Total-All Paths. 

6 

1 Varying for Different Paths ' 

5.24 


Worst Path Includes all repeaters, i. e. Is the ovor-all path. 


Unbalances Affecting Listener 



No. 

of 

paths 

Length 

in 

miles 

Time 

in 

seconds 

Weight¬ 

ing 

factor 

(a) 

Energy 

ratio 

(b) 

Weighted 
index 
(a Xb) 

Worst Path. 

1 

5200 

0.093 

97 

0.0054 

0.52 

Total-AU Paths. 

21 

1 Varying for Different Paths 1 

1.68 


Worst Path includes all repeaters, i. e. is the over-^ path. 


For comparison, Table III is made up for the loaded 
circuit, assuming it to be operated at the same over-all 
efficiency as the non-loaded circuit, i.e., 7 per cent. 
This table shows how much greater the effect of the 
echo currents would be at that equivalent. 

In addition to the improvements discussed above, 
the changes in the transcontinental line made it prac¬ 
ticable to improve the quality of telephone transmission 
by increasing the degree of uniformity of transmission 
of the different frequencies within the important 
telephone range. For long stretches of line the non- 
loaded open-wire transmits current with much more 
uniform efl&ciency than the loaded open wire. This is 
illustrated in Fig. 6 which shows the percentage of 
output to input power at different frequencies in the 
telephone range for a 281 mile (452 km.) section of 
non-loaded open wire 0.165 inches in diameter (435 
pounds per wire mile) and a 563 mile (907 km.) section 
of loaded open wire of the same size. The distances 
chosen are in each case an average repeater section. 

Furthermore, in modifying the telephone repeaters, 
changes w:ere made to improve the imiformity of 
amplification given by the repeaters over a wide range 


of frequencies. Fig. 7 shows the amplification fr^ 
quency characteristic of these repeaters 

after their modification. . . 

These improvements in the transmission chmac- 
teristics of the line and repeaters made it possible to 
get a very good over-all transmission frequency c lai ac 
in fsnitfi of the Very great length of this line. 



Pia. 6 —Power Ratio—^Frequency CHARACTEui.s’rxcs op 
Average Repeater Sections on Transcontinbntai, (’lucniT 

(A) Loaded Transcontinental Circuit 

(B) Non-Loaded Transcontinental Circuit 



Fig. 7—^Power Ratio—^Frequency CHARACTBUiaTics o» 
Telephone Repeater Used on Transcontinental C’ikcuits 

(A) Loaded Transcontinental Circuit 

(B) Non-Loaded Transcontinental Circuit 



Fig. 8—Power Ratio—^Frequency Characteristics ov 
Complete Non-Loaded Transcontinental Circuit 


The result expressed in terms of net over-all efficiency 
is indicated in Fig. 8. 

An incidental advantage of the change from loaded 
to non-loaded construction is greater independence of 
weather conditions. The loaded circuit being a higher 
voltage circuit, varies much more in ej0&ciency between 
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wet and dry weather conditions than the non-loaded 
circuit. On the other hand, the non-loaded circuit 
involves twice as many telephone repeaters and the 
over-all efficiency of the circuit depends on a very 
exact maintenance of the amplification of each of these 
repeaters. This requires very carefully planned and 
faithfully executed maintenance routines. It should 
be said that the results which have been obtained over 
this circuit have been exceedingly satisfactory. 

Toll Cables'^ 

The transmission of telephone currents through 
cables has always been difficult in comparison with the 
transmission over open-wire lines. One factor of 
difficulty is the much greater loss in the cable circuits 
per unit of length. This is due in part to the close 
proximity Of the two sides of the circuit and in part to 
the fact that economical construction in cable requires 
relatively small conductors. The telephone repeater 
has been developed to a pointy where a practically 
unlimited number of them can be used in tandem in a 


this type of construction is illustrated by Fig. 9 which 
indicates important toll cable routes in the Northeast¬ 
ern part of the country. In this section, because of the 
congestion of population and business, the toll cable 
development has been most pronounced, and as you 
will note, the cable which was completed some years 
ago up and down the Atlantic Coast, between Boston 
and Washington, has been supplemented by cable 
stretching westward now as far as Cleveland. This 
cable will be extended as far as Chicago as rapidly as 
the work can be carried out and will provide high grade 
telephone circuits entirely in cable between Chicago 
and the Atlantic seaboard cities. 

An outstanding advantage of the cable type of con¬ 
struction is the ability thereby to concentrate very 
large numbers of circuits along a single route. Typical 
aerial toll cable construction is shown in Fig. 10 which 
shows a section of the cable between Pittsburgh and 
Cleveland, carrying about 260 circuits. In open-wire 
construction 6 or 7 very heavy pole lines would be 
required to provide this number of circuits. In many 
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Pjq. 9—^LoNQ Toll Cables, Existing, Proposed and Important Branches 


circuit without distortion of the telephone currents. 
This has, therefore, removed the limitations which 
were set by high attenuation losses in the cable con¬ 
ductors. Although there are other important limita¬ 
tions and there have been large difficulties to overcome, 
cable transmission has been made practicable up to 
distances of at leasit 1000 miles (1600 km.). 

As a result, the development of toll cables has beconie 
an exceedingly important phase of long distance tel^ 
phone development and during the next few years it 
is expected that toll cables will be built in the Bell 
System at the rate of more than 500 miles (800 km.) 
a year. The extent of present and prospective use of 

4. For a more detailed discussion of modern toll cable 
deveiopnlents, see paper entitled: “Philadelphi^Pittsbuigb 
Section of the New Tork-Chioago Cable” by J. J. Pilliod, Jour¬ 
nal A. I. E. E., August, 1922, and “Telephone Transmission 
on.Long Cable Circuits” by A. B. Clark, Journal A. I. B. E., 
January, 1923. 


places where cable construction is now being used the 
available highway routes for pole lines are largely 
occupied and purchase of numbers of rights-of-way 
- would be exceedingly expensive, so that in many cases 
the toll cable development funiishes almost the only 
practicable method of providing for the large nunabers 
of circuits which the great development of toll business 
is requiring. 

Another advantage of cable construction is the fact 
that where underground sections are necessa^ in 
passing through cities no irregularity is caused in the 
constants of the circuit as is the case with open-wire 
construction. With the general use of repeaters in 
connection with long toll circuits these irregularities 
in t 3 q)e of construction are important factors in limiting 
the efficiency. 

Another important advantage of cable construction 
is its rdative immunity from the effect of weather and 
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particularly from the effect of sleet. The damage 
which can be done by sleet storms is illustrated in 
Figs. 11 and 12. The cable construction can be made 
very substantial and capable of withstanding severe 
conditions of sleet. 

The large number of circuits provided by one cable 
are obtained by the use of very small conductors, the 
gages in common use being 19 B. & S. (20 lb. to the wire 


ferent frequencies. By loading, this variation is 
reduced with a corresponding improvement of the 
quality of transmitted speech and at the same time 
the efficiency of transmission is raised. This is illus¬ 
trated in Fig. 13 which shows the transmission efficiency 
at different frequencies of 1 mile (1.6 km.) of 19-gage 
toll cable circuit non-loaded and when provided with 
the type of loading most used for toll cables. With the 



Pig. 10 


mile) and 16 B. & S. (40 lb. to the wire mile). In the 
longest circuits two 19-gage circuits are required, each 
carrsdng the transmission in one direction only. Never¬ 
theless, the amount of copper required is only 80 
pounds to the mile as contrasted with 870 pounds per 
mile for the open-wire circuits which these circuits 
replace. 



Pig. 11 


In contrast to the recent developments on open- 
wire lin^ discusi^ above, toU cable circuits are always 
loaded. A non-loaded cable circuit consists largely of 
resistance and capadty, and as a result there are very 


tjTpe of loading shown in the figure, the voltage for 
1000-cycle transmission is increased by loading by 70 
per cent and the losses per unit length are reduced by 
a factor of about 3.6.® 

In the loaded cable circuit, as in the loaded open- 
wire circuit, the velocity of transmission is relatively 
low, being about 10,000 miles (16,000 km.) per second 
for the type of loading mentioned above, as compared 
with 180,000 miles (290,000 km.) per second on non- 
loaded open-wire lines. Therefore, for circuits more 



Pig. 12 


than a few hundred miles long, care must be taken to 
avoid excessive echo currents. On the very long toll 
cable circuits, say ova:* 500 miles (800 km.), a lighter 
weight of loading is used, whereby, because of the 


wide differences in efficiencies of transmission at dif- 


5. In part, thia improvement is due tp improvement in 
power factor, in addition to the improvement caused by high® 
impedance. 
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lesser inductance per mile inserted in the cable, the 
velocity of propagation is as high as 20,000 miles 
(32,000 km.) per second. In addition to the echo 
currents, care must be taken in the design of the cables 
to avoid interference with speech by the transients 
produced by the periodic structure of the loaded cable 
circuit. 

One of the interesting problems involved in the 
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cable, and manufacturing methods have been carefully 
worked out to give the greatest possible degree of 
ssnnmetry in the construction of the two insulated 
conductors which are twisted together to form a pair 
and of the two pairs which are twisted together to form 
a quad. The construction of the various pairs and 
quads, also, is such as to properly coordinate all of the 
circuits which will be near each other in the cable. 
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Pig. 13—^Power Ratio—^Frequency Characteristics 
FOR No. 19 Gage Side Circuits 


(A) Without Loading 

(B) With Medium Heavy High Cut-Off Loading 



Pig. 15—^Transmission on Level Diagram op New York— 

Cincinnati, No. 1 


design of long toll cables is the prevention of excessive 
crosstalk, that is, of excessive transfer of electrical 
energy from one circuit to another. The difficulty of 
avoiding this with a very large number of circuits 
crowded within a 2^-in. sheath, is increased in the 
long circuits by the very long distances throughout 
which these circuits parallel each other and the frequent 



Fig. 14 


large amplifications of both transmitted current and 
crosstalk at repeater stations along the line. An ade¬ 
quate discussion of this problem would require a paper 
in itself. In this paper we must be content to note 
merely a few of the more important methods which 

have been developed. . i. 

The problem starts vidth the construction of the 


These manufacturing precautions are supplemented 
by very careful tests made when the cables are installed, 
and by splicing procedure by means of which, based on 
the results of the tests, the induction between circiiits 
is still further greatly reduced. As a precaution against 
slight series unbalances, all joints are soldered. Fur¬ 
ther precautions include the segregation into different 
parts of the cable of groups of circuits which would be 
particularly likely to interfere with each other. 

ffl-milar precautions are used in the design, manu¬ 
facture and installation of loading coils and other 
apparatus used with the circuits. 

The toll cables require telephone repeaters at in¬ 
tervals of 50 or 100 miles (80 or 160 km.), and this has 
led to much work in the development of economical 
repeaters and auxiliary equipment for use with cable 
circuits.® Fig. 14 shows a considerable group of 
telephone repeaters in the repeater station at Bedford, 
Pa., and illustrates the degree of condensation which 
has been worked out in the present types of apparatus 
developed for this service. 

The telephone cable benefits not only tr^c between 
points along its route, but at important points connects 
to open-wire lines along other routes. This use of the 
ton cable is well iUustrated by Fig. 15, which shows the 
relative power levels at different pointe of a typical 
circoit now in use in the New York-Chicago cable 

6. Refer to paper by Mr. Pilliod Roted above and to paper 
entitled; “Telepbone Equipment for Long Cable Cirouits,” 
by 0. S. Demarest, A. I. E. E. Convention, Swampscott, Junej 

1923. 
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route. This circuit is in cable between New York and 
Pittsburgh and takes open-wire between Pittsburgh 
and Cincinnati, forming a New York-Cincinnati circuit. 
This figure has been drawn to represent the ratio of 
power at any point in the circuit to power transmitted 
to the circuit at New York and shows the variations in 
the amount of power transmitted due to variations in 
the resistance of the cable with temperature. It is to 
be noted that these resistance variations would in¬ 
troduce a variation of more than 7:1 in the amount of 
received power, which would be sufficient to prevent 
a satisfactory use of the circuit. These variations are 
automatically compensated for by the use of the auto¬ 
matic transmission regulators described in Mr. Clark’s 
paper. 

Carrier-current Systems 
It has already been mentioned that the necessity for 
providing large numbers of mutually non-interfering 
telephone circuits has led to great efforts to find ways 
of making a moderate amount of copper provide a 
large number of independent telephone and telegraph 
channels. One way in which this is done is by the use 
of very small conductors in toll cables which have just 
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been discussed. This is in general economical only 
where the traffic is heavy. 

Another way of obtaining the same result is by re¬ 
quiring each pair of conductors to transmit a wider 
range of frequencies and using different portions of this 
range for independent channdis of communication. A 
telephone conversation occupies the range between 800 
cycles and something over 2000 cycles. It has long 
been the custom to use the range below 300 for tele- 
^aph and signaling purposes. The range above two or 
three thousand, however, was not commercially useful 
until the development of carrier-current systems.'^ 

In the carrier-current telephone system the voice 
frequency telephone currents are made to modulate a 
higher frequency current. The frequencies of the 
modulated currents used in the carrier system represent 
the same width of band arithmetically as the original 
telephone frequencies, but all are shifted in magnitude 
by the frequency of the carrier current. That is, a 

7. Refer to paper entitled: ‘■Carrier-Current Telephony and 
Telegraphy,” by E. H. Colpitts and 0. B. Blackwell, A. I. E. E. 
Tbansaottons, Vol. XL, 1921. 


telephone band of 300 to 2000 cycles, when used to 
modulate a 15,000-cycle carrier current, produces a 
band of frequencies ranging between 15,300 and 17,000 
cycles in addition to other bands which are not used 
in existing systems and which need not be considered 
in this discussion. The principle of modulation is the 
same as is employed in radio telephony, but in the 
carrier system the modulated waves are carried along 
wire circuits, rather than radiated into space. 

This development considerably increases the range 
of frequencies which can be used commercially for 
communication. The present situation is indicated in 
Fig. 16 which shows the ranges of frequency of elec¬ 
tromagnetic waves which are used in different ways for 
communication, together with the frequencies which 
at the present time have no practical application to 
communication. 



Pig. 17—TtpicalJPowee Ratio-Febqvenct Charactbbistics 
OP 165-In. Diameter Copper Open Wire, 200 Melbs Long 


The question may naturally arise why the lower 
frequendes have been chosen for the wire carrier 
systems developed for commercial use. A very im¬ 
portant argument for using the lower frequendes in 
commercial telephone practise is that a number of 
carrier systems covering the same frequency ranges are 
used on different pairs carried on the same pole linci 
The crosstalk between the pairs is prevented byspedally 
designed systems of transpositions in the circuits. 
The difficulty of preventing interference betweea the 
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two circuits, however, goes up more rapidly than the 
frequency of the currents, so that at frequencies very 
much higher than those now used it would probably be 
impracticable with present forms of construction to 
avoid excessive interaction between the circuits. 



Pig. 18 —Attenttation op the 4-6 K. C. Band Filter 


The types of loading which were designed for voice 
frequency currents do not transmit cm'rents of more 
than 3000 cycles frequency and for the earner fre¬ 
quencies used in commercial telephony special loading 
with a very close spacing of loading coils has been 
developed. 

Another way in which the lower frequency is ad¬ 
vantageous is indicated in Fig. 17 which shows the 
ratio of output to input power at different frequencies 
under typical wet and dry weather conditions, for 
200 miles (B20 km.) of metallic circuit composed of 
copper wire 0.165 inches in diameter (435 pounds per 
wire mile). It will be noted that this loss increases 
rapidly with increasing frequency and furthermore that 
the variation of the loss between the wet and dry 
weather conditions also increases with frequency. 

One- of the problems involved in using low-frequency 
carrier currents for telephony arises from the fact that 
the width of the band of frequencies is appreciable 
compared with the frequency of the carrier current. 
For example, the carrier band of lowest frequency used 
in present Bell System practise is the band between 
4000 and 6000 cycles. It is necessary to transmit all 
frequencies within that range with approximately uni¬ 
form efficiency and to sharply cut off frequencies 
outside the range. A sharply tuned circuit would 
obviously be of no use, as it would very greatly distort 
the speech. This problem is beautifully solved by the 
invention of the electrical filter which provides a path 
for transmitting with almost uniform efficiency any 
selected band of frequencies and excluding all others. 



orSiTns of cable inserted teristics of one of the filters in nse in a carrier^t 
id the open-wire line. These.eflectsjr^^te of carrier systems saves the installation of 
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the use of relatively expensive terminal apparatus and 
of repeaters at frequent intervals. The expense of 
terminal apparatus is such that carrier telephone sys¬ 
tems are economical under present conditions only on 
the longer circuits, or in cases where their installation 
makes possible the deferment of a large expense such, 
for example, as a new toll cable. The extent of use of 
carrier systems in the Bell System is indicated in 
Fig. 19. Each line in this figure represents a system, 
that is, in the case of carrier telephone, three or four 
telephone circuits, and in the case of carrier telegraph, 
usually ten telegraph circuits. The total carrier 
circuit mileage now in use is about 20,000 miles (32,000 
km.) of carrier telephone and 88,000 miles (140,000 km.) 
of carrier telegraph. The. considerable number of 
carrier systems between Chicago and eastern points are 


up the central transcontinental route as to make 
desirable the establishment of a southern route from 
Los Angeles across Arizona and New Mexico. This 
route is now under construction and will be in service 
by the end of the year. With the completion of this 
line there will be at least two independent routes all 
the way from the Atlantic to the Pacific Coast, whereas 
at the present time through trafiic is dependent upon 
a single route in the s^tion between Denver and Salt 
Lake City. Further development of traffic will no 
doubt require later a route to the Pacific Coast across 
the northern part of the country and that, with a 
connecting line across the State of Texas, will provide a 
very complete gridiron of high-grade routes over the 
western part of the country, as now over the eastern 
part. 
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required largely to take care of growth on congested 
routes pending the completion of the New York-Chicago 
toll cable. The terminal apparatus can then be shifted 
to provide carrier circuits from Chicago to St. Louis, 
Omaha and other points not reached by the cable 
system. 

Conclusion 

The developments which are briefly discussed above 
have made it possible to realize in a^large measure the 
goal of a universal telephone service throughout the 
country, making use of a network of very long telephone 
circuits covering the country. A number of the more 
important routes are indicated in Fig. 20. It is of 
interest to note that the growth in trafiic has so loaded 


By means of the trunk lines indicated in Fig. 20 and 
a much more extensive network of shorter lines, it is 
possible to carry on satisfactory telephone conversa¬ 
tions between any two cities of moderate size in the 
country and to a large extent even small places can 
communicate with each other, irrespective of their 
.relative location. A demonstration which was given in 
connection with the formal inauguration of service be¬ 
tween the United States and Cuba in April, 1921, is a 
striking illustration of what can done. 

The service to Cuba was established by means of the 
extension of the wire lines to Key West along the 
viaduct of the Florida East Coast Railroad and the 
installatioh of long submarine telephone eabl^ betw^n 
Key West and Havana. The constructidu of the cables 
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involved a considerable number of veiy interesting 
problems.® The demonstration referred to was a con¬ 
versation between Havana and Catalina Island. This 
circuit was about 5500 miles (8800 km.) long, included 
the submarine cables lying at the bottom of the Florida 
Straits, open-wire lines extending up the Atlantic 
Coast to New York, across the continent to San 
Francisco and down the Pacific Coast to Los Angeles, 
and finally the unique circuit from Los Angeles to 
Catalina Island which at that time included a wireless 
telephone link between Long Beach and the Island. 

A feature of interest in connection with this demon¬ 
stration is to note that the telephone circuits involved 
carry regularly in commercial service not only the 
voice frequency channel used for the demonstration 
but many other channels of communication. This is 
indicated in Fig. 21, which shows the number of 


Fig. 21 

independent channels of communication provided 
in the different sections by the single pair of con¬ 
ductors used. The heavy line represents a tele¬ 
phone conversation and the dotted heavy line indi¬ 
cates that the wires used form one of two pairs 
which together provide a phantom circuit. The 
heavy lines between Harrisburg and Chicago and be¬ 
tween San Francisco and Los Angeles represent ad¬ 
ditional channels obtained by carrier telephone systems. 
The light lines indicate telegraph circuits, two circuits 
being obtained over the pair of wires throughout by 
direct-current composite telegraph system and 10 
additional telegraph circuits being obtained between 
San Francisco and Chicago by carrier telegraph systems. 

It is interesting to note t^t the sound is transmitted 
over this 5500-mile circuit in less than one tenth of a 

8. Refer to paper entitled: “Key West-Havana Submarine 
Telephone Cable System,” by Messrs. Martm, Anderegg and 
Kendall, A. I. E. E. Tbansactions, Vol. XLI, 1922. 


second. This emphasizes the necessity for using elec¬ 
trical means for the transmission of speech over great 
distances. If the means were acoustic and transmission 
w’as through the air, it would take seven houm for the 
sound to be transmitted from one end of the circuit 
to the other. 

The essential part which amplifiers at inteiunediate 
points play in giving service over these very long cir¬ 
cuits is evident. The Havana-Catalina circuit passed 
through 25 amplifying stations. The impossibility of 
getting equivalent results by amplification of the 
terminals is perhaps best illustrated by an example. 
In talking from San FVancisco to Havana, for example, 
with the transmitter delivering 1000 microwatts at 
San Francisco, the power delivered at Havana is 
about 25 microwatts. If there were no intermediate 
amplifiers, and assuming for the moment that the cir¬ 
cuit could carry unlimited power without 
burning up, it would be necessary in order 
to deliver 25 microwatts at Havana that 
power sufficient to light an incandescent 
lamp would be flowing in the circuit at 
some point in North Carolina, and at 
Philadelphia the power would amount to 
five kilowatts. It is estimated that the 
total mechanical and electrical power 
generated in the world is equivalent to 
that required for about 20 billion electric 
lamps, and this power would have to be 
flowing in the circuit a little east of Denver. 
This power is, however, only about 
1/200,000 of the power wMch is received 
by the earth from the sun, but all of this 
power would be required to be flowing 
in the circuit at Sacramento. 

As pointed out at the beginning of this paper, the 
practical requirements of telephone transmission and 
of power transmission over long distances are very 
different. However, to solve the telephone transmis¬ 
sion problems it has been necessary to work out the 
electrical transmission theory both for steady and for 
transient states® for circuit conditions which are more 
extreme than any which are likely to be met with in 
power transmission, and it may be that the solution 
of these purely electrical parts of the problem will 
contribute to some extent to the power transmission 
problem in cases where very long distances are involved. 

The writer gratefully acknowledges the assistance of 
Mr. 0. B. Jacobs and of many others of his associates 
in the Departments of Development and Research and 
of Operation and Engineering in the American Tele¬ 
phone and Telegraph Company in the collection of 
data used in this paper. 

9. Refer to paper entitled: “Theory of Transient Solutions 
of Electrical Networks and Transmission Systems,” by John R. 
Carson, A. I. E. E. Tbansacwons, Vol. XXXVIII, 1919. 






Experience with Bearings and Vibration Conditions of 

Large Hydroelectric Units 

BY JOHN HARISBERGER 

Member, A. I. E- E. 

Puget Souutl Power & Light Co. 


I N 1905 there was installed at Snoqualmie Falls, a 
9000-h. p. single-runner, single-discharge Francis 
turbine. The end thrust of this runner gave 
considerable trouble, since the balancing of the run 
in a turbine of this type had not been perfected at that 
time. This experience determined that any future 
horizontal hydraulic turbine should be of the single¬ 
runner, double-discharge type unless a satisfactory 
solution was found for balancing the runner in a single¬ 
discharge turbine. 

In 1910 a 12,000-h. p. single-runner, double-discharge 
turbine was installed under a 280-ft. head. When this 
turbine was put in operation it was found that it would 
begin to vibrate badly at about ^ load and would not 
stop vibrating until the load was reduced to 14 S^-te 
opening. This vibration was similar to that caused by 
running a high-speed turbine with a badly unbalanced 
runner. Numerous experiments were tried to stop the 
vibration, but without satisfactory results. Finally 
water was piped from the penstock to the turbine case 
to be used in the pocket between the runner and other 
parts, such as the side covers and inner and outer seal 
rings, resulting in an increased pressure and a steadying 
effect on the runner. It was then possible to carry 
full load without vibration. With this arrangement 
we were able to adjust the clearance between runner 
and seal rings very closely, so that very little wear of 
the seal rings and periphery of the runner resulted. 

In 1911 two 20,000-h. p., single-runner, double¬ 
discharge turbines were installed in our White River 
station, under a head of 440 ft. The e^erience with 
these units was similar to that at Snoqualmie Falls, and 
the same remedy proved effective. A third unit was 
installed in this station in 1917, and an attempt was 
made in its design to overcome the vibration, such as 
occurred in the previous units, without the introduction 
of pressure water to the side covers. Since we were 
satisfied that the main cause of vibration was the long 
distance between bearings made necessary by the two 
draft tubes, (this being over 20 ft.), the change in 
design consisted principally of a larger and stiffer 
shaft. Nevertheless it was found necessary to apply 
water pressure between seal rings and side covers and 
runner as on the previous units. 

No. 3 turbine did not come up to the capacity 
expected, so another runner of somewhat different 
design was installed, which exceeded our expectations 
as to capacity. With this new runner, we found that 
a decided hum, or vibration, developed, beginning at 

Presented at the Pacific Coast Convention of the A. 1. E. E., 
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about Vin gate opening and continuing to a little beyond 
Viogateopeningwith a maximum intensity at about 
gate opening. At its maximum, this vibration in the 
runner is quite annoying and is suOicient to start 
vibrations in any loose metal parts, such as valve 
wheels, covers, or balancing rings, so care must be 
taken to fasten these parts to keep them from wtjaring 
rapidly. We have not obtained any expression from the 
manufacturer of the turbine as to the cause of this 
hum, but we came to the following conclusion. The 
tone of this hum is somewhat above the (JO-cycle hum. 
A study of the frequency of the vibration was made by 
comparing the generator and the turbine as follows: 

Let S = speed of turbo generator in revolutions per 
minute. 

C - the number of vibrations per minute of the 
generator tone. 

E = the number of vibrations per minute of the 
turbine tone. 

N = the number of poles on generator field. 

y, = the number of vibrations per minute of 
generator. 

Vt - the number of vibrations per minute of 
the turbine. 

X = the number of vibrations per revolution 
of turbine. 

Then 

Vr == ISIS 

V^E NSE 

K O ^ . ^ 

c a 


In this particular case 

iV = 20 
S -360 
C - 60 X 256 
£7 = 60 X 320 

As there are 25 buckets on the turbine runner and a 
vibration occurs only over a limited range of gate 
opening, vibrations have been considered as due to the 
relative entrance angle of the runner-blades to the 
flow angle of the entering water. This flow-angle is 
varied at different gate openings by the angle of guide 
vanes and the velocity of the water as it enters the 
runner, the speed of the runner remaining constant. 

Fig. 1, the efficiency curve of this runner, shows a 
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decided sag in the curve between points where this 
vibration takes place, owing no doubt, to the deflection 
of the entering water caused by the blades. 

The original bearings furnished with two of our large 
generators were babbitted with a lead base babbitt 
which was unsuitable for heavy service. Before satis¬ 
factory operation could be obtained these bearings had 
to be rebabbitted with babbitt suitable for heavy 
pressure. These bearings were 15 by 45 in. with five 
brass oil rings, and carried a rotor complete, with 
shaft, weighing 120,300 lb., and operating at 360 rev. 



Fig. 1-—Gatk Opknino EreiciKNCY Curve 
T upbino No. a, Whlto Illvor GcncPfitinB Station 


per min. The bearings as originally constructed were 
equipped with cooling coils consisting of several longi¬ 
tudinal tubes placed at the bottom of the oil reservoir, 
and were not effective for cooling the oil as there was 
not sufficient circulation to carry the hot oil to the 
bottom of the well. During the hot weather consider¬ 
able difficulty was experienced with high temperature. 
It was necessary to install a temporary system for 
feeding the oil into the top of the bearings. Different 
kinds of oils were tried out with the hope of reducing 


the bearing temperature, and also copper cooling coils 
were installed in oil wells immediately below the bear¬ 
ings, The cooling coils so reduced the oil temper¬ 
ature that it was not necessary to continue feeding 
oil into the top of the bearings. The third unit in¬ 
stalled in this station, was somewhat larger than 
the previous two, having bearings 17 by 34 in., with 
4 oil rings, and carrying a rotor weight of 136,000 
lb., and operating at 360 rev. per min. The cooling 
coils of these bearings are imbedded in the babbitt. 
These bearings were so successful that bearings 
of this type have replaced the original ones in 
turbines No. 1 and 2. The only difficulty experienced 
since the changes were made in the bearings, as men¬ 
tioned above, was that the shaft, on being started after 
having been shut down for a number of hours, cohered 
to the babbitt and wiped a spot in it on the lower half 
of the bearing. In some instances this effect was 
indicated by smoke rising from the bearings just as the 
shaft started to turn over but subsequently the bear¬ 
ings continued to operate without further trouble. 
When after trouble of this land the bearing was 
dismantled, a small spot was found wiped near the 
bottom of the bearing, but the cohesion was not suffi¬ 
cient to pull the babbitt all the way around. On 
other occasions wiping was more serious and as a 
result it was necessary to shut down the turbine and 
scrape the bearing. As a precautionary measure in 
starting the turbine, a small amount of clean oil is 
poured on the bearing to supply lubrication during the 
first revolution. To overcome completely this tend¬ 
ency to cohere, we are installing a high-pressure oiling 
system to force oil under the shaft before starting up. 

Discussion 

For discussion of this paper see page 1004. 



Waterwheel Construction and Governing 

BY E. M. BREED 

Felton Water Wheel Co.. San Francisco. Cal. 


T he design and manufacture of hydraulic turbine 
equipment has been very considerably accelerated 
within the past few years; more particularly 
since the World War, as the lessons it taught us in 
regard to diminishing fuel sources and the interruption 
to fuel supply through labor disturbances, both directly 
in fuel production and indirectly in its transportation, 
have stimulated in a very decided manner the investi¬ 
gation and development of the water powers of the 
nation. The remarkable strides made in the long¬ 
distance, high-tension transmission of power have 
rendered economically available water power sources 
formerly considered impossible and, particularly, in the 
West where long distance power transmission and super 
power zones have now become realities. 

This very considerable increase in the actual and 
prospective use of hydraulic prime movers has resulted 
in the past few years in pronounced activity in study 
and experimentation, to improve the design features of 
existing types of hydraulic turbines and in the develop¬ 
ment of new types. This progress is evidenced, not 
only in the turbines themselves but in their auxiliary 
equipment, as well as in the water conduits above and 
below the turbine proper. The rather gratifying 
results of this investigation and study have introduced 
a new period in turbine design, characterized by a 
desire to design the hydraulic equipment to fit the 
physical conditions and load requirements existing, 
rather than an attempt to modify the physical condi¬ 
tions to suit certain recognized types of turbine design, 
based on accepted "'type characteristics.” 

This present healthy condition in the field of turbine 
design, gives the hydraulic engineer a very considerable 
latitude in the choice of type and speed of turbine, and 
in the general arrangement of the hydraulic equipment. 
As a result, the collaboration of the turbine manufac¬ 
turer and the power company engineers in the pre¬ 
liminary study of any certain development becomes 
more desirable than ever, thus emphasizing the com¬ 
munity of interests between the manufacturer and the 
power company. This broadening of the field of 
possible types ahd designs of turbines, becomes ap¬ 
parent in three principal directions ; a very considerable 
increase in speeds available for low and medium head 
turbines; a considerable extension of the ma-yiTm im 
heads for which turbines can be designed, and an 
increase in the capacity of unit considered economically 
feasible. 

The record, as far as size of unit is concerned, is set 
by the Niagara Falls Power Company which placed 
contracts last year for tjiree single-runner vertical 
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turbines each of 70,000 h. p. capacity. The engineering 
fraternity is Inclined to expect such records to be set, 
from time to time, at Niagara Falls as conditions are 
such there as to warrant the installation of large units, 
but there have been a number of other installations 
throughout the country of large size turbine units, and 
the time seems to have passed when turbine units of 
less than 40,000 or 60,000 h. p. occasion any comment. 
It is not too much to say that should the economics 
warrant, the capacity of individual hydraulic turbine 
units will reach 100,000 h. p. in the not distant future. 

Under conditions where the operating heads are 
moderate, that is to say 300 ft. or 350 ft., these large 
size units do not produce design requirements differing 
materially from those with which we are ordinarily 
familiar. There are, of course, vast differences in the 
physical sizes of component parts but, generally 
speaking, large turbine units under these moderate 
heads may be said to have been developed homologously 
from designs of lesser capacity. The 70,000-h. p. units 
referred to, will be of the same general design as the 
56,000-h. p. units manufactured by the same company 
for the Queenston Plant of the Hydraulic Power Com¬ 
mission of Ontario, and as the 37,600-h.p. units 
manufactured for Station No. 3 of the Niagara Falls 
Power Co. They will operate at 107 rev. per min. 
under 213.5 ft. head. Some idea of the physical 
dimensions may be gained from the fact that the casing 
inlets will be 14 ft. in diameter; the power water being 
controlled by means of 21 ft. by 14 ft. Johnson needle- 
type valves. The over-all diameter of the cast steel 
spiral casing will be approximately 42 ft. and the 
outside diameter of the cast steel runner will be 
approximately 15 ft. 6 in. 

In general, however, it may be said that size in a 
unit is not an advantage in itself, as seems to be some¬ 
times considered. The increase in efl&ciency, if any, 
resulting from an increase in capacity beyond say, 
30,000 h. p. to 35,000 h. p., is probably very small, and 
the decrease in cost per h. p. in most installations of 
extremely large size units is problematical when the 
increase cost of foundations, super-structure and 
auxiliary hydraulic equipment is considered. On the 
other hand, there are probably only a few power systems 
in the country where units of 50,000 h. p. or larger, can 
be used to advantage arid a very careful study should 
certainly be made of the present and expected load 
requirements, stream flow conditions and expected 
shape of the efificiency curve below half load before 
large capacity units are decided upon. In many cases 
it will probably be found that large capacity units 
would be operating a considerable percenta,ge of the 
time on a low part of the efficiency curve. This not 
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only means inefficient use of the water resources, but 
also rapid deterioration and, consequently, high up-keep 
charges on the runner, wicket gates and adjacent parts, 
with frequent removal of the unit from service. 

The next most important forward step in turbine 
construction as marking the progress of the art, is 
found in the development on the Pacific Coast of 
what may be termed high-head turbine design. Indeed, 
from the viewpoint of engineering significance, the 
high-head turbine should probably be named first as 
the large number of high-head power sites available in 
the Rocky Mountains and West, where some seventy 
per cent of the total undeveloped power of the nation 
exists, gives rise to the expectation that a considerable 
proportion of turbine development in the future will 
be of the high-head type. The development, at their 
Kern River No. 3 Plant, by the Southern California 
Edison Company pioneered the field of high-head 
turbine construction with an installation consisting of 
two, 25,000 h. p. vertical turbines operating under an 
effective head of 810 ft. Many problems not ordinarily 
met in low-head turbine design required solution. 
Since the plant has been successfully operating 
for some three years, it may be definitely said 
that the solution of the high-head turbine has been 
proved. 

The Portland Railway Light & Power Company has 
at the present time under construction for its Oak 
Grove Plant a high-head reaction turbine of 35,000 
h. p. capacity to operate at 514 rev. per min. under an 
effective head of 850 ft. This plant when put into 
operation will be the highest head turbine installation 
known, this distinction at the present time being held 
by the two turbines of the Southern California Edison 
Co., previously described. 

While in the larger low-head installations lignum- 
vitae bearings, water-lubricated, are still extensively 
used, the trend is nevertheless toward babbitt-lined 
bearing, oil-lubricated, and in the high-head turbines 
these have been used exclusively. It will be obvious 
that in the high-head installations the clearance space 
between the runner and the stationary parts of the 
turbine casing must be kept at a minimum if the leakage 
and consequent errosion of the high-velocity water is 
to be properly controlled. It is customary, therefore, 
to keep the high-head turbine runners rigidly in their 
position of alinement and babbitt-lined bearings, in 
which the space allowed for the maintenance of the 
lubricating oil film is kept as small as possible, are 
essential. Coincident with the nec^sity for keeping 
the runner clearances at a minimum, is the requirement 
for some kind of runner seal which with such close 
clearances will not leak, seize, nor wear. These needs 
have been met by the company, with which the writer 
is connected, through the development of rubber seal 
rings and several units have been in successful opera¬ 
tion for a couple of years under very difficult silt and 
sand conditions, using this t 3 rpe of seal ring. 


A great deal of attention and study has been given 
to the problems arising in high head turbine design, 
due to the increased velocities in the water resulting 
from operation under these higher heads. The utmost 
care must be taken in the design of turbine casing, 
speed ring, guide vanes, etc., to prevent as tar as 
possible, formation of eddies and disturbance of the 
stream line flow. The volute casing is so designed that 
the cross-sectional area of the volute passage will 
decrease when passing around the circumference of the 
turbine at a rate sufficient to provide a continually 
increasing velocity in the water, inversely proportional 
to the radial distance from the axis of rotation of the 
runner. This will deliver the power water to the guide 
vanes under the same velocity and pressure head at all 
points of the guide vane circle, and it is interesting to 
note that the use of the Ovem disk-type guide vanes, 
as developed by one of the Eastern hydraulic manu¬ 
facturers, tends to reduce hydraulic losses at this 
point to a negligible quantity through the thin stream 
line shape permitted by this design of vane. 

With the increase in the size of turbine units, the 
problem of governing has undergone very considerable 
change. The greater capacities of single-turbine units 
have come about to a considerable extent, from the 
fact that they are being installed by companies which 
are operating large systems and which can, therefore, 
effectively absorb the output of these single high- 
powered units en bloc, with the normal load fluctuations 
of their systems being easily taken care of by other 
units or plants of smaller capacity tied into the same 
transmission net work. Therefore, from the viewpoint 
of regulation, the governing problem on the larger units 
is not severe. On the other hand, the importance of 
perfection in the governing mechanism in these larger 
units can very properly be considered by realizing the 
responsibility placed upon it and its power to do 
extreme damage if it fails to function properly. For 
instance, the length of governor stroke on a large turbine 
operating under moderate head may not be in excess of 
9 in. to turn on the load from zero to maximum capacity. 
Obviously, the rate with which this vast amount of 
energy may be turned on or shut off must be absolutely 
under control. These considerations alone have led to 
studies in governor design that, without question, are 
prcKiucing a much higher type of construction than in 
the past. Facilities have been provided for chan^ng 
from governor control of the turbine unit to hand 
control by the movement of a single lever. Governors 
are also usually equipped with devices for automatic 
emergency operation to close down the plant should 
almost any unusual condition develop, either electrically 
or mechanically. Complete switchboard or remote 
control in the matter of synchronizing, limiting or 
adjusting of load and emergency shut-down are now 
included in the modem governor. 

It has becopae quite general practise to install 
individual oil-pressure sets fcM: each govemm* and 



1000 


BREED: WATERWHEEL CONSTRUCTION AND GOVERNING 


Transactions A. I. E. E. 


tiirbine unit, as this gives an independence in operating 
control and also largely helps to keep the physical size 
of the pressure-oil units within such limits as will make 
them fit harmoniously into the power house plan. 
Advocates of the central oil-pressure systems usually 
cross-connect the individual oil pressure sets by means 
of suitable piping so that any one oil-pressure set may 
be used for any turbine. Where conditions permit, 
individual oil-pressure sets are made large enough not 
only to provide pressure oil for their own turbines but 
also to operate an adjacent turbine under emergency 
conditions. 

Pressure regulators, or relief valves, have undergone 
considerable change of design by reason of the large 
water quantities that now must be handled and on 
occasion also because of the high heads under which 
they must discharge. Mechanically-operated relief 
valves which take their motion directly from the gate- 
shifting mechanism on the turbine are essential and 
the entire pressure regulator structure should be so 
designed as to safely withstand the full effort of the 
governor so that should an obstruction block the 
opening of the relief valve, the turbine guide vanes will 
be effectively prevented from any further closure, as 
otherwise a serious ram or rise of pressure in the pipe 
line would result. It is also essential that the pressure 
regulator shall have a discharge characteristic which 
will approach as closely as possible the discharge 
characteristic of the turbine guide vanes, as otherwise 
the inverse movement of the guide vanes and relief 
valve will cause variations of the velocity of flow in the 
pipe line which may result seriously. 

Another development of importance in the turbine 
field is the rapidly increasing use of the so-called high¬ 
speed or propeller type runner. The Francis type 
runner, which has been the standard for many years, 
has been developed and perfected so that for low head 
work, specific speeds as high as 80 or 85, in the English 
syst^, can be gotten with fairly high efficiencies, but 
as these appe^ to be about the limit to be expected, a 
great deal of experimehtation and study has been given 
to the development of a new high-speed type of runner. 
Some of the advantages gained by the use of the 
propefier tjqDe or diagonal itmner a^^ 

First. A reduction in the te hydro¬ 

electric unit, due to the smaller dimensions resulting 
from the higher speed, and a r^uction in the. cost of 
the super-stmcture of the power house, cimes, etc. 
owing to the lighter weight of the rotating element and 
other parts to be handled. 

iSecarMi. The mechanical strength of the diagonal 
runner is improved over that of the Francis type as the 
overhang of the vmies is less and the connection between 
runner hub and vane considerably longer, resulting in 
smaller bending stresses in the ymies. As the yane is 
unshroud^ the construction permits of the use of 
separate yanes which can be bolted to a central hub, 
allowing the replacing of a single yane, if accidentally 
damaged. 


Third. The design of the diagonal runner is much 
simpler than that of an equivalent Francis runner, 
thus eliminating to a very considerable extent the 
possibility of erosion, cavitation, etc., and providing a 
more direct passage for the water. The runner usually 
consists of from four to eight vanes, in comparison with 
the Francis type, having from fourteen to eighteen 
vanes, so that the clear openings through the vanes are 
considerably greater, preventing to a very consider¬ 
able extent, the possibility of clogging with foreign 
material. 

A considerable number of these high-speed runner 
units have been installed in the past two or three years 
and very satisfactory results obtained. Numerous 
tests have been made both of the model runners and of 
complete units installed, and efficiencies of 88 per cent 
to 90 per cent can reasonably be expected from this 
type of runner when designed for specific speeds ranging 
from 110 to 150, English system; the efficiency drop¬ 
ping off somewhat as the upper range of specific speed 
is reached. Possibly the most notable installation 
thus far made with this type of runner, is that of the 
Manitoba Power Company, installed last year con¬ 
sisting of three 28,000 h. p. vertical hydroelectric units 
with propeller type turbines, designed to operate at 
138.5 rev. per min. under a net effective head of 56 ft. 
This corresponds to a specific speed of 153, English 
system. The runners of these turbines contain six 
blades and have an oyer-all diameter of approximately 
16 ft. These units have indicated very clearly the 
remarkable characteristics of this type of runner, in 
particular, its ability to operate at normal speed under 
greatly reduced heads, with a considerable power output, 
the range of effective head being from 28 ft. to 56 ft. 
It is interesting to note, in this connection, that the 
runner of the Manitoba Power Company turbines is 
within a few inches of the same diameter as the Francis 
type runner of the turbines installed at the Cedars 
Rapids Plant on the St. Lawrence River, which were 
manufactured by the same company eight years 
earfier, but that the specific speed of the Manitoba 
turbines is practically twice that of the Cedars 
Rapids units, notwithstanding the Cedars units rep¬ 
resented the highest specific speed obtainable at 
that time. 

The subject of draft tube design is one which has 
caused a great deal of discussion in recent years and on 
which there is a considerable diversity of opinion. 
Numerous tests have been conducted for the purpose of 
determining the relative values of the differeut types, 
but as most of these tests have been made with model 
runners and tubes where slight Variations in construc¬ 
tion and setting of the tubes produced widely differihg 
results, there still exists a great difference of opinion as 
to the most efficient form. 

Discussion 

For discussion of this paper see page 1004. 
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Review of the Subject.—Irregularity of reaction in hydravXic 
machinery causing vibration has up to the last few years been of 
relatively little importance and treated as a more or less necessary evU. 

With the advent of larger units, particularly for high heads, it 
becalm of prime importance that there be little or no vibration. In 
cases where vibration occurred, a cut and try system of retmdying 


D uring the last few months there has arisen 
an occasion to study the hydraulic conditions 
causing vibration in some of the Francis type 
turbines on the system of the company by which the 
writer is employed. 

Preliminary reconnaissance showed that these vibra¬ 
tions had a period in the order of the electrical fre¬ 
quencies commonly used and that for their study 
special equipment must be used which, so far as is 
known, had not been developed. 



Fig. 1 


There was accordingly developed somewhat hur¬ 
riedly from parts a.vailable a device for converting 
pressure variations to el^trical impulses and then 
viewing or recording these by m^eans of an oscillograph. 

As shown in Figure 1 a in. pipe union was used 
to hold a diaphragm of spring steel of a thickness 
such that at the maximum pressure used its deflection 
is still approximately proportional to pressure change. 
(Several well known gas engine indicators operate on 
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it was usually resorted to and as little publicity as possible given 
the procedure. 

For the study of such phenomena as vibration caused by irregular¬ 
ity of reaction manifesting itself in several impulses per second the 
electrical methods long since developed are admirably adapted and 
this paper gives a brief description of a successful method of study. 


this principle and it is known to be trustworthy.) 
Rigidly attached to its center is an arm bearing on its 
outer end the center elements of two microphones of 
a variety used commonly in amateur wireless work. 

The outer elements or shells of these microphones 
are rigidly attached by an insulating member to the 
union in such a manner that the supports are used as 
current-carrying terminals. 

A third terminal grounded to the union makes 
electrical connection through the arm to the center 
elements of the microphones. 

With the connections as shown the device forms an 
elementary bridge with microphones and batteries 
as members and an oscillograph element as a detector. 
The 2-voit batteries forming two arms of the bridge 



are so connected that they tend to cause current to 
flow throu^ the oscillograph element in opposite 
directions so that as the diaphragm moves due to 
pre^ure changes we have a curve resembling an 
alternating-current curve traced on the oscillograph 
film proportional to and in correct sequence with the 
pressure changes back of the diaphragm. The device 
can be attached to any point that an ordinary pressure 
gage can and a 3^ in. connection if comparatively 
short is more than ample to actuate it. 

Using one of the portable oscillographs now available 
studies have been made on several turbines under 
varying conditions of load, head, gate opening, etc., 
with a view of determining the fundamental reason for 
vibration. It is known that the pressures across the 
face of a turbine runner opening vary both from 
top to bottom and from trailing to leading sides and 
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are dependent upon design characteristics as applied 
to running conditions. 

As a check on probable values, tests were made using 
a Pitot tube traveling with the runner and passing 
to the center of the draft tube and out through a packing 
gland either to a pressure gage or the pressure indicator 
described above. 

By filling this rotating tube with air under pressure 
and then closing, the supply air is trapped under the 
pressure of the water at the end of the tube and centri¬ 



fugal action and leakage are minimized. In this way 
the whole face of the runner entrance may be explored 
under actual running conditions. 

Having established the fact that there is a difference 
in pressure on the water over the entrance of a runner 
bucket gives us a clue to the reason for the changes in 
pressure on the scroll case and penstock supplying 
it because as a low-pressure area in the runner is 
presented to the guide vane opening, the water velocity 
is augmented, while when a high-pressure area is 
presented the entering velocity is checked. 



Pig. 4—^5000 Kw., 220 Lb., 430 Rev. per Min., 19 Runner 
Vanes, 20 Guide Vanes. Hum Apparent in both Power 
House and Pen Stock. 15 Ohms in Vibrator 

This difference in pressure has be^en measured where 
the difference between leading and trailing sides of 
the runner entrance pressures was approximately 
10 per cent of ^the total head on the turbine. 

If we have a turbine in which the number of runner 
vane openings (w— 1) are one less than the number 
of guidb vane openings {n) the openings will register 
successively around the scroll case each l/{n—l) 
revolution as a vernier backward from the direction 
of rotation. 

This .gives (n — 1) impulses per revolution or the 


revolutions per second times the number of runner 
vanes in impulses per second. 

A difference of two in the number of guide and 
runner vanes gives two impulses traveling at half 
speed around the scroll case while combinations such 
as 20 and 17 gives irregular impulses. These combi¬ 
nations are best studied on small drawings to scale 
on cardboard, the runner portion of which may be 
rotated by hand. 

Fig. 4 shows a-pressure curve of a turbine having 
20 guide vanes and 19 runner vanes with a timing 
wave of 60 cycles. This gives the Vernier action 
de^ribed above and the machine has a decided hum 
and a vibration which persists with gradually lessening 
intensity up the penstock 3600 feet to the forebay 
where it is scarcely perceptible. 



Fig. 5 — 5000 Kw., 220 Lb., 450 Rev. per Min., 17 Runner 
Vanes, 20 Guide Vanes. No Apparent Noise or Vibration 
IS Ohms in Vibrator 

Pig. 5 shows the curve from an identical scroll case 
with 17 runner vanes and a 60-cycle timing wave. 
In this case there is apparent neither hum nor vibration 
yet the curve shows just as high a hydraulic pressure 
variation which is, however, not regular. 



Fig. 6—^5400 Kw., 238 Lb., 400 Rev. per Min. No Noise 
or Vibration. 15 Ohms in Vibrator. 20 Runner Vanes. 
24 Guide Vanes 


Fig. 6 was taken on a turbine of somewhat older 
design and different specific speed and is almost ideal as 
regards hydraulic vibration. Just a slight wave may 
be traced which corresponds to the frequency we 
would expect. 

Fig. 7 is an example of a combination of 18/16 and 
in operation this machine has a perceptible hum and 
vibration which persists up to the forebay 1600 feet 
from the turbine. 

There are some conditions under which this is more 
pronounced than Others due to the manner in which 
the water enters the runner. 
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Fig. 8 is a high-speed film on large ordinates of a 
record of a turbine with a 20/19 combination of guide 
and runner vanes taken to study the effect of the guide 



Pig. 7—4600 Kw., 3.34 Gate, 83 Lb. Presstob, 3.5-In. 
Vacuum, 15 Ohms in Vibrator, 18 Guide, 16 Runner 
Vanes 



Fig. 8—Film 8-A Vib. No. 2-3w., No. 1 Machine Pull 
Load. 60 Ctoles Timing Wave 



Pig. 9—Film 12-c. Vib. No. 2-15w. Velocity Pressure at 
Inlet Side op Runner on Axis op Guide Vanes. No. 2 
Machine 22,500 Kw. 40 Lb. Back Pressure on Pipe. Timing 
Wave 60 Cycles 



Pig. 10—Film 5-c. Vib. No. 2-16w. No. 1 Pipe Line just 
Above Pier at End op Tunnel. No. 1 Turbine, Pull Load 
N o. 2 0 pp. Timing Wave 60 Cycles 



Pig. 11—^5000 Kvr., Penstock Pressure, 218 Lb.," 360 Rev. 
PER Min., 15 Ohms in Vibrator 


vanes,V a ripple corresponding to each guide; vane 
appearing in the pressure wave. 

Pig. 9 is a record of a traverse around the scroll 
case at the center of the runner opening taken with the 


rotating pipe referred to above to see if pressure 
conditions were uniform around the entire circum¬ 
ference. 

Little ripples caused probably by the scroll case 
guides, that is, the fins back of the guide vanes at 
points around the scroll case to direct the water into 
the guide vanes are evident though of no particular 
importance. 

Fig. 10 shows the condition in a large somewhat 
elastic pipe line connected to a turbine having a 
uniform vibration. Here the pressure waves are 
influenced by reflection at the natural period of the 
penstock, by draft tube variations and by irregularity 
of flow in the penstock itself. 



Pig. 12—12,600 Kw., 202 Lb. Penstock Pressure, 360 Rev. 
PER Min., 15 Ohms in Vibrator 



Fig. 13—3240 Kw., 60 Cycles, Pressure Scroll Case 59 
Lb., Penstock 72.8 Lb. Db.4.et Tube 4 Gate 6/8. Relief 
Valve Closed. 20 Guide 16 Runner Vanes 



PiQ, 14 —4470 Kw., 60 Cycles. Pressure Scroll Case 
65 Lb., Pressure Penstock 65 Lb., Draft Tube 3J^, Gate 
7/8, 20 Guide, 16 Runner Vanes. 


Fig. 11 shows a turbine in which the flow conditions 
are critical at a certain gate opening, that is, the pres¬ 
sure difference across the runner inlet face is greater 
at this particular opening than at others, though not 
serious on any. 

Fig. 12 shows the same machine as Fig. 11 with a 
greater gate opening. 

Fig. 13 shows a curve for a turbine bn which abnormal 
conditions of head and load were imposed. The flow 
relations were unstable ^d were manifest in irregular 
vibrations or “shivers” of the unit. 

Fig. 14 shows the same turbine under more nearly 
normal conditions. 

The mechanical vibration was about in the propor¬ 
tion of the curves and there was very little hum on 
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axicount of the irregularity of pressure variations and 
the lack of elasticity in the equipment. 

All of the curves shown have a 60-cycle timing 
wave for comparison. 

Operation op Apparatus 

In taking such records the so-called auxiliary data 
are of as much importance as the record itself and all 
conditions should be faithfully recorded in order to 
study and fully appreciate all of the changes made 
evident by a film of pressure variations. 

Only ordinary precautions are necessary in using 
the apparatus such for instance as making sure that 
there is no trapped air behind the diaphragm, that all 
electrical connections are good and that the oscillo¬ 
graph is properly adjusted and handled. 

The microphones are adjusted originally by dis¬ 
connecting one microphone lead and observing the 
shift in the zero line caused by current through the 
one connected and then repeated with the other, 
adjusting until the shift is the same for each. The 
adjustment in the present device consists in moving 
the microphone shell in or out a small distance with 
respect to the central part fast to the diaphragm. 

It is but a few minutes work to set up and observe 
the waves and changes in pressure waves .may be 
watched while operating conditions are changed. 
Once adjusted, different points may be explored 
wherever" a half-inch pipe connection can be made. 

Nearly all of the cases studied have to do wdth 
the manner in which the water enters the runner and 
are fundamental in turbine design. 

It is thought that the shock due to sudden changes 
in velocity of moving water has not been fully appre¬ 
ciated in many cases. 

Using the ordinary formulas for surges and water 
hammer as given in Prof. Durand’s Hydraulics of 
Pipe Lines it is seen that with 80 cycles per second, 
that is, 160 changes, there is required somewhat less 
than four one hundredths of a foot change in velocity 
per second to cause 100 lb. pressure change, provided 
all of this change were effective. 

Elasticity in the scroll case and penstock and large 
clearances between ^ide and runner vanes together 
with the combinations of guide and runner vanes 
which set up conflicting pressures all tend to prevent 
the difference in pressure across a runner opening 
from causing high-pressure variations in the scroll 
case and penstock. 

Certain design characteristics cause most of the 
energy in the water entering the runner to be in the 
form of velocity and therefore incapable of causing 
any of the phenomena observed. In other designs 
more reaction and therefore more pressure is necessary 
and greater care must be used in entrance angles 
and clearances. 

The subject is as yet very new and very little con¬ 
cerning it is known. It is only hoped that such work 
as has been done may be of assistance in further study. 


Discussion 

EXPERIENCE WITH BEARINGS AND VIBRATION CON¬ 
DITIONS OF LARGE HYDROELECTRIC UNITS‘ 

(Harisbeboer), 

WATERWHEEL CONSTRUCTION AND GOVERNING^ 

(Breed) , 

A STUDY OF IRREGULARITY OF REACTION IN 
FRANCIS TURBINES^ 

(Wilkins) Del Monte, Cal., October 3, 1923 

R. Treat: The device which was developed by Mr. Wilkins, 
appeals to me as being applicable to investigations of other 
similar problems. It appears to be a very simple, and it is 
hoped, reliable device which may be used for determining 
among other things, the pressures in the interior of oil circuit 
breakers at the time of opening the circuit and the stresses 
which are brought to bear upon bus insulators at times of short 
circuit. 

R. L- Hearn: As one of the staff to install and put in opera¬ 
tion the first two 55,000 h. p. units in the Queenston-Chippewa 
station, I had an opportunity to closely watch the operation of 
these units for some time after they were put in service. While 
we did not find the vibration in these units to be of such magni¬ 
tude as to be dangerous, yet it was there to such a degree that it 
has made us give this problem consideration. We found the 
vibration to be worse at part gate and were inclined to consider 
the draft tube to be the prime cause due to the unstable con¬ 
dition of the water column in the draft tube under part load. 
Mr. Wilkins has shown in his paper that vibration can come from 
other sources. 

I would like to ask Mr. Harisberger whether he has considered 
the affect of the draft tube on the vibration found in the units 
which he discusses in his paper. I have in mind the condition 
we found with two different types of draft tubes which were 
installed on the Queenston plant on two wheels of identical 
design. One draft tube was of the bent tube type, while the 
other was a Moody type draft tube. In comparing the vibra-' 
tion in these two units we found very little difference at full 
gate opening, but at part gate there was considerably more vi¬ 
bration with the bent tube than with the Moody tube. This 
difference we contributed to the design of the draft tube. 

• in many of the recent large installations of vertical type 
Francis turbines, the upper portion of the draft tube immediately 
adjacent to the runner has been constructed of cast iron and has 
been so designed that it can be removed, thus allowing the dis¬ 
mantling of the runner from the lower side of the machine. 

In many cases vibration has caused the cast iron section of 
the draft tube to loosen from the turbine casing and I believe 
it is the consensus of opinion, that it is advisable to concrete in 
this section of the tube in order to absorb the vibration and thus 
protect the draft tube from being shaken loose. 

In order that the work of investigating problems, such as we 
have just been discussing, might be more effectively carried on, 
we should develop a spirit of cooperation between the operating 
companies and the manufacturers. So often in the past, it has 
been the case that the manufacturer delivers his equipment and 
after acceptance by the purchaser obtains very little knowledge 
as to the performance of this equipment during its operating life. 

E. R. Stauffacher: I would like to ask a question in regard 
bo the interpretation of a curve. Fig. 4 of Mr. Wilkins’ paper. In 
the later part of the notation underneath the figure the state¬ 
ment is made: “Hum apparent in both Power House and Pen 
Stock.” By reference to the curve it can be seen that it is quite 
regular. 

In Fig. 5, you will notice: “No apparent noise or vibration.” 
By referring to the curve you can see that it is qhite irre^lar. 

Am I right in interpreting these curves to mean that if the 
curve is regular, you have a source of danger, whereas, if it is 
irregular there is no danger? 

Also, in reference to Mr. Harisberger’s paper, as to the tech- 
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tiique of deterniinii»g the tone of the generator and the tone of 
the turbine, what method to determine pitch Avas used? Was it 
by means of a tuning fork, or just by the esxr of this musical 
operator? 

R. J. C. Wood: I would like to ask Mr. Wilkins whether any 
oxporijuont was made l)y varying tlie speed of the machines 
slightly aboAU) and below the point at which ho obtained these 
diixgrams that ho gives ns, to see W'hether there was any reso¬ 
nance that might be m some portions of the easing or a water 
column of a length that Avoiild respond to certaiii frequencies, 
just as in some automobiles there is a certain speed at which the 
machine ti*u»s to A'ibrate itself to pieces, and below that speed 
you are comfortable, and also above it? 

John Harisbcriicrt In re])ly to the question as to how the 
tone was arrived at, this was done by the chief operator of this 
particular station by tuning in on a keyboard of a piano in the 
club house, which is near the power house, so the hum can be 
distinctly heard. 

As to Mr. Hearn’s question—Was anything done, or any at¬ 
tempt made to eoi*roct the difficulty by changing the draft tube? 
—^No, this particular unit has a single-runner double discharge 
turbine with boiler riveted steel draft tubes siiniliu* to that of the 
two (jliher units which have given no trouble. As the vibration 
occurs only at partial gate, in the neighborhood of 3/10 to 5/10 
oponing, and as it is rai'ely that the unit is operated at this gate 
opening, wo did not think it necessary to go to much trouble or 
expense to correct the difficulty. In fact, we have not had any 
very defitiiie information to work fmm until Mr. Wilkins’ paper 
AVJUS presented, which seems to mo gives us .s<}mething well Avorth 
considering. 

I would like to ask Mr. Wilkins if all the runners considered 
in his paper were Francis runners? 

John Stur^ciss: At one period in our forward progress some 
particular problem seems to be right in the lime light and de¬ 
mands first attention, and during that period some of the other 
problems are side-tracked. 

Now, I feel that is particularly true in the cose of vibration, 
heotiuso many years contact Avith hydraulic turbines leaves the 
impression on me that this problem Avas relatively more fully 
solved several years ago than it is today. It is almost an example 
of partial retrogression. 

In 1898 I spent three weeks on top of a hydraulic turbine at 
Niagara Falls, whore the vibration was quite severe. At that 
date, 1898, hydraulic calculations and ongineoriug were very 
inadequate. The wheel was designed for 2500 h. p., but it 
accidently developed 6000 h. p. The hand wheel for opening the 
gate wjis IS in. diameter but before the gate could be opened it 
was necessary to strap to the hand wheel a 12-ft. beam Avith 
block and taolde at the outer end. While there was severe 
vibration in this unit, it was no worse, if as bad, as on some re¬ 
cent linits, and I do not feel that this apparent retrogression is 
to be entirely accounted for by sixe of unit, or the head, for some 
of the new units wore not materially different from the 1898 unit 
in respect to size or head. There has been recent discussion 
regarding synchrony between vanes and gates, but this was the 
subject-matter of discussion from ten to twenty years ago. 

I would like to express a thought in regard to that part of Mr. 
Breed’s paper illustrating the propeller type turbine, which, by 
the way I believe, if proper credit is to be given the original 
proponent, should be called the Kaplan turbine. It is obvious 
that the propeller type is nothing but the continuation to its 
logical conclusion of a process we have all gone through in 
developing high speeifio speed runners,—diminishing the inflow 
element and amplifying the axiflow element. It is easy to see 
that the complete elimination of the inflow element was the 
logical oonolusion of this process. Yet it is called a “new” 
turbine. 

Looking ahead., I expect to see for this type, before it is finally 
establidied as a standard, an entirely new type of gate developed. 


The .swivel gate, while obviously correct in connection with the 
inflow turbine, is illogical when applied to the axiflow tjrpe. • 

L. A. Barnes: In regard to the 2.5 in. which Mr. Wilkins 
took off the runner. I assume he took that off in small amounts 
at a time. If he did not I would like to ask how he determined 
that amount? And, if he did take that off a little at a time I 
wonder if he could tell the success that he had in the successive 
cuts, that is, whether it was progressive or whether he arrived 
at it all at onee. 

R. Wilkins: In answer to Mr. Stauffaoher, Curves No. 5 and 
No. 6 were taken on identical scroll oases Avith different runners 
and under the same head on the same pipeline. On No. 4 there 
Avas sufficient noise to make talking difficult, that is, the hum was 
so loud that you had to raise your voice to be understood in the 
power house; this gradually decreased up the pipeline yet you 
could hear the hum at the penstock. With the seventeen vane 
nmner in an identical scroll case just beside it on the same pipe¬ 
line, there was no noise that you could hear at all There was 
no vibration that yoit could feel Avith your hand, yet the hydraulic 
pressures inside the pipeline Avere just as violent as those in the 
other unit. Both these, however, are considerably smaller than 
some of the other curves. Fig. 13, for instance, gives no hum; 
it is not regular enough to give a hum and it didn’t give an actual 
noise, yet tliat imit vibrated so that we were afraid to rim it for 
fear it would shake out the bearings; it was put under different 
oonditions and it toned down as is shown in one of the other 
ourves. I would not say that it entirely stopped but the pulsa¬ 
tions were not audible or perceptible, that is, it wasn’t dangerous. 
These pressure pulsations in pounds per square inch are quite 
high and Ave don’t know just what they do; which is the reason 
for the investigation, because of the things that we Avere afraid 
they might do. 

. In answer to Mr. Wood’s question: As far as the frequency 
of the system would pOTmit, curves were taken from as low to as 
high as we could get Avith the load. Without load these pressure 
variations are light because there is little water entering the 
runner and as you decrease the speed you change the conditions 
under which that turbine operates at a different head and it 
depends on head and load conditions where it is the worst. If 
it vibrates at all it vibrates over all speeds, but there is a place 
where conditions are the worst and tliis depends on the design, 
principally, of the runner. 

In answer to Mr. Harrisbergor: All runners, as stated in the 
title of the paper, were Francis runners. In fact, all the runners 
we have on the system are Francis runners and the pressure that 
is built up in them depends on their design and the amount of 
oleoranoe between them and the guide vanes. It is the way the 
water enters the runner that causes the variation in pressure. 
If there can be obtained between the runners, even on runners 
not oorrectly designed, sufficient clearance to equalize part of 
the pressure, vibration will be out doAvn. On the runners in 
which we tried to correct the vibration we out back as far as we 
dared. On a runner 106 inches in diameter, we cut back about 
five inches, 2}i inches on each side. 

R. J. C. Wood: I would like to know whether Mir^ Wilkins 
noticed any relation between the shape of the guide vanes in 
these different units and the degree of Aribration hum, or the 
oscillations? 

R. Wilkins: The guide Aranes, so far as we eould determine, 
had very little effect on the water as it entered the runner. We 
tested practically aU of the types of guide vanes available, and 
found no difference. 

In answer to Mr. Barnes: The cuts taken off were as much as 
we possibly dared take off, but I don’t think that we have enough 
off yet. There were ho preliminary cuts and there have been 
none since. It is quite a job to disassemble a unit qf that size 
and to make the cut at the sanie time; it is quite a lpss to a power 
company to have to put out of service a unit of 35,000-kw. 
capacity on which such work is being done. We did the best 
we could at one guess. 



Recent Hydroelectric Developments of Southern 

California Edison Company 

BY H. L. DOOLITTLE 

Soutnerii California Edison Co., Los Angeles, Calif. 


T he important water power plants constructed 
by the Southern California Edison Company 
in the last two years are Kern River No. 3, 
Big Creek No. 8, additional high-head impulse units in 
Big Creek plants Nos. 1 and 2, and the new Big Creek 
No. 3 plant which will be placed in operation the latter 
part of this summer. This paper will review some of 
the outstanding features of interest that have been 
incorporated in this work. 

The Kern River No. 3 Plant 

In this plant are installed two 22,500-horse power 
vertical turbines operating under head of 800 feet. 
To date these are the highest head reaction turbines 
that have been constructed, although a contract is 
now under way for another company for .<^iTni1 ar 
imits to operate under total head of 860 feet. A 
recent inspection of the Kern River No. 3 runners 
showed them to be in good condition after nearly two 
years of operation. 

One novel feature of these units is that they were 
designed to operate at a frequency of either 50 or 
60 cycles, this being due to the fact that the load to be 
supplied by this plant is in 60-cycle territory part of 
the year and in 60-cycle territory for the remainder. 
Every precaution was taken to make the changing 
of runners as easy as posable and a design was finally 
adopted which accomplished this result very satis¬ 
factorily. Acceptance tests of the equipment show 
that an efficiency of 90 per cent was obtained and that 
the 50-cycle runner gave practically the same efficiency 
when operating at either normal speed of 500 rev. per 
min. or the 60-cycle speed of 600 rev. per min. There 
was, however, a somewhat lower maximum output 
when operating at the higher speed. The 60-cycle 
runner showed the same efficiency at normal speed but 
was considerably less efficient at the 50-cycle speed. 

While the good condition of the runners after this 
long period of operation is mainly due to proper 
design it is also partly due to the absence of sand 
and silt in the water. Realizing that sediment of any 
kind would be very imdesirable with these high head 
turbines an elaborate sand box was constructed for 
precipitating all foreign matter from the water. This 
s^d box is 80 feet wide and about 500 feet long, 
reducing the velocity to about one-half foot per second. 
After several months of operation the sand box was 
inspected and it was found that about six inches of 
fine silt had been precipitated in the lower half of the 
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box. This silt was so fine that forty-five .per cent 
of it would pass a 150-mesh screen. 

Bio Creek No. 3 Power Plant 

The Big Creek No. 3 power plant which is now 
under construction will consist at present of three 
35,000-horse power turbines operating under a head 
of 740 feet. There is nothing unusual about the design 
of the main units, although several special features 
have been worked into other parts of the plant. 

At the intake to the tunnel for this plant a cylin¬ 
drical gate 22 feet in diameter and 90 feet high has been 
installed for shutting off the water to the tunnel line. 
This gate is motor-operated and is installed in a concrete 
tower located two or three hundred feet up stream 
from the dam. 

A surge chamber is being constructed at the lower 
end of the tunnel. This surge chamber is excavated 
from solid rock and has an hour glass section, the 
bottom diameter being 60 feet, the central shaft 
25 feet and the top diameter 75 feet. This hour 
glass section was adopted on account of the wide 
variation in water level at the intake under normal 
operating conditions. The large section at the bottom 
provides for a load suddenly applied and the large 
section at the top will take care of any surge created 
by loads rejected. 

Connecting to the outlet of the tunnel is an 18-foot 
steel pipe which terminates in a manifold providing 
connections for six 7-foot, 6-inch diameter penstocks. 
The design of this manifold, which will operate under 
a total head of approximately two hundred feet, 
offered many difficulties. After much study a design 
was finally developed which consists of two plate 
steel spheres joined by a short section of pipe. To 
one of these spheres the 18-foot pipe and two of the 
penstocks connect, the other sphere providing connec¬ 
tions for four penstocks. The adoption of this type of 
manifold permits taking care of the excessive stresses 
in a very simple manner and has successfully solved 
a rather difficult problem. 

Several novel features have been incorporated in 
the penstocks for this power plant. The entire pipe 
lines will be of forge welded steel. As the pipes are 
to be installed above ground, expansion joints are used 
between anchors. These expansion joints are made 
so that the portion of the pipe on which the packing 
bears is copper-plated to a thickness of about 1/16 
of an inch. This will provide a perfectly smooth and 
non-rusting surface for the packings and it is expected 
' that all future trouble due to leakage will be eliminated. 
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In a pipe line of this sort the friction on the supporting 
piers make necessary extremely heavy anchors at the 
bends. In order to reduce the size of the anchors 
to relieve the pipe of excessive longitudinal stress 
and also to facilitate erection, these pipes will be 
installed on cast iron rockers. Tests have shown that 
the friction will be reduced so greatly that a very 
large saving can be made in the cost of anchors and 
supporting piers. These rockers will be installed 
every 40 feet instead of every 20 feet as has been the 
custom heretofore with ordinaiy concrete piers. 

In the power plant one of the important improve¬ 
ments that has been adopted is the elimination of an 
exterior lubricating oil system consisting of filters, 
supply tanks, pumps, piping, etc. It is felt that much 
more reliable operation will be obtained by sim¬ 
plifying the lubricating oil system to the greatest 
extent. The bearing on the water wheel and the 
generator bearings will be provided with gear-driven 
oil pumps which will pump the lubricating oil from a 
small sump below the bearings to the top of the bear¬ 
ings and thus keep it circulating continuously. 
Motor-driven pumps will also be installed, arranged to 
be started automatically in case the gear-driven 
pumps should cease to operate. 

In the general arrangement of the station it is felt 
that a great improvement has been made, from an 
operating standpoint, by the elimination of the base¬ 
ment. The main floor of the generator room will be 
on two levels; about half of the generator room will 
have a floor on a level with the generator base and the 
other half will be on a level with the turbine. This 
will permit the maximum amount of equipment to 
be in view of the operators at all times. 

''Venturi Meters 

It is now this company’s practise to install Venturi 
meters in all new hydraulic plants. The Kern River 
No. 3 plant was equipped with Venturi meters at the 
time the plant was constructed, Venturi meters 
will be installed on the three units for the Big Creek 
No. 3 plant and similar meters have already been 
purchased for the six units in the Big Creek No. 1 
and Big Creek No. 2 power plants. The importance 
and value of a reliable meter for measuring the water 
supplied to a water wheel has been proved in many 
ways. At Kern River No. 3 the Venturi meters are 
constantly used by the operators in their effort to 
obtain the maximum kilowatt hours output from the 
water available. Some recent tests on one of the 
Big Creek impulse units showed that the difference 


in output between a new and a somewhat worn nozzle 
was in the neighborhood of $1,000.00 per month. 
As this amount is several times the cost of installing 
new nozzles it emphasizes the value of having a con¬ 
tinuous check on the efficiency of the wheels. 

Draft Tubes 

The Kem River No. 3 turbines are equipped with the 
regular quarter bend draft tube. The turbine in the 
Big Creek No. 8 plant has a spreading type of draft 
tube while the new turbines for the Big Creek No. 3 
plant will have a modified spreading type of tube 
which is supposed to embody the advantages of the 
regular spreading t37pe of tube but is somewhat simpler 
to construct. As far as our experience goes we have 
been able to notice very little difference in the operation 
between any of the types of draft tubes that we have. 
This is undoubtedly due to the fact that all our turbines 
operate at very high heads so that any increase in 
efficiency due to the more modem tube is difficult- 
to detect. 

Impulse Wheels 

The impulse wheels installed by the company in the 
last two years do not embody any novel features, 
being duplicates of others that have been in operation 
for many years. We do have under way, however, a 
preliminary study of a new plant that will operate 
under a total head of 2400 feet. At the present time 
preliminary plans are being worked out for double 
over-hung impulse units for this plant which will have 
a capacity of 75,000 horse power per unit. These 
wheels will undoubtedly be the largest impulse units 
ever constructed from the standpoint of total output 
but on account of the high head will probably not be 
any larger in physical dimensions than the wheels 
in the Caribou plant of the Great Western Power 
Company. The chief difficulties to be overcome in 
the design of a unit of this size are the penstock and the 
water wheel and generator bearings. 

Rubber Seal Rings 

For several months we have had in operation a 
small hydraulic turbine equipped with rubber seal rings. 
These rings have not been in operation long enough to 
definitely determine their practicability but it appears 
that when this type of ring has been fully developed it 
will have great possibilities. Arrangements are being 
made to try out these rubber rings on one of the turbines 
in the Kem River No. 3 plant. This trial will give 
some valuable information as it will be the first time 
this type of ring has been installed on a unit of this size. 



Upper Falls Development of The Washington Water 
Power Compemy in Spokane, Wash. 

BY L. J. POSPISIL 

Associate, A. I. B. E. 

Washington Water Power Co., Spokane, Wash. 


Review of the Subject.—This describes a late hydroelectric 
development in the center of a city having a single vertical shaft 
generator and delivering its output to the busses of an existing 
distribution substation 350 ft. distant, the excitation and load 
control of the new generator being from the substation. The prin¬ 
cipal features of the development are the auxiliary devices to assure 
reliable operation of a remotely controlled unit and provision for an 
automatic shutdovm of the unit in case of major trouble; also the 


automatic by-passing of a large portion of the water used by the 
wheel if the load is greatly reduced or dumped. Other features are 
a 30-ft. diameter reinforced concrete penstock, a Moody spreading 
draft tube and a large concrete volute casing, reinforced against 
110-fi. head; also 60 ft. by 15 ft. gates remotely operated, the 
operator having before him devices indicating gate travel and eleva¬ 
tion of water level'being controlled. 

* sk Ik Ik 


B efore the main features of the development that 
forms the subject of this paper are described, 
some mention should first be made of the 
prior developments to which the Upper Falls is an 
important addition. 

The four earlier developments of The Washington 
Water Power Company totaling 125,000 h. p. as well as 
the one described, are all located on the Spokane River 
and utilize succesively the same water with only a 
small additional inflow between plants. 

Spokane River has its source in Lake Coeur d’Alene, 
a body of water some 42 square miles in area, where a 
storage and draw down of 5^ feet is possible. A few 
miles below the outlet of this lake is the Post Falls 
station which utilizes a head of 50 to 55 feet. At this 
station, the second one constructed by the company, 
are located the flood gates by which the lake level, 
except at times of flood, is controlled. 

At Spokane, the next station downstream from 
Post Falls, there is a rare situation where a city of 
considerable size has been built up around a series of 
falls. Here the initial hydroelectric power develop¬ 
ments, utilizing about 53 per cent of the total available 
head within the city, were begun in the very early 
days of the electrical industry and completed in 1904. 
This development, known as Monroe Street station 
makes use of the lower 73 ft. of the available head. 
The development of the upper head of 64 feet is the 
subject of this article.; 

The other two powder plants of the company are at 
Long Lake, utilizing a head of 172 feet, and at Little 
Falls, which is immediately below Long Lake, where 
the head is 73 feet. 

In addition, Spokane River water operates a part of 
the pumping equipment of the city of Spokane and 
the hydroelectric station of the Spokane & Eastern 
Ry. & Power Company located between Spokane and 
Long Lake. Unregulated flow of the Spokane River 
varies from a minimum of about 1200 cu. ft. per second 
occurring usually in October to a maximum so far 
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recorded of approximately 50,000 cu. ft. per sec. The 
mean low-wato flow is about 1400 cu. ft. per sec. 

Lake Coeur d’Alene in turn is supplied from mountain 
streams having their sources up to 6000 ft. in elevation. 
I^ecipitation is mostly in the form of snow and the 
annual flood, which reaches its peak between May 10th 
and June 5th is the result of melting snow and is usually 
over by the 16th of July. There is usually very little 
precipitation in the drainage basin between July 10 
and September 15th and the inflow into Lake Coeur 
d’Alene from July 16th until the fall rains arrive is the 
3 ?ield from ground storage. 

The Spokane plants have practically no storage in 
their forebays but there is most excellent storage in 
the forebay of the Long Lake station. Long Lake 
serves as storage also for Little Falls, which is hy¬ 
draulically in series, and has power units qf the same 
water capacity as the turbines at Long Lake. 

After the passing of the summer flood the gates at 
Post Falls, which control the level of Lake Cgeur 
d’Alene, are closed and a practically uniform load is 
carried by the units in this station. Because of lack 
of storage in Spokane the uniform flow released from the 
lake passes through unchanged to the forebay of the 
Long Lake station. This station and the one imme¬ 
diately below it take care of the daily variation in the 
load carried by the system. 

Among the early , installations at the Monroe Street 
station for lighting and power was the so called Edison 
3-wire d-c. system to supply the principal business 
district, and 600-volt., d-c. current for street railway 
service, the generators being driven by direct-con¬ 
nected water wheels. These have been added to as 
the demand grew and since 1904 about 4300 kw. of 
direct-current energy has been produced at this station 
by water-driven machinery. 

A dependable supply of direct-current energy for 
the Edison system and street railways having thus 
been in part assured by its production ne^ the center 
of load, there still remained the problem of a dependable 
source of a-c. energy for power outside the ecoiiomic 
limits of the Edison system and for residential lighting* 
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Up to the time of the complete Upper Falls develop¬ 
ment this a-c. energy was mainly supplied from outside 
plants by transmission lines which for the most part 
center in Post Street substation where there are also 
located the step-down transformers, additional motor- 


it was agreed at once that the next development should 
be made in Spokane where all necessary water rights 
had been acquired many years previously and where 
is also located the principal loads on the company's 
system. Some physical features of the situation may 
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Originally the south channel rejoined the mainstream 
at the junction of the middle and north channels but 
this was dammed in the early history of the city and 
the water utilized to furnish the drive for a sawmill. 
This water-driven equipment remained in operation 
up to the time of the Upper Falls development. The 
water level in the end of the south channel is the same 
as at the branch of the main stream below Division 
Street. The shortest distance between the upper and 
lower water levels is from the end of this channel to 
the main stream at Monroe Street. 

Making the development of the total head in one 
step was naturally considered first but this required a 
rather large tunnel of considerable length passing under 
important structures of other ownerships. Lack of 
room needed for the new station would have further 
required immediate abandonment of the Monroe 
Street station whose equipment, though somewhat 
obsolete and of low efficiency, still produces energy 
that can be provided otherwise only by large additional 


4. Supply of excitation current and complete control 
of unit from a distribution station located 350 feet 
away. 

5. Control works designed to pass a flood of 60,000 
cu. ft. per sec. and partly under control of the system 
operator. 

Penstock 

It was desired to pass a flow of 2200 cu. ft. per second 
and the conditions which influenced the selection of 
reinforced concrete were as follows: 

The penstock was to connect a concrete headgate 
dam to a concrete volute casing in the power house. 

It had to be constructed in an excavated rock cut, 
increasing in depth from a few feet at the headgate 
dam to over 20 feet near the power house. It had to 
pass for most of its length under a heavy wooden plat¬ 
form used for saw mill purposes, and under lumber 
sheds thus carrying a heavy fire hazard. 

It had to pass under a double track steam railway 
line and it was desired to make it as resistant as possible 



capital investments in transformation equipment with 
its attendant losses. This would have also duplicated 
in part an investment already made and still pos¬ 
sessed of additional useful life. 

Location of the station at the point shown on the 
map and containing a single a-c. unit generating at the 
bus voltage of Post Street substation more nearly 
satisfied the requirements of service protection against 
interruptions, production of needed energy at the point 
of feed, a minimum of transmission and transformation, 
at the lowest cost for investment. 

The principal points of interest of this development 
are as follows: 

1. A reinforced concrete penstock 18 ft. in diameter 
and 370 ft. long. 

2. A motor-controlled Johnson valve electrically 
interconnected with water wheel to open automatically 
and by-pass a large part of the river flow should the 
wheel load fall below a predetermined amount. ‘ 

3. A vertical tjqie water wheel having a concrete 
volute casing and Moody spreading draft tube. 


to damage from accidental derailment. 

Since the location would make maintenance and 
upkeep very difficult it was desired to make the con¬ 
struction of a type least subject to depreciation and 
decay. 

Concrete reinforced with steel satisfied the above 
requirements to a greater degree than any other type 
available. Fig. 3 gives the principal construction 
details. 

A few small leaks appeared when the penstock was 
first filled with water but disappe^ed after a few 
months time. There is every reason to believe that 
the type of construction selected could not have been 
better. 

Johnson Valve 

It has been mentioned above that for a large portion 
of each year.this station would utilize the full regulated 
flow of the stream. The tailrace of this station is the 
forebay of the older Monroe Streetstatibn, vdth pond- 
age» that would be exhausted in a few minutes time. 

In case of a sudden shut down of the Upper F^s 
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single-unit Monroe Street station would cease operating 
for want of water before the gates at the control works 
could be opened and the released water reach the 
forebay through the main river channel. 

To prevent this contingency a 9-ft. diameter Y 
branch was led off from the main penstock within the 


from the control works arrives in sufficient volume. 

Location of the valve, its shape and the supply line 
branching from the main penstock may be seen in the 
cross-section of Fig. 4, where this valve is shown open. 

Operation of the Johnson valve is from a motor- 
driven Dean Control unit, the valve starting to open 



Fig, 4 
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power station and also in the System Operator’s room 
in the company’s office building. If it is desired to 
shut down the wheel without opening the valve this 
is accomplished by simply opening a switch in the 
motor circuit of the Dean Control unit. This arrange¬ 
ment functions splendidly and has been tried out a 
number of times within the past 9 months. 

Water Wheel, Governor, Casing and Draft Tube 

The vertical shaft type water wheel, designed to 
operate under an effective head of 64 ft. is rated at 
14,260 h.p. and contains a cast iron runner of 11 ft. 
7 in. maximum diameter, mounted on a steel shaft of 
21 in. diameter and revolving at 105.8 rev. per min. 
A water lubricated lignum-vitae guide bearing, 6 ft. 
long, steadies the shaft just above the runner. 

The volume of water of 2200 cu. ft. per see. for which 
the wheel was designed, necessarily involved a large 
casing which would have made a casing of metal very 
expensive. The total head, static plus surge at the 
power house, was found to be close to 110 feet. The 
*^speed ring” or distributor, made of cast iron, was not 
designed to take any appreciable tension and so it 
became necessary to reinforce the concrete surrounding 
the casing as a cantilever beam to resist the upward 
thrust of the water within the casing. Space does not 
permit a presentation of the design in detail but some 
idea of the reinforcement used may be obtained from 
the photograph of Fig. 5 taken before the concrete 
around the volute casing was poured. 



Fio. 6 


The peculiar shape of the draft tube, originated by 
Lewis F. Moody, Consulting Engineer for The Wm. 
Cramp & Sons Ship & Engine Building Company, 
builders of the water wheel, inay be gathered from the 
cross-section of Fig. 4. The outlet of the draft tube is 
through two rectangular openings 19 ft. wide and 123 ^ 
ft. high separated by a pier 6 ft. thick. 

The governor is the latest design double-floating, 
lever-type, belt-^ven. It is provided with the Taylor 
Control System which permits of the change from 
governor control to hand control, and the reverse, to 


be done by the oscillation through a small angle of a 
single lever which can be done in the fraction of a 
second. 

Generator, Excitation and Control 

The generator, built by the General Electric Com¬ 
pany is of the vertical shaft revolving field type, 3- 
phase, a-c., 60-cycle, 4200-volt, rated at 11,750 kv-a. 
and 10,000 kw., power factor 0.85. 

The revolving weights of generator, water wheel, 
and hydraulic thrust due to runner amounting to a 
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total of 188 tons, are carried by a General Electric 
Company’s spring supported thrust bearing mounted 
on the. generator upper bracket. This bearing is im¬ 
mersed in a bath of oil that is water-cooled and con¬ 
tinuously filtered. The circulating oil pump is of the 
gear type, driven directly from the shaft but a similar 
motor-driven pump has been installed as an auxiliary. 

Guide bearings, supplied with forced lubrication, are 
placed on generator shaft both above and below the 
rotor. The generator is provided with air-operated 
brakes which assist in bringing the rotor to a stop. 
These brakes are also arranged for a supply of oil from 
a hand pump up to 1500 lb. pressure which will lift the 
total suspended weight and thus relieve the thrust 
bearing. 

^ The generator rotor is equipped with fans for forced 
air circulation through the stator windings. Supply 
of air is taken from the outside through an air washer 
of 50,000 cu. ft. per minute capacity. Air may also 
be taken in part or totally from the generator room and 
recirculated. 

In the station with the generator are two gear-type 
oil pumps one of which is driven by an a-c. motor and 
the other by a d-c. motor, supplied from the Edison 
System, thus assuring reliability of fluid pressure supply 
to the governors; also oil pressure and sump tanks for 
the servo-motors, and a motor-driven, two-stage air 
compressor connected to a receiver. Air is used in the 
oil accumulator tank and for the air brakes under the 
generator rotor. 

Here are also located an indicating thermometer show¬ 
ing the temperature of the thrust bearing and a flow 
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meter showing the quantity of water supplied to the 
lignum-vitae guide bearing. 

The generator mains consist of three^ 1,250,000 cir. 
mil. lead-covered, paper-insulated cables per phase laid 
in fiber duct embedded in concrete. As there are 
duplicate feeder busses in Post Street substation to 
which this unit is connected there are also two circuit 
breakers, one to each bus, each with its usual comple¬ 
ment of disconnecting switches. 

An attendant is kept continuously on duty at the 
power station and he is depended on to look after 
governor operation, oil pumps and air compressor, 
water supply to lignum-vitae guide bearing, air washers, 
and similar tasks. He starts the wheel and brings it 
up to part speed before turning it over to the switch¬ 
board operator at the Post Street substation and also 
has control of the Johnson valve separate from the 
interlock with water wheel gates. A Klaxon horn 
actuated from a pressure gage is used to warn the 
attendant should the supply of water to the lignum- 
vitae guide bearing fail for any reason. By means of 
a controller located in the power station the attendant 
pa'n also close the head gates of the penstock that sup¬ 
plies this unit. 

The motor-driven exciter and the generator field 
rheostat used for field excitation of the main unit are 
located at Post Street substation. Should this supply 
of energy fail an auxiliary supply may be had from 
the Edison mains connected to a storage battery float¬ 
ing on the system. 

Ijocation of the main generating unit of the size of 
this one in a separate building some distance from the 
point of control naturally necessitated a number of 
safeguards to assure reliability of service and to protect 
the equipment from damage. It is hoped that a brief 
description of some of them will be of interest. 

The generator is Y-connected and, as is now common 
on generators of like capacity, differential relays have 
been provided to open the circuit breakers in case of 
trouble within the machine itself or in the cables leading 

to feeder busses. , 

As already explained the power station attendant is 

relied on to look after governor operation, oil pumps 
for governor pressure system, and water supply for 

cooling and lubricating purposes. 

Operation may be interferred with, in addition, 
through any of the following causes which, though they 
do not require an immediate shut downof the wheel, 
need to be brought at once to the attention of the 
switchboard operator at Post Street substetion. 

Heating of the thrust bearing or guide bearings; 
failure of supply of lubricating oil to gen^ator ^ide 
or thrust bearings; the breaking or slipping off from 

the ringi^ of a and 
the lighting of a signal lamp at the Post Street sub¬ 
station switchboard. . . j- 

Thermal relays, normally closed, are inserted in each 


of the three generator bearings. A small current is 
kept circulating through this relay circuit and keeps 
open, by means of a solenoid switch, an auxiliary 
circuit containing the bell and light. Should any of 
the bearings become over-heated this relay will open 
the circuit. This will de-energize the coil holding open 
the switch in the auxiliary circuit and thus give the 
alarm. 

Warning of the failure of flow of lubricating oil to 
the three bearings is given by closing the alarm circuit 
connected to Richardson-Phenix sight flow indicators, 
one in each of the supply lines to these bearings. 

On the governor belt drive there is a tightener pulley 
moimted in the small end of a bell crank lever. Pres¬ 
sure against the belt is exerted through the bell crank 
lever by means of a weight. A switch of an auxiliary 
circuit, normally open, is mechanically connected to 
the bell crank fever. Should the belt break or climb 
off the pulleys the weight will move the bell crank lever 
far enough to close the switch in the auxiliary circuit. 
This will in turn effect a closure of the alarm circuit, 
thus causing the alarm to be given. 

A balance coil meter having a scale showing percent¬ 
ages is located in Post Street substation. This is 
electrically connected to a rheostat in the power station, 
the rheostat being actuated by a mechanical connection 
with the water wheel gates. As the gates open resist¬ 
ance is cut out which causes the balanced coil meter 
at Post Street substation to indicate corresponding 
gate openings. Thus the switchboard operator can 
tell at all times at just what gate openings the wheel is 
working. 

It has been mentioned that air-actuated brakes are 
provided to assist in bringing the rotor to a stop. 
A rapid or slow application of the brakes may be made. 
There are two parallel air supply lines, each one controlled 
by a solenoid-operated valve, leading to these brakes. 
One of these lines contains a small orifice which has a 
throttling effect on the air supply. This will cause a 
slow application of the brakes and a relatively slow 
shut down which does not cause rapid wear of the 
brake shoes. This is normally used. The other supply 
line contains no restriction and its solenoid-operated 
valve is opened by a solenoid in a circuit interlocked 
with the differential relays. It is considered that if ^e 
differential relays act it is the result of serious trouble 
requiring a rapid shut down. In that case the appi- 
cation of the brakes is rapid so that the rotor is brought 
to rest very quickly, il^ovision is also made for ap¬ 
plying the air to the brakes by means of a hand-con¬ 
trolled three-way valve. 


Control Works 

In order to obtain the maximum possible head 
throughout the entire year it was necessary to install 
gates to maintain a practically constant forebay level 
and pass a flow varying from nothing to an amount in 
excess of the maximum measured since records have 
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been kept. Since the forebay extends through a 
portion of the city it was desired to have means showing 
the water level at all times and for quickly passing a 
large volume of flow should the water wheel suddenly 
lose its load for any reason. 

The arrangement adopted was the installation of 
two motor operated “Rolling Sector” type gates each 
60 ft. wide and 16 ft. high, operated either from a 
control house located on one of the abutments or by 
the system operator in the office building. Also the 
provision of four 40-ft. by 11-ft. openings, each closed 
by five vertical lift gates supported by adjacent piers 
and four top-hinged girders. One of the rolling sector 
gates is normally held in reserve while control for a 
flow up to about 9000 second feet is exercised by the 
second rolling sector gate. Flows in excess of this are 
normally passed by clearing the 40-foot openings as 
needed. A plan of the Control Works is given on the 
map of Fig. 1 and in Fig. 6, taken when a moderate 
flood was passing, shows the works with one sector 
gate open and the other closed. 

Each sector gate is operated by a 15-h.p. series d-c. 
motor mounted in the middle of a bridge spanning 
between gate piers and controlled either from a drum 
controller or from a contactor panel, both being con¬ 
tained within a house on one of the gate abutments. 
Connecting one gate motor through selector switches 
to drum controller connects at the same time the other 
gate motor to control by contactor panel. Both sys¬ 
tems of control give dynamic braking in lowering and 
in the off position. 

Motor rheostats have been adjusted so that the 
current on the first point of the rheostat is about three 
times the value of normal load current. This assures 


operation even if the contactors should fail to short out 
the succeeding resistance steps. In lowering there 
is only one resistance adjusted to suit over-haul of gate. 

The contactor panel may be operated from either of 
two parallel double-throw knife switches one of which 
is mounted on the contactor panel itself and the other 
one is in the system operator’s room in the office 
building located some 3000 feet from the gates. 

The system operator has mounted above the remote 
control switch a gate position indicator which shows 
at once any travel of the gate. Should the indicator 
fail to show a change in gate position a few seconds after 
^ the control switch is closed it is evidence that motor 
has failed to start and the switch can be opened to 
prevent burning out of motor and shortly another 
trial made. Should the supply of power fail for any 
reason a double acting breaker opens the control 
circuit and closes the motor circuit for dynamic break¬ 
ing. This breaker may be reset by a switch in the 
system operator’s room as soon as power is restored 
and the gate again operated in the direction 
desired. 

There are two power supply circuits for the motors 
partly under ground and partly overhead, one directly 
from Post Street substation and one from the Edison 
mains serving the district adjacent to the Control 
Works-. This arrangement has been found satisfactory 
in practise and has made it possible to dispense with 
continuous attendance at the Control Works. 

The Upper Falls development was designed and 
constructed under the general direction of V. H. 
Greisser, Chief Engineer, assisted by H. L. Melvin, in 
charge of electrical features and the writer in charge of 
mechanical and structural work. 



High-Voltage Switches, Bushings, Lightning Arresters 

Experiences of the Southern California Edison Company on its 
60,000, 150,000 and 220,000-Volt System 

BY HAROLD MICHENER 

Associate, A. I. E. E. 

Southern California Edison Company, Los Angeles, Cal. 

Review of the Subject.— This paper describes the experiences In some instances the experiences do not lead to unqiiestionable 

of the Southern California Edison Company with oil switches on conclusions. This is particularly true in the case of hghlnmg 
Us 60-kv., 150-kv. and 220-kv. systems, with air break switches on arresters. More nearly complete information in regard to ar.lual 
its 220-Jtv. system, with bushings on its 60-kv., 160-kv. and 220-kv. occurrences will aid in drawing definite conclusions, 
systems, and with lightning arresters on all voltages from 11 kv. up. 


Switches The 150-kv. oil switches on the Big Creek system 

Jj Co. has been equipping its 60-kv. system ^ opening has not been required. The greater number 
largely with made “1 J ^„ee 1918. 

system has Brown it has been ^ They were furnished by two large eastern manufac- 

the capacity of these switches. The first switch^ + gj,g 

were made with three rectangular tanks, tank 220-kv. oil switches which were put into opera¬ 
having two horizontal breaks in senes, ine next ^ 220-kv. on May 6th, 1923 , have not been allowed 

step consisted of increasing the size of to operate automatically up to the time of writing 

tank and putting four breaks in senes. And now we ^ However, it is intended that 

are in.stalling switches, each consisting of three cylindri¬ 
cal tanks with round top and bottom and ^ch tank 
having six or ten horizontal breaks in series. The 
rupturing capacity of these switches has never been 
known, but they have handled the job with a fair 
degree of satisfaction. Of course, the changes in design 
have been forced by increases in system capacity, 
which have proved the type in use to be inadeqimte. 

And it is not known how long the present type will be 

^^In^addition to the switches of local manufacture 
there are a considerable number of 60-kv. switches on 
the system which were furnished by eastern m^u- 
facturem. These switches, in senfral, have gi^n 
good results, but it seems inipossible to draw ^y 
Lsonable conclusions in regard to wh^her the p^- 
formance of the locally made switch is better or worse 
than the eastern made switches. 

It would be very d^irable to com^ iv 



Pig. 1 


they shall operate automatically to drop out a section 
of line which may be in trouble. 

Lnau Liic -- . f,mr»Qrative These switches were furnished by two aige manu 

It would be very desirable to make facturers. Aside from minor defects due to careless 

tests of oa switches under conditions amto to ^rkmanship, or careless deWs of desi^, 

under which the switches operate, but these tests j^ave given satisfaction durmg the brief 

would be very difficult to arrange. _ ..oaeitv Peri<xl “ op^tion. 

It seems quite certain, howev^,^e ^ . 


It seems quite ceruaux, xxvvv^.^*, 
nf the 60-kv. system can not be indefinite y 
Although il may be physically possible to make oil 
which would not blow up 
automaticany under severe totify 

would be Breater tiimi fte ^ woffid 


inOu LUcv uavc a** -. 

There are three types of air brake switches m ^ 
on the 220-kv. system, namely, disconnecting switch^ 
for the oil switches; line-sectionahzing 
line-paralleling switches, the two latter types bei^ 
used at line crossover stations other than those eqmpped 


^^aitoatir^^^ti; ~de^°^ « switches on eitiier tide o^^^ 

STs^ “to two'or more p^ ays^ ^nd by ^ ^^ted on toe t^ ti m- 

S. iudidous use of toe current-limiting reactora. ^ ^ ^ |„ tum are earned on toe top 

Pacu Coo., convenuo. of A. /. B. B.. « ftLe-work. (See Fig. 1). Bach leg of the 
Del Monte, Cal., October 2-5, 192S. 
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tripod consists of fourteen insulator units and has a total The line-sectionaJizing switches take the place of 

length of seven feet. The insulator unit is made up by the jumper loops in a dead-end tower and are in 
cementing pillar type hardware to the porcelain of a reality two switches in series, each switch blade when 
standard 10-in. suspension insulator and the units are closed short-circuiting a string of eight pillar type 
bolted rigidly together. insulators, the string length being about 4-ft. (See 

The switch blade is 10 ft. 6 in. long from the hinge Fig. 2). This gives two 4-ft. openings between a live 
to the jaw end and is composed of two pieces of section and a dead section of line, 

copper pipe joining at the jaw end and spread apai-t at These switches are not to be operated except when 
the hinge end. The blade also extends back of the 
hinge to form a lever-to which the operating rod is 
attached. The jaws are solid without any spring. 

The contact part of the blade is formed of two paralled 
copper straps which have considerable spring in them. 

These copper straps are drawn together or forced 
apart by a cam medianism which in turn is operated 
by a rod which extends above the blade of the switch, 
past the hinge end to the operating rod. The operating 
rod consists of a fourteen-unit pillar type insulator 
and a rod extending to the ground, where a bell crank 
and operating handle complete the mechanism. 

In opening the switch the first few inches of move¬ 
ment of the operating handle pulls the blade straps 


Fiq. 3 

the Hne is dead. The operating is done by means of 
a switch pole from a platform built into the tower. 

The paralleling switch. Fig. 3, is placed between the 
lines with a set of sectionalizing switches in each line 
on each side of it, thus making four sets of sectional- 
izing switches and one set of paralleling switches for 
each crossover station. 

Each single-pole paralleling switch consists of a pipe 
switch blade which bridges across a horizontal diamond 
of four strings of strain insulators (standard suspension 
insulators). The grounded comeis of this diamond 
Ftq. 2 are supported on steel poles. The other comers are 

carried by the conductor of the crossover connectioh. 
together enough to free the blade in the jaws. Further The switch is operated through a 6-ft. wlu^ of 
movement of the operating handle swings the blade twelve pillar-type insulators and a rod reaching to 
upward. In closing, the blade reaches its closed a bell crank and operating handle located on the ground, 
position and then the last few inches of travel of the The switch blade opens upward and^ will >^sak the 
operating handle forces the blade straps out against current passing across it ^en^tiae liiiesi^^ Still m 
the jaws. The blade is counterweight^ to^ n^ parafiel at another point, provided 

operation easy. The clear opening of the switch is not blowing too hard. In one instance when the wind 
pproximately 8 ft. in. / was blowing hard 
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inadequacy of records makes it almost impossible to 
say whether arresters are or are not worth the money 
invested in them. The fact that they are installed 
shows where the predominant opinion lies. 

The 150-kv. system was completely equipped with 
electrolytic arresters until about a year ago, with the 
exception of a considerable period some ye^ ago when 
the arresters at Big Creek No. 2 were out of commission. 
Since about a year ago the arresters have been taken 
off the lines as the 220-kv. constiniction work made 
that necessary, and the fire at Eagle Rock eliminated 
those at that station. The fire brought forth the deci¬ 
sion to permanently abandon the use of lightning ar¬ 
resters on the 150-kv. stations at Big Creek No. 1, 
No. 2 and at Eagle Rock, where the arrester tanks 
were inside the buildings. It had previously been the 
intention to leave these arresters in service, although 
the lines had been changed to 220-kv. It has not 
definitely been decided whether or not the outdoor 
arresters at Vestal will be re-installed. 

On the 150-kv. lines there have been only two or 
three cases of trouble due to li^tning, one of these 
was at Eagle Rock after the 150-kv. arresters had been 
removed. A 150-kv. insulator inside the building 
flashed over during a storm which was causing trouble 
on the 60-kv. and 15-kv. lines out of the same station. 
Another case of trouble attributed to lightning occurred 
on the 150-kv. bus connection inside the building at 
Big Creek No. 1, when the arresters were connected 
to the lines and apparently in perfect working condi¬ 
tions. At Big Creek No. 2, it was reported that the 
arresters discharged heavily at a time when lightning 
struck so near that the operators thought the build¬ 
ing had been struck. 

The arresters on the 150-kv. lines always discharged 
when 150-kv. line switching was being done. The 
statement is often made that arresters are not needed 
on 150-kv. and 220-kv. lines as a protection against 
lightning, but what will these voltage surges, which 
cause the lightning arresters to discharges during 
switching, do if the arresters are not there? The 
answer is, even though these voltages are high enough 
to jump the arrester gaps* they are not high enough 
to damage the station equipment. The fact that Big 
Creek No. 2 operated for many months without arrest¬ 
ers indicates this. And some recent studies made 
with a surge recorder on the 150-kv. lines indicate that 
switching of a 100-mile section of line does not produce 
surges of more than 200 per cent normal vbltage. 
These studies were made at Eagle Rock while the 150- 
kv. arresters were in service, however. 


At Vestal, near the middle of the 150-kv. line, there 
were two cases of 150-kv. transformer insulation break¬ 
down. The transformers were old and the insulation 
was admittedly of a quality inferior to that used in 
modern transformers. Yet the extreme thickness of 
insulation punctured made it difiicult to believe that 
inferior insulation could be the cause of the failure. 
Perhaps high voltage did it, but the 150-kv. light¬ 
ning arresters were in service, having very advan¬ 
tageous connections to the 150-kv. lines. 

On the 220-kv. lines there are no lightning arresters 
and there probably never will be. 

In regard to the types of arresters used by this com¬ 
pany, the electrol 3 d;ic arresters, which, until the last 
two or three years, have been considered the only 
arresters at all adequate for station service, have 
several faults, one of which is that they require expert 
maintenance, which often they do not get. Another 
fault is the fire hazard. - 

The oxide film arrester has become popular and this 
company is installing many of them on voltages of 
60-kv. and lower. Thus far they .have given no trouble 
and it is assumed that they will give at least as good 
protection as the electrolytic arresters. There is 
apparently no fire danger from them and this is greatly 
to their advantage. The maintenance promises to be 
very low. There has been one case of a discharge 
throwing some of the active material out of a stack of the 
disks. Examination showed that there had been many 
discharges through this stack. This discharge occurred 
at the time of a heavy short circuit on the system 
and the arrester was located in the heart of the system. 

There is only one installation of the autovalve 
arresters of the distribution type on the system. This 
is on a 15-kv. line on Mt. Wilson at an elevation of 
SQOO-ft., and though it is not definitely known to have 
functioned, at least one lightning storm has occurred 
on that part of the system since its installation. 

The graded resistance type of lightning arresters 
have been installed on 11-kv. lines at several stations 
during the last two years. These have given no trouble 
to date and have functioned satisfactorily in several 
instances. 

There is one installation of the Water Column Surge 
Arrester on the system. It functions properly when 
an arc is formed intentionally across the horn gap, but 
that is all that is known of it as yet. 

Discussion 

For discussion of this paper see page 1025. 



High-Voltage Circuit Breakers 

BY A. W. COPLEY 
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Westinghouse Elec. & Mfg. Co., East Pittsburgh, Pa. 

Review of the Subject.—The 150-kv. system operated for alizing of the line in cases of trouble and, therefore, requires circuit 
some years by the Southern Califernia Edison Company has not breakers for automatic operation similar to that obtained on more 
made use of automatic operation of circuit breakers. The muh moderate voltage systems. Circuit breakers have been manufac- 
tiplication of generating stations and connections which accom- tured for this service with high rupturing capacity and titc designs 
panird the change to 220-kv. makes desirable the automatic section- have followed closely the standard designs for more moderate loltagis. 


r 


• has been standard practise for some time to The desirability of this automatic breaker opera- 
take care of fault conditions on moderately high- tion is self-evident, as it insures a maximum speed 

_IJ_ _ -J? _X 11A AAA U-CT AlftOri-nCr Af trAllMPf? ATld J 


take care of fault conditions on moderately high- tion is sen-eviaem:, as it insures a maximum speed 
voltage lines of about 110,000 volts by the auto- in the clearing of troubles and a minimum loss of 
matic operation of the high-voltage circuit breakers. service. With two parallel circuits there should be 
On the 150,000-volt circuits which have been opera- no interruption of power at the receiving end, under 
ted for several years by the Southern California Edison any circumstance, unless both lines are simultaneously 
Company high-voltage circuit breakers have been in in trouble. Operation of the more modemte voltage 
service but have not been tripped automatically on lines, in various pai^ of the 
the occurrence of trouble but, instead, there has been strated that dependable ' 

utilised a scheme of dearing high-voltage trouble by 

“T'the c” ^ov^ “if scheme has been out this method of operation, is therefore la,^ly 
effiLto. The opemtion has bepn entirely manual, the design and —c^ ^pS^ 

the power house operator cutting in field rheostat by would successMly ha P desim 

htl“J^n obtaining indication of ^und ^t as ^“^Xt^“^has'‘^“Sra.^ t S 

shown by an ammeter ^mected in tte ® breakers for this service are now installed. In carrj-ing 

step-up transformers at the power house. W* Iwo b^kmtorms^ noteworthy that no radical de¬ 
power houses in service it has been nec^iy or e f construction used in 

openttors at the two plants to cut m fieU r^tat ^ Ze niod^tTvoltage service. 

.the same time and appronmaWy at tte same . jgj.gg,. 

This has been found to be quite f^ble. heavier in order to rive the greater clearances required 

With the growth of the system, by fte high voltages and to care for the heavy rup- 

in the number of power plants and gen^ti^ umte, y for. The actual contact 

and with the growing importance pantg for the 220,000-volt circuit breakers are practicalb’ 

tinulty of service, it has hem consid^ d^ f^Sical with those of the largw moderately high 
to carry out a scheme of breaker operation similar breakere. Solenoid operating mechanisms en- 

“wtr toblSt'C^which h^ er^Pd by direct carmnt are employed in both types 

this year be® put in service by the Southern Critto^ o carrying the high volt^ 

Edison Company, has, therefore, breaker tanks, are a continuation of the 

automatic high-voltage circuit briers and y . derign, both condenser type and the oil-filW 

s^terto give proper sequence oLbre^er being in service at 220, W volte, 

on the occurrence of trouble. The hnes fr Aii of the bushings have been made of the outdoor type 

Big Creek Power Houses to Los Angeles are ^^b^elain shields provided to protect against toe 

fllized at two intermediate points by means of 220,0^ p . transformers prowde 

b^eis and upon toe m^t for Ssurement and relay protection. 

flashover or otoer tronble on W .pbe bushings are made interchangeable with 

Sorm trouble is separated from the r^ rf the ^ same voltage semce md toe 

system by the operation of toe sectionalizing jpguiaiion teste on breakers toe % 

r‘'s rsS‘SL“s-rs.'=^ 

-T ";;;:! .1 e«»i - gtrength of tanks, the amount of oil, P 

Del Ufoiite. Co!., October *-«, 19*S. 
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contacts under the oil and the speed of moving parts or 
arc extinction and up to the present it has not been possi¬ 
ble to make actual tests of these rupturing capacities. 

Such tests, however, have been made on the simi¬ 
larly designed breakers used on 110,000-volt circuits 
and these tests have contributed empirical data which 
gave assurance that the 200,000-volt circuit breakers 
will take care of the rupturing capacities specified. 


These rupturing capacities are considerably in excess 
of any current which they may be expected to be called 
upon to open until the systems on which they have 
been applied have grown still larger and more genera¬ 
ting capacity has been installed. 

Discussion 

For discussion of this paper see page 1025. 


Magneto-Mechanical Loads on Bus Supports 

BY LLOYD N. ROBINSON 
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Review of the Subject,—Current progress in electrical devel¬ 
opment and the increasing capacity of power systems has brought 
into prominence many factors of ihechanical strength that were 
previously negligible in the design of electric stations and circuits. 
Heavy currents, that may develop during short circuits in stations 
that are connected to large generating systems, make it essential 
that bus and cable supports be strong mechanically as well as ade- 
quately insulated. Formulas are given for estimating the forces 
that may be developed under various conditions with different 
arrangements of conductors and supports. 

The mechanical strength of bus and cable supports should be 
guaranteed by manufacturers and tested as well as the insulating 
qualities. In order to facilitate the selection of bus and cable 
supports, it is desirable that uniform terms for expressing the various 
kinds of loads, standard methods of conducting tests and a minimum 
factor of safety for mechanical strength be adopted. 
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T he successive improvements in the insulation and 
control of high-voltage circuits are the means of 
ever increasing the scope and capacity of electric 
power systems, This progress demands the solution 
of innumerable problems and naturally most of the 
factors entering these problems are of an electrical 
nature. However, one outstanding feature of the 
electrical development of the past decade or so, has 
been the increasing prominence of mechanical factors 
1 that were previously negligible in electrical station and 
circuit desi^. 

Special attention is now given to the matter 
of anchoring and bracing generator and trans- 
fornaer vwndings, S^ety catches are n^ a necessity 
on most disconnecting switches. And the bil circuit 
breaker is finally rated on the b^is of its capacity to 
perform its *origiiially intended function, namely to 
interrupt currept. Numerous other (sases might be 
cited but the above indicate the growing importance 
of mechanical features in the design of electrical 
apparatus and circuits. 

In small stations, and especially in those that are 
blessed with double busses, the failure of a bus support 
may not involve a sodoUs interruption of service nor 
a considerable expense for repairs^ But in large sta- 
tions, wher e every interruption of service is serious and 

Presenfeti af fAe Racijic Convention of the A.J.E. E., 
Eel Monte, Ccd., October &-6, t9$S. 


the breakdown of a bus is practically certain to entail 
costly repairs, it is doubly essential that busses be strong 
mechanically as well as adequately insulated. 

As a rule bus supports must be spaced at such fre¬ 
quent intervals in order to prevent sagging of the con¬ 
ductors and the usiial types appear so rugged compared 
to the weight of the conductor supported that, to a 
casual observer, there seems little reason to question 
their adequacy as mechanical structures. However, 
a brief computation of the magneto-mechanical forces, 
that may develop between parallel' conductors in 
medium sized and large stations especially dming short 
circuits, shows that these forces are far from negligible. 

This has been recognized for some time and formulas 
and curves for estimating the forces involved have been 
published^ so it does not seem necessary to present a 
complete discussion of the fundamental principles at 
this time, but merelj^ to give some convenient formulas 
for the more common cases. The present purpose is 
rather to emphasize the fact that it is becoming more 
and more important to ascertain the mechanical 
strength of bus and cable supports for inside station 
wiring and to point out that there is rooiri for standard¬ 
ization in this respect. 

The ma gneto-mechanical phenomenon produced by 

]C. P. Steinmetz, Trans. A. T. E. E,, 19H. p. 367. 

H. B. lyrnght. Electrical TTorWy Sept. 1917, p, 522, 

S. G. Leonard aAd and C. R. JUiker, Electric Journal^ Dec. 
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electric currents in parallel conductors is fundamentally 
the same as the basic reaction in an electric motor. It 
can be thought of as the attraction, or repulsion as the 
case may be, between the current in one conductor and 
the magnetic field set up by the current in the other 
conductor or, perhaps more conveniently, as the force 
between the magnetic fields set up by the two currents. 

In the design of motors and similar machines involv¬ 
ing alternating currents the chief interest lies in the 
average^ force developed. But, in dealing with the 
mechanical requirements of bus supports, we are in¬ 
terested primarily in the maximum instantaneous force 
that may be developed. 

The instantaneous force, corresponding to instan¬ 
taneous currents, ii and in parallel conductors, is 

5.40e,?:3 „ 

^ ^ W D — P^^'allel 


It is seen from the formulas in the Appendix that, for 
one three-phase bus having its conductors arranged in a 
plane, the maximum stress on a conductor will be 
developed when two adjacent conductors are short- 
circuited. Then 

2.62/32 

^ ^ 10®/> PS'rallel (repulsion). 

For example, in a station where the symmetrical 
three-phase, short-circuit current for a short circuit 







Fia. 2—TmoAii Cross-Section op Three-Phase Bus 



Fig. 1—Typical Cross-Section op Three-Phase Bus 

where D is the interaxial distance in inches between 
the conductors. This is the general formula for the 
determination of the magneto-mechanical force exerted 
upon a conductor of electric current due to the proxim¬ 
ity of another parallel current. In parallel conductors, 
currents flowing in the same direction attract each 
other, tending to draw the conductors together, and 
currents flowing in opposite directions repel each 
other, tending to force the conductors apart. 

The derivation of the formulas that apply for certain 
arrangements and various conditions on direct-current 
and alternating-current busses are given in the Appen¬ 
dix in suflicient detail so that formulas may be derived 
readily for special arrangements of conductors or groups 
of busses and for other than single-phase and three- 
phase circuits. 


on the main bus is 30,000 amperes, and the conductors 
are arranged in a plane 18 inches apart on centers, the 
force of repulsion between two adjacent conductors 
when they are short-circuited may become 

2.62 (30,000)2 

“ 18 X 10® 

_ 2.62 X 900 
18 

= 131 lb. per ft. of parallel. 



Fig. 3—^Typical Cross-Section op Three-Phase Bus 

If the bus supports along each conductor are sp^ed 
27.5 inches apart, the corresponding force on each 
support will be 

27.6X131 

^ ° • 12 

- 300 lb. 
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If the conductors of the three-phase bus in the above 
example are arranged as in Fig. 1 and two adjacent 
conductors are short-circuited, the repulsion between 
these two conductors will result in a tensile force of 
300 lb. on each bus support of the upper one, and a 
compressive force of 300 lb. on each bus support of the 
lower one; and the bus supports should have ultimate 
tensile and compressive strengths of not less than 1200 
lb. if the factor of safety is 4. 

On the other hand, if the conductors in the above 
example are arranged as in Fig. 2 or Fig. 3 and two 
adjacent conductors are short-circuited, the repulsion 
between these two conductors will result in a load of 
300 lb. on each bus support as a cantilever beam. If 
the height of the bus support is such that the distance 
from the bottom of the base to the axis of the conductor 
is, say, 7.5 inches, the cantilever load will be 

7.5 X 300 = 22,500 pound-inches. 

And, if the factor of safety is 4, the ultimate strength 
of the bus support as a cantilever beam should be not 
less than 90,000 pound-inches. 

After determining the magnitudes and- character of 
the loads involved and the ultimate strengths required, 
the next step is to select bus supports of adequate 
mechanical strength. In this, reliance must be placed 
upon the experience of the manufacturers with their 
various types and sizes of supports. But it is clear 
that mechanical strength, as well as insulating qualities, 
should be guaranteed; and, in view of the inevitable 
variations from time to time among porcelains, it is 
only fair that at least a reasonable percentage of the 
supports covered by the order should be tested under 
specified t 3 q)es of mechanical loads up to the guaranteed 
ultimate strength. 

In order to facilitate testing and to put the matter 
on a uniform basis for the benefit of the manufacturers 
as well as for the convenience of purchasers, it seems 
highly desirable that the field be canvassed and stand¬ 
ards adopted because there now are considerable 
divergencies among manufacturers as to the meanings 
of terms and methods of test. 

For instance, some manufacturers test the complete 
bus support and some test only the porcelains. It is 
clear that the complete support should be tested be¬ 
cause metallic bases and clamps have been known to 
fail earlier than the porcelains, also because the method 
of clamping or cementing the metallic parts to the 
porcelain sometimes determines the breaking point of 
the porcelain especially under a cantilever load. 

Tensile and compressive strength should mean 
strength in carrying loads applied along the line joining 
the centers of the base and bus clamp, and not refer to 
tension or compression along the axis of the bus. 

At present, some manufacturers express the ultimate 
mechanical strength as a cantilever beam in pound- 
inches and others express it in pounds without giving 


the length of the lever arm or radius. It is clear that 
the former is the preferable way because the strength 
of the bus support should be independent of the dimen¬ 
sions of the bus except in so far as the lat?ter affects the 
size of the clamp. 

Whether the factor of safety should be 4, based on the 
ultimate strength of the support, is somewhat a matter 
of opinion and judgment. But, as in machine and 
structural design, it is desirable to have a standard 
minimum factor of safety. In view of the metallic 
parts used and the variations in the quality of porcelain, 
it does not seem wise to use a factor of safety much less 
than 4. . 

There are undoubtedly other phases of the subject 
that might be standardized but only a thorough can¬ 
vass of the field can bring out all of them. 

Appendix 
D-C. Conductors 

In a direct-current bus, consisting of two conductors 
carrying equal currents, 7, in opposite directions, the 
stress exerted by each conductor upon the other is 

5.40 J2 

5 = ' fo ^ D — PSJ'allel (repulsion) 

where D is the perpendicular distance in inches between 
the axes of the conductors. 

The value of the current, 7, that will c^evelop in the 
case of a short circuit on a direct-current bus, will be 
determined by the generating capacity connected to 
the system and the equivalent resistance of all the paths 
feeding into the short circuit combined. 

A-C. Conductors 

In the case of an alternating current, having a root- 
mean-square value of 7, t^ m^mum instantaneous 
value of current is Consequently, in a 

single-phase bus, carrying a normal root-mean-square 
current, 7, the instantaneous magneto-mechanical 
stress exerted between the busses pulsates between 
zero and the maximum value, 

o ^ 5.40 (^“27) (V2 7) 

10^ D 

1.08 72 

= parallel (repulsion). 

Short-Circuit Reactance 

The current, that will develop at a short circuit, 
depends on the rated kv-a. of the s 3 Tichronous equip¬ 
ment connected to the circuit and upon the impedance 
of the combined circuits feeding into it. 

Obviously, it is tedious to determine the combined 
impedance of the numerous groups of series and multiple 
circuits that make up a generating and distribution 
system. However, it is usually true that the reactances 
involved are large compared to the respective resist- 
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ances so that the impedance is only slightly greater than 
the reactance numerically. Consequently, to simplify 
the calculations it is usually sufficiently accurate to 
neglect the resistances and to use the reactances in 
place of the impedances. 

This approximation is customary in dealing with 
short-circuit problems and the term ""reactance” is 
used in this sense hereinafter. It gives values of short- 
circuit current slightly larger than actually obtain and 
consequently the results are on the safe side. Of course, 
in cases where the resistances are large compared to the 
respective reactances or economies may be effected that 
will warrant the extra labor of the more precise deter¬ 
mination, the total impedances, including resistances, 
should be used. 

A-C. Short-Circuit Current 

The maximum instantaneous value of current, that 
will be produced when a synchronous generator is 
short-circuited, depends upon the instantaneous value 
of the voltage when the short circuit takes place. 

If the short circuit occurs at the instant of maximum 
voltage, the short-circuit current wave will be sym¬ 
metrical about the time axis. And the effective value 
of the short-circuit current will be that corresponding 
to the rated kv-a. of synchronous equipment, that is 
connected to the circuit, divided by the transient react¬ 
ance expressed as a decimal (that is, the per cent react¬ 
ance divided by 100). 

But, if the short circuit occurs at an instant when the 
voltage is not at its maximum, the current wave will 
be symmetrical not about the time-axis, but about an 
exponentially decaying curve which finally becomes 
tangent to the time-axis. Under the worst condition, 
namely, short circuit occurring at the instant of zero 
voltage, the axis of symmetry of the current may be so 
high as to produce a maximum instantaneous value of 
current approximately 1.8 times that which arises in 
case of a symmetrical short circuit. 

In the case of a three-phase synchronous generator, if 
a short circuit of all three phases occurs at the instant 
of zero voltage in phase A, the factor of asymmetry for 
phase A is approximately 1.8, and that for phases B 
and 0 is approximately 1.35. 

Since we are most often concerned with the maximum 
currents that may arise during a short circuit, these 
factors 1.8 and 1.35 are usually included in the for¬ 
mulas pertaining to short circuits of alternating-current 
conductors. 

Single-Phase Circuit 

The symmetrical short-circuit current of a single¬ 
phase circuit is 

1007 

X 

where 7 is the total rated current of all the synchronous 


machines connected to the circuit reduced to terms of 
the circuit voltage; and X is the per cent reactance of 
the circuits (including equipment), that feed into the 
short circuit, based on the total rated generating 
capacity of the s 3 mchronous machines. 

The maximum peak value of current, in case of a 
short circuit occurring at the instant of zero voltage, 
then is 

1.8 y/ 2 7s. 

And the stress on each of the two pai’allel conductors, 
spaced D inches apart and carrying this current, is 

g ^ 5.40 X 1.8 V27s X 1.8 v'2 7sCosl80° 

10’7) 

- 3.50 7,2 „ 

= —2)— lb. per ft. of parallel (repulsion). 
Three-Phase Circuit 

The symmetrical three-phase short-circuit current 
of a three-phase circuit is 

100 7 

, -fs - X 

where 7 is the total rated three-phase current of all the 
synchronous machines connected to the circuit reduced 
to terms of the circuit voltage; and X is the per cent 
reactance of the circuits (including equipment), that 
feed into the short circuit, based on the total rated 
kv-a. capacity of the synchronous machines. 

(1) Short Circuit op Two Adjacent Conductors 

The maximum peak value of current, in case of a 
short circuit occurring between two adjacent conduct- 
ora of a three-phase circuit at the instant of zero volt¬ 
age, is 

1.8V^(^)l». 

And the stress on each of these two conductors (if 
parallel and spaced D inches apart) then is 

S = 

5.40 X1.8 V2(Vy2) 78 X 1.8 V^(V372)78 cos 180° 

10 ’ 7 > 

“ ~~ 10^^^^ P^Jallel (repulsion). 

(2) Short Circuit op Three Conductors 
In calculating the currents that develop during the 
short circuit of all three conductors of a three-phase 
circuit, it is of course necessary to take into account the 
time-phase of the three currents. Assume the current 
in phase A is 7$, that in phase 5 is 7® /i2Q° and that in 
phase C is 78 /240°. The total magneto-mechanical 
force exerted on each conductor is a resultant of the 
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forces exerted by each of the other conductors. It is 
necessary to solve first for the forces exerted between 
conductors by pairs and then obtain the resultants by 
combining these individual forces, taking into account 
the angles between their directions. 

The forces depend on the distances between the 
conductors and consequently upon their relative posi¬ 
tions. The two most common configurations of three- 
phase conductors are: (a) at the comers of an equi¬ 
lateral triangle, and (b) in a plane. Formulas are 
given below for these two common types of arrange¬ 
ment. Equations corresponding to other configurations 
can readily be derived. 

(a) Three Conductors in Equilateral Triangle 

A 

B C 

Short-circuit occurring at instant of zero voltage in 
phase a. 

Between Conductors by Pairs: 

5.40 X 1.8 V'2/3=* X 1.35 cos 120“ 
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Sau = 


- 13.1 
WD 


lO-'D 

lb. per ft. (Repulsion) 


Sbc = 

5.40 X 1.35\^ Ja Cos 120“ X 1.35 V2 J* cos 240‘ 

lO’^D 

~ (Attraction) 


ScA = 


5.40 X 1.35 V2/a cos240“ X 1.8 V2/8 

10’’D 


- lb. per ft. (Repulsion) 

On each Conductor: 

„ (13.1-h 13.1) Ja^ cos 30“ 

~ - 10’X> " 

* lb. per ft. (Upward) 

Sb = Sb' j Sb" 

^ , (- 13 .1sin 30“ 


- 1.63 
10’Z) 


Ib. p^ jft. . (Tpwai^ li^) 


Sb" = 


- i 13.1 U cos 30' 
lO’D 


lO’D 


lb. per ft. (Downward) 


Sb = 




10’D 
11.47 Ja^ 


lO’D 


V1.632 +11.35* 

lb. per ft. (Resultant) 


(13.1 sin30“- 4.92) 7.,* 
10’D 


= lb. per ft. (Toward Right) 


= 


_ — y 13.17a* cos 30' 
10’D 


-i 11.35 73* 


10’D 


lb. per ft. (Downward) 


5c = 


7a* 


^ X VI.63* + 11.35* 

lb. per ft. (Resultant) 


10 ’ 

11.47 7a* 


lO’D 

(6) Three Conductors in Plane 
CBAorABC 

Short-circuit occurring at instant of zero voltage 
in phase o. 

Between Conductors by Pairs: 


Sab — 


5.40 X 1.8 V2 78 X 1.35 V278cosl20‘ 
lO’D 

^6 ^ 5- lb. per ft. (Eepulsion) 


Sbc = 


5.40 X 1.35 7,cos 120“ X 1.35 Vl/8cos240“ 

” 10’ D 

= lb. per ft. (Attraction) 

5.40 X 1.35 7a cos 240“ X 1.8 v^78 


ScA = ■ 

- 6.55 78* 
On each conductor : 


2 X 10’ D 


lb. per ft. (Repulsion) 




(13.I H- 6.55) 7a* 
lO’D 

19.65 73* 


Sb = 


lO’D 
(- 13.1- 4.92) 78* 


lb. per ft. (Toward A) 


lO’D 

- 18.027s* 
lO’D 


lb. per ft. (Toward C) 


Sc = 


(- 6.55 -1-4.92) 78* 
lO’D 


- 1.63 7s* 
lO’D 


lb. per ft. (Toward C) 
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SWITCHES. BUSHINGS. LIGHTNING 
ARRESTERS—EXPERIENCES OP THE SOUTHERN 

™ “ssnrooo 

HFCH (Michenbr), 

CIRCUIT BREAKERS (Copley). 
MAGNETO-MECHANICAL LOADS ON BUS 
SUPPORTS (Robinson), 

Del Monte, Cal., October 3, 1923 

J. S. Thompson: I would Hke to have you consider what we 

eheve is a step in the right direction in regard to oil circuit 
breakers. Our factory has developed an oil circuit breaker with 
SIX brea,ks per pole, which is not a new idea at all. We have 
done It in a novel way in that we have not increased the number 
of pieces of insulation between the conductors and the ground 

auxiliary insulation between 
^ insulation is far from sufficient to main¬ 
tain Itself against the line’s voltage, but it is oidy subjected to an 
impressed voltagfe at the instant during which the breaker is be¬ 
tween the closed and the open position; it is of bakelite and rela¬ 
tively small and faUure of this auxiliary insulation simply would 
cut out certain of the breaks in the circuit. We have such an 
thhtee? a 60.000-volt line. This brealcer after breaking 

which failed to open the circuit, was then tested on direct dead 
s ort circuit. After having been tested once with no evidence 
of any form of distress, the engineers took the bold step of putting 
this breaker on the loaded system of the Pacific Gas & Elect^ 
Company, which was at that time being contributed to by Pit 
River, Drum Electra, Oakland and San Francisco. The 
breaker was subjected to short-circuit operations with this power 
^ncentrated on it (though I will have to say that the powm* was 
t disteibuting point by a llO-lcv, system Ind trans- 

thorough test It operated at 2000 amperes, which immediately 
dropped to 1350 or 1400. A Westinghouse relay closed the cir- 

for the mechanical operation of the tripping coil, and the move¬ 
ment of the blade out of contact, and nine cycles of diminishing 
amperes while the arc was being drawn-then five cycles between 

the rupturing of the arc and the end of the travel of the oil circuit 
breaker. 

So it took a total of just thirty cycles for the switch to range 
from the impression of the short through to the actual coming to 
rest of the switch. That was repeated again after the circuit 
breaker was opened and very minor injuries were shown, simply 
a certain amount of pitting of the arcing tips such as might be 
expected. Ihe circuit breaker is in shape to be closed in again 
on a similar load. 

recently oil switches have found 
very little place in my technical experience, but within the past 
few .weeks a problem involving the use of oil switches made it 
desirable to search our technical literature for articles expounding 
the theory of oil circuit breakers.' 

I found articles discussing mechanical features, test data, and 
applications, but almost nothing seems to have been printed in 
American technical literature as to the theory of oil circuit- 
breaker design. 

^ Eventually I discovered in a recent number of the “Revue 
Generale de L’electricite’’ an article on “Oil Switch Design” by 
Mr. P. Charpentier who signed himself Chief Designer of Service 
Apparatus in a factory at Jeumont, Prance, and a series of papers 
by D. R. Davies published in the London Electrician, the first 
of which appeared in a number published June 16th, 1922. 

These papers present the subject of oil circuit breakers entirely 
from a theoretical point of view but the language of the authors 


indicates men familiar with the manufactime and use of oil circuit 
breakers. 

Mr. Davies’ paper includes this definition ‘Breaking capacity 
iMy be defined as the maximum kilovolt amperes which the 
eirouit breaker can break under prescribed conditions, at stated 
intervals, a specified number of times.” 

I have found it interesting to attempt to apply the theories 
advanced m these papers to some oil switches now made by one 
of our well known oil switch manufacturers, and these results I 
shoiild like to e^l to your attention, not because of any con¬ 
viction as to their accuracy in determining from the dimensions, 
and speed of operation of a switch just what rating it should 
have, but rather to stimulate a research program which will 
develop our knowledge of the theory of switching, and thereby 
give us a more definitely rated product. 

Mr. Davies’ first article which has to do largely with the 
carrying capacity of switch parts as determined by their thermal 

pro^rties, and eddy current set up in them, needs no discussion 
at this time. 

The facts pointed out in his second paper are the size of arc as 
deter^ned by the current to be interrupted and its persistance 
ZeuU voltage, switch speed, and stored energy in the 

Mso there are many other important phenomena discussed in 
this paper but we have time to glean only some apparent evidence 
as to the futility of long breaks, the uncertainty of reliance upon 
explosion chambers, and an important reference to Dr. Bauer’s 
report to the Swiss Commission. From Dr. Bauer’s report we 
have two important constants, one the energy factor of 0.07 as a 
maximum for the relation between kv-a. interrupted and the 
^ount of energy which must be dissipated in the arc; the other 
is toe figure 46.6 which represents the number of cubic centi¬ 
meters of gas liberated for each kw. second of energy which must 
be taken up by the oil. These data were selected not because 
they are of necessarily greater importance than the other data 
given, but rather because they are likewise included in the formula 

Charpentier, the application of which I wish to call your 
attention. 

Time of break is fundamental, and according to Charpentier 
IS equ^ to w/v where U is voltage per break and V is average 
velocity of blade in cm. per sec. This constant was used in the 
Charpentier formula for standard switches with two breaks in 
senes, but if applicable directly to two breaks, should certainly 
a^ indicate much advantage for several breaks in series, even 
though some constant must be appUed to allow for a possible 
uneven distribution of the voltage over the several breaks. 

For example, last week I applied the Charpentier formula to 
several 46-kv. switches of standard make with the following 
results. Two break switch theoretical rating 3850 amperes. 
This switch is known to have interrupted successfully a number 
of times a short of 1,000 amperes, but finally it failed to properly 
care for a short of about this value. Tlin'^^ws a use of the 
formma not intended or else an omission of some factor that 
should be included. A four break switch of the same design 
shows by calculation a rupturing capacity of about 11,000 am¬ 
peres instead of the 3600 which experience shows to be its prob¬ 
able rating. Using eight breaks the calculated rupturing capac¬ 
ity is 30,000 amperes. 

We have however, a better check on a 30,000 ampere switch, 
from a known record of the operation of a 46-kv. switch with two 
breaks used on a 16.5-kv, circuit. The calculated breaking 
capacities for this switch 10,000 amperes, 27,600 amperes, and 
]^,000 amperes, for two, four, and eight breaks respectively. 
The four break switch actually did successfully rupture 20,000 
amperes without damage. 

Two sets of observations I have made also seem to check the 
value of the multi-break switch. One is the addition of more 
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s^ies breaks, without any other changes has transformed faulty 
operating switches into perfectly satisfactory ones. 

The second is that when two switches of like design but with 
different number of breaks are in series on a short circuit, the 
switch with the greater number of breaks shows less carbon 
deposit from the oil and less burning of the switch clip, than does 
the one with the smaller number of breaks. 

J, P, Jollyman: What kind of oil was used in the test? 

J. S. Thompson* We used a mineral sea oil, that is, one 
that is as free from water and acid as possible. We purposely 
avoid attempting to furnish a high grade oil. So, we use a 
mineral seal oil. 

H. Michenert I would like to ask what the test value of 
that oil was when the experiment started? 

J. S. Thompsons I don’t think I am able to answer that 
because I don’t think we tested that particular supply of oh. 
This oil, you know, deteriorates in a breaker. 

A. J. Bowie: I would like to ask if there was any explosion 
chambers on this 220 , 000 -volt breaker; also how many breaks they 
had and what was the most severe test to which the breakers 
had been subjected? 

R. M. Spurck* In Mr. Copley’s paper reference is made 
to the practise of lowering the transmission voltage by field 
control in order to extinguish short circuits or fiashovers. Such 
procedure, although effective, will, or has the disadvantage that 
it generally interrupts service and is liable to cause falling out of 
synchronous or induction apparatus in the area of the lowered 
voltage. The newer practise, namely, that of using automatic 
oil circuit breakers in combination with suitable relay schemes, 
makes it possible in net works or parallel lines, to automatically 
drop a defective section of the line without interrupting the 
service. 

Oil circuit breakers are available for interrupting any voltages 
«.t>h currents that are commercially required. These high- 
voltage breakers are necessarily expensive. This expense is due, 
primarily, to the large clearance required for insulation. That 
is, a breaker designed to give the insulation for a 220,000-volt sys¬ 
tem, will in general, have an interrupting capacity comparable 
with normal requirements of such a system. In spite of the 
expense of these breakers, it is believed that their use is justified 
for seetionalizing purposes because the fixed charges and opera¬ 
ting expense on them is small compared with the benefits derived 

from continuity 9 f service. . 

One of the types of breakers in operation on the 220,000-volt 
system on the Pacific Coast utilizes the explosion chamber 
principle. The advantages of the explosion chamber principle 
are many and among them are the following: In the inherent 
speed characteristio, that is, the pressure in the chamber acting 
on the moving contacts as a piston accelerates the opening speed 
by the amount it can load. The effect of the increased speed 
of the opening is also obtained by the pressure inside the cham¬ 
ber causing a rapid movement of oil through the breaking con¬ 
tacts. It is possible, by changing the clearance between the 
opening in the explosion chamber and the moving contacts to 
regulate the rate of liberation of gas from the explosion chamber 
to the outer tank and thereby control the pressure in the outer 
f.<tnV The ability to control liiis pressure permits the maximum 
interruption to be obtained from a given structure. The expul¬ 
sion of gas into a body of cooled oil cools the gas, reducing its 
value and causing the breaking capacity to be increased. 

The intarrupting rating of a fiow exchange type breaker has 
been determined by tests not only in the field, but also in the 
factory. The factory tests have been made under the worst 
conditions, namely, that of opening the circuit of a fully ^cited 
generator directly at the ^erator. The factory equipment 
consists of a 27,600-kv-a. generator complete with high-voltage 
transformers,, reactors, oscillographs, and speed and pressure 
xneasimng devices. Such apparatus, for instance, enables us to 


determine the magnitude of the pressure in the tanks, or explo¬ 
sion chamber, the rate of pressure formation, the arc length and 
other factors affecting the rupturing capacity.’ From this 
definite data and conversion factors obtained therefrom, calcu¬ 
lations can be made for other breakers. 

In connection with what Mr. Sorensen said, I might add that 
all of the theories so far published that I have seen have con¬ 
stants in them that have not been adequately determined. For 
instance, taking a 15,000-volt breaker, opening h low current, 
the arc duration will be from five to six half cycles. However, 
if the same breaker is called upon to interrupt 35,000, 40,000 or 
45,000 amperes, the arc duration drops down to one-half cycle. 

A. J. Bowie* I would like to ask Mr. Miohener what the 
short circuit would be on a 220-kv. line? 

H. Michenert I don’t know. 

E. R. StauRacher* I would like to emphasize something 
that Mr. Michener said in regard to the operation of the 220 
oil circuit breaker. That is we do not know what amount of 
ciurent the breaker had to interrupt. It might be stated that 
the current balanced relays were set to operate when an un¬ 
balance of 360 amperes occurs. The probable current interrupted 
was in the nature of 800 or 900 amperes. 

I would like to emphasize as strongly as possible that there is a 
great need for a discharge recorder on lightning arresters. That 
is, a discharge recorder which will give a reliable record of the 
time, and if possible, the magnitude of each discharge, and which 
will be sufficiently ru^ed and inexpensive so that it can be 
installed on a large number of arresters. Such a record taken 
over a few years, would go a long ways toward settling the con¬ 
troversy as to whether lightning arresters justify their expense. 

Time and ag^ain, we in the Southern California Edison Com¬ 
pany, have wished we had some sort of a recorder available for 
the studying of the arresters. We have developed a discharge 
recorder which will give the time, but which does not give the 
quantity of current wMch was discharged. In fact, the instru¬ 
ments used in the past have been sometimes destroyed, at other 
times the chart has been destroyed. 

If the manufacturers could see fit to attack this problem and 
develop some kind of an inexpensive recorder, I believe it would 
put the question of the application of lightning arresters on a 
much more definite and reliable basis. 

O. R. Schurifl* In the paper are given formulas expressing 
the electromagnetic force due to short-circuit currents in parallel 
conductors. It appears from the paper that the formulas are 
intended to be used for the calcidation of the loads acting on 
the busbar supports, during short circuits, for the purpose of 
obtaining the strength required for the supports. In other words, 
formulas liftfimug the electromagnetic force for a given value of 
current appear to be represented in the paper as defining, at the 
same time, the load acting on the support. While it may seem 
froih mere superficial analysis that, in a busbar structure having 
a number of equal spans as a continuous beam, each support 
would be acted on by a load equal to the. electromagnetic force 
per span,—^a more thorough exanuhation will show that the 
maximum load acting on the bus support will often differ materi¬ 
ally from the maximum electromagnetic force per span. The 
reasons are (1) that the electromagnetic force is suddenly ap¬ 
plied ha'ving periodic variations, and (2) that the busbar span 
and the supports have each their own natural frequencies and 
consequently respond differently to appUsd electromagnetic 
forces of different frequencies. Consequently, ^e formulas in 
the paper, give, in general, only roughly approximate values of 
actual loads acting on the bus supports during short bircuits. 
Experiments, the results of which will be published later, have 
shown that the TUfl-YiTmiTia. load which the support has to with¬ 
stand is in many cases, much smal ler than the electromagnetic. 
force (per span) calculated for ’the peak value of short-circiut 
current, but may rise well above the electromagnetic force so 
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calculated when the busbar is in resonance with the electromag¬ 
netic force. Both resonant and non-resonant structures occur 
among the customary designs. 

The difference between the electromagnetic force and the load 
acting on the support will, be seen more clearly from the following 
considerations: 

When an a-c. short-circuit current is suddenly caused to flow 
in a pair of parallel busbars, the two bars carrying equal and 
opposite currents, a rapidly varying pulsating force tending to 
push the bars apart is suddenly applied to the two conductors. 
The force is called the electromagnetic force. It is the driving 
force which tends to set the busbars into motion. The deflection 
of the busbar, and hence the stress set up in the busbar material 
as well as the load on the support, depend not only on the magni¬ 
tude of the driving electromagnetic force, but also to a large 
extent on the ability of the busbar to respond as a vibrating body 
to the rapidly recurring force pulses. The stresses caused in the 
busbar cross-section during its vibratory motion increase with 
increasing deflection of the busbar span and reach a Tna-yiimim 
at the instant of its maximum deflection. In stress determina¬ 
tions it is convenient to consider the equivalent uniformly 
distributed dead load per span of busbar, to be called briefly the 
“equivalent busbar load,” which may be defined briefly as the 
uniformly distributed dead load (per span) which creates the 
same busbar deflection (relative to supports) as that produced 
by the driving electromagnetic force in the busbar span at any 
instant during the vibratory motion. Thus the character of the 
equivalent busbar load is indicated by the character of the busbar 
deflection. 

In order to form a picture of the busbar deflectionsj it is neces¬ 
sary to consider the various components of the electro-magnetic 
force causing the deflections. It can easily be shown that a dis¬ 
placed sine-wave short-circuit current produces, at the beginning 
of the short circuit, an electromagnetic force of the following three 
components: a direct component, an alternating component at 
current frequency, and an alternating component at twice current 
frequency. It follows than that a busbar of very low frequency 
with respect to the cxurent frequency, will respond mainly to the 
direct force component, but only very feebly to the alternating 
force components, and will, therefore, vibrate almost purely at 
its own natmal frequency, approximately as if the alternating 
electromagnetic force components were entirely absent. Thus 
the maximum busbar deflection, and hence the maximum busbar 
load, may not occur until several (current) cycles after the peak 
current has occurred. Hence the maximum load is but remotely 
dependent on the initial peak electromagnetic force. 

On the other hand, a busbar of high frequency, with respect to 
the current frequency, will respond to all the electromagnetic 
force components with practically equal fidelity, in much the 
same manner as a high-frequency oscillograph vibrator traces 
true images of composite low-frequency current waves. Now, 
the maximum busbar load will be practically equal to the maxi¬ 
mum electromagnetic force per busbar span. 

Should, however, the busbar be at resonance with the electro¬ 
magnetic force, i. c., having a natural frequency equal to the 
frequency of one of the alternating components of the electro¬ 
magnetic force, the busbar will show a decided preference for the 
vibrations at the resonant frequency. Cumulative vibrations 
will occur, limited in magnitude only by the relatively low 
motional resistance of the busbar span. Thus the maximum 
equivalent busbar load may occur considerably later than the 
maximum short-circuit current, but may reach a value materially 
greater than the peak electromagnetic force. 

The above considerations indicate that the maxinniTn busbar 
load will frequently differ substantially from the peak electro- 
magnetic force, both in regard to magnitude and time of occur¬ 
rence. The maximum support load will not generally be exactly 
equal to the maximum busbar load, because the support also has a 
natural frequency of its own, largely independent of the busbar 


natural frequency, and will therefore respond selectively to the 
various frequencies of the driving-force components. Conse¬ 
quently, the support load will differ, in a great many cases, from 
the maximum electromagnetic force. 

To summarize: The formulas in the paper give definite values 
of electromagnetic force. The maximmifi , load acting on the 
supports during short circuits very often differs matemlly from 
the maximum electromagnetic force, the relationship depending 
on the natural frequencies of the busbar and of the supports as 
well as on the short-circuit current, as will be more fully brought 
out in a subsequent paper. Formulas for electromagnetic force, 
such as those presented in the paper, give as a rule only a very 
rough approximation to the support loads due to short-circuit 
currents. 

E. G. Allen: Mr. Robinson calculates the force between con¬ 
ductors under a three-phase short-circuit which occurs at the 
instant of zero voltage in phase o. Under these conditions he 
finds the force at the moment the current in conductor a is a 
maximum which he calls 1.8 V 2 7», evidently allowing 10 pef 
cent decrement in the first quarter cycle. At this instant the 
current in h and c would be - 0.9 V 277, as the current in h 
equals that in c and the sum of currents in a, b, and c equals zero. 
Under these conditions, the instantaneous force between con¬ 
ductors is— 


Skb 


5.40^ X 1.8 V 2 It X 0.9 V 2/3 
10» D 


17.5 

lO^D 


8bc 


5.40 X .9 V 2/8 X 0.9 ^| 21s 
lO^D 


8.75 

lO’D 


ScK 


5.40 X 0.9 V 2 7, X 1.8 V 2 Ja 
2 X 10» D 


8.75 Ja» 
10»D 


.A 

.B 

.C 


Sk 


26.25 78« 
10»I> 


-8b 


26.25 7»8 
10» D 


-8c = 0 

Although the above equations show the force at time of maxi¬ 
mum current in o, they do not give the condition of -maxirmiTn 
stress. Under the short circuit conditions assumed, the force 
in the middle conductor is U maximum 160 deg. after the moment 


of short circuit, when it is, without decrement 


35.7 
lO^D * 


-The 


maximum force in the outer conductor is slightly less and occurs 
164® 28'.65 after the moment of short circuit. However, analysis 
shows that the stress in conductor a is stiU greater when the short 
circuit occurs 15 deg. before the cinrent in a is a maximum, and 
that the maximum force occurs 180 deg. after the short circuit. 
Under these conditions the instantaneous force on a, without 


decrement, is equal to 


34.8 73« 
10^7) 


and on b. 


37.4J8» 
107 7 ) ' 


- If 10 per cent current decrement is allowed, these values will 
be reduced to 81 per cent of their given value, but it should be 
borne in mind that these are instantaneous values of the force 
upon the conductors. The average values over the cycle are 
much less. The difference is a pulsating force tending to put 
the bus bars into vibration^ The inertia of the bar is generally 
such that if the average force were withstood, the pulsatiag force 
would cause vibrations amountiag to but a small fraction of an 
inch. This leads to the thought that stresses set up by short 
circuits might be greatly reduced if some sort of flexible support 
were provided which would permit the pulsating forces to be 
absorbed by the inertia of the bar. 
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The analysis leading to the above is briefly as follows: 
Neglecting decrement of current, the equations of the un- 
symmetrical short-circuit currents are: 

= A [cos (l9 -h a) — cos a ] 

12 *= A [cos (fl -f a — 120) — cos {a — 120) ] 
u = A [ cos ( fl -f a — 240) — cos (a — 240) ] 

Where A == max. valiie of symmetrical current 

= elapsed time (degrees) between moment of short 
circuit and moment under consideration. 

«= time (degrees) between moment of max. current 
and moment of short circuit. 

5.40 

Force in middle bus = (ia iz — i\ iz) 

10' jb 


_ . , 5.40 f . . , iiU \ 

Force m outer bus = "][o^ H-^ } 

Where S = distance between bus bars in a plane— 

Prom the above: 

iz is - ilia = V 3/2 A« [sin (20 2 a - 240) - 2 sin (fl + 2 a 

— 240) + sin (2 a — 240) ] 

This is a Twn.YiTrmm or minimum with respect to a when 
o£ = - 15 - fl/2 or 75 - 9/2 or 165 - fl/2 
It is Tnn.YiTmiTn or minimu m with respect to fl when 

e = 40 - 4 a/3 or 160 - 4 a/3 or 280 - 4 a/3 
For mfl.Yimiim with respect to both a and 6 
e = 180 deg. 

a = — 15 deg. or 75 deg. or 165 deg. or 255 deg. 
Under any of these conditions 


ii is - ii ia =2 V 3 A* and F - 


18.72 A* 
10^-S * 


If 7s = root mean square current = A/ V 2 


37.4 7s" 
10^8 


L. H. Robinsons I agree with Mr. Schurig that the method 
submitted in my paper, gives only approximate results and 
consequently I prefer to use a liberal factor of safety. If vibra¬ 
tions of the bus and its supports, due to currents of ordinary 
frequency (25, 50 and 60 cycles per second) with common sizes of 
bus bars, lengths of span, etc., may augment or partially neutral¬ 
ize the external force; formulas correlating these factors with 
the bus currents, and experimental (wnfirmation of these for¬ 
mulas win be valuable and useful. 

H. Mlchenert Twelve of the twenty-eight 220-kv. oil 
switches referred to in the paper have been operating on balanced 
relays since early in September. These switches have given 
very satisfactory performance. A ground on a section of line 
thus protected causes only a momentary drop in system voltage 
of approximately 10 per cent. After as many an five automatic 
bperaitioiis under short circuit to ground conditions and perhaps 
fifty non-automatic operations for rotittne line switching, inspec¬ 
tions have shown only slight burning on the Contacts and some 
minor mechanical defects. 

The longest section of line being switched out automatically 
up to t he present time is 98 miles. About March first, a section 
of the line 166 miles long will be arranged for automatic isolation 
on balanced relays. 

The actual currant values which occur at the tune of a short 
circuit to ground are very problemhtic. Using the calculating 


table which has been constructed for the purpose of studying 
short-circuit cmrents on the system, it has been determined 
that with the present generator capacity the maximum current 
value on the 220-kv. lines is about 5000 amperes in case of a 
three-phase short circuit. This is the instantaneous current. 
In about two-tenths of a second the current is reduced to’about 
half that value. 

A. W. Copley: With reference to Mr. Bowie’s question as 
to the construction of the 220-kv. circuit breaker which I de¬ 
scribed, I will say that this breaker is built with two breaks per 
pole and without explosion chambers. 

A high speed of contact separation is obtained by means 
of arcing contacts held to the stationary contact parts by a spring 
and latched to the moving contact parts in such a way that the 
aicing contacts maintain connection until the main moving 
contacts are open several inches. The latch then releases 
allowing the arcing contacts to be quickly retrieved upward by 
means of a spring while the moving contacts are at the same 
time moving downward at high speed. 

Mr. Bowie also asks concerning the tests for the determination 
of interrupting capacities. Tests at full rupturing capacity on 
the 220-kv. breakers naturally have not been made because of 
the inability to obtain the necessary combination of high energy 
and Tiigb voltage for adequately determining such interrupting 
ability. However, tests have been made on similarly designed 
breakers for somewhat lower voltages and these have demon¬ 
strated their ability to more than meet the guaranteed inter¬ 
rupting capacity. It is fully expected, therefore, that the rated 
interrupting capacity of the 220-kv. breakers will be found to 
be conservative when the systems to which they are connected 
have grown to the point where this rating is reached by the re¬ 
quirements of service. 

Mr. Spurck has described another design of circuit breaker 
for 220-kv. service in which the explosion chamber is utilized. 
While the value of this device may be open to question in theory, 
the only complete answer as to the dependability of the breakers 
will be obtained by service records at a later date. Testing 
interrupting ability by means if a special generator and other 
testing equipment is of very great value and should be followed 
out further. But, it is evident that obtaining of the necessary 
energy a ud voltage to make adequate tests on a breaker with an 
interrupting capacity of more than 1,000,000 kv-a. at 220 kv. 
is hardly possible at this time. 

The theories as to the mathematical determination of oil 
circuit breaker interrupting capacity as described by Professor 
Sorensen, are of considerable interest. But the best guide at 
present in determining capacities is obtained by actual test 
fl.n6 operating experience with the various types of breakers. 
I believe that the factors entering into the determination of 
rupturing capacity are so numerous and complex that it will be 
difficult to express the resiilt in a mathematical formula. It is 
of value, however, to continue to work toward this end along 
with tests and operating experience from which the final answer 
must be obtained. 

It might be inferred from the discussion by Mr. Thompson 
that high quality of oil is not of vital necessity in high-voltage 
circuit breakers. While there is some evidence in favor of such 
a conclusion, there is also much reliable evidence to the effect 
that a poor quality of oil has caused many switch, failures. It 
is therefore premature, to say the least, to ignore this factor 
and until much more is known about breaker operation on high 
voltages no oil but the best should be used. 
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I. General 

HE most important chapters in electrical engineer¬ 
ing are those dealing with efficiency, heating, 
magnetism and insulation. 

In the field of insulation, our knowledge is most 
backward. 

In regard to efficiency, with efficiencies of electrical 
apparatus of 90 up to over 99 per cent, nofurtherradical 
progress appears feasible. 

In magnetism, the losses in an alternating field have 
been reduced so far, that they have ceased to limit, by 
their heating effect, the size of apparatus, but are merely 
a factor in the efficiency. An increase of the saturation 
density would decrease the size of apparatus, but is 
excluded by its inherent chemical limitations. 

Heating specifications are not made for other classes 
of apparatus, such as prime movers, etc., and if an 
important subject in electrical engineering, it is almost 
entirely because the insulation of the apparatus is 
destroyed by the higher temperatures. Thus the prob¬ 
lem of the heating of electrical apparatus is essentially 
one aspect of the insulation problem. 

In our high-voltage apparatus, cables, etc., we operate 
the insulation at voltage stresses which rarely exceed 
much the disruptive strength of air, though laboratory 
tests often show this insulation to have a disruptive 
strength of 10 to 20 times that of air. 

All phenomena of nature are very complex. There¬ 
fore, in calculating a phenomenon or designing an ap¬ 
paratus, we must approximate by neglecting “second¬ 
ary terms," and take care of these by an allowance, 
a margin or a factor of safety. Obviously, the more 
completely a phenomenon is known and understood, 
the closer it can be calculated, in other words, the less 
is the margin or safety factor required in order to allow 
for the unknown stresses, etc. The margin or safety 
factor, which experience shows as necessary, thus is an 
indication of the exactness of our knowledge of a phe¬ 
nomenon. For example when dealing with magnetic 
phenomena, with efficiency, with heating, etc., we have 
to allow a margin of a few per cent only. In testing 
the insulation of apparatus however, the A. I. E. E. 
standards specify a test voltage more than twice the 
delta voltage, though the normal stress is the Y voltage. 
That is, we require a safety factor of over 3.46, a 
margin above normal of over 246 per cent. 

The insulation problem has become of increasing 
importance with the rapid advance of electrical en¬ 
gineering into higher voltages. Not many years ago 
44 kv. was the highest transmission voltage for re- 
liabili^ of operation of overhead lines. Now we have 


reached 220 kv. Then 12 kv. was the highest satis¬ 
factory cable voltage; now we have reached 22 kv. 
and a few cables of 33 kv. and higher, but cables at 
33 kv. are still semi-experimental. The comparison 
shows that the advance in pushing cable voltages up to 
higher values, has been slower than with overhead 
lines, and our knowledge of liquid and solid insulation, 
such as come into consideration in the cable wall and 
the machine insulation, is materially less advanced 
than that of air as dielectric. With regard to air, a 
good working theory has been established, by con¬ 
sidering the dielectric strength of air as analogous to. 
the m^hanical strength of structural materials. The 
theory recognizes a definite dielectric strength of air, 
or a disruptive breakdown gradient, of 30 kv. per cm. 
at normal air density. Puncture occurs when this 
dielectric strength is exceeded, just as mechanical 
disruption occurs, when anywhere in a mechanical 
structure the stresses exceed the elastic limit of the 
material. This conception of a definite breakdown 
strength then was extended to liquid and solid dielec¬ 
trics, but with these, it failed to give a satisfactory 
explanation of the mechanism of the breakdown, more 
particularly of the all-important feature of the time 
lag of disruption. And even with air, the theory of a 
constant breakdown gradient, as modified by the con¬ 
ception of the energy distance, is satisfactory only 
within a certain range. ' 

II. Air as Dielectric 

The present practically universally accepted theory 
of a dielectric strength of air at and near atmos¬ 
pheric pressure, as most completely developed by 
Mr. F. W. Peek, Jr., is: 

Air has a definite and constant “dielectric strength," 
at which it ceases to be an insulator and becomes a 
conductor, that is, breaks down electrically. 

The dielectric strength of air is proportional to the 
ail’ density, and is 30. kv. per cm. at normal air density 
of 0 deg. cent, and 76 cm. barometer. 

The dielectric breakdown (or puncture) of air does 
not occur as soon as the voltage gradient in the di¬ 
electric field exceeds the dielectric strength at any 
point, but the voltage gradient in the field must exceed 
the dielectric strength over a finite distance, the so- 
called “energy distance.” 

The energy distance depends on the convergency of 
the electric field at the place where the breakdown 
occurs, and is the less, the more convergent the field. 

The energy distance between parallel cylinders 
(wires) of radius R is 0.3 V^; between spheres of 
radius R it is, approximately; 0.64 ^y^R, where 
5 = air density (with normal air density as unity). 
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Thus the breakdown gradient at the surface of two 
parallel cylinders of radius Ri&: 

/ 0.3 \ 

(,. = 80 6 (l+ ^—) 

at the surface of spheres it is 

/ 0.54 \ 

= 30 5(1-1-—=) 

For gaps of a length less than the energy distance, 
a higher breakdown gradient is required, the more so, 
the shorter the gap. The law is unknown. 

The space in the dielectric field in which the dielectric 
strength is exceeded, becomes conducting, and, if ad¬ 
jacent to the terminals, becomes a part of the terminal. 
This changes the configuration of the dielectric field 
and if thereby the dielectric strength is exceeded in 
other parts of the dielectric field, these also break down 
and become conducting, until either the breakdown 
extends from terminal to terminal, the air gap punctures 
and short-circuits by a spark discharge (which tends to 
develop into an are), and the current rises and the 
voltage drops to the short-circuit values of the supply 
source. Or the breakdown in the dielectric field limits 
itself, producing a new configuration of the dielectric 
field, containing conducting regions, in which the air 
is broken down and luminous by "corona,” separated 
by insulating air spaces below the breakdown gradient. 
In this case the discharge cmrent is limited to the 
small "corona current.” A further increase of voltages 
then may extend the breakdown across the terminals 
and change the limited discharge into an unlimited 
spark discharge. 

Between needle points, corona always precedes the 
spark discharge; between spheres at moderate distance 
(less than 3 to 4 times the radius of the spheres), 
spark discharge occurs without corona. 

The disruptive discharge of single gaps in air, is 
instantaneous, that is, no time lag is produced in the 
spark gap, if no corona precedes the spark discharge, 
and the gap length is greater than the energy distance. 
When with rising voltage corona precedes the spark 
discharge, a time lag exists. With gaps of less than the 
energy distance, and multigaps, a time lag also seems 
to exist. The combination of resistance in series and 
capacity in shimt to an instantaneous spark gap gives 
the gap a time lag owing to the time required to charge 
the capacity by a current limited in value by the 
resistance. Without a capacity in shunt, an otherwise 
instantaneous sphere gap in series with a resistance 
lags by the time of charging the capacity of the spheres 
themselves, through the series resistance. For high 
values of resistance, this may become quite consider¬ 
able, especially with large spheres. 

This standard theory of dielectric strength of* air at 
and near atmospheric pressure is fairly satisfactory for 
gaps ranging between the energy distance and a larger 
value where corona begins. 


For gap lengths less than the energy distance, the 
standard theory'does not apply. 

For gaps in which corona precedes the spark dis¬ 
charge, the law does not seem to satisfactorily agree 
with experience. Between spheres, corona appears 
only at gap lengths materially larger than those in 
which it should appear according to the theory. Also 
the disruptive voltage at which spark discharge occurs 
between needle points, is materially lower than cal¬ 
culated. This may partly be accounted for as follows: 

(a) The space filled by corona is not a p^ect con¬ 
ductor, but has a finite resistance, which depends on 
the corona density, thus on the voltage, frequency, etc. 

(b) It is practically an impossibility to calculate 
accurately the final dielectric field and its voltage gra¬ 
dients, as resulting from the partial short circuit by the 
corona, of regions of the initial dielectric field, even if 
the resistivity of the corona regions were neglected. 

(c) The nature of the corona-filled space is that of 
an unstable third class conductor, which tends to 
produce local oscillations and other transients, and 
thereby rapid variations of the result^t field and 
premature breakdown. Incidently, when high-fre; 
quency oscillations and other low-power transients of 
unknown origin appear in a system, it is advisable to 
look for the existence of corona somewhere in the cir¬ 
cuit, as possible cause. 

The theory of the dielectric strength of air at and 
near atmospheric pressure, outlined above, is based on 
the distribution of dielectric stresses and therefore 
depends on the configuration of the dielectric field. As 
the dielectric field is essentially determined by the 
shape of the terminals, the latter thus is of fundamental 
importance. At the same time, in the "conduction of 
gases in a vacuum” a theory has been developed, based 
on convection phenomena by carriers, the ions, and in 
this theory the configuration of the dielectric field and 
the shape of the terminals is practically not considered, 
and the two conceptions thus apparently are out of 
line with each other, though the phenomena of the 
Geisler tube and those of air at normal pressure should 
differ quantitatively only, by the different value of air 
density 5. 

Approximately, and within a limited range, the 
voltage e required to break down a gap of length I at 
air density 5, is constant as long as the product 1 5 is 
constant, that is, for constant quantity of air within 
the gap. In other words, for different air densities 5, 
the gap length I at constant voltage e varies inversely 
proportional with the air density 5. The air densities 
in vacuum tubes usually vary from one thousandth to 
one millionth of normal air density and less, and even 
the longest vacuum tubes usually therefore correspond 
at atmospheric pressure to gaps of very small length, 
greatly within the energy distance. In other words, 
the phenomena Of vacuum tube conduction coirespond 
to the phenomena occurring in very small gaps at 
. atmospheric pressure, where the Conventional theory 
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does not apply, and the configuration of the field and 
the shape of the terminals become of lesser importance. 
Inversely, the voltage phenomena of the Geisler tube, 
may also appear in the dielectric strength of large gaps 
at atmospheric pressure, as terminal phenomena, 
though then secondary in magnitude to the gradient 
voltages of the dielectric field. . 

The conventional theory considers only the voltage 
gradient or intensity of the dielectric field as determin¬ 
ing the dielectric strength, but not the direction, that 
is, assumes the same breakdown strength for either 
polarity of the impressed voltage. This resulted from 
the use of alternating voltages in determining the laws 
of the dielectric strength of air, due to high direct volt- 



0 2 4 6 8 10 12 14 

GAP IN CENTIMETERS 
Fia. 1 

age of considerable power being unavailable xmtil 
recent years. It is very far from correct, however, and 
in aii unsymmetrical field, the disruptive strength with 
the voltage in one direction, may be more than twice 
that with the voltage in opposite direction. As illus¬ 
tration, Fig. 1 shows the striking distances between a 
needle and a 12.5 cm. sphere, for various gap lengths. 
Curve I gives the results with the needle positive, 
curve. II with the needle negative, and curve III with 
alternating voltage. As seen, I and II differ greatly, 
II being more than twice the voltage of I. The alter¬ 
nating curve approximates I, as is to be expected. In 
the voltage range between I and II, such an unsym¬ 
metrical gap rectifies. 


Investigation shows that it is the form and intensity 
of the dielectric field at and near the positive terminal 
which has. the greatest effect on the disruptive voltage 
of the air gap, while the field at and near the negative 
terminal is of secondary importance. Thus if at con¬ 
stant gap length the positive terminal is gradually 
changed in steps from a sharp point to a flat ’platOj 
while the negative terminal remains unchanged in form, 
the disruptive voltage changes correspondingly over a 
wide range. A corresponding change in the physical 
form of the negative terminal however, with the posi¬ 
tive terminal remaining unchanged in form, varies thie 
disruptive voltage relatively little. 

In Fig. 1, curve I approaches the striking distance 
curve between needles, as modified by the different 
distribution of voltage gradients due to the large 
negative terminal, and curve II similarly approaches 
the striking distance curve between 12.5 cm. spheres. 

This suggests the explanation that the disruptive 
discharge is due to carriers of current produced by the 
field at the positive terminals, the positive ions possibly. 

Tests made at atmospheric pressure on very small 
gaps—down to fractions of microns—show that with 
decreasing gap length the voltage does not indefinitely 
decrease, but reaches a finite minimum value, of 
about 320 volts, and becomes apparently constant at 
this value. This would be the minimum voltage re¬ 
quired to disrupt an air gap, no matter how small. It 
means that with decreasing gap length, the voltage 
gradient of the air film rises to very high values, and 
such thin air films have an extremely high dielectric 
strength; gradients of 6.2 million volts per cm. have 
been reached. 

Inversely, with increasing gap length, the voltage 
increases with the gap length, and proportional thereto, 
from an initial value of about 320 volts. The increase 
with increasing gap length, however, is not at the rate 
of the dielectric strength of air, 30 kv. per cm., as 
might be expected, but is at approximately twice this 
rate; about 60 kv. per cm., up to voltages of about 
4500. Then the increase of voltage wdth increasing 
gap length decreases and approaches the normal value 
of the breakdown strength, 30 kv. per cm. 

The voltage e required to break down an air gap of 
length I and uniform dielectric field intensity thus 
would consist of 

(1) A constant voltage Ci = 320 volts = 0.32 kv. 

(2) A voltage gradient of about 60 kv. per cm. 
over a short length k = 0.07 cm., giving a constant 
voltage ea = 60 Zo kv. 

(3) The voltage gradient of dielectric strength, 
go = 30 kv. per cm., for the rest of the gap, I — k, or 
go = BO {1— lo); . thus giving a total voltage, ap¬ 
proximately: 

e = 01 + fia + fis 
= 0.32-H 30 Zo + 30 ? 
or, if Z< io, simply 
e = 0.32 -h 60 1 
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In a non-uniform field, the breakdown would occur 
from the positive termini up to the distance, to which 
the breakdown gradient go = 30 extends, and this space 
is filled with corona. 

In Appendix I is given a suggestion of the mechanism 
of the dielectric breakdown of air by carriers issuing 
from the positive terminal. 

III. Liquid Dielectrics 

Oil and similar materials (as petrolatum in the high- 
potential cable impregnation) are the most important 
liquid insulating materials and are depended upon for 
the insulation of the highest voltage electrical 
apparatus, the transmission power transformer. The 
fairly satisfactory agreement of the behavior of air as 
insulating material, with the theory of a definite 
dielectric strength, modified by the conception of the 
“energy distance"'^ led to the application of the same 
theory to liquid dielectrics. Here, however, the agree¬ 
ment with experience is not satisfactory; and tests 
show that oil does not have a practically available 
definite dielectric strength, but successive tests made 



Fig. 2 


with all precautions with the same oil in the same gap 
(using such a large quantity of oil as to exclude the 
effect of deterioration) differ from each other by values 
many times greater than the possible errors of observa¬ 
tion. The upper curve on Fig. 2 shows the deviation 
from average of 100 successive tests, of the disruptive 
voltages of an oil gap, and the lower curve shows the 
corresponding results with an air gap. Plotting the 
number of times each deviation from average occurs, 
in A# as function of the value of deviation, gives a 
probability curve. 

The most satisfactory explanation of the mechan¬ 
ism of the breakdown of oil and other liquids seems 
to be that based on the assumption of lack of homo¬ 
geneity, namely that the breakdown of an oil gap 
is the result of materials of different conductivity or 
specific capacity being sucked into the gap by the 
dielectric field, or being produced in the gap by it, and 
so causing a distortion of the field, with local high 
densities, at which disruption begins. This can be 
visually shown by dropping a minute quantity of 
water or other foreign material into an horizontal 


sphere gap in oil, at moderate voltage between the 
spheres, and observing the resultant motions and 
deformations. It is even somewhat questionable 
whether liquid dielectrics have a definite dielectric 
strength at all, or whether disruption does not always 
occur through gases produced from the dielectric by 
the electric stress. A discharge through oil seems 
always accompanied by the appearance of gas bubbles, 
and while the gas bubbles may not be the cause, but 
the result of the discharge, there are some differences 
in the shape of the striking distance curve of an oil 
gap from that of an air gap, which look as if the dis¬ 
ruptive discharge in air is the result of the action of the 
dielectric field on the air, while the disruptive discharge 
in oil is the result of the action of the dielectric field on 
a material produced from the oil by the dielectric 
field, that is, the dielec^c field produces dissociation 
or ionization of the oil, and the disruption occurs 
through the gases of ionization. 

IV. Solid Dielectrics 

The dielectric strength of solid dielectrics is often 
expressed by the disruptive voltage gradient in a 
uniform field, in kilovolts per cm., or per mil. Such 
an expression however, is meaningless, unless ac¬ 
companied by a statement of the thickness of the 
dielectric, to which it applies, as the dielectric strength 
of solids varies with the thiclmess, sometimes by many 
hundred per cent. Besides this, the disruptive strength 
depends on the temperature, the duration and rate of 
the voltage application, the humidity, previous history 
of the sample, etc., and even with tests made under 
identically the same conditions, just as wide differences 
occur between successive tests of solid dielectrics, as 
shown by Fig. 2 to occur in liquids. The “disruptive 
strength of a solid dielectric” thus has only a limited 
meaning, and that, when the conditions are fully given. 

Disruptive strength tests of solid dielectrics are 
usually made on sheets between metal plates as ter¬ 
minals, to produce a uniform dielectric field. This is 
open to the objection that at the edges of the terminals 
the field is not uniform. However, experience shows 
that puncture does not always occur at the edges of 
the terminal plates, but often inside, and by throwing 
out the tests in which the disruption takes place at the 
edge of the terminals, and averaging those in which the 
disruption occurs well inside of the terminals, fairly 
representative results are secured. 

Two phenomena come into consideration in solid 
dielectrics: The electric conductivity and the dielectric 
losses in an alternating field. 

The dielectric has an appreciable though usually 
very low conductivity. That is, under an impressed 
voltage, a slight current is conducted through it, 
causing a loss of power and thereby a heating of the 
dielectric. The power consumed by ohmic conduction 
in the dielectric usually is extremely small, at least at 
atmospheric temperature. The conductivity usually 
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increases very greatly with the temperature, often 
approximately exponentially, (for instance, increases 
ten-fold for every 25 deg. temperature rise, so that at 
high temperature the dielectric may become a good 
conductor). Often, the conductivity also increases 
wdth increasing voltage. In an alternating field, the 
resistance loss usually is very small compared with 
the other dielectric losses. 

Under an alternating voltage, losses occur in the 
dielectric, more or less of the nature of a dielectric 
hysteresis. While probably mainly proportional to 
the frequency, some of these losses may increase faster 
than the frequency, some at a lesser rate, giving in the 
latter case a dielectric loss at zero frequency. 

These dielectric losses may be represented by an 
energy current and an effective conductivity of di¬ 
electric hysteresis, and lead to a power factor of the 
dielectric. If the energy current of dielectric losses is 
proportional to the frequency and to the voltage, and 
the dielectric power loss therefore proportional to the 
frequency and the square of the voltage, then the 
power factor of the dielectric circuit is constant and 
independent of the frequency and the voltage. An 
increase of power factor with increasing voltage shows 
losses increasing faster than the square of the voltage, 
such as losses due to ionization of gas spaces inclosed 
in the dielectric; a decrease of power factor with 
increasing frequency shows losses increasing less than 
proportional to the frequency, or constant losses such 
as ohmic conduction losses. 

The observation of the power factor thus is one means 
of judging the nature of the losses in the dielectric. 

A dielectric of high disruptive strength in general 
has low conductivity and low dielectric losses, thus a low 
power factor in an alternating field; but the reverse 
is not necessarily the case, that is, a dielectric may 
have low conductivity or low power factor, and still 
be of poor disruptive strength. 

It is doubtful whether a true dielectric strength of 
solid insulation exists, that is, a definite voltage 
gradient at which the dielectric is disrupted directly 
by the intensity of the dielectric field; or if it exists, 
it is so far beyond the disruptive strength observable, 
as to be of no practical consideration. That is, 
puncture of a solid dielectric probably in practise always 
occurs as the result of a more or less rapid progressive 
deterioration, far below the true dielectric strength, 
and the latter may be of moment only under direct 
lightning condition, for instance, in the puncture of a 
sheet of insulation by a powerful Leyden Jar discharge 
(giving the characteristic appearance of an interhd 
explosion). 

The mechanism of the breakdown of a dielectric 
under electric stress, may probably be any of a number 
of possibilities, thermal, mechanical, chemical, physical, 
etc. 


Mechanism op Thermal Breakdown op the 
Dielectric AS Third Class Conductor 

Many, if not most of the dielectrics in reality are 
third class conductors, that is, have in some range of 
their voltampere characteristic such a high negative 
temperature coefficient of conductivity, that in tem¬ 
perature equilibrium the voltage decreases with in¬ 
creasing current. 

Suppose a uniform sheet of solid dielectric is exposed 
to a constant direct voltage between two conducting 
terminals. Due to the slight conductivity of the 
dielectric, a current then flows through it at a uniform, 
though very low current density. This consumes 
electric energy, converting it into heat, and gives a 
slight temperature rise of the dielectric. Now, no 
material can be absolutely imiform and homogeneous, 
and thus in this sheet of dielectric there will be some 
spots of a slightly higher conductivity. However 
slight the difference, at such a spot the current density 
must be slightly greater, thus the energy consumption 
and the heat production slightly greater, giving locally 
a slightly higher temperature rise. ‘ However little 
this may be, if the conductivity of the dielectric in¬ 
creases very rapidly with increasing temperature, it 
will lead to a slightly higher current density, a corres¬ 
pondingly higher energy consumption and heat pro¬ 
duction and thus temperature rise, and so on. Two 
possibilities then exist, either the heat which can be 
conducted away from such a **hot spot^^ due to its 
temperature rise, is more than the heat produced by 
the increased conductivity due to the temperature rise. 
Then the temperature of the hot spot finally limits 
itself, and stable thermal conditions pertain. Or the 
heat which can be conducted away from the hot spot 
into the dielectric, by the temperature rise, is less than 
the heat produced in the dielectric by the increased 
conductivity due to the temperature rise. Then the 
conditions are unstable, that is, the temperature con¬ 
tinuous to rise and the conductivity to increase in¬ 
definitely, until the energy concentration at the hot 
spot becomes destructive, and the dielectric is destroyed 
by‘"puncture,” 

The successive steps of this phenomenon ha,ve been 
observed by limiting the current density by suitable 
terminals and can be calculated from tests made on the 
conductivity of the dielectric at various temperatures 
and voltages. 

As the energy consumption by the conduction current 
varies with the square of the voltage, there is thus a 
definite voltage—^for * a given set of conditions—^at 
which instability is reached and puncture results, and 
this voltage is the “breakdown voltage,” its volt¬ 
age gradient the “dielectric strength^ of the 
material under the conditions of test. This voltage 
depends upon the initial temperature, and considerably 
decreases with increasing temperature; at higher 
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temperature, a lesser temperature rise is necessary to 
reach unstable conditions, and at the higher initial 
temperature the phenomenon starts with a higher 
conductivity; that is, greater power consumption and 
heat production. The heat conductivity of the di¬ 
electric and of the terminals and other surrounding 
objects, and their ability to quickly absorbing heat, 
that is, their specific heat, are essential factors in 
determining the value of the puncture voltage. An 
essential factor also is the relation between temperature 
and conductivity of the dielectric, etc., so that the 
^‘dielectric strength’'^ thereby determined, is very far 
from a constant for the material. 

Suppose the “hot spot” is filamentary in shape. 
That is, the diameter of the spot of slightly higher 
conductivity (or temperature) at which the breakdown 
starts, is small compared with its length in the direction 
of the lines of force, so that heat conduction from it is 
essentially into the dielectric. Then a change of thick¬ 
ness of the dielectric will not affect the heat conduc¬ 
tion, and in this case it follows that the disruptive 
voltage is proportional to the thickness of the dielectric, 
its dielectric strength independent of the thickness. 

Suppose however the “hot spot” is plate-shaped, 
that is, its dimension parallel to the lines of force 
(from terminal to terminal) is small compared with 
its diameter parallel to the terminals, so that the heat 
conducted from it flows into the terminals. Then an 
increase of thickness of the dielectric gives an increase 
of heat to be conducted through a longer distance 
through the same area, thus instability is reached at 
a lower voltage gradient. In this case it is found that 
the pimcture voltage is proportional to the square root 
of the thickness of the dielectric, and the dielectric 
strength inversely proportional to the square rpot of 
the thickness. 

In general then, in dielectric breakdown by tem¬ 
perature instability, depending on the path of the heat 
conduction, the puncture voltage varies between the 
firat and the 0.5th power of the thickness of the di¬ 
electric, and the dielectric strength or breakdown 
gradient varies between independence of the thickness, 
and the—0.5th power of the thickness of the dielectric. 

This phenomenph of dielectric breakdown by thermal 
instability is the re^t of the increase of energy loss 
in the dielectric, with increasing temperature, and 
occurs wherever the losses greatly increase with the 
temperature. While its mechanism has been illus¬ 
trated above on ohmic conduction in a direct-voltage 
field, the same phenomenon occurs in the same manner 
in an alteniating field, and as the result of the specific 
losses of the nature of a; dielectric hysteresis, as far as 
these losses increase ^th the temperature. The in¬ 
crease—and usually very rapid increase—of the power 
factor with the increase of temperature of most di¬ 
electrics shows that the losses in the* dielectric in an 
alternating field, increase with the temperature, and 


thermal instability leading to puncture at “hot spots” 
thus results. 

Mechanism op Disruption Due to Mechanical 

Instability 

Suppose a dielectric encloses a particle of a higher 
conductivity or higher specific capacity. An electric 
field then exerts a mechanical force on this particle, 
which tends to elongate it in the direction of the 
electric field, and to compress it at right angles thereto, 
that is, tend to form it into a filament short-circuiting 
the dielectric field. With liquid dielectrics, this can 
be observed visually by dropping a little water into a 
horizontal sphere gap in a transparent oil. Each 
droplet, as it is sucked into the field between the spheres, 
lengthens into a filamentary conductor which bridges 
between the terminals, and then is destroyed with a 
flash by the heat of the current conducted by it. A 
similar phenomenon occurs with moisture in a solid 
dielectric, except that the puncture usually is per¬ 
manent; occluded moisture mo™g under electro¬ 
static forces through the pores of the solid dielectric, 
may form a conducting bridge between the terminals 
and by the heat of the current in the moisture filament 
start destruction of the dielectric. Or the moisture- 
thread may partially bridge between terminals and 
locally short-circuit the field, which will cause excessive 
dielectric stresses in the part of the gap in series with 
the moisture filament. In these over Strained portions 
of the field, destruction starts by thermal or chemical 
instability, etc. 

In impregnated insulation, where the impregnating 
material is liquid or viscous, motions of the impreg¬ 
nating material through the impregnated material may 
result from the mechanical forces caused by differences 
in specific capacity or conductivity of the materials, 
leading to a redistribution of the impregnating material. 
Conductivity and specific capacity here act in the same 
direction, in general. The differences in specifi ccapacity 
of different dielectrics are however relatively small; 

' rarely more than 1 in 6 in materials which are suitable 
for apparatus insulation; while the same constituent 
mat^ials may differ in conductivity over an enormous 
range. The final effect of conductivity as compared 
to specific capacity is likely therefore, to be much 
greater. On the one hand, the mechanical forces due to 
differences in specific capacity appear instantaneously, 
and thus are present also in alternating fields. On the 
other hand the differences due to difference in con¬ 
ductivity appear gradual, being accompanied by the 
formation of local internal electrostatic charges, and 
may require seconds or even minutes for their com¬ 
pletion. These local changes would not be present or 
only partly present in alternating fields, and the 
mechanical actions of alternating fields thus differ from 
those of continuous fields. This can conveniently be 
observed visually on sphere gaps in oil. 
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Mechanism op Disruption by Chemical 
Deterioration 

Suppose the dielectric contains a particle of higher 
specific capacity or higher conductivity. Let us 
assume, at first, this particle to be spherical in shape, 
and of relatively infinite specific capacity or con¬ 
ductivity, that is, short-circuiting the field (for instance, 
an oil of 10 megohms resistivity would fulfil this con¬ 
dition in a dielectric of 1000 megohms resistivity). 
Then the density of the lines of dielectric force inside 
of the spherical particle is three times that in the sur¬ 
rounding dielectric, and—at least temporarily, until 
a redistribution of internal charges has occurred—the 
density of the lines of dielectric force and thus the 
voltage gradient in the dielectric outside the poles of 
the spherical particle would be three times normal. 
It would be less than three times normal, if the specific 
capacity or conductivity of the spherical particle differs 
less than given above from the surrounding dielectric. 
But it would be greater if the particle is not a sphere, 
but more irregular in shape, and would assume much 
higher values at the edges and at points of the 
particle. Thus in the dielectric adjacent to edges or 
points of an enclosed particle of higher specific capacity 
or conductivity, very high-voltage gradients occur, and 
may be far beyond the dielectric, strength of the ma¬ 
terial, and lead to local breakdown of the material by 
what may be called '‘electrostatic cutting edges.^' 
With organic insulation, the effect usually would be 
carbonization by high local temperatures, a chemical 
change which in general increases the conductivity. 
The mechanical electrostatic forces brought about 
hereby are in the direction of the field, so that the shape 
of the product of chemical deterioration tends toward 
the form of a conducting needle, with excessive voltage 
gradients in front of it, gradually piercing the dielectric 
until final puncture occurs between the terminals. 
Thus in a laminated insulation consisting of very many 
layers, a foreign particle in one of the layers though 
originally forming only an insignificant part of the 
total thickness of the dielectric, may gradually but 
cumulatively, in the course of time, pierce and destroy 
the insulation by its electrostatic cutting edges, the 
average voltage gradients within the dielectric, being 
still very low compared with the tested “dielectric 
strength*^ of the material. The destruction will be 
the faster, the higher the local voltage gradient. This 
seems to be the main reason why such excessive margins 
are required in high-voltage insulation, to give reason¬ 
able length of life. 

Ionization 

The specific capacity of the common solid dielectrics 
is from 2 to 8 times that of air. Thus if air pockets 
are contained in the dielectric, the electric stress in the 
air is niuch higher than in the solid, and as the break 
down gradient of air is low, it breaks down with the 
formation of “corona,f* giving heat and chemical 
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action, and such ionization due to enclosed air probably 
is a frequent cause of disruption. It is guarded against 
by excluding the air by impregnation with a material 
of higher dielectric strength and higher specific capacity, 
such as oil. It means however, that the process of 
impregnation to be effective must be perfect. 

It is interesting to note that some of the mechanisms 
of breakdown, as thermal instability and mechanical 
forces, are reversible, that is, at the withdrawal of the 
voltage, the original condition may gradually return, 
leaving the dielectric undamaged, while the chemical 
deterioration by the electrostatic cutting edges or by 
ionization is irreversible, that is, what damage has been 
done is permanent and remains at the withdrawal of 
the voltage, and at the next application of voltage, 
the deterioration progresses further. 

In non-homogeneous dielectrics, such as laminated 
insulation, due to the differences in the ratios of the 
respective specific capacities and the specific conduc¬ 
tivities of the component dielectrics, gradual changes 
may occur in the distribution of the voltage gradients 
through the dielectric, with the formation of internal 
charges, which continue for some time, thus resulting 
in a corresponding change of the dielectric stresses. 

V. Time Lag of Insulation 

The two important properties of insulation are its 
dielectric strength and its time lag. The former means 
that there is a limit in the voltage gradient up to which 
an insulation can hold back the voltage, and when 
this voltage gradient, the “dielectric strength^' or 
“disruptive strength'^ of the insulation, is reached, 
disruption occurs and the insulation ceases to insulate, 
becomes a conductor. 

Experience shows the following condition: At 
least with very many insulations, the voltage at which 
disruption or breakdown occurs, depends on the time 
or duration of voltage application. The lower the 
voltage, the longer the time it has to be applied. There 
is a minimum voltage, which continuously applied, 
still just disrupts the insulation, and invei^ly, the 
higher the voltage, the shorter is the time during which 
it has to be applied. 

This time, during which a given voltage has to be 
applied to cause disruption, is called the “time lag'^ of 
this voltage. The ratio of this particular voltage of 
brief application to the voltage which permanently 
applied breaks down the insulation, is (^lled the 
“impulse ratio'' of the time of voltage application. 

Time lag bears to dielectric strength, in electrical 
engineering, a relation similar to the one between 
elasticity and mechanical strength in mechanical en¬ 
gineering; if it were not for elasticity, there would 
be no mechanical engineering. A pebble dropped on 
an armor plate would shatter it,-—since theoretically, 
at the point of impact, without elasticity infinite me¬ 
chanical forces would be produced. 

So without the phenomenon of time lag, there would 
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be no electrical engineering, as there would be no 
possibility of insulation, since every insulation, even a 
low-voltage lighting circuit, is theoretically constantly 
eicposed to transients of infinite voltage (though 
negligible energy), that is, far beyond its possible 
dielectric strength, by the inductive and capacity 
effects of any change of circuit conditions, and thus 
saved only by the time lag of its insulation. 

Just as the relations between mechanical strength 
and elasticity give the wide variety of structural 
materials, on which the mechanical engineer depends, 
and which we denote by brittle, tough, ductile, elastic, 
rigid, flexible, yielding, etc., etc., so the relation of 
time lag to dielectric strength gives us insulating 
materials of widely different properties and correspond¬ 
ingly widely different uses—^but our knowledge in this 
field is unfortunately still very limited. 

To illustrate the importance of the time lag: Ex¬ 
perience as well as calculation shows that in 2300-volt 
primary distribution circuits during thunder storms, 
potentials of short duration of the magnitude of 
hundred thousand volts are not infrequently produced 
by the setting free, by the lightning flash, of the 
bound charge of the atmospheric electrostatic field. 
The lighting transformers distributed over these cir¬ 
cuits are not, and economically cannot be insulated to 
stand this voltage continuously. Hence, they must 
depend on the time lag of their oil insulation to stand 
the lightning voltage until it is dissipated or discharged 
by the lightning arrester. Inversely, the time lag of 
the lightning arrester must be so short, and its dis¬ 
charge rate so high, as to discharge the lightning voltage 
in a time less than the time lag of the transformer, 
bringing the voltage down to values safe for the 
transformer. 

Prom the pnenomenon of time lag it results that the 
rate of voltage application has a discriminating effect. 
Suppose two insulations are used in parallel, the one of 
lower dielectric strength but higher time lag than the 
•other. (Asforinstance, the oil insulation of a transformer 
and the surface air insulation of its entrance bushings). 
At very rapid voltage application, the voltage may 
rise beyond the dielectric strength of the stronger 
insulation of shorter time lag, in less than the time lag 
of the weaker insulation, and the former thus punctures, 
while with a slower voltage application the weaker 
insulation of greater time lag would puncture. Thus 
under lightning conditions, the transformer bushing 
may flash over, shbrt-circuit and blow the fuses without 
^y damage to the transformer, while under high 
potential test the oil insulation may puncture far 
below the voltage at which the busings flash over. 

To illustrate the importance of this discriminating 
•effect of ra,te of voltage rise: The insulation of high- 
voltage transmission lines depends on sectional or 
string insulators. With these, it is very desirable that 
in case of a failure the insulator disks should flash over 
rather than puncture. The transmission insulators 


thus are designed for a puncture voltage much higher 
than the flashover voltage, and 60 cycles tests as well 
as high-frequency tests show such insulator strings to 
flash over and not to puncture. Nevertheless lightning 
pimctures them not infrequently. The time lag of 
flashover is greater than that of puncture, due to the 
relatively high capacity of the insulator string. There¬ 
fore, under lightning conditions, that is, very rapid 
application of voltage of considerable energy, the 
voltage reaches puncture values in less than the time 
lag of flash over, while in low-frequency tests flashover 
limits the voltage, and in high-frequency tests the rate 
of voltage application is reduced, that is, the wave 
front flattened by the capacity of the insulator string, 
unless there is very great power back of the voltage, 
so as to maintain it against the short-circuiting effect 
of the capacity of the testing appliance (so-called 
"^lightning generator’^ • 

Time lag op Soud and Liquid Insulation 

When the mechanism of the dielectric breakdown of 
the insulation consists of a cumulative thermal, me¬ 
chanical or chemical effect, as discussed above, it 
inevitably involves a time lag, and usually a con¬ 
siderable one. 

This time lag may be as short as a fraction of a 
second, such as occurs in the electrostatic field of an oil 
gap sucking in a moisture droplet, stretching it into a 
filamentary conductor, bridging between the electrodes 
and flashing over. In the formation of hot spots in 
solid insulation, it may take minutes and hours, until 
the process leads to the final disruption, and may extend 
to days and years in the chemical action of ionization, 
etc., so that here the time lag of the insulation break¬ 
down gradually merges into the aging or deterioration 
of the insulation. 

For instance, under overload a cable may get over¬ 
heated and some hot spots form in the insulation and 
finally, after some hours, lead to a puncture. If 
however the load is taken off before the final breakdown, 
the cable cools and the hot spots disappear and leave 
the insulation undamaged, and we say that the cable 
has been saved by the time lag of insulation and no 
harm done by the temporary overload, because in this 
case of approaching thermal breakdown the process is 
reversible. 

If however, under high-voltage test, ionization occurs 
in the cable and by chemical action begins to destroy 
the insulation, we also may say that the cable is saved 
by the time lag of chemical breakdown, if the over¬ 
voltage is taken off before failure has occurred. How¬ 
ever, as this process is not reversible, some damage has 
been done, and at the next overvoltage further damage 
is done and adds itself, until final disruption occurs. 

In some respect, we may thus consider the gradual 
and slow aging and deterioration of the insulation 
dumg the years of use, which limits its final life, as a 
progressive breakdown, afid the entire life of the 
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to the dielectric field intensity g, and therefore in the 
time t acquire the velocity », in a uniform field: 

V = gt (1) 

In a non-uniform field, the velocity would be given 
by: 



Let us assume that there is a critical velocity »o, 
at which these carriers produce additional earners by 
collision, with the atoms or molecules of the air or gas. 

The time ti required to reach collision velocity Vo 
then is, 



and the distance, within which this is reached: 

ti Vq Vq^ 

= 2 ~ 2g 

thus: 

♦ 

hg = = const. 

or, in a non-uniform field: 

gdl = -y = const. 

This is of the dimension voltage- That is, a 'definite 
voltage, 



is required to raise the free conducting carriers of the 
air to the collision velocity Oo, at which they produce 
additional carriers from the atoms or molecules. 

The voltage eo may be considered as of the nature of 
a terminal drdp, which must be present before the for¬ 
mation of conducting carriers can take place. 

It then would be the minimum voltage, approached 
for minute air gaps: 

eo = 320 volts. 

2. As the conductivity of the air rapidly disappears 
vnth the withdrawal of the dielectric field, these con¬ 
ducting carriers must be very short lived. 

Let then go be the voltage gradient, at which the rate 
of production of conducting particles equals their rate 
of decay, and the number of conducting particles, that 
is, the conductivity of the air, remains constant (what¬ 
ever may be its value, whether high^or low), 

O = g-go (8) 

then is the rate of increase of conducting particles, or 
the “ionizing force,” and 
c - Gl 

= ( 8 )- 



(4) 

(5) 

( 6 ) 


or in general, in a non-uniform field: 


c = J" (g- go) d I (10) 

O 

is the total production of conducting particles in the 
distance I, or the ionic density or conductivity produced 
by the gradient g in the distance 1. 

If we assume that the conducting particles or car¬ 
riers are produced from the gas molecules by collision, 
the ionic density or conductivity c must reach a finite 
mayiTnum value, at which “complete ionization’^ of 
the gas has occurred, and the conductivity thus reached 
its maximum or “short circuit” value Co. 

Dielectric breakdown thus would be characterized 
by 

Co = (g - go) U = constant = Ci (11) 

or, in a non-uniform field 

I 

Co = J* (g — go) d Z = constant = ex (12) 

O 

This quantity ex is of the dimension of an e. m. f. 
and may be called the “conduction voltage.” 

To cause dielectric disruption of an air gap, there 
must thus be available a dielectric field giving 

(a) A terminal drop eo = 320 volts. 

(b) An excess gradient g, above the critical gradient 
go (the so-called “dielectric strength of air”), extending 
over such a distance U as to integrate to a definite 
voltage ext required to produce complete ionization or 
maximum conductivity of the air. 

(c) The normal or critical gradient go, required to 
maintain the conductivity, and extending as far as the 
breakdown extends. 

3. Applying this to the air gap between spherical 
electrodes: 

With spherical electrodes of radius r, assuming first, 
that the other electrode is of such shape or so far away 
as not to distort the field, if we denote 

Qr thegradientatthesurfaceof the sphere of radius r. 

ro the radius, at which the gradient has decreased 
to go 

we have, at radius x, 

(13) 


and 


Co 


fO 

ro 1 

f 

2 

ro \ ^ 

= 1 (g - go) d z = go 1 ’ 

( 

- ) - 1 1 

X / 

r . 

r ' 


4 

= »»( r +>'-2>-o) = 

go 

r 

■ (To - rY. 



it follows, solving for ro 



(14) 
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= r 


1 + 


m 


V r 


and the voltage gradient at the surface of the electrode 
sphere is 


dr 


gii 




<7o 


1 + 


m 


Vr 


or approximately 

( ^ 2 m 

Or = (h 1 1 + — 

I Vr 

where 


(15) 


(16) 


is, the gap length Z is less than the length Zo, within which 
the density of conducting particles increases from the 
low density existing in the free air, to the maximum 
density, where maximum conduction is produced, and 
the dielectric gradient thereby has dropped to go, so 
that no further increase of ionization occurs. 

The conductivity throughout the gap then varies 
from the low initial value to the maximum value of 
gradient go, and its average is half the maximum value, 
and the average gradient throughout the gap thus is 
twice the minimum value go. 

That is, in a short gap, the average gradient must be 
2 go, and the voltage consumed by the gradient (which 
might be called 'Weam voltage,'* in distinction from 
the voltage eo of (7) or the “terminal drop") thus is: 

ei = 2.go I (22) 


“ = >1 (17) 

^ . 7(1 

g(i “ 5 goo, where 5 = air density and goo equals 
critical gradient at normal air density 5 = 1 , at 0 
deg. cent, and 76 cm. barometer. 

It thus is 

(18) 


* (19) 


( 20 ) 


= J -£»- (21) 

> diU, 

and Co is the (total) conduction or ionizing voltage, 
goo the critical gradient at unit air density, and 5 the 
air density. Equations (14), (16), (18) and ( 20 ) are 
the equations of energy distance and of surface gradient, 
given by Peek, and are here derived from the concep¬ 
tion of the dielectric breakdown as a conductivity 
phenomenon. 

4. With small gaps between plates or spheres of a 
diameter large compared with the gap length, the 
dielectric field and the gradient are uniform throughout 
the gap, and the maximum gradient, or gradient at the 
electrode surface, equal to the mean gradient through¬ 
out the gap. 

g = c/Z 

and the conduction voltage required to produce maxi¬ 
mum conductmty is by ( 11 ) given as 

ei **= (g- go) I (11) 

(a) Assume the gap length is so small, that the 
ionic density increases throughout the entire gap, that 


ru 


d 


r 


1 -|- 


V^r 


g(i(i 5 


goo 5 


1 + 

V«r J 


1 •+• 


2mt) 


VSr J 


where 


this gives as the total voltage consumed by the dielec¬ 
tric breakdown of a very small gap of length Z, 

6 = ^0 H" 

= Co + 2 go Z (23) 

b. Assume the gap length I to be greater than the 
ionizing distance Zo, that is, the distance in which equa¬ 
tion ( 1 ) produces maximum conductivity. Dielectric 
breakdown of the gap then requires the voltage 

«0 = (g - go) Zo 

as the voltage producing the conducting stream, or the 
“terminal drop" (though not limited to the terminal 
alone). 

= 2 go Zo 

as the voltage consumed by the average gradient 2 go 
in the distance Zo, in which the conductivity is pro¬ 
duced by ( 1 ) 

02 = go (Z — Zo) 

as the voltage consumed in the rest of the gap (Z — Zo) 
by the gradient go required to maintain conductivity. 
The total voltage thus is, 

e =60 + 61 + ^2 

= Co + 2 go Zo + go (Z — Zo) 

= 60 + go Zo + go Z (24) 

= jEZo 4- go Z 

where 

•Z57o = Co H“ go Zo (25) 

is the total excess voltage over that consumed by the 
critical g-adient go in the gap Z. 

c. Assume now that the gap is larger and the field 
is not uniform. 

As go is the minimum gradient of ionic conductivity, 
that is, the gradient required to maintain constant 
conductivity, the conductivity of the gap space can 
extend only up to the distance from the electrodes, 
within which the gradient g is greater than go. 

The dielectric breakdown thus extends up to the 
distance of the gradient go, arid within this distance Z', 
the voltage consumed must exceed the value of break- 
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down gradient times distance V, by the total ionizing 
voltage Eo of (25), that is, must be 
e' -\- Eo go I' 

or, since 

/ 

e* — J g dl 

o 

it is 

t* 

Eo = J (g- go) dl = eQ -\r goh (26) 

o 

that is: 

The voltage c in paragraph 3, which gives the 
constant m in Peek's equation (14) etc., is not merely 
the excess voltage eo required to produce the conducting 
stream, but is the sum of this voltage plus the excess 
voltage goh required by the excess gradient in that 
part of the field, in which the conductivity has not yet 
reached full value. 

Eo = c (27) 

5. Consider now numerical values. 

Prom test values of small gaps between large spheres 
and between a large sphere and a plate, we find, 
e = 320 + 59 Z 
= So + 2 go ? 

This gives 

60 = 320 volts 

2 go = 59 is in good agreement with go = 30, as the 
temperature correction has not been applied. 

For medium gaps, (case 4b,) the tests give, 
e = 2370 + 30 1 

Thus 


6 . The polarity of the charge of the conducting 
particles or carriers, which give the dielectric break¬ 
down of air gaps at atmospheric pressure, can be deter¬ 
mined by the action of unsymmetrical gaps at direct 
voltage. Consider an unsymmetrical air gap such as 
that between a needle point and a plate, or between a 
small and a large sphere. In such a gap, with increasing 
applied voltage, the critical gradient go is first reached 
and thereby the production of conducting particles 



Pia. 4 


started at that terminal, which has the greater curva¬ 
ture and thus the higher gradients, the point or small 
sphere. If then the polarity of this terminal is that 
of the conducting carriers, these move outwards away 
from thp terminal, towards the opposite terminal, and 
thereby short circuit the gap and cause disruption as 
soon as the average gradient is sufficiently high to 
maintain the conducting stream across the gap. If 


Eo — 2370 = Co 
This gives by (17) 


m 


I 2.370 
y 30 


= >70.079 = 0.28 


in good agreement with Peek’s value: m = 0.27 or 

0.56 


= 9o 1 


while Peek gives 


fl'o 


1 + 




0.54 

1 + — 
Vt 


The limit k between equation (23) and (24) is 
e = Co -h 2 go Z = 0.-320 -f- 60 Zo 
c = jE7o 4" go Z — 2.370 -|-30 io 
lo — 68 X 10 "® cm. 

which is in close agreement with the experimental data 
given in the tables and figures, of h = 69. 

In Figs. 4, 5 and 6 are given numerous test values 
taken under various conditions, as indicated, with the 
theoretical curves shown by the drawn lines. 



however, the larger terminal—plate or large sphere— 
is of the polarity of the carriers, a higher voltage across 
the gap is required before the critical gradient is ex¬ 
ceeded and the swarm of conducting carriers started 
at this larger terminal and disruptive discharge occurs. 
At the smaller terminal, in this case, the formation of 
conducting carriers has started already at lower volt¬ 
age, but these carriers do not move away from the 
terminal and across the gap, and thus dp not ca,Use 
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break down, but move towards the terminal near which 
they started, and form a local corona in the space at 
and near this terminal. 

Thus with unsymmetrical gaps, the direction of the 
polarity of the applied voltage should make a difference 
in the disruptive voltage, and this voltage be higher 
with the voltage in one direction, than with the voltage 
in the opposite direction. As the average gradient 
in the space in which the conducting particles are 
formed, was shown to be about twice the breakdown 



gradient of air, the disruptive voltage of such an 
unsymmetrical gap should be about twice as high with 
the voltage of the carriers on the large electrode, than 
with the voltage of the carriers in the opposite direction. 
Fig. 1 shows this, and also shows that the disruptive 
voltage is lower with the small terminal (the needle 
point in this case) positive. 

It follows from this, that the conducting particles or 
carriers, which carry the disruptive discharge in air at 
atnaospheric pressure, are positively charged, that is, 
they may be the positive ions, but cannot be the nega¬ 
tive electrons. 

7. Dielectric conduction thus may be either ionic, 
or electronic. The relation possibly is the following: 

At atmospheric pressure the voltage required for 
ionic conduction, that is, disruptive discharge, is much' 
lower than the voltage required for electronic conduc¬ 
tion, and the conduction, that is, the disruptive dis¬ 
charge through air, is ionic, that is, by positive carriers. 
With decreasing air pressure, the voltage required for 
ionic conduction decreases, approximately proportional 
to the air pressure, and the conduction thus remains 
ionic. At some low pressures a minimum value of 
voltage (or rather voltage gradient) is reached. Then, 
with further decrease of air pressure, the voltage of 
ionic conduction again increases, due to the decrease 
of carriers, and finally passes beyond the voltage of 
electronic conduction. The phenomenon then changes 
its character, ionic conduction ceases and electronic 
conduction begins. At high vacuua, the conduction 
thus is electronic. 

There is a difference between ionic and electronic 
conduction: Ionic conduction permits practically 


unlimited current, and when it begins, thus short-cir- 
cuifs the gap and drops the voltage. Electronic con¬ 
duction however is limited in current, and when it 
occurs, the voltages can be maintained and still further 
raised. At such high vacuua, where the voltage of 
ionie conduction has risen beyond that of electronic 
conduction, and the conduction become electronic, the 
voltage can be raised beyond the value of ionic conduc¬ 
tion through the traces of residual gases, and then 
ionic conduction again begins and ^'short-circuits” the 
electron tube, thus limiting electronic conduction. 
Therefore a practically perfect vacuum is needed for 
pure electronic conduction in the modem high-power 
electron tube. 

On the other side, with pressures higher than atmos¬ 
pheric, the disruptive voltage increases with increasing 
pressure, and approximately proportional thereto, as 
shown by experiment. It may be expected then, that 
at some high pressures the voltage of ionie conduction 
increases beyond that of electronic conduction, and the 
latter limits the increase of disruptive strength of gases 
at high pressures. While this field has been little 
investigated, experiments indicate that the dielectric 
gradients of air and gases with increasing pressures 
reach a limiting value somewhere at 1000 kv. per cm. 


Discussion 

R. W. Sorensens My first point is in connection with the 
statement that we use our insulations under stresses which rarely 
exceed the breakdown voltage of air, though tests show a strength 
of 10 to 20 times that of air for many of the insulations used. 
This plea for a more strenuous use of insulating materials is 



Pia. 1 —^Abcinq Potential vs. Gap Length 
Between Needle and Sphere, 12.6 cm. dla. 

Curve I—Direct Current, Sphere Negative 
« n— “ “ “ Positive 

“ III—Alternating Current, Maximum Values. 


interesting in the light of a request in another paper given this 
morning, in which the author recommends a decrease in the 
test voltage applied to transformers with one terminal grounded. 

In Pig. 1 of the paper the curves show the interesting fact 
that a given potential wiU cause spark over between a point ^d 
a sphere for much greater spacing when the sphere is negative, 
than win be the ease with the needle points negative and the 
sphere positive. The results shown in Pig. 3 have been dupli¬ 
cated by Messrs. Otis and Mendenhall, two students at Cali¬ 
fornia Institute of Technology as shown by the curves in Pig. 1 
a(;eomr a'»y i'»^ g tblp discussion. In making these tests the high- 
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voltage alternating current was rectified by means of a two- 
segment commutator driven by a two-pole synchronous motor. 

The a-c. curve is very much like that obtained by Hayden 
and Steinmetz, but the d-o. curves differ in shape because of the 
pidsating current obtained with the commutator, whereas 
Hayden and Steinmetz had very steady current delivered by a 
four kenetron rectifier. An explanation of the dip in these 
curves would be very interesting. 

In John S. Townsend’s “Ionization of Gases by Collision’’ is 
found this statement “When the point is negative, the strong 
field is near the negative electrode, so that the potential re¬ 
quired to produce a discharge is less than when the point is 
positive.’’ Also in “Conduction of Electricity through Gases,’’ 
1906 edition, by J. J. Thompson on page 498 we find this state¬ 
ment “.this minimum potential depends upon the 

sharpness of the point, the pressure and nature of the gas, and 
the sign of the electrification of the point, being less if the point 
is negatively than if it is positively electrified.’’ Hence we have 
from these authorities statements which, at fiirst reading, appear 
quite contrary to those given in this paper. 

There is, however, some confusion as to the definition of the 
term “spark discharge,’’ in the texts referred to the term does 
not seem to apply, to an arc current and the voltage required 
to cause it, but means the point at which a leak discharge only 
and not a complete arc over occurs between the electrodes. 
In fact in one treatise on the subject of ionization this definition 
appears: “Sparking potential may be defined as the potential 
which is required to maintain a very small current in the gas.’’ 

Dr. Millikan has explained the Hayden-Steinmetz results on 
the basis of the increased difficulty experienced in extending the 
ionization envelope with negative points, as compared to that 
phenomena for positive points, hence the required higher poten¬ 
tials for a breakdown over a given distance. 

In discussing the mechanism of “thermal breakdown of 
dielectrics’’ the paper follows the work of Mr. Wagner as pub¬ 
lished in the Journal for December 1922, but Wagner does not 
deduce the same law. Also some tests we have made in our 
laboratory do not conform the deduction that puncture voltage 
is proportional to the square root of the thickness of dielectric. 

To emphasize “time lag” is indeed worth while as our experi¬ 
ence shows it an important factor in making an analysis of volt¬ 
age stresses on insulations, and indicates that an intensive study 
should be made of the laws which govern it. It may be of 
interest to note here that in testing thousands of porcelain 
insulators I have found that very few which stand a potential 
test at m i ni m um arc over voltage for fifteen seconds, fail when 
the potential is applied for a longer time. In testing apparatus 
insulated'with brganio insulating materials very of ten potentials 
apparently harmless when applied for short periods will cause 
breakdown when applied for longer periods of time. 

At the bottom of the last page: “It follows from this, that 
the conducting particles or carriers, which carry the disruptive 
dischai^e in air at atmospheric pressure, are positively charged, 
that is, they may be the positive ions, but cannot be the negative 
electrons.” 

If an atom is ionized and you have your positive ions turned 
loose what becomes of the negative ions, where do they-go? 

Then follows: “At atmospheric pressure the voltage re¬ 
quired for ionic conduction, that is, disruptive discharge, is 


much lower.than the voltage required for electronic conduction.’’ 
This is explained further on in the paper. If you have a perfect 
vacuum, as stated, how would you have the pure electronic 
conduction? I presume tubes in which there are heated fila¬ 
ments have been used. 

C. P. Steinmetz t The paper deals with a subject which has 
assumed, in the last year, a still greater importance than it had 
before, that is, the problem of high-voltage insulation and 
mechanical breakdowns. 

This is such a vast field and so much work has and is being 
done, and can be done, that the paper must necessarily be only 
a general part of the preliminary announcement of the results 
and investigations, with a more complete record of results to 
be aimounced at some future occasion. 

There is, however, one feature which begins to get clear, 
namely, that our conception of insulation and of breakdown of 
insulation again begins to change and to be subjected to multi¬ 
plication. To members iq the early days, insulation was merely 
a boundary bar. We knew, by experience, that a tenth of an 
inch of insulation of a conductor would protect it against 2300 
volts. Then, when it came to higher voltages we realized that 
there is something occurring within the boundary bar, of im¬ 
portance, and it is not merely the material, but there is a dielec¬ 
tric field with potential radius and other things within the 
boundary bars which require consideration and study, and which 
we are studying. 

Now, it seems that our views are just beginning again to get 
a multiplication with respect to at least the failure of insulation 
and the mechanism of breakdowns. It seems to be clear that 
the mechanism of breakdowns, under the failure of insulation 
on high voltage is a phenomena of instability. In other words, 
it is not that insulation fails, that dielectric brealrs down, when 
electric stresses are beyond limits and value, but.it is said that 
under conditions very much lower than those gradients in 
lightning conditions of instability occur which gradually brings 
about the multiplication and changes leading ultimately to a 
breakdown of insulation. It is, therefore, a condition of instabil¬ 
ity of constants of material which instability brings about, 
largely upon lesser changes, which leads either to destruction 
or breakdown. Therefore, the mere reduction or stress on the 
insulation is not a factor which saves breakdowns, but that the 
new problem of insLilation seems to assume the shape of arranging 
of designs in the dielectric field of insulation, so as to get the 
condition of stability and not instability. That is the future 
which seems to impress itself upon us. The more we study the 
problems of insulation we find that it is not existing stresses that 
cause this, but largely it is the result of stability, or instability. 

Now, that is not only true in solids, but probably in the air. 
In this respect we could point out the same idea that the dis¬ 
charge makes its own gradient. Now, you have the same con¬ 
ception there, that it is the discharge which is taki-ng place in the 
dielectrio field about conditions which are unstable. We all 
know that if we had 2,000,000 volts spread over, I don’t know 
how many thousand inches, there could be a gradient that 
would be so low there would be no puncture and for that dis¬ 
charge under such Conditions. By the discharge makiTig its own 
gradient tiiere would be produced a dielectric condition of 
instability which would finally lead to* self-destruction. 
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Review of the Subject.—It is the intention of this paper 
to briny out some of the special conditions which affect the operation 
and desiyn of machiiuTij for long transmission lines and the dis¬ 
cussion is eonjined largely to waterwheel generators and syn¬ 
chronous condensers. 

Under Ike subject of generators, the following points are dis¬ 
cussed: Leading currant drawn by transmission lines and its 
effect upon the stability and mechanical design of generators; 
chnracterisHc curves of generators designed for operation at leading 
power factor; special winding connections which increase the 
capacity of generators for leading power factor operation for 
temporary periods without increasing their weight and cost; de¬ 
scription of general construction and ventilation of a SS,000-kv-a. 
vertical vudcrwheel generator. 

The following points are duemsion with reference io synchro¬ 
nous condcnsei's: Operation at leading and lagging power factor 
and how it affects the stability cost and weight of the machines; 
special winding connections and their effect on stability; general 
mechanical construction iiith pnrlicidar reference to damper 


winding design and the use of sheet steel end bells; the importance 
of losses and a curve showing values it is possible io obtain on 
machines vnih the latest improvements in design; starting kv-a. 
and how it may be minimized by the use of ail pressure in the 
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HILE the design of waterwheel-driven generators 
and synchronous condensers for long trans¬ 
mission lines is, in general, the same as for other 
applications, there are often special conditions imposed 
on machinery for long transmission lines which make 
the design special and of greater cost and, in the case 
of large high speed units, often difficult. A better 
knowledge of these operating and design difficulties 
by both operating and designing engineers might 
enable them to modify the conditions in such a manner 
as to obtain a lower cost and better operating^ in¬ 
stallation as a whole. Some of the special conditions 
applying to the design of machinery for long trans¬ 
mission systems are discussed in this paper with this 
idea in view. 

Leading Current and Stability of Generators 

The effect of the leading current taken by a long 
transmission line upon a generator is shown by curves 
in Fig. 1. Curves 1, 2 and 3 represent the saturation 
curves for no-load, full-load, 0 per cent power factor 
lag and full-load 0 per cent power factor lead, respect¬ 
ively. The shape of curve 3 below the point c is of 
little practical value and is out of the range of practical 
operation. Assuming that an external power factor 
of 0 per cent lead could be maintained and no losses in 
the circuit the curve 3 would extend down to the point 
e and have a shape similar to curve 2. This assump¬ 
tion, of course, never exists. It would mean condenser 
capacity approaching infinity and no resistance. 
In actual practise the resistance and losses in the 
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circuit would tend to give curve 3 a shape indicated 
by a df. However, this means that the machine 
must produce torque and that its power factor is not 0. 
With such low excitation as indicated by the point d 



Fig. 1—Representative Saturation Curves 


even a salient pole generator cannot supply the required 
torque for the losses of the machine and line and will 
"'slip a pole” or “pull out”. Therefore, in practical 
operation curve 3 cannot follow either the shape ad e 
or below some point such as c. If in practise 
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it is attempted to operate the machine on curve 3 
below point c, the generator will slip a pole as stated 
above and the excitation which was negative will 
become positive with respect to the voltage on trans¬ 
mission line (since it is reversed) and the voltage will 
rise from the value c to the value g. This, of course, 
is a dangerous condition and care must be taken in 
the design of generators which must supply high values 
of leading current to prevent the necessity of the field 
excitation being reduced to such low values that the 
generators will not have sufficient s 3 nichronizing power 
or stability. It is not considered good practise to go 
below zero excitation even on salient pole machines 
where the irregularity of the magnetic circuit permits 
the development of torque even at reversed excitation. 
On machines with uniform reluctance of the magnetic 
circuit in the rotor, such as steam turbine generators, 
stable operation cannot be had at any reversed field 
excitation. The term '^stability'^ is rather general, 
but it is used here to refer to the ability of synchronous 
apparatus to remain in synchronism without hunting 
or pulling out of step. 

Effect on Mechanical Design 

To increase the stability of generators, supplying 
leading current the field, strength must be increased 
with respect to that of the armature. In other words, 
the design of the machine must be such that the effect 
of the leading current in the armature on the field will 
be minimized. This means increasing the ampere- 
turns on the field or decreasing the ampere-tums on 
the armature or a combination of both. Any of these 
methods results in a heavier and higher cost machine 
than normal, but the latter procedure or method is 
usually more economical. Not only is the weight 
and size of the machine increased as a whole, but the 
rotor parts become abnormally large in proportion 
to the whole machine. This means a more expensive 
rotor construction to withstand the high stresses 
encountered at the overspeed condition. On large 
high speed units this may become quite serious. After 
the limit of axial length as determined by ventilation 
has been reached, the only oth.er alternative to meet 
abnormal line charging conditions is to increase the 
diameter and hence peripheral speed. Therefore, it 
is evident that special line charging conditions may 
become a limiting feature in the mechanical as well as 
in the electrical design. 

Difficult conditions of this nature were met in the design 
of three large high-speed generators recently built for 
the Southern California Edison Company. So far as the 
writer knows, these generators are the largest waterwheel 
machines ever built to run at so high a speed. They 
have 50-cycle ratings of 28,000 kv-a. and 83,500 kv-a. at 
guaranteed temperature rises (by detector) of 60 deg. 
cent, and 90 deg. cent., respectively, at 428 rev. per 
min., and they have 60-cycle ratings of 31,300 kv-a. 
and 37,500 kv-a. at guaranteed temperature rises 


of 60 deg. cent, and 90 deg. cent, respectively at 514 
rev. per min. They are required to meet an overspeed 
of 85 per cent at either frequency. At the 60-cycle 
overspeed (951 rev. per min.) the peripheral speed of 
the rotor is nearly 28,000 feet, or over 5 miles per 
minute. This is unusually high for a salient pole 
machine (although quite common in cylindrical 



Fia. 2— ^Plate Spider for 28,000 Kv-a. Vertical Water¬ 
wheel Generator 

rotors of steam turbine driven generators) and a very 
careful design of the pole and spider proportions was 
necessary in order to equalize the rotor stresses and 
work the material in the most effective manner. 
The rotor spider is built of rolled steel plates, approxi- 



Fiq. 3—^Rotob op 8125 Kv-a. GOOOrV olt, 60-Cyclb, GOOtBev. 
PER Min. Waterwheel Generator 

mately 2}^ inches thick carried on a through shaft. 
A photograph of the spider is shown in Fig. 2. The 
poles OTe biiilt of 1/16-inch rolled steel punciungs 
which are riveted and bolted together between cast 
steel end plates. This built-up construction of the 
rotor spider insures material with uniformity and 
reliability which is unquestioned. The construction 









October 1923 


SMITH: MACHINERY FOR LONG TRANSMISSION LINES 


1045 


of the rotor is similar to that shown in Fig. 3, except with an air drying shellac and permitted to dry. Two 
that two coil braces were necessary between poles on insulating strips of asbestos each coated on one side 
account of the high speed and great length of the with shellac were then placed between turns and the 
field poles and coils. coil heated to near a red heat (by circulating current) 

in order to drive out all solvent and volatile matter. 
During this process the coil was held in shape by heavy 
metal sizing plates, pressed to size and allowed to cool. 
Particular attention was paid to the cell insulation 
between the coil and pole. It is made of several 
thicknesses of 10-mil flexible and hand built mica 



Pig. 4a 

The field coils are made of copper strap formed on 
edge. The bulge or swell at the comers caused by the 
bending proems was pressed out by means of a hydrau¬ 
lic press. In this operation steel plates were placed 
between tm^ as shown in Pig. 6 to prevent the skewing 
of the coils. After being smoothed up by filing where 
necessary the individual turns were thoroughly coated 


Fig. 6a—^Assembling of Coil Insulation on Strap Wound 

Field Coil 

sheets. These sheets were cut wide enough to cover 
the inside of the coil and to be turned down over the 
top and bottom edges as shown in Fig. 5 a. . The 
mica is the darker material extending above the 
coil and is reinforced all around by one thickness of 
heavy asbestos cloth which is indicated by the light 
portion of the material extending above the coil. 
Both the asbestos cloth and mica are turned down 
over the top ^d bottom edges of the coil, but the 
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asbestos cloth was made sufficiently long to be turned 
back under and between the mica and the top and 
bottom of the coil. The cell was then given a heavy 
coat of bakelite and moulded to the coil while heated 
and held in place under pressure with metal plates. 
In this process the bakelite becomes hard and forms a 
solid moulded insulation around the coil. Further¬ 
more, with the asbestos cloth turned back under the 
ends of the mica cell no raw edges are exposed. When 
the coils were assembled on the poles they were further 
protected by micarta washers at the top and bottom. 

The drawings in Figs. 4 and 4 a show a cross-section 
and plan view of the machine with exciter and Kings¬ 
bury thmst bearing, and a photograph of one unit 
without the air housing is shown in Fig. 6. The 
general construction of the machine is of conventional 


air housing as indicated in Figs. 4 and 4 a has been used 
in this case for conveying the cooling air to the top 
of the machine and for collecting and discharging the 
hot air from the frame. The upper part of the housing 
is attached to and has the same slope as the upper 
bracket arms. Although the individual chambers of 
the air housing are eccentric with respect to the genera¬ 
tor, the outer contour is circular (except where the 
outer discharge duct is attached at D) and concentric 
with the generator. This gives a symmetrical appear¬ 
ance and does not detract from the appearance of the 
machine. The cooling air for the bottom half of the 
the unit is drawn directly from the pit, while the air 
for the top half is drawn in at openings in the floor 
up through chamber A and discharged into the opening 
or chamber between bracket arms. Holes are provided 



in the webs of the bracket arms through which any 
unequal discharge of air into this space between arms 
caii be equalized. The air goes directly into the ma¬ 
chine through the fans from this chamber. The air 
from both the top and bottom of the machine, is then 
forced through the vent ducts in the core and out the 
holes in the frame to the discharge chamber B and 
thence through the discharge D to the outside of the 
building through ducts. 

Characteristic Curves 

Two of these generators were completely assembled 
and set up for tests in the factory, and are about the 
largest units ever to receive a complete factory test. 
With two units assembled, it was possible to obtain tem¬ 
perature tests at normal voltage current and frequency 
at 0 per cent power factor by over-exciting one machine 
and under-exciting the other, the losses being sup¬ 
plied from the factory testing equipment. The tem¬ 
perature rise on the stetor of the over-excited unit was 
within 45 deg. cent., by either of the three methods 


Fig. 6-^28,000 Kv-a., II.OOO^VoiiT, 3-Phasb, 50-60 Ctcle, 
42^14 Rev. PEE Min. VEETieAiii Watbewheeii Gbneratoe 


of measurement as defined by the A. I. E. E. Rules. 
Complete segregated losses and characteristic curves 
were also taken. 


design. The lower guide-bearing bracket is insulated 
fr6m the gen^ei;*ator fi^e tb prevent^^ t^^ circulation 
of I bearing cuireaits through ilie guide and thrust 
bearings. The lower end plated supporting the lower 
finger and core punchmgs,v is cast integral with the 
frame. This construction facilitates building and 
pressing the core. 

It was necessary that all the cooling air (for both 
top and bottom of the machine) be brought in at the 
base of the generator. On low-speed machines which 
permit the use of open-t^e spiders through which 
the air for the upper part of the generators may be 
drawn,—this condition causes no difficulty. However, 
on machines such as these where the size of the rotor 
and the stresses make it advisable to use a solid plate 
construction, the cooling air obviously cannot be 
brought up through the rotating part. A special 


The characteristic no-load and load saturation 
curves obtained from these tests are shown in Fig. 7. 
These generators were designed to carry 1680 amperes 
at 0 per cent power factor leading and 8910 volts at 
60 cycles without becoming seh-excited. This is 
14 per cent more than the normal current of 1470 
amperes and 81 per cent of the normal voltage of 
11,000. They were also designed so that with a 
constant separate d-c. excitation corresponding to 
2000 volts no-load, they would not be self-exciting 
above 8910 volts when delivering 1400 amperes 0 
per cent power factor leading. Both of these conditions 
are unusually severe. Curve 3 shows the former 
condition and curve’5 the latter, and it may be seen 
from these curves that both conditions were met 
with a reasonable margin. The condition shown by 
curve 5 is the more severe and is, of course, the de¬ 
termining one. 
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If the generator had to operate at leading power 
factor only, it would be quite easy to make the machine 
stable without exceeding normal costs and weights. 
However, it is the lagging power factor operation 
that imposes the severe condition when the machine 
is especially proportioned for leading power factor 
conditions. It can readily be seen from the curves in 
Fig. 7 that ansrthing that is done to make the leading 
power factor operation more stable, such as increasing 
the air gap or the normal induction and saturation. 



ARMATURE AMPERES 

0 200 400 600 800 1000 1200 

FIELD AMPERES 

Pig. 7—Test Curves on 28,000-Kv-a., 11,000-Volt, 3-Phase 
60-Cycle, Vertical Waterwheel Generator 

will increase the demand on the field winding at lagging 
power factor operation. This means an increase in 
the field temperature, or an increase in the field copper, 
or an increase in the size of the machine, or a combi¬ 
nation of these. 

Special Conditions and Winding Connections 

Ordinarily, the leading power factor operation 
is encountered only at short and infrequent intervals 
when a transmission line is unloaded and the power 
factor becomes lagging when the load is on. However, 
in the case of a line built for a large ultimate load but 
that has a small initial load and generating capacity 
the power factor even at maximum kw. load of the 
generator may be leading. This means that the genera¬ 
tor must be designed for a very stable operation at 
leading power factor and must also be able to take 
care of the lagging power factor operation in the future 
when the ultimate load builds up on the line. For 
the. machine to deliver power under leading power 
operation requires that it be designed with more 
stability than when merely charging the line to insure 
that it will not pull out of step on account of the 
torque it must develop. Therefore, a unit for this 


class of service may become unduly large and expen- 
* sive. In cases like this the use of a machine of normal 
design with some special connection of the armature 
winding, such as an inter-connected star, during the 
period of light load on the line is suggested. In 
this scheme, each leg of the ordinary star winding is 
opened at the mid-point and each half of each leg is 
connected in series with half of another leg which 
has a phase relation of 120 degrees with respect to it. 
Diagrams of this connection are shown in Fig. 8. 
Diagram (a) represents the standard star connection, 
diagram (b) represents the interconnected star with 
the neutral leads unchanged, and diagram (c) represents 
the interconnected star with the main leads unchanged. 
This is equivalent to reducing the armature conductors 
so that the voltage generated for a given flux will be 
86.7 per cent of that for the straight star connection. 
Therefore, to get the same voltage, the field strength 
must be increased while the damaghetizing effect of 
the armature is decreased. The reactance is practi¬ 
cally unchanged. So long as the power factor remains 
leading this expedient increases the stability of the 
machine without any extra duty on the field because of 
the inherently small field excitation required under 
such conditions. However, when the load on line 
increases to the extent that the power-factor becomes 
sufiiciently low and lagging to overload the field with 
the machine operating at the high induction the arma¬ 
ture must be reconnected for straight star and the 
machine operated under the normal lagging condition 
for which it was designed. With the lagging power 
factor there is, of course, no occasion or necessity for 
increased stability. 

Such an expedient as the above scheme might, in 
some cases, be used on generators when charging’ the 



straight Star Inter-connected Star Inter-connected Star 

Neutral Leads unchanged Main Leads unchanged 

Fig. 8—Interconnected Star 

line, on starting up the system, even though the normal 
operation be at lagging power factor. For instance, 
assume there are several generators on a system and 
it is necessary that each machine be able to charge the 
line. Instead of increasing the size of the machines 
to make them inherently of such proportions as to 
be able to charge the line it might be possible to use 
machines of normal or. of less abnormal design by 
bringing out the leads on the machines to a panel in 
such a way as to permit the connection shown in dia¬ 
gram (c) 3^g. 8 during the period prior to the, building 
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up of the load. After the load built up to the limit 
of the field capacity of this one machine, one or more 
of the other machines could be put on the line to carry 
the load while the first machine was disconnected 
from the line and the armature connection changed 
to the normal star connection. This machine could 
then be put back on the line, if desired. The feasi¬ 
bility of this method of operation will depend on local 
conditions. If the occasions for charging the line 
were very seldom and if the leads were brought out of 
the machine to a panel with a switching arrangement 
that would permit a quick change in connections, 
it is possible that it would be more economical and 
satisfactory in some cases to use this or some other 
special connection than to increase the size and cost of 
the generator to meet the special and infrequent line 
charging condition. Connecting the winding in inter- 



PiG. 9— SnoET-CiRCtriT Loss Cubves on 1080-Kv-a., 2400- 
VoLT, 3-Phasb, 60-CtcijB, a-c. Motor 

connected star increases the line charging capacity of a 
normal machine about 30 per cent. 

Care must be '^ken in the use of special connections 
of the winding such as interconnected star to insure 
the proper distribution and relation of the armature 
reaction set-up by the current in the armature winding. 
With the ordinary connection shown in diagram (b) 
or (c). Fig. 8, the armature reaction is not evenly 
distributed aroimd the machine. This is equivalent 
to a resultant smgle-phase action and gives a negative 
sequence component to the rotation of the .armature 
m. m.f. This results in excessive losses in the pole 
faces and damper winding, if any is used. However, 
by means of a special connection for interconnected 
star the desired result can be obtained with very little 
increase in losses. In this special connection the phase 
groups are split and the interconnection between 
phases made every pole. It results in a much more 
even and uniform distribution of the armature m. m. f. 


than does the usual interconnected star and hence 
does not produce the bad effects found in the latter 
connection. This difference in the distribution of the 
armature m. m. f. for the straight star, the usual 
interconnected star, and the special interconnected 
star can be readily seen by plotting the armature 
reaction or m. m. f. for the several conditions. 
The m. m. f. for the usual interconnected star is 
irregular in shape for a given pole and varies in shape 
and magmtude from pole to pole, while the shape of 
the m. ni. f. for the special interconnected star is very 
similar to that of the straight star. This analysis 
is also home out by actual test results of short-circuit 
loss on a 1080-kv-a., 900-rev. per min., 2400-volt> 
60-cyele machine with the usual and special inter¬ 
connected star windings as shown in Fig. 9 by curves 
1 and 2, respectively. Curve 3 shows the short-circuit 
loss for a straight star connection. It is readily seen 
from these curves that there is quite an extra loss for 
the usual interconnected star and that there is very 
little additional loss over the straight star for the 
special interconnected star. The only objection to 
the specif interconnected st^ is that the number of 
changes in connections is greater than for the usual 
interconnected star by the ratio of the number of poles 
in a given machine. Therefore, machines which are 
to operate for long periods with interconnected star 
and then changed permanently to the straight star 
should have the special connection, while those which 
operate only for short periods with interconnected 
star and require that the changes in connection be 
made quickly, and often, should have the simpler 
connection. This extra loss for short periods would 
not be serious and the standard connection would 
permit the 9 leads to be brought out of the machine 
to a panel for rapid connection as referred to above. 

Overspeed and Flywheel Effect 

A reasonable overspeed is, of course, necessary for 
any waterwheel generator. However, it is often possi¬ 
ble to influence it considerably by the design of the 
waterwheel and it should be kept as low as the econom¬ 
ical design of the waterwheel will permit. Unusually, 
high overspeed, especially in the case of large high 
speed machines, often necessitates difficult and ex¬ 
pensive mechanical construction and may even require 
a reduction in the normal running speed. 

There seems to be a tendency to base the hydraulic 
design on a standard speed regulation and corre¬ 
sponding flywheel effect, regardless of the magnitude of 
the probable load changes. In the large units and 
stations usually involved in long transmission systems 
sudden load changes seldom amount to any considerable 
percentage of the connected generator rating* Under 
such conditions a larger percentage regulation (with 
100 per cent load change) can be permitted than in 
the case of smaller systems in which sudden load 
changes may be a large percentage of the connected 
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generator rating. It appears to the writer that suffi¬ 
cient consideration is not given to actual operating 
conditions and that over conservative values of fly¬ 
wheel effect are sometimes specified on units which 
actually operate with very small changes in load. 
Flywheel effect, of course, does not become a factor 
in the generator design unless it exceeds the value 
determined by normal design. Abnormal flywheel 
effect always means increased cost. Either a separate 
flywheel must be furnished, the weight of the spider 
increased or the diameter of the machine increased. 
Even if the increased flywheel effect can be obtained 
at an increased diameter without increased weight, 
the larger diameter machine is generally more ex¬ 
pensive. Also if the rotor weight is increased on a 
given diameter the mechanical parts, especially in 
the case of a vertical unit, must be made heavier and 
more expensive. In the case of large high speed 
units and where it is not possible to get the required 
flywheel effect by increasing the spider weight of a 
normal machine nor permissible to use a separate 
flywheel and it becomes necessary to increase the 
diameter, the stresses may in(a*ease to the extent 
that special and expensive construction or material 
may become necessary. 

Synchronous Condensers 

The great increase in the size and length of trans¬ 
mission systems in recent years has greatly increased 
the demand for, and importance of, synchronous 
condensers for correcting power factor and regulating 
and stabilizing the voltage of the lines. 

Leading and Lagging Operation 

The majority of condensers are designed primarily 
for leading power factor or over-excited operation. 
However, on long lines where the leading current 
drawn by the line may be sufficient to increase the 
receiver voltage at light loads the condenser may 
be called upon to operate at a lagging power factor or 
under-excited, in order to maintain the normal re¬ 
ceiver voltage. The effect of lagging current on a 
condenser normally designed for leading power factor 
. operation is similar to that of leading current on a 
generator normally designed for lagging power factor 
operation and previously referred to, Anything that 
is done to a normal machine without increasing 
its weight or cost, to improve its stability under 
lagging power factor operation increases the duty 
on the field at the leading power factor condition. 
A condenser may be made with normal proportions 
and at normal costs to operate at full kv-a. leading 
or at full kv-a. lagging, but not at both. A machine 
designed to operate at both leading and lagging power 
factor (above a normal amount) must have incr^sed 
proportions and cost. A normal condenser designed 
for leading power factor operation can carry about 
50 per cent, of its rated capacity lagging. Although 
it is possible to operate condensers of salient pole 


construction at considerable reversed excitation (about 
50 per cent of no-load excitation) and get still more 
lagging capacity it is not considered good practise 
to operate below zero excitation on account of possible 
instability. With excitations below zero the machine 
is likely to become unstable and drop out of step 
during minor line disturbances. 

Special Connections and Stability 

The special armature connections referred to in 
the discussion of generators might also be used to 
increase the stability of condensers at lagging power 
factor operation in the case of a line operating at a 
small initial load requiring lagging condenser capacity 
and that will have a large ultimate load requiring 
leading condenser capacity. This would require that 
the special connection be used initially and that the 
machine be reconnected, straight star, for the ultimate 
and normal condition. Although lagging capacity 



Pig. 10—14,285 Kv-a., 6600-Volt, S-Phabb, 60-Cyclb, 450- 
Rev. PER Min. Waterwheel Generator 

increases the cost of a condenser which normally 
operates at leading power factor it increases the 
stability of the machine and i? quite desirable at ex¬ 
treme overloads on the system when the regulation 
limit or pull-out point of the line is a-pproached. 

Construction 

Synchronous condensers are usually built at the 
highest economical speed and resemble horizontal 
water wheel generators in general appearances and 
construction. They are usually designed for very 
little (about 25 per cent) overspeed as under usual 
conditions no overspeed need be anticipated. How¬ 
ever, occasionally manufacturers are called upon to 
proportion the machines to meet the overspeed of 
the generators to which the condensers will be con¬ 
nected. In such cases the condensers are usually on 
isolated lines or in the power station with the gen¬ 
erator. A 15,000-kv-a., 6600-volt, 3-phase, 450-rev. 
per min. synchronous condenser being built for the 
City of Seattle is required to meet such a condition. 
The condenser will be the same as the generator 
shown in Fig. 10 except for the frame and bearings. 
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A new type of damper winding is employed on account 
of the imusual overspeed of this condenser which is 
described later. 

Damper Windings 

In large condensers, the damper winding constitutes 
one of the most difficult design problems and has given 
considerable trouble in condensers in operation. The 
early design employed a complete ring without joints 
(on account of stress conditions) with bars bolted to 
the rings. This design is satisfactory in smaller 


Fig. 11—Partially Assembled, 4-Polb Rotor, showing 
Welded Damper Construction 


strength of the end ring segments. A construction 
has been worked out that has the advantage of the 
welded joint and the strength of the continuous end 
ring without the disadvantages mentioned above. 
The construction is shown in Figs. 11, 12 and 12a. 
The bars are welded to a copper segment of angle 
section and these segments are bolted to the con¬ 
tinuous copper ring. This ring is rolled copper strap 
with a brazed sc,arf joint located opposite one of the 
poles. The ring is on the edge and hence has maxi¬ 
mum mechanical strength as well as ample contact 
surface at the various sections to which it is bolted. 

This construction has proved quite satisfactory and 
is generally applicable to high-speed condensers. 
Machines with this damper construction have been 
run at very considerable overspeed in factory tests. 
It is believed that this design constitutes a distinct 
advance in damper winding construction and removes 
one of the limits that previously existed in the design 
of large high-speed condensers. 


. Fig, ISr^RoTOE,' pp 6000 Ev-a., 11,000-Volt, 60-Cyclb, 
720-Re Y. PER Min. SViTCHRONOus Condenser with Welded 
■ Damper Winding 

units and when the current density at the joint between 
bar and ring can be moderate. In larger imits some 
trouble has been experienced due to burning between 
the bars and end rings and this Has led to the 
development of design welded joints. Welding 
the bare to a Continuous end ring is not a wholly 
satisfactory solution on account of the impossibility 
of removing a pole or field coil without destroying the 
damper winding. Bars cannot be welded to a sec¬ 
tional end ring (except for moderate stress conditions) 
on account of the effect of the welding heat on the 


End Bells 

As the necessity for locating condenser substations 
in residential and business districts increases, the 
question of noise becomes of increasing seriousness. 
With the high speed to which it is necessary to go to 
obtain the most economical design, the moderate and 
large condensers are inherently noisy even though the 
fans and other projecting parts may be specially 
proportioned to minimize the noise. Therefore, where 
noise is objectionable, it is advisable to totally enclose 
the condenser so as to contain and. suppress the noise 
within the machine. To further suppress or muffle 
the noise, the enclosing parts, such as the frame and 
end bells, should be designed so that ducts leading to 
the outside of the building may be attached for bringing 
in the cooling air and discharging the hot air. Even in 
uniuhabited or mill districts where noise wiU not be 
objected to by the surrounding community it is often 
advisable and profitable to enclose the condensers 
to provide additional cOmfOrt for the station operators 


Fig. 12a— Another View op Rotor in Fig. 12 
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and attendants. Enclosing has sometimes been ob¬ 
jected to in the past on account of additional weight 
and difficulty of handling the heavy cast iron end bells. 
Howevei’, this objection is largely eliminated by the 
use of sheet steel end bells. With the improvements 
in their design in recent years sheet steel end bells 
do not detract from the appearance of machines on 
which they are used and on account of their decreased 
cost and weight and the ease of handling their usO is 



1^3 NI) 

strongly recommended. Fig. 13 shows a totally 
enclosed 5000-kv-a., 11,000-volt, 720-rev. per min. 
condenser with totally enclosed frame and double 
sheet steel end bells. The frame has a rectangular 
opening at both top and bottom and the depth of the 
frame is such that either opening may be closed and 
all the hot air carried around the frame and discharged 
at the other opening through ducts, if any are provided. 



The outer sheet steel end bells are arranged so that 
ducts may be readily attached. Even on machines 
which are semi-enclosed and do not have the outer 
end bells, the use of sheet steel for the inner bells 
is recommended for reasons given above. 

Losses 

In the case of generators there is usually very little 
doubt as to their necessity. If a certain load is to be 
furnished the required generator capacity is rather 
definite. However, in the case of condensers the 


required capacity is not so definite and their economical 
necessity is often debatable. Condensers have, there¬ 
fore, had to justify their use by results and in the 
process great importance has been placed on low losses. 
It has, therefore, been necessary to reduce them to a 
minimum. This has been made possible by the use 
of improved core plate material, improved fan design 
and refinements in general design. The curve in 
Pig. 14 shows the low losses it is possible to obtain on 
synchronous condensers designed for 11,000 volts 
or less and with all modern improvements and re¬ 
finements in design. Guarantees will usually be about 
10 or 15 per cent above this curve. As an example, 
the segregated full-load losses for the two 20,000-kv-a. 
11,000-volt, 3-phase, 60-cycle, 600-rev. per min. 
condensers built for the Pacific Gas and Electric 
Company are given below. 



Pio.l.'i —Two 20,000 Kv-a., 11,000-Volt, .S-Phabb, 60-Cyclb, 
600-Rbv. pbb Min. Synchronous Condensers 


SEGREGATED FULL-LOAD LOSSES ON TWO 20,000 KV-A. 
11,000-VOLT, 60-CYCLE, 3-PHASE, 600-REV. PER 
MIN. SYNCHRONOUS CONDENSER 

Kw. Losses 


Segregation No. 1 No. 2 


Armature R Loss at 75 deg. cent. 57.3 58 

Load or Stray Power Loss (100 per cent of 

tested sh. cir. loss)... 46.2 45 

Field R Loss at 75 deg. cent. 63.3 60 

Core Loss. 118.0 113 

Friction and Windage Loss.. 115; 0 115 

Total Losses. 399.8 391 


A photograph of the two machines is shown in Fig. 16. 
They are installed on the Mount Shasta system and are 
designed for a lagging capacity of 12,000 kv-a. Fig. 
16 is a photograph of the stator of one of the units 
showing the armature winding and coil bracing. The 
connections between armature coils and groups were 
transposed in such a manner as to reduce the eddy 
current loss to a low value. This is partially respon¬ 
sible for the fact that the kw. losses on this unit were 
reduced tP 2 per cent of its kv-a. rating. A photograph 
of the rotor of one of the units showing the coil bracing, 
fans, etc. is shown in Fig. 17. The shaft has a forged 
half coupling to permit its possible use as part of a 
frequency changer set in the future. 
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Starting Kv-a. 

By the use of oil pressure in the bearings during 
starting and with improvements in damper design 
it is possible to start synchronous condensers of 5000 



Fig. 16t—Stator op 20,000 Kv-a. Synchronous Condenser 



Fig. 17—Rotor op 20,000-Kv-a. Stnohronous Condenser 



Fig. 18—^Two-Cylinder Oil Pressure Pump and Motor 


kv-a. capacity and over on 15 per cent of normal 
kv-a. To obtain such low staking kv-a., however, 
requires a very low starting voltage, and unless low 
starting kv-a. is extremely important, it is advisable 
to increase the starting kv-a. to 25 or 30 per cent and 
obtain more margin in starting voltage, reduce the 


difference in the starting and running voltage, and 
reduce the time required to reach synchronism. 

Tests on one of the 20,000-kv-a. condensers referred 
to above showed that it would start on approximately 
2800 kv-a., at 19 per cent voltage and come up to 
speed in three minutes. However, at the minimum 
auto-transformer starting voltage tap, of approximately 
27 per cent voltage, the niachine takes approximately 
6000 kv-a. and comes up to speed in a little over one 
minute. 

The latest equipment for furnishing the oil pressure 
during starting consists of a small two cylinder pump 
driven by a one horse power motor. The pressure 
usually required for starting varies from 400 to 800 lb. 
per sq. in. However, the equipment is capable of 
WnisWg a sufficient quantity of oil at 1000 to 1200 
lb. per sq. in. when necessary. A photograph of the 
pump is shown in Fig. 18. 

Discussion 

E. B. Shaud: It is desired to draw attention to die con¬ 
ditions of line chaining by an aro. generator. One method 
which has been frequently used to determine this effect consists 
in taking the voltage characteristics of the generator when 
excited by the armature current directly from the no-load satura¬ 
tion and the short-circuit saturation curves. By plotting the 
volt-ampere characteristics for the capacity effect of the external 
circuit, the intersection of the two curves will give the value to 
which the terminal voltage will rise, with the field un-excited. 
This method involves quite an appreciable error, due to the fact 
that when the generator is excited from the field, the voltage is 
generated only by the flux in the magnetic circuit of the arma¬ 
ture, but when excited from the armature an additional voltage 
is generated due to the leakage fluxes which are not present in 
the other case. It is evident, therefore, that the relation between 
voltage and ampere turns will differ under the two conditions 
of excitation. 

To evaluate the effect of capacity loads in a more accurate 
manner, the actual effect of ampere turn relation between the 
armature and the field should be used in place of the modified 
relation as obtained directly from the short-circuit saturation 
curve. This can be done by separating the total effect of the 
armature current into armature reactance and armature demagnet¬ 
ization by the standard method; the real ratio of ampere turns 
will then be expressed by the component of demagnetization. 
For instance, in Fig. 7 of Mr. Smith’s paper the short-circuit 
saturation. curve (the intersection of the zero per cent power 
factor curve with the axis of field current) indicates that 1470 
armature amperes corresponds to 220 field amperes. The 
true ratio, as expressed by the component o demagnetization, is 
approximately 145 field amperes. The same main flux and 
saturation will be produced by either 145 field amperes for 
1470 armature amperes. The additional component of voltage 
for the same latter current, and due to the armature leakage 
fluxes will be approximately 2200 volts. These fluxes are largely 
in air paths and therefore, are practically independent of satura¬ 
tion. The terminal voltage of the generator under the condi¬ 
tions assumed, may be expressed as the voltage taken from the 
nd-load saturation curve corresponding to (7/ K field 

amperes, plus X Xa, 
where 7/ =» actual field current. 

7« = armature current. 

Xa — armature leakage reactance. 

K » relation between armature current and field cur¬ 
rent as expressed by the component of demagne^ 
tization.^ 

1. This constant K may be calctilated directly from the design ccm- 
stants of a machine when these are available. 
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Fig. 1 gives the general construction for detennining the 
voltage when a generator is connected to an open-circuiting trans¬ 
mission line or similar circuit with a high capacity effect. The 
line characteristic curve is merely the relation between the 
terminal voltage and the leading reactive current in the external 
circuit. Curve (2) is curve (1) less the armature reactance drop. 
The intersection of (2) with no load saturation curve furnishes 
the point of operation required. The actual terminal voltage 
will be the point (P). 




Fig. 1 of Mr. Smith’s paper gives two alternatives for the 
loadjjsaturatipn for zero per cent leading power factor at low 
voltages. Although of little practical importance, it may be of 
slight interest tb investigate this point by means of the type of 
,=ii-n.gpn.Tn described above. This diagram wiU be modified slightly 
to represent a condition of aidjusting the d-o. excitation so that 
on varying the capacity of the external circuit, the armature 


current will be maintained constant. In Fig. 2, therefore, K la 
will be constant while 1/ will be assumed a variable, as well as 
the slope of the line characteristic curve. As the external 
capacity increases as indicated by the decrease slope of the line 
characteristic, the d-c. excitation must decrease and eventually 
reverse. When curve (2) coincides with the saturation curve, 
stability will cease so that with reversed excitation, the whole 
zero per cent power factor curve must be considered hypothetical, 
this, of couse, neglecting the effect of salient pole construction. 
Under this condition of instability, the voltage will naturally 
drop to zero and build up in the opposite direction which is 
indicated by the relative positions of the two curves at the 
intersection. Assuming, however, that the voltage could be 
stabilized by some means, it will be seen that the load saturation 
curve must approach the point e, which represents the condition 
of an infinite capacity of the external circuit. 

By rotating this diagram through 180 deg. it may be seen that 
the point e' may be considered as the equivalent of /' under the 
condition that the reverse excitation had been employed intaMng 
the load saturation curve at zero per cent lagging power factor. 

It can, therefore, be considered that the points corresponding to 
short circuit and to an infinite capacity may approach either of 
the points e or/, depending upon the direction of excitation. In • 
the case of the circuit of high capacity, however, the operating 
condition is absolutely unstable and not possible. This seems 
to represent the relations involved rather than the curve df of 
Mr. Smith’s figure. 

It might be suggested that there is probably only one method 
to actually obtain from test the values for the part of the curve 
which is unstable. By coupling two generators together so that 
their voltages are exactly in phase and consequently, that they 
can exchange no power by driving the machines from a separate 
source and properly adjusting their excitations the complete 
ciurve can be obtained for either condition of reactance or capac¬ 
ity, and moreover, the two curves will be continuous at the 
points e and /. The necessary stability is, of course, acquired 
through the mechanical interconnection of the two machines. 

M. W. Smiths Although the criticism in the first paragraph 
of Mr. Shand’s discussion may apply to the usual method, it is 
not applicable in this particular case. In determining^ the 
voltage obtained at the terminals of the generator when deliver¬ 
ing 0 per cent, leading power factor ciuTent, the effect of both the 
armature re-action and armature reactance were taken into ac¬ 
count. Furthermore, in Fig. 7, the two abscissas coordinates for 
“Armature Amperes” and “Field Amperes” are not inter¬ 
changeable as apparently assumed by Mr. Shand, i. «., they do 
not apply to the same curves. The abscissa for “Armature 
Amperes” applies only to curve five. Curve five, shows the 
values of terminal voltage, that will be obtained with various 
values of 0 per cent leading power factor current in the armature, 
with a constant d-c. excitation, and the effect of the armature 
reactance, as well as, the magnetizing effect of the armature, was 
included. The abscissa “Field Amperes” applies only to curves 
1,2,3, and 4. 

I wish to correct Mr. Shand’s impression, that Fig. 1, gives two 
alternatives for the 0 per cent leading power factor curve at low 
voltage. As stated in the paper, if 0 per cent leading power factor 
could be maintained, the curve would extend to “c” at 0 voltage. 
It is further stated that it is not practicable to maintain 0 per 
cent power at low voltages on account of the increasing effect of 
the resistance in the circuit as the voltage is decreased and t^t 
in actual operation the machine would tend to follow the portion 
of the cufve shown by d.f. The portion d./. is, therefore, 
not a 0 per cent power factor curve, but represents the tendency 
of the machine to change over to points on higher leading amd 
finally lagging power factor curves. 

Both Mr. Shand and I agree that it is not practibable to operate 
generators at such low voltages and further discussion on this 
academic point is hardly justified. 
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Review of the Subject,—The following points are covered in capacity and uses of condenser for increasing line oidput and oh- 
this paper: taining good voltage control. 

Inherent characteristics of high-voUage lines and high-voltage Characteristics which must he met hy generators, condensers and 
transformers. regulating equipment in order to control properly voltage over all 

Effect of low power factor load on high-voltage lines as to limiting operating conditions. 


T he long high-voltage transmission line is in¬ 
herently very poor as regards voltage regulation. 
The inductive reactance is high, due to the wide 
spacing of wires required for the high voltage, or to 
the long spans that are necessary to reduce the cost of 
structures and insulation. Transformers must always 
he considered with the line when voltage regulation 
is concerned, and they must he designed with high 
reactance for the large power s37stems so that they 
can withstand the short-circuit stresses without me¬ 
chanical damage, and reduce the short-circuit current 
to a value to give them sufficient heat storage that 
they will not be destroyed during system trouble. 
The wire must have a large diameter to avoid corona 
loss, but in general, this conducting material of the 
large cables is utilized to advantage in keeping the 
energy loss at a low figure. These cables, however, 
subjected' to a high voltage, cause heavy charging 
currents to flow. 

With these points in mind, namely, a system of 
high reactance, which at no-load carries a heavy charg¬ 
ing or leading current, it is readily seen that the voltage 
generated by the flow of this current through the in¬ 
ductive reactance is added to the impressed voltage 
and thus the receiver voltage on the long tr^smission 
line is higher at no-load than the generator voltage. 

The amount of this rise in receiver voltage at no- 
load will naturally depend on the design of the line 
and connected transformers, but with present 100-kv. 
systems this value may be as much as 8 per cent 
above the generator.voltage, and the highest voltage 
fines met with may have an increase in voltage of 
almost double this amount under no-load conditions. 

The load met with in practise is almost universally 
of a lagging nature. When this load with its lagging 
current is carried by the transmission line, we meet 
with the reverse conditions to that of an empty fine 
vdth charging current, as the e. m. f. generated in this 
high reactance system when carrying lagging current, 
opposes the generator voltage, and the drop between 
generator and receiver ends of the fine becomes quite 
excessive at low power factor and heavy load. 

Presented at the Pacific Coast Convention of the A. 7. E. E., 
Cel Monte, Cal., October 2-6,192S. 


To show this effect of power factor on transformers 
and line capacities,, figures from an actual curve will 
probably best serve the purpose. These results 
cover conditions as obtained on 190 miles of 160-kv., 
three-phase circuit. When maintaining the same 
generator voltage and a constant receiver voltage, 
we could transmit over such a fine: 

At unity power factor .... 60,000 kw. 

At 90 per cent “ “ ... .35,000 “ (current lagging) 

At 80 per cent “ _28,000 “ 

At 70 per cent •* “ _21,000 '* 

From these figures it is seen that by change of power 
factor we can readily control the voltage to suit load 
conditions, and this is the method used on long lines, 
for in the first place it is an economic necessity to 
provide ample synchronous c.ondenser equipment in 
order that the lines and transformer equipment may 
operate at near unity power factor, and it is a simple 
matter and of relatively small expense to provide the 
necessary regulator equipment in order that the 
voltage on the receiver system may be held constant 
and the power factor shifted to suit load conditions. 
The ordinary regulator of the Tirrill type is well 
suited for such work if the equipment is of the so- 
called broad range type such that it will control the 
field current of synchronous condenser or generator 
from practically zero to a value well above normal. 

In some transmission systems where the ohmic 
resistance is low and the reactance high, it is possible 
to operate with equal and constant voltage at both ends 
of the fine, but in most cases it is necessary to operate 
with the generator voltage higher than the receiver. 
The amount naturally depends on the size and length 
of fine. In general this generator voltage - should 
exceed the receiver voltage by at least the 
resistance drop of the load current in the connecting 
lines, and sometimes more than this value, depending 
on the power factor of the load that must be handled 
over the line. 

In order to reduce the line losses, particularly at 
fight load, fine drop compensators can be used on the 
generator voltage regulators to advantage, as by proper 
setting of these power house regulators, they will 
increase the generator voltage as the Toad increases 
to take care of the fine drop, and at light-load , or 
1054 
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no-load the voltage will be automatically lowered 
so that the receiver condensers will not be called 
upon to supply such large amounts of lagging line 
current at light loads. These line drop compensators 
will not only increase light-load losses but will also 
permit of use, in general,, of condensers which are of 
slightly less cost, as a condenser will probably only 
have to supply one half or less of its rating in lagging 
line current at no-load conditions. 

In order that satisfactory voltage control may be 
had in connection with any high-voltage lines, the 
apparatus must be specially designed to suit conditions. 

The generator design must be such that the units 
will carry charging current without becoming self¬ 
exciting, or such that under all operating conditions, 
these units will require positive field excitation to 
give their normal voltage at normal frequency. When 
practicable, these generators should be of such size 
and so designed that one unit will charge a transmission 
line. This will not always be possible in connection 
with the extremely high-voltage lines, but where a 
single unit cannot be used, the. station, or certain 
groups of machines in the station, should be designed 
to take care of line charging and testing, so that this 
may be handled with dispatch. One disadvantage 
in using more than a single machine for testing purposes 
is that when these units are operating at very low 
values of field current they have low synchronizing 
torque, and it is sometimes difficult to keep a number 
of units in step. 

The ssmchronous condenser should be selected so that 
they will furnish their maximum kv-a. of lagging line 
current with field excitation above the residual voltage 
of their exciters. Condensers that are operated from 
the secondaries of transformers or tertiary windings 
of auto-transformers where power is not supplied 
from the same winding or from the condenser bus, 
should be carefully selected for operation with their 
respective transformer designs, so that the voltage 
variation obtained, due to power factor changes 
through the transformers, will not effect the condenser 
output, as it must be borne in mind that the condenser 
will have to furnish its highest voltage at a time when 
it is operating with its heaviest field current, or when 
furnishing leading line current, while on the other 
hand, when furnishing lagging line current and ex¬ 
tremely low fields, the condenser will in turn be opera¬ 
ting at well below normal voltage, which may effect 
the kv-a. output of the machine or reduce the field 
excitation to such value that it is difficult or impossible 
to obtain stable regulator operation. This variation 
in voltage in modem transformer design, may easily 
amount to 15 per cent. 

Automatic voltage regulators are difficult to adjust 
to control the voltage of long lines under no-load 
conditions and obtain stable operation. This is due 
to the extremely low values of exciter voltage required 
on the generator and condenser fields and to' the 


fact that quite a portion of the excitation is supplied 
by the leading current of the line, and the regulator 
is hence only controlling a portion of the total ex¬ 
citation. 

This condition can be greatly, improved by installing 
proper relays so that at suitable exciter voltage the 
condenser field rheostats and generator field rheostats 
are gradually cut into the circuit before this low- 
exciter voltage is reached. This resistance acts as a 
governor, tends to reduce surging and permits the 
exciter to operate at a higher voltage. 

To obtain the low-exciter voltages necessary it 
requires very high resistance in the exciter fields over 
which the regulator contacts must operate if speed is 
obtained under no-load or line charging conditions. 
When using this large amount of resistance, very 
sluggish and poor regulator operation is obtained 
under heavy load conditions, so at load conditions 
it is necessary to shift the amount of resistance in the 
exciter field and make sure that all resistance is cut 
out of the generator and condenser fields. This can 
be taken care of by utilizing a proper type relay such 
that it will not only cut in the resistance on light load 
conditions, but will cut out this resistance in generator 
and condenser fields when the load increases to the 
proper value, an additional relay should be used con¬ 
necting a resistance in shunt with the exciter field 
rheostat imder heavy load conditions. Thus, by 
suitable adjustment of this relay, it can be made 
to cut in or out of the exciter field at suitable 
values in order to obtain the most stable operating 
conditions. 

Voltage regulation of long lines is thus taken care of 
mainly by power factor control. The synchronous 
condenser not only serves to correct the power factor 
and in many cases reduce line losses, but it also gives 
a steadjdng effect on the system, which is difficult 
or impossible to obtain by any other method of voltage 
control. Short lines can be operated without condenser 
equipment, but it is difficult to obtain good voltage 
regulation by generator regulators alone when the 
load power factor is poor. For satisfactory operation 
of long lines it is essential that automatic voltage 
regulators be used at both generating stations and 
on the condensers at the receiving stations, and in 
general line drop compensators can be used to ad¬ 
vantage in connection with the generator regulators. 


Discussion 

A. W. Copley: In amplification of Mr. Koontz’s paper and 
carrying out the thought a little farther, it may be pointed out 
that there is a very definite power limit on a transnoission line 
on which the values of generator and receiver voltage are fixed. 
The addition of synchronous condenser capacity beyond a cer¬ 
tain limit does no good as far as increasing the capacity of the 
line is concerned. For instance, on a 200-mile line with 200 
kv. maintained at both ends, the addition of synchronous con¬ 
denser capacity beyond the point which allows a load of about 
220,000 kw. at the receiver end, does not increase the capacity 
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for transmitting power. The power limit of such a line being 
in the neighborhood of 220,000 kw., it can be seen that, at least 
on projected lines, the limit is being approached. It is, how¬ 
ever, possible to increase the power limit of the line by making, 
in effect, two lines in series. For instance, on a 400-mile line, 
with synchronous condenser capacity at the receiver end, the 
limit of capacity is around 120,000 or 125,000 kw. By breaking 
the line in two parts of 200 miles each, the power limit of the 
upper end of the line is about 220,000 kw. and with that power 
delivered to the middle of the line, the balance of it again has 
the capacity of 220,000 kw. minus the losses, which bring the 
delivered power down to about 200,000 kw. That is, by the 
introduction of condenser capacity in the middle as well as at 
the receiver end, the line capacity is increased from 125,000 to 
200,000 kw. 

One other point mentioned by Mr. Koontz which is of much 
importance, is the method used for the control of the exciter 
voltage at times when lagging current is being taken by the 
generator or condenser. When the line is being charged and 
no load being carried, the condenser must be operated with a 
very light field. The same holds true of the generator field 
under the same conditions. With the ordinary generator 
voltage regulator, the voltage across the generator or condenser 
field can be controlled only down to about the residual voltage of 
the exciter. By cutting resistance directly in the field of the 
condenser or generator the voltage across the field can be re¬ 
duced still fiurther and it is now possible to do this automatically 
by means of a face plate regulator which is operated as an 
auxiliary to the usual generator voltage regulator. Such a 
regulator has been applied on the generators of the Big Creek 
No. 3 Plant of the Southern California Edison Company. It 
allows the lowering of the voltage across the generator field to 
something like ten per cent of the residual voltage of the exciter 
and thus there is obtained a considerable increase in the lagging 
current capacity of the machines while under the control of the 
regulator. 

R. J. C. Wood: I didn’t quite understand what Mr. Koontz 
said about the generator voltage being low under certain con¬ 
ditions of operation, when the load was low. We have made 
ealcxilations on the Big Creek System 250 miles long—that line, 
with 100,000 kw. per circuit, transmitted from Big Creek No. 3 
plant, including the effects of the transformers on the line, which 
take certain magnetizing currents. It developes that the varia¬ 
tion of the voltage on the generator will be very slight between 
zero load and full load. As I remember the figures the 11,000- 
volt machine requires slightly under 11,000 volts at zero load 
and in the neighborhood of 11,500 or 11,600 at full load. So, the 
variation at the generator is slight and the demands on the 
regulator will not be heavy. 

About what Mr. Copley said relative to putting synchronous 


condensers in the middle of the line, that, of course, gives you a 
new lease of life. You get power at the end of the first section 
of the line at a certain voltage and at power factor desired and 
start all over again in the next section of the line. The method 
has its limitations and would not be used on a comparatively 
short line. 

The calculations for the Big Creek 250-mile line indicated that 
there was no advantage in putting condensers in the middle of 
that line. The installations of a synchronous condenser at the 
middle point causes a loss of, roughly speaking, one-half of its 
capacity. A great many of these calculations are often made 
for the line only and the effects of transformers are not taken 
into consideration. This should be done, as illustrated by a 
test we made when we we 'e first getting ready to energize the 
line at 220 kv. One of the preliminary steps was to test the 
transformers and equipment of the Big Creek No. 8 Plant. We 
had generators and transformers at the Big Creek No. 8 Plant, a 
220-kv. line about 105 miles in length, from Big. Creek No. 8 to 
Vestal, and in addition auto transformers at Big Creek No. 1, 
No. 2 and also at Vestal, if I remember rightly. The result was 
that we got about 600 amperes on the generator at considerably 
less than full voltage and when we were up to full voltage on the 
line only 300 amperes, on account of the large amount of mag¬ 
netizing current taken by the transformers on the line, so that 
you have a very good regulator in the magnetizing current of 
transformers; if the voltage tends to increase greatly on account 
of loss of load, the magnetizing current will increase rapidly and 
neutralize the charging current on the line and prevent excessive 
voltages. Magnetizing current may be taken at about 4 per cent 
of full-load current at normal voltage; at 110 per cent voltage 
it will be about 12 per cent, and at higher voltage—the manufac¬ 
turers conceal what it is going to be. They need not conceal it; 
for our particular purpose it is a good thing to have. 

J* A. Koontz: The statement, that there is a wide variation 
in voltage at the generating station, should refer to the exciter 
voltage. The generating voltage usually only varies some 8 or 
10 per cent depending on how the lines are operated. .On the 
lines of the Great Western Power system, this variation amounts 
to 10 per cent. The impression I intended to Convey was that 
synchronous condensers have to operate over a rather wide 
range of terminal voltage, particularly when they are operated 
from high-reactance transformer windings which supply no other 
load. The condensers require miniTri nm field excitation when 
the machine is supplying the minimum terminal voltage, and 
maximum field excitation at maximum terminal voltage, hence 
extreme exciter voltage variation. I have a case in mind where 
the condensers deliver only 9800 volts at minimum field and 
12,200 volts under maximum field conditions. It is this change 
in machine terminal voltage, together with the magnetizing or 
de-taagnetizing effect of the armature, which necessitates extreme 
field ranges and makes difficult regulator operation. 
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Review of the Subject:—In the early days of the electric 
industry when transmission lines were short, power factor control 
was not considered necessary.. At the present tivie, with trans¬ 
mission lines of 200 miles and more, and with loads whose power 
factor is very poor owing to the universal use of the induction 
motor, power factor control is being forced upon the transmission 
engineer as a necessity if power is to be transmitted economically. 


By taking a few typical examples'of transmission luics, the effect 

of power factor upon efficiency of transmission is shown very clearly. 

The most economical line power factor for any ordiriary com^ 
mercicd transmission line is shown to vary by a comparatively 
small per cent and to be slightly less than unity. At the same time 
there appears a very wide range of load delivered over d line without 

an undue rise in cost of transmission. 


I T is quite generally accepted that some degree of 
power factor correction is advisable over long high- 
voltage lines but the amount of this correction has 
been considered a special problem to be worked out for 
each particular line. 

By constructing curves of kilowatt capacity and 
capital cost at various power factors for several typical 
lines, the writer has endeavored to show that the power 
factor for lowest transmission cost varies through a 


copper conductor, 100-kv. at receiving end, 10 per cent 
drop in voltage, 5 per cent transformer reactance at 
receiver end. Cost per inile^ $15,000. 

c. 50 miles, 2 circuit tower line, 250,000-cir. mil. 
copper conductor, 100-kv. at receiving end, 5 per cent 
drop in voltage, 5 per cent transformer reactance at 
receiver end. Cost per mile, $15,000. 

Figs. 1, 2 and 3 each has a curve showing the kw. 
of the different lines as the power factor at the 



Fig. 1— Cost and Capacity Ctteves—Line A 200 Miles, 200 
Kw. 500,000 CiR. Mils Copper, 10 Per Cent Voltage Drop 



Fig. 2 —Cost and CaPa!ctty Curves-— Liire B 100 Miles,' 100 
K'W^., 250,000 CiR. Mil Copper, 10 Per Cent Voltage Drop 


narrowrange. , - • 

The lines taken as typical are the following: ^ 

a. 200 miles, 2 circuit tower line, 600,000-cir. mil 

copper conductor, 200-kv. at receiving end, 10 per cent 
drop in voltage, 5 per cent transformer reactance at 
receiver end. Cost per mile, $35,000. ^ 

b. 100 miles, 2 circuit tower line, 250,000-cir. mil 

^ PfesenUd at the Pacific Coast Convention of the A, I. E. E., 
Dd Mon^f Cal, October 2-5,1923, 


receiving end vanes. It will be noticed that the kw. 
capacity rises very rapidly around unity power factor. 

Fig. 4 shows curves of capital invested per kw. de¬ 
livered over line a. Curve niarked “Line Cost’^ shows 
capital investment in line only. Curve marked “Con¬ 
denser Cost’'*’ ^ows capital investment in synchronous 
condensers required to bring the load power factor, 
assumed to be 80 per cent, to the line power factor which 
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is required for transmitting the load at the designated 
voltage drop. 

^‘Condenser Cost'' covers condensers installed on 
transformers necessarily in use for other purposes, and 
includes condenser losses at 3 per cent and at 4 mils per 
kw-hr. and depreciation at 3 per cent all capitalized 
at 6 per cent per annum. Itemized as follows: 
Synchronous condenser installed per kv-a. = $9.00 
Power required to operate at 3 per cent 
loss for one year = 0.03 X 8760 = 

262.8kw-hr. 262.8kw-hr.at $0,004 =$1.05 
Depreciation at 3 per cent on $7.00 = .21 

Cost of operating power and depreciation $1.26 
Capitalized at 6 per cent per annum 21.00 


Total condenser cost per kw. delivered = $30,00 
Line and condenser cost curve is the sum of these two 
curves. 

Line loss cost curve shows the C^R line losses per 
, kw-hr. capitalized at 6 per cent per annum. 

Total cost curve is the sum of all the above costs. 
Two of these curves, total cost and line and conden- 



PiG. 3—Cost and Capacity Oubves — LinbC 60 Miles, 100 
Km7., 250,000 CiR. Mil Copeer, .5 Per Cent Voltage Drop 

ser costs are shown in Pig. 1 plotted to line power factor 
as abscissas in place of kw. delivered. 

Total cost curve shows that, for a minimum trans¬ 
mission cost on this line, the line power factor should be 
about 97 per cbnt lagging. 

Similar curves are shown in Figs. 2 and 3 for lines 
b and c. They indicate that for minimum transmission 
costs the line power factors should be about 95 per cent 
and 91 per cent lagging respectively. 

Fig. 5 shows curves of line b at two different line 
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drops; 0 per cent, and 15 per cent, which indicate the 
marked effect these differences have on the most 
economical line power factor. 

Fig. 1 has a second cost cmwe with line losses ex¬ 
cluded for a load power factor of 70 per cent. Com¬ 
paring it with the 80 per cent load power factor show 
that the load power factor has a very slight effect on the 
most economical line power factor. 

An increase in the size of conductor chosen will 
decrease the line loss cost curve and increase the line 
cost curve to a less degree; the net Result being to 



Pig. 4 —Cost Curves per Kw. Delivered—Line A 200 
Miles, 200 Kw., 500,000 Cir. Mil Copper, 10 Per Cent 
Voltage Drop, 80 Per Cent Load Power Factor. 

raise the economical line power factor. This increase 
of the power factor is small compared to the corre¬ 
sponding increase of conductor required to produce it. 

A smaller assumed cost of power will reduce the line 
loss cost curve and also the condenser cost curve, thus 
increasing the economical line power factor. A larger 
allowable voltage drop over the line will have a marked 
influence in raising the economical line power factor 
by reducing the condenser capacity required to deliver a 
stated amount of power. 

Some of the smaller factors such as attendance for 
operating condensers have been neglected as well as 
the advantage gained by voltage regulation obtained 
by use of the condensers, which displaces regulation 
by induction regulators or other regidators with their 
attendant losses. Also the saving in generator size 
and losses due to the use of condensers has been 
neglected. 

The foregoing considerations have all been based oh a 
100 per cent load factor which unfortunately is not 
often met with* However, by taking a load which will 
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give the average losses of the real load the above 
considerations will apply very closely The condenser 
capacity required would be enough greater to ma.intfl.in 
the proper voltage at the peak load. The condenser 
losses, would be only slightly greater. The condenser 
cost would be materially increased but this- is roughly 
only about one third of the “condenser cost.’^ 

While the economy of transmission changes very 
rapidly with a small change in line power factor it 
changes very slowly over a wide range of kw. delivered, 
on both sides of the minimum cost point. This can 
be.clearly seen in the “total cost curve,'^ Fig. 4. 

A change of load. delivered from 125,000 kw. to 
2fe5,000, «. e. from 91 per cent power factor to unity 
nr)ans only a change in capital cost per kw. delivered 
of $4 v 56. . Assuming an interest depreciation and 
ppel^tion charge of 12 per cent this means 64 cents per 



Fig. 5—Cost and Capacity Curves—Line B 


8760 kw-hr. or about 0.06mil. per kw-hr. which is 
a very small, per cent of the total cost of a kw-hr. 

It is a very happy circumstance that there is this 
wide range of load over which the transmission cost is 
near the minimum. It means that considerable in¬ 
crease of load can be allowed for when designing a hew 
line without sacrificing present economy. Likewise 
the load on an existing line can be taken care of eco¬ 
nomically up to the point where it will justify an ad¬ 
ditional line. 

Conclusion 

On long high-voltage transmission lihes it is ^onomy 
to install synchronous condensers to correct the line 
power factor very close to unity; and if it is necessary to 
correct slightly more than this on account of voltage 
regulation the economy of the transmission line will 
not be greatly effected. 


Discussion 

F. G. Baum: Our vision of the future transmission system 
of the United States is a 220,000 volt system, at least for most 
of the country, and for most of the time that we will be here. 

In the states east of the Mississippi River, the average trans¬ 
mission line distance will be around 250 or 300 miles. That is 
not a long transmission. In our Western country, however, we 
are already up to that distance, both in the north end and the 
south end of the state. In not very many years the southern 
.part of the state will probably have to go over to the Colorado 
for its power, which means a 600-mile transmission, and the 
northern part of the state will have to go up to the Columbia 
Basin, which means again approximately a 600-mile transmission. 

If we consider a circuit of 500 miles and apply voltage at one 
end, as shown in the paper by Mr. Peek a year ago, approximately 
1 lO-kw. at one end of the line will give you approximately 220-kv. 
at the ot^r. Of course, you cannot have such a line and have 
it safe. we must have some way of holding the voltage down 
or stabilizing the line. 

If we have the charging omrent at one end of the line and the 
cap^ity current is traveling 500 miles, then in that capacity 
current travel of 500 miles it passes over 500 miles of reactance 
and that is what raises the voltage of the lines. 

Let us look at. what are the natural characteristics of a 220,000- 
volt line. Let us say we have a 600,000 ciroulai* ■ mil. copper 
line of any length and let us apply a load on one end of the line. 
1 don't care whether the line is 500 mUes long or 1000 miles long. 
Let us take the load at unity power factor and see what the 
characteristics are. Now increase that load gradually and take 
a voltage measurement along the Une, when yon reach a load of 
120,000-kw. at 220,000 volts, you will have what we call a 
constant potential and a constant power factor transmission 
line. That is, all points of that transmission line will be at the 
same potential and at unity power factor. That is, there is a 
load for that line that when it approximates at 120,000 kw. for a 
220rkv. line which makes that line a constant potential line; 
that I call the natural capacity of that transmission b'ne. Of 
course, we can not hold the load at 120,000 kw. at all times. 
Suppose we trip out the switches at the end of that transmission 
line, theii the voltage is' approximately double due to the rise 
in voltage caused by the charging current; it would be worse than 
that because the charging current itself will come back to your 
• generators and increase the excitation, and the voltage limit is 
unstable. We cannot have such a transmission line for satis¬ 
factory operation. In order to vary the load on that transmis¬ 
sion line (let'us again say it is 500 miles long), we locate synchro¬ 
nous condensers at the end and at one or two other points, depend¬ 
ing on the location of the large loads in the large cities, etc. We 
may then vary the lagging pr leading kv. of those condensers. 
Say we want a smaller load than 120,000 kv-a.; we change the 
condition by'drawing some lagging current on those, condensers 
and we may go entirely down to zero load, providing we make 
the charge kv-a. of a given section of the line come from the 
condensers connected to that section. That is^ the charging 
kv-a. of the line is circulated merely through the condenser and 
does not travel through the entire transmission line. (I believe 
Prof. Ryan also showed that in a new way at that special meeting 
last year). When you want a higher load than 120,000 kv-a. 
over that line you raise the supply leading kv-a. or take it from 
the line wherever, or whichever way you want, and you get an 
economical capacity around 120,000 to 160,000 kw. and an 
overloading capacity of around 2()0,000 kv-a. 

What would be the: advantage of such a system? The gener¬ 
ators would all be standard and would be uniform. That is, 
the excitation, in place of varying from, say, 100 amperes up to 
300 amperes from no load to full load for 80% power factor, 
would vary from 100 to 200 amperes for unity power factor. 
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The,generator designers would have an easier job and some of 
the men I have talked to hope to see that day in order to relieve 
them of the trouble of designing from 80 to 100% power factor. 
Also, the transformers along such a line would, be all of one 
voltage and standard and there would be no necessity for volt¬ 
age taps. In operating such a system with those condensers 
tied to it, there would be a stabilizing effect produced by the 
condensers. The transformers would help to stabilize the line. 
But, a rising voltage without the condensers on the transmission 
line, tends to produce a further rising voltage and, therefore, 
produce instability; whereas with the condensers, the condensers 
react, and have a tendency to lower the voltage and to cause 
the line to operate just in the opposite way, giving you a stabil¬ 
ized transmission system. And, it is such a transmission system 
as I have in mind to cover the country. 

Mr. Joslin has shown in his paper the economic value of 
condensers for 220 kw. transmission. 

This is also shown on pages 16 and 18 of the Atlas of U. S. A. 


Electric Power Industry. The addition of the condensers 
does not materially increase the cost of the transmission, but 
the addition gives a safe line, and a line that may be extended 
as far as economy dictates. With the condensers we also obtain 
increased capacity so that the cost per kw. for transmission is 
reduced. 

I especially urge electrical engineers to study the characteristics 
of the constant potential 220 kv. transmission with condensers 
for voltage, control. I think they will find that this gives a 
system of transmission commensurate with the needs of the 
industry at this time. 

J. P. Jollymant It is fortunate that the engineer, taking 
advantage of the information that Mr. Joslin has presented, can 
say in some cases, “Spending a half-million dollars for synchro¬ 
nous condensers will do more good than spending it for additional 
the ' transmission circuits.” 

I think the economic phase of the problem has not been 
emphasized enongh in the past. 
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Review of the Subject,—The problem of operating many of 
the present day transformers designed and built to function in sizes 
and under conditions unheard, of only a few years ago, is now of 
prime importance to many of the larger power companies, 

A statement of one type of the operating troubles encountered in 
the larger sizes is discussed in this paper and data taken as far as 
practicable under- operating conditions is given. 


From experience so far gained it is thought that both the auto¬ 
transformer and the grounded neutral system are here to stay and 
such problems as they present merit considerable investigation 
under actual working conditions. 

The present paper presents rather than solves one type of trouble 
encountered. 

a ii a * a 


I N July, 1914, the California Railroad Commission 
published the first report of the Joint Committee 
on Inductive Interference,. 

In 1918 General Order No. 52 superseded General 
Order No. 39, following the final report of the same 
committee. In this order under which California 
public utilities now operate is the following clause, 
/*no star-connect^ transformers or auto transformers 
shall be employed with a grounded neutral on the 
side connected to a three-phase power circuit involved 
in a normal parallel, unless low-impedance, delta- 
connected second^ or tertiary windings or equivalent 
means are used for suppressing the triple harmonic 
components of the residual voltagi^ and currents 
introduced by the transfomiers”. 

. In complying with this order, and to reduce the 
cost on a winding used solely to suppress the effects 
of causes which could not be removed, most companies 
have used tertiary windings .of capacity less than the 
rating of the traniormers, that is, the current-carrying 
capacity of the tertiary winding has been reduced by 
reducing its copper cross-section. 

Presented at the Pacific Coast Convention of the A. 1. E. E., 
Monte, Cal., October S-S, X9BS. 


At the same time most of the major companies 
using high-tension systems in California have adopted 
a permanently grounded neutral on the high-tension 
circuit and a considerable number of the lata*-built 
transformers have been auto transformers, designed 
specifically to operate only with one terminal of the 
high-voltage winding grounded. 

In present designs some of the tertiaries have a 
current density 20 per cent higher than the primary 
of the same transformer for the nameplate rating. 
This relatively high resistance further increases the 
tertiary temperatures under short-circuit conditions. 
Having this condition in mind it becomes an operating 
problem of when and how to protect the tertiary 
winding against destructive overheating during line 
short circuits. 

Tertiary windings are used, in addition to the 
prevention of inductive interference, for: 

1. Providing a path for the flow of third harmonic 
current, necessary for the proper magnetization of 
the core for a sine wave e. m. f. across the main 
windings..’.'^'-,- 

2. StabiUring the neutral and providing a sufl&cieiit 
flow of current in the line-or windings at to of 
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single-phase short-circuit conditions to give proper 
operation of relays and circuit-breakers. 

3. Providing a winding for load connections or a 
synchronous condenser. 

In practise the size of the tertiary is fixed by the 
short-circuit kv-a. rather than the third harmonic 



Fig. 1 

Bating 

Primary; 1500 kv-a., 40,000 volts 
Secondary: 1600 kv-a., 6680 volts 
Tertiary: 300 kv-a., 2340 volts 

Impedance: Primary and Secondary: 5.7 per cent at 1500 kv-a. 
Impedance: Primary and Tertiary; 20 per cent, at 1500 kv-a. 



Fig. 2 

Fot rating of transformer, see Fig. 1 



o 



component of magnetizing current, i. e., this winding 
must cany the short-circuit kv-a. long enough to 
allow circuit opening devices to operate. The time 
required to open the circuit is usually short, of the 
order of 5 seconds or less, and therefore very little 


radiation of heat takes place, consequently the copper 
must store its P R losses by thermal capacity during 
this period. 

There is given later a curve for determining approxi¬ 
mately the relations of size of copper, current, tempera¬ 
ture, and time for this condition. 

For short-circuit conditions, the size of the tertiary 



Fig. 4 

For rating of transformer, see Fig. 1 



Fig. 5 

For rating of transformer, see Fig. 1 



Fig. 6 

For rating of transformer, see Fig. 1 

is determined by the value of short-circuit current 
that it is desirable for protective reasons and the 
duration of the heavy current. 

From 300 per cent to 400 per cent of normal cuireht 
is usually desired for operation of protective relays 
and this abnormal current requires a tertiary Winding 
constructed to have from 26 to 30 per cent of the 
capacity of the main transformer windings. 
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The reactance in the tertiary circuit is then made In operation a few specific schemes only are of 
such as to limit the current to the above values for interest because, for operating reasons, only certain 
the voltage applied to a short-circuited transformer. connections are used; and odd or infrequent connections 
It is unsafe to use less reactance on account of if determining the design characteristics, should be 
danger from burnout and not wise to use more because 



Fig. 7 Fig. 10 

For rating of.transformers, see Fig. 1 mating of transformers, soe Pig. 8 



Fig. 8 

Bating 

Primary: 1500 kv-a., 40,100 volts 
Secondary: 1500 kv-a., 6680 volts 
Tertiary: 300 kv-a., 2340 volts 

Impedance: Primary e, Secondary: 5.7 per cent at 1.500 kv-a. 
Im:^edance: Primary e. Tertiary: 20 per cent at 1500 kv-a. 

Connected as auto transformer. Tap In exact center of primary winding. 



Fig. 9 

For rating of transformers, see Fig. 8 




Fig. 11 

For rating of transformers, see Fig. 8 



the amount of tlie short-circuit ciurent desired would treated as special cases, as should all cas^ where a 
• synchronous condenser operates from a tertiary. 

• hw.^capaeity and reactance of the tertiary ;^e To show approximately what takes place for diff^eut 

with one value given the other transformer conhectibns a bank of transformers having 
is fixed. • ^ tertiary was tested at less than normal voltage and 
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the several voltages and currents read as shown in 
the following figures. 

Fig. 1 shows a ground on the high-tension with the 
neutral ungrounded tertiary closed. 

Fig. 2 shows the tertiary open. 

Fig. 3 shows the neutral grounded tertiary open. 

Fig. 4 tertiary closed. 

Figures 5, 6 and 7 show F-Y-connected transformers 
with a tertiary and grounds on the secondary side. 

Figures 8, 9 and 10 and 11 show conditions in auto 
transformers with a tertiary. 




Fig. 14 

Volts to ground on top; volts across tertiary on bottom; tertiary current 
In Center 

These figures are self explanatory and indicate 
clearly what takes place on short-circuit conditions. 
Not all of the connections are used in practise, but 
from a study of the diagrams given in the several 
figures an idea can be gained as to what happens 
in practise. 

Fig. 12 gives a curve from a bank of transformers 
in which the tertiary has a rating of 20 per cent of the 
ti^sformer rating, and an impedance such that, 
with the tertiary short-circuited, from 16 to 20 per 


cent of full voltage is required to circulate full current 
through the high-voltage winding. For this test 
one high-voltage, winding was short-circuited and 
gradually increasing 3-phase voltage applied, measuring 
the current in the tertiary and short-circuited high- 
voltage winding. For 300 per cent high-voltage 
current there will flow approximately 14^ times 
normal current in the tertiary. 

Fig. 13 gives a curve for the heating of the trans¬ 
former windings neglecting radiation and using the 
60 deg. cent, resistance of copper. From the study of 



Fig. 15 

Volts to ground on top; volts across tertiary on bottom; tertiary cur¬ 
rent in center 

this and similar data it was decided to install, on a 
bank of three 12,000-kv-a., 110-kv., 60-kv., F-connected 
auto transformers a 13,800-volt tertiary having a 
capacity of 4000 kv-a. in each, of 13 per cent impedence 
and a relay in the tertiary to open it in case of sustained 
overload. 

Later a 12,500-kv-a., 13,200-volt synchronous con¬ 
denser was so connected as to operate on this tertiary 
that when the tertiary switch opened it cleared the 
condenser by means of its main running switch. This 
developed considerable trouble in the tertiary switch 



Fig. 16 

Volta to ground on top; volts across tertiary bn bottom: tertiary 
current m center 

and winding apparently from high voltage so that 
a series of short-circuit tests were made on the bank 
and oscillographic records taken of the tertiary current 
and voltage. 

By using a comparatively long 100-kv. line with a 
limited amount of available power it was possible 
to short-circuit the 60-kv. side of one auto trans¬ 
former to ground. 

Fig. 14 gives a curve of the voltage from one 
condenser lead Le. one comer of the delta to ground 
together with the tertiary current when one phase 
of the 60-kv. was grounded. 
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There is shown a somewhat violent change in tertiary 
current for the first 13 ^ cycles after the short circuit 
occurred from the usual triple harmonic magnetizing 
current to a badly peaked 60-cycle wave which then 
continues as long as permanent short-circuit conditions 
remain. 

Fig. 16 shows the 60-kv. ground thrown on with 
the condenser drawing approximately 30 per cent 
normal armature current leading. This shows the 
same violent current fluctuation for approximately 
the same time and thereafter a more gradual change 
until the condenser cleared by overload in about 
14 second. 

This tertiary current wave form during short circuit 
shows the effect of the condenser as compared with 
the normal running conditions at the start and the 
short-circuit conditions without the condenser at the 
latter end of the film. 

The voltage from one corner of the delta to ground 
changes as the short circuit was applied from an 
approximate sine wave to a wave showing the effects 
of the disturbed magnetic conditions and finally as the 
condenser clears to the static voltage of the winding 
to ground. 


to 15 times those used which are known to exist in 
times of trouble. 

There would also probably be a more violent dis¬ 
turbance for a ground on the 100-kv. fed from a 60-kv. 
source but the system connections were such that 
the supply could not be limited and it was not at¬ 
tempted. A ground was however thrown on the 
100-kv. line without any other source than the 100-kv. 
itself and shows , the same characteristics as regards 
sudden magnetic and current changes in the first two 



Fia. 18 

Top, phase B-A tertiary volts; middle, tertiary current; bottom, phase 
A volts ground. 

cycles. This is shown in Fig. 18 which shows the 
initial transient clearly. 



The tertiary in this case did not trip, and, as it was 
impractical to feed from the 60-kv. as in normal 
conditions, no further tests were made. 

It has been noted above that the currents used were 
only a small fraction of the values usually encountered 
in trouble though applied to full sized apparatus 
imder working conditions. 

It seems very difficult to work with miniature 


Fig. 17 


test apparatus and apply the results to full scale 


Volts to ground on top; volts across tertiary on bottom; tertiary on 
bottom; tertiary current In center 

In Fig. 16 the condenser boost was raised until it 
was drawing somewhat less than 25 per cent normal 
current (532 amperes) with the 60 kv. grounded as 
before. The transient changes for the firat few cycl^ 
are the same, but this test was so arranged that the 
tertiary relay opened the tertiary switch which in 
turn tripped the main condenser switch as in normal 
operation. 

For about 4 cycles between the time of opening 
of the tertiary switch and the clearing of the condenser 
there appears a badly distorted voltage of some 
4500 volts across the tertiary switch. 

Fig. 17 is the same with an added load on the 
condenser and shows a little more clearly the action 
between the time of opening the tertiary switch and 
clearing the condenser. 

The values shown are not alarming except as they 
show abnormal characteristic tendencies. The short- 
circuit current was limited by limiting the supply to 
a very small fraction of what would normally be 
available and it is very difficult if at all possible to 
predict what would happen with current values 10 



Pig. 19 —Diagram oj? Connections 


working conditions because of the difficulty of securing 
the same characteristics in each case. 

From a study of the conditions encountered it 
was thought that it would be advisable: 

1. To permanently close the tertiary, living its 
current transformer in service. 

2. Connect the tertiary relay so that it clears the 
100-kv. and 60-kv. transformer bank switches at about 
300 per cent normal current in the tertiary in approxi¬ 
mately 10 seconds. 

3. This presupposes that the line protective switches 
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are to operate as they have in the past to clear trouble 
selectively in about two seconds. 

In the original scheme where the tertiary opened 
and tripped the synchronous condenser all of the 
switches were opened during the first ^ second after 
a short circuit occurred, that is on the definite time 
portion of the induction type relay curve. 

It seems advisable to delay the action until the 
high-current values had subsided to more nearly a 
steady state and then clear the bank of transformers 
completely as a last resort. On banks of transformers 
in which the tertiary impedance is in the order of 
20 per cent and the current-carrying capacity 25 per 
cent or above, with a primary impedance of 5 per cent 
it is thought that the tertiary will withstand for a 
short time any overload that the primary can with¬ 
stand. 

Such combinations, unless supplying condensers, 
c^ be and usually are treated as delta banks and only 
the over-all transformer protection used. 

Some banks of transformers have neither 20 per 
cent impedance between high tension and tertiary 
nor 25 per cent tertiary current capacity and these 
installations present a difficult problem in operation. 

Important information on the subject of tertiary 
windings may be found in the following articles: 

“Harmonics in Transformer Magnetizing Currents" 
by Mr. J. F. Peters, Transactions A. I, E. E. 1915. 

“Tertiary Windings in Transformers, their Effects 
on Short-Circuit Current" by Mr. J. F. Peters, Electric 
Journal, Nov. 1919. 

“Transformers for Interconnecting High-Voltage 
Transmission Systems; for Feeding Synchronous Con¬ 
densers from a Tertiary Winding" by Mr. J. F. Peters 
and Mr. M. E. Skinner, June 1921, Journal of A. I. 
E. E. 


Discussion 

L. F. Blumes The subject of the paper by Messrs. Mini, 
Moore and Wilkins involves many interesting problems be¬ 
cause the transformer connection to which the authors mostly 
refer is a mongrel which has inherited its pecularities from three 
distinct sources. For, in this one transformer coimection are 
combined the various aspects of (a) an auto transformer, (b), 
the Y connection, and (c) the 3-wiiiding transformer. I will 
point out briefly for purposes of emphasis, a few of the salient 
characteristics of only one of them, namely, the 3-wdnding 
transformer. 

Wherever transformation of power is desired between three 
circuits, the practise of using three windings of different voltages 
is growing on account of the resulting economy, not only in first 
cost, but also in operation. By using one transformer bank 
rather than tw'o, double transformation of power is avoided and 
the total amount of transformer kv-a. for a given service is 
correspondingly reduced. A particularly interesting and im¬ 
portant illustration is in high-voltage transmission where syn¬ 
chronous condensers are used for power factor control, in which 
case the synchronous condenser sometimes is neutralizing the 
lagi^ng reactive ciirrent of the low-voltage system and at other 
times it is neutralizing the leading cba rging current of the high- 
voltage line. The joining together in one bank, of the trans¬ 


mission line, the low-voltage circuit and synchronous condenser 
for the purpose of transforming directly from any one circuit 
to another by one transformation is the unique function of the 
three-winding transformer. 

In addition to this, however, it is also being frequently used 
where the Y-Y connection is primarily desired, the third wind¬ 
ing being added merely to correct the inherent weakness of 
the Y-Y connection. These inherent weaknesses resulting 
sometimes in abnormal voltages either in the connection or in 
the line, or sometimes in interference with parallel telephone lines 
and also in various operating difficulties, may be grouped under 
the rather broad generalization, of neutral instability. This use 
of the tertiary delta in itself, is good evidence of the superiority 
of the F-delta connection, for by the addition of the delta the 
stable characteristics of the F-delta connection is secured. It 
is desirable to point out in this connection that if the tertiary 
winding is not needed for loading purposes the F-delta con¬ 
nection is simpler and cheaper, and therefore, the only legitimate 
reason for adding the third winding is found in those cases where 
the system conditions are such that a F connection for both 
the primary and secondary windings is essential. 

Thus it is seen that the 3-winding transformer is being em¬ 
ployed for two distinct reasons, the one being based on economy 
bo^ in first cost and operation; and the other being for the 
purpose of securing specific improvements in operating charac¬ 
teristics. The one purpose may be called the economical use, 
and the other, the non-economical use of the 3-winding 
transformer. 

However, whatever may be the reason for the use of the three 
windings, the majority of them are connected in F-F delta, 
with the delta tertiary having a capacity considerably less than 
the rating of the main windings. In these cases, the size of the 
tertiary winding may not be determined by thd load which it is 
to deliver, but rather by other characteristics such as the short- 
circuit ciirrent. For example, a short circuit from line to 
neutral on either of the high or low^voltage circuits results in a 
short-circuit current circulating in the delta limited only by the 
internal reactance of the tertiary winding. In this case the 
controlling factors in design as pointed out by the authors, are 
the amount and duration of the short-circuit current. 

It may be well to add that when a tertiary winding is to be 
designed for a given short circuit and for a given length of time, 
these other terms, kv-a. rating and reactance become superfluous 
and are arbitrary. 

Where the tertiarj*^ windings constitute an important pro¬ 
tective linlc in a system, it is highly desirable that they be suffi¬ 
ciently liberally designed so as to possess an ample margin of 
safety from the point of view of the mechanical forces and the 
thermal effects resulting from short-circuit currents. The 
certainty that the over loading of tertiary windings will be 
much more frequent by short circuits and also of longer dura¬ 
tion than in ordinary transformer windings is an additional 
reason for a conservative policy. Moreover in most instances a 
larger tertiary costs comparatively little more than a small 
tertiary. For example, comparing a 50 per cent with a 25 per 
cent capacity tertiary winding, the former involves only 5 or 6 
per cent increase in transformer cost. 

To determine the short-circuit and regulation performance of a 
three-winding transformer it is essential to have a clear conception 
of the manner in which the reactance between the windings 
affects the current division, regulation and short-circuit currents. 
The determination of these characteristics may prove to be very 
perplexing and unnecessarily complicated unless the funda¬ 
mental relations are clearly understood. These relations, how¬ 
ever, are fortunately quite simple. 

In a two-winding transformer the internal impedance is 
usually expressed in temas of one value. The leakage reactance 
between primary and secondary, and the resistances of the two 
windings are lumped into one and thus one value of impedance is 
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sufficient to express the voltage consumed internally by the trans¬ 
former, From time to time academic discussions arise con¬ 
cerning how much of the reactance belongs to the primary and 
how much to the secondary but no practical use is served in 
attempting to make this distinction and no matter how the 
reactance is assumed to be divided between high-voltage and low- 
voltage windings, the performance of the transformer remains 
unchanged. Therefore, it is common practise to use only one 
value to express the impeda,nee of a two-winding transformer. 
The reason that this may be done is because the high and low- 
voltage currents are equivalent and in phase. 

On the other hand in 3-winding transformers the current flow¬ 
ing in one winding is not necessarily equivalent to, nor in phase 
with, a emrent in one of the other windings, and for that reason 
resistances and reactances cannot be so simply expressed. It is 
convenient, and in fact necessary, to consider that every winding 
possesses a reactance belonging to itself just as distinctly as its 
resistance, and that they are connected together in the equiva¬ 
lent circuit in Y. Having segregated in this manner the im¬ 
pedances into a primary, a secondary and a tertiary value, regu¬ 
lation drop can be calculated for each one separately by using 
the ordinary formula for regulation, and also by means of the 
simplest algebra, current division for any condition of loading or 
of short-circuit condition can be readily determined. 

Thus there are two new problems introduced by the 3-winding 
transformer. First, the determination of the size of the ter¬ 
tiary winding may not be obtained in the ordinary manner but 
by one or more of the unique functions which it is called upon to 
perform. Second, the three windings are so related to each other 
that impedance and regulation cannot be so simply expressed as 
in ordinary transformers, although by means of a simple equiva¬ 
lent circuit, equivalent impedance values can be determined for 
each winding and these values used in the ordinary formulas to 
obtain regulation or current division for any given condition. 

A. Boyajlan: There is an implied recommendation in the 
paper by Messrs. Mini, Moore and Wilkins that tertiary windings 
should have larger capacity or larger mai'gin of safety; a sugges¬ 
tion which deserves serious consideration, especially in view of 
the relatively small cost that it involves. 

Relative Cost of Tertiary Windings'. In three-winding trans¬ 
formers a larger tertiary costs only a trifle more than a small 
tertiary. For instance, a transformer with a 50 per cent tertiary 
winding has a total kv. rating which is only about ten per dent 
larger and a cost which is only about five or six per cent greater 
than a similar transformer which has only a 25 per cent capacity 
'^tertiary. That is, the capacity of the tertiary winding can be 
doubled with only a five or six per cent increase in the cost of the 
transformer. Although it seems to be comuion practise to rate 
tertiary windings in the neighborhood of 25 per cent (excepting 
those which have to carry large loads normally), I happen to 
know that in a number of cases a manufacturer furnished 
tertiary windings with capacities much in excess of the capacity 
specified in the contract, simply because the additional expense 
involved was very sinall while the greater security to the trans- 
fbriner resulting iJierefrdm was very large. 

Tertiary windings cut a somewhat larger figure in the case 
of auto transformers than in transformers on account of the fact 
that the economy in the primary and secondary circuits ac¬ 
complished by their auto-transformer connection does not apply 
to the independent tertiary winding. For instance, in a two-to- 
one auto-transformer, the cost of flf ty per cent capacity tertiary 
may be about 10 per cent more than that of a 25 per cent capacity 
tertiary. Bht even in this case the .extra cost is small, the 
capacity of the tertiary being doubled with only about 10 per 
cent increase in cost. 

In as much as a tertiary winding is an important protective 
link in a system, its capacity should be specified liberally, 
though not wastefuUy, and this naturally raises the question as 
to ^hat is the proper capacity' for tertiary windings. 


Factors Controlling Tertiary Capacity'. The authors have 
properly recognized that the tertiary capacity and the tertiary 
reactance are interdependent and that when one is given the 
other is fixed thereby. The reactance in this case can of course 
only mean the net equivalent reactance as effective in the 
limitation of the short-circuit current. In other words, the 
capacity of the tertiary winding is determined by its short-circuit 
load. I wish to point out, however, that the duration of the 
short-circuit load is just as important a factor as the magnitude 
of the short-circuit load in the determination of the necessary 
tertiary capacity. This point probably can be best brought out 
by a comparison as follows: 

Transformers are as a rule guaranteed for a two-second dura¬ 
tion of short circuit. If we arbitrarily assume 5 per cent react¬ 
ance as an average conservative lower limit of reactance for 
convenience in this illustration, it means that the conductor can 
carry twenty times its rated current for two seconds without 
exceeding a certain permissible temperature rise. From the 
standpoint of temperature rise based oh heat storage, we have 
the following approximate equivalents: 
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That is, a normal transformer winding will carry 7.8 times 
(call it 8 times) normal rated current for 10 seconds, on a con¬ 
servative basis. ' 

If the duration is assumed fixed, the capacity of the tertiary 
varies directly as the current. Based on the 10 seconds time 
for tertiary relay operation assumed by the authors we have the 
following table of values: 

Duration of short-circuit assumed 10 seconds. 

Tertiary Capacity 


Short-Circuit in Per cent 

Current of Primary 


8 times normal primary 100 

6 " 75% 

5 “ 62% 

4 “ 50% 

3 “ 37% 


This table shows that if a tertiary wdnding which is to carry 
four times rated primary current for 10 seconds is to have 
the same margin of safety in temperature rise as a 5 per cent 
reactance transformer designed to operate at normal conserva¬ 
tive densities, it must have about 50 per cent of the capacity of 
the primary. Otherwise, it will have a smaller margin of safety. 

It may also be interesting to note a table of tertiary capacities 
for various cxirrents for a shorter duration, say 6 seconds. 

Duration of short circuit 6 seconds. 

Tertiary Capacity 


Tertiary Short- in Per cent 

Circuit Load of Primary 


11.5 X normal primary 100% 

10 “ 87% 

8 “ 70% 

6 “ 52% 

4 “ 35% 

3 ^ 26% 


It is not the object of this discussion to recommend any partic¬ 
ular tertiary capacity nor the magnitude or duration of the 
short-circuit currents, but to indicate how the relative merit of 
tertiary capacity can be estimated in terms of customary values 
applying to the major windings and to ernphasize the wisdom of 
specifying tertiary capacities ungrudgingly in view of the very 
small additional cost involved. 
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A further ciroumstance that makes a conservative policy 
towards tertiary windings desirable is the certainty that short- 
circuits which will load-up tertiary windings to their full capacity 
will be much more frequent than shortrcircuits which will load 
up the major windings to their full capacity. In other words, 
line-to-ground short-circuits are bound to be much more fre¬ 
quent than line-to-line short-circuits, and, hence, tertiary wind¬ 
ings will have their ordeal oftener than the major windings. 

Relation of Reactance to Short-Circuit Currents and Tertiary 
Capacity. Reactance in connection with tertiary windings 
usually means the reactance between the tertiary and the pri¬ 
mary circuits. This reactance, however, does not directly and 
completely determine the short-circuit currents of the tertiary 
winding for all the various possible system connections and loca¬ 
tion of short-circuit. These are so varied that time would not 
permit their discussion now, but in any practical case, it is 
necessary to consider the various possible conditions, especially 
two of them, viz., (a), the condition for the sake of which the 
tertiary winding'is to be provided, together with, (b), the con¬ 
dition which imposes the severest duty on the tertiary winding. 
For instance, in a system grounded at a number of points for 
purposes of selective relay operation, a short-circuit across the 
terminals of the tertiary winding is likely to be a much more 
severe load to it than a line to ground short-circuit on the pri¬ 
mary or secondary lines. In such an instance, if it is not abso¬ 
lutely necessary that the tertiary should furnish a load normally, 
it would be better policy not to bring out tertiary leads and thus 
avoid the extra risk that would otherwise be incurred. 

Test Data: The authors present a number of interesting test 
data in curves and vector diagrams. All of these could have 
been predicted accurately by calculation, and the following com¬ 
ments may be interesting and helpful in their interpretation. 

1. Pigs. 1 and 2 of the authors are the experimental veri¬ 
fication of two theorems or principles, viz.: 

(a) F-delta (or delta-F) cormected transformers operate 
equally well on unsymmetrieal as well as symmetrical line 
voltages, that is, lack'of balance or symmetry in the line voltages 
does not produce any circulating current in the delta. 

(b) The leg voltages of a F-connected bank of three similar 
transformers are equal to two-thirds of the corresponding 
median of the triangle of line voltages. On the side of the 
vertical leg the median of the line voltages is 244/2, that is, 
122 volts, and ^/a of this, that is, 81 volts, should appear across 
that leg. The observed voltage is 80 volts, which may be 
considered as a complete commercial check. The fact that the 
observed voltage on the delta side on the corresponding leg is 
4.7 volts proves by ratio that the observed voltage on the F side 
must have been nearer 81 volts than 80. 

2. In Pig. 3 excitation is applied only to the lower two legs 
(Fi. Vi). The vertical leg is short-circuited, but this short 
circuit does not affect the circuit in any way because the delta 
is open. The phenomena are capable of prediction by very 
elementary considerations, but presumably the authors in¬ 
cluded this in their tests for comparison with the case of Pig. 4. 

3. Pig. 4 is the same as Pig. 3 except that the delta is closed. 
The vertical leg is disconnected from the generating system 
(note the break in the upper transmission line) and is short- 
circuited. The object of this line-break was no doubt to prevent 
a direct dead short circuit on the left hand bank of transformers 
at the generating end, because the break does not influence the 
phenomena of the righthand bank (the bank under test) in any 
way. The formula for the short-circuit current in this ease is; 



/« = 


%E 

3 X %/ Z 


X rated current 


An interesting fact about the short-circuit current of this 
case is that if the step-up transformers were not grounded, only 
the step-down bank being grounded, (in which case the upper 
line break would be dispensed with) the coil currents in the 


short-circuited step-down bank would be three times as large as 
the figures given above. This is a good illustration of the in¬ 
fluence of system connection and number of neutral grounds on 
the short-circuit currents. 

The voltages on the delta side by ratio from the primary F 
side would be 14 volts. The short circuit current being only 
one third of that corresponding to a short-circuit on a unit as a 
single-phase unit, the voltage on the delta side of the short- 
circuited leg will be one third of the excitation, namely, one 
third of 14 volts, or, 4.7 volts. The measured vAlue is 4 volts, 
and the small discrepancy may probably be accounted for by 
reading the voltmeter very low in the scale, as would be the case 
if the scale was of the order fo 50 volts or more. The voltages 
on the other legs would be 12.3 volts, the measured value being 
12 volts which may be considered a sufficiently close check. 

4. Pig. 5 is the verification of the simple statement that if 
one leg of a F-F bank is short-circuited, the other two legs 
take up the full line voltage in open-delta. The comer of the 
tertiary delta winding is open, at which point 41 volts, which 
is 1.73 times the voltage of the excited legs, is observed, being 
the vector sum of the two excited legs with a 60 deg. angle, as 
the authors have indicated in the vector diagram. 'When the 
open corner of the tertiary delta is closed, this voltage is short- 
circuited and we have the case shown in Pig. 6. 

5. The calculation of the currents in Pig. 6 would require 
a knowledge of the impedance between the tertiary and the 
secondary. This is not given, but in as much as the currents 
are given, it is possible to reason back from them to the value 
of this reactance which figures out to be about 13.5 per cent and 
which we may apply to the solution of other cases, as for in¬ 
stance the ease of Pig. 7. 

6. In Pig. 7 short-circuit current could be furnished with 
the upper transmission line on open circuit, that is, the vertical 
leg not taking any part whatever. Short-circuit current could 
also be furnished with the lower two transmission lines on open 
circuit, that is, the lower two legs not taking any part whatever. 
This means that we have in effect two sources in parallel fur¬ 
nishing current to the short circuit. What the actual short-cir¬ 
cuit current will be and how it will distribute itself in the network 
may be calculated as follows: 

Let us call the upper vertical leg, on primary side, circuit 
A; tlie lower two legs together, B; and the line-to-neutral circuit 
on the secondary side, C. 

When the upper leg circuit (A) alone is excited, lower legs 
(circuit R) being disconnected, the impedance effective from 
A to C is 

% I Xac = % / Xpa = 5.7 per cent 

When the upper leg (circuit A) is disconnected, and the 
lower legs (circuit B) alone furnishes the load in C, the effective 
impedance is 

% I Xbe —2 X %I Xpt + %I Xat — 53.5 per cent 

Evidently, the impedance from A to C being about one-tenth 
of that from B to C, we can say as a first approximation that the 
former will furnish 10 times as much kv-a. into the short circuit 
as the latter. Since the voltage of the former is twice that of the 
lattOT, its current will be five times as much to make its kv-a. 
ten times as much. Considering the test data we find that the 
current in circuit A (vertical leg) is 3.78 amperes, and that in 
circuit B (lower two legs) is 8 amperes total, the ratio ^being 
about five to one. The effective impedance of the two circuits 
A and B in parallel for the circuit C will be approximately 



% Excitation 
7oIZc 


X Rated current 


=0.6/6.2 X 225 = 26 amperes. 

The observed current is 24 amperes, about 8 per cent lower, 
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•which may perhaps be accounted for partly by the impedances auto-transformer; if the system is isolated, isolate the neutral 
introduced into the circuit by the meters, leads and grounds, of the auto-transformer.” In Fig. 10, the delta is open, so that 
and partly by the approximateness of the data on -which the the unit is acting as a straight Y auto-transformer, and it is 
calculation is based. found that if the system is grounded and the auto-transformer 

The exact calculation of problems like this involves some is isolated, a line ground on the secondary over-excites that leg 
methods into a discussion of which we cannot enter now but in the ratio Ei/{Ei — E 2 ) and shifts the neutral. In this case, 
which will be found described in a paper entitled “Theory the low voltage being 50 per cent of the high voltage, this ratio 
of Three-circuit Transformers” to be published in a forthcoming was 2. If the low voltage had been 90 per cent of the high 
issue of the Journal of the Institute. voltage, this ratio would be 10, that is, the leg whose line is 

8. Of the tests with auto-transformers. Pig. 10 is of partie- grounded would be overexcited 10 times. This would of course 
ular interest illustrating the reason for and widsom of the two overexcite the other legs also. If the primary is the low-voltage 
simple general maxims for the operation of auto transformers, side, a high-voltage line ground not only overexcites but also 
viz.: “If the system" is grounded, ground the neutral of the reverses the voltage of the corresponding leg. 

Transformers for High-Voltage Systems 

BY A. W. COPLEY 

Associate, A. I. £. B. 

Westinghouse Elec. & Mfg. Co., Bast Pittsburgh, Pa. 

Review of the Subject.—The designs of transformers for are used to connect between the SSO-kv. system and existing high 
220-kv. systems do not represent radical departures from designs voltages and, are connected star-star with delta tertiary. The 
which have become standard for lower voltages. The solidly tertiary may or may not be used to supply synchronous, condensers 
grounded neutral system is used and advantage is taken of this to but it is not used for the supply of power load, 
use graded insulation and reduced voltage test. Auto-transformers ***** 


W HEN considering the use of extra high voltages 
for the transmission of electrical energy, 
the apparatus that first claimed the attention 
of the engineers consisted of transformers, switches 
and line insulators. Other apparatus, such as genera¬ 
tors and synchronous condensers, have generally been 
considered as being unaffected or only slightly affected 
in their design because of their application in 
connection with high-voltage transmission. The 
problem of transformer design for 220,000-volt 
operation has been met and solved, however, with¬ 
out the encountering of any unforeseen difliculties 
or complications. 

The application of transformers to 220,000-volt 
service has brought about a change in the generally 
prevailing ideas in regard to transformer construction 
in that the considerable savings obtained by the use 
of graded insulation on the 220,000-volt transformers 
has centered attention on similar savings which could 
be accomplished on transformers for the more moderate 
voltages. Except for this point, design problems 
on the 220,000-volt transformers have not been ap¬ 
preciably different from those which had been pre¬ 
viously met in standard high-voltage transformers 
and design. The same types of design have been used, 
transformers of both the shell and core forms having 
been built and nre now in operation on 220,000-volt 
drcuits. The quality of insulating materials and the 
insulating oil have not been affected by the advent 
of the high-voltage. The same types of terminal 
bushings and the same principles of design have been 
followed. 

Presented at the Pacific Coast Convention of the A. I. E. E., 
Del Monte, Cal., October 2^^,1928. 


It was universally recognized among engineers that 
a solidly grounded neutral should be used on the 
220,000-volt system. This point being estabMed, 
it became desirable to take advantage of the savings 
that could be effected in transformer manufacture by 
using only one high-voltage terminal and by grading 
the insulation from the maximum at the line end to a 
minimum at the neutral end of the high-voltage 
winding. Such grading of the insulation does not, 
however, affect the providing of extra insulation 
between turns or the tuiiis immediately adjacent to 
the ends of the winding, and such extra insulation 
has been provided, both at the line end and at the 
ground end. This practise has been followed in 
recognition of the fact that surges dr steep wave 
front potentials mi^t be experienced at either end of 
the winding even when one end is connected solidly 
to ground. 

In carrying out the design of the transformer 
for use on a system on which the neutral is solidly and 
permanently grounded, it has seemed to be possible 
and desirable to recognize the lower electrical stresses 
to which a transformer so applied would be subjected 
when compared with a transformer applied on a 
system in which the neutral is not necessarily 
permanently grounded. It should, therefore, be possible 
to reduce the insulation test to which the transformer 
is subjected. 

It is evident that it would be impracticable to 
apply the voltage test specified in the Institute Rules 
between the whole winding and ground because of 
the grading of the insulation. The logical method of 
applying the insulation test is to ground the neutral 
end of the winding on the tranfformer core and to 
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induce the test voltage in the winding. This gives the 
maximum voltage test at the line end and graduates 
it to zero at the neutral end. The dielectric test for a 
transformer as specified by the Institute Rules is two 
times the line-to-line voltage plus 1000 volts. The 
maximum operating voltage which might obtain on a 
transformer used on. a line without solid grounding of 
the neutral would occur when one line became grounded 
and would, therefore, amount to the line-to-line 
potential. 

The voltage test specified by the Institute gives 
a factor of safety of two on this voltage or, in other 
words," gives a margin equal to line-to-line voltage 
above the maximum normal obtainable voltage. When 
a transformer is used on a solidly grounded neutral 
system and is provided with graded insulation, the 
practise has been followed of testing with this same 
margin but as the maximum normally obtainable 
voltage in such a case is only the line-to-neutral value, 
the test given is the line-to-neutral value, plus the 
line-to-line value or 2.73 times the line-to-neutral 
voltage. 

As has been suggested, the attention brought to the 
graded-insulation, single-tei-minal transformer, by its 
use on 220,000-volt circuits, has brought about similar 
arrangements for more moderate voltages and recently 
transformers for 165,000-v61t systems and. also for 
lower voltages have been constructed on this principle. 
The savings accomplished are larger and more im¬ 
portant on the very high-voltagq transformers, but 
there is also a very real saving on transformers built 
for lower voltage operation. 

On the transmission systems now arranged for 
220,000-vOlt operation, special conditions have called 
for the us’e of auto-transformers connected to the 
high-voltage line. The Southern California Edison 
Company had been operating their Big Creek lines 
at 150,000 volts and the two original Big Creek plants 
and the Eagle Rock step-down substation were pro- 
"vided with transformers and switching equipment 
to give or to utilize this potential. It was considered 
economy, therefore, to allow this 150,000-volt apparatus 
to stand and to obtain the 220,000-volt potential 
by auto-transformation. This necessitated star-star 
connection between the two voltages and the use of 
tertiary windings to supply the third harmonic com¬ 
ponent of magnetizing current and to provide a com¬ 
paratively low impedance path for the flow of the 
unbalanced current demanded in the case of a ground 
on the star-connected system. The importance of 
maintaining this tertiary winding in service under all 
exigencies was considered by the engineers of the 
Southern California Edison Company to be enough 
to warrant the exclusion from this winding of any other 
load such as low-voltage local distribution or syn¬ 
chronous condenser current. 

The newer Big Creek power plants and the new 
Laguna Bell substation, near Los Angeles, are equipped . 


with two-coil transformers connected in star on 
the high-voltage, and delta on the low-voltage side as 
no intermediate 150,000-volt potential is required. 

The Pacific Gas & Electric Company have had 
a 100,000-volt system in use in the San Francisco 
district for many years and it was planned to bring the 
power from Pit River into the district and to transmit 
it to the 100,000-volt system already in existence. 
Thus transformation from 220,000 volts to 100,000 
volts became necessary and auto-transformers provide 
the most economical means of making such trans¬ 
formation. These auto-transformers are located at 
the Vaca substation. They are connected star-star 
and provided with a delta tertiary winding which cares 
for the third harmonic component of magnetizing 
current, unbalanced ground current in case of line 
faults, and at the same time supplies the synchronous 
condensers used for line regulation. 

It is not practicable to use the tertiary winding for 
supplying local distribution and at* the same time 
syncluonous condenser current if the field of the 
synchronous machine is varied in such a manner as 
to give a constant potential on the high-voltage side 
of the transformer. This prohibition is on account 
of the voltage variation which must obtain on the 
tertiary winding under this condition. 


Discussion 

E. A. Smiths It would be quite interesting if Mr. Copley 
would give some more information on these 220,000-volt circuit 
breakers, such as the necessary data on the rupturing capacity, 
size of tanks, amount of oil, the grade and the insulating factors, 
what sort of contacts used and the depth of contacts under the 
oil. 

Also the general tests and curves covering all the characteristics 
of flashover and safe operating limits. 

R. W. Sorensen: Mr. Copley’s paper sums up nicely the 
present-day accomplishments toward the consummation of the 
220,000-volt, 1100-mile California bus-bar system as proposed 
at the 1919 Pacific Coast Convention held in Los Angeles. At 
that time I hardly thought the plan presented would in any way 
be realized in less than a decade. 

In paragraph two, Mr. Copley speaks of graded insulation 
being used. Descriptive articles I have read and a rather casual 
inspection of some of these transformers I have seen out of the 
tank did not indicate to me a truly graded insulation. To my 
way of thinldng, the term “graded insulation” means a tapering 
insulation. I am under the impression that, with the exception 
of the end turn insulation, the insulation between turns is uni¬ 
form throughout the winding. Also I did not find grading be¬ 
tween high-tension windings and core legs. "What I have under¬ 
stood is that the large insulation barriers used in the more 
familiar types of construction, between coils and yokes have 
been left out, a condition made possible by a plan of construction 
which permits a single high-voltage lead to be brought out from 
the center of the ■coil stacks. This form of construction is not 
original with the 220,000-volt transformers, as it was first made 
Imown by the W. J. Wooldridge patents, so old they have ex¬ 
pired, and afterwards used in the Forteseue plans for sfaress 
distribution, published about ten yeats ago. In practise, it 
has been tried out on many voltages for several years. It is 
not a scheme necessary for engineering reasons, but is largely one 
of economy, determined not only by the voltage, but also the 
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rating of the apparatus. I think it would be a mistake to create 
the impression that transformers for this voltage can be built 
only with one insulated lead and a solidly grounded winding. 

This brings us to a point in paragraph three. I rather doubt 
the advisability of saying engineers are \iniversally of the opinion 
that 220,000-volt systems should be provided with solidly 
grounded neutrals only. As such a system grows it may be 
necessary to use Peterson coils, or a resistance of some type in 
the neutral of 220,000-volt systems and also for systems for 
other voltages, even though we have by long practise -become 
accustomed to the use of solidly grounded neutrals on the 
Pacific Coast. 

It seems to me ample provision for giving single tenninal 
transformers a voltage test made in Rule 6362 of the A. I. E. E. 
Standards which reads, “Under certain conditions it is per¬ 
missible to test transformers by inducing, the required voltage 
in their windings in place of suing a separate transformer. 
By ‘required voltage’ is meant a voltage such that the line end 
of the winding shall receive a test to ground equal to that required 
by the general rules.” 

Further, the Standardization Rules call for a specific test for 
three-phase work of two times line voltage, because many years 
of practise show this to be desirable. This of course gives a ratio 
of transformer test voltage to transformer working voltage of 
3.46 in a Y connection and of 2.00 for a delta connection. Also, 
Rule 6321 (e) specifically states that single-phase systems perma¬ 
nently grounded used for more than 300 volts shall be tested at 
2.73 times circuit voltage plus 100 volts. If this difference is 
unwarranted, the matter should be corrected by a change in the 
Standardization Rules and not by an avoidance thereof. 

The economy and also the difficulties encountered in the use 
of auto-transformers are well known. Therefore, to avoid most 
of these difficulties auto-transformers, when Y-Y as they 
usually are, are provided with tertiary windings. The capacity 
of the tertiary winding is determined by its ability to take care 
of short circuits. The tertiary winding by providing a path 
for the third harmonic component of the exciting cuivent, 
stabilizes the neutral, and should a ground occur on the system 
it provides a path through which current can flow until a balance 
is obtained, but if there were no tertiary winding there would 
be no current flow, as indicated in the seventh line from the 
bottom of column one of the 2nd page of Mr. Copley’s paper. 
For my part I can see no particular reason to assume the tertiary 


more immune from trouble when left idle than when used to 
supply power, as power load, or to a s 3 mchronous condenser, 
providing proper precautions are taken against faulty connections 
and overload. Of course, if there is a large leakage reactance 
factor between tertiary and secondary winding of the trans¬ 
former, the secondaiy voltage could not be expected to stay 
constant if the i*egulator were set to regulate on the teritary or 
the primary, but I see no reason why a condenser can not be 
supplied with power by the tertiary and yet be made to regulate 
either the secondary or primary voltage as desired. 

A. W. Copley t Professor Sorensen is correct in his statement 
that the insulation between turns in a transformer with “graded 
insulation” is uniform throughout the body of the winding except 
for the end turn padding. The grading is, however, accomplished 
in the insulation from coils to ground as it is the potenti^ from 
coils to iron that varies from zero at the ground end to a maxi¬ 
mum at the line end of the winding. In shell type construction 
the grading is done in the group insulation. 

The fundamental reason for grading is economic and its 
justification is the fact that with one end of the winding solidly 
grounded there is no necessity for taking up space by also 
insulating this end for full voltage. For the same reason there 
is no necessity for a high-voltage bushing on the ground end of 
the winding. The only systems now operating at 220 kv. use 
the solidly grounded neutral and I have yet to hear engineers 
seriously propose to operate at such voltages with neutrals either 
free or grounded through resistance or reactance. 

As to the test voltage value for transformers having graded 
insulation, I explained in my paper the reason for the acceptance 
of a value of 2.73 times the voltage from line to neutral. ' Al¬ 
though this is a lower value than is called for by a strict interpre¬ 
tation of the Institute Standards, I believe it is justified and con¬ 
sistent with the values used on transformers with straight in¬ 
sulation which might be used on free neutral systems.. The 
present standards take no cognizance of the graded insulation 
transformer in the test values given. 

The desirability of taking load from transformer tertiaries 
in addition to the condenser current is largely a question of 
voltage regulation. The condenser may be used to regulate the 
voltage on any one winding but not on two simultaneously. In 
most instances it is desired to regulate the secondary voltage 
and in these oases the tertiary voltage will generally vary over 
so wide a range as to make it unsatisfactory for supplying load. 



Applications of Long Distance Telephony on the 

Pacific Coast 

BY H. W. HITCHCOCK 

Associate. A. I. E. E. 

Engineering Department. Pacific Telephone & Telegrkph Company. San Francisco. Cal. 

Review of the Subject. Tins paper deals with the general The service to Catalina Island is described to illustrate the changes 
problem of prov%d%ng long distance telephone service on the Pacific which are taking place in the communication art. This service 
Coast. A description of the present toll plant is given and the was first provided by means of a radio link to which a privacy 
applications which have been made of recent developments in tele- system was later added. This radio system was later replaced by 
phonej^Mtise are illustrated. Reference is made to the extensive two sid)marine cables between the island and the mainland. The 
use which has been rt^e of carrier telephone and telegraph systems, mechanical and electrical characteristics of these cables are given, 
and the many specm problems, such as the loading of long toll together with a description of the work of laying, which was done 
entrance cables, which these systems introduce, are pointed out. principally by the government cable ship, '^Ddlwood.'' 

W ITHIN the last few yea.rs the extensive and of facilities whereby the telephone service rendered the 
systematic research which has been carried on public has been greatly extended and improved. Many 
by the Bell Telephone System has resulted in of these new developments have been ably described 
developments in the art of long-distance telephony in Mr. Osborne’s paper, and in others recently presented 
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which are indeed remarkable and have placed at the before the Institute. It is the purpose of this paper to 
disposal of the Bell companies an ever increasing variety point out the extensive use which has been made of 
Presented at the Pacific Coast Convention of the A. I. E. E., ^^ese newest facilities on the Pacific Coast and how the 
Del Monte, Cal., October $-5,192S. various elements have been combined under the par- 
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ticiilar conditions encountered here to form a coherent built up circuit exceeds the limit which has been set, 
toll plant. repeaters are inserted at the intermediate points to 

To illustrate this, the accompanying map has been preserve the necessary over-all efficiency, 
prepared. Backbone routes extend north from San To illustrate the manner in which the several types 
Diego through Los Angeles, San Francisco, Portland of circuits may be combined, let us assume a connection 
and Seattle, to the international boundary where con- established between Avalon on Catalina Island and 
nection is made with the British Columbia Telephone Deer Park, Washington, a tributary of Spokane. The 
Company's lines to Vancouver. Contact with the circuit arrangement together with the comparative 
territory to the east is effected by leads to Phoenix, power level at all points when the Avalon party is 
Salt Lake, Boise and Butte. The heavy lines on the speaking is shown in Fig. 2. Starting from the Avalon 
map represent leads on which carrier systems are in end we encounter in succession, a deep sea submarine 
operation. The medium weight lines represent other cable, a long loaded toll cable, the 25-kilocycle channel 
main leads not so equipped at present, while the light of a carrier telephone system operating over No. 12 
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Fig. 2 


lines represent some of the more important branches. 
Toll cables are representc<l by the short heavy lines in 
the immediate vicinity of the larger cities. Future 
carrier facilities for which plans are actively under 
way are indicated by heavy dots on medium width 
lines. Various types of repeaters are also shown. 

In any telephone connection regardless of its length 
the aim is to maintain a satisfactory equivalent or 
standard of effidency. All direct circuits between the 
large cities and towns are designed to be well within 
this equivalent. Where no direct connection exists, 
two or more circuits joining intermediate points are 
connected together. When the equiv^ent of such a 


N. B. S. gage wire (173 pounds per wire mile), a trans¬ 
bay lead-covered submarine cable, the 10 -kilocycle 
channel of a carrier system operating over No. 84 B. 
w. g. wire (435 pounds per wire mile), a No. 8 gage 
open-wire phantom and a No. 12 gage open-wire 
circuit. Two through line voice frequency repeaters 
and seven carrier-frequency repeaters are employed. 
Voice-frequency cord circuit repeatd*s are inserted at 
Los Angeles to connect a toU cable with a carrier 
system, at San Francisco to join two carrier channels, 
and at Portland to connect a carrier channel with an 
open-wire phantom drcuit. 

In addition to the Various types of circuits and am- 
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plifiers involved in this connection the power relations 
are also of interest. Consider for example the condi¬ 
tions at a time when the power delivered to the line in 
question by the Avalon telephone is 1000 microwatts. 
The over-all circuit efficiency is about 0.4 per cent (25 
mile equivalent) so that four microwatts are delivered 
to the Deer Park instrument. Were the cord circuit 
repeaters omitted the power transmitted would be re¬ 
duced to 0.02 microwatts. Should all the repeaters 
including those in the carrier systems be omitted, the 
received power would be 1.3 X 10"^® microwatts. 

Not only is it necessary to maintain a certain over¬ 
all efficiency, but also is it required that the power be 
kept within certain upper and lower limits at all points 
along the way. Should the voice currents become too 
great, overloading of the repeater tubes accompanied by 
distortion of the speech waves will occur. If the cur¬ 
rent becomes too weak, the circuit will be noisy or 
experience excessive crosstalk from othet* lines. These 
upper and lower limits make it necessary to amplify 
the current at regular and fairly frequent intervals as 



is done in the circuit sho\^. Were all the amplification 
to be effected at the receiving end, the noise and cross¬ 
talk would completely drown out the speech current. 
In case the amplification were all applied at the sending 
end the speech input power would have to be about 
thirty billion kilowatts. Such a mode of opemtion is 
of course impossible. 

One of the most noteworthy things about the Pacific 
Company's toll plant is the extensive use which has 


already been made of canier systems. This is due 
largely to the fact that the great distances which sepa¬ 
rate the main centers of population are sufficient to 
justify the large cost of carrier terminal and interme¬ 
diate repeater equipment, because of the resulting 
saving in line wires. Fig. 3 shows the systems now in 
use and those upon which work is progressing. At the 
pr^ent time, there are in operation 6400 channel miles 
(10,300 km.) of carrier telephone and 18,500 miles 



Fig. 4—^Terminal Equipment op Two Cakribr Telephone 

Systems at Oakland 

(29,800 km.) of carrier telegraph. These figures will 
soon be raised to 8600 miles (13,800 km.) and 32,300 
miles (52,000 km.) respectively. All of the eight San 
Francisco-Los Angeles circuits now are carrier channels 
as are the four San Francisco-Portland circuits. It 
may be of interest to note that when the carrier systems 
now contemplated are completed it is expected that 
it will be possible to talk by carrier alone for practically 
the entire distance from Avalon to Spokane, which is 
more than sixteen hundred miles (2600 km.). 

Among the special problems which the use of the 
new facilities presents. is that of bringing the toll 
circuits into San Francisco. Those which enter from 
the north and east must cross the bay in submarine 
cables which are too long to be operated on a non-loaded 
basis. Fortunately, Goat Island provides an inter¬ 
mediate loading point between Oakland and San 
Francisco for the circuits from the east, although the 
minimum spacing which is obtained in this way is 
12,000 feet (3660 meters), or more than twice the 
spacing which is used normally with cables associated 
with open wire. Special coils have been developed to 
meet this condition and are used on all the existing 
submarine toll entrance cables, since the provision 
of submarine loading coils would not have been as 
economical. 

Although lines loaded in this special manner are 
satisfactory for voice frequency circuits, they cannot 
be used for carrier systems. It has therefore been 
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necessary to make Oakland the carrier terminal point 
for all such systems operating over wires which approach 
the bay from the east, although the individual channels, 
both telephone and telegraph, are extended across the 
bay to San Francisco and terminated there. 

Another special problem incident to the use of carrier 
systems is the loading of long toll entrance cables. 
Two of these, each about nine miles (14.5 km.) in length, 
occur in this territory. One extends from the Los 
Angeles office north to Cahuenga Pass and provides 
entrance facilities for both the coast and valley leads. 
This cable will soon be extended to Simi junction, an 
increase of three miles (5 km.). The second cable 



extends from Oakland to San Leandro and serves the 
valley circuits to Los Angeles. .Bdth of these cables 
have been loaded at frequent intervals with special 
coils so as to render them suitable for use with carrier 
systems. A third cable 12.5 miles (20 km.) in length 
extending south from Seattle will also be loaded for 
earner operation in the near future. Such loading is 
quite expensive and has an important bearing on the 
question of carrier circuit economy. 

One of the most difl&cult problems encountered in 
this territory is to anticipate and provide for the rapid 
increase in the long distance or toll business. The 
extent of this growth is shown on Fig. 5, which gives 
the total toll circuit mileage for the last ten years. 


For comparison the increase in population for this 
period is also shown. In order to care for this increase 
in business, extensions to the plant are constantly being 
made. Mention has already been made of the several 
carrier projects now under way. Toll cables are to be 
placed between Seattle and Tacoma, between San 
Francisco and San Jose and between Los Angeles and 
Long Beach to supplement those now in use. A cable 



Pio. 6 


is soon to connect Los Angeles with Anaheim and 
other Ormge County points while another is now 
being designed for use between San Francisco and 
Sacramento. 

New open-wire circuits are constantly being added 
to the plant. A group of No. 8 gage wires (435 pounds 
per wire mile) is being strung between San Francisco 
and Los Angeles by way of the coast. These wires are 
being specially transposed to facilitate carrier operation 



Pig. 7 


and together with those already in place will provide 
fadhties for several new carrier systems over this 
route. The new No. 8 gage circuits from Los Angeles 
to Denver will furnish a new and much needed outlet 
for eastern busings and will also materially reduce the 
possibility of total interruption to service between the 
coast and eastern points. 

No better illustration of the rapid advance in the 
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art of communication or the application of new methods Catalina talked to Havana by way of the radio and the 
to the telephone toll plant can be found than that newly completed Key West-Havana submarine tele- 
provided in our territory by the service to Catalina phone cable,—a total distance of about 5500 miles 
Island. (3300 km.). 

In 1920 commercial telephone communication was One objection to the radio circuit was the lack of 
established between Pebbly Beach on Catalina Island secrecy, and the recent increase in the use of ladio sets 
and Long Beach by means of a two-way radio system, for the reception of broadcasting rendered this in- 
At the two ends the connection was extended to Avalon creasingly troublesome. In order to obviate this 
and Los Angeles respectively by means of wire circuits, difficulty a privacy device which was recently developed 
Soon after this a telegraph channel for handling com- by the Bell System was installed on this circuit. This 
mercial messages was added. This is the first and privacy system although it in no way impaired the 



Fia. 8 —Location of South Catalina Island Oablb 


perhaps the only instance in which radio has been used quality or volume of the speech over the radio circuit, 
as an integral part of a telephone toll system and oper- rendered it unintelligible to anyone listening with a 
ated under the same severe requirements as are imposed radio receiving set of the usual type, 
on the wire circuits. . The radio system recently was replaced by two deep 

Prom the time of its installation, this circuit handled sea cables between Avalon and the mainland. The 
a tremendous volume of business. That it was quite license of the radio '*talk bridge"" expired on August 
efficient is proved by the fact that it was used in fre- 1st and the Department of Commerce requested that 
quent demonstrations such, for example, as the one in its operation be discontinued, making its wave lengths 
1921 when a conversation was held by way of the available for broadcasting. 

transcontinental telephone line between Catalina and The capacity of the ether for radio messages is 
the S. S. Gloucester one hundred miles (160 km.) off distinctly limited and when such services as broad- 
the Atlantic coast; and again in the same year when casting, ship-to-shore telegraphy and telephony, radio 
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compasses, etc., which can be handled only by radio, 
have been accommodated, the available wave lengths 
of the ether are about exhausted. Consequently, the 
change from radio to cable in a case like Catalina 
Island, where the cable is not only feasible but more 
economical than radio, was for the good of the service, 
especially as the large volume of business which de^ 
veloped made it necessary to provide additional 
facilities. 

The submarine cables were manufactured by the 
Western Electric Company at Hawthorne, Illinois, 
and in their design have been incorporated many of 
the most recent developments in submarine cable 
construction. The approximate position of these two 
cables is shown in Fig. 8. At the Avalon end they 


about two miles (3.2 km.) apart. This separation 
was maintained so as to give greater insurance against 
simultaneous interruption and to render it easier to 
pick up one cable without disturbing the other. 

The cables themselves are of the deep sea type. 
Such a cable provides but a single physical circuit 
formed by the central insulated conductor as one side 
and the sea water, armor wires, and copper tapes, all 
in pamllel, as the other side. The details of con¬ 
struction are shown in Fig. 9. In shallow water near 




Pig. 10— Cable Basge at Avalon 

the shore where there js danger of injury from anchors 
or abrasion due to tide and wave movement, large 
armor wires are employed. In deep water where these 
dangers are largely absent, the armor is formed of 
smaller wires having a high tensile strength. Such 
armoring provides a light and flexible yet strong cable, 
suitable for withstanding the severe strains encountered 
in laying or picking up the cable in deep water. For 
the cable lying in water having a depth of between 
600 and 1800 feet, (180 and 550 meters) an intermediate 


Fig. 9 


terminate directly in the new central oflice located 
about 800 feet (240 meters) from the shore.. At the 
San Pedro end a small concrete hut was erected at the 
base of the breakwater in which to terminate the 
cable and house the special terminal equipment. This 
was selected as a landing point as the water in the cove 
formed by the shore and the breakwater is compara¬ 
tively quiet and at this point a small sandy beach has 
been formed. At all other points in the neighborhood 
of Point Feimin the shore is very rocky and steep and 
the water quite rough. The distance between Point 
Fermin and Avalon is about twenty-three nautical 
lies (6087 feet or 1856 meters per nautical mile), 
the center of the channel the water reaches a 
of slightly over 3000 feet (900 meters). For 
iter part of the distance the cables were laid 



Pig. 11—U. S. Cable Shib “Dellwood” 

t 3 rpe of armoring employing medium size wires was 
used. 

The first part of each cable to be laid was the 2.5 
mile (4 km.) shore end section on the Avalon side. 
This was done from a barge equipped with a large 
power-driven reel upon which the cable was first wound. 
At the Avalon OTd the barge was anchored near shore 
and the end of the cable pulled up through the under¬ 
ground ducts and into the oflSce by means of a tractor. 
Following this the barge was towed out to sea, the 
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cable being unwound from the reel. Prior to the 
la 3 nng, marker buoys had been placed to indicate 
approximately the location of the ends of these shore 
end sections. To the end of the cable a section of 
chain and a long rope was attached, the other end of 
which was made fast to a buoy. 

The main portion of the cable was laid by the 
government cable ship “Dellwood.” This ship, which 
has a length of 330 feet, (100 meters) is well provided 
with the usual cable handling equipment. 

In la 3 dng the main portion of the cable the ship was 
first anchored about half a mile (about 1 km.) off the 
San Pedro shore opposite the cable hut and the end of 
the cable pulled ashoie with the aid of the barge, tug, 
and other small craft. The ship then started on its 
course paying out first the shore end, then the inter¬ 
mediate and finally the deep sea cable, all of which had 
previously been spliced together. On reaching the 
1800-foot (550 meter) depth line on the Avalon side, 
the ship was stopped, the remainder of the deep-sea 
cable cut off and the end spliced to the intermediate 
type. Laying was resumed until the buoy fastened to 
the shore end was reached. The ship was again 
stopped, and the end of the cable previously laid was 
hoisted on board. The intermediate cable was then 
cut and spliced to the shore end, after which the corn- 


depth of water encountered, the performance of this 
cable will be watched with great interest as it marks 



an important forward step in the development of sub¬ 
marine cable manufacture in this country. 

While this discussion has covered only a few of the 



Fia. 12 

pleted cable was dropped overboard. Both cables 
were laid in essentially the same manner. 

As the balance of the circuit from the cable hut to 
Los Angeles had been provided in advance, it was 
possible to communicate between the ship and shore 
points as soon as the end of the cable was brought into 
the hut and the connection established there. 

While the cable was being laid, a number of conver¬ 
sations were held between company officials on board 
the ship and persons in and around Los Angeles and 
San Francisco. As soon as the .final core splice was 
made communication was established between Avalon 
and Los Angeles and two hours later a conversation 
was held with American Telephone and Telegraph 
ofladals in New York. 

At present each cable provides one d-c. telegraph and 
one voice-frequency telephone circuit, the circuit 
arrangement being shown in Fig. 12. Figs. 13 and 14 
show the impedance and attenuation respectively of 
the East Cable. 

Although not imposing as regards total length or 


outstanding applications of long distance tele¬ 
phony on the Pacific Coast, it will serve to in¬ 
dicate the way in which some of the most recent 
advances in the art constantly developed by 
the Bell System have been employed. It is 
by means of such recently developed instru¬ 
mentalities that the people of the Pacific Coast 
now are able to talk to all sections of the 
United States, bringing the inhabitants of this 



broad country into an intimate contact that cannot 
fail to be of great commercial and social benefit. 
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Review of the Subject.—The group operation of high-tension 
transmission systems having different frequencies has been success¬ 
fully accomplished in Southern California during the past seven 
years. Sortie of the outstanding advantages of power interchange 
are ernphasized and the value of the frequency changer for this 
purpose is shown. 

The metering of the interchanged power and the method of loading 


a frequency-changer offer somewhat unusual problems. With a 
liberal field design a synchronous frequency changer is of value as 
a means of power factor correction. 

Certain troubles with the starting winding and the bearings of 
some of the machines have developed as a result of severe operating 
conditions but the frequency-changer has proved to be a reliable and 
satisfactory means of interchange of power between large systems. 


G roup operation of systems having different 
frequencies each of which is composed of a 
network of high-tension transmission lines has 
been successfully, accomplished during the past seven 
years in Southern California. Frequency changers 
for this purpose have proved to be a reliable and rugged 
piece of equipment and have shown their value not 
only as a means of interchange of power, but also as 
a means of power factor correction when necessary. 

The position oi the Southern California Edison 
Company is unique in that it is, with one exception, 
entirely surrounded with systems operating at a 
different frequency. The above company interchanges 
power with the San Joaquin Light and Power Company 
(60 cycles) on the north; the Southern Sierras Power 
Company (60 cycles) on the east; and the San Diego 
Consolidated Gas and Electric Company (60 cycles) 
on the south. In addition to this there is an inter¬ 
change of power between the systems of the City of 
Los Angeles and the Southern California Edison 
Company, but without the necessity of frequency 
changers as both systems operate at fifty cycles. 
To be more specific concerning the location and size 
of the various frequency changes, these data are given in 
the table “A”. 

The advantages of interchange of power between 
adjacent systems need not be gone into detail here. 
It is sufficient to summarize them as: (a) A means 
of disposing of large blocks of hydroelectric energy dur¬ 
ing off-peak hours which otherwise niight be wasted; 
(b) a means of obtaining hydroelectric power and thus 
overcoming the necessity of generating power by means 
of the more expensive steam plants, with the further 
advantage that the steam plants can be held in reserve 
for emergencies; (c) when the hydroelectric systems 
concerned cover a wide area, as is the case in Southern 
California, a deficiency of snow-fall or of rain-fall, in one 
section is not serious when power can be obtained from 
a system where the power is obtained from a widely sep¬ 
arated watershed ; (d) three or more systems can attain 
greater operating economies when, by means of fre- 

Pres&nied at the Pacific Coast Convention of the A. I. E. E., 
Del Monte, Cal., October-^S, 19SS. 


quency changers and intermediate transmission net¬ 
works, one system not directly connected with another 
can obtain power through the lines of the intermediate 
system; (e) a ready means of exchanging power in 
case of a breakdown of a major generating plant of 
any of the systems so inter-connected. 

To give an idea of the value of group operation of 
a number of systems through frequency changers, 
table has been prepared showing the amount 
of power interchanged during the past year. 



Frequency Changer at Capistrano Substation 
5,000 Jcv-a., 60-60 cycles. 

Prom a study of this table the flexibility of frequency 
changers as a means of interchanging power is well 
shoym. In addition to delivering power from one 
company to another, the equipment can obviously 
be utilized as a means of delivering power to a third 
company. 

It may be of interest to outline the method of 
metering when power is to be transmitted in either 
direction through a frequency changer. The scheme 
generally used is to have both sides of the machine 
equipped with a polyphase curve drawing wattmeter 
and two pol 3 q)hase integrating watthour meters. 
Each of the integrating instruments is equipped with 
a ratchet mechanism so arranged that one instrument 
will meter energy only when power is flowing towards 
the frequency changer while the other will register 
only when power is flowing from the machine. By 
this combination the power delivered to either company 
is accurateily recorded and the losses in the frequency 
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TABLE A 


Coanectlon Between 

Size of Unit 

Voltage 

Loc.ation of Unit 

Southern Oalifomia Edison Company (50 cycles) 

and 

Southern Sierras Power Company (60 cycles) 

5,000 kw.—0.8 P. F. 

11,000 volts (50 cycles) 

6,600 volts (60 cycles) 

Southern California’s Edison 
Company’s Colton Substation 

Southern California Edison Company (50 cycles) 

and 

Southern Sierras Power Company (60 cycles) 

5,000 kw.—0.8 P. F. 

11,000 volts (50 cycles) 

6,600 volts (60 cycles) 

Southern Sierras Power Com¬ 
pany's San Bernardino Steam 
Plant 

Southern Califomia Edison Company (50 cycles) 

San Diego Consolidated Gas & Electric Company 
(60 cycles) 

5,000 kw.—0.8 P. F. 

11,000 volts (50 cycles) 

6,600 volts (60 cycles) 

Southern Califomia Edison 
Company's Capistrano Sub¬ 
station 

Southern California Edison Company (50 cycles) 

and 

San Joaquin Light and Power Company (60 cydles) 

15,000 kw.—0.8 P. F. 

15,000 volts (50 cycles) 

18,000 volts (60 cycles) 

Southern Califomia Edison 
Company’s Vestal Substation 


TABLE B 

POWER INTERCHANGE (KW-HR.) THROUGH FREQUENCY 


CHANGERS 


Month 

Pwchased and Delivered 
by Company “B* to 
Company “A" 

Delivered by 
Company 
“C” to 
Company 
‘•A” 

Purchased by 
Company 
“D" from 
Company 
“A" 

Substation 
No. 1 

i 

Substation 
No. 2 

January. 

100 

1,850 

0* 

571,300 

February.. 

0 

0 

4,492,800 

1,070,700 

March. 

0 

127,150t 

604,800 

1,799,850 

April. 

0 

0 

99,000 

3,184,300 

May... 

8,150 

1,350* 

0 

2,798,200 

June. 

1,760* 

0 

41,400 

2,767,200 

July. 

342,600t 

1,462,850 

19,800 

1,957,500 

August. 

24,700t 

211,050t 

5,079,600 

2,192,900 

September. 


19,750 

7,619,400 

1,910,700 

October. 


450 

8,499,100 

1,749,300 

November. 


300 

6,080,400 

1,.558,700 

December. 

120,050 

137,550 

5,337,000 

1,400,800 


♦Parchased by Company "A’ . 

tRecelved for transfer to Company “D”. 

tPart received for transfer to Company “D" and part utilized by Com* 
pany "A". 

changer throughout the month are definitely deter¬ 
mined. The losses in the machine can, of course, 
be borne by either of the parties according to the 
terms of the contract, but the method usually followed 
is to bill the receiving company for one-half of the’ 
losses. Since the installation of the original frequency 
changer set in Southern California this method of 
metering has been used with satisfaction to all parties 
concerned^ 

The method of loading up a frequency changerhas ap¬ 
parently not always been thoroughly understood. There 
has been some question as to whether the operator at the 
substation where the machine is located had control 
over loading, whether either of the systems concerned 
had to lower or raise their system voltage or if any 
adjustment in the frequency was necessary. After 
a frequency changer is in operation and synchronized 
with both systems and it is desired to load up the 
machine the systeni which is to supply the energy 
calls on its governing plant to pick up Ipad. This 
plant opens the nozzles or wicket gates of the generator 
which is governing or ''taking the swings” as it is 
termed, and in doing so the generator attempts to 


speed up the system to which it is connected and in 
doing so it picks up more load. The frequency changer 
in turn tends to speed up and in so doing it picks up 
load from, the receiving system, or in other words, 
delivers power from the system which contained the 
governing plant. Due to the increase in current 
at the generating plant and at the frequency changer 
substation some slight adjustment of the voltage is 
necessary either by manual or by automatic means 
but this is a comparatively minor operation in picking 
up load. 

The motor end of a frequency changer can, in 
addition to driving the generator end, be utilized for 
power factor correction. The adaptability of a syn¬ 
chronous motor for this purpose is well known, which 
feature is quite valuable on systems having a larger 
induction motor load and a network of comparatively 
long high-tension transmission lines. If it is con¬ 
templated using either end of a frequency ch^ger 
set for power factor correction, care should be taken to 
specify a liberal design of the field winding. There 
have been a number of instances where the usefulness 
of a frequency changer for power factor correction has 
been limited because the field winding was not designed 
for a great amount of over-excitation. 

Some of the major considerations to be made when 
the installation of a frequency changer is contemplated 
are: '.; 

(a) What will be its size in relation to the generating 
capacities of the two systems concerned, and will the 
set be required to furnish energy in either direction? 

(b) What will be its location in regard to the 
principal generating plants of both systems? 

(c) Voltage and frequency of each system? 

(d) Rating of each unit? The specification for 
one of the frequency changers listed elsewhere in this 
paper calls for the following: 

"Each unit will have a maximum continuous capacity 
when operating as a generator of 5000 kw., 0.8 powder 
factor or 6250 kv-a. with a 50 per cent ma-TiTn uTu 
momentary overload. When operatmg as a sjhi- 
chronous motor, each unit will be required to operate 
at 0.8 power factor leading, corresponding output 
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of the set being 5000 kw., 0.8 power factor. The 
temperature rise corresponding to the above conditions 
shall not exceed 50 degrees centigrade on either unit.” 

(e) Method of excitation, whether provided with 
individual exciters direct-connected, or if excitation 
will be provided from a motor-generator set or both, 
and whether an automatic voltage regulator such as a 
Tirrill is to be provided. 

(f) Efideney. If the set is to be operated con- 



Erequenct Changer at Vestal Substation 
IS, 000 kv-a., 15,000 volts, 50-60 cycles. 


tinuously, the losses should be capitalized. For this 
reason the efficiency of the set for % and full 

loads should be specified, both for unity and some 
certain power factor leading for the motor and for 
unity and some lagging for the generator. 

(g) Starting Device. Shall the set be capable of 
starting from either end and how will the starting be 
accomplished? 

The experience of the Southern California Edison 
Company with frequency changers has been quite 
satisfactory during its seven years experience with 
such apparatus. There have been minor troubles, 
however, the chief of which have centered around 
the starting bars on the squirrel-cage winding and 
with the bearings. . 

After the first 5000-kv-a. machine had been in op¬ 
eration for about four years under conditions of rather 
severe service, it was necessary to take the machine 
but of service for approximately one month for the 
purpose of straightening the shaft. There has also 
been trouble with the motor bars coming loose. The 
original bam were replaced with bars of Monel metal. 
This change resulted in a different performance of 
the frequency changer on starting, in that the starting 
torque was much greater and the starting current 
was less, but there was more difficulty in falling into 
step than, had been the case with the original bars. 

It has also been an open question whether the trouble 
with the starting bars and the end rings of the frequency 
changer was due to the fault of the manufacturer 
or the result of the treatment of the machine.* It 
must be realized that the excessive number of times 
of starting and stopping such a set as this will entail 


heavy duty on the squirrel-cage winding with the con¬ 
stant result of heating and expansion which will cause 
trouble later. 

The largest machine on the system of the Southern 
California Edison Company (15,000 kv-a.) is a four- 
bearing machine and is equipped to use oil pressure 
in the bearings at the time of starting. Originally 
this machine was lined up so nicely that after the oil 
pressure had been applied it was possible for one man 
to move the rotor by applying his weight. There 
has been some trouble with the bearings, however, 
due to the fact that the conduits used for the bearing 
thermostat wiring accidentally short-circuited the 
insulating pad in the end bearings. After the bearing 
trouble occurred the conduit was removed and examined 
and evidence was found of considerable current flowing. 
This current flow was the result of accidentally short- 
circuiting the insulating pad which completed the 
circuit for the flow of circulating currents in the 
frame and shaft of the machine. The conduit was 
pitted and practically welded to the frame and base 
of the machine. There was evidence of pitting in 
the bearing and without doubt the circulating current 



Epficienct Curves op Frequency Changer Set at 

Capistrano 

was the cause of the bearing failure. Needless to say 
precaution has been used to eliminate the recurrence 
of such trouble by the same cause. 

In regard to the protection of the frequency changer, 
time limit overload relays have been used on both ends 
so that in case of trouble on either system the frequency 
changer is disconnected on the side of the system in 
trouble. Power directional relays can be used to good 
advantage for this purpose. In addition to this it is 
necessary to provide some means of protection against 
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internal trouble of the frequency changer and this has 
been provided for at Vestal by means of two sets of 
power directional relays so wired that their contacts 
are closed when power is going towards the frequency 
changer. In addition to this the contacts on each 
set of relays are wired in series, so arranged that the 
tripping circuit will kick out the switches on both 
sides of the frequency changer. Under these condi¬ 
tions it can be seen that power will flow towards the 
frequency changer from both sides in case of a severe 
ground developing in the machine, and it is hoped 
that by this means to keep the damage to the machine 
windings and laminations down to a minimum. 

In conclusion it may be stated that the frequency 
changer has proved to be a very satisfactory means of 
interchange of power, and that it should cause no 
trouble provided it is of the proper size in relation 
to the two systems which it connects. 


Discussion 

L. M. Klaubcrt There are two points upon which I should 
like to comment from the standpoint of a smaller company 
engaged in interconnection with a larger. 

Mr. Stauffacher has told you of the smoothness of operation 
of frequency changes used in interconnection. On the contrary 
operation is not always so simple for the smaller company. 

One point I might mention is that of governing. Steam turbines 
appear to be equipped with governors which are inherently 
more sensitive than those on the hydraulic machines. There¬ 
fore, a system with steam turbines tied to a large system, 

principally hydro, through frequency changers tends to either 
feed into the large system or take from it a violently fluctuating 
block of power. For this reason it is necessary when our system 
is tied to that of the Southern California Edison Co., to change 
the degree of sensitiveness of the governors on our steam tur¬ 
bines. This has proved quite a problem. A method was 
finally devised whereby this might be done with entire satis¬ 
faction in a practical way, but unfortunately it is a method that 


is frowned upon by the manufacturers of the turbines. Yet, 
so far they have been unable to offer any other practicable solu¬ 
tion. Our method is to place on one of the operating rods of the 
governor a device which we call a “load steadier” which works by 
friction on the governor shaft. It Avorks, as I say, with entire 
satisfaction and it so arranged that the load on the turbine 
may be varied from the switchboard in the usual way. It may 
be instantly released if desired. 

Recently, we have tried a second means of governing. We 
fix the turbine load for a certain specific amount by partially 
closing the hand throttle so it cannot carry more than, that 
amount with all the governor valves wide open. The result is 
a decreased efficiency, approximately 2 per cent below the other 
method of governing, but it is thought by some to be safer. We 
operated for approximately a month, alternating between 
the two methods in order to determine the relative efficiency of 
each. This matter of control of governor sensitiveness is a 
point to which the manufacturers should give some attention. 

Another matter is that of load control, which, again is some¬ 
what difficult. Without frequent telephone communication it is 
■ difficult to carry the load at a maximum and yet within the capac¬ 
ity of the frequency changer. It, therefore, becomes necessary 
for the operators to do considerable guessing, in which they 
ultimately become quite expert, for if load is being taken from 
the line between the generating station and the frequency 
changing station, it is obvious they must make calculations of 
the load which is being taken off along the way, so that the 
ultimate load which reaches the frequency changer is not beyond 
the capacity of the machine. 

P. M. Downing:. My experience has been that where you 
attempt to operate turbines in parallel with a large hydro¬ 
electric system you must of necessity make your goA'^ernors more 
sluggish; otherwise, your steam turbine Avill.one moment have 
no load and the next moment it will be overloaded. That is 
not due entirely to changes of frequency on the larger system, 
but due to the inberent'differences in governing between a steam 
turbine and a water power governor. 

O. B. Cold well: Our company has two frequencies, 33 ^ 
and 60 cycles. There are frequency changers in operation 
tying the two systems together. We have been for several 
years past doing away with the 33-cyele apparatus. To a 
considerable extent this has been accomplished by remodeling 
33-cycle machinery for 60-cyele operation. 
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Review of the Subject, — Carrier-current communication over 
transmission lines has been, developed to a point where its practic- 
ahility and value are thoroughly established. 

This paper discusses several recent developments in apparatus 
and methods of operation. 

Carrier-frequency energy flow along the line is discussed briefly 
to give a mental picture of the electromagnetic and electrostatic 
conditions existing. 


StandardSOandSSO-watt apparatus are shown in the illustrations 
and described briefly, 

CONTENTS 

Review of the Subject. (70 w.) 

Introduction. (00 w.) 

Recent Dev^opments. (1070 w.) 

Energy Transfer and Flow. (480 w.) 

Station Apparatus. (390 w.) 

Summary. (SO w.) 


C ARRIER-current communication over transmission 
lines is being adopted rapidly not only as an auxil¬ 
iary to existing wire telephones, but as the only 
means of direct coimmmication for some recently con¬ 
structed lines. 

As our accumulated experience has increased the 
desirable frequencies and the range of sets of various 
powers over lines and networks of different types have 
become fairly well established. 

Field experience to date, has shown the practicability 
of transmitting carrier current over power systems with 
reliability and certainity. The method has been 
proved basically sound. 

Recent Developments 

The next steps in development are improvements 
in the apparatus, both mechanical and electrical, 
including those features which give greater operating 
convenience and flexibility. 

Remote control of the apparatus is an example. 
Early sets were designed for control distances up to 
250 ft., which is sufficient for the usual conditions en¬ 
countered when the operator and apparatus are in the 
same building, but remote control attachments now 
available increase this distance to several miles. Thus 
a dispatcher in a city office building can control the 
carrier-current set miles away in an outlying suburban 
substation. 

A modification of the foregoing is to retain the con¬ 
trol of the carrier set at the station at which it is 
installed, but to have it arranged so the operator at the 
stotion can plug in the voice control on any one of a 
number of the company’s wire phone lines. Such an 
arrangement allows distant stations to communicate 
directly with anyone in the main office. 

CaJling is accomplished on existing carrier-current 
channels either by one or more gong bells operated by 
a local relay, or by means of a loud speaker which per¬ 
mits direct voice or howler calling. This method is 
employed in the Great Western Power Company and 
Pacific Gas and Electric Company equipments, while 

Presented at the Pamfic Coast Convention of the A. I. E. E./ 
Del Monte, Cal., October S-5, 19SS. 


the relay and call bell method has been generally 
employed in eastern installations. 

Each method has its inherent advantages and dis¬ 
advantages. The loud speaker cuts the time for short 
dispatching orders almost in half when operatdrs are 
constantly within hearing distance. In such cases 
calling and answering calls are dispensed with. The 
dispatcher gives an order and the station to which it 
was directed repeats it. The Great Western Power 
Company has used this method for over a year and the 
Pacific Gas and Electric Company has also found- it 
satisfactory. 

If there are several carrier sets on a system, which 
intercommunicate frequently, it is often annoying and 
generally undesirable to have a loud speaker talking 
when its station is not concerned with the conversation. 
In one installation there was an objection to the loud 
speaker, not because of undesired conversations which 
did not exist in this case, but because of the line and 
electric storm noises which were reproduced. Relay 
and gong bell ringing is necessary in such cases. 

Selective ringing is a further refinement which may 
be employed when code ringing of the gong bell would 
cause annoying and unnecessary disturbance at several 
stations of which only one was desired. 

Time limit attachments are often furnished with the 
calling relay system to prevent electric storms and other 
high-frequency disturbances from ringing the gong bell. 
Code ringing is possible with such attachments, since 
the time limit feature is automatically inoperative after 
the first signal which must be a long dash. It may be 
followed by any desired dot and dash combination. 

An excellent calling system is a relay with time 
limit attachments arranged to connect a loud speaker 
in circuit at the end of the long dash above mentioned. 
A gong bell may be added if desired. In this way the 
loud speaker does not reproduce undesired noises, but 
comes into service automatically for any speech or 
code calling. 

A selector system may be added to such a combina¬ 
tion. In this Case the loud speaker is connected in 
circuit only when its station is called, but after being 
connected, the message may follow immediately if 
desired, with the resultant saving in time 
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We are thus able to utilize the desirable features of 
the loud speaker system and remove those considered 
detrimental. 

The calling relays are quite reliable when equipped 
with the time limit feature. • They require very little 
energy and will operate with less than is required for 
satisfactoiy speech. Thus we can ring over any line 
over which we can talk. 

All our installations are simplex. That is, the opera¬ 
tor throws a tumbler switch or operates a foot pedal to 
connect the apparatus for talking or listening. This 
method has met with success wherever installed. It 
rarely takes an operator more than the first day to 
become used to the scheme of things. 

The writer once saw a laborer working about a 
station called to the carrier phone set to receive a 
personal message from a man he had known in the army 
who happened to be visiting the station at the other end 
of the line. After operating the talk-listen button for 
him for the first few sentences no more assistance was 
required and the conversation proceeded vigorously. 

This was a case where men who had not talked with 
each other for two years and who had never seen a carrier 
phone set before, found simplex operation so easy that 
they carried on an animated conversation over a 200- 
mile line for some time. 

Duplex operation, except over short distances with 
sets of very low power, complicates the apparatus and 
decreases its reliability out of all proportion to the 
slight advantage gained. The users of this equipment 
are mainly station operators who soon grow accustomed 
to the man at the other end of the line and the semi¬ 
routine character of a large portion of the traffic 
handled. 

Telegi’aphy is a valuable adjimct which may be 
added to carrier-current sets. It may be by either inter¬ 
rupted or continuous waves. The latter are preferable 
in emergency work because they will permit telegraphic 
communication under extremely severe line conditions. 

The writer has received continuous wave telegraph 
signals at Pit River from the Vaca-Dixon substation 
202 miles distant with all 6 line conductors grounded 
at several points although telephony and interrupt^ 
wave telegraphy were altogether out of the question, 
not a sound being heard in the phones. . 

For communicating over very noisy lines and during 
bad electrical storms interrupt^ waves may be used, 
but continuous wave heterodyne reception is probably 
preferable. 

In starting telegraphy on an existing earner-current 
telephone channel it is preferable to begin with a list 
of code signals for the common orders and use these 
frequently while the operating personnel are learning 
the telegraph code. 

A speed of only 5 woi*ds per minute is of great y^ue 
in emergencies when all other fonns of coinmumcation 
may have failed. Most men can learn to send and 
receive at this speed wdthout great diflficidfy* The 


higher speeds used in conunercial telegraphy are 
learned easily and well only by rather young men. 

Energy Transfer and Flow 

Irrespective of the use to which the carrier-current 
energy is put at the receiving station, the method of 
transferring it to and from the line is the same. 

At the transmitting station a carrier-frequency cur¬ 
rent is fed into the line. This results in a potential 
difference either between all line conductors and earth 
or between conductors. To date commercial installa¬ 
tions have utilized the former method. 

The dectrostatic field due to this potential difference 
expands or travels down the line toward the receiving 
station at a velocity depending upon line constants. 
Usually this is not far below that of light in free space. 

If the carrier frequency is 30,000 cycles per second, 
a half cycle will last 1/60,000 second and the static 
field of one half-cycle will have extended for about 3 
miles along the line before the reversal of polarity due 
to a succeeding half-cycle commences. 

If our eyes could see electrostatic fields and we stood 
at any point along the line, while these things were 
occurring, we would see nearly three miles of field 
slide by at about the speed of light, with the line positive 
with respect to earth, followed by an equal length in 
which the polarities were reversed. 

If the line is short enough to allow the static field 
to travel to the receiving station while it is still being 
fonned at the transmitter, the load drawn by the 
receiver will effect the power output of the transmitter. 
That is, the input impedance of the line ynll be varied 
by the receiver or load impedance. 

This phenomenon, which is always observed at power 
frequencies on lines of present day length, is rarely 
observed at carrier frequencies. The lines are ob¬ 
viously £oo long to permit it. . 

Thus the energy delivered to the line at the sending 
station becomes wholly detached from the transmitter 
and is either partly absorbed by the receiver or frittered 
away entirely in line losses. 

The most common method of charging the line at the 
transmitter is to erect a ‘^coupling wire” in the vicinity 
of the line conductors. When this is raised to a given 
carrier-frequency voltage with respect to earth the 
conductors assume a potential corresponding to their 
relative portions in the static fidd. 

Various types of coupling condensers have also been 
employed with mica, pdrcelain, and ether dielectrics. 
Such condensers are connected between the carrier- 
current transmitter and the line, the current passing 
through them charging the line with respect to e^th. 

At the receiving station Various arrangemente ca¬ 
pable of extracting energy from the electrostatic field 
may be used. Coupling wires, large wire loops, coupling 
condensers and combinations of them may be employed. 
At the present time the coupling wire method is pref- 
^ble for both transmitting and receiving, due not only 
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to its reliability, simplicity and ease of inspection, but much like that used in commercial radio communica- 
also to its low first cost. tion with such modifications as are desirable for power 

system use. 

Fig. 1 shows a typical carrier-current equipment 
having a power output of 60 watts. The transmitter 
is mounted at the left, the receiver at the right. 

Power is supplied to the transmitting vacuum tubes 
at 1000 volts d-c. by a small motor generator driven by 
the station a-c. or d-c. supply as determined by local 
conditions. The receiving tubes are operated from 
storage batteries in the customary way. 
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Fig. 1 —Transmitter-Receiver for 50-Watt Carrier- 
Current Telephone 

The calling relays are ihounted on the section at the right. 
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Pig. 2—250-Watt Carrier-Current Transmitter 
Having master oscillator, power amplifier, voice amplifier and modulator 
tubes. 

Station Apparatus 

The sending and receiving station apparatus is 


Pig. 3—250-Watt Carrier-Current Receiver 
S howing tuning adjustments and calling relays. 


This equipment is used for telephony over the 
shorter lines. Its actual range depends upon the 
arrangement of the system. Transformers, taps, cables 
and associated low-voltage lines all affect the situation. 
Field experience has accumulated to such an extent 
however, that the analysis of such networks is now 
readily accomplished. 

More powerful sets of 250 and 500 watts carrier 
frequency power output are built for the longer and 
more difficult lines. Communication by the 500-watt 
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Pit River set of the Pacific Gas and Electric Company 
has been received over 410 miles of line. 

These equipments are built in several units. 

The 250-watt set comprises: 

(1) A power panel on which the motor gener¬ 
ator starter, switches, fuses and instruments are 
mounted. 

(2) The transmitting apparatus, cabinet housing 
all necessary vacuum tubes, instruments, coils, relays 
etc. 

(3) The receiver cabinet. 

(4) The motor generator. 

(5) The operator’s desk phone set and a loud speaker 
when used. 

Figs. 2 and 3 show portions ot this equipment. 

Both the 250 and 500-watt sets are of the master 
oscillator type, that is, the carrier-frequency currents 
are generated by a small tube used to excite a larger 
one. The output of this power amplifier is modulated 
in accordance with the voice by another or modulating 
tube and then delivered to the coupling wire. 


This method gives a substantially constant carrier 
frequency irrespective of line conditions and maintains 
a better voice quality than is possible with self-exciting 
tubes when forced to operate xmder adverse conditions. 

The sets of the Great Western Power Company and 
Pacific Gas and Electric Company, are not of the me¬ 
chanical form shown in Figs. 2 and 3 having been 
developed in cooperation with the power companies 
prior to the design of the present standard equipments. 

Summary 

In this paper I have attempted to outline briefly 
and without irrelevent technical or descriptive detail, 
the outstanding features of carrier-current work on 
transmission systems as we know it today. 

Our present technique has the background of the 
older radio communication. Active commercial ex¬ 
perience on high-voltage lines has been of shorter 
duration, but amply sufficient to prove the method 
technically and economically sound, and to demon¬ 
strate a few of the many uses the future will find for it. 



Some Experiences tvith. a 202-Mile Carrier-Current 

Telephone 
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O N April 11th, . 1923, the Pacific Gas and Electric 
Company placed in operation a carrier-current 
telephone system between Pit River Power 
House No. 1 and Vaca-Dixon substation. This 
system utilizes the twin-circuit 220,000-volt trans¬ 
mission lines between the two points for a conducting 
medium and is for use primarily by the operating 
departnaent in directing the operation of the power 
houses in the Pit River development together with 
the transmission lines which carry the energy south¬ 
ward to the distribution center at Vaca-Dixon sub¬ 
station. With the commencement of work on Pit 
River Power House No. 3 an increasing volume of 
messages is being received from the construction and 
auditing departments for transmission to the general 
offices of the company, and it is already apparent 
that additional carrier-current telephone sets will be 
required, one at the base of construction operations 
for Power House No. 3 and one at Claremont substation 
in Oakland to relieve the congestion on the wire line 
between Vaca-Dixon substation and the load dis¬ 
patcher’s office. 

During the six months from October 1922 to the 
inaugimation of the canier-current telephone, the 
operation of the Pit-Vaca transmission system was 
directed by wire lines. In the absence of direct wire 
communication between the load dispatcher’s office at 
Oakland and the power houses in the Pit River system, 
it was necessary to relay all messages one or more 
times which introduced a considerable delay and was 
subject to error, especially in view of the inductive 
interference usually encountered on telephone lines 
paralleling transmission iines. Since the carrier cur¬ 
rent telephone was placed in operation in April it has 
answered all dispatching requirements, and as the 
operator become more and more familiar with the 
peculiarities inherent in such a system its many ad¬ 
vantages over the wire lines become more and more 
apparent. 

The system is coupled to the transmission line 
through a single-wire antenna about 1800 feet long. 
This wire is attached to the twin vertical circuit 
transmission towers at a point on the center line of the 
towers and at the elevation of the middle arm. The 
main ground system for the station apparatus is also 
used for the carriei-current telephone ground and no 
counterpoise is used. The frequency adopted, after 
a series of tests ranging between. 12,600 cycles and 
85,000 cyc les was 60,000 cycles. This is free from all 
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outside interference and gives the best combination 
of signal strength and voice modulation. 

The transmission equipment is similar to that 
installed in several of the high-powered broadcasting 
stations in some respects, and employs two 250-watt 
oscillator tubes, two 250-watt modulator tubes and a 
50-watt speech amplifier tube. It is appreciated that 
this is a relatively high-powered transmitter and for 
all normal conditions of operation such as an amount 
of power is not necessary. However, communication 
is more urgently needed during periods of abnormal 
condition than at any other time and it is then that 
this excess power is called upon to get the message 
through. 

Calling is accomplished by mounting a standard 
telephone microphone in the horn of the loud speaker 
which, when the calling circuit is completed, will 
oscillate and howl in much the same manner that the 
ordinary telephone will howl when the receiver is 
placed against the transmitter. This gives a very 
loud note whose pitch will depehd upon the natural 
period of oscillation of the diaphragms and which is 
clearly audible in all parts of the station. Ordinarily, 
it is not necessary to use the calling system, as the 
receivers are always in service and the operator near 
the set so that the loud speaker simply talks at bim 
and he starts up his set and talks back. 

The system is arranged for simplex operation and 
all that is necessary is to operate a small telephone 
switch which energizes a contactor to connect either 
the transmitting or receiving set to the antenna, thus 
peimtting talking or listening. Some tests made with 
a view to. establishing the possibility of operating as 
a duplex system are described further on in the paper. 

Normal rating of the 260 watt tubes used is based 
upon a filament lighting supply of 11 volts and a plate 
pressure of 2000 volts. With the transmission line 
in operation and all conditions normal it is possible to 
obtain an antenna radiation of 6.2 amperes with the 
tubes operated at rated voltage. This gives a received 
signal at the other end of the 202 mile transmission 
line considerably louder than necessary. The re¬ 
ceiver is a standard regenerative set using two stages 
of audio frequency amplification to operate a loud 
speaker, and speech, can be heard all over the power 
house when maximum amplification is employed. For 
regular service, therefore, the filament lighting supply 
on the transmitter is reduced to about 10.4 volts 
and the plate pressure to 1600 volts, which gives an 
antenna radiation of approximately 5.0 amperes. 

The tubes are extremely sensitive to variation in 



October 1923 CEELLIN; ^2-MILB 

filament voltage and it bias been found by experience' 
that 10.4 volts is about as low as it is desirable to 
operate. Below that point it is sometimes difficult 
to start oscillation and sluggish operation means 
delay in acknowledging receipt of a message. Com¬ 
munication has been carried on with a radiation as 
low as 2.5 amperes, but with poorer modulation. 
With a 5-ampere radiation at the sending station the 
receivers are set for minimum amplification and no 
difficulty is experienced in handling messages. 

To one unaccustomed to listening to a loud speaker, 
the messages are often very hard to understand and 
some difficulty was at first experienced by the operators 
who had not had previous experience with loud speakers. 
However, this was easily overcome after a week 
or so of operation of the phones and it is now rarely 
necessary to repeat a message. Routine dispatching 
' is carried on more easily with the carrier current 
telephone than with the wire phone due to absence of 
inductive interference. A considerable volume of 
accounting and consta^uction department messages is 
handled over the carrier current telephone and this 
gave trouble in some instances when it was necessary 
to transmit unfamiliar proper names. It usually 
resulted in spelling hnd due to the difficulty in dis¬ 
tinguishing between certain of the consonants which 
ajpe similar in sound, this did not solve the problem. 
The method now generally used is to try the voice 
once and if any difficulty ia experienced the name 
in question is transmitted by telegraph code. The 
operators have been supplied with a chart on which the 
Continental code is printed in large clear letters and 
those who have not memorized the code simply pick 
out a letter at a time and transmit it by means of the 
calling key. This niay sound slow but in reality it 
is quicker and more positive than several voice repeti¬ 
tions of the letters composing the name in question. 
Naturally naore speed is attained by the operators 
familiar with the code, and without exception all of 
the operators are taking a very great interest in the 
carrier current telephone and are practising with the 
code during the shift between midnight and five 
o’clock in the morning when other duties are at a 
minimum. It is desirable that the operators become 
used to the telegraph code and able to transmit five 
or ten words a minute because certain forms of line 
disturbance make voice transmission difficult and still 
permit of distinguishing the letters of the telegraph 
code which comes through as a high-pitched note of 
constant tone, readily distinguished from other noises. 

It is also possible to transmit the code when abnormal 
conditions make it difllcult to secure sufficient radiation 
to give good voice modulation. 

All operation of the carrier-current telephone to 
date has been carried on with one of the 220-kvi 
transmission lines still incomplete. The first work 
was done with two transmission lines complete from 
Vaca to Williams, a point about 50 miles north, and 
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a single line from Williams to Pit, about 150 miles. 
At Williams the two lines were tied solidly together. 
The copper for the second line was strung in place 
between Williams and Cottonwood, about 90 miles, 
but men were constantly at work upon the line and 
consequently it was solidly grounded at each tower 
on which a man was at work. Grounding this parallel 
line^ did not affect communication in any manner 
on the other line. 

At present two three-phase circuits are in operation 
from Vaca to Cottonwood approximately 140 miles 
with a single circuit from Cottonwood to Pit River 
approximately 60 miles. The circuits are tied together 
solidly at Cottonwood and men are now at work on 
the second circuit between Cottonwood and Pit. A 
special test was recently made with one three-phase 
circuit solidly grounded at Vaca and the other circuit 
clear, both being tied together at Cottonwood, power, 
of course, being off the lines. No appreciable difference 
from usual operating conditions was noted in ability to 
communicate between Pit and Vaca. 

^ Recently one wire on the completed three-phase 
circuit between Cottonwood and Pit River became 
grounded due to failure of a piece of insulator-hardware 
and resultant dropping of the wire on to the tower. 
This left only two wires completely insulated be¬ 
tween Pit and Vaca with a ground on the third, 
but no difficulty was experienced in carrying on 
communication. 

Communication cannot be carried on with three-phase 
grounds at either or both ends of the transmission line. 
Also, all three wireswererecentlygroimdedat Hat Creek, 
about three miles distant from Pit toward Vaca and 
communication could not be carried on. At least one 
wire, insulated from ground, between the' two points 
is necessary for successful communication by carrier- 
current telephone. 

When the transmission line is dead and isolated by 
opening the disconnecting switches at each end of the 
line coMiderably more power output from the trans¬ 
mitter is required than when the line is connected to 
the transformers and energized at 60 cycles. This 
difference is probably due to the change in transmission 
line constants by the removal of the reactance of the 
transformers.which in turn cuts down on the current 
radiated from the antenna. When the transmission 
line is thus isolated the station operators immediately 
increase the power output of the carrier-curfeht 
telephone transmitter to its maximum by raising plate 
and filament voltages to 2000 and 11 volts respectively. 
Cdmmunication is then carried on as usual and no 
difficulty is experienced in directing operations. 

In order to carry on duplex communication, that is, 
to be able to send and receive at the same time, it is 
necessary to employ two antennas, one for the trans-^ 
naittCT and; one for the receiver. Some tests were 
recently made to establish the effectiveness of various 
types of receiving antennas. At Vaca it was possible 
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to receive messages from Pit River when using a 
bushing type current transformer on one of the 220-kv. 
lipe oil switches as an antenna. The leads from this 
current transformer are carried in lead covered cable 
about 300 feet to the substation wall, thence in rubber- 
covered wire in iron conduit to the switchboard, an 
additional 40 feet. The receiver was hooked on to one 
terminal of the line ammeter on the switchboard. 
Only the reactance of the ammeter coils was between 
the antenna and ground. The signals received were 
clear, but weak. It was necessm'y to use the head 
phones with all the amplification at hand to bring it 
in strong enough to understand. Stronger signals 
were received when using the secondaries of one of the 
110-kv. potential transformers on the 110-kv. bus 
but they were not considered strong enough for use by 
the operators. As a matter of interest, one test was 
made using one side of the lighting circuit for an 
antenna. Very weak signals were heard which might 
have been brought in strong enough to be understood 
had a couple of stages of radio frequency amplification 
been available in addition to the two stages of audio 
frequency amplification which were employed. This 
reception was through three power transformers, 
L e., the main bank which steps down to 11,000 volts 
for the synchronous condensers, the station bank 
stepping from 11,000 to 440 volts and the lighting 
bank stepping from 440 to 110-220 with the mid point 
on the secondary grounded. 

Finally a separate receiving anteima was strung at 
Vaca and also at Pit. These antennas were each 
about 250 feet long and placed in the most convenient 
temporary location. Excellent reception was obtained 
and the loud speaker could be operated at full volume 
from the short auxiliary antenna. The transmitter at 
Vaca was then lowered in frequency to about 30,000 
cycles, with the Pit transmitter remaining at 60,000 
cycles. With the Pit receiver tuned to 30,000 cycles 
it was not possible to transmit at 50,000 cycles while 
receiving because the transference of power between 
the sending and receiving antennas was so great as to 
blanket out the received signals. When duplex 
operation was tried at Vaca, the transference of power 
was sufilcient to arc across the grid condenser which 
is^a 23-plate variable condenser in the receiver used. 

It would seem that duplex transmission is not practical 
with two antennas when using transmitting sets of the 
power output necessary to successfully talk over a 
202-mile transmission line, and accordingly no. further 
tests were undertaken. 

During the initial installation of the Pit-Vaca 
carrier-current telephone several tests were made 


between the Vaca-Dixon substation and the Fourth 
Avenue substation of the Great Westeiji Power 
Company in Oakland, where a similar carrier-current 
telephone, set is installed. There is no direct trans¬ 
mission line between the two substations. The Great 
Western feeds the Pacific Gas and Electric Company 
through a 60-kv. transmission line which is carried for 
about three miles on the same steel tower line as the 
110-kv. transmission line and on the same right of 
way as the 110-kv. twin circuit Oakland-Big Bend 
transmission line to which the carrier-current telephone 
is coupled. The 60-kv. feeder goes into the Ridge 
substation of the Pacific Gas and Electric Company, 
and thence on to the Claremont substation. There 
is a parallel of some three miles or so between the 60-kv. 
Ridge-Claremont line and the 110-kv. Claremont-Vaca 
line where the two circuits are on the same right of way. 
At Claremont the 60-kv. and 110-kv. are tied together 
through auto-transformers. 

Conversation is readily carried on between Fourth 
Avenue and Vaca, a distance of about 60 miles, and 
during the initial tests between Pit and Vaca, the 
Great Western operators were able to listen in and 
understand what was being said at Pit. It is believed 
that this is a record for distance for. carrier-current 
telephone transmission, somewhat over 260 miles 
with no direct transmission lines. connecting the l^t 
60 miles to ,the transmitter. 

The Pacific Gas and Electric Company is entirely 
satisfied with the results of the carrier-current telephone 
secured to date. Many conditions of operation have 
been met and the carrier-current telephone has at all 
times been ready to perform the duties required of it. 
The principal difficulty to be overcome is that of 
underatanding the loud speaker which is simply a matter 
of becoming accustomed to the voice as reproduced in 
a loud speaker horn rather than in a telephone receiver. 
The operators in general seem to prefer the loud speaker 
to the head phones, and rely upon it at all times to 
receive their messages. 

As stated before, the volume of traffic over the 
carrier-current telephone is steadily increasing and plans 
are already being laid for the installation of additional 
sets at Pit River Power House No. 3 and Claremont 
substation. The last named set will be remote- 
controUed from the dispatcher’s ofifice in Oakland and 
a relatively small investment in apparatus will obviate 
the necessity of a 260-mile metallic telephone line to 
handle the operation of plants in the Pit River develop¬ 
ment, and results achieved to date indicate thatifwillbe 
equally reliable and a much more quiet, phone to tgllf 
over. 



Carrier-Cerent Telephony on the High-Voltage 

Transmission Lines of the Great Western Power Company 

BY JOHN A. KOONTZ, Jr. 

Great Western Power Co., San Francisco, Calif. 

^ descH^ current system; the method of caUing employed, and use of this 
n of the power ctrcmts and radio equipment used in the earner- system as a trouble detector and recorder of switch operation. 


T he reports of successful tests with high-frequency service. There have been a few cases of trouble but 
telephony earlymterested the Great Western Power these have been few and not serious. 

This system of communication apparantiy has many 
^ 100 L pi®”*® which are situated in 

^ .r ^ Any single telephone circuit as constructed 

sStim P“’'“ O'- eo—ication companies 

j- j. ij ^ 1 , a would be much more susceptible to mountain storms 

^ Ihe distance from Oakland to Big Bend via the than the rugged tower circuits, and it is practically 

M Oakland to Caribou alwaysthe communication circuits that first show distress 

^ •' . . ® circuits run from Oakland to Big during severe storms. We were pleased to go through 

Bend, tvan circuits being carried on one tower line and this last winter without a single total interruption in 
a thu-d circuit designed for 165 kv., carried on a second communication between the Dispatcher’s Office and our 
tower line. These two tower lines with their three water power stations, 

fm 8?ndl« r- At first an elaborate call bell equipment was planned 

^use an. ^ developli which worked ve^ 

mfiZ p ^ ^“actorily, but it was later found that by picking ^ 

the remaimng 40 mto to the Canbou Station. the tmnsmitter and placing same in the loud speakers. 

Under present conditions these lines are operated in this particular combination would resonate to produce 
parole! at the same voltage, and are in general paral- a howl in the loud speaker at the distant end, the 
leled at Big Bend, Bnghton and Oakland. There are frequency of which was much higher pitched than any 
a total of nine substations tapping these lines, one of noises around the power station and was easily detected 
these substations being located on a short branch line, above the power house noise. 

From this brief description I think it will be readily This gave a mode of signaling without adding any 
apparent to one familiar with power carrier-current additional equipment, and by simply operating the 

1 extremely difficult system on hook switch on the transmitter, code rignals could be 

which to place earner-current communication. Radio readily sent. This method of calling has proved quite 
engineers who are familiar with this line of work esti- satisfactory. ^ 

mate that each substation is equivalent to addinsr at i 

least 10 mass to the length of line and a tep U^^y ob^rT 

ad/i nTrnr. wi+i. Xi,* " • j -j. .oDtaiu at timos an echoing effect in our receivinc. 

•r,„. . . j-i j ^ is, often by shifting a substation from one of 

experiments readily demonstrated the fact the twin circuits to the other the effect will be elimi- 
that 50-watt sets wpe fm- too small for this network nated,- and to date we seem to have no reasonable ex- 
^cmcuits. _250-mtt sets were then installed and it planation of why this change should eliminate the 

was found that at certain times this was not sufficient trouble. i uuv 

power to give proper communication, so these sets rni,„ , ... 

were modified at Caribou and the Dispatcher’s office equipment consists of a 2000-yolt, 

using two 250-watt tubes in the oscillating circuit with voltaffe for ’tWuherinnn suitable plate 

one 250-watt modulating tube. This emiipment has Vk? ko for the tubes, 1000 volts being placed across 

Presented at the Pacific Coast Convention of the A. I. E. E„ Hating current with rotary converters provided for 
Del Monte, Cfd,, October 2-6,192$. supplying this current from the station Storage battery 
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should there be a failure in the a-c. supply at the 
Dispatcher’s office. 

The Simplex System of communication is used, it 
being necessary to operate a double-pole, double-throw 
switch to change from talking to receiving. The 
antenna are strung upon the towers at two of the sta¬ 
tions, while the Caribou antenna is stretched across 
the canyon about forty feet from the high-voltage 
wires. Here, a single J^-in. steel core aluminum cable 
930 feet in len^ is used, tapped at the center, giving 
a “T” type aerial. The wire used is the same as used 
on the tower circuits. 

The carrier-current system has several features 
which undoubtedly will be of interest to the operating 
power men. First, it is a good detector of poor switch 
contacts, as the minute a switch is closed a click pati be 
heard on the loud speakers indicating that the switch 
is closed, and should the contacts continue to arc, a 
hissing or howling noise will immediately be set up in 
the loud speakers. In this way, faulty switch contacts 
have been located and taken out of service before any 
trouble occurred. In fact, the equipment is so sensitive 
that at the Dispatcher’s office slight inconvenience was 
experienced for several days from a hissing sound in the 
loud speaker. This sound was not present at the other 
stations and it was finally located. A potential fuse 
on a 60-kv. potential transformer in the station ad¬ 
joining the Dispatcher’s office was partially blown 
and the current actually jumping a small gap, this 
arcing causing the disturbance on the receiving 
equipment. 

Arcing grounds on the secondary systems fian be 
instantly detected though they are often hard to 
locate. Grounds on the 4-kv. system fed through two 
banks of transformers and the bank of transformers 
connecting to the 100-kv. system located 80 miles from 
one of our receiving sets, have been noticed and finally 


located. The high-frequency notes are readily de¬ 
tected, yet no normal frequency hum is noticeable in 
the receiving sets. 

Prom present experience it would seem that this 
foim of high-frequency communication as applied to 
the power line circuits, is a valuable addition to the 
communication system. I do not believe that it will 
in general replace wire lines on long high-voltage 
systems that necessarily cover considerable territory 
where public telephone communication would not be 
accessible for patrolmen or repair crews on maintenance 
work, but it is of great value in giving a reliable com- 
mxmi(^tion channel to the outlying stations for dis¬ 
patching work, and in most cases can be utilized 
without very large expenditures for installation or 
maintenance. 

This system is operating on a wave length of 5600 
meters. This particular wave length was selected 
after careful test, as giving about the best transmission 
and was of suitable length so as to avoid most outside 
• telegraph interference, this placing the station just 
between two of the high-powered government telegraph 
stations. The transmission lines make a good antenna 
for the longer wave lengths—3000 to 20,000 meters, but 
a very poor one for wave lengths as covered by the 
amateur or broad casting range. 

The amateur operators seem to experience very 
little interference from our system as now operated. 
Only when they are situated close to the transmission 
lines have they reported receiving our signals, and 
then offiy at times when other radio stations were not 
operating. This interference has been greatly reduced 
by the elimination of accidental harmonics which were 
present during the experimental stage. 

•AH esperimental work and arrangement of equipment 
in connection with this system was designed and the 
installation directed by Dr. Leonard F. Fuller. 



Mechanical Forces on Busbars 

Under Short-Circuit Conditions* 

C. H. VAN ASPEREN 

Associate. A. I. E. £. 

Laboratories of the Hydro-Electric Power Commission of Ontario. 


W ITH the advent of the superpower station, with each other at a distance without an intervening me- 
its concentration of enormous power and pos- dium> and thus significantly neglects the finite velocity 
sibilities of very large short-circuit currents, of the electromagnetic field. It was used by Ampere 
the mechanical stresses to which different apparatus, in his famous researches on the action of an electric 
including busbars may be subjected, demand serious current on another electric current shortly after Oer- 
consideration. ^ ^ sted^s discovery of the action of an electric current on a 

In the following pages the forces acting on busbars magnet, a hundred years ago. 
will be considered and an attempt has been made to The Energy Method, following Maxwell's theory of 
furnish the designing engineer with a set of simple electromagnetism and taking account of the finite 
formulas by means of which he will be able to approxi- velocity of the electromagnetic field, applies the law 


mate with suflicient accuracy the magnitude of these 
forces and their distribution along the busbars. The 
basis of the pertnissible approximations has been 
determined by actual measurements. The combination 
of these forces when acting in a three-phase system will 
be analyzed and the characteristic action of the forces 
at the moment of short-circuit pointed out. 

The Problem 

In the problem under consideration the electric cir¬ 
cuits are supposed to have no iron in the interlinked 
magnetic field. The busbar system in large stations 
will in general contain many different configurations 
and the general calculation will therefore consist of a 
large number of calculations for the individual configu¬ 
rations. Evidently then the formulas have to be of 
great simplicity if the labor involved is not to become 
prohibitive. Also mathematical precision is not re¬ 
quired as a number of inaccurately known factors such 


of the conservation of energy from which the following 
general formula can be evolved: 

„ dL 

Force = ii . C 

^ Where ii and are the currents in one or two electric 
circuits, L the total inductance of the system and d I 
a virtual displacement of the part on which the force 
is to be calculated. C is a constant depending on the 
units employed. 

The Current-Field method is based on a definition 
of the Unit of Current in the c. g. s. system, viz. 

The unit current is that current of which an element 
of unit length (1 cm.) in the direction of the current, 
when placed in a magnetic field of unit intensity (1 
maxwell = 1 line per sq. cm.) is acted upon by a 
rnechanical force of 1 dyne at right angles to the direc¬ 
tion of the current. 

as strength of materials, temperature, etc. entering into ‘*"® ® 

the construction, require the application of more or less la the sme as if this current 

arbitrary safety factors. As the mechanical forces Kne“^^ “ 

acting on bus-bars may have a lever-action on their rni,- • j j. j • xt. 

supports, it will be necessary to know their moments inductance used m the en^ 

about any givenpoint, requiring the knowledge of the 1 ^ f field into- 

distribution of the forces along the bars. ^ dmved 

irom the same fundamental formula, which is as 

Availabi^ Methods op Calculating Mechanical follows: 

Forces Due to Electric Currents The magnetic force or field strength at a point P, 

Three methods for calculating these forces are known outside a line current i due to an element length of 

j T-T---i.— 1 current dy and distant a length c from dy is equal to 


and have been referred to as: 

1. The Action at a Distance Method. 

2. The Energy Method. 

A method using the magnetic field intensity at 
the conductor and the current strength in the con¬ 
ductor. The writer proposes for this the name 
Current Field Me^d. 

The Action at a Distance Method is based upon the 
assumption that- two elements of current can act on 

♦Awarded the “First Paper Prize” for the year 1922, by 
the A, I. E. E. 

Presented at the Meeting of Toronto Section, A. /. E. E„ 
November S, 19SB. 




sin 6 


Where 6 is the angle between the direction of c 
and the line current. The magnetic force or the 
direction of the field is at right angles to the plane 
containing the line current and the point P. 

The difference between the eh^gy method and the 
current-field method lies in the fact that the former 


1. It is interesting to observe that the newest thcMgfy, Ein¬ 
stein's Theory of Relativity, again seems to dispense With the 
nedessity of an intervening ether of space. 
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uses the total magnetic field interlinked mth. the electric 
circuit or system of circuits, and only indirectly, through 
the geometrical relation of dl to the configuration of 
the system, takes in consideration the unequal distribu¬ 
tion of the magnetic field intensity; while the latter 
method does so directly by using the algebraic sum of 
the field intensities due to the different component 
parts of the system. 

As in general these parts do not contribute in equal 
amounts, the Current-Field method offers the greater 
facilities for approximation. 

The Literature on the Subject 

The writer to whom the task was allotted to supply 
a set of simple formulas for the calculation of the 
mechanical forces on busbars, specially those acting 
on taps at right angles to them, foimd the existing 
literature on this subject very meagre from his point 
of view. Such as was available to him treated special 
cases while the generalizations in the standard text 
books seemed to be more of an academic than practical 
use. He therefore endeavored to develop such simple 
formulas by .one of the three methods mentioned above, 
but did not succeed as he had nothing to go by to deter¬ 
mine the amount of approximations which would be 
warranted, or assumptions that could be made in view 
of the desired result. 

Moreover one of the writers^ on the subject who 
used the energy method declared all other methods as 
fundamentally wrong and leading to erroneous results. 
At the time his arguments seemed to carry much weight 
as the writer had not then realized the common base 
of the energy and Field-Current methods as explained 
before. As for the Action at a Distance Method, Mr. 
H. B. Dwight has since shown this also to be math¬ 
ematically correct.® 

Measurements of Mechanical Forces 

It was therefore decided to make some actual 
measurements and through them either to determine 
the allowable approximations or assumptions or to 
evolve empirical formulas or curves which might facili¬ 
tate the determination of these forces. These measure¬ 
ments were made at the Laboratories of the Hydro- 
Electric Power Commission of Ontario. 

As the available current strength was limited, the 
forces to be measured would be very small. This 
introduced ©:eat difficulties as we were not equipped 
with the apparatus required for measurements which 
more properly belonged to the domain of a Physics 
laboratory. The equipment had therefore to be espe¬ 
cially designed and constructed. After a large amount of 
preliminary work and trials, the following apparatus 
was set up . 

2. Se© M&UisuiftticaJ Analysis of th.© Mocha-nical Forcos on 
Switches and Busbars, by L. B. W. Jolley, the Electrician, 
(London), Dee. 3, 1920, p. 646, Dec. 10, 1920, p. 676. 

3. See Magnetic Force in Disconnecting Switches by H. B. 
Dwight, ThA Electrician (London), Sept. 2, 1921, p. 291. 


A short piece of flat copper bar 1 inch by 3/16 inch 
and exactly 10 centimeters long was joined with insula¬ 
ting materials to a rigid brass rod provided with a steel 
.cross-piece about 73^ centimeters long with knife edges 
at the ends. The latter were supported in agate cups, 
the whole thus forming a pendulum. The little bar 
made an angle of 60 deg. with the brass rod and was 
provided at its upper end with a brass cup in the form 
of a scoop for holding mercury. A number of movable 
weights at different points in th‘s system allowed the 
regulation of the position of the center of gravity. 
Two short copper bars of the same cross-section as the 
swinging bar were firmly fixed on a wooden support 
and in line at each end with the swinging bar but 
separated by a space of 3 millimeters from it. 

The lower fixed bar had at its upper end a scoop 
similar to that on the swinging bar. The scoops were 
filled with mercury (Fig. A). Bars and scoops were 
insulated with paints and varnishes except the nickel 
plated ends (cross-sections) of the bars; thus forcing the 


Vertical Circuit 




Fig. a Fig. B 

Measurements of Mechanical Forces 
Sketch of Apparatus and Diagrams op Ciucoits 


current through the mercury to follow practically the 
same path as if fixed and moving bars were one solid 
bar and the distortion of the magnetic field at the ends 
of the moving bar could be considered negligible. In 
front of and in a vertical plane passing through the 
center of the swinging bar a known weight was hung 
by a fine silk thread. This thread was suspended from 
a support attached to a IJ^-inch aluminum tube fixed 
with an articulated joint to a heavy piece of wood per¬ 
mitting a movement parallel to the plane of swing of 
the pendulum. The IJ^-inch aluminum tube was 
connected to a micrometer screw on a wooden support 
by means of a 3^-inch aluminum tube about 6 feet 
long. On the front of the brass rod of the pendulum 
and above the knife edges was fixed a plane mirror. 
Underneath the micrometer was fixed, on the same 
support, a telescope with scale. The different dimen¬ 
sions and distances of the set-up gave a lateral move¬ 
ment of the swinging bar of 0.000346 inches for one 
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scale division. After experience was gained it was 
perfectly possible to distinguish a movement of one- 
half the thickness of a division line or about 1/10 of 
the above amount. The swinging bar was connected 



Fio. 1 


horizontally to the silk thread by a fine bronze wire of 
negligible weight. 

By moving the support of the known weight by means 
of the micrometer a determinate force could be applied 
to the bronze wire to counteract the forces on the bar 



Fia. 2 


current distribution in the conductors it was necessary 
to make the dimensions of the rectangle large, resulting 
in very small forces to be measured. The circuit was 
completed as shown in Fig. B. By moving the movable 
cross bars in steps along the inclined bars (keeping 
their distance apart constant), the forces on one side 
of the rectangle were measured on 10-cm. sections. 
The current employed was 1000 amperes, 60 cycles 
throughout. 

Great difl&culties of a mechanical and physical nature 
were encountered. They were mainly due to the un¬ 
avoidable use of a liquid conductor (mercury) which 
necessitated the limiting of the possible lateral move¬ 
ment of the bar to a half scale division on either side 
of the zero line. This was done by means of adjustable 
stops. 

The vertical circuit, also visible in Fig. 1 was used 
for a preliminary adjustment of the center of gravity 
of the pendulum. As it was not possible to adjust 



Fig. 3 


SO accurately that a vertical force acting on the bar 
would have no effect in shifting the center of gravity, 
the final adjustment of the zero point had to be made 
by alining the movable and fixed bars by means of a 
brass gage. 

The forces so rneasured in a preliminary series of 
measurements, after correction for the constants of the 
apparatus were plotted, and it was found that the 
probable curve for the forces/near the comer of the 
rectangle came closely to z 2 / = constant, where x 


is the distance from the comer and the force. This 
led to the following r^oning. The percentage of the 
due to the current. The zero method was used total force near the comer, due to the current in the 
throughout these experiments. Figs, 1, 2 and 3 show parallel conductor should be comparatively snaallr and 
the described apparatus. The first measurements were therefore the forces due to the current at right angle, 
ma.de on the side of a rectangle (Fig. 1) . In order tp and dose to the comer should give a curve closely 
avoid as much as possible the influence of possible res^hTttig va hj^^ 
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The magnetic field intensity at a point P at a distance 
d from a line current of length I is 

/ » I ) 

d ‘ V V(l - ay + ' 

lines per square cm. 

We will refer to this formula as the Fundamental 
Formula.^ 


d 





t ^ 




Fig. E 


ment. Consequently, with the aid of the fundamental 
formula, curves were plotted for the mechanical forces 
on one side of the rectangle. These curves are given 
on Curve Sheet (C). After making a few additional 
refinements in the apparatus a new set of measurements 
was made. 

The curve of the total force C was divided into parts 

p 

L -1-„ 

Fig. F 



ii 4 -„ , , CuKva Sheet C 

Measttrbments op Mechanical Forces on Electrical Conductors 

iirements on one half nf stHa /> ^ L - J A. - - _ 


10 ft. X 6 ft, (Fig. 1) 


©Measurements on one half of side a of rectangle a, b, c, d 

tMeasurements along a of right angle d, o 

4 » *0 current in d (Fig. 1-2) 

B SSS offerees on a, due to current in b. (Fig. i) 

Calculated curve of Forces on a, due to current in c (Fig. l) 

C OurrenTJployM 1000 amp«e. 60 cycles. 


If P is situated at ri^t angjes to one of the ends of 
I, we get: 




I 


Vl‘ + d? 

tnof f compared with I, we have approxi- 

is 

T® F-d = constant and 
pl^ for different values of d would give a hyperbola 

the assumptSi M f^: 
mul^ for Ime-currente would express the values of the 
mechanical foi^ with sulScient approximation for 
^ purpose subject to confirmation by actual measure- 
Bulletin of the Bureau of 


by erecting the ordinates at every 10 cm. of abscissa 
corr^pondmg to the successive positions of the swing¬ 
ing bar and each such 10 cm. divided into a suflSiciently 
i^^number of equal parts to allow for the assumption 
tnatthe curve between the ordinates on these divisions 
Mdd be conader^ a straight line. By an approxi- 
^te integrabon the point was then found for each 10 
total force on that 10 cm. could be 
° i^tol moment about a given 

"u."v'® where the force per unit 

«wo,dd be equal to the total force on 10 cm. 

bv'^W *’'* measured forces divided 

and are of application 

It will be seen that with the exception of points 
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foi'40 and 70 cm. the measured and calculated 

j ^ agree very well considering the difficulty of the 

^®^^®^ents of such small forces. (From 18 to 1.60 

^Ti'ctnas.). 

^ j investigation into the disturbing factors causing 

t deviations between 40 and 70 cm. pointed 

following two probable sources: 1st, shifting of 
♦«3i'o point through expansion of the cross bars and 


formula and added to the measured force and the point 
of application taken the same as for curve C. The 
slight error so introduced was deemed to be negligible 
as Curve A (the force due to a current at right angles) 
has very closely the same form as C, The points so 
obtained are marked + and it will be seen that the agree¬ 
ment between the calculated and measured forces is 
very close indeed. The additional mercury cups did 



not permit the measurement of points closer to the 
comer than on the section 20 to 30 centimeters. 

The outstanding result is the close agreement of the 
measured and calculated forces close to the comer where 
unequal current distribution might be supposed to have 
the largest influence and especially is this tme for the 
first point which is shown on the enlarged curve in the 
right hand upper comer of curve sheet C, which was 
verified by two separate series of measurements, one 
of 6 giving an average of 18.06 grams (uncorrected) 
and another of 5 giving 18.00 grams. The latter was 
made with a slightly different weight on the silk thread 
as the weight was immersed in oil to dampen the 
oscillations. 

As regards forces on busbars we are mainly concerned 


Fig. 4 


with their moment and we find that for the moment of 


bc^nding of 3^ inch aluminum tube. 2nd, the difficulty 
of 4.^1il1Ling the swinging bar by means of a gage. 

first cause was remedied by the insertion 
-tkie circuit of two additional mercury cups, (Fig. 
4>, J^^ig- (C). The J^-inch aluminum tube was re- 
plaiced by a fine steel piano wire and counterweight. 
'rHe second one by arranging the circuit as in Fig. 
(o > • Fig. 4 also gives a partial view of this circuit. 

It; was now possible by alternately switching the 


the force on a length of 4 times the width of the bar, 
counting from a point less than the width of the bar 
from the comer of the center lines, we may with suffi¬ 
cient approximation assume line currents. As to possible 
shearing forces due to large forces close to the comer, 
it is very probable that stresses due to uneven tempera¬ 
ture distribution during short circuit in the comer 
where the bars are bolted together, will exceed in 
magnitude any forces due to the short-circuit currents 
themselves. 

Calculation of Mechanical Forces 

Fig. c Fig. D From the fundamental formula for the fiqld stren^h 

at a point in the space surrounding an electric current 
through the two possible circuits to find this Ii, the formula for the mechanical force in dynes on 
zer'O point by electrical means as the upward force an element of electric current J 2 at that point is found 
on the swinging bar was the same in both cases. by multiplying H by I 2 where Ji and J 2 are expressed 
jX will be seen that in this circuit the influence of in abamperes and all dimensions are in centimeters, 
p^arallel conductor has been eliminated ^d that This force is acting at right angle to the current, 
only the force due to the currents in the movable and With the application of proper conversion factors, tins 
cross conductors came into play. The force due force can be expressed in any required units. By 
^ “fch© fixed cross conductor, which was of course, the consideiihg this force on an element of the current, the 
fox 6nch measurement, was calculated by the force on a determinate length of current can be found 













MECHANICAL FORCES ON BUSBARS 


Transactions A. I. E. E. 




by integrating between proper limits, and again by 
integrating between proper limits the elementary 
couples, the moment or torque of the force on any 
detenninate length of current about a given point can 
be found. 

Formulas for parallel currents, right-angle currents, 
currents at 135 deg. (45 deg.) and 90 deg. circular cur¬ 
rents have been developed in this manner. These 
formulas were as much as possible expressed in ratios 
permitting the main parts to be calculated in advance 
and the results to be presented in curves reducing the 
final calculations to a few simple arithmetical operations 
and thus greatly reducing the necessary labor in com¬ 
puting these forces. These curves are given in Curve 
Sheets I to V. Curves of Ai and do not lend them- 


rigorously correct formulas of Mr. Dwight have been 
given. With regard to the required accuracy and the 
uncertainty pertaining to the unequal current distribu¬ 
tion in lm*ge conductors due to skin-effect and Hall- 
effect this unequal current distribution has not been 
taken into consideration. 

For handy reference a few rules of approximate inte¬ 
gration are given. 

Circular Bend of 90 deg. Formulas for the forces 
exerted by currents in a 90 deg. circular bend and by 
currents tangent to the end of the bend on a point in 
the bend are given. These formulas can only b e applied 
where the radius of the bend is very large compared 
with the width of the conductor in a radial direction. 

The formulas are also given for the constants re- 



4 , Curve Sheet D 

a. Bars at right angle. 

B. Angle cut at 45 deg. one ft. from comer. 

f ^ current equaUy divided between them 

at that point conform with B on the other side. ' ^ ® has also been mlstraced close to the bar and should 


The triangle Is supposed rigid and of sufflelent 


selves to ^y mterpolation and the calculation c 
more readily be performed by means for formula (] 
but they have been given because they facilitate t 
forming of a mental picture of the distribution of t 
forces along paraUel conductors, and thus may be 
pnde to the placing of supports once the maximi 
rorces and the required strength of the supports ha 
been pertained. Where a large number of suppo] 
Placed this will save considerable time a 

where, due to the nearness of the cc 
duetor, the dimensions of the conductors and therefc 
tJistnbution in them, would have a decid 

and for the ease of conductors at right angle the mo 


quired for the calculation of the force exerted by a 
circular current on a point in a conductor tangent 
to the end of the circular conductor. In this case the 
approimnation has to be found by replacing the circle 
y a 24-sided polygon. This is sufficiently accurate, 
^g: that twice the sine of 7.5° equals 0.26105 and 

0.26331, .when taldng for 

— U.^d2. 


mample. As an example the distribution of the 
forces on a conductor of 4 inch X M inch cross-section 
rming a nght angle, with legs 6 feet and 9 feet has 
een cac at^. Also the same forces when the right 
^gle IS cut off by an oblique conductor at 1 foot from 

nf finally for a combination 

cases, with the assumption that the impedances 







November 1922 


MECHANICAL FORCES ON BUSBARS 


1097 


of the right angle and cross piece are equal, and the 
currents in them in phase with each other. The results 
have been given in the curves on Curve Sheet (D). 
The current assumed is 100,000 amperes. The forces 
at half the width of the bar from the comer of the right 
angle and at the joints of the cross piece have been 
calculated by the approximate method by dividing 
the current sheets into 8 parallel and equal currents. 
As this force is practically independent of the length 
of the conductors this maximum force may be taken 
constant for such a conductor, it depending only on the 



CuKVE . Sheet A —Single-Phase Shoet Circuit Force on 
Parallel Conductors due to Current in Return Circuit 


the impedance of the three short-circuited branches be 
equal, then, 

If Im is the maximum current, the currents in 1, 2, 
3, at any instant are: 

sin (p, Im sin {<p - 120°), Im sin {(p — 240°) 

On account of sjnmmetry we have only to consider 
the force exerted on “1” by currents in “2” and “3” 
and on by currents in and ‘^3." 

Then the force exerted at any one instant on con¬ 
ductor is: 

Fi = / 2-1 {Im sin <p . ImBia{(p- 120°) } 

+ / 3-1 [Im sin <p . Im sin {(p - 240°) } 
or 

Fi = Im . / 2-1 . sin { sin (<p - 120°) 

+ p sin (^ — 240°) } (16) 
where p = = < 1. 

dFi 

Putting ^ — = 0 we get 

tan2y (17) 

1 + 2 > 

The mfl YiT miTn and minimum value of Fi may now be 
found by substituting the value of <p from (17) in 
(16). They are distinguished by the relation 


cross-section of the conductor. Further examples of 
numerical calculations will be found in Appendix A. 

With a direct current in the conductors the force 
on them will be constant. With an alternating-current 
measured in r. m. s. value the force will be the average 
or equivalent steady force but the maximum force will 
have twice this value if the current is si^soidal, 
i. e., having a peak value = r. m. s. value V2. This 
maximum force acts twice during one cycle. 

Combination op Forces in Three-Phase Circuits 
under Short-Circuit Conditions 

Single-Phase Short Circuit In this case the current 


Fi 


= Im^ . / 2-1 {- (1 + V) cos 2 (p 


-f- -s/S . (1 - p) sin 2 <p] (18) 


which indicates that 

A maximum occurs with <p in 2nd and 4th quadrants 
A TniDiT mim occurs with (p in 1st and 3rd quadrants 
For the purpose of graphic representation formula 
(16) may be transformed to 


Fi 




(1 -h p) - 2 VI - V + 



1 + P 1 


sin 


' « 


(19) 


3 


Fig. H 


in the third conductor is negligible and the only forces 
to be considered are those of the remaining circuit and 
its return circuit, the two currents having a phase 
difference of 180 deg. This acts with double frequency. 
(See Curve Sheet A.) 

Three-Phase Short Circuit The phase angle of the 
short-circuit currents will remain at 120 deg. Con¬ 
sider three parallel conductors Nos. 1, 2 and 3, situated 
in the same plane, No. 2 being midway between 1 and 
3 and let the force due to uhit current in ^1” on unit 
current in ‘*2” be represented by /i ,2 etc. 

Let the phase rotation of the current be 1, 2, 3* and 


showing that the force consists of a constant force 
superimposed on a sinusoidal force of double the fre¬ 
quency of the currents. 

If the phase rotation of the currents is changed to 
“1, 3, 2” we find in the same way 


Fi' = 


. sm 

also we get 


- (l + p) + 2 Vl-P+P* 

IH-P 


2 ^ -h tan~^ 


( 1 -~ : P) V 3 J 


( 20 ) 


V —- ../ 2-1 { ± 2 V3 . sin 2 (p } 


( 21 ) 


Because for the middle conductor p = -- 1. 

The variations of these forces are graphically repre¬ 
sented for p= 1/2 and the duration of one cycle on 
Curve Sheet (B) 
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Phase Differences op the Forces along Parallel 

Conductors 

From formula (19) and (20) it will be seen that the 
phase difference between the force and the current for 
the outside conductors of the three-phase depends upon 
the ratio p of the two forces. The curves for Ai 
on Curve Sheet I show that for parallel conductors at 
different distances from a third conductor this ratio 
changes from the center towards the ends of the 
conductors. The forces acting on such conductors at 
different points will therefore not reach their maximums 
and minimums at the same instant. 



Curve Sheet B 

Three-Phase short circuit. Forces on 3 parallel conductors Inf'same 
plane. No. 2 midway between 1 and 2. 

F : phase rotation 1, 2, 3 
F': “ “ 1,3,2 

p assumed = 1/2 


Combination of Forces 

In combining several forces acting in different 
directions it will thus be necessary to take into account 
the above phase differences. It follows that the 
resultant forces will change in direction as well as 
magnitude during a cycle, while the maximum will 
not occur at the same time on different points along 
the conductors. Therefore the moment of the Result¬ 
ant Force wiU change in magnitude and direction during 
the cycle. 

Vibration IN Busbars 

Under the influence of these double-frequency forces 
the conductors will have a tendency to vibrate. That 
this vibration may reach considerable niagnitude was 
shown by an experiment made at these laboratories. 
1^0 busbars 3/8-inch by 1/4-inch were placed side by 
side with 1 inch spacers at the supports and fi rml y 
clamped. The bars formed a loop. A current of 300 
amperes, 25 cycles was sent through the loop and the 
amplitude of the vibrations measured. 

By changing the distance between supports a series 
of amplitude was measured and are shown in thfe curve 
on Curve Sheet E. 

It will be seen that at the resonance spacing of 26 


inches the amplitude experienced a very sudden in¬ 
crease being 70 times the deflection at 18-inch spacing. 

The striking analogy between mechanical and elec¬ 
trical vibration can be seen by a comparison of this 
curve with the well known “tuning’" curves of wave 
meters. In both cases the ordinates are functions of 
the square of the currents and the abscissa functions 
of frequency. As the external resistance to vibration 
of the bar is but the air resistance and therefore low, 
the mechanical tuning will be sharp. 

For such cases where vibration can not practically 
be avoided the calculation of the stresses in the busbars 
and supports becomes much more complicated as we 
have to use the maximum forces and their change in 
time, i. e., energy impulses. 

Fortunately it will nearly always be possible to 
space the supports at such a distance as to reduce 
vibration to practical negligible values. It may how¬ 
ever have a bearing on the fatigue of the materials 
used. 


Impulses due to Short-Circuit Currents 

In our measurements a decided “Kick” of the mov¬ 
able bar was observed every time at the moment of 
closing the circuit. This could only be ascribed to 
the small impedance of our circuit allowing the current 
to suddenly build up to its maximum value, i. e., the 
current had a steep wave front. As however, this 
repeated closing of the switch might have occurred at 
any time during a cycle it is not quite clear why the 
bar was invariably kicked out far beyond its steady 
position due to the average current. 

It is well known that if a weight is suddenly applied 
to a bar which is prevented from bending the com- 



CuBVB Sheet E 

vibration of Busbar on 25-C7Cle symmetrical current 300 amperes. 
Busbars 3/8 In. by 1/4 in. side by side. One-ln. spacers at points of 
support. 

pression of the bar and therefore the stresses in the bar 
can be expressed by 

y = e{l-\rVl+2h/e) 
where y = maximum compression produced 

h = height from which weight drops or the 
distance through which the force of 
gra,vitation acts oh the weight before 
striking the bar, 

e = Compr^iou due to the static weight 
If h — 0, then 2 / = 2e» 
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From which it follows that an instantaneously applied 
force without kinetic energy will cause a stress double 
the stress produced by the same steady force. 

It is difficult to conceive of a magnetic field or an 
electric current to have mass, although the latter is 
now generally regarded as an actual flow of electrons 
which each have an exceedingly small mass due to 
their electric charge. We are used to talking about 
electric impulses but it is difficult to conceive the 
mechanism which transforms them into mechanical 
impulses. That they must do so follows however from 
the law of the conservation of energy. 

We know that the electric energy consumed by the 
induced e. m. f. equals the mechanical energy produced 
plus the increase in stored magnetic energy. 

If then the e. m. f. is induced wholly impulsively, 
i. e., starting from zero, the increase of stored magnetic 
energy (when no iron is present) is also wholly impulsive 
and from the foregoing equation the mechanical energy 
produced must be impulsive. 

An impulse can not be measured in pounds but must 
be expressed in foot-pounds and the time element has 
to be brought in. The magnitude of the stresses pro¬ 
duced in the bars will thus depend upon the steepness 
of the wave front of the short-circuit current. 

From the above formula for the stresses due to im¬ 
pulses it will be seen that they may reach very high 
values depending upon the value h/e. 

With A = 4 e, the stresses will be 4 times the stresses 
due to the static force with = 24 e, 8 times as much, 
etc. Unfortunately our measuring apparatus could 
not be used to measure these stresses and until more 
is known of the real constitution of electric currents 
and magnetic fields we have to assume no mass for 
them and to accept for these stresses a value twice 
the stress created by the force due to the maximum 
value of the short-circuit current. This seems safe 
enough as in large stations enough impedance is put 
into the circuit to reduce considerably the steepness 
of the short current wave front. 

Conclusions 

To sum up the results we may say that these measure¬ 
ments have proved that for practical engineering 
purposes we may assume line currents in the busbars 
even very close to the comers of right angle taps, a 
fact which the writer thinks could not be previously 
assumed, and that consequently we were able to derive 
some very simple formulas and methods for the calcu¬ 
lation of the mechanical forces on busbars, which 
formulas may also be of use in checking the mechanical 
strength and construction of electrical apparatus and 
specially of the leading-in conductors. 

In addition to a bibliography in Appendix A will 
be found an example of calculations and in Appendix 
B are given the mathematical derivations of the 
formulas. 

The writer wishes to acknowledge his indebtedness 


to the engineers of the laboratories of the Hydro- 
Electric Power Commission, who one and all were al¬ 
ways ready with valuable advice and suggestions for 
overcoming the considerable difficulties encountered 
in these measurements; to Mr. R. Gremmell who built 
and erected the apparatus and to Mr. A. E. Frampton 
who assisted in taking the measurements. 


Appendix A 

Parallel Conductors 



Fiu. I Fig. II 

For Points between Per- For Points Outside Per¬ 
pendicular Planes a.t the pendicular Planes at the 
Ends op Conductor I Ends op Conductor I 

Ji, 1 2 currents in amperes 

a/l = if d/l = n 
Force at a point P. 

. f - 1 

“ d L ^ V(1 Ky + ^2-1 

■ 1.02 X 10”® grams per cm. ' 

din cm. ( 1 ) 

2.248 X 10”8 lbs. per inch 
d in inches 

For case of Fig. 1 

_ hh _ 

~ d (cm./inches) ^ V 

r 1.02 X 10”® grams per cm. 1 
^ I 2.248 X 10”® lbs. per inch / (la) 

For case of Fig. 2 

Fv — “t7 r v ^ X Aa 
d (cm./mches) 

j 1.02 X 10”® grams per cm. ) 

^ \ 2.248 X 10”® lbs. per inch J (lb) 

The values of Ai and As maybe scaled from the curves 
of Curve Sheets I and II. 

If the currents are in the same direction Fp is positive 
and is an attraction, if in opposite direction Fp is 
negative and is a repulsion. 

The force is at right-angle to the current at the point 
and in the plane containing I and P, 

The force on a section Pi — P 2 is: 

1 02 X 10"‘grams V 
2.248 xKHIbs. / (2) 






SwJ—^->- As 
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A,]’ / 1.02 X 10-'grams 1 (2a) 
I 2,248 X 10-" lbs. J 



Curve Sheet I —^Values op A op Formula (l.a) 



Curve Sheet II —^Values op As op Formula (l.b) 



The values of As may be scaled from the curves of 
Curve Sheet III. 

The moment of the force about the point 0 

is given by 

I r - 

MoiPi-p^ = Ji Js X 2 


- ^ „ . V(l-g)" + rf 

— 2.303 n {logic {K + 

ki 

+ logic ((1 ~ -K^) + v(i ~ Ky + I J 

ki 

• 1.02 X 10“® grams-cm. 

I in cm. 

2.248 X 10~® inch-pounds 
I in inches 

The moment of Fp^.p^ about any point of the con¬ 
ductor or its extension may also be found by dividing 
the proper curve (I or II) (or interpolated curve) in 
such number of parts that each part can be treated as 
a straight line. The moments of the forces of each 
part of the conductor can then be found by the method 
of approximate integration. 

Note. Formula (1) can be written 



Fp 


Uh 1 

^ L VI + {n/Ky 


1 


^ -1 


1 

1 + 


■•j 

K-1 

>. ' 4 


r 1.02 • X 10“® grams per cm. 
I d in cm. 

2.248 X 10“® lbs. per inch 
d in inches 


(Ic) 


The value of each term under the brackets may then 
be found from curve Bi substituting n/K and 


n 

^ for n. 

If two conductors of rectangular cross-section 
(h X w) and of length Z are spaced very close together 
such as the bars of a built-up busbar, the mechanical 
force acting between them, may be computed by divid¬ 
ing each conductor into an equal number of strips of 
equal width, for instance, 6i, Ci and d 2 » & 2 , C 2 . If 
n is the number of strips the current in each strip is, 
if h and I 2 are iiie Currents in the bars h/n and 12 /n 
respectively, the tot^ force or its distribution can be 
calculated by taking the sdgebraic sum. of the forces 
actmg between the different stri]ps of one bar and the 
strips of the other bar with the aid of formulas (1) to 
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5 


Tr 


aa 

Ji.i. 

~C2 




nt 


(3), replacing Ji J 2 by 


Fig, J 

hh 


and taking for d the 


distance of the centre lines of the strips under con¬ 
sideration. 


Conductors at Right-Angles 
1-e-d- 


HP Pj 


P 2 


I 2 


Fig. K 

Ji, I2 currents in amperes. 
djl — n 

The Force at a point P is: 

Vn^ + 


Fp = 

{ 1 : 


d 


r—] 

L \/n^ -1-1 


X 


1.02 X 10“® grams per cm. (d in cm.) | 


or 


Fp = 


248 X 10~® lbs. per inch (d in inches) 

hh 


XBi 


d cm./inches 

( 1.02 X 10“® grams, per cm. 1 
^ I 2.248 X 10-« lbs. per inch I 
The force on a section Pi — P 2 is: 


m 


Pp.-pj = Ii I 2 [logio -|-1 •— 1) “ logio n] 

ni 

r 2.35 X 10-® grams \ 
5.177 X 10-^®lbs. i 


or 


( 4 ) 


ikfo/Pj.Pj = hXliXl [logic (n -h Vw® + 1) ] 

ni 

r 2.35 X 10 ^® grams-cm. (Hn cm.) ) 

^ I 5.177 X 10“® foot-pounds (I in feet) / (6) 
or 

W2 

^d^jp^—P^ — I\ X I2 X lem.lfeet X Ps] 

X 


m 


f 2.35 X 10~® gram-cm. 

15.177 X 10“® foot-pounds 


1 


(to) 



Values of Bi formula (4. a) 

S» “ (6.a) 

Bt “ (6.a) 

Note: The values of Ba represent the logarithm of a quotient and the 
curve has been drawn In 3 parts having respectively the characteristic 
1, 2 and 3. The ordinates of the curves represent the mantissas. 


The values of Bi, B 2 and B 3 may be scaled from the 
curves on curve-sheet IV. 

If it is necessary, for greater accuracy, to take in 
account the current distribution in flat bars, the com¬ 
putation can be performed in a similar way as outlined 
for parallel bars by dividing the bars into strips. Or 


(4a) 



( 5 ) 


Pp,.p* = Ii X /a X B 2 ] X \ 


177 X 10-^® lbs 

2.35 X 10-® grams 
5.177 X 10-^ lbs. 


(5a) 


they may be calculated by fonhiila (7a) or (7b) devel¬ 
oped by Mr. H. B. Dwight. 

Note, In these formula the assumption has b^h 
made that the conductor ?’is round and the current Ii 
thus-may '-be~ cQ]^dered- conc6ntreted at the ceiitre of 
thebari,\„ 

Tlie force on w is: 
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r I 2 m 

Fm = Ji X /2 [ 2.303 logic I 


— 1/4 mV^* 


m®V 

+ 1/16 + 3/32 mVi' - 1/16 -y- 


when m > Z 

Fm = /i X ^2 ^ 2.303 logic 


f 1.02 X 10“® grams 


between flat conductors close together the same 
procedure can be followed as indicated under “Parallel 
Conductors.’" 

The force at a point P is: (Fig. 10). 

P r 1.414+ y ^ 

L -1- 1 AU® + i 


2.248 X 10-8 lbs. 
4Z 


(7a) 


m cm./inches L + 1.414 

r 1.02 X 10”® grams per cm 
1 2.248 X 10”® lbs. per inch 




( 8 ) 


or 


hx 


— l/m 


Fi^ 


P 


- 1/24 n^yp + 1/16 hxyp + l /6 p/m 
Ih 


+ 1/24 


+ 


Ph^ 

m® ^6 


- 3/40 Z®/m®-1/16 


...] 


f 1.02 X 10”® grams 


I 2.248 X 10”® lbs. 

The force on a section Pi - P 2 can be found by 


(7b) 


m cm./inches 

r 1.02 X 10“® grams per cm. 

XCi 

I 2.248 X 10”® lbs. per inch 
The force on a section Pi - P 2 is: 

Ppi-pj = 7® [ 2.303 logic (2 » + V 2 


( 8 a) 


+ 2 •\/'y® + v + 1) + 1.795 logic ® + 0.98 
- 3.26 logic (2 Vv® + » + 1 + ® \/2 


II 

1 

Vi 

+ 2)] 

Vl 

f 1.02 X 10~® grams \ 


The moment of the force on any part of the bar about 
any point in the plane of the couple may then be found or 

1 2.248 X 10-» lbs. / 

(9) 


from the curve as explained under parallel bars. 

r p,-Pj 

CONDTTCTOBS IN GeNEBAI. DiBECTIONS 

» r 

= 7® X Cz] 

VI V 

1.02 X 10”® grams \ 
2.248 X 10”® lbs. / . 

(9») 



fiV, 


The Moment about 0 is: 




I 


a 


ikf C/Pj_Pj = 7® lemjfeet X [ \/W® + ® ■\/2 + 1 — W 
+ 1.63 logic (2® +-v/2 




Flg.vu 


r 

li 


-St*' 


+ 2V»*+»V'2 + 1)] 
X 


VI 


f 1.02 X 10”® gram-centimeter 
I 2.248 X 10”® foot-pounds 


} 


( 10 ) 


or 


•ilfo/.Pi-Pj — ^ lem.lfeat X Cj ] 


Fig.vin 


Fig. IX 


r 1.02 X 10”® gram-centimeter \ 
12.248 X 10”® foot-pounds J 


( 10 a) 

Find the force at different points P by formula (1), The values of Ci; Cz, Cz may be scaled from curves on 
(la) or (lb), (Ic). Construct the curve of the distribu- Curve-Sheet No. V. 
tion of the force along m. The total force on any 
distance along m may then be computed by one of the 
formulas for approximate integration and also the 
moment of this force found. For the forces acting 
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ii04 

0 

-04 

c 

- 0.8 

- 1.2 
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3 4 5 A 7 

: CvBVB Sheet V 

Values of Cl formula ( 8.a) 
Cj ' *' ( 9.a) 

C# ■ (10.a) 


10-8 
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I 



Pig. L 

1 >■ current in amperes 

l/r = p 
m/r - q 

r supposed large compared with width of conductor 


The force at P due to the circular current is: 

p __ r sin 6 X V2 

4f L (1-cos^) V1-COS0 


+ 


cos d X y/2 
(1 — sin 6) VI — sin 6 


2.303 logio tan.^/4 


+ 2.303 logio 


cos 0 + V2 X yi — sin d 
1 - sin 0 



X 


1.02 X 10-® grams per cm. 
r in cm. 

2.248 X 10~® lbs. per inch 
r in inches 


( 11 ) 


This force acts in the direction of the radius at P and 
away^from the centre of the circle. 

The force due to currents in I and m are respectively 

when = p, — = g 
r r 

J2 

FlcmJinchH’^ (1 _ sin e) ^ 

[ p + COS 6 _ \ 

V(1 - sin 0)2 + {p + cos Bp 

cos 6 n 

V(1 ~ sin ^)2 4-cos* ^ 4 

f 1.02 X 10-6 grams per cm. V 
1 2.248 X 10-6 lbs. per inch J (12) 


F 


m em.l inehea 


P 

r (1 — cos 6) 


X 



__ g + sin 

V(1 — cos 0)* + (g + sin 6y 


_ sin 6 _ 

V(1 — cos dy + sin* 6 


] 


f 1.02 X 10“6 grams per cm. \ 

^ I 2.248 X 10-8 lbs. per inch J (13) 
The total force at P is: 


Pp =* Pc + Pi + P« (14) 

The forces on sections and their moments are to be 
computed from curves by approximate integration. 


90 Deg. Circular Bend 



i 0.262r 
tn/r = q 
a/l 

d/l -ii 


To find the force at the point P due to a current in 
the 90® circular part, we have 

« = 0.262 r 

when k *= a/l 

n = d/l 
g = m/r 

a = r (P + gcos O') d = r (H + gsin a) 


a 

6 ln a 

COS a 

E 

H 

7.5® 

0.1306 

0.9014 

0.262 

0,009 

22 .6® 

0.3827 

0.0239 

0.618 

0.076 

37.6® 

0.6088 

0.7034 

0.731 

0.207 

62.6® 

0,7034 

0.6088 

0.924 

0.301 

67.6® 

0.9230 

0.3827 

1.066 

0.617 

82.6® 

0.0914 

0.1306 

.1.122 

0.869 


The force at P due to any of the six parts of the 
current can be calcidated by formula (Ic) and the 
total force will be 

Pp = 2P 

^-1 


( 15 ) 
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TIi6 forc6 on b> soction JPi — Pi c&n 1)6 found through, 
approximate integration. For forces close to the 
junction of curve and straight line it will be necessary 
to divide the current sheet into a number of parallel 

cuirents as described before. 

Note. In case the radius of the circular conductor 
is not large compared with the width of the conductor 
it will be necessary to consider the current sheet as 
composed of a number of parallel conductors and to 
replace each of these circular currents as a polygon and 
so compute the total forces at each point. 

Approximate Integration 



A = Area of curve y = f (x) bounded by the curve, 
the r-axis and the ordinates x = Xo and 

X — Xn 

Rectangular Rule. 

Ab = h (yo + i/i + 2/2 + . . . + Vn-i) 

An = A (2/1 + 2/2 + 2/8 + . . . + 2 /«) 


Sim'pson’s Rule. 

Divide the interval into an even number of parts. 
As = 1/3 [ ( 2/0 + 2/n) + 4 ( 1/1 + 2/3 + 2/« + • • • 

+ 2/»-l) + 2 ( 2/2 + 2/4 + 2/8 + • • • + Vn-i) ] 

Note. The approximation is closer the larger the 
number of intervals h. 

An nosey be used for very close approximations 
A. requires less intervals for the same approximation 



StraigUIAne. 

A = the area of the line y = f (x) bounded by the 
line, the rc-aids and the ordinates x = Xi 
and X — Xi 

A = 1/2 (Xi —a;i) (yi + y^) 

If A represents a force then the moment of that force 
about 0 is given by: 

M = 1/6 { (yi + £ 1 / 2 ) Xi^— {yi + 2 2 / 1 ) xi^ 

+ {yi-yi)xiXi] 


Example 


J 



_ 



4R in- 

- H 


1 16 in. 




1 _1_ 

on in_— 

... . .. w 



A 


Fig. P 

Ui = 24 inches Ki = 24/80 = 0.8 

Ui = 72 inches ^2 = 72/80 = 0.9 

I — 80 inches n = 16/80 = 0.2 

current = 20,000 amps. 
Given. A conductor C D with parallel return con¬ 
ductor A B connected by A 0 at right-angle to them 
as in the above figure. 

Required. 

a The force at Pi due to the current in A P and A C 
b The force on the section Pi - Pi due to the same 
currents 

c The moment of the force on Pi — Pi about the 
point C. 

a. For the force due to A P we apply formula (la). 
The value of Ai scaled from the curve % = 0.2 (Curve 
Sheet I) for X = 0.8 is 1.79. Remembering that the 
currents in A P and C D are in opposite directions we 
have: 

4 X 108 

Pp/ = - - X 1.79 X 2.248 X lO’^lbs. per inch 

Fni = — 1.006 lbs. per inch 

If n had such a value that interpolation would be 
difficult formula (Ic) can be used and we have: 

'n]K = 0.2/0.3 = 0.667 = 

= - 0.2/0.7 = - 0.286 = w" 

(The sign is immaterial as the formula contains w"®) 
From Curve Pi (curve sheet IV) we scale P/ = 0.832 
and Pi*' = 0.960 as K <1 the -f- sign has to be used in 
formula (Ic) and the term under the brackets is thus 
0.832 -f 0.960 = 1.792 the same value as has been 
scaled before for Ai. The force due to A G is found by 
formula (4a) where n = 24/16 = 1.5. From curve 
Pi (Curve Sheet IV) we scale Pi = 0.555. 

Here the currents have different directions with 
regard to their junction point C and thus opposite signs 

4 X lO+s 

and we have Pp/ = - - . — X 0.556 X 2.248 

X 10-8 lbs. per inch or Pp/' = - 0.312 lbs. per inch 
and the total force Ppi = — 1.005— 0.312 = — 1.317 
ffis. per-ihehr ^ 

The negative sign indicates a repulsive force. 
h For the force due to use formula (2a) and from 

the curve % = 0.2 for As (Curve Sheet III) we scale for: 
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= 0.3 . . . A 3 ' = - 1.80 

kt 

and thus As] = 5.27 

^2 = 0.9 . . . As" = +3.47 
and = - 4 X 108 X 5.27 x 2.248 X lO"® = 

— 47.5pounds. For the force due to AC we use 
formula (5a) and have for 

Pi . . . ni = 24/16 = 1.5 
P 2 . . . W 2 = 72/16 = 4.5 

from the curve for P 2 (Curve Sheet IV) we scale for 
% = 1.5 P 2 ' = 1.728. The curve does not extend to 
n = 4.5 and B 2 " has therefore to be calculated by 
formula (5) which gives Bz — 1.904 and we get 

nt 

B 2 ] = 1.904- 1.728 = 0.176 
and 

= - 4 X 108 X 0.176 X 5.177 X lO"® = 3.01 

pounds 

The total force is thus: 

Ppi_pj = - 47.5- 3.01 = - 50.51 pounds 
This force is repulsive and directed away from A B. 
If in calculating F'pi-ra interpolation should prove 
difficult, its value can be found by formula (2). This 
formula can be written thus: 

P,,.,, = It A [vi + (.K/ny- \ 1 + ^+“|] 
or 

■ ■_ .ki 

= /iZs [ Vl + »l’‘-VI + 

kl 

and the values under the ^oots found by taking the 
reciprocals of the values given by curve P 4 (curve sheet 
IV). 

c. The Moment of the force is found by formula (3) 


and we have 

M'c/p,-p, = - 4 X 10® X 80/2 [2.14 + 4.19] 

X 2.248 X 10“® inch-pounds 

M'civi-Pi = — 2275 inch-pounds = — 189.5 

foot-pounds. 

The negative sign indicates a couple around C and 
turning away from A B. For the moment of F"pi-p 2 
we apply formula (6a) and we have 

I = 16/12 = 1.33 feet Wi = 24/16 = 1.5 

%2 = 72/16 = 4.5 

from the curve for Bs (Curve Sheet IV) we scale for 
w = 1.5. 

Bj' = 0.518 

The curve not extending beyond « = 2, we calculate 
Ba" for w = 4.6 by formula (6) and find 
Bs" = 0.960 and thus 

nt 

Bs] = 0.960- 0.618 = 0.442 

«i 

Jkr"c/P,-Pj = - 4 X 10 ® X 1.33 X 0.442 X 5.177 X lO’® 

foot-pounds 

Jl!f"e/Pi-Pj = —12.22 foot-pounds 
and the total moment 

Jkfc/Pi-Pj = - 189.5 - 12.2 = - 201.7 foot-pounds. 

As an example of the approximate method we will 
apply it to the calculation of F'pj-pj and M'c/pj-pj. 
Suppose then that the forces had been calculated for a 
number of points between Pi and P 2 and a curve 
plotted with the forces as ordinates and C P 2 as the 
axis of the abscissa. This curve will be similar to the 
curves on curve sheet I and in this case we can take the 
curve n - 0.2, remembering that the ordinates will 

- 4 X 10® 

finally have to be multiplied by ..g X 2.248 


for the force due to A B and we have ^ represent the forces in lbs. per inch. We 

Kiln = 1.6 Kiln = 4:.6 divide the curve between the abscissa a; = 24in. and 

KJn 'JK^ + = 0.54 KJn = 4.15 a; = 72 in. into an even number of parts (in this case 

' ^ ^ A. V we will take 12) through ordinates spaced 4 in. apart 

^ ^ \2 _L - - y'(l — jfiCa)® + or in terms of K at 0.3, 0.36, 0.4 . . . 0.85, 0.9. 

n ^ ' As the curve is symmetric on both sides of the ordinate 


= 4.74 = 2.12 

logic {Kl + VKi^ + %®) logic (Ki + -y/Ki^ +' n^) 

= 1.81994 = 0.26056 

logic { (1 - Kl) logic { jl- Ki) 

V{l-Kiy + n^} + V(1 - i^a)® + ^* 

= 0.15473 =1.51001 

Sum of log, = 1.97467 Sum of log, = 1.77056 

= - 0.0253 =- 0.2294 

2.303 X 0.2 X - 0.0253 2.303 X 0.2 X - 0.2294 

= -0.0117 =-0.1058 

The term between brackets The term between brackets 

kl ^ ^ ^ 

r 1 0.64 - 4.74 + 0.01 [ ] = 4.16 - 2.12 + 0.11 

= -4,19 = +2.14 


X = (K = 0.5) the value of the ordinate at Z = 0.7, 
0.75 etc,, can be found at = 0.3, 0.25 etc. 

To find the force P'p,..p, we apply Simplon's Rule 
where A = 4 in. and we have the following values 
for the ordinates as scaled from curve n = 0.2 (cui+e 
sheet!). 

Po =1.79 yi = 1.82 j/2 =1.84 

=1.43 2/8 =1-86 Va =1-86 

—— Vh — 1.85 2/6 =1.84 

Sum = 3.22 2^7 1*82 2/8 =1.79 

;y^ = 1.74 2/10 =1.68 

yii =:i>:67^^ — 

—Sum = 9.01 
Sum+'10.65 
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= - 


4 X 108 
16 


X 2.248 X 10-8 X 1/3 


Prom the fundamental formula for the field intensity 
we have for the field intensity at Pi due to ii 


X 4 [3.22 + 4 X 10.66 + 2 X 9.01] 
P'pi-pg = 47.8 pounds 
P^'p^-pjas calculated before = 3.01 pounds 
thus 

Pp^-pj = 50.81 pounds. 

To find the moment of this force we may consider 
the parts of the‘curve between ordinates as straight 
lines and find the moments of the forces between 
successive ordinates by the formula given for Appr. 
Intg. Finally we will have to multiply with the same 
factor as before in order to give the scaled values of the 
ordinates their proper value as forces. 

The total moment is equal to the sum of the partial 
moments. 


Hp, = 


ti 

d 


a I- a 

y/a^ + Vil - ay + d* 


maxwells 


and for the force at Pi 


Ppi = ffPi . i, = 


d 


a 


+ 


I— a 


dynes 


Xi 

Xj 

M 

24 

28 

1,120 

28 

32 

1,322 

32 

36 

1,488 

36 

40 

1,706 

40 

44 

1,858 

44 

48 

2.021 

48 

52 

2,180 

52 

56 

2,278 

56 

60 

2,468 

60 

64 

2,530 

64 

68 

2,579 

68 

72 

2,485 


Sum a 

24,035 


y/(I — u)8 -|- d^ 

Putting a/l = K and d/l = n, we can write at once 

p iih r ^ 1 

d ly/K^ + n^^ V(l-A)2+%2j 


Pp 

or 

Pp 


1,1 Iz 

d 


a 


dynes per cm. (1) 
a — I 


ii ii r 

- d I 


y/a^ + y/d^ + (a - lY 
K K-l 


dynes 


y/K^ + y/{K - 1)8 + 


] 


4 X 10® 

lkf*/p,.p, = - —jg— X 2.248 X 10-8 X 1/6 

X 24035 -- 2260 inch pounds 

= — 187.6 foot-pounds. 
Me p^-pj = — 187.5-- 12.2 = — 199.7foot-pounds. 
Summary 

= “■ 1 • 317 pounds per inch by formula 

„ (la), (4a) 

A P^.Pj = - 50.51 pound by formula (2a), (5a), (5) 
p- 50.81 pounds by formula (5a), (5), 

_ Approx. Met. 

Mc/Pi-Pj-201.7 foot-pounds by formula (3), 

Mc/Pi-Pj-199.7 foot-pounds by formula (6a), (6), 

mv ^ . Approx. Met. 

1 he distance from C of the point of the section 

Pi Pa where the moments of the forces, on both 
sides of it to Pi and Pa respectively, are equal and where 

distributed force is 

M/F ~ 201.7/60.61 = 3.99 feet = 48 inches. 

Appendix B 

DeHIVATION of PoRMXTIiAS 


d 3 nies per cm. 

which is the same as formula (1). (See Fig. II App. A). 

To find the force on a part of current ia from Pi to 
Pa conader a small extension of a, da and integrate over 
the distance Pi ~ Pa or between limits Ui, Ua we have 


ada 


JT - ^2 r r_ — 

^ *’'"*’* d iJ Va8 + d8 

(I — a) da 




Vd* + il-ay 


r 

ai 


J 


ada 


y/a^ -t- d8 
{I — a) da 


= y/a^ -h d2 = Z + 


/ [b— a) a a _ 

y/d^-\-{l-ay “ - 


= ~ Wn^ + (1 - Ky 

from which if ai/l = Ku a^/l = 


k% 


Fn-’i =-^^[V’E*+»*-i/(l-E)* + «*) 

^ k\ 


Cz 



0 

t 

*2/ 


d 

__„ 

- • 
h 


The moment of Ppi.pj about 0 is then 

a* da 


dynes (2) 





Pig. Q 


, r g (I g) d a -| 

t J Vd* + fZ- ay J 
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1 /' a^aa Ira _ 

71 v7+7 “ T • ["2 • 

log,(o+ Va' + <*“)] 

- n loge (K + + ^2) 

- wlogeZj 

1 r a(l-a)da i fl-a 

T-J V # + (.1- ay 


ds 


= ii u [I . log. (d + Vd^ + l^) ] 

di 

= ii ii . I [log. I + log. {n + + 1) ] 

nt 


and 


+ Q - ay 

- -l-log, I {l-o) + Vd* + (i- a)^ [ ] 


1 + ■*". ^(1 - Ky + w? 


n 


kt 


- 2.303 {logio {K + + n^) 

+ logic ((1 - K) + V(i - Ky + #) 11 

kt 

dynes cm. (3) 


TT 


oh 


HPi 


f dd 

di 


• • Ti n -1 

= ^l I log* --3 J 


dt 


di 


nt 

« ii ii [log. I ^ 1 ”■ ^) I ] 


or 


I is the unit used for measuring n, thus log. I — 0 and 
thus 

_ nt 

ikTo/pj-pj = i\ ii . I [2.303 logio (w + + 1) 1 

Ml 


dynes cm. (6) 



Pia, E 

Here a = 0 and from the fundamental formula we get 
• • / 

F — ■_ — 

d * Vd* + «* 

orifd/Z = w. 

For the force on Pi - P 2 we have 

dt m m ] (i 

„ r ^1^2 — ^ 

Ppi-«*2 * J d~~ • vd® + i® 


Here we have 

if 

then 
and 

from formula (1) 


a = i + d 
d = w/V^ 
m/l = » 

xr 's/2 + V 

n = v/V^ 


Pp 


_ ii ij y/2 j 

“ m 


■y/^ “h V 
■v/2' 


>1 


■\/2 "1“ ® 


+ (®/V2)® 


+ 


1 __ \/2 + V 
V2 




V2 
ii ii 


Ppi_p 2 « is . 2.303 [logic + 1 “ i) 

- logic wj dynes (5) 

For the moment of Ppi-p 2 about 0 we have 

r.. Idd 

Mc / Pi -?2 ” j y '^2 _|> 1 % 

ji* 


m 




+ (»/\/2)® 
\/2 "1“ ® 


or 


Pf *=: 


^■1 ^'2 
m 


V®® + ® V2 +1 

1.414 + V 


- 1 


- 1 . 


V®®+ 1.414® + 1 

dynes per cm. (8) 
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For the force on a length Pi P 2 we have 


Vi « • 

IP _ 

" J l.v 


VI 


\/2 “1" V 


= ea 1 


V2/ 

VI 

»a 


+ V V2 H- 1 

V 


-1 


i; 


® v®* “1“ ® V 2 ^ 

dv 


d V 


PP1-P2 — ^2 ^ "N/^ / 


V®^ + ® + 

log 


J a 1 
V 

VI 


y/v^ + ® V 2 + 1 + 1 

V 


+ V2/2 


+ loge (2 ?> + V 2 


__ -n®* 

4- 2 V®® + ® V 2 + 1) - J 

01 


or 


Ppi_p2 = ii 12 [- (2 V®^ + ® V2 + 1 

+ ® + 2) + (V 2 - 1) log. ® + \/2 log. 2 


+ loge (2 « + V2 + 2 V®^ + ® \/2 + 1) ] 

n 

dynes (9) 


For the moment we have 


VS 

Jlfo/ri-P 2 “ ^*1 ^*2 ^ 




'\/2 4“ ® 


-tii2[i J 

m 

»s 


V®* 4" ® V 2 ”1~ 1 
® 


- 1 


I d 


V®* + ® V 2 + 1 




VI 


4 " ® 4/2 4“ 


Si 


M 0 /P 1 -P 2 = ii ®2 . U V®* 4 - ® V2 4-1 — ® 
4- . log. (2 » 4 - V2 


4- 2 V®® 4- ® •\/2 + 1) ] dynes cm, (10) 

VI 


and of unit strength. The field strength at P due to 
I is then 

a —I 


H = 1/d 


a 


Vd^ + (1- a)2 


if Z is an element of the current 

I = r da 

and a = r sin a 

d = r (1 — cos a) 

Substituting 


H = 


r (1 — cos a) 


r sin a 


\/r^ (1 — cos aY + sin^ a 


r sm a 


•v/®^ (1 — cos q !)2 4 - (rda — r sin aY 

rda 


4- 


(1 — cos aY (rda — r sin aY 


rda = 0 compared with r sin a and the first two terms 

under the brackets become equal 

thus: 

d a 

dH = -^- — 

r (1 — cos a) \/(l — cos aY 4- sin^ a 

To find the field strength at P due to the 90® bend 
we have to integrate this expression between the limits 
a = d and a = — (t/2— B). 

It is: 

d a 


r (1 ~ cos a) V(1 — cos aY 4- sin® a 

d a 


r V'2 (1 -• cos a) VI — cos a 
1 da 


r V2 ■ 2 sin® 1/2 a . sin 1/2 a. V2 


d a 


_ _ ^ d(l/2a) 

4r ■ sin® 1/2 a 2r ’ sin® 1/2 a 



Thus 

i?P. = 

or 


- ^ - r A 

2r J si 

a * — T""/Z - 9) 


d (1/2 a) 
sin® 1/2 a 


Hp. = 


4 r 


cot 1/2 a 
sin 1/2 a 

— cot 1/2 a) 


4- log. (cosec^/2> 


.a-9 


a’m-(.ir/2-e) 


This can be written 
1 


Hp. = 


4r 


sin a V^ 


4- log. 


(1 — cos a) VI “ cos a 

a >^6 


V2 . yi — cos — sin a 
(1— cos O') 


4 


a--(ir/2-9) 

Inserting the limits and remeihberihg that cosec 1/2 a 
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— cot X/2 a — tan a/4, we find for the force on a point 
P of a circular current of strength i, making an angle 
6 from one end of a 90® circular bend and due to the 
current in the Bend. 


Fc = 


+ 


4 r 


[ 


sin B V2 


(1 — cos B) VI - cos B 
cos B V^ 


(1 — sin B) VI — sin B 
“h 2.303 logic 


2.303 logic tan’0/4 

V2 ■ yi — sin B' + cos B 1 
1 — sin B J 

dynes per^cm. (11) 


[ 


p H- cos 0 


V (1 — sin By + (p + cos By 
cos B 


V(1 — sin By + cos2 B 
Writing m/r = q, we get 


J dynes per cm. (12) 


= 


r (1 — cos B) 


[ 


q + smB 


V(1 — cos By + (g + sin By 
sin B 


V(1 — cos By + sin* B 


J dynes per cm. (13) 



To find the force due to a tangent current I on a 
point P of the 90® circular bend. 


Fi'i 



a _ a — I _ 

V®* + 4" (J'~ 


and we have 


a = Z + r cos B 
d = r (1 — sin 0) 


Substituting 


All these forces acting in the same direction, we get for 
the total force 

+ + (14) 

To find the force due to a current in a 90° circular 
bend on a point P situated in the current tangent to 
the end of the bend: Divide bend in 6 equal parts 
containing 15® arc and consider the length I of each part 
as being a straight line of length 0.262 r. We have then 
for the constants 



“ r(l -sin0) 

I -f- r cos^_ 

Vr2 (1 - sin By + (Z + r cos Jy 

• - ■ • . • 

r cos B : 

T (1 - sin By + r* cos* ^ ; 

Writing l/r = p we get 
“ r (1 — sin B) 


a=&c + ce + ®/ 
or 

.a = 0.131 r + r tan 1/2 a + (m + r tan 1/2 a) cos ot 
writingm/r = q 

a = r {tan 1/2 a (1 + cos a) + 0.131 + g cos ^ 
c = r[E + qcosa] 
d =fP = (m + r tan 1/2 a) sin a 

= r {tan 1/2 a sin a + g sin a] 

= r { (1 - cos a) + g sin a} 
or 

d = f [H -\- gsih a} 
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The forces can now be calculated as shown and their 
sum will be the total force 

6 

Fp = S F (15) 
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A Diaphragmless Microphone for Radio Broadcasting 

BY PHILLIPS THOMAS 

Associate, A. I. B. E. 

Research Engineer. Westinghouse Electric & Mfg. Co., East Pittsburgh, Pa. 

T he broad^ing of regular progran^ of entertain- familiar “packing”,—so that the first of the above 
m^t and instruction was begun in the Fall of conditions cannot be met. Conditions (2) and (3) 
1920. It was not long before the service became are complied with, approximately, over fairly wide 
quite general^ at first this was due to its limits. The use of a loaded diaphragm, however, means 

novelty. Judged by present standards, the character that there will be a fundamental or natural period and 
of the programs rendered, and the quality of modula- its overtones, due to the instrument itself. At these 
tion attained, was susceptible to great improvement; frequencies the response will, by mechanical resonance, 
and the development of better apparatus and methods be much exaggerated. Usually this fundamental 
of modulation has gone hand in hand with the broad- frequency is purposely placed at or near eight hundred 
ening of the scope of entertainment offered. cycles, the figure adopted as the average speech fre- 

At the time when the wnt^ s attention was directed quency. This means that below the natural frequency, 
to this matter, the ^dual improvement being made the response increases with frequency, rising to a peak 
in the speech amplifier and modulator system, was as resonance is reached, and falling off rapidly at higher 
making it increasingly evident that the carbon granule frequencies. The timbre of the various musical instru- 
microphone could not be relied upon for accurate ments is due to the frequency and intensity of the 
reproduction of music. various harmonics present. These occur mainly in the 

^ In order to transform sound vibrations, without range above eight hundred or one thousand cycles,— 
distortion, into electrical vibrations in the ether, given the range through which the sensitivity of the carbon 
a distortionless amplifying system, certain conditions microphone is low and decreasing. All such micro- 
must be met by the reproducing device. These, phones, to a greater or lesser extent, have undesirable 
briefly, are as follows: characteristics such as described; hence it is apparent 

1. An incident sound wave, of a given pitch and that one cannot expect faithful reproduction of music 
intensity, must always have the same effect upon the by this means. 

microphone. The carbon microphone is ordinarily used to vary the 

2. There must be a linear relation between sound current in a circuit, supplied at constant potential, by 
intensity and effect produced. varying the resistance of the microphone. Since in the 

3, The device must be critically damped, in order Ohm^s law equation for current, directly applicable, the 
to correctly copy complex sound waves. circuit resistance appears in the denominator, the 

4. There must be no resonance points in the curve current variation cannot be an exact copy of the resist- 
of variation of response with frequency, which should ance variation. The distortion will be the greater, the 
preferably be a straight line parallel to the frequency larger is the proportion of microphone resistance to 
axis. total resistance in circuit. In other words, the greater 

6. It is very desirable that this curve of response the sound intensity at the diaphragm,—^wMch tends to 
against frequency, be to some extent adjustable at the prevent packing,—the more will the reproduction be 
microphone. This is desirable in order to be able to distorted. 

correct for attenuation in overhead or cable lines from It was found possible to remove this cause of dis- 
the signal source to the broadcasting station. tortion by using the microphone in a constant current 

The carbon granule microphone depends for its circuit, instead of one worked at constant potential, 
action upon the variation of contact resistance between By connecting the instrument in series with either a 
numbers of carbon particles. This variation is caused high resistance or high inductance, and securing proper 
by movement of a diaphragm, actuated in turn by the current by adjustment of the supply voltage, the cur- 
incoming sound waves. When used for voice Irans- rent will remain constant, and the potential at the 
mission in the usual way, an average intensity of repro- microphone terminals will be directly proportional to 
duction will be maintained over indefinite periods the resistance, instead of inversely. By suitable 
because the speaker talks directly into the mouthpiece, amplification of this voltage variation, much better 
causing a considerable agitation of the granules. In quality can be obtained; however, the resonance 
reproducing music comprising more than one tone, or characteristics and the unsteady performance cannot be 
one instrument, it is not feasible to direct the sound improved in this way. 

waves into the mouthpiece, and a much diminished Although it was found possible to correct, in sonje 
sound intensity must be employed. This results in measure, the tendency to resonance, it was felt thht 
a gradual loss of senritivity of the microphone,—the such devices are by their very nature unsuited to the 

Presented ai the MidvHnt& Convention of the A. I. B. E., pmpose ih hand. 
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or moving coil transmitter, whose coil was connected 
to the center of a diaphragm clamped at its edge, which 
moved the coil in a strong magnetic field. If connected 
in a circuit of large inductance and low resistance, the 
movement of the diaphragm will cause alternating 
currents to flow in the coil circuit. These currents will 
be, for sound waves of constant amplitude, independent 
of the sound frequency. Proper corrugation of the 
diaphragm will annul any harmonic resonance, leaving 
the fundamental period alone to be corrected for. 
Hence the response curve will be of the same shape as 
an electrical resonance curve, and may be corrected in 
the amplifying network, by the use of suitable filters. 

It was shown experimentally that such a transmitter 
could be produced. The compensation was satisfactory 
in the lower and intermediate audio ranges, but at the 
higher frequencies mechanical hysteretic effects in the 
diaphragm became prominent, and the resonance 
characteristics of the moving coil and connection system 
came into play, so that the results could not be con¬ 
sidered satisfactory. 

At about this time, advantage was taken of the 
condenser transmitter, developed primarily for use in 
measurements of sound intensity.^ This instrument left, 
theoretically, little to be desired, since it had been 
shown2 to be possible to construct it with critical damp¬ 
ing and with a response characteristic practically 
independent of frequency. However, it developed after 
several months^ use in broadcasting, that the problem 
of maintaining its insulation resistance high and con¬ 
stant, to avoid loss of sensitivity and introduction of 
ground tone, is difficult of solution. There is also a 
marked tendency for the diaphragm, originally tightly 
stretched, to sag and lower its natural frequency until 
it comes well within the audio range, which defeats the 
primary object of the construction. The higli order of 
impedances involved, as well as the considerable 
amount of amplification required, make the instrument 
difficult to maintain in satisfactory operating condition. 
Even with these defects, however, the condenser trans¬ 
mitter represents practicaUy the best solution of the 
problem of sound reproduction by use of a diaphragm. 

It thus became apparent that the production of a 
diaphragmless microphone would be a distinct step 
forward. 

There are several ways in which sound waves may be 
electrically reproduced without the use of a diaphragm. 

In many cases, however, while fundamental frequencies 
and resonant harmonics are avoided, the mechanism 
employed is not free from inertia. This is true, for 
^ample, in the case of the inverted Gk)ldschmidt 
thermophone, in which the sound waves vary the 
temperature and hence the resistance of a heated wire 
or strip. The sensitivity may be made independent of 
frequency, in such cases, by damping the lower ranges, 

1. E. C. Wente, Phys, Rev., II, Vol. 10, p. 39, 1917. 

2. I. B. Crandall, Phys. Rev,, II, Vol. 11, p. 449, 1918 


but its value will then be no greater than the undamped 
value at the highest frequency used. The required 
amplification thus becomes so large that the ratio of 
tube noise to signal is difficult to keep small enough for 
quiet operation. 

The variation of the impedance of an ionic stream, as 
the pressure is varied by the incident sound waves, offers 
great promise, especially if so-called cold ionization can 
be used. In this case there will be practically no energy 
loss, no heat developed, and hence no inertia at the 
instrument. Calculations, however, of the space cur¬ 
rent to be expected in air at atmospheric pressure, with 
radium or emanation as source, showed that the im¬ 
pedances to be expected would be of even higher order 
than those in the condenser transmitter circuits. 
Experimental tests showed the same to be true of 
ionization currents due to ultraviolet light. 

An operative microphone was made by using the 
ionization from a Nemst glower. The response curve 
fell off very badly as the frequency was raised. It was 
found to be impossible to eliminate the hum caused by 
the commutator of the dsnaamo furnishing the current 
to heat the Nemst glower. Following this lead, it was 
found that the response was due in the mflin to change 
of temperature of the glower, and not to direct change 
of impedance due to the sound wave. This explained 
the mass or inertia effect found to be present. 

At this time the writeris attention was brought to the 
relatively great change in potential across a so-called 
**glow-discharge,'' at reduced pressures, which is known 
to occur upon altering the length of discharge path. 
It was suggested that something of the same effect 
might be present in air at atmospheric pressure. A 
calculation showed that this effect would afford ample 
sensitivity at reasonable impedance, were it to be even 
one hundredth as great in open air as at the pressures 
employed in the published work. Tentative tests were 
made along this line, which seemed to show that the 
sensitivity in open air would not be sufficient for the 
purpose; also it was necessary to use a diaphragm. 
The writer, however, was able to show that the dis¬ 
charge impedance could be varied directly, without the 
intermediary diaptogm, by pressure variation from 
sound waves reaching the discharge path. 

The direct-current glow discharge, at low pressure, 
is a fairly well known form of ionization conduction) 
little has been published, however, on its characteristics 
in open air. Since the new microphone makes use of 
such a discharge as its variable impedance, a brief 
description of the phenomena is thought to be desirable. 

The application of moderately high direct potential 
between two electrodes separated a short distance in 
air, with enough series resistance to prevent formation 
of the usual tj^pe of heavy current arc, will cause the 
establishment of a peculiar low current, high voltage 
discharge having a characteristic glowing appearance, 
from which is derived the name, “glow-discharge.” 
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The order of current is from one to twenty milliamperes 
or more, at voltages ranging from two or three hundred 
to one thousand volts. 

Such a discharge, when produced between electrodes 
of certain metals, of which copper is one of the best, is 
remarkably quiet and steady to the unaided ear and eye. 
The discharge path is similar to that produced at low 
pressure, except that certain portions are of much 
less length. There are eight portions, of which but 
four are of importance in the open air. Fig. 1, sche¬ 
matic, shows these portions, which comprise, as we go 
from the anode towards the cathode; the anode glow, 
the anode column, the Faraday dark space, and the 
cathode glow. Between the cathode glow and the 
negative electrode there is a second dark space, called 



Pig. 1—Enlauged (Schematic) Appearance of Geow 

Discharge 

the Crookes’ or cathode dark space. The potential 
drop across this space is quite large, but its length in 
open air is very short. 

If such a discharge be connected as shown in Fig. 2, 
it is found that the incidence of sound waves at the gap 
will produce alternating potentials of equivalent fre¬ 
quencies across the coupling condenser C, whose 
function is to block off the direct potential drop from 
the grid of the amplifier tube A. The rectifier tube 
shown in the discharge circuit serves to maintain the 
current at a constant value as the discharge impedance 
changes with varying pressure. The sensitivity is 
surprisingly large; an amplification of ten to one will 
give loud signals in a head set. The discharge imped- 



Pia 2 —Diagram of Connections, Constant Current Glow 

Discharge, Showing First Step of Amplification 

ance is of the order of five hundred thousand ohms, 
which is low enough to cause no trouble in maintaining 
insulation resistance, or in adapting the device for use 
with standard vacuum tubes. 

Equipment of this nature was tried out in formal 
broadcasting from station KDKA, in the spring of 
1922. The discharge gap or holder used is shown 
diagrammatically in Fig. 3. The following defects 
were found to be present : 

1. The curve of sensitivity as function of frequency 
was not flat, blit fell off considerably at the higher 
frequencies. 

2. There was considerable ^’ground tone,’’—rumb¬ 
ling, hissing and popping noises not connected with the 


sounds being copied. These noises were not prominent 
enough to interfere with the modulation, but were quite 
disagreeable during quiet intervals. At times they 
were strong enough to cause overmodulation of the* 
system. 

3. As was to be expected, there was extreme sensi¬ 
tiveness to drafts or air currents, because no draft 
shields had been attached to the discharge holder. The 
sudden opening of a door into the studio would cause 
enormous variations in gap voltage. The blocking 
condenser C of Fig. 2 thus became overcharged, the 
potential on the first amplifier grid was made positive, 
and the sensitivity to sound was entirely lost until the 
condenser could discharge through the grid leak. 

4. There was a certain amount of radio frequency 
regeneration. 

These^ defects were sufficiently pronounced to make 
the device unsuitable for use in broadcasting. The 
advantages afforded, namely simplicity, durability, 
low impedance, and high sensitivity, in addition to 
elimination of the diaphragm, were so great that it was 
decided to see what could be done in the way of im¬ 
provement. The matter of unequal response with 



Fig. 3—First Glow Discharge Microphone 

varying frequency was taken up first, being the most 
serious defect. To avoid loss of sensitivity, it was 
desirable if possible to reinforce the weak portions of the 
curve, rather than to cut down the stronger portions. 
Unsuccessful attempts were made to do this by the use 
of various designs of single and double amplifying horns. 
It finally became nqcessary to make a study of the 
sound response of the different portions of the discharge, 
to find out what if any portions would give proper 
response. This was accomplished by the use of a 
perforated exploring electrode, through which the dis¬ 
charge was allowed to pass. As shown in Pig. 4, 
connection to the amplifier grid could be made from the 
exploring electrode arid either t^inal of the discharge. 
The most sensitive portion was found to be the positive 
column. Its sensitivity was so great that when using 
the whole gap, as in Fig. 2, but little was contribii^- 
by the other parts of the discharge. The serisitiyiiy of 
the portion from the end of the positive tolinmi to the 
cathode terminal was found to be much le^ than that 
of the positive column, and to be Independent, through 
wide limits^ of firequency. more amplification 
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is required when the positive column effect is eliminated, 
the effect of frequency can be made negligible. 

It will now be apparent that by suitably proportion¬ 
ing the discharge gap, and properly placing the explor¬ 
ing electrode, we can control, to a great extent, the 
shape of the frequency response curve. It should be 
noticed here that as the separation of the main elec¬ 
trodes is increased, nothing in the character of the dis¬ 
charge is altered, except the length of the positive 
column and the voltage drop across this column. The 
positive column gradient is roughly fifteen hundred 
volts per centimeter of length. If a short gap is used, 
with the exploring electrode close to the cathode termi¬ 
nal, the response will be obtained mainly from the 
cathode and will be practically flat. If the gap is 
lengthened, without altering the distance from cathode 
to exploring electrode, the differential action of the 


of diameter and length of electrodes, and the use of 
discharge currents of proper value, it proved possible 
to operate the device continuously over long periods of 
time, without objectionable ground tone. Further¬ 
more, while the electrodes eventually fail, this occurs 
^ter about the same length of service in all cases. It 
is then a simple matter to design the. microphone 
holdem and units so as to be readily replaceable, and 
to renew them long before they become inoperative. 

The development was completed by the working out 
of a low-current, hi^-voltage rectifier, with resistance- 
capacity filters, which permits the discharge to be 
struck or started by flashover, and maintains its current 
practically independent of discharge impedance. Units 
of substantially this construction have been used in the 
regular broadcasting programs of station KDKAtor 
several months. 


cathode portions and the positive column, on the 
voltage change at the exploring electrode, will result in 
partial suppression of the response on the lower audio 
register. An upward sloping curve will result. As the 
exploring electrode is moved nearer to the anode end, 
the positive column characteristic will become gradually 





Pig. 4—Glow Discharge Mickophonb with Exploring 

Electrode 

more dominant, until at the limit, when the whole gap 
IS used as pick-up, the characteristic wUl have a pro- 
noutKsd downward slope. The use of this microphone, 
therrforc, should enable one to use a distortionless 
amphfier network and to control or modify the character 
of the modulation at will, by simple adjustments at the 
microphone itself. 

It h^ b^n found that the bad effects of drafts can be 
avoided without essentiaUy altering the response to 
sound waves. This was accomplished by the use of 
pro^ly d^gn^ draft shields placed across dther end 
of the ^ort tube containing the glow discharge termi¬ 
nate. The^currentresistanceof the two shields was 

mde qmte different, so that as nowused, the instrument 
IS ^native mainly at one end only. It was found to be 
und^ble to completely close one end, as this re¬ 
cited m diminished sensitivity as well as resonance at 
the Mtural frequency of the enclosure. 

While the ratio of ground tone to signal was greatlv 
r uced by the use of the exploring electrode described 
above, it was foMd necessary to determine the source 
rf the noises. There resulted the development of an 
alloy of low heat conductivity and meltine noint to K. 
used for the electmdes. By\e p“SSo^^* 


J In conclusion, it may be said that although it is 
L desirable and will doubtless become possible to use a 
» microphone giving a response independent of frequency, 

I this is not done at present. The imperfections of the 
existing designs of head telephones and loud speakers 
make it advisable to adjust the modulation, to some 
extent, so that the received audio signals will be more 
nearly faithful copies of the originals. This is readily 
accomplished with the new microphone, so that advan¬ 
tage may be taken of improvements in receiving 
apparatus as they appear. 

Discussion 

R. L. Jones: I believe we would all find ourselves in sub- 
stantM agreement with Dr. Thomas in respect to the first four 
conditions which he sets down as those which must be met by a 
high quality telephonic reproducing apparatus. It is to be 
regretted, however, that he does not give data to show how well 
the glow discharge transmitter fulfills them: data as to its physi¬ 
cal efficiency; frequency response characteristics; and its 
load capacity, or the degree of Unearity with which it responds 
over a wide range of intensities. The general idea of a telephone 
transmitter depending upon ionic discharge is old,* but t.ln'a is 
the first time, to my knowledge, that a telephone transmitter 
dependmg upon the phenomenon has been utilized practically. 
The world is eager for better tools of communication, and the 
impetjis lately given by radio and public address systems 
stunulates mterest. K the glow discharge transmitter fulfils 
even a part of the- fundamental conditions better than other 
availame types, it is probable, in spite of the high-voltage supply 
and othOT operating disadvantages, that it will have a certain 
flew of use. In view of the present lack of data showing its 
performance under the vaadety of actual conditions, however it 
remams for the future to reveal what place it has. 

RefCTring to Condition 5 of the paper, the most flexible and 
pon the whole the most desirable system is not one where dis¬ 
tortion m one element is compensated in another, but rather 
one vntk elements as nearly perfect in quality as possible. 

Convention program^ explained 
toe manner m which distortion in line and cable circuits can 
be compensated by means of network structures or attenuation 
equalizers as sociated with the lines. The possibflity of design- 

VOL n, 
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ing modulators, detectors, and amplifiers having practically 
horizontal frequency characteristics has been demonstrated; 
and coming down to the terminal instruments, the trend of the 
development of improved transmitters and receivers is in the 
direction of instruments which are in themselves reproducers of 
high quality. In such an instrument frequency distortion is 
usually symptomatic of conditions which give rise to load dis¬ 
tortion at intensities lower than it would otherwise be possible 
for the instrument to reproduce. This matter of load distortion 
is an important consideration with public address and radio 
systems, and one which has not received consideration generally 
as pointed out in the paper referred to above. 

The author of the paper has concluded that neither the con¬ 
denser type nor the carbon type of telephone transmitter is 
suitable for such high quality pick-up work as that in connection 
with radio broadcasting. After relating his experience he says 
of the carbon transmitter, “It was felt that such devices are by 
their very nature unsuited to the purpose in hand.” Anti again, 
after relating defects experienced with a model of the condenser 
type, he says, “It thus became apparent that the production of a 
diaphragmless microphone would be a distinct step forward.” 
From these remarks one not intimately familiar with the com¬ 
munication art might fairly conclude that the type of telephone 
transmitter which employs a diaphragm is in a state of decline 
and that, with the growing requirements for high quality, the 
diaphragm type of instrument is moribund. In view of this it 
seems advisable to supplement the paper by giving some informa¬ 
tion regarding the characteristics, and the extent of use of two 
high quality transmitters emplo 3 dng diaphragms, which have 
been developed recently. These transmitters have had consid¬ 
erable use mainly in connection with high quality public address 
systems and with radio broadcasting work in the Bell System. 

Transmitters of these two types are described in another of 
the Convention papers presented yesterday.* The condemer 
transmitter consists essentially of a thin steel diaphragm which 
is stretched and spaced at a distance of l/lOOO of an inch from 
a rigid plate which constitutes the second dectrode. The carbon 
transmitter similarly employs a stretched steel diaphragm, and 
has a push-pull construction with two granular carbon resistance 
elements. It would be desirable to tune both instruments in 
such a way that their resonance frequencies were above the voice 
range. In the condenser transmitter this is actually accom¬ 
plished. In the carbon transmitter, the region of resonance is 
designed to be in the upper part of the voice range and is so 
flattened out by high damping that in conjunction with the 
high frequency of tuning satisfactory quality of reproduction is 
obtained. 

Neither instrument is as high in sensitivity as the ordinary 
telephone transmitter, and with the condenser instrument a 
vacuum tube amplifier is always associated as a part of the trans¬ 
mitting set. The quality of the latter instrument is indicated 
by the fact that the range of variation of its response over a 
region from 200 to 6000 cycles is less than three miles. ^ In the 
ease of the carbon transmitter, the range of variation is about 
twelve miles. From other investigations it is known that the 
range of variation of ear sensitivity of normal persons frequently 
varies over ten miles in this frequency range, so that a reproduc¬ 
ing system, the variations of which do not exceed this limit may 
be considered entirely satisfactory for high quality work. 

The author mentions difficulty with maintaining insulation 
resistance of the condenser transmitter and a tendency for the 
diaphragm to sag. Due to construction of the instrument a 
sag even as small as one mil would cause complete short circuit 
and the instrument would become inoperative. In view of this 
fact it seems probable that the author refers to the diaphragm 

8. Public Address Systems, by I. W. Green and J. P. Maxflield. 

4. The term "mile ’ as used in this discussion refers to the attenuation of 
one mile of standard cable at 800 cycles, corresponding to a relative poww 

ratio of «““'*** 


giving somewhat, and thereby lowering its natural period. We 
have had no such experience in the Bell System laboratory. 
Instruments have been found with their normal tuning and other¬ 
wise in good condition after approximately four years of rather 
hard laboratory service. In addition to a substantial number 
of inslamments in use for various laboratory purposes, there are 
three of the leading radio broadeastiug stations employing con¬ 
denser transmitters regularly, and some of these instruments 
have been in service for nearly a year. While it is true that the 
insulation of the instrument will vary somewhat, if proper 
precautions are taken no more difficulty should be experienced 
from this source than in the case of other elements common in 
circuits characterized by weak currents and Hi gh amplification. 
It is our experience that there is less difficulty due to the insula¬ 
tion of the transmitter than to that of the wiring of the amplifiers 
used in systems such as are under discussion. Under careful 
handling the life of such an insbrument should be as great as 
that of ordinary telephone apparatus. Because of the very 
satisfactory quality of the instrument and its great constancy, 
a transmitter of this type is now being favorably considered for 
use as a reference instrument in laboratory measurements of 
telephone transmission. 

From the author’s reference to a fundamental frequency near 
800 cycles for the carbon transmitter, it is thought that he has 
the common form of subscribers’ telephone transmitter in mind. 
This transmitter, which is satisfactory for commercial telephone 
service where speech alone is transmitted, and where hand 
receivers are employed, is not suitable for high quality pick-up 
work, where music must be transmitted, and where transmission 
must be suitable for loud speaker reproduction. The carbon 
transmitter developed in the Bell System laboratories for such 
purposes is free from packing or any other changes of efficiency 
with time. Its natmal frequency is several times the “average 
speech frequency” mentioned by the author. 

Such carbon transmitters are in daily use at about thirty of 
the most important radio broadcasting stations in the United 
States, in addition to other frequent use with a considerable 
number of public address equipments. Altogether there are 
over two hundred of them out in the field, and after practical 
experience extending over more than a year, it can be stated 
that they have made a very good record for themselves, both as 
to the quality of their reproduction and as to their gen^sil serv¬ 
iceability. 

G. D. Robinsons Mr. Thomas has undoubtedly developed 
a valuable tool. Although his prime object has undoubtedly 
been the reproduction of sound frequencies lying within the ordi¬ 
nary range, it appears that this tool might well find use in physios 
or elsewhere, where the frequency is outside of the ordinary 
sound range. I would be obliged if Mr. Thomas would tell us 
anything that he knows about the entreme limiting values of 
frequency at which this device may be applied. 

Phillips Thomas: I have to thank Mr. Jones for his very 
valuable contribution to the discussion. He has brought up 
many points, on most of which little was said in the paper. 

In regard to condition 6, we are I think all in substantial 
agreement with Mr. Jones, that ultimately we should strive for 
constructive improvement all down the line, rather than correct, 
in the final result, inaccuracies occurring at one point by the 
introduction of inaccuracies at other points. It is, however, a 
regrettable fact that the present loud speakers, without notable 
exception, are far from sufficiently perfect to give satisfactory 
reproduction of undistorted electrical currents. The day of 
great novelty in radio broadcasting has passed; a largei ahd 
increasing proportion of radio listeners are musically educated 
to a sutyrising degree; and these people will recognise and 
condemn imperfect results very quickly. The fact ^t a great 
proportion of the well-known makes of loud speakers are der 
fective in much the same way, makes it possible to correct at 
the source, as stated in the paper, and give music-lovers a much 
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nearer approaoli to desired results than they would receive were 
all the apparatus to function in a distortionless manner, with 
the exception of loud speakers. 

I am soiTy to say that we have at present but little to present 
in the way of quantitative data on the performance of the glow 
discharge transmitter as regards variation of sensitivity with 
frequency or with load. Such data is being gathered as rapidly 
as possible, and will be presented at the earliest possible moment. 
We do know, however, that the load characteristic is very good; 
also that the sensitivity to extremely weak signals is quite as 
good, as determined by an audibility meter, at 20 cycles as at 
4000 cycles, when proper allowance is made for the characteris¬ 
tics of the telephone receivers used. 

I am sure that Mr. Jones will a^ee with me that, other things 
being equal, the pick-up having the least actual mass of material 
to be moved by the sound enefgj' will give the best results. The 
results secured by the use of the condenser type transmitter, 
for instance, are admittedly superior, when the instrument is 
at its best, to anything obtainable with even the most perfect 
double button transmitter, although this superiority may not 
be evident from the response curves themselves, taken one note 
at a time. The ability to copy involved sound signals, such as 
those from a laa-ge orchestra, is much greater with the condenser 
type than with the double button. In fact, in the absence of 
any better type, the condenser has been taken as the accepted 
reference standard. A careful comparison between a glow 
discharge transmitter and a standard condenser transmitter, 
however, is indeed a revelation. It is surprising, to say the 
least,^ how much more natural the result sounds; how every 
individual instrument of a large orchestra may be as readily 
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picked out as can be done by the ear when listening at the source. 
We are convinced that this is due, in part at least, to the fact 
that the glow transmitter is, to all intents and purposes, a point 
receiver, without appreciable inertia, and at all times critically 
damped—^havir^ no natmal period, high or low. 

In reply to Mr. Robinson, I am obliged to repeat the statement 
that we have at present no quantitative data on frequency 
response omwes from the glow discharge transmitter. We have 
sonie evidence of a qualitative nature, however, which seems to 
indicate a very high upper limit to the sensitivity. Although 
at least so far as we know extremely high frequencies are not 
transmtted by any existing loud speaker, we are developing an 
experimental device of this kind, which has a very high upper 
limit; and we have not been able to find, as yet, the 
high frequency for'the glow discharge microphone, with instru¬ 
ments of this t 3 q>e. As you probably know, the rattling of a 
bunch of keys fails entirely to be heard through the media of a 
transmitter and loud speaker of the usual type. Such signals 
come tlmough in a satisfactory manner, when the condenser type 
transmitter or the glow discharge transmitter is used in connec¬ 
tion vdth a loud speaker of the experimental type referred to 
above. 

In conclusion, I would say that while there is no intention of 
detracting from the known good record of-the better known 
t:^es of transmitters, in their field, it is felt that the glow 
discharge transmitter is a decided step in advance. It is possible, 
however, that this in turn will be outdistanced by some other 
form of diaphragmless pick-up which will not have the dis¬ 
advantage of high operating voltage with its attendant com¬ 
plications. 



Report of the Board of Directors 

FOR THE FISCAL YEAR ENDING APRIL 30, 1923 

The Board of Directors of the American Institute of Electrical Engineers presents herewith to the member¬ 
ship its Thirty-ninth Annual Report, for the fiscal year ending April 30, 1923. A general balance sheet show¬ 
ing the condition of the Institute’s finances on April 30, 1923, together with other detailed financial state¬ 
ments, is included herein. The following is a brief summary of the principal activities of the Institute 
during the year; more detailed information has been published from month to month in the Institute Journal. 


Directors’ Meetings. —The bi-monthly meeting 
policy of the Board of Directors instituted in 1921 was 
continued through the past year with the Executive 
Committee functioning in the interim. 

The Board held seven meetings during the year; six 
of these were held in New York and one at Niagara 
Falls, Ontario. 

Information regarding the more important activities 
of the Institute which have been under consideration 
of the Board of Directors, the committees and the 
various officers, is published each month in the section 
of the Journal devoted to “Institute Activities.” 

Meetings. —The policy of holding in addition to the 
Annual business meeting four general meetings of the 
Institute each year was continued. The meetings held 
were as follows: Annual, Pacific Coast, Midwinter 
and Spring Conventions. 

• Annual Meeting. —The Annual Business Meeting 
was held at Institute headquarters. New York, on May 
19,1922. The Annual Report of the Board of Directors 
for the fiscal year ending April 30, 1922 was presented. 
The Tellers Committee made its report upon the 
election of officers for the administrative year beginning 
August 1, 1922. 

In the evening the members of the Board of Directors, 
past-presidents of the Institute and the president-elect 
met at dinner and informally discussed the affairs of 
the Institute. 

Annual Convention. —The Thirty-eighth Annual 
Convention was held at Niagara Falls, Ontario on June 
26 to June 30,1922. Seven technical sessions were held, 
including two parallel Sessions and one afternoon and 
one evening session. A total of thirty-four papers 
were presented. Among a total registration of 953 
were representatives from 31 states, 7 foreign countries 
including 4 foreign engineering societies. The annual 
conferences of the Sections Committee were held on 
the Monday preceding the official opening of the 
convention, thirty-nine Sections., were represented. 
Results of the conferences were published in pamphlet 
form. 

Pacific Coast Convention. —The Eleventh Pacific 
Coast Convention was held at Vancouver, B. C. on 
August 8th to 11th, 1922. Seven technical sessions 
were held at which 18 papers and 4 addresses were 
presented. Attendance 235. 

Midwinter Convention.— ^The Eleventh Mid- 
Winter Convention was held in New York on Februaiy 
14-17, 1923. Seven technical sessions were held and 


32 technical papers presented. One evening session 
was devoted to a joint New York-Chicago session with 
direct phone connection between the two cities with 
loud speakers so - that papers and discussions were 
heard in each city simultaneously. The session con¬ 
cluded with a lecture on European Railway practise. 
Thursday evening a very successful smoker was held 
under the auspices of the New York Section. Friday 
night was assigned to the Annual Dinner-Dance. Total 
attendance was 1200. 

Spring Convention. —The second Spring Con¬ 
vention of the Institute was held in Pittsburgh, Pa., 
April 24-26, 1923. Five technical sessions were held 
at which nineteen papers were presented. On one 
afternoon and evening all those attending were the 
guests of the Westinghouse Electric and Manufacturing 
Company at an inspection trip, banquet and enter¬ 
tainment. Another evening was devoted to a banquet 
and the last day to inspection trips. 


Abstracts of the reports of the chairman of many of 
the Institute committees and delegations are included 
herein under various headings. 

Meetings and Papers Committee. —This Com¬ 
mittee has solicited and reviewed the papers submitted 
to the Institute for presentation and publication and has 
arranged, in cooperation with local convention com¬ 
mittees^ the programs for the Institute conventions 
held during the past year. 

In 1921 there was inaugurated in the Journal the use 
of a story of the specialist’s paper designed to tell briefly 
of the conditions of the art, the reasons for writing the 
paper, the new material added by experimental and 
analsrtical work, and the general conclusions reached— 
^1 in language that is found acceptable to executives 
and readable by the membership at large. Only a few 
of these stories have been written. 

Progress has been slow on account of the necessity 
of building up a staff of engineer-editors. There are 
available plenty of men of academic training who c^ 
criticise the expressions used, but they are not familiar 
with the technical subjects. On the other hand, there 
are plenty of engineers who understand thoroughly the 
technical work, but it is difficult to find engineers ih afi 
activities rej^esented by fifteen technical committ^ 
who are trained and willing to devote the toe and 
energy necessary to make -the specialists’ article 
readable to a wider range of our menihership. The 
conditions are not hopeless. Persistence in this effort 
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will finally result in making all the articles by specialists 
comprehensible to the general reader. To make 
improvements, a first requisite has been to induce 
authors to submit their papers early enough to allow 
time for editorial work. For the next Midwinter 
Convention it now seems practicable to enforce the 
ruling for receipt of papers three months in advance of 
the Convention. 

One of the most important problems before the 
Committee is the best method of treating mathematical 
papers and increasing the number of readers of such 
papers. The Committee, recognizing the fact that 
only a small proportion of the Institute membership 
reads mathematical papers in detail, is developing a 
plan which it is hoped will result in emphasizing the 
importance of these papers by providing for their 
expansion into more readable form; this plan includes 
the publi^tion of abstracts, including explanations 
that will inteipret such papers for the benefit of the 
non-specialist, the publication of these papers in full 
m pamphlet form for circulation to those especially 
interested and the final publication in full in the 
Transactions. 

These mathematical papers which are often the real 
asis of advances in the art of electrical engineering, 
but which necessarily appeal to but a few specialists, 
will thus always be available for pmposes of record and 
reference. By thus omitting a portion of the mathe- 

Journal it will be possible to 
devote a larger proportion of space to high-dass contri¬ 
butions upon en^neering topics of more general interest. 

before r problems 

^fore the Publication Committee this year, as in 

Sp handling the material presented for 

publication so that the best interests of the member- 

1 ™ ^ minimum 

OTttey m pubhshmg costs, and through 

Section chairmen, 

and thinhing members widely distributed eatherinff 

opinions of what classes of 
printed matter the Journal should contain. 

WeJ^n mli^ 

foAhtS”:!Cer -lied 

directions 

nSc “* "eemi-technical” engi- 

SnrupT 

expr^on. ’ Only a l^ited 
commit Jfe Linnts tet'^de® “d the 

^sbZiZT r CoS, rste 
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Sections and Branches.—The various Sections 
of the Institute throughout the country continued their 
activities during the past year upon about the same 
scope as heretofore as indicated by the brief reports 
published each month in the Journal. Numerous 
requeste were received for information relative to the 
formation of new Sections, indicating a strong desire 
on the part of the membership, so located geogi’aphic- 
ally that they can not ordinarily take part in Institute 
meetings, tp arrange for more active participation. 
Two new Sections were authorized and established, as 
follows: Southern Vir^nia and Springfield, Mass. ’ 
The activity among the Student Branches has been 
p^icularly marked during the past year. Many of 
the colleges have held a much larger number of meetings 
toan heretofore as shown in the following table. New 
Blaches were authorized at the University of Denver 
and at Northeastern University. Requests for Student 
enroUment were received in such volume and from 
^'ch widely varying classes and types of schools that 
It was found desirable to revise the By-laws governing 
^udent enrollment so as to make them more definite. 

I his was done under date of December 8, 1922. 


Sections 


tions. 

Number of Sec¬ 
tion meetings 

held. 

Total Attendance. 


Branches 
Number of Bran¬ 
ches.... 

Number of Branch 
meetings held... 
Attendsmce....... 


For Fiscal Year Ending 


May 1 
1917 

May 1 
1918 

May 1 
1919 

May 1 
1920 

May 1 
1921 

May 1 
1922 

May 1 
1923 

32 

34 

34 

36 

42 

45 

46 

266 

31.299 

246 

34,614 

217 

25,837 

262 

30,741 

303 

37.823 

373 

64,378 

344 

46,672 

69 

59 

61 

62 

65 

67 

68 

368 

16,107 

268 

10,683 

156 

6,441 

360 

16,827 

443 

21.629 

439 

25,358 

503 

26,893 


of action of the Board 

of Directors on June 29,1922, the Standards Committee 

which would be ^tter constituted to handle and corr^ 

tote stand^izing activities of the Insti- 

fe^wnVL^^ ^ organization, the execu- 

tive work of the Committee has been placed in the 

memb^®° ^^tive Committee now consisting of 12 

monthly. The development 

ae commit^ of 
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such sections are now contemplated and the number will 
of course, be increased from time to time. 

In connection with this revision, the Standards Com¬ 
mittee has organized a cooperative effort with other 
interested organizations, with a view to arriving at a 
single set of standards for each type of apparatus, 
which set of standards can be presented to the American 
Engineering Standards Committee for adoption as 
American standards. To this end a Cooperative 
Committee has been formed, which now consists of 
one representative each of the A. I. E. E., the Electric 
Power Club, the N. E. L. A. and the A. M. E. S. The 
representatives of this Committee will present such 
subject matter as their societies think should properly 
be included in the suggested American standards, and 
pass judgment on the resulting compilation. The 
Committee already have before them a section of 
standards for control apparatus which has been made 
up in connection with the revision of the Institute 
standards. 

In addition to the general revision, the Standards 
Committee has 15 working committees, who have in 
hand a large number of specific problems. These 
problems include the translation of the 1922 standards 
into Spanish, the development of proper standards and 
testing specifications for high-voltage insulators, the 
determination of temperature rise limits for Class ‘‘B” 
insulation, the preparation of standards for electric 
welding apparatus, metallic resistance materials and 
lightning arresters, the standardization of graphical 
symbols, and numerous other problems involving 
modifications in and additions to the present Standards. 

About 25 members of the Standards Committee are 
engaged in the field of cooperative standardizing work 
as Institute representatives and as chairmen of Insti¬ 
tute delegations on sectional committees and other 
cooperative standardizing bodies. The amount of 
this work in which the Institute is represented is rapidly 
increasing, and it is the purpose of the Standards Com¬ 
mittee to correlate the work of the Institute’s represent¬ 
atives, and to properly relate it to the standardizing 
work within the Institute itself. 

American Engineering Standards Committee.— 
The following statistical summary of the work of the 
American Engineering Standards Committee, upon 
which the Institute is represented, is taken from the 
Year Book of the committee for 1922: 


Projects for which sponsorship has been 


accepted. 76 

Organizations acting as sponsors for projects... 48 

Trade, technical or governmental bodies co¬ 
operating through representatives on special 

or sectional committees. 275 

Individuals on sectional committees. 917 


A plan for increasing the income of the committee 
has been adopted, which provides for a new class''’of 
membership known as sustaining-members. A sus¬ 
taining-member is an organization, firm or individual 
interested in the work of the Committee and contrib¬ 
uting directly to its support. Sustaining-members 
are given a special information service on the progress 
of industrial standardization work in this country and 
abroad. A schedule of recommended subscriptions 
has been arranged. 

The Federal Specifications Board which has been 
organized to unify the specifications of the various 
departments and independent establishments of the 
Government has appealed to the Committee to aid it 
in its work, and cooperative arrangements between the 
Board and the A. E. S. C. have been made by which the 
Government specifications are being submitted, at 
first informally, for criticism by industry and to deter¬ 
mine their acceptability to industry. It is expected 
that in future editions many, if not most, of the speci¬ 
fications adopted by the Federal Specifications Board 
will go through the regular procedure of the A. E. S. C. 
in order that the industrial and Government specifica¬ 
tions may be unified, resulting in truly national speci¬ 
fications recognized by industry and Government alike. 

Among specifications which have already been sub¬ 
mitted to the A. E. S. C. under the cooper^ive arrange¬ 
ment are those for dry cells, snap switches, rigid conduits, 
and rubber insulated wires and cables. Other electrical 
projects which have an official status before the Com¬ 
mittee are: electrical fire and safety code; safety code 
for electrical power control; safety code for lightning 
protection; terminal markings for electrical apparatus; 
rating of electrical machinery; insulated wires and 
cables (other than telephone and telegraph); symbols 
for electrical equipment of buildings and ships; electri¬ 
cal properties of aluminum; electrical installations on 
shipboard; specification for 600-volt d-c. overhead 
trolley construction; electrical safety rules for bitu¬ 
minous coal mines. 


Member-bodies—organizations or groups of The cordial arrangement between the Committee 

organizations whose representatives form the and the Division of Simplified Practise of the Depart- 

^A. E. S. C...... 23 ment oif Commerce has been continued during the year. 

National organizations included in the Member- The work of the Committee generally has increased very 

bodies ................................... 33 rapidly but it is expected that the new financial arrange- 

Representatives forming the Main Committee. 55 ments will make it possible to care adequately for the 

Stahdards^approvedtoJanuarylst, 1923....; 29 new projects. ; 

Standardsjupfor approval by the A. E. S. C. On '''- V. ^S,. National Committee df the I, E. C.-^s 

^J^uary 1 st, 19^..... . . . . 45 Committee has held two general meetings and the 

Projects having d^cial status (already apr Executive Council of the^Committee has held several 

proved, or on which work under way).... 121 meetings during the year. It has not be^ possible 
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for the Committee to work on proposals to the I. E. C. 
on the Rating of Electrical Machinery pending fur¬ 
ther progress by the A. E. S. C. Sectional Committee 
on that subject. To the meeting of the I. E. C. 
Advisory Committee on Rating held in Geneva, 
Switzerland, in November, recognizing the great 
desirability of general international discussion on 
the subject for the adjustment of differences of 
attitude and policy in regard to the basis arid specifi¬ 
cation of rating which had arisen shortly after the 
Brussels meeting of 1920, a delegation was sent repre¬ 
senting all the different views held in this country. 
The Advisory Committee was therefore able to obtain 
a very clear conception of the different views outstand¬ 
ing here, although our Committee made no proposals 
and assumed'a neutral open minded participation in the 
discussions of the subject. 

No restrictions were necessary in regard to the partic¬ 
ipation of the delegation in the work of the three 
other Advisory Committees, namely the Committees 
on Edison Screw Lamp Bases and Sockets, on Standard 
Pressures and on Graphical Symbols, and it took an 
active part in the work of all these committees. The 
outcome of deliberations on a uniform Edison socket was 
verj’- satisfactory, the prospect being opened of an 
internationally standardized socket. Complete report 
of the Committee has been filed with A. I. E. E. 

U. S. National Committee, International Com¬ 
mission on Illumination —This Committee has held 
during the past year two formal meetings and a num¬ 
ber of less formal conferences. 

The principal question before the Committee during 
the past year has been the matter of holding a plenary 
session of the I. C. I. in this country in 1924, It was 
voted at the Paris meeting of 1922 that such a meeting 
should be held, but the troubled conditions in Europe 
have somewhat clouded the prospects of success of such 
a meeting. However, it is still hoped that the original 
plan can be successfully carried out. Preliminary 
arrangements to that end have been quite fully dis¬ 
cussed and some of the necessary committees have been 
appointed, so that when the genera;! question is once 
decided, there need be no loss of time in getting to work. 

In the meantime the international committees of the 
Commission have been put into operation, and work is 
in progress which will come up for discussion at the 
next plenary session. 

Three of the delegates of the A. I. E. E. have been 
abroad during the year and have had useful discussions 
with officers of other National Committees regarding 
the work, with the result that in sevmal respects 
decided gains have been made. 

Cotnniittee on Safety Codes. —The work of the 
Committee on Safety Codes, which formerly related 
chiefly to the Electrical Codes, is gradually broadening 
to include various kinds of codes as they are being 
developed under the organization of the American 
Engineering Standards Committee. 


The Chairman of this Committee represents the 
Institute on the following committees: 

(a) The National Electrical Committee of the 
National Electrical Protective Association, which has 
to do chiefly with interior wiring, (b) The Sectional 
Committee of the A. E. S. C., for the revision of part 
2 of the National Electrical Safety Code, (c) The 
Sectional Committee of the A. E. S. C. on Safety Code 
for Electrical Power Control. 

The National Electrical Code is revised biennially, 
the latest revision becoming effective during the year 
1923. 

The Sectional Committee, for the revision of part 2 
of the National Electrical Safety Code, has been organ- 
nized into four subcommittees during the past year and 
the work is proceeding in an orderly way. 

The Sectional Committee on Safety Code for Electric 
Power Control has also been organized and is gathering 
data for the formulation of rules relating to this sub¬ 
ject. 

The Institute has been asked to designate representa¬ 
tives to act for it in the formulation of safety codes for 
electrical work in mines and for electrically operated 
elevators. In these cases the Safety Codes Committee 
has recommended the appointment of members of the 
Institute who are specialists in these subjects who are 
not members of the Safety Codes Committee. 

Research Committee. —The principal efforts of 
the Committee have been directed to the preparation 
of a comprehensive statement of the experimental 
problem in the field of research on electrical insulation. 
The results of this work are embodied in a report 
which will be published in the Journal for June 1923. 

In addition, the Research Committee has, through 
correspondence, endeavored to stimulate experimental 
work, has. urged the completion of several investi¬ 
gations already under way. 

Technical Committees. —Reports of Technical 
Committees embracing an outline of the year's work 
and a summary of progress in the industry will be 
presented at the Annual Convention and printed in the 
Journal. 

Membership. —The results of the Membership 
Committee's efforts this year are shown in the following 
table: 


Membership. April 30,1922... 

Honor¬ 

ary 

Member 

Fellow 

Member 

Assoc- 

ciate 

Total 

6 

558 

2,097 

11,602 

14,263 

Additions: 






Transferred. 


23 

110 



New'Members Qualified.... 


9 

125 

1,850 


Reinstated. 



11 

84 


Deductions: 






Died. 


5 

10 

48 


Resigned. 


2 

15 

206 


Transferred... .•. 



20 

115 


Dropped. 


7 

34 

717 


Membership, April 30,1923... 

6 

678 

2,264 

12,450 

15,298 


Net increase in Membership during the year. 


1036 
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Deaths —The following deaths have occurred during 
the year. 

Fellows: Clare F. Beams, John F. Kelly, Arthur B. 
Stitzer, Schuyler Skaats Wheeler, M. Yokura. 

Members: Frank J. Baker, Alexander Graham Bell, 
Harry H. Blades, Robert E. Chetwood, William Hamil¬ 
ton Garfield, William A. La Due, Alexander Lodyguine, 
William B. Vansize, George G. Ward, Valentine C. 
Wynne. 

Associates: George J. Blum, William J. Clark,William 
W. Comstock, Charles W. Davis, F. G. Dieterich, B. H. 
Elkins, Henry W. Elsasser, J. T. Fahy, David D. Faris, 
Walter G. Franz, Frank W. Frueauff, George H, Guy, 
Thomas S. Haddaway, T. T. Haldeman, Roscoe S. 
Helvie, Robert W. Hemphill, Jr., James H. Jeans, J. J. 
Hunter Johnston, Thomas F. Judge, Sadaharu Katsuno, 
P. 0. Keilholtz, Thomas W. Kennedy, J. E. Kershner, 
Frank P. Lewis, F, N. Maddux, F. L. Marsh, John 
Martin, Herbert S. Miller, Merritt B. Miller, 0. B. 
Moorhead, L. B. Newell, H. J. Norregaard, Clyde Pattee, 
John C. Pennie, James M. Petrie, Byrl C. Rathburn, 
Luke Robinson, Dwight C. Rockwood, William Russin, 
Walter Schmidt, H. E. Shaw, Frank Warren Smith, 
Ralph W. Stearns, Edward R. Tracy, Frank S. Wash¬ 
burn, William P, White, F. G. Wiswell, Walker Gill 
Wylie. 

Total deaths, 63. 

Board of Examiners. —The Board of Examiners 
during the year held ten meetings, averaging about two 
hours alnd 46 minutes each. It considered and re¬ 
ferred to the Bodrd of Directors a total of 4137 appli¬ 
cations for admission or transfer to the higher grades. 
This is an increase of about 20% over the figures of last 
year and is very close to the figures of the year ending 
April 30, 1921, the record year in Institute growth. 


Applications FOR Admission 
Recommended for grade of Associate...... 1934 

Not recommended..... 3 1937 

Recommended for grade of Member_ 104 

Not recommended for admission to this 
grade. 61 155 

Recommended for grade of Fellow.... 8 

Not recommended for admission to this 
grade........ 7 15 

Recommended for enrolment as Students... 1874 1874 

Applications FOR Transfer 
Recommended for grade of Member....... 93 

Not recommended for transfer to this grade.. 34 127 

Recommended for grade of Fellow......... 20 


Committee on Code of Principles of Professional 
Conduct.— During the year a new edition of the 
code as adopted by the Board of Directors in 1912 has 
been published, distributed, and commented upon in 
a number of the leading technical publications of the 
country. 

Since the adoption of the code by the Institute in 
1912, several other engineering societies have also 
adopted codes of conduct, including the national 
societies of civil and mechanical engineers^ and these 
other societies have also established committees, or 
other agencies, for the administration and enforce¬ 
ment of such codes. 

• American Committee on Electrolysis. —The Amer¬ 
ican Committee on Electrolysis as a whole has been 
inactive during the past year, but the work of the 
Committee is going forward gradually through the com¬ 
pilation by its Research Committee of data that it is 
believed will be valuable in the work of the main 
Committee. 

Scholarships. —The governing bodies of Columbia 
University placed at the disposal of the Institute a 
scholarship in Electrical Engineering beginning with 
the academic year 1922-23 and continuing until further 
notice. The scholarship pays $350 toward the flomifll 
tuition, and reappointment for completion of course 
is conditioned upon maintenance of good standing. 

Twd applications have been received for this scholar¬ 
ship for the year 1923-24 but no award has yet been 
made as neither applicant has submitted the informa¬ 
tion which will enable the committee to arrive at a 
decision. 

The announcement of the availability of the scholar¬ 
ship was made in the monthly Institute Journal and 
also by means of a circular letter addressed to the pro- 
fessom of electrical engineering in the principal educa¬ 
tional institutions of the country in which electrical 
engineering courses are given. 

. Institute Prizes. —^At the meeting of the Board of 
Directors of the Institute of April 16, 1921, recom¬ 
mendations were approved establishing two Institute 
prizes to be awarded yearly to authors of worthy 
papers. The 1921 Transmission Prize was awarded 
to F. C. Baum for his paper presented at the Salt Lake 
City Annual Convention, June 1921. Although all 
Sections were notified early in the year and announce¬ 
ments were printed in the Journal, no ^‘First Paper 
Prize” was awarded for the year 1921 as no paper was 
offered in competition. The awards for papers pre¬ 
sented in 1922 will probably be announced in June 1923, 

North Eastern District Prize.—In Deceih]^^ 
1922 the Executive Committee of the North E^t^ 


Not recommended for transfer to this grade.. 

Total number of applications considered... 
Applications reconsidered..........._^ 

Total... 


29 






4137 

il44 


District established acash prizeof $25.00, and ceitificate, 
to be awarded each year to the author of; most 
worthy paper present^ before any Sectidtt in Disfe 
No. 1 during the Institute year and who has hever had 
a paper published in the Journal or TrAN^ctIons. 
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For complete details and conditions of award see the 
Journal for April 1923. 

International Engineering Congress in Brazil.— 

On the invitation of the Brazilian Embassy to the 
engineering societies of this country the Institute 
appointed eight delegates to the International Engi¬ 
neering Congress, held in Rio de Janeiro, Brazil, 
September 7 to SO, 1922. A program calling for the 
presentation of a number of papers was arranged and 
carried out. For details see August, September and 
November Journals, 1922. 

Edison Medal.— The Edison Medal for 1922 has 
been awarded to Dr., Robert A. Millikan of Pasadena, 
Cal., for his experimental work in electrical science. 
The presentation will be made during the Pacific Coast 
Convention of the Institute at Del Monte, California, 
October 2-5, 1923. 

John Fritz Medal.— The John Fritz Medal Board 
of Award, which is composed of representatives of the 
national societies of Civil, Mining, Mechanical and 
Electrical Engineers, awarded the medal to Senator 
Guglielmo Marconi “for the invention of wireless 
telegraphy.” The medal was presented at a large 
^thering of engineers at the Engineering Societies 
Building, New York on the evening of July 6, 1922. 

Employment Service,— The employment service 
maintained for many years at Institute headquarters 
and dunng the latter part of 1918 coordinated with the 
simil^ service of the other Founder Societies, and 
which on January 1, 1921 was transferred to the 
auspices of American Engineering Council, was re¬ 
amed to the control of the Founder Societies under 
date of July 1,1922 and is now being conducted under 
the supervision of a Board consisting of the secretaries 
of these Societies for the benefit of members only. A 
cmmittee was appointed by the Societies to study the 
whole question of conducting and developing the 
service and the report has recently been prepared for 
consid^tion by the governing boards of the Societies. 

In addition to a direct service, the Bureau prepares 
an en^neering service bulletin which is published each 
month in the Institute Journal and it has served to 
place many members in positions of responsibility, both 
m this country and abroad. The bulletin is subdivided 
into two parts: one containing announcements of 
vacancies; and the other containing lists of men avail¬ 
able, with condensed records of their experience. All 
^nouncements are published without charge either 

members of the Institute 

seeking positions. 

American Engineering Societiea.- 

“P societies 

membership of 42,627 and 22 local 

STS? 7 .^ 190 ,an aggregate 
the number of members of 

participating societies was 41,932. American 

andiSdS® ^ fnnctioned with 64 delegates 

and held Its annual meeting in Washington on JanW 


11-12. The Executive Board composed of 30 members 
has held 4 meetings, namely: Pittsburgh, May 26-27, 
1922; Boston, Sept. 8-9,1922; Washington, at the tirae 
of the Annual Council meeting, Jan. 11-12, 1923; and 
Cincinnati, March 23-24,1923. In the interim between 
these meetings the Procedure Committee has held a 
number of meetings at irregular periods and whenever 
necessity required it. 

The meeting of the Council and meetings of the 
Executive Board and of the Procedure Committee 
have been very well attended and while developing the 
liveliest discussions regarding the various subjects 
under consideration, have been marked with an earnest¬ 
ness and sincerity of purpose that is very gratifying and 
by an ultimate harmony of conclusions. The views 
of the Institute representatives have been treated with 
theutniost consideration, and it is safe to say that no 
policies to which they have objected have ever been 
adopted. 

American Engineering Council has been active 
through its officers and Committees over a wide range 
during the year but as these activities have been 
clnonicled from month to month in the Journal, they 
will not be recapitulated here. It is believed that this 
organization is performing a very useful function. It 
is both serving the nation and increasing the prestige 
of engineers. The Institute’s representatives believe 
that the Institute took a wise step in supporting 
American Engineering Council and that it should re¬ 
tain its membership therein and continue to participate 
vigorously in its activities. 

United Engineering Society.— This Society per¬ 
forms for the national societies of Civil, Mining, Me- 
chanical and Electrical Engineers, certain specific acts 
which are governed by contracts; the primary function 
of the United Society being to hold in trust and to 
administer for these societies the Engineering Societies 
Bulling, in which the headquarters of the national 
societies are located. 

Exte^ from the annual financial report of the 

published in the 

March 1923 Journal. 

®®*“**“ Library.— The library of 
the Institute is combined with the libraries of the 
Mtional somebes of Gvil, Mining and Mechanical 
^gine^ a*ninistered as the "Engineering Societies 

tee^itTlT the Library Board of 

the United Engmeenng Society; this board is com- 

“®-ties 

In order to place the facilities of the library at the 
toposal of perso^ ,^Wing at a distance Jm New 

Id been established, 

f searchers and translators is 

f engineering topic, in 

abstracting, translatingbib- 
ographmg, statistical searches and reports, searches 
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for patent purposes, copjding, preparing reference cards, 
etc. 

An abstract of the annual report of the Engineering 
Societies Library covering the calendar year 1922 was 
published in the March 1923 Journal. 

Engineering Foundation. —Engineering Founda¬ 
tion is a trust fund established in 1914 by Ambrose 
Swasey, of Cleveland, Ohio, by gifts to United Engi¬ 
neering Society as a nucleus of a large endowment 
*‘for the furtherance of research, in science and in 
engineering, or for the advancement in any other 
manner of the profession of engineering and the good 
of manldnd.” It is administered by the Engineering 
Foundation Board upon which the Institute and 
other national engineering societies are represented. 
The Board is a Department of United Engineering 
Society. 

During latter part of 1922 in order to meet expanding 
activities, the office of Director of the Engineering 


Foundation was established and Alfred D. Flinn, who 
retired as Chairman of Engineering Division, National 
Research Council, was selected to fill the post. 

Representatives. —The Institute has continued 
its representation upon various national committees 
and other local and national bodies with which it has 
been affiliated in past yeai's, and has appointed repre¬ 
sentatives upon a number of new Sectional Committees 
of American Engineering Standards Committee and 
upon the Charles A. Coffin Fellowship and Research 
Fund Committee. A complete list of representatives 
is published frequently in the Journal. 

Finance Committee. —During the year the com¬ 
mittee has held monthly meetings, has passed upon the 
expenditures of the Institute for various purposes, 
and otherwise performed the duties prescribed for it in 
the Constitution and By-laws. 

Haskins and Sells, certified public accountants, have 
audited the books, and their report follows: 


ATLANTA 

BALTIMOR8 

BIRMINCHAM 

BOSTON 

BUFFALO 

CHICASO 

CINCINNATI 

CLEVELAND 

□ALLAS 

DENVER 

DETROIT 

KANSAS CITY 

LOS ANGELES 

MINNEAPOLIS 

NEWARK 

NEW ORLEANS 


HASKINS & SELLS 

CERTIFIED PUBLIC ACCOUNTANTS 
37 WEST 39th STREET 
NEW YORK 


NEW YORK 
PHILADELPHIA 
PITTBDUROH 
PORTLAND 

pbovidcncc 

SAINT LOUIS 

SALT LAKE CITY 

SAN DIEOO 

BAN FRANCISCO 

SEATTLE 

TULSA 

WATERTOWN 

HAVANA 

LONDON 

PARIS 

SHANGHAI 


^ May 14, 1923. 

American Institute of Electrical Engineers, 

33 West 39th Street, 

New York. 


AMERICAN INSTITUTE OF ELECTRICAL 

ENGINEERS 

Certificate op Audit 


Dear Sirs : 

Pursuant to engagement, we have audited your books 
and accounts for -the year ended April 30, 1923, and 
submit herewith our certificate and the following 
described exhibits and schedule: 

Exhibit “A”—General Balance Sheet, April 30,1923. 

Schedule No. 1 ^Reserve Capital Fund—Securities. 

Exhibit “B’" Summary of Income and Profit & 
Loiss for the Year ended April 30, 1923. 

Yours truly, 

Haskins & Sells 


We have audited the books and accounts of the 
American Institute of Electrical Engineers for the year 
ended April 30, 1923, and 

We Hereby Certify that the accompanying General 
Balance Sheet properly exhibits the financial condition 
of the Institute at April 30, 1928, that the Summary 
of Income and Profit & Loss for the year ended that 
date IS correct, and that the books of the Institute are 
in agreement therewith. 

HASKINS & SELLS 

New York, 

May 14, 1923. 



1124 


REPORT OF BOARD OP DIRECTORS 


Exhibit A. 


AMERICAN INSTITUTE OP ELECTRICAL ENGINEERS 
General Balance Sheet, Apbil 30, 1923 




Real Estate: 

One-Fourth Interest in United Engineering 
Societj- a Land, Building and Building Equip¬ 
ment, 2.1 to 33 West 39th Street (Depreciation 
carried cjn Books of United Engineering Society) 
EQt-li-MEN'T: 


Lihr.ir;.-—I'olumes and Fi.xtures . 

H orks of .Art, Paintincs. etc 


$40,383.06 

3,001.35 

Of&ce Furniture and Fi.'itnrc.<! 

Lcs£ Reserve for Depreciation (in- 

$15,309.25 


eluding $1,500 00 funded').. 

10,540.43 

4.768.82 

Tot.il Equipment. 



WosKiNT. Assets; 



Transactions, etc... 



Tc-xt and Crjver PaDtr. 

Badges. 


89,665.97 

753.73 



1.4/2.39 

Total Working .\sset .<5 



Current .Assets; 



Cash. 

Note.s Receivable—Advertisers. 


317,472.73 
1/10 Sin 

Accounts Receivable; 



.Members—For Dues 



Advertisers. 


lHb,9Uo. 12 

Miscellaneous. 


2,130.93 

Accrued Interest on Investments 
Accrued Interest on Bank Balances.. 


1,40o. 4o 

171.03 

Total Current Assets.. 






Sf-' . SI .438.67 

tnicugo, Burlington & Quincv Rail¬ 
road Company i% Bonds', 1938 

par value 85,000.00.. 

Accrued Interest_ 


4,868.75 

33.33 


S413.00 


I-ntercstional Electrical Congress of 
tet. Louis—Librarv Fund: 

Cash. 

New York City Bonds! lOS?! 

par value $2,000.00... o ojr c, 

New York Telephone Company 
4,'i‘A- Bond. 1939, par value 

tl.000.00. 

Accrued Interest..!!.. 


6,340.73 


878.73 

67.50 


3,375.06 


Maillaas Fund: 

Cash. 

Telephone Company 

^ 1939. par value 

SLOQO.QO. 

-Accrued Interest....!.. 


$31.38 


1 , 000.00 

22.30 


Midwinter Convention Fuad—Cash.. ^ 

De^prmatton of Furniture and Fistures'Pand-H 


1.073.88 

143.41 

l.oOO.OO 


Total Fuads. 
Total. 


LIABILITIES 

Current Liabilities: 

Accounts Payable... *11,280.4.3 

Dues Received in Advance... 2,984.11 

Entrance Fees and Dues Advanced by Applicants 

8489,785.17 for Membership. 431.50 

Subscriptions for "Transactions” received in 

. 1,203.00 

Total Current Liabilities. 

Fwd Reserves (Not Including Depreciation ReserviO : 

Rmcw Capit^ Fund. *30,010.09 

Life Membership Fund. q 34 q 75 

International Electrical Congress of St. Louis— 

Library Fund. 3 _q 73 0 ^ 

Mailloux Fund. ^ 073 gg 

Midwinter Convention Fund.! ’ *143 41 

Total Fund Reserves (not Including Depre¬ 
ciation Reserve). 

Surplus: Per Exhibit “B”.. .. 


SirvSO'.M) 1 


48,153.23 


11,894.09 


4J,744.(n» 

$5571,(154,83 


36,321.38 


43.244.09 

$629,597.86 



1629,607. e« 
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AMERICAN INSTITUTE OP ELECTRICAL ENGINEERS 
Summary op Income and Profit & Loss 
FOR THE Year Ended April 30, 1923. 

Exhibit B. 


Income: 


Entrance Fees... 

Dues. 

Students' Dues. 

Transfer Pees. 

Advertising. 

Journal" Subscriptions. 

Transactions Subscriptions 

Miscellaneous Sales. 

Badges Sold. 

Less Coat. 


S5,410.50 

4,751.72 


*10,767.95 

*102,610.26 

12,336.00 

1,285.00 

67,524.37 

5,449.33 

11,704.87 

5,338.76 


Interest on Securities in Reserve Capital Fund.. 

Interest on Bank Balances.... 

Interest on Notes Receivable.'.' 

Total. 


658.78 

1,183.18 

898.76 

7.60 


$269,764.86 


Expenses: 

Publications: 

Jotirnal. 

Transactions... 
Year Book.... 


*87,920.38 

9,697.32 

6,868.08 *104,486.78 


Meetings. 

Administrative Expenses. 

Sections Cdmmittee. !!!!!!! 

Membership Committee.. 

Standards Committee.| 

Finance Committee. 

Headquarters Committee. ] ] [ 

Code Committee.. 

International Electrqtecbhical Commission.. 

Interest on United Engineering Society Building 

Account.... 

President's Special Appropriation... •.. 

Honorary Secretary.[ 

American Engineering Standards Committee..!!. 

John Fritz Medal Award. 

Engineering Societies Library: 

Maintenance... *6,500.00 

Recataloging. 2,500.00 


12,017.13 

44,519.56 

22,715.55 

9,042.66 

362.68 

235.60 

85.00 

60.00 

493.95 

70.31 

710.00 

4,000.00 

1,505.44 

400.81 


8,000.00 


United Engineering Society Assessment. . 4,860.00 

Federated American Engineering Society. 14,484,25 


Forward... 

*Includes *71,315.00 allocated to subscriptions for 


*228,048.72 *269,764.86 
the Journal. 


Total Income—(Forward) :. *269,764. 86 

Expenses —(Forward).. $228,048.72 

Engineering Societies Employment Service. 3,800.00 

International Annual Tables. 100.00 


„ , . 231,948.72 

Net Intome . $;j7,S16.14 

Profit & Loss Charges: 

Uncollectible Dues Written, oil...... *0,620. IS 

Adjustment of Inventory of Furniture and Pi.\- 

tures, April 30. 1023. 74.7.'; 

Adjustment of Inventory of Transactions, 

April 30, 1923..,.,. 1,011.12 

Provision for Depreciation of Furniture anil 
. Fixtures. 8^2.1^> 


8,568.20 


Surplus for the Year. 

Surplus, May 1, 1922. 

Less Transferred to Capital Fund ReKcrve in 
Accordance with Resolution of Board of 
Directors... 

Surplus, April .30, 1923. 


$29,247.04 

$547,744..39 


5.0,37.50 542.706.81) 

$571,1)54.83 


AMERICAN INSTITUTE OF ELECTRICAL ENGINEERS 
Reserve Capital Fund—Securitiis.s, April 30, 1923 
Exhibit A. 

Schedule No. 1. 

The Detroit Edison Company 1st and RefuiuliiiK 6%, 

Series "B", Gold Bonds, cl«e 1940. 

The New York Central Railroad Company registered, 

3 %, Refunding and Improvement Mortgage Bonds! 

duo 201.3, Series "C".. I Oqq 

Chicago, Burlington & Quincy Railroad Company 5%, 
lat and Refunding Mortgage, Registered, Gold 

Bonds, Series "A", duo 1071. j qq 

Great Northern Railroad Company 5 } 4 %, General 
Mortgage, Registered, Gold Bonds, Scries "B”. 
due 1952. 

Southern Railway Company 5%, Ist Consolidated 

Mortgage, Registered, Gold Bonds, due 1994. 1,{K)0,00 

City of Wilmington, Delaware, 4K% Bonds, clue 19.34.. 1.5,000 

1000 Liberty Loan 4J|»% Bonds; due 

Total...... 


April 30, 

1923 

Par Value 

Book Value 

$1,000.00 

*1,040.00 

1 ,000.00 

980.00 

1 ,000.00 

1 ,010.00 

i.poo. 00 

1,027.60 

I.IKIO.OO 

980.00 

1.5,000.00 

15,57,3.49 

10 .000.00 

10 ,000.00 

$30,000.00 

*30,610.00 
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AMERICAN INSTITUTE OP ELECTRICAL ENGINEERS 
Statement op Cash Receipts and Disbuesements fob Designated Pubposes, 
Exhibit C. fob the Yeab ended Apbil 30, 1923. 


Receipts: 

Life Membership Fund. 

International Electrical Congress of St. Louis Library Fund— 

Interest and Royalties... 

Mailloax Fund—Interest.. 

Midwinter Convention Fund—Interest. 

Total. 

OlSBCRSEME.VTS: 

Life Membership Fund. 

Mailloux Fuad. 

Midwinter Convention Fund. 

Total. 


$265.40 

During 

136.05 

Year ending April 30.. 1 

45.00 

Membership, April 30, 

11.02 

each year.. 

$457.47 

Receipts per Member... 
Disbursements per 

$265.40 

Member. 

83.62 


110.48 

• Credit Balance per 
Member. 

$459.50 

*Deficit. 


Respectfully submitted for the Board of Directors. 

F. L. HUTCHINSON, Secretary. 
New York, May 18, 1923. 
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Officers A. I. E. E. 1922-1923 

PRESIDENT 

(Term expires July 31, 1923) 

PRANK B. JEWETT 

JUNIOR PAST-PRESIDENTS 

(Term expires July 31, 1923) (Term expires July 31, 1924) 

A. W. BERRESPORD WILLIAM MoCLELLAN 


(Terms expire July 31, 1923) 
N. W. STORER 
C. G. ADSIT 
P. W. SPRINGER 
ROBERT SIBLEY 
P. R. EWART 


vice-presidEnts 

(Terms expire July. 31, 1024) 

G, PACCIOLI 
W. I. SLIGHTER 

R. P. SCHUCHARDT 

H. W. BALES 
H. T. PLUMB 


MANAGERS 


(Terms expire July 31, 1923) 
L. E. IMLAY 
P. P. POWLE 
L. P. MOREHOUSE 
(Terms expire July 31,1925) 
R. B. WILLIAMSON 
A. G. PIERCE 
HARLAN A. PRATT 


(Terras expire July 31, 1024) 
HAROLD B. SMITH 
JAMES P. LINCOLN 
E. B. CRAFT 
(Terms e^^ira July 31, 1926) 
H. M. HOBART 
ERNEST LUNN 
G. L. KNIGHT 


TREASURER 


SECRETARY 


(Terms expire July 31, 1923) 

GEORGE A. HAMILTON P. L. HUTCHINSON 

HONORARY SECRETARY GENERAL COUNSEL 

RALPH W. POPE PARKER & AARON, 

30 Broad Street, Neur York. 
PAST-PRESIDENTS—1884-1922 


*Norvin Green, 1884-5-6. 
♦Franklin L. Pope, 1886-7. 

T. COMMERFORD MARTIN, 1887-8. 
Edward Weston, 1888-9. 

Elihu Thomson, 1889-00. 

♦William A. Anthony, 1890-91, 
♦Alexander Graham Bell, 1891-2. 
Prank Julian Sprague, 1892-3. 
♦Edwin J. Houston, 1893-4-5. 
♦Louis Duncan, 1895-6-7. 

♦Francis Bacon Crocker, 1897-8. 
A. E. Kbnnelly, 1898-1900. 

Carl Hering, 1900-1. 

Charles P. Stbinmetz, 1901-2. 
Charles P. Scott, 1902-3. 

Bion J. Arnold, 1903-4. 

John W. Lied, 1904-5. 

♦Deceased. 


♦Schuyler Skaats Wheeler, 1905-6. 
♦Samuel Sheldon, 1906-7. 

♦Henry G. Stott, 1907-8. 

Louis A. Ferguson, 1908-9. 

Lewis B. Stillwell, 1909-10. 

Ducald C. Jackson, 1910-11, 

Gano Dunn, 1911-12. 

Ralph D. Mershon, 1912-13. 

C. 0. Mailloux, 1913-14. 

Paul M. Lincoln, 1914-16. 

John J. Carty, 1915-16. 

H. W. Buck, 1916-17. 

E. W. Rice, Jr„ 1917-18. 

Comfort A. Adams, 1918-19. 

Calvert Townley, 1910-20. 

A. W. Berrbsforo, 1920-21. 

William McClellan, 1921-22. 


LOCAL HONORARY SECRETARIES 

Carrol M. Mauseau, Caixa Postal No. 571, Rio de Janeiro, Brazil, S, A, 
Charles le Maistre, 28 Victoria St., London, S. W. Ty..T g1fl nd 

A. S. Garfield, 45 Bd. Beausejour, Paris 16 E, Prance. 

H. P. Gibbs, Tata Sons, Ltd., Navsari Buildingr, Port Bombay, India. 
Guido Semenza, N. 10 Via S. Radegonda, Milan, Italy. 

Lawrence Birks, Public Works Department, Wellington, New Zealand. 
W. Elsdon-Dew, P. O. Box 4563, Johannesburg, Transvaal, Africa. 


A. I. E. E. Committees 

GENERAL STANDING COMMITTEES 

EXECUTIVE COMMITTEE 
P. B, Jewett, Chairman, 195 Broadway, New York. 

A. W.Berr^ord, H. M. Hobart, R. P. Schuohardt. 

G. A. Hamilton, L. P. Morehouse, W. I, Sliohter, 

FINANCE COMMITTEE 

L. P. Morehouse, Chairman, 195 Broadway, New York. 

C. G. Adsii, G. L. Emight. 

MEETINGS AND PAPERS COMMITTEE 

B. E. P. Creighton, Chairman, General Electric Co., Schenectady N Y 

J.C. Clark,: John Mills, A. G. Pierce. ’ ' 

L. W. W. Morrow, ; ^ 

Chairman of Committee on Cpordmation of Institute Activities. 
Chairmen of Technical Committees. 

Chairmen of Sections. 

PUBLICATION COMMITTEE 

Donald McNicol, Chai^an, 132 Union Road, Roselle Park. N. J. 

B. E. P. Creighton, ■ P. L. Hutchinson, IWm, MoClMlan. 

L. P. Morehouse, 


COMMITTEE ON COORDINATION OP INSTITUTE ACTIVITIES 

W. I. Slichter, Chairman, Columbia University, New York. 

E. E. P. Creighton, P. L. Hutchinson, 

L. P. Morehouse, 


Donald McNicol. 


BOARD OP EXAMINERS 

H. H. Norris, Chairman, 211 Lorraine Avo., Upper Montclair, N. J. 
Philander Betts, G. L. Knight, J. H. Morccroft, 

E. H. Eyerit, Donald McNicol. N. L. P.illanl, 

Erich Hausmann, E. M. Sawtolle. 

SECTIONS COMMITTEE 

A. W. Berresford, Chairman, 303 Hotel Astor, Mihv.aukcc, Wis. 

C. P. Harding, Vice-Chairman. 

John B. Pisfcen, H. B. Smith, J. Lloyd Wayne. 

Chairmen of all Sections. 

COMMITTEE ON STUDENT BRANCHES 
Harding, Chairman, Purdue University, Lafay.ettc, Ind. 

A. C. Lanier. C, E. Magnusson, 

Charles P. Scott, 


Harold B. Smith. 


MEMBERSHIP COMMITTEE 
R. B. Howland, Chairman. 125 E, 40th St.. New York. 

W. L. Amos. p. L. Kemp, II. T. Plmnh, 

R. L. Dood, J. E. MacDonald, M. IS. Skinner, 

Postal, G. H. Middlomias, J. L. Woodress, 

R. D. Pnikcr. 

ICBADQUARTERS COMMITTEE 
E. B. Craft, Cliairman, 463 West St., New York. 

P. L. Hutchinson, L. P. Morehouse. 

LAW COMMITTEE 

H. H. Barnes, Jr., Chairman, 120 Broadw.ay, New York. 

P. R. Ewart. O. E. Polk. . Charle.s A. Terry. 

P. Junkorsfcld, 

PUBLIC POLICY COMMITTEE 
H. W. Buck, Chairman, 40 Wtdl Street. Now York, 

Gano Dunn, * John W. Liob, C. R. ,Sktnn.*r, 

William McClellan, 

COMMITTEE ON CODE OP PRINCIPLES OP PROFESSIONAL CONDUCT 
John W. Lieb, Chairman, 124 E, I6th St., New York. 

C. A. Adams, G. Paccioli, George P. Sever, 

A. H. Babcock, C. E. Skinner, H. S. Wynkoop. 

COMMITTEE ON SAFETY CODES 
H. B. Gear. Chtiirman, 72 West Adams St., CJiicago, Ill. 

Parley Osgood, 

J. C. Forsyth, Ernest Lunn, II. R. Sargent, 

H. O. Lacount, Wills Maclnchlan, A. M. Schocn. 

Johnston Livingston, R. W. B. Moore, H. S. Warren 

H. N. Muller, 

STANDARDS COMMITTEE 
Executive Conunittee 

Harold lender, Chairman, University’of Pennsylvania, Philadelphia, Pa. 

H. S. Osborne, Secretary, 106 Broadway, New York. 

M A. Lardner, p. d. Nowbnry. 

?• A- MttcCutcheon, P, L. Rhodes, 

G. L. Knight. J. p. Meyer. L. T. Robinson. 

C. E, Skinner. 

Chairmen of A. I. E. E. delegations on other standardizing bodies. 

Chairman of Working Committees of Standards Committee. 

EDISON MEDAL COMMITTEE 
Appointed by the President for term of five years. 

„ . . (Term expires July 31, 1923) 

Frederick Bedell, L. T. Robimson. Calvert Townley. 

_ . (Term expires July 31, 1024) 

E. D. Adams, Chairman, H. H. Barnes, Jr„ B. G. Lamme. 

„ ^ (Term expires July 31, 1025) 

H. M.Byne8by, D. E. Drake, W. L. R. Emmet. 

(Term expires July 31, 1020 ) 

B. A. Behrend, John H. Finney, C. S. Ruffner. 

(Term expires July 31. 1927) 

Gano Dunn, P. A. Scheiller, W. R, Whitney 

Elected by the Board of Directors from Us own membership for term of two yem 
. _ „ (Tertn expires July 31, 1923) 

A. W. Berresford, L. P. Morehouse. R. B. Williamsea, 

^ (Term expires July 31, 1924) 

B. B. Craft, G. PapeioH, William MoOfellaa. 

- Ex-Officio 

rank B. Jewett, Preside^r _ George A. HamStda, Treasurer, 

P. L, Htitchittson, Secretary. 
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COMMITTEES AND REPEESENTATIVES 


RESEARCH COMMITTEE 

J. B. Whitehead, Chairman, Johns Hopkins University, Baltimore, Md. 


B. A. Behrcnd, 
Edward Bennett, 

F. S. Clark, 

£. H. Colpitts, 

E. E. F. Creighton, 
W. A. Del Mar, 


W. P. Dobson, 

C. I. Hall, 

L. A. Hawkins, 

D. C. Jackson, 
A. E. Kennelly, 
J. R. Klumpp, 


M. G. Lloyd, 

L. P. Morehouse, 

G. W. Pierce, 

H. J. Ryan, 

C. H. Sharp, 

C. E. Skinner. 


SPECIAL COMMITTEES 
COLUMBIA UNIVERSITY SCHOLARSHIP 
Francis Blossom, Chairman, 52 William St., New York. 


Frank B. Jewett, 


W. I. Slichter. 


AWARD OF INSTITUTE PRIZES 

E. E. F. Creighton, Chairman, General Electric Co., Schenectady, N. Y. 
Chairmen of Technical Committees. 

TECHNICAL COMMITTEES 

EDUCATIONAL 

IrV. E. Wickenden, Chairman, 195 Broadway, New York. 

W. C. Bauer, C. E. Magnusson, Harold B, Smith, 

Edward Bennett, G. H. Pfeif, W. L, Upson, 

C. R. Dooley, H. W. Price, J. B. W'hitehead, 

Charles S. Howe, Charles F. Scott, Wm. R. Work. 

ELECTRICAL MACHINERY 

B. A. Bebrend, Chairman, 85 Deveonshire St., Boston, Mass. 

A. S. McAllister, Secretary-, 455 W. 153rd St., New York. 

B. L. Bams. V. A. Fynn, p. M. Lincoln, 

R. E. Brown. David Hall, H. P. Liversidge, 

James Burke, H. U. Hart, p. D. Newbury. 

N. A. Carle, H. M. Hobart. R. F. Schuchardt, 

G. Faccioli, V. Karapetoff. Philip Torchio, 

W. J. Fester, Williamson. 

ELECTROCHEMISTRY AND ELECTROMETALLURGY 
J. L. Yardley, Chairman. W. E. & M. Co., East Pittsburgh, Pa. 

P. G. Clark, Carl Hering, J. A. Seede, 

Saul Dushman, L. E. Imlay. G. W. Vinal. 

ELECTROPHYSICS 

F, Vi. Peek, Jr., Chairman, General Electric Co., Pittsfield, Mass. 

Wm. Fondiller, Chester W. Rice. 

L. W. Chubb, Charles Fortescue, P. B. Silsbee, 

J. C. Clark, Roy S. Glasgow, H. B. Smith, 

C. P. Eldred, E. P. Hyde. J. B. Whitehead. 

J. H. Morecroft, 


H. D. James, 
P. H. Adams, 
S. F. Davies, 


G. A. Sawin, 
P. A. Borden, 

H. B. Brooks, 
F. P. Cox. 

E. D. Doyle, 


INDUSTRIAL AND DOMESTIC POWER 
Chairman, "W. E. & M. Co., East Pittsburgh. Pa. 

C. W. Drake, H. W. Rogers, 

T. D. Montgomery, W. I. Slichter. 

INSTRUMENTS AND Measurements 

Chairman, W. E. & M. Co,. East Pittsburgh, Pa. 

A. L. Ellis, Irving B. Smith, 

Paul MacGahan, H. C, Snook, 

P. V. Magalhaes, F, W. Springer. 

H. S. Vassar. 


IRON AND STEEL INDUSTRY 
E. S. Jefferies. Chairman. Steel Co. of Canada. Hanulton. Ont. 

P. B. Crosby. W. S. H^l, G. E. Stolte, 

Gordon Fox. E. T. Moore. N W 

Euwne Fric^aender. D. M. Petty. Wilfred Syk®;. 

R. B. Gerhardt. J. D. Wright, 

LIGHTING AND ILLUMINATION 

a; S C^tT' G. E. Cm. Ha^on. N. J, 

Henry Logan. Charles Scott 

?'f F^r^"' f S. McAllister. B. E. ShLS. 

P. P. Powle. J. p. Meyer. W. M. Skiff. 

MARINE 

Chairman, W. Cramp & Sons S. & E. B Co PhilaiiAint,- d 

W. F. Meschenmoser, 


MINES 

Graham Bright, Chairman, W, E. & M. Co., East Pittsburgh, Pa. 
Willard C. Adams, L. C. Ilsley, D. C; McKeehan, 

R. T. Andrae, G. M. Kennedy, W. F. Schwedes, 

C. N. Beebe, R. L. Kingsland, F. L. Stone, 

M. C. Benedict, A. B. Kiser, W. A. Thomas, 

H. W. Bales, C. D. Woodward. 

POWER STATIONS 

Nicholas Stahl, Chairman, Turks Head Building, Providence, R. I. 

H. A. Barre, P. C. Hanker, D. C. McClure, 

J. T. Barron, C. F. Hirshfeld, I. E. Moultrop, 

A. E. Bauban, H. A. Kidder, . A. L. Penniman, 
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